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\BBÉ AUTOCOLLL\L\TIXG EYEPIECE-ALDIS 
PHERÛ)IETER 
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ABBÉ AUTOCOLLI\IATIXG EYEPIECE. See 
" Goniometry," g (1). 
ABBE REFR..\.CTO:\IETER: an instrument for 
the rapid determinatiun of refractive in- 
dices, principally of liquids. See" Spectro- 
scopes and Refractometers," 
 (14). 
I .dBBÉ SPHERO)IETER. See" Spherometry," 

 (3). 
ABBÉ THEORY OF )!ICROSCOPIC VISIOY. See 
.. )Iicroscope, Optics of the," 
 (23). 
ABBÉ's AUTOCOLLDIATISG SPECTROSCOPE: a 
spectroscope for the determination of re- 
fractive indices of soJids requiring the use 
of a minimum of material. See" Spectro- 
scopes and Refractumeters," 
 (12). 
ABBÉ'S CRYSTAL REFRACTO)IETER: an instru- 
ment primarily intended for the measure- 
ment of refractive indices of crystals, but 
suitable also for other substances. See 
" Spectroscopes and Refractometers," 
 (15). 
ABBÉ'S :.àIETHOD OF ADJrSTl
G RAXGE- 
FIXDERS. See ,. Rangefinder, Short-base," 

 (14). 
ABERRATIOX, SPHERICAL, stated by Lord Ray- 
leigh to be unimportant when it nowhere 
exceeds a small fraction of the wa ve- 
length. See" Optical Parts, The 'V orking 
of," 
 (3). 
General Theory of, for Lenses. See" Op- 
tical Calculations," 

 (8), (21), (22); also 
"Lens Systems, Aberrations of," 
 (5) (iv.). 
ABERRATIOX OF C_-\.::\lERA LEXSEs, SPHERICAL 
A
D CHRO:\IATIC. See "Camera Lenses, 
Testing of," 

 (2), (3), and (II). 
ABERRATIOY OF LE
sEs. See" Optical Cal- 
culations," 
 (8); also "Telescope," 
 (3); 
" Lens Systems, Aberrations of," 
 (5); also 
"Photographic Lenses," 
 (8). 
ABERRATIO
S, )IEASURE'IEXT OF. See" Ob- 
jectives, Testing of Compound," 
 (3). 
Hartmann's method. See ibid. 
 (3) (iii.
. 
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::\Iicroscope method. See ibid. 
 (3) (i.). 
Shadow method. See ibid. g (3) (ii.). 
ABERRATIOYS OF OBLIQUE PE
CILS I:Y :l\IICRO- 
SCOPE SYSTE::\IS. See" )Iicroscope, Optics 
of the," 
 (19). 
ABERRATIOXS OF TELESCOPES, PRACTICAL 
TREAT::\IEXT OF. See.' Telescope," 
 (4). 
Yon Seidel's FÍ\
e Aberrations. See 'ibid. 

 (3). 
.dBRASI05, CHARACTERISTIC FEATuRES OF. 
See" Optical Parts, The 'Yorking of," 
 (6). 
ABSORPTIOX COEFFlCIEXTS OF X-RAYS. See 
" Radiology," 
 (17). 
.dCCO::\DIODATIOX: the proces'3 by which the 
eye adapts its focus to ,-arying distances. 
See" Eye," 
 (20). 
ACHRO)IATIS::\I OF TELESCOPE LEXSEs. See 
" Telescope," 
 (9). 
ACOUSTICS, ARCHITECTL"RAL: Jaeger's Treat- 
ment. See" Sound," g (22) (iii.). 
)Iarage's 'York on halls in Paris. See 
,ibid. 
 (22) (i.). 
Sabine'R 'York. See ibid. 
 (22) (i.). 
'Yatson's Investigations. See ibid. 
 (22) 
(h". ). 
ACTIVE DEPOSIT: a term used in radio- 
activity to denote the deposit of active 
matter on the surface of bodies which have 
been exposed for some time to the emana- 
tions from radio-elements. See "Radio- 
acth
ity," 
 (18). 
Act'"ITY, YISUAL, the clearness with which 
the e
-e can see detail. See" Eye," 
 (28). 
ADAPTATIOX, DARK: the highly sensiti\""e 
condition of the eye when kept in darkness 
for some time. See" Eye." 
 (15). 
AIR, DUST-FREE, E"'\:PERnIE
TAL OBSERVATIO
 
OF SCATTERIXG OF LIGHT BY. See" Scatter- 
ing of Light by Gases, etc.," 
 (3). 
ALDIS SPHEROMETER See" Spherometry," 

 (4). 
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LÇFBLtAIC :\IETHODR-AZL\IFTH. [)ETER
IIXATIOX OF 
::.r....: 


_\L{jE

AIO ',IETHOL;,lS ap'plied to the' tracing of 
!
b.J
 thr\)..tgh. a- 'Series of coaxial spherical 
refracting surfaces. See" Optical Calcula- 
tions," 
 (2). 
ALIDADE OR SIGHT-RULE, THE. Ree" Survey- 
in
 and Surveying Instruments," 
 (18). 
ALKALI
E CARBOX ATE
, AC'TIOX ON GLASS. 

ce "Glass, Chemical Decomposition of," 

 (2) (iv.). 
ALKALIS USED I
 GLASS ::\IANUFACTURE. See 
" Glas8," 
 (.3). 
ALTLR
ATI"\G CrRRE
T, EFFEC'T OF, ON LIFE 
OF ELECTRIC L.urrs. See" Photometry and 
Illumination," 
 (92). 
ALL
UXA, U::5E OF, I
 GLASS :\IA
UFACTURE. 
See" Glass," 
 (10). 
ALU:\UXA IX GLAS
, presence renders it resistant 
to water attack. See "Glass, Chcmical 
Decomposition of," 
 (1). 
A'IPLITUDE, l\lINIMV)l ....\.-rDIBLE, of a sound. 
Ree " SoumI." 
 (.37) (iv.). 
A
GLE OF BE-uf" projected by practically 
useful searchlights for long-range work. 
See" Projection Apparatus." 
 (8). 
A
GLES {OF PRIS:\lS), .:\IEASUREl\IENT OF. See 
" Goniometry." 
ÅXGSTRÙ:\f: publisher, in 18ü8, of a map of 
the Normal Solar Spectrum, in which the 
wave-length measurements were expressed 
in ten-millionths of a millimetre. This 
unit of length, 1 x 10- 10 metre, the" Âng- 
strÖm Unit," is now almost universally 
used in measurements of the \Va ve-Iength 
of light. See" "rave-lengths, The .:\Ieasure- 
mcnt of," 
 (1). 
APERTURE OF STOPS, EFFECTIVE. See "Camera 
Lenses, Testing of," 
 (8). 
APLA
 .\.TIC HEFRACTIOX: refraction by an 
optical surface under such conditions that 
spherical aberration is completely absent. 
See " )Iicroscope, Optics of the," 
 (5). 
Used by Abbé to imply absence of both 
splH'rical aberration and coma. See 
" Optical Calculations," 
 (J 1). 
AQUEOUS II U:\IOUR, one of the fluids contained 
in the eyeball. See" Eye," 
 (2). 
ARc, DUDDELL'S SPEAKING, as sound repro- 
ducer. Ree" Sound," 
 (.38) 
ARSE
IC, USE OF, IN GLASS )IA:ST"FACTURE 
See" Glass," 
 (13). 
ARTIFICIAL HORlzo:s. :-;ee" Navigation and 
Navigational Instruments," 
 (22). 
Difficulties in use on board ship. Sf'f" 
ibid. 

 (6), (21). 
A'3TIGMATIS:U (of eye). See" Eye," 
 (25). 
One of the aberrations from which the 
performances of an optical instrument 


may suffer. See" Telescope," 
 (3); 
"Lenscs, Theory of Simple," 
 (11). 
Measurement of, in eamera lenses. See 
" Camera 1..enses, Testing of," 
 (6). 
ASTRONO:\UC'AL )IETHODS, used in navigation. 
See "Savigation and .Kavigational lnstru- 
menta," 
 (3). 
AT::\IORPHERIC ABSORPTION OF LIGHT. See 
" Photometry and Illumination," 
 (117). 
AT:\IOSPHERIC' DUST, EFFECT ON GLASS SUR- 
FACES. See" Glass, Chemical Decomposi- 
tion of," 
 (1). 
ATOMIC DIA:\IETERS, LAW OF: a law, deduced 
by Prof. ,Yo L. Bragg, which states that 
the atoms of each chemical element possess 
the same diameter in all the compounds 
yet studied by X-ray analyses, these 
diameters being related in a manner f':imilar 
to the relations of thcir atomic volumes. 
See" Crystallography," * (18). 
AUBERT AND Ii'ORSTER, constructors in 184-7 
of a perimeter upon which most of the 
subsequent instruments have been hased. 
See " Ophthalmic Optical Apparatus," 
 (5). 
AUDITION, LUUTS OF. See" Sound," 
 (57) 
(iii. ). 
AUTOCOLLIMATING EYEPIECE: an eyepiece 
with which is associated a device for throwing 
light on the cross-lines in such a way that 
if the telescope is placed normal to a plane 
reflecting surface a reflected image of the 
cross-lines .will be seen in the field of view. 
See" Goniometry," 
 (1). 
AUTO)iOBILE HEADLIGHTS, PHOTOMETRY OF. 
See" Photometry and Illumination," 
 (113). 
AVERAGE CANDLE-POWER. Synonymous with 

Iean Spherical Candle-power. See" Photo- 
metry and Illumination," 
 (2) and 
 (42) 
et seq. 
A VERAGE LIFE OF AN ATOM, PERIOD OF: a 
term used in Radioactivity to denote 
the sum of the separate periods of future 
existence of all the individual atoms divided 
by the number in existence at the starting- 
point, any instant of time being taken as 
the starting-point. See" Radioactivity," 

 (8). 
AXIS, OPTIC', OF A CRYSTAL: a direction in 
the crystal such that light waves travelling 
along it are not doubly refracted. See 
" Light, Double Rf'fraction of." 
AXIS OF SINGLE RAY VELOCITY OF A CRYSTAL: 
the line joining the centre of Fresnel's 
ellipsoid to the point of intersection of the 
eircular and elliptic principal sections of 
the wave surface. See" Light, Double Re- 
fraction of." 
AZIMUTH, DETERMINATION OF. See" Survey- 
ing and Surveying Instruments," 
 (28). 
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AZDIUTH )IIRROR, for use at sea. See 
"Xavigation and Navigational Instru- 
ments," 
 (2:3). 
a-Particle, charge carried by. See" Radio- 
activity," 
 (11) (vi.). 
Xature of : a helium atom carrying two unit 
positive charges. See ibid. 9 (II) (vii.). 
Ratio of Charge to )Iass of, determined by 
measuring the deflections produced re- 
spectively in a magnetic and in an electric 
field. See 2'bid. 
 (11) (v.). 


a-Particles, counting of, by (a) the scintillation 
method, and (b) the electrical method. 
See" Radioactidty," 
 (11) (iv.). 
Tracks of, made vÜ:iÏble by the expansion 
method due to C. T. R. \\ïlson. See ibid. 

 (11) (iii.). 
a-Rays, action of, on .Photographic Films. See 
" Radioacth-ity," 
 (I5). 
Range of. See 2'bid. 
 (11) (i.). 
Stopping Power of :Metal Foils for. See ibid. 

 (11) (ii.). 


--B- 


BABIXET'S CO)lPE
SATOR: an instrument for 
determining the constants of an elliptically 
polarised beam. See" Polarised Light and 
it
 Applications," 
 (15) (iii.). 
B-\.LLISTIC DEFLECTIOX OF GYRO COMPASS. 
See "Xavigation and Navigational Instru- 
ments," 
 (15). 
BALLISTIC TILT OF GYRO COMPASS. See 
"Xavigation and N"avigational Instru- 
ments," $ (15). 
BAL:\lER SERIES: a series of lines in the 
spectrum of hydrogen, the freq uencies of 
which were noticed by Balmer in 1882 to 
follow the law JI =1\(1/2 2 -1/n'!.), where N is 
a constant and n has integral values greater 
than 2. This can be deduced as a conse- 
quence of the quantum theory. See 
., Quantum Theory," 
 (7). 
B -\.L)lER'S FOR)lULA: the first successful 
representation of a series of lines in a 
spectrum, which represents, to a high 
degree of accuracy, the chief series of lines 
in the spectrum of hydrogen, by the formula 
1n 2 
). = 3U-H)'1-l
 4 ' 
m- 
where m takes a series of integral values 3, 4, 
5, etc. See" Spectroscopy, ::\Iodern," 
 (10) 
(i. ). 
B -\.R, FREE-FREE: calculation of frequencies 
of vibration of. See" Sound," 
 (52) 
(viü. ). 
BARIU:\I, USE OF, IX GLASS .MAYUFACTURE. See 
" Glass," 
 (7). 
BARR AXD 
TROUD HEIGHTFI
DER, anti. 
aircraft. See" Rangefinder, Short-base," 

 (8). 
BARR AXD STROUD RAXGEFIXDER. See 
" Rangefinder, Short-base," 
 (6). 
BARR AKD STROUD'S 
IETHOD OF ADJUSTI
G 
RAXGEFIXDERS. See" Rangefinder, Short- 
base," 
 (14). 
BARS ASD TUBEs, LATERAL YIBRATIONS OF, 
used in orche8tras under the name of 
glockenspiel. See" Sound," 
 (48). 


BASE :\IEASURE!\IENT IX THE X IXETEEXTH 
CEXTURY. See
' Sun.eying and Surveying 
Instruments," 9 (40). 
BASE 
IEASrRE:\IEXT::;, :\IODERX, by the Ameri- 
can "Duplex" bar apparatus. See" Sur- 
,-eying and Surveying Instruments," 
 (41) 
(i. ). 
BASE-LIXE 
IEAsrRE:\lExT, GEXERAL. See 
"Surveying and Sun'eying Instruments," 

 (38). 
BASSOOY: a wind instrument played with a 
small dOll ble-cone reed and having a conical 
tube. See" Sound," 
 (35). 
BATES ASD JACKSOX, investigation of rotation 
by sugar of plane of polarisation of light. 
See" Saccharimetry," 
 (5). 
BATES'S SACCHARDIETER: an instrument in 
which the adjustment of the analyser is 
automatically made as the half shadow 
angle is varied by rotating the whole 
Lippich prism of the polariser. See 
" Saccharimetry," 
 (3). 
Correction required for loss of light by 
absorption and reflection at the half 
Lippich, calculated by "Tright and 
tabulated. See ibid. 
 (3). 
BECHSTEI
 PHOTO:\IETER: a form of flicker 
photometer. See "Photometry and Illu- 
mination," 
 (97). 
BELL, VIBRATIOXS OF A. See "Sound," 

 (50). 
BELLIXGHA
I AXD STAXLEY'S POLARDIETER. 
See "Polarimetry;' 
 (12) (ii.), 
 (13) 
(ii. ). 
BESCH, OPTICAL: an apparatus for examining 
the chief characteristics of a simple spherical 
lens. See" Lenses, The Testing of Simple." 
BEXCH, PHOTO:\IETER. See" Photometry and 
Illumination," 
 (19). 
BEXCH l\IARKs OF THE ORDXAXCE SrRVEY. 
See "Surveying and SunTeying Instru- 
ments," 
 (34). 
BUXIAL CRYSTAL: a crystal having t\\O 
optic axes. See" Polarised Light and its 
Applications," 

 (5), (ü), and (18). 
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BIPRIS:\I, FRESXEL'S-CA)IERA, AERIAL 


BIPRIS:\I, FRES
EL'S: an experimental ar- 
rangement for the production of interference 
fringes, using refraction through a biprism 
to form two adjacent \Tirtual images of a 
source of light. See" Light, Interference 
of," 
 (4) (h T .). 
BIQUARTZ: the name given to a device for 
measuring the rotation of the plane of 
polarisation of light by a substance; the 
device consists of two semicircular discs of 
quartz, 3.7,) mm. thick, between parallel 
nicols, one half being right-handed quartz 
and the other left-handed quartz. See 
" Polarimetry," 
 (2). 
BLACK BODIES AXD RADIATION. See" Radia- 
tion Theory," 
 (4). 
BLOCH.S )IETHOD OF C-\LCULATING AVERAGE 
ILLU:\UXATION. See" Photometry and Illu- 
mination," 
 (70). 
BLOXDEL'S PHOTOJIETER: a photometer for 
the determination of average candle-power. 
See" Photometry and Illumination," 
 (43). 
" BOILISG" TUBE: an X-ray "gas" tubE:' 
in which the anticathode is kept at a 
constant temperature by boiJing water. 
See" Radiology," 
 (12). 
BOLO:\IETER: an instrument for investigation 
of the infra-led spectrum; the temperature 
of a very fine strip of metal is measured in 
terms of the change of its electrical resist- 
ance, the strip being heated by radiation. 
See" \Yave-Iengths, The Measurement of," 

 (7). 
BOJIBARDON, BB") :\Ionster: a brass wind 
instrument with valves. See" Sound," 

 (44). 
E?: a brass wind instrument with valves. 
See ibid. 
 (44). 
BORIC ACID, renders glass resistant to \vater 
attack. See" Glass. Chemical Decomposi- 
tion of." 

 (1) and (2). 
BORIC OXIDE, USE OF, IK GLASS :MANUFACTURE. 
See " Glass," 
 (ll). 
BOSANQUET'S CYCLE OF FIFTY -THREE: a 
particular musical temperament which gives 
as near an approach to just intonation as 


-c 


CALIBRATION OF RAKGE-SCALES OF RANGE- 
FIXDERS. See "Rangefinder, Short-base," 

 (I!)). 
CAMERA, AERIAL Sop" Photographic Ap- 
paratus," 
 (12). 
Copying: a type of camera used for the 
photography of flat surfaces. Fee ibid. 

 (3). 
Field or Portable. See ibz:d. 
 (2) (i.). 
Hand: a general term for cameras devised 
especially for exposures of brid duration. 
See ibid. 
 (II). 


could be demanded from any instrument 
,\ith fixed keys. See" Sound," 
 (6) (i.). 
BOUGIE ÐÉCDIALE: a French standard of 
light. See "Photometry and Illumina- 
tion," 
 (14). 
BRACE SPECTROPHOTOMETER. See" Spectro- 
photometry," 
 (12). 
BRACE'S POLARIl\IETER. See" Polarimetry," 
9 (II) (iii.). 
BRASHEAR'S OR SUGAR METHOD OF SILVERIXG 
MIRRORS; details of solutions and process. 
See "Sil vered l\Iirrors and Sil vering," 

 (2) (ii.). 
BRASS BAND, V ALVED INSTRU
IENTS OF. See 
" Sound," 
 (44). 
BREWSTER'S LAW. If light be incident upon 
the surface of a transparent body in such a 
direction that the tangent of the angle of 
incidence is equal to the refractive. index of 
the body, then the reflected ray is plane 
polarised. The angle of incidence is in this 
case called the polarising angle. See 
"Polarised Light and its Applications," 
S (2). 
BRIGHTNESS: used to denote the total visual 
effect of a light independently of its 
colour or purity. See" Eye," 
 (8). 
Measured by the amount of light emitted 
by a surface per unit of projected area. 
See "Photometry and Illumination," 

 (2). 
BROWNIAN MOVE
IENT, use of ultramicroscope 
in study of. See" Ultramicroscope and its 
Application," 
 (2). 
BUBBLES AS USED IN SPIRIT LEVELS. See 
" Spirit Levels," 

 (2), (3). 
BUNSEN (GREAsE-srOT) PHOTOMETER: one 
of the early forms of photometer head still 
in current use. See "Photometry and 
Illumination," 9 (15). 
ß-RAYs, General Properties of. See" Radio- 
activity," S (13) (i.). 

ragnetic spectrum of. See ibid. 
 (13) (ii.). 
Scattering of, by matter. See ibid. 
 (13) 
(iv.). 


Panoram: a type of camera used to photo- 
graph a large angular "stretch" of 
country. See ibid. 
 (7). 
Photographic: in essential, a cham ber for 
the purpose of exposing sensitive plates 
to the action of luminous images formed 
by optical means. The three main 
classes of cameras are (1) Stand Cameras, 
(2) Hand Cameras. (3) Aerial Cameras, 
and these again Rre claHsified into sub- 
groups. See ibid. 
 (2). 
Studio. See ibid. 
 (2) (ii.). 
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CA)IERA LEXSE8, THE TEðTIXG OF 
THE general problem of the testing of com- 
pound objectives is dealt with elsewhere. I 
The outical data that have to be determined 
in th
 case of photographic objectÌ\
es are, 
generally speaking, more numerous than in 
the case of telescope objectives, and special 
methods of testing camera lenses have there- 
fore been devised. 
An idea of tbe general performance of a 
camera lens may be obtained by setting up 
an object, consisting of a network of straight 
lines on a white background,2 and taking a 
photograph of it. The plate, after develop- 
ment, may then be examined by means of a 
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on ball hearings in the framework Fl' A 
clamping de,-ice Cl is provided for fixing the 
collar in any desired position. The frame- 
work can be moved along the slide 8 1 by 
means of a rack and pinion actuated by the 
head HI' This slide 8 1 can be rotated about 
a vertical axis, the amount of rotation being 
measured on a scale SCIon the platform Pl l , 
which can be clamped to the bar BI at any 
convenient position. The framework F 2 can 
be moved along a slide 8 2 by means of a rack 
and pinion actuated by the head H2' the slide 
being fixed to the platform of the framework 
Fl' A bar B 2 is fitted at one end to a small 
carriage C I which can slide along the groove 
Gr in the framework F 2' This bar is con- 
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microscope. In this way any distortion of 
the image may be detected and measured. 
The method, however, only gives a quali- 
tative idea of any want of focus that may 
be present at any part of the plate. 
A more accurate method is to make use 
of a ::;pecially designed lens bench, such as the 
one manufactured by 
Iessrs. R. & J. Beck, 
Ltd. The principal features of this bench 
are illustrated in Fi
 1, which is reproduced 
from a photograph taken frOlH the siùe, looking 
dmvn at one end at an angle of a bout 4:5 0 . 
The various appliances for holding the lens, 
etc., slide on a steel dovetail-shaped bar B 1 
which is supported on t\\"o struts (one of which 
is shown at Sf) proyided with leyelling screws. 
The lens L is screwed into one of a series of 
ada pters held in a collar Co which revolves 
1 See article on .. Objectives, The Testing of 
Compound." 
a 
ee Photographic Lenses, by Conrad neck and 
Herbert Andrews. 
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FIG. 1. 


strained to mo,ye along the axis of the system 
bet" een adjustable rollers R attached to the 
platform P1 2 , which can be clamped to the 
bar BI at any desired position. The obser,-ing 
microscope )1 can be mm-ed along the axis 
relative to the bracket Br} (which is fixed to 
the bar B 2 ) by means of a rack and pinion 
actuated by the head H3' the motion being 
registered by a scale and vernier. A yertical 
metal plate P, having a circular hole con- 
centric with the axis of the system, is fixed 
to the small carriage C I' 'Vhen the lens holder, 
together with the framework F 2' is swung 
about the vertical axis of rotation, the plate 
remains parallel to the groO\-e Gr and there- 
fore normal to the axis of the lens. Thf' 
distance between the axis of rotation and 
the plate P is measured by n1E'ans of a milli- 
metre scale SC z , one end of which fits into a 
bracket Br", so that the' zero of the scale is 
ah\ays opi)osite the axis of rotation. A 
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,enlÌer i8 fi ,,"cd to a small carriage C 2 which 
sliùcs in the groo\-e Or, the ,yernier zero being 
in the plane of the left-hand surface of the 
pli.ltc P. 
The optical data of a camera lens are deter- 
mined as follows. 

 (1) FOCAL LEXGTH.-A piece of ground 
f!lass is held with its ground surface against 
the left-hand surface of the plate P and the 
obsen inO' microsco l .>e )1 is focusseù on the 
o . 
ground surface. The framework F 2' carrymg 
the microscope, is then moved along the slide 
8 2 by turning the head H 2 until the image of 
a di8tant object 1 is brought into the focal 
pL.tne of the microscope. 2 The lens holder, 
togetlwr '" ith the framework F 2 , is next 
moyed along the sliùe 8 1 by turning the head 
HI until there is no lateral displacement of 
the imagp when the system is rotated through 
a slnall angle about the ,-ertical axis. \Vhen 
this is the case, the vertical axis passes through 
a point, called the nul point, which divides 
the distance between the nodal points into 
parts whose ratio is equal to the lateral 
magnification. If the incident light is parallel, 
the nul point coincides with the second nodal 
pJillt; the focal length is then given by the 
distance between the vertical axis and the 
foeal plane, its value being read off on the 
scale fk z . "Then one is dealing with an objeet 
at a finite distance, the nul point i
 the point 
at which a line joining non-axial eonjugate 
points in the object and Ünage planes cuts 
the axis of the lens. In such a case it is 
adyisable to make a separate determination 
of the position of the seeond nodal point by 
using parallel incident light. The back focal 
length is given by the distance between the 
last surface of the lens and the plate P. 

 (2) SPHERIC.\L ABERRATION. - This is 
measured by placing a series of concentric 
I:)tops in front of the aperture of the lens and 
measuring the movement of the microscope 
which is neces&'1,ry to bring the image into 
focus for ùiffert'nt zones of the lens.' It is 
adviscLble to insert a colour filter between the 
microscope eyepiece and the observer's eye 
in order to eliminate the effects of chromatic 
aherration. 

 (3) CIIRO
IATI(, ABERRATION.-A series of 
colour filters, giving monochromatic regions 
more or less evenly spaced throughout the 
speetrum, is placed in turn behind the eye- 
piece of the microscope and the movements 
of the microscope necessary for bringing the 
diff('ren t coloured imagt's into focus are 
1 Either a set of suitahle cross-linf's at the f(j('l1R 
of a wrll-corrrcte<1 collimator ohjective monntrd on 
the axis of thf' !'ystf'm, or a AcrÌf's of horizontal and 
Yf'rtÏcal linf's (hlack on white background and white 
on hl:1('k harkgrollnel) at f:OnlC considerable distance 
from thp :lJlparatll
, may he nSf'<1. 
2 (hl rot ating ttw g
'stf'm ahout the Yf'rtkal axis 
thf' le.ft-hanel surfa('(' of P 1Il0\"rs in a plane which is 
equivalent to thr plate of the camera. 


measured. It is sometimes addsahle to stop 
out certain zones of the lens in order to elimin. 
ate the effects of spherical aberration. 

 (4) COMA.-A collimator, with an illumin- 
ated pinhole at its focus, is mounted on the 
axis of the system and the image of the pinhole 
is examined at different angles of rotation 
about the vertical axis. The dimensions of 
the comatic figure may be measured by means 
of a scale in the focal plane of the microscope 
eyepiece. 

 (5) FLARE SpoT.-The same arrangement is 
used as in the previous case, and the positions 
of flare-spot images are.noted; such images 
do not give trouble unless they are in the 
neighbourhood of the focal plane of the lens. 

 (6) ASTIGMATISM AND CURVATURE OF 
FIELD. - The system is rotated about the 
vertical axis, on which the second nodal point 
lies, through -angles of 50, 10 0 , etc., up to the 
maximum semi-angle that the lens is designed 
to co.ver, and at each angle (on either side 
of the axis) the positions of the microscope 
are determined for best focus of horizontal 
and vertical lines. The differences between 
these positions and the normal position of 
focus, that is, the focus for the centre of the 
field, give the distances of the positions of 
astigmatic foci from the plate (measured a
ong 
the rays) at different parts of the field. The 
mean values of the distances of the foci for 
horizontal and vertical lines gÏ\Te a measure 
of the curvature of the field. 

 (7) DISTORTION.- The system is rotated 
as in the previous case, and the horizontal 
displacement of the image of a vertical line 
is measured for each angle by means of a 
horizontal graduated scale in the focal plane 
of the microscope eyepiece, the microscope 
being kept in the normal position. The 
horizontal displacement divided by the mag- 
nification of the microscope then gives the 
distortion in the plane of the plate. 

 (8) EFFECTIVE APERTITRES OF STops.-The 
microscope is removed and a small pinhole, 
mounted in the plane of the plate P, is illumin- 
ated from behind. A piece of ground glass 
is held against the front of the lens mount and 
the diameters of the illuminated areas, corre- 
sponding to the different stops, are measured. 

 (9) ILLUl\UNATION AT THE CORNERS OF THE 
PLATE.-The same arrangf'ment is adopted as 
in the previous test, and the boundary of the 
illuminated portion is traced on the ground 
glass when the system is rotated through an 
angle corresponding to the semi-diameter of 
tho plate to be covered hy the lens. The 
area of this portion divided by the area of the 
unobscured aperture and multiplied by 100 
and by tht' fourth power 3 of the cosine of the 


3 If the vhrnette iR measured in a plane normal to 
the axig of the bench, the cube of the cosine is to 
be used. . 
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angle then gives the percentage illumination 
at the comers of the plate relative to that at 
the centre; the loss of light due to oblique 
fpflections and a bsorption further reduces the 
percentage illumination at the corners. 
In addition to these measurements the 
relative centering of the components of the 
lens may be tested by using a small retino- 
scope for throwing a beam of light along the 
lens axis and examining the alignment of the 
images of the retinoscope hole, through which 
the observer looks. The number of glass-air 
surfaces in the lens may be determmed by 
counting the number of these images. The 
presence of visible defects, such as striae, 
veins, etc., in the gla
s of the lens may be 
detected by mounting an illuminated pinhole 
at some distance from the lens and placing 
one's eye at the conjugate point. The aper- 


s 
I 


ture of the lens ",ill then appear illuminated 
and any defects that may be present will be 
noticeable, especially if the image of the pin- 
hole is partially obscured by a diaphragm. 

 (10) DEFIXITIOX.-It is customary to de- 
termine what is the largest stop for which the 
definition is satisfactory over the entire plate. 
In estimating the definition of a given lens it 
is advisable to compare with it the definition 
of a standard lens of similar dimensions. 

 (11) PHOTOGRAPHIC :METHODS. - The 
aberrations of a camera lens may be measured 
by a simple photographic method, which is 
employed at the Reichsanstalt. 1 The principle 
of the method is illustrated diagrammatically 
in Fig. 2. Å 
lit S, illuminated by a bright 
source, such as a mercury vapour lamp, is 
placed at the focus of a collimator objective 
O. The camera lens L forms an image of 
this slit at S', and a photographic plate P is 
mounted at S' in such a position that it makes 
a small angle "ith the axis of L, the plane 
containing the slit and the optical axis being 
normal to the plate. The plate can be moved 
in its own plane at riaht an ales to the axis of 
L, so that a series of 0 expos
res can be made 
for different zones of the lens and different 
wave-lengths. The various positions of foci are 
then determined by finding on the developed 
plate the places where the bundles of rays 
ha,-e the minimum breadths. In this way the 
spherical and chromatic aberrations of the lens 
may be determined. If the lens and the plate 
are rotated through different angles about an 
axis passing through the second nodal point 
1 ZlJits. Imdrllmentenk.. 1915, xxxv. 104; 1916, 
x"\:xvi. 90; 1920, xl. 97. 


of the lens, and a series of exposures made, 
the astigmatiRlll, C1.lfvature of field, and dis- 
tortion may similarly be determined. An 
estimate of the amount of coma present may 
be obtained from the degree of sharpness of 
the outer edge of the bundle of rays at the 
position of minimum breadth. 
Another photographic method, which is 
applicable to the case of camera lenses, is the 
Hartmann method, particulars of which are 
given in the article" Objectives, The Testing 
of Compound." 
The methods that have been described are 
not applicable to the case of process lenses, 
bince these are specially designed for near 
work. In order to test such a lens a suitable 
object is mounted near the lens in such a wa v 
that it can be moved into different position"s 
in a plane at right angles to the axis of the 
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FIG. 2. 


bench. The image is then examined with a 
microscope which can be moved parallel and 
at right angles to the bench axis and also 
about a '-ertical axis. 
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CAMERA SHUTTERS, TESTIXG OF. See" Shut- 
ters, Testing of Photographic." 
C.UIPBELL AXD SJIITH'S 
IETHOD OF TESTIXG 
SHCTTER SPEEDS. See" Shutters, Testing of 
Photographic. " 
CAXDLE-POWER, the unit of luminous power. 
See" Photometry and Illumination," 
 (2). 
Of a Source of Light. See ibid. 
 (2). 
CAXDLE-POWER YARL\TIO
 WITH Y OLTAGE AXD 
ClJRREXT IX ELECTRIC LAJIPS. Sep ,. Photo- 
metry and Illumination," 
 (23). 
CARBO
 ARc WITH SPECI-\LLY TRE-\TED 
CARBOXS, made to give an intrinsic bright- 
ness of 200,000 candles per square inch. See 
" Projection Apparatus." 
 (
). 
CARCEL LAJIP, a flame standard officially 
adopted in France. See" Photometry and 
Illumination," 
 (8). 
C ARXOTITE, occurrence of, as ore of radium. 
See" Radium," 
 (2). 
CASCADE )IETHOD OF HETEROCHRO)L-\TIC 
PHOTOJIETRY. See" Photometry and Illu- 
mination," 
 (10-1). 
CATHODE: the negative electrode in a dis- 
charge tube or an electrolytic cell. See 
" Radiology," 
 (9). 
CATHODE RAYS: a stream of ncgatin>ly 
charged electr()n
 emitted with high 
velocity from the cathode "hen an 
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pJeetric discharge is p<1ssed in an evaeuah'd 
tu hp. See" Radiology." 
 (4-). 
Applip(l to the deposition of !-:ilver byel:ctric 
means. 
ee" Silvered )Iirrors and SIlver- 
ing," 
 (:J) (iii.). 
The Spepd of. See" Hadiology," 
 (IR). 
CA CSTIC _\LKALIS, _\CTIOY ox GLASS. See 
"Glass, Chemical Decomposition of," 
 (2) 
(iii.). 
CESTERIXG ERROR: a term used in the 
testing of simple lenses to denote any want 
of coincidence of the optical centre \\ ith 
the geometrical centre of the lemt See 
" Lenses, The Testing of Simple." 
CE
TRE OF CURV A TCRE, location of, by 
direct method:s. See" Spherometry," 
 (9). 
CHAXGIXG BoxEs: magazines for holding a 
number of photographic plates, used with 
small hand or aerial canH'Tas. See" Photo- 
graphic ....\pparatu:s," 
 (.3) (ii.). 
C'U-\RGE ON COLLOIDAL PARTICLES. See 
,. Ultramicroscope and its Applications," 

 (2). 
('UE\IICAL GLASSWARE: testing under high 
prpssure. See "Glass, Chemical Decom- 
position of," 
 (3) (ii.). 
CIIII3RET, designer of a chromo-optometer, 
depending on the double refraction of light 
by quartz. See" Ophthalmic Optical Ap- 
paratus," 
 (7). 
CHROMATIC AllERRATIOX: a defect in the 
optical image formed hy a lens or system 
of lenses in conseq uellce of the variation 
of refractive index with the wave-length 
of light. See" Optical Calculations," 

 !); "Telescope," 
 (9). 
Correction of, in Microscopic Objectives. See 
" )Iicroscope, Optics of the," 

 (13)-(lß). 
Investigated by the Vogel method, provided 
the aperturp is not so small that a large 
shift of the eyepiece is necessary to detect 
a diffprelH'c of focus. Ree" Optical Parts, 
The \\Torking of," 
 (:J) (iii.). 
l\leasurement of. See "Camera Lenses. 
T('sting of," 
 (:J). 
Of Eye. See" Eye," 
 (2ô). 
ThC'ory of. See" Optical Calculations," 

 (2), etC'. 
C'I1RO)IATIC PARALLAX: a parallax effpC't due 
to the chromatic aberration of the eye. 
See" Eye," 
 (27). 
CURO)IATIC V ARIATIOX O}o' l\IAGXIFICATIO
 IN 
)hf'ROSCOPES. See" .:\licroscope, Optics of 
the," 
 (18). 
CURO)IA TIC'S, thp seipnee of colour. Sf'e 
" Spectrophotometry," 
 (2). 
CIIRO:\IO-OPTO:\IETER: a device for the ex- 
amination for colour vision and the detection 
of colour- hlindness. Hce" OphthalmiC' Op- 
tical Apparatus," 
 (7). 


'CI
EMATOURAPH PRO.JEf'TOR. See "Projec- 
tion Apparatus," 
 (1.3). 
C'IRC"PLAR POLARI
.-\TION. See "Pohtrised 
Light and its Applications." 
Production and detection. See 
'bid. 
 (14). 
Fresnel's explanation. Ser ibid. 
 (22). 
CLARK, ALVAN, details of lenses designed by. 
See" Telescope," 
 (5). 
CLOUDY GLASS, caused by presence of chlorides 
or sulphates in the alkali. See "Gla
s, 
Chemical Decomposition of," 
 (1). 
COEFFICIENTS OF DEVIATION, in magnetic 
compass. See "Navigation and Kaviga- 
tional In
truments," 
 (10) (iii.). 
COELOSTAT: a clockwork device for directing 
the rays from the sun into a fÌ:\.ed telescope 
or other optical system. See" Telescope," 

 (16). 
COI
CIDENCE, sensitivity of eye to. See 
" Eye," 
 (29). 
COINCIDENCE RANGEFI
DERS. 
ep ,. Range- 
finder, Short- base," 3 (()). 
COLLIMATOR: a tclescope len
 with a slit or 
other suitable ohject at its focus. Rays 
from each point of the object a.re rendered 
parallel after passing through the lens and 
the objf'ct is virt.ually. at infinity. See 
" Spectroscopes and Refractometers," 
 (6). 
COLLOID CHEMISTRY, USE OF ULTRA:!\I1CROSCOPE 
IN. See" Ultramicroscope and its AIJplica- 
tions," 
 (1). 
COLORIMETRY: the specification and descrip- 
tion of colours by means of their hue anù 
saturat.ion, or otherwise. See "Spectro- 
photometry," 

 (2), (3), and (4). 
COLOCR, CONTROL OF, IN GLASS l\IAxrFACTURE. 
See" Glass," 
 (16) (iv.). 
COLOUR (of light): one factor in the sensation 
produced on the optic nerve by light. See 
" Spectrophutometry," 

 (2) and (3). 
COLOUR Box (l\L.\XWELL'S): an apparatus for 
determining the data required to specify 
colours in terms of three primary colours. 
See" Eye," 
 (10). 
COLOUR GEOMETRY. l\iany colour problems 
can he simplified by representing colours 
by the positions of points in a geometrical 
figure of 1,2, or 3 dimensions. This enables 
their quantitative relations to be solved by 
graphical or geometrical methods. See 
" Eye," 
 (12). 
COLOUR PYRAMID. See" Colour Geometry." 
COLOUR STAXDARDISATION, TECHNOLOGICAL 
ApPLICATIO
S OF. See" Spectrophoto- 
metry," 
 (5). 
COLOUR TRIANGLE. See" Colour Gpometry." 
COLOUR \T ISION . Spp" Eye,'" 
 (6) et seq. 
COLorRED GLASS, ftlANUFACTUUE OF. See 
" Glass," 
 (34). 
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('0:\1.-\: the nanlP gÍ\-en to one of thf" aherra- 
tions from which the performance of 
an optical instrument may suffer. See 
"Telescope," 
 (3); "Optical Calcula- 
tions," 

 (21), (2
); ., Len;;; Systems, 
Aberration8 of," 
 (5) (iii.). 
:\Ieasurement of. 
ee "Camera Lenses, 
Testing of," 
 (4). 
CO)IPASS ERRORS, method of determination. 
See" Xavigation and Xavigational Instru- 
ments," 
 (II). 
CO)IPLETE FL -\.SH: a term used to denote 
that a projector has the highest possible 
efficiency, i.e. that the whole front aperture 
of the projector, as seen from a distant point, 
is so filled "ith light as to possess the 
"intrinsic brightness" of the source. See 
" Projection Apparatus." 
 (3). 
COXCAVE DIFFRACTIOX GRATIXG: a form of 
optical grating invented by Rowland in 1881 
to produce a focus spectra "ithout the use of 
a lens and so to avoid chromatic difficulties 
in focussing and limitations due to absorp- 
tion. Se
 ., 'Yave-lengths, The 
Ieasure- 
ment of," 
 (2). 
COXCA \-E GRATIXG ::\IouXTIXG, type intro- 
duced b;\- Runge and Paschen. See" 'Yave- 
lengths, The )Ieasurement of," 
 (2). 
C05DEXSER LEXS: a lens used in projection 
apparatus to bend the directions of ray 
paths rather than to produce images. See 
" Projection Apparatus." S (13). 
f OXDCCTI\-ITY, ELECTRICAL, OF GLASS. See 
.. Glass," 
 (30). 
Thermal. of glass, .onV5-'U02.:5. See 7'bir1. 
 (29). 
COXICAL REFRACTIO:X, EXTERxAL AXD Ix- 
TERXAL. See "Polarised Light and its 
Applications," 
 (7) (iii.). 
COXJCG -\TE POIXTS: the name given to a 
point and its geometrical image. See 
" Lenses, Theory of Simple." 
 (2), etc. 
Their use in focal length measurement:;:. 
See" Objecti,-es, Testi
g of Compound," 

 (2) (ii.). 
COXSTAXT DEVIATIOX SPECTROSCOPE. See 
,. Spectroscopes and Refractometers," 
 (20). 
COXSTAXT POTEXTIAL, of a generator of X-rays. 
See" Radiology," 
 (27). 
COXSTITUEXTS OF GLASS, their resistance to 
chemical attack. See "Glass, Chemical 
Decomposition of," 
 (2). 
COXTOl:JR (of optical surfaces). See" Interfero- 
meters, Technical Applications," 
 (4). 
CoxTOrRIXG. See" Surveying and Surveying 
Instruments," 
 (37). 
COXTRAST, YISUAL. See" Eye," 
 (16). 
COOKE, THO'IAS: details of lenses designed 
by. See" Telescopp," 
 (.')). 


COOKE R -\XGEFI
DER. See "Rangefinder, 
Short-base," 
 (6). 
COOLIDGE Tt:'"BE. a hot-cathode X-ray tube. 
See" Radiology," 
 (13). 
"CORDS," A DEFECT IX GLASS. See" Striae." 
See also" Gla,;s." 
 (16) (ii.). 
COR
ET, B.,: a brass wind instrument with 
valves. See" Sound," 
 (44). 
CROVA :'-IETHOD OF HETEROCHRO)IATIC PHOTO- 
)IETRY. 
ee "PhotonlPtry and Illumina- 
tion," 
 (103). 
CROVA'S SPECTROPHOTO)IETER. See" Spectro- 
photometry," 
 (12). 
CRYSTAL ELE
IEXTS AXD COXSTRrCTIOXAL 
AXES. See" Crystallography," 
 (4). 
CRYSTAL F -\CI:S, )IrLLER'S 
IETHOD OF DISTIX- 
GUISHISG: a method of defininQ' the relative 
positions of crystal faces in which the faces 
of a crystal are treated as a series of planes 
and any three of these, no t" 0 of "hich are 
parallel, are taken as planes of reference to 
"hich the positions of the other faces 
may be referred. See" Crystallography," 

 (3). 
CRYSTAL STRrcTt:'"RE, modern work on, based 
on the fact that the structure of a crystal 
is fundamentally that of a space-lattice, 
a three - dimensional trellis - work. See 
"Crystallography," 
 (11). 
Analysis of, by X-rays: Laue's method, 
depending on the reflection and diffrac- 
tion of X - ra ys bv the molecules of a 
crystal, which are
 arranged on a space- 
lattice. See ibid. 
 (14). 
CRYSTALLl:'E LESS: the lens of the eye. See 
" Eye," 
 (2). 


CRYSTALLOGRAPHY 

 (1) IXTRoDucTlo
.-The study of crystals 
can never be a matter of indifference to the 
physicist, for Cryi?tallography is essentially the 
Physics of Solids. The higher branches of 
Optics deal very largely with crystals, and it 
is a crystal, tourmaline or calcite, that afford::; 
the best means of producing plane polarised 
light. Rock crystal, quartz, is the material 
of the best lenses employed by the optical 
in vestiga tor; a train of lenses and prisms of 
rock salt crystals are essential in the study 
of radiant h;at; and the phenomenal progress 
which has recently been made in our knowledge 
of X-rays and 
f the ultimate structure of 
matter
the special domain of the physicist- 
is being very materially as::-:isted by the use of 
crystals, the most perfectly organised form of 
solid matter. Yet the science of Crystallo- 
graphy has in the pa
t been as strangely 
neglected by physicists as by chemists, to 
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whom the subj('ct is lik('wis(' proYÍng of prime 
importance, and has bel'u left ill the hands 
of a very few specialists, and regarded as a 
side issup chiefly connected with l\Iineralogy, 
oppressed by a forbidding kind of )[athematics 
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graphy so t.hat t.hey can ne\Ter be furgott('n, 
and \\ ill rpmkr the su hject at once plain and 
simple. The goniometer, of which the best 
form is shown in Fig. 1, is nothing but the 
physicist's spectrometer, but with a small 
crystal, preferably no larger than a very small 
pea, as the object of study at the centre 
instead of the usual spectroscopic prism, and 
with a more delicate and convenient adjusting 
and centring apparatus. Also, instead of an 
ordinary paraHel-jawed slit one is used \\ hich 
is expanded at its two ends, so that its image 
reflected from a crystal face exhibits a fine 
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:Fw. I.-The Reflecting OUlliometer in {;::;c. 


and hy a w(.ird nomenelatur('. It \\ ill be the 
task of this brid summarised account of the 
subject to dispel this illusion, and to show how 
fascinating an(l intrinsically valuahle it really 
is to the physicist. 
Cry
ta]]ography is essentially practical when 
its study is undertaken in a sensihle manner. 
A few hours with a good crYRtal on a reflpct- 
ing gonioID('tpr will hring out the chief pro- 
perties of crystals and the hws ûf Crystallo- 


central part for acrurate adjustment to tho 
vertical cross spieler-line, and broader ends 
which are brilliantly ilJurn inated. It is sur- 
prising how brilliant such sJit images are as 
seen in the telescope, when reflpcted from 
even the minut('st faces, almost points, if the 
crystals are normally well developed. 

 (2) NATURE OF CRYSTALS.-The first facts 
ohviously ancl unmistakably impressed hy 
such a practical investigation of a series of 
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weU- developed crystal:-:. of the same and of 
different substances, on the goniometer, a
'e 
the foUm\ ing : 
(a) Crystals are naturaUy formed solid 
polyhedra bounded by plane faces meeting 
in straight edges. 
(b) These faces on the best crystals are true 
planes, highly polished and affording brilliant 
and sharp reflections of the goniometer signal- 
slit. 
(c) The faces are inclined to each other at 
angles which usually display among themselves 
more or less symmetry. and are constant in 
value for the same substance; these parti- 
cular values are thus characteristic of the 
substance, the only exception being when the 
symmetry is at its maximum, in the cubic 
system, 
when this perfect symmetry itself 
fixes the angles. 
(d) The faces are arranged in zones, each 
zone being composed of faces parallel to a 
common axis, to which all their edges of 
intersection are also parallel. 'Yhen this axis 
is set parallel to the axis of the goniometer, all 
the faces of the zone are automatically ad- 
justed, so as to reflect the signal-image from 
e\-ery faêe in turn to the cross-wires of the 
telescope when the goniometer axis and crystal 
are rotated. 
(e) 'Yhen the signal-image from each suc- 
cessive face is adjusted to the cross-\\ires and 
the circle reading taken, the differences between 
the readings are the angles between the face- 
normals, and these are most conveniently 
considered as the interfacial angles; they 
are arranged in accordance \\ ith the symmetry 
developed. 

 (3) :\IILLER'S ::\IETHOD OF DISTI
G{jISHIXG 
CRYSTAL F ACES.-A method of defining the 
relatiye positions of crystal faces by means of 
a compact symbol now universally adopted 
is due to ,Yo H. :\1 iller, Professor of )Iineralogy 
at Cambridge from 18
2 to 1881. 
The faces- of a crystal are a series of planes, 
and any three of th3se, no two of which are 
parallel, may be taken as planes of reference 
to which the position of the other faces may 
be referred. 
(i.) Axes of Reference.-Consider then three 
planes passing through a point 0 which we 
take as origin and drawn parallel to any 
three faces of the crystal; these planes 
intersect in three straight lines OX, 01'", OZ 
(Fig. 2); these lines we take as axes of 
reference. 
The planes may be parallel to any three faces, but 
it "ill usually be possihle to find three which, from 
the regularity of the crystal with regard to th{'m, 
are clearly of importance in its construction, and 
in a number of CRses two or more planes can be 
found mutually at right angles. 
Any fourth plane will cut the axes in points 
A, B, C, and its position can be defined by the 


lengths of the intercepts OA, OB, and OC- 
or rather, since \\ e are not concerned \\ ith 
the aetual location of the face, which depends 
on the size and not merely the form of the 
crystal-by the ratios OA: OB : OC of the 
three intercepts, which thus fix a series of 
parallel planes. It is now a universal (inter- 
national) convention 
for the description 
of crystals that the 
axis OY (and its 
intercept OB) shall 
run from left to 
right, and the OX 


Y' 


y 


axis (OA intercept) 
from front to back. 
(ii.) The Para- 
meters.-Select then 
.FIG. 2. any such plane and 
let the lengths of the 
intercepts be a, b, c respectively. 'Ye define 
this as a parametral plane, and the values of a, 
b, c measured in any con\ enient unit as the 
parameters. It will usually be found that 
there is a plane, developed as a prominent 
face, for which some simple relations exist 
between a, b, and c, e.g. all three parameters 
are equal, or two of them are equal and 
differ from the third; it is convenient but 
not essential to select such a plane as the 
parametral plane. 
(iii.) The Indiee.c;.-A plane parallel to any 
other face of the crystal \\ ill cut the axes in 
three points, A', B', C' say. 
Then it is found by observation that the 
intercepts OA', OB', OC' are proportional 
respectively to a/h, blk, ell, where h, k, 1 are 
ill all cases small "hole numbers--including 
zero-in few cases so great as 6. These 
num bel's are called the indices of the }Jlane, 
and if \\ e know in any case the position of the 
axes and the values of the lJarameters the 
position of any other plane - is defined by 
its indices and is denoted by the symbol 
(h k 1). 
This implies that if the kno\\ n parameters 
be a, b, e, and we cut off on the axes lengths 
proportional to a/h, b/k, and ell, the face in 
question will be parallel to the plane so 
defined. 
The relative positions of the axes are fixed 
by the angles between them. If we put 
YOZ=a, ZOX=ß, XOY ="y. \\e see that the 
po
ition of any face is determinpd by the 
values of the three parameters 0, b. e. the 
three anglps a, ß. "y. and the threp indicps 
li, k, 1; moreover, in all cases h. I.", 1 arc small 
integers including possibly zero. 
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A face may of course cut the axcs on either the 
positive or the nega,tive side of the origin, 
'.e. either 
between 0 and X or on the side of 0 remote from 
X. TIlÍs will oe indicated oy giving a negative 
sign to the corresponding il"':..deÀ. which becomes - h 
or, as it is usually \\ ritten, h. Again, if one of the 
indices, say h, is zero, the corresponding intercept 
is u,O or infinity. This indicates that the axis OX 
is parallel to the face in question. 


Again, since we are only concerned with 
the ratios a: b : c we may take anyone of 
these quantities to be unity and refer the 
others to it; it is usual to select b as unity, so 
that the ratio becomes a : 1 : c. 
* (4) CRYSTAL ELEMENTS-CONSTRUCTIONAL 
AXES. - These axes are spoken of as the 
constructional axes of the crystal, and the 
various systems of crystals are grouped 
according to the values of the parameters 
a, b, c, expressed as a: 1 : c, and the 
angles a, ß, "I, between the constructional 
a
es. These quantities are known as the 
crystal elements. 
.
 (5) CRYSTAL SYSTElVIs.-These are seven 
in number. Each system contains a number 
of classes characterised bv a common set of 
constructional axes, i.e. v common type of 
crystal elements, and certain common features 
of symmetry. 

 (6) ELEMENTS OF SYMMETRY. - The 
elements of symmetry which belong to a 
crystal are two in number; it may possess 
a plane or planes of symmetry or it may 
be characterised by an axis or axes of sym- 
metry, or by both elements. 
(i.) Plane of Symmetry.-Imagine a crystal 
to be divided into two portions, A and B, by 
a plane which we suppose capable of producing 
a reflected image of A; let H' be this image. 
In general there will be no resemblance 
between Band B', but if it should happen 
that each face of B' coincides ,,,,ith or is 
parallel to a face of ß, then the crystal has 
been divided into two symmetrical portions 
by the plane, the plane is a plane of 
symmetry. 
(ii.) Axis of Symmetry.-Imagine now a line 
in a crystal possessing the property that if 
the crystal he rotated about this line through 
some dcfinite angle each face is brought into 
a position either coincident with or parallel 
to that occu pied by some other face before 
the rotation took place. The crystal is said 
to be symmetrical about the line, and the line 
is an axis of symmetry. If the crystal were 
mounted on a goniometer with the axis of 
symmetry coincident with the axis of thp 
goniometer it would not be possible to infer 
from the readings of the instrument that the 
crystal had been moved. Thus, for example, 
in a cube each of the faces of the cuhe is a 
plane of Rymmetry and each of thß edges 
an axis of symmetry; a cube, however, has 


many more planes and axes of symmetry than 
these. Or consider a crvstal hounded by two 
regular figures, ABCDÈ, A'BC'DE (Fig. 3), 
having the rectangular face BCDE in common, 
and the eight trian- 
gular faces equal; 
the face BCDE is 
clearly a plane of 
symmetry, and the 
line AA' which is a 
perpendicular to it 
is an axis of sym- 
metry. 
The angle through 
which rotation 
takes place in order 
to bring the crystal 
int.o a symmetrical 
position is in all cases some submultiple 
of 360 0 , corresponding to division of the 
whole cirele by two, three, four, or six. 
If the rotation be through 180 0 -3üO O j2- 
the symmetry is digonal, for 120 0 -360 0 j3- 
it is trigonal, for 90 0 -300 0 j4-it is tetragonal, 
and for 60 0 -360 0 jü-the symmetry is ltexa- 
go nal. 


A 


D 


Á 
FIG. 3. 


In some crystals a more complicated typc of 
symmetry exists in which we can bring the 
crystal into the symmetrical position by sup- 
posing (1) that it is rotated about an axis, 
and (2) that each face is displaced as it would 
be if reflected in a plane; we have to consider the 
COlli bined effect of an axis of symmetry and a plane 
of symmetry. 
Thus consider a crystal of which a section is given 
by ABCD (Fig. 4), a quadrilateral figure in which 


c' A 
)< o. 
D a' 


a D' 
>< 
A' C 


:FIG.4. 


AB and CD are parallcl and BC and AD equally 
inclined to AB. On rotating this through 180 0 
about an axis through 0, the mid point of the 
bisector of the two parallel sides, perpendicular to 
the paper, we get A'B'C'D', which has not all its 
faces parallel to those of the original crystal, but by 
supposing WC' reflected in a plane tllrough the 
middle point of AD perpendicular to the papC'r, 
and A'D' similarly reflected in a plane through 
the mid point of BC, we recover the original 
crystal. 

 (7) THE SEVEN SYSTEMS OF CRYSTALS.- 
Before discussing the types of symmetry 
which characterise the various systems of 
crystals each of which has its own type of 
crystal elements defined by the parameters 
a, b, c, and thp angles a, ß, "I, of the con- 
structional aJl..es, it will be useful to give in 
a schedule the relations between these quan- 
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tities for each of the Reven systems, "hich are 
named as shown in Table 1. 
TABLE I 
SYSTEMS OF CRYST4.LS 


I (iii.) The Rlwmbic or Orthorlwmbic System 
includes three classes. The three axes are 
unequal but are arranged at 
angles of 90 0 to each other. One 
class, 
 o. 8, possesses all the 
six elements of symmetry which 
now become possible, namely, 
three planes of symmetry, 
which are also the three con- 
structional axial planes, and 
three digonal axes of symmetry, 
identical with the three rectan- 
gular axes and the intersec- 
tions of the planes. Potassium 
sulphate, K 2 S0 4 , is a common 
su bstance crystallising in this Class 8, and 
a characteristic crystal is represented in 


I Xame. Parameters. Intcraxial Angles. 
I I. Triclinic a:.\b:
c a
-:ß:.\='Y 
ii. Monoclinic a =-
 b 
 c a ='Y= 90 0 ß 
: 90 0 
iü. Rhombic a-\=b=\:c a=ß='Y=90 o 
iv. Tetragonal a=b\7c a=ß='Y=90 0 
v. Hexagonal a=b\,-:c a=ß=9û o 'Y = 60 0 and ] 20' 
TI. Trigonal a=b=c I a=ß='Y
90: 
vii. Cubic a=b=c a=ß='Y=90 0 



 (8) CLASSES OF SYMMETRY. - Each of 
these seven systems includes crystals of various 
clas
es of symmetry, in all thirty-two in 
number, which are built up from the elements 
of symmetry-the ;lane of symmetry and the 
axis of symmetry-already described. 
(i.) The Triclinic System, which is the least 
symmetric, comprises two classes. The three 
axes are unequal and unequally inclined. 
Class 1 has no symmetry whatsoever, every 
face being a "form" unto itself, that is, 
it has no fellow or fellows of like relation 
to the constructive axes about which the 
crystal can be imagined to be erected. Class 
2, however, is symmetrical a bout the centre; 
th us the crystal is 
composed of parallel 
faces, each pair of 
which is a form in 
the sense just alluded 
to. One of the best- 
known triclinic sub- 
stances is copper sul- 
phate, CuS0 4 . 5H 2 0, 
a crystal of which is 
shown in Fig. 5. 
(ii.) The ...11onoclinic 
or Jlonosymmetric 
System comprises 
three classes. The 
three axes are un- 
equal, two being 
inclined to each other 
at an angle other 
than 90 0 , while the 
third, always chosen as the b axis, is normal to 
their plane. Two real elements of symmetry 
are now possible, a plane of symmetry, that 
containing the inclined axes, and a digonal 
axis of symmetry perpendicular thereto and 
identical with the normal construction axis. 
Class 5 possesses both these elements of 
symnlPtry, while ClaRs 3 is endo" ed with 
the plane of symmetry only, and Class 4 
"ith the digonal axis only. An excellent 
example of full monoclinic Class 5 symmetry 
is potassium nickel sulphate, K 2 Ni(S04)2' 6H 2 0, 
a typical crystal of which is shown in F'ig. 6. 
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FIG. 3.-A Crystal of 
Copper-sulp"hate. 


FIG. 6.-A Cry
tal of Potassium Nickel 
ulphate. 


Fig, 7. Class 6 possesses the three axes of 
symmetry only, and Class 7 possesses two of 
the planes and one axis of symmetry, the 
axis in which the planes intersect. 
(iv.) The Tetragonal System goes a step 
further in degree of symmetry. Two of the 
axes are of equal 
length, the third 
being uneq ual ; 
the angles are 
all equal to 90 0 . 
In describing or 
setting up the 
crystal the un- 
eq ual axis is 
made vertical. 
No less than 
seven classes are 
now possible, all 
of which possess 
the systematic FIG. 7.-A Crystal of Potassium 
characteristic, a SlÌlphate. 
tetragonal axis 
of symmetry which is identical "ith the 
vertical constructional axis. Class 9 pos- 
sesses this symmetry element alone, but 
Class 15, the highest of the system, is also 
endowed with four symmetry planes inter- 
secting each other at 4.3 0 in the tetragonal 
vertical axis, an equatorial symmetry plane 
perpendicular to the vertical axis, and four 
digonal axes of symmetry ly
ng in that 



]4 


CHYSTALLOGHAPHY 


equatorial plane. Zircon, 8ilicate of zirconium, 
ZrSi0 4 , crystallises \\ ith the symmetry of 
this class, and a typical zircon is portrayed 
in Fig. 8. Between this "holohedral" class 
(of full symmetry) anù Class 9 are five other 
classes possessing 
various com bina- 
tions of some of these 
symmetry elements 
but always including 
the tetragonal axis, 
the essential sym- 
metry element of the 
tetragonal system. 
(v.) The Hexa- 
gonnl Byste m, is 
similar in many 
ways to the tetra- 
gonal, but the equal 
axes are inclined to 
each other at tiO o 
instead of 90">; it 
is characterised by 
a hexagonal vertical 
axis of symmetry. 
.FIG. 8.-A Zircon Crystal. There are five classes 
in the system, the 
simplest, Class 23, possessing only the essential 
hexagonal axis of symmetry: but the most 
Eymmetl'ical, the holohedral Class 27, has six 
planes of symmetry intersecting each other at 
30 0 -in the hexagonal axis, and an equatorial 
plane of symmetry with six digonal axes of 
symmetry lying in it at 30 0 from each other, a 
total of fourteen ele- 
ments of symmetry. 
Beryl, Be 3 AI 2 (Si0 3 )b' 
the beautiful gem- 
stone known as 
aquamarine when 
pale green in colour 
and emerald when 
dark green, is an 
excellent example of 
Class 27, and a 
typical beryl crystal 
in shown in Fig. 9. 
(vi.) The Trigonal 
System has three 
equal and equally in- 
clined axes, generally 
at other than 90 0 . 
.FIG. 9.-A 13crr1 Crystal. The axes, indeed, 
are the edges of a 
rhombohedron, which resembles a cube com- 
pressed or extended along one diagonal, and 
this diagonal is the vertical axis of trigonal 
symm('try and not a construction axis; it is thf' 
essential element of symmetry of the system, 
which includes se\Ten classes, the simplest, Class 
16, having this as its only symmetry eiement. 
The most symmetrical, the holohedral Class 
22, possesses in addition three symmetry 
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planes intersecting at 60 0 in the trigonal axis, 
an equatorial symmetry plane, and three 
digonal axes lying therein at 60 0 . No well- 
known substance exhiLits this full trigonal 
symmetry, although two rarer substances, in- 
cluding the gem- 
stone benitoite, 
Bn TiSi 3 0 9 , belong 
to the class. But 
two very im- 
portant minerals, 
calcite, CaC0 3 , 
and quartz, Si0 2 , 
belong to Classes 1
1 
21 and 18 respect- 
ively, and figures 
of typical speci- 
mens of calcite 
and quartz crys- 
tals are shown in 
Figs. 10, 11, and 
12. Fig. 10 also 
shows the three 
con s tructional .FIG. lO.-A Crystal of calcite. 
rhom bohedral 
axes, and the vertical trigonal axis. This 
Class 21 only differs from the holohedral 
Class 22 by having no equatorial plane of 
symmetry. The actual crystal shown in 
Fig. 10 is a combination of the rhombo- 
hedron, with edges parallel to the construc- 
tional axes, and the hexagonal prism parallel 
to the vertical axis. 
The Quartz Class 
18 has all the four 
axes of symmetry 
(three horizontal 
and one vertical) 
of the system, but 
no symmetry 
planes. Now it is 
an interesting and 
highly important 
fact that. all the 
classes of sym- 
metry, and there 
are eleven of them, 
\vhich possess no 
plane of symmetry 
are distinguished 
by the property f)f 
right- and left- 
handedness, or, as 
it is termed, " enantiomorphism." Two 
varieties of crystals, one the mirror image 
of the other, right- and left - handed like 
a pair of gloves, are not only possible 
but are often found developed, and two 
such crystals of quartz are portrayed in 
Figs. II (left-handed) and 12 (right-handed). 
Moreover, to enhance the interest, it is just. 
this remarkab
e property which is possessed 
by the crystals of all substances which rotate 
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FIG. 11.-A Left-handed 
Crystal of Quartz. 
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the plane of polarisation of plane-polarised 
light, and if a section - plate "ere cut 
out of each of the two crystals shown, 
perpendicularly to 
the vertical axis, it 
would rotate the 
plane of polarisation 
to the left in case 
of Fig. 11 and to 
the right in the case 
of Fig. 12. 
(vii.) The. Cubic 
System of highest 
symmetry is typi- 
fied by the cu be 
itself, the three 
constructional axes 
being parallel to 
thp Cll be edges, 
equal in length and 
aU mutually at right 
FIG. 12.-A Right-handeù angles. There are 
('rystal of Quartz. five classes com- 
prised in the system, 
the least symmetric, Class 28, possessing three 
rectangular digonal axes of symmetry coincident 
with the constructional axes, and four trigonal 
symmetry axes equally inclined to the former. 
But the most symmetric, the holohedral Class 
32, possesses no less than twenty-two elements 
of symmetry, namely, the three already men- 
tioned as digonal axes but which are now 
tetragonal ones, and the four trigonal axes 
also already referred to, and in addition six 
digonal axes bisecting the angles between the 
tetragonal axes, three planes of symmetry 
(the cuhp planes) perpendicular to the tetra- 
gonal axes, and six other symmetry planes 
bisecting the angles between the three just 


FIG. 13.---\ Crystal of Garnet. 


mentioned. The ancient Greeks may well 
have taken the cube as their symbol of per- 
fection, their geometricians haying under- 
stood the immense possibilities of symmetry 
incipient within it. Garnet, the beautiful yet 
very common silicate of the general composi- 
tion R"3R"'2(Si04h, in which R" stands for 
calcium, magnesium, ferrous iron, or man- 
ganese, and R'" for aluminium, ferric iron, or 


chromium, crystallises in this Class 32 of 
maximum symmetry, and a typical red garnet 
measured by the writer is shown in Fig. 13. 
The cubic system is unique in that all the faces, 
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FIG. 14.-The Cube. 


and they are exceedingly numerous, possible to 
be developed on the crystals conforming to the 
system are inclined at angles absolutely fixed 
by the symmetry and in\Tariable. Its three 


FIG. 15.-The Octahedron. 


simplest forms, the cube, octahedron, and 
rhom bic dodecahedron, represented in Figs. 
14, 15, and 16, are also unique in that there can 
be only one eu be, one octahedron, one rhom bie 


FIG. 16.-The Rhombic Dodecahedron. 


dodecahedron. But then> are four other holo- 
hedral cubic forms, the hexakis octahedron, 
the icositetrahedron, t he tria kis octahedron, 
and the tetrakis hexahedron, represented by 
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the next four figures, Figs. 17, 18, 19. and 20, 
which may have several representatives, the 
commonest of which are specified in (
) 10, yet 
each of which has its own definite angles fixed 


:FIG. 17.-The Hcxakis Octahedron. 


by the symmetry. Also, there are ten other 
polyhedra characteristic of the cubic classes 
of 10\\ er than the holohedral symmetry, of 
which two may be taken as examples, the 
tetrahedron and the pentagonal dodecahedron, 


FIG. 18.-The Icositetrahedron. 


shown in Figs. 21 and 22. The tetrahedron 
is a form of both Class 31 and Class 28, the 
former class being produced when the three 
axial planes are no longer planes of symmetry 
and the six digonal axes are no longer operative. 


FIG. lD.-The Triakb Octahedron. 


The pentagonal dodecahedron is most charac- 
terio;;tic of Class 30 (in which iron pyrites, 
FeS z , crystalliscs), which is formed when the 
six diagonal planes of symmetry are eliminated, 


the three cubic planes being operative; the 
form occurs, however, also in Class 28. Th3 


FIG. 20.-The Tetrakis Hexahedron. 


polyhedron represented in Fig. 17, the hexakis 
octahedron, possesses the large num her of 48 
faces. It is the solid produced by the opera- 
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FIG. 
1.-The Tetrahedron. 


tion of the whole 22 symmetry elements when 
a single face inclined unequally to an three 
cubic axes is tgken as the start. 


FIG. 22.-The Pentagona.l Dodecahedron. 



 (9) THE REAL ELEl\IE
TS OF SYM:\iETRY. 
-It has been essential to refer to these 
geometrical details concerning the seven 
systems of crystal nrchitecture, and the 32 
classes of symmetry combinations which they 
comprise, in order to render quite clear one 
of the greatest advances of the last third of 
a century. Previous to that the existence 
of classes of less than the full "holohedral" 
systematic symmetry had been accountpd 
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for by assuming that the half or three-quarters 
of the full number of faces corresponding to 
the holohedral class were suppressed, or latent. 
For instance, the suppression of alternate 
faces of the octahedron "as supposed to give 
the tetrahedron; and the elimination of half 
of the faces of the tetrakis hexahedron to give 
the pentagonal dodecahedron. These classes 
were therefore denominated" hemihedral ., or 
" tetartohedral." according as one-half or only 
one-fourth of the full number of faces were 
present. But the work of Victor von Lang, 
von Groth, Story 1\Iaskelyne, and Viola 
effectually eliminated this feeble and very 
unscientific supposition, by sho" ing that 
there are certain definite elements of sym- 
metry, relatively few in number-those in 
fact which have been specified in 
 (6)-and 
that each crystal class of the 32 is endowed 
with its m\'n invariable and fixed number and 
character of symmetry elements, and that 
all of them are active, the crystal being the 
outcome of the operation of all the symmetry 
elements specified as governing and forming 
the class. 

 (10) THE LAW OF RATIOXAL I
TERCEPTS 
OR I
DICEs.-\Vhen we proceed to determine 
the indices of the other forms besides the 
primary, or parametral, and their individual 
faces on the crystal, we are saved from com- 
plicated figures and fractional or decimal 
values by a most remarkable law, already 
mentioned, 
vhich has proved to be the key to 
crystal structure. \Vhen we have made the 
comparison and got out our indices, they all 
prove to be simple integers. That i
, the 
faces developed on ùrystals by Nature are 
only such as have rational, integral, intercepts, 
whole numbers only, and usually very low 
ones such as 2, 3, 4, 5, or possibly 6, and but 
very rarely higher numbers. In other words, 
we have not to deal with faces of every possible 
angle, but only "ith faces having angles 
arranged at definite intervals. :\Ioreover, if 
symmetry be present, as is usual, the faces 
"ill form the natural groups or "forms" 
already referred to, for which the index 
num bers are the same, all these faces of any 
one form having the same relation to the 
symmetry developed. "Te have seen that in 
the system of highest symmetry, the cubic, 
for which the parameters are all equal, the 
general (faces inclined to all three axes) form, 
the hexakis octahedron, has no less than 48 
faces, all represented by the samð form 
symbol, :321} for instance. The kind of 
bracket just used is, in fact, reserved to en- 
close a "form" symbol, the indices given as 
representing the form being those of a face in 
the top fight front octant. At the other ex- 
treme, in Class I, pUi:)sessing no symmetry, 
every face is a form unto itself. 
The regular octahedron, of 8 faces as its 
VOL. 
v 


name implies, is {Ill}. The rhombic dodeca- 
hedron is {IIO}, as each face is parallel to 
one cubic axis and cuts off equal intercepts 
from the other two axes; it possesses 12 faces 
as again implied by its name. The cube is 
{I OO}, for each face is parallel to t\\ 0 axes; 
(100) is the front face, (010) the right face, 
and (001) the top face. The ordinary form of 
simple bracket here used is that reserved for 
the symbol of a face. The other four forms 
represented in Figs. 17 to 20 are known to 
have several representatives, thp commonest 
being, for the hexakis octahedron {321} , 
shown in Fig. 17, and {42I:, all three indices 
being always different; for the icositetra- 
hedron of 24 faces {211}, shown in Fig. 18, 
and {3II}, two indices being always equal 
and less than the third; for the triakis octa- 
hedron also of 24 faces {221:, shown in Fig. 
19, and {33I}, the two equal indices being 
always greater than the third; and for the 
tetrakis hexahedron {210
, shown in Fig. 20, 
and {310}, every face of the 24 which it pos- 
sesses being parallel to one axis and differently 
inclined to the other two. 
In no other system than the cubic are the 
whole of the angles determined by the sym- 
metry itself, and able to be calculated directly 
therefrom by spherical trigonometry. In the 
other systems the angles not fixed by the 
symmetry req uire to be determined by 
goniometrical measurement, from the results 
of which the crystal elements can be directly 
calculated. The occurrence of the faces in 
zones is a great help, especially as most faces 
lie at the intersection of two or more zones. 
Indeed the position of the faces can be located 
on a sphere directly from the measurements 
of the angles in the various zones: and hy a 
very simple construction, the points where 
normals to the faces from the common centre 
of crystal and sphere cut the sphere can be 
projected on to a plane, the eye heing supposed 
to be at the north or south pole and the plane 
of projection to be the equatorial plane. 
Such a projection on paper, the Stereographic 
Projection. affords us a concise and invaluable 
plan of the crystal, and the spherical triangles 
on it indicate to us the obvious course of the 
calculations, by which the crystal elements 
and the interfacial angles themselves can all 
be computed, provided one, two, three or 
five (according to the degree of s
 mmetry) 
" basal" angles are measured as the basis 
of calculation. 
Thus Fig. 23 represents the stereographic 
projection of a crystal of topaz (AIFhS iO .., 
which js orthorhombic, of the holohedritl 
Class 8. Eyery zone is represented by a 
circular arc or straight line, and in the cast' 
of the zune of faces parallel to the rertical 
axis, by the outer completp circle. The p0ints 
on each zone represent the positions of the 
c 
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various faces indicated by the )Iillerian 
indiC'es. The projection is that of the upper 
hemisphere, but as the plane of the paper is 
a plane of symmetry of this rhombic crystal 
the poles on the lower hemisphere are identi- 
cally placed. The two vertical planes of 
sym metry are repre- 
sented bv the two 
diameters- parallel to 
the page edges. The 
symmetry of the 
c
vstal is thus clearly 
a
d fully indicated 
by the stereographic 
projeC'tion. 

 (II) CRYSTAL 
STRUCTURE.-N ow 
the limitation 
of the number B bOlo 
of possible 
forms to sueh as have 
rational indices is of 
prime importance 
with regard to the 
structure of crystals. 
For it means that 
the crystal is built up 
of units of definite 
appreciable size, the 
" bricks" of the 
crystal edifice. The 
Abbe Haüy, who first 
recognised the law at the time of the 
French Revolution, imagined them as 
"molécules intégrantes." and since his time 
the idea has developed, very slowly for 
many years, but lately much more rapidly, 
until a geometrical theory of crystal structure 
has been evolved which has probably now 
reached finality, having been confirmed in a 
remarkable manner by the new X-ray analysis 


point-systems of the simpler kind, involving 
geometrical "space operations" of only the 
first order (rotations about axes only). They 
were first described by L. Sohncke. The 
remaining IG5 more complicated point- 
systems involve space operations of the second 
kind (reflections over 
planes). These weIe 
recognised and de- 
scribed simul- 
taneously by E. S. 
Fedorov, A. Schoen- 
flips, and 'V. Barlow. 
Fundamental to the 
whole 230, however, 
are 14 space-lattices 
defined by Franken- 
heim and 
b 010 B Bravais, and 
many of the G5 
Sohncke systems 
reduce to these space- 
lattices when gronps 
of the points are con- 
sidcred as units, or 
are repla.ced each hy 
a single point; in a 
few cases the space- 
la.ttices are special 
cases of the point- 
systems. 
\Ve thus come to 
the basal fact that the structure of a crystal 
is fundamentally that of a space-lattice, a 
three-dimensional trellis-work. Thrpe of these 
space-lattices are of cubic symmetry, the 
points being arranged as the simple cnbe, 
the centred cuhf', and the face - centred 
cu be. They are shown in Figs. 24, 2.3, 
and 2G. Two others are tetragonal, four 
are rhombic, two monoclinic, one triclinic, 
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FIG. 23.-The Stereographic Projection of Topaz. 
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Fw. 
-!.-The Cubic 
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FIG. 2.).-Th(' Centre 1 
Cube :-;pacc-Iatticc. 


FIG. 2û.-The Farp-cent.red 
Cubic Hpare-Iattice. 


of crystals prcscntly to be refcrred to. Its 
essence is as follows: 
Con::liùering the dementary atoms compos- 
ing the crystal suhstance as points, the crystal 
structure is that of a homogeneous arrange- 
mcnt of points. There arc 2:30 moùes of 
arranging points in a homogen('ous structure, 
such as i
 pm;sihle to ('rystals, having regaff} 
to all the limita,tioBs which are impm;ecl hy 
the htw of rationality and th(' fact that 
crystals have plane fae('s. Of th('se, 6.3 arc 


one is hexagonal, or trigonal-prismatic, and 
anoth('I' iR rhombohedral- trigonal. In the 
crystals of v('ry simple chemical compounds, 
and of the chemical elements themRC'lvC's, 
the space-lattice is directly formed by the 
chC'l1lieal atoms. In the more complicated 
crystalline substances, when more atoms go 
to the molecul(', the spa('e-Iattiee points are 
surroulHlC'c} or rC'placed by groups of atoBlH. 
In any cas(', the structure is that of one of the 
2:m sYRtcms of points, according to which 
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alone homogeneous crystal structures must be 
arranged, or is a special and very simple case 
of one of them. The crystal faces are parallel 
to the various planes of atom
 of the space- 
lattice. Any three adjacent points of the 
lattice of course determine a face. It is, 
indeed, only these possible planes of atoms, 
the nodes of the space-lattice, corresponding 
to all the possible combinations of three 
adjacent atom-nodes, that are possible faces, 
and this is the very simple explanation of the 
law of rational indices or intercepts. In 
short, the parallelepipeda formed by joining 
the rows of points of the trellis by straight 
lines, along the three dimensions of space, the 
unit blocks of the three-dimensional lattice, 
are the ., bricks" of the crystal edifice. 
Further, the Cleavage Planes of crystals are 
those along which the atomic points or nodes 
are most densely packed; for ob,-iously in 
the perpendicular direction the cohpsion must 
be Jess, the atomic attractive points being 
further apart, and the crystal is more readily 
torn asunder by a force thus perpendicularly 
directed. A '\ery simple and rational explana- 
tion of the very important property of cleavage, 
which so many crystals exhibit, is thus 
afforded. 

 (12) RELATIVE ::\IE-\SURE'IEXT OF SPACE- 
LATTICE CELLS IX SDIILARL Y COXSTRCCTED 
CRYSTA.Ls.-The points at the comers of the 
unit parallelepipedon of the space-lattice may 
be either the atoms themselves (simple cases), 
or the representatives of groups of atoms; 
or we may regard them as representing the 
chemical molecules or small groups of molecules 
(not usually more than four, but occasionally 
as many as eight) which form the complete 
point-system of the structure, and thus we 
come to regard the parallelepipedon as the cell 
or habitat of such molecular or polymolecular 
structural unit. K ow in a series of substances 
crystallising similarly-those known as "iso- 
morphous "-in which the only chemical 
difference is that one chemical element is 
replaced by another belonging to the same 
family group of the periodic system, it must be 
obrious that the structure is a strictly analo- 
gous one, belonging to the same cr
rstal-class 
and exhibiting the same "forms," and only 
differing in the dimensions of its parallelepipeda. 
It was suggested by F. Becke in the year 1893 
that a relative measure of these cell dimensions 
might be obtained by combining the crystallo- 
graphic axial ratios with determinations of 
the density of the crystals. For the latter 
divided i
to the moÌecular weight of the 
substance affords the )Iolecular Volume of 
Kopp, and this may be regarded as the 
volume of the cell. Combination of this with 
the axial relative lengths should therefore 
yield us the relati,-e edge dimensions of the 
cell. The suggestion was taken up practicall,y 


by 1\Iuthmann and by the writer simultaneously 
and independently in the year 18!}4, and 
applied by the former to the case of the 
rhom bic permanganates of the alkalies, the 
crystals of which he had measured and sub- 
mitted to density determinations, and by the 
latter to the rhombic sulphates and selenates 
of potassium, rubidium, caesium, and ammon- 
ium, as well as to a large number of the 
double sulphates and selenates of the \\ ell- 
known monoclinic series with six molecules 
of water of crystallisation, of which these 
alkali salts are the dominating constituent
. 
The new Space-Ratios thus obtained "ere 
called "Topic Axial Ratios" by .:\Iuthmann 
(from T67r0<;, space), and" Distance Ratios" 
by the writer. K ow the interesting result 
was obtained that these relative space-ratios 
indicated a regular increase in the space- 
lattice cell volume and edg(' dimensions, as 
the atoms of potassium were replaced by the 
hea'\ier atoms of rubidium, and these in turn 
by the still hea'\ier ones of caesium. The 
actual values will be found given in 
 (17) (iv.), 
for the simple rhombic sulphates of the alkalie3. 
It was further indicated that the volume and 
edge dimensions of the cells of the analogous 
ammonium salt were almost exactly identical 
with those of the corresponding rubidium salt, 
the intermediate member of the group of 
salts. J t has to be remem bered that the 
atomic weight (84'9) and atomic number (37) 
of rubidium are practically exactly mid" ay 
between these constants for potassium (38'9 
and 19) and caesium (131.9 and 33). Hence, 
the crystals. of these ammonium and rubidium 
salts are essentially isostructural. 
Now these interesting results were in keeping 
with those derived from the writer's previous 
researches. For it had been shown that the 
interfacial angles and elements of the crystals 
of these isomorphous series exhibit a similar 
progression, corresponding to the ad'\ance in 
atomic weight and atomic number, and in a 
long series of subsequent memoirs (just 
completed, 1922) it has been pro'\ed con- 
clusively that this is a general law for all the 
crystal properties, morphological, optical, and 
thermal, of these important rhombic and 
monoclinic series of isomorphous salts. The 
volumes and edge dimensions of their space- 
lattice cells thus conform to the general law 
of progression which the writer has now 
e::;tablished for these series. 

 (13) FIXAL PROOF OF HAÜY'S LAW OF 
COSSTAXCY OF CRYST-\L AXGLEs.-Incident-- 
ally this result has also definitely settled the 
long-argued contradiction between the view 
()f Haüy-that every chemical substance was 
charact
rised by it; own crystalline form- 
and the principle of i80m
rphism of )Iit- 
scherlich, who in first putting forward his 
disco,"erj" of the principle in its cruder form 
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FIG. 27.-Rpproduction of original Laue 
R.:.diogram of Zinc Blcllde. 


held that isomorphous substances arc equi- 
angular, and therefore that quite a large 
number of similarly constituted substances 
had not only the same form but also the same 
angles. But the results of the writer's work 
prove that there are small but very real 
differences in the crystal angles, rarely reaching 
3 0 and often less than 1 0 , as well as in every 
other property, and that consequently, even 
in these cases of great similarity, Haüy's law 
is strictly trup. The only cases excluded are 
cubic crystals, for which the symmetry fixes 
the anales. But even in these cases all the 
other l;operties show progressive differences. 

 (14) ANALYSIS OF 
CRYSTAL STRUCTURE BY 
X - RAYS (LAUE). -- At 
this point the 
writer was 
eagerly looking 
for a means of 
converting 
into absolute 
measures these 
relativedimen- 
sions of the 
space - lattice 
cells, afforded 
by the space- 
ra tios. For 
so far only , 
strictly related \ 
compounds, 
such as thosc 
of isomorphous 
series for which 
the structure.:; 
wero certainly 
analogous, were strictly 
com para hie. One step 
forward had been made, 
however, for from the 
evidence of the produc- 
tion of exceJlent mixed 
crystals and parallel growths it had been 
proved that rubidium and ammonium sul- 
phates were also strictly comparable, and 
their isostructure rendered certain; for close- 
ness of structural dimensions is a condition 
for such productions. But at this mOlm>nt, 
in the year 1912, ::\1. von Laue of )Iunich made 
his epoch-making suggestion, that if the atoms 
or molecules of a crystal are in truth arranged 
in a space-lattice, they ought to be capable 
of reflecting or diffracting the exceedingly 
minutf' elpctro-magnetic waves of the X-rays, 
for the order of dimensions of atoms and of 
the wave-lengths of X-rays is approximately 
the same, about 10- 8 cm. The planes of 
atoms of such a space-lattice ought, in short, 
to behave much as a diffraction grating does 
to" ards ordinary rays of light. His colleagues, 
\Y. Friedrich and F. Knipping, tried the experi- 
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ment with a crystal of zinc blende, and found 
it to succeed perfectly, the crystal diffracting 
the incident beam of X-radiation into a 
number of diverted beams, each of which 
made an impression on a photographic plate 
which developed as a spot, and the whole 
series of spots formed a pattern-the now 
well-known Laue radiogram-which exhibited 
the cubic symmetry of the crystal, each plane 
of atoms of the space-lattice producing its own 
spot. The writer was fortunate Ïn seeing these 
historic first Laue radiograms in the 1\1 unich 
laboratory on a visit just afterwards. One of 
them, for zinc bIen de, is reproduced in Fig. 27. 
Before giving a brief 
account of the remark- 
able development which 
hDs followed 
from this new 
mode of at- 
tack, it may 
be said at once 
that the re:;:ults 

 have fnlly 

 confirmed the 
conclusions 
of crys tal- 
Jngraphers 
above de- 
scribed. They 
prove beyond 
a shadow of 
dou bt that 
crystals are 
built up on the 
principle of 
point - systems 
and space- 
lattices, the atoms being 
the ultimate units, and 
in a considerable num- 
ber of cases of simple 
chemical compounds the 
absolute dimensions of 
the space-lattice cells have heen determined. In 
the particularly important case of the sulphates 
of potassium, rubidium, and caesium, for 
which the rclative ccll dimensions had be('n 
given by the writer as explained in a previous 
section, the absolute values now obtained by 
X-ray analysis have proved to posses8 pre- 
cisely these relations, thp corresponcknce being 
of a most satisfactory and eyen surprising 
closeness. The actual figures are given and 
more fully referred to in 
 (17). 

 (V5) THE X-RAY SPECTROMETER (BRAGG). 
-Shortly after the publication of the memoir 
of Laue, Friedrich, and Knipping, a new 
method of proceùure 1 was devised by Sir 
"Tilliam H. Bragg
 and a fuller explanation 
was given of the Laue radiograms by his Flon, 
Prof. 'V. L. Bragg, who has also us('d v.ith 
1 :;ec" X-1tars," 
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conspicuous success the method of his father. 
This consists in mounting the crystal on a 
spectrometer-goniometer, replacing the ordin- 
arv collimator by two successive slits in leaden 
sc
eens (lead being impervious to X-rays), 
and the telescope by an ionisation tube, the 
diffracted or reflected X-rays passing "ithin 


the planes of atoms, and between the atoms 
themselves when planes normal to all three 
directions of space are investigated; indeed 
it gives us the absolute lengths of the edges 
of the space-lattice cells. 
t Really satisfactory results, consisting of a 
definite determination of the positions of all 
the atoms, have only so far been 
obtained with substances of re- 
latively simple chemical composi- 
tion. They are divisible into two 
very distinct types: (1) those in 
which the positions of all the 
atoms are fixed by the symmetry, 
by the nature of the space-lattices 
or other point-systems present, 
which are clearly recognised by 
the X-ray analysis; and (2) 
those in which only the atoms of 
one or more of the dominating 
elements present-the metal, for 
instance, in a salt or binary 
compound-are thus fixed, while 
the atoms of another element or 
other elements are permitted 
some latitude within certain limits, 
the exact positions being deter- 
minable by the X-ray analysis. 
Three instances of the former 
fixed type are: (a) many native 
metals, copper for instance, the 
structure of which is simply that 
of the face-centred cube lattice 
already illustrated in Fig. 26; (b) potassium 
or sodium chloride, KCI (sylvine) or XaCI 
(rock-salt), shown in Fig. 28; and (c) zinc 
blende, ZnS, portrayed in Fig. 29. 
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FIG. 28.-The Structure of ::,ylyine and Rock-salt. 


the latter and ionising the vapour of methJ I 
bromide or gaseous sulphur dioxide contained 
therein, the electrical effect being COIll- 
municated to an electroscope and measured 
as to its intensity. It was found that re- 
flection of the X-rays at any plane of atoms 
(really a large number of parallel planes 
inside the crystal having the same relations 
to the crystal symmetr,v) occurred only at 
certain specific glancing angles, the facts being 
expressed by the following equation, which 
is of !'imilar kind to that go,-erning the action 
of a diffraction grating toward light waves: 
n^=
d sin 0, 
where n is the order of X-rav spectrum, ^ 
the wave-length of the X-ra}:s (the Braggs 
using "monochromatic" X-rays instead of 
the more general X-radiation employed by 
Laue and his colleagues), d is the" spacing" 
of (distance between) the parallel planes of 
atoms affording the reflection, and 0 is the 
glancing angle of reflection (that is, the angle 
from the plane, not from the normal to the 
plane). Kno" ing the wave-Ienfrth of the 
X-rays employed-and Sir 'Yilliam Bragg 
had determined this with considerable accuracy 
for the rays from certain specific anticathodes, 
notably those of pall?dium-it is obyious 
that this important equation affords us, in 
the value of d, the absolute distance between 


FIG. 20.-The btructure of Zinc Blende. 


Two instances of the latter type, with one 
or more variables, are iron pyrites, FeS2' 
and calcium carbonate, CaC0 3 , the positions 
of the sulphur and oxygen atoms being allowed 
a certain choice of position along particular 
lines; these positions have bpen exactly 
determined by quantitath
e X-ray analysis. 
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The structur(' of iron pyrit('s is shown in Fiy. 
30, which h; the reproduction of a photograph 
of a model. Th(' case of calcium carbonate 
is more complicated, as the structure appears 
to be built up of calcium atoms and of C0 3 
groups, in which the oxygen and carbon atoms 


}'IG. 30.-The t;tructure of Iron Pyrites. 


are very closely bound together, for a reason 
to he presently explained (the sharing of 
certain electrons in common). 
In the case of copper crystals the atoms are 
all alike, being those of the element copper, 
and their arrangement is that of the face- 
centred-cube space-lattice. In the cases of 
the chlorides of sodium and potassium, how- 
ever, two kinds of atoms, those of the alkali 
metal and of chlorine, are present. Xow the 
Bragg methud has revealed another important 
and very helpful fact, that the intensity of 
X-ray reflection from a crystal face (really 
from the planes of atoms within the crystal 
parallel to the face) is proportional to the 
mass of the atoms composing it, and the 
atomic weight or atomic number may be 
taken as representing the mass of the atom. 
Hence, as potassium possesses the atomic 
weight 39 and chlorine 3;"')'') the masses of the 
atoms in sylvine are nearly alike. But as 
sodium has the much lower atomic weight, 23, 
tl}('re is a distinct diRRimilarity in the masses 
of the two kind
 of atoms composing rock- 
salt. The effect of this is curious. Referring 
to Fig. 28, it will be seen that the cube planes 
(100) are aU composed of ('qual numhers of 
metallic and chlorine atoms, while the octa- 
hedral planes (Ill), shown in dotted lines, are 
alternately composed all of chlorine and all 
of metallic atoms. The effect in the case of 
rock-salt is as if there were two interpenetrat- 
ing space-lattices of the face-centred cube, of 
different reflecting power, composed solely of 
sodium and of chlorine respectively, each of 
dou ble the spacing; the first order sp('('trum 
hecomes consequently weakened, while the 
second order i;:; abnormally strong, the third 
order nearly di'5appears, but the fourth order 
reflection is quite good. On the other hand 


potassium chloride (syhTine) crYRtals behaye 
as if the structure were of one l
ind of atom 
only, and the space-lattice is that of the 
simple cube, the small cubes of Fig. 28. 

 (16) ÐEBYE AND SCHERRER.-Yet a third 
method of X-ray analysis has been devised 
and most successfully used bv P. Debve and 
P. Scherrer, and independently by A. ,,;. HuH, 
in which the crystal is pulverised and the 
powder compressed into a rod, placed in the 
axis of a cylindrical photographic film and 
subjected to " monochromatic" X - rays. 
Characteristic interference curves are shown 
on develupment of the film, afforded bv sueh 
particles (and among the infinite variety of 
orientations of the particles some such are 
bound to be present) as are correctly orientated 
to give the reflections from their planes of 
atoms. These three methods, the Laue 
radiographic, the Bragg spectrometric, and 
the Debye. and Scherrer powder - method, 
of X-ray analysis, most wonderfully confirm 
and supplement one another. 
Sir "Tilliam Bragg has since shown that the 
powder method may be adapted for use with 
the X-ray spectrometer, it being only necessary 
to paste the powder on the flat smface of a 
holder placed on the spectrometer instead of 
the crystal. 

 (17) STRUCTURE AS DETER:\1I5ED BY 
X-RAys.-Carcful examination of the reflec- 
tions of X-rays at the various glancing angles 
corresponding to the different orders of 
spectra (n), as regards both the determination 
of the exact angle and of the relative intensity, 
has enabled the structure of a large number 
of substanees of more or less simple character 
to be determined and their cell dimensions 
to be measured. 
(i.) Zinc Blende, Diamond. and Fluorspar. 
- That of zinc blende, ZnS, is shown in 
Fig. 29. The zinc atoms occupy the corners 
and centres of the large cube faces, but the 
sulphur atoms occupy the centres of alternate 
small cubes. :l\Ioreover, if we replace both 
zinc and sulphur by carbon atoms we have 
the structure of the diamond. Again, if the 
zinc atoms be replaced hy calcium atoms, 
and the centre
 of all the cuhelcts (not 
only alternate ones) be filled "ith fluorine 
atoms, we have the structure of fluorspar, 
CaF 2' In all these cases the structure- 
lattice itself fixes the positions of all the 
atoms. 
(ii.) Tron Pyrites. - In the case of iron 
pyrites, shown in Fig. 30, only the iron atoms 
arc fixcù by the lattice itself, of whieh th('y 
form the corners, like the zinc and calcium 
atoms of zinc blende and fluorspar. The 
sulphur atoms, however. in iron pyrites are 
not at the centres of the cubelets, but each 
is moved along one of the diagonals (a trigonal 
axis), chosen eompletncntarily as shown in 
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the figure, to a position the exact location 
of which has been determined with great 
accuracy; as no iron atom is present at the 
corner near which the sulphur atom is arranged. 
its next neighbour will be another sulphur 
atom, as shown about the central corner in 
Fig. 30. 
(iii.) Carbon and it.s CompOluzd.s.-The struc- 
ture of diamond has already been given in 
(i.); that of the other form of carbon, graphite, 
has been determined by the powder method, 
by Debye and Scherrer, by Hull, and .by Sir 
'Yilliam Bragg, and found to be, as expected, 
that of a trigonal space-lattice. 
ow it is 
particularly interesting that the two struc- 
tures, of diamond and of graphite, correspond 
to two different arrangements of the four 
valency bonds of carbon. Those of diamond 
(cubic) are arranged tetrahedrally, each carbon 
atom being attached to four others situated 
at the corners of a tetrahedron (of which it 
forms the centre) resting on one of its faces, 
one bond being thus upright and the other 
three radiating and slanting downward
 like 
a tripod. In graphite there are three principal 
valencies in a plane, which is puckered accord- 
ing to Hull, and a fourth feebler one perpen- 
dicular to the plane. Further, Sir 'Yilliam 
Bragg has shown that the same puckered 
planes exist in both diamond and graphite, 
and that their repetition in the structure 
results in the formation of six-carnon-atom 
rings. )Ioreover, if we take two such layers 
of a diamond structure model and remove 
one of them further away from the other 
while at the same time gi\ing it some rotation, 
we produce a model of graphite. The greater 
separation of the planes is al'io accompanied 
by some tightening up of the atoms in the 
puckered plane, and t he two occurrences 
together determine that graphite has great 
cohesion in the plane and very slight at right 
angles to the plane; hence, it cleaves parallel 
to the plane so readily as to be actually soft 
enough to act as a lubricant. On the other 
hand, diamond is the hardest substance known. 
)10st interesting of all, however, is the fact 
brought to light by Sir 'Yilliam Bragg, that 
these hexagonal six-atom rings persist as 
such in the aromatic carbon compounds. 
Benzene itself, C 6 H 6 , has not yet been investi- 
gated as the crystals melt at 6 0 C. But there 
is good ground for believing that it consists 
entirely of such hexagonal carbon rings with 
attached hydrogen atoms. 
aphthalene, how- 
ever, C WRg, which has two benzene rings in 
its constitution, two carbon atoms being 
common to the two rings, crystallises well, 
and anthracene, CURIO' well enough for the 
powder method, this hydrocarbon having 
three benzene rings with four carbon atoms 
in common. On analysis by the X-rav 
spectrometric method it" was f
und that th
 


monoclinic space-lattice cells of each substance 
contained two molecules of the hydrocarbon, 
and their absolute dimensions were determined. 
The conlers of the cells, and also the centres 
of their basal plane faces, are each occupied 
by the double benzene ring of naphthalene or 
the triple one of anthracene, each acting as 
an entity, the hydrogen atoms being accom- 
modated in the spaces left around these 
structures. Further, the double benzene 
rings were also found to remain intact in the 
derivatives of naphthalene, the particular 
ones studied being acenaphthene, the a- and 
fl-naphthols, and a-naphthylamine. The cell 
dimensions of these substances were deter- 
mined in absolute measure, and the cells 
found to contain four molecules of the sub- 
stance in all four cases. 
In these remarkable organic structures it 
is clear that the' molecules persist in the 
crystalline state, and a clear ease is afforded 
which should check the tendency to conclude, 
from the early X-ray results with very simple 
binary compound
, that atoms alone need be 
considered in the crystalline state, and that 
molecules no longer persist. Such a conclu- 
sion was in any case premature, and there are 
many reasons why it was difficult to believe. 
For saturated-indeed supersaturated-solu- 
tions, and not dilute, are concerned in 
cr) stallisa tion, so tha t ionic dissociat ion is 
excluded; and the molecules "hich deposit 
themselves in orderly fashion in forming the 
crystal are reproduced, or others indistingui:sh- 
able from them, when the crystal edifice is 
taken down again by solution or fusion. 
(iv.) Alkali Sulpltates. - As an example 
coming under the writer's 0""11 personal 
observation, of the highly satisfactory manner 
in which these results confirm the work of 
crystallographers, the case of the rhombic 
alkali sulphates may be quoted. The sulphur 
atoms were found to be located at the corners 
and face-centres of the unit rectangular 
prism, practically like Fig. 28", excppt that 
the rectangular spacings (edges of the prism- 
cell) were not equal, the block or cell being 
not cubic but rectangular rhombic. The 
metallic atoms, of potassium, rubidium, or 
caesium, are arranged hexagonally, which is 
in remarkable accordance with the well- 
known closeness of potassium sulphatf" and 
its isomorphs to hexagonal symmetry, the 
angles in the prism zone being only a few 
minutes removed from exactly 60 0 and 30 0 , 
The table on following page shows the" riter"s 
published values for the molecular volumes and 
topic a:\.ial ratios (the relative dimensions of 
the space-lattice cells) for the four salts of 
the series, and also the absolute dimensions 
and volumes as determined bv means of 
X-rays "ith the same crystal:s' (grol\"11 and 
measured by the writer) by Prof. Ogg and 
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rr. F. L. Hop\\ood in Sir \Villiam Bragg's 
laboratory. Thc correspondence is striking, 
indeed if the writer's relative values be 
multiplied by 10- 7 and considered as centi- 
metres the absolute values as fixed by X-ray 
reflection are practically reproduced. 1\lo1'e- 
over, the almost perfect isostructure (equality 
of cell dimensions) of the rubidium and 
ammonium salts is fully confirmed. Incident- 
ally, this is a fact which clearly shows the 
fallacy of the Pope and Barlow valency 
volume theory, which would require that the 
volume of the ammonium salt should be twice 
as great as that of rubidium sulphate, the 
respective valency volumes of the two salts 
bcing 24 and 12. 


a pcriodic one like that just referred to, with 
the electro-positive alkali metals at the 
summits of the periuds and the halogens and 
other electro-negative clements at the de- 
pressions; it is shown in Pig. 31. The sphere 
of which this "atomic diameter" is the 
diameter is the limit of approach to that of 
any other atom, and in the simplest structures, 
the crystals of the elements themselves, it is 
the actual distance of separation of the 
centres of the atoms from one another. The 
law is proving very helpful in elucidating 
further more complicated crystal structures; 
for no two atoms can occupy, or be assigned, 
closer positions than the sum of their two 
radii. 


CO:\[PARISO
 OF 
IOLECULAR VOLUMES AND SPACE-RATIOS WITH ABSOLUTE DIMENSIONS 
OF SPACE-LATTICE 


I l\Iolpcular Topic Axial Ratios. Absolute Lengths of Sides of rnit Volume of 
Salt. Volume. 1þ for K 2 SO.s=1. Uhornb. Unit Rhumb. 
X : 1þ : w a b 
 
- 
crn. crn. cm. c.c. 
K2
04 64.91 0-5727: 1.0000: 0.7418 5.731 x 10- 8 10.008 X 10- 8 7.424 X 10- 8 :1-25.78 X 10- 2 <1 
Rb 2 SO-s 73.34 0.5944: ] .0387: 0.7774 5.949 x 10- 8 10.394 X 10- 8 7.780 X 10- 8 481.14 X 10- 2 & 
( NH .s)2 S0 .s 74.04 0.5946: 1.0.3.32: 0.7723 5.9.31 x 10- 8 10.560 X 10- 8 7.729x 10- 8 485.71 x 10- 24 
l'S2 SÜ .s 84,58 0.6213: ] '0877 : 0.8191 6.218 x 10- 8 lO'884 X 10- 8 8.l98 X 10- 8 554.88 X 10- 24 



 (18) THE LAW OF ATOrtlIC DIAMETERS.- 
Another remarkable principle has more 
recently been deduced by Prof. 'V. L. Bragg 
from a consideration of all the X-ray analyses 
obtained up to the beginning of the year 1920. 
It is that the atoms of each chemical element 



 
, 
Cb 
E:: 
.
 

 
,\) 

 

 

 


i\ 
1'9, 
.. - & 
 ..
...
 
B. .. 
 c Sj?9 
 CrMn 

 S CI 
C z: 
N 0 F 


If> 


Atomic Number5 o/the Dements. 



 (19) X-RAY CRYSTAL ANALYSIS AND 
ATO:\UC STRuCTuRE.-Finally, X-ray analysis 
in the hands of the Braggs is now affording 
some indication also of the structure of the 
atoms composing the crystal structure. It 
appears quite likely that the sphere just 
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FIG. 3t.-The Curve of Atomic Diameters. 


possess thp same diameter (regarding the 
atom as a sphere) in all the compounds 
of that element studie(l, and these fixed and 
definite diameters are related, not as the 
valencies of the clements (as they are supposed 
to be in the Pope and Barlow theory), but 
in a manner reminiscent of the relations of 
their atomic volumes, as shown in thp well- 
known curve of Lothar l\Ieyer. The curve is 


referred to as representing the limiting surface 
of the atomic domain is the outer shell of 
electrons. .More careful study of the intensities 
of the reflections of the ;arious orders of 
X-ray spectra from the diamond (from the 
tetrahedron planes of atoms), and from fluor- 
Rpar, are affording indications of somet.hing 
- probably connecting electrons - dispersed 
tetrahedrally in the case of the diamond, and 
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ùne-third to one-quarter of the way betwpen 
the calcium and fluorine planco:; in the case 
of fluorspar. Also by using X-rays rendered 
more strictly monochromatic by preliminary 
reflection from rock-s
llt, much more accurate 
detenninations of intensity have been obtained, 
such indeed as can be expressed by a definite 
mathematical formula. Among the various 
factors which make up this formula there is 
one \\ hich relates to the positions of the 
electrons of the outer shell, and this again 
assists in obtaining indications of the positions 
of these electrons. Hence, it is probable 
that further researches will afford us not only 
accurate X-ray analysis of crystal structure, 
but also of atomic structure. 
The results so far are more in unison with 
the Lewis-Langmuir version of the theory of 
atomic structure than "ith the Bohr-Sommer- 
feld variety. There is distinct eyidence of the 
sharing of electrons by the electro-negative 
elements, and in cases of the combination of 
an electro-positive element \\ ith an electro- 
negati,
e one, such as that of potassium and 
chlorine to form crystals of sylvine, KCI, 
that the one (here the potassium atom) loses 
an electron, while the other (here the chlorine 
atom) takes it up. In each of these two cases 
the more stable outer shell of the argon type 
with 18 electrons appears to be formed with 
each element, the number of electrons of 
these two elements, potassium and chlorine, 
being 19 and 17 respectirely, corresponding to 
their atomic numbers in accordance with the 
immensely important law of )Ioseley. The unit 
excess of positive charge left on the nucleus of 
the potassium atom, and the negative excess 
unit charge of the added electron on the chlor- 
ine atom, act as the attractive connecting 
force binding the two atoms together. 

 (20) CRYSTALLOGRAPHIC SlGXIFICANCE OF 
)IOSELEY'S L-\.w.-The law of )Iospley just 
referred to has also a profound crystallographic 
significance. This law, which it will be re- 
membered emerged from :Moseley's last two 
memoirs on "High Frequency Spectra" (he 
was killed at SuvIa Bay, Dardanelles, 1913), 
is the e;:;sence of atomic structure, as now 
generally agreed, and is not dependent on the 
special features of either the Bohr or the Lang- 
muir "Versions. It stipulates that the positire 
charge on the nucleus is .x units, where X is 
the atomic number, the sequence number of 
the element in the periodic table, and that 
there are N electrons, each of unit negative 
charge, surrounding it, to counterbalance the 
nucleus and form the atom. According to 
Langmuir these electrons are arranged in 
succes
ive shells contain in!! 2, 8, 8, 18, 18, 
and 32 electrons as \\ e proceed along the 
periodic table, while according to Bohr the 
shells comprise successively 2, 8, 18, 32, 18, 
and 8 electrons. 'Yhich of the two versions 


is correct is for the moment immaterial as 
regards the point now desired to be emphasised. 
This is that the progression in complexity of 
the atoms provided by )[o
eley's law explains 
most fully and satisfactorily the progression 
in the crystallographic elements, angles, space- 
lattice cell-dimen@;ions, and in the optical 
and other physical properties, "hich has been 
observed by the writer to occur in the two 
large and important rhombic and monoclinic 
series of isomorphous salts (sulphates and 
selenates, and dou
le sulphates and selenates 
with 6H 2 0) containing the alkali metals, 
potassium, rubidium, and caesium, when 
potassium is replaced by rubidium and the 
latter in turn by caesium. For it has been 
shown -that these strongly electro-positive 
elements form the summits of the Bragg curve 
of atomic diameters, as clearly shown in Fig. 
31, and their atoms increase in complexity by 
a complete shell of electrons at each step (from 
potassium to rubidium. and from rubidium to 
caesium), and their atomic numbers are 19, 
37, and 53, differing by equal steps of 18. 
Hence, this regular addition in mass and 
complexity of the atom at each step is bound 
to produce a corresponding crystallographic 
progression, such as has been so fully re\ealed 
by the writer's work of many years, and which 
has now been so strikingly confirmed by the 
direct absolute measurement of the space- 
lattice cells by means of X-rays. 

 (21) OPTICAL PROPERTIES OF CRYSTALS.- 
The physical properties of crystals-their 
Optics, their Thermal, Elastic, Electrical, and 
)Iagnetic Properties-are of equal importance 
and interest to the :l\Iorphological characters 
"hich have been considered in the preceding 
pages. For all of them are profoundly affected 
by the symmetry, inasmuch as this symmetry 
is not only that of the exterior form but of 
the intern
l structure. Indeed, it has already 
been made clear that the former is but the 
natural expression of the latter. 
The optical properties 1 are of prime import- 
ance as being easily observed and often 
characteristic of the particular substance, and 
also because they frequently afford the means 
of readily deciding as to the type of symmetry, 
when the goniometrical examination lea yes a 
doubt between certain alternati\es or when 
crystals of adequately perfect exterior form 
are unprocura ble. Three main operations are 
in general involved in the optical investigation, 
and they are all connected "ith the central 
fact tha't the optical properties of a crystal 
may be represented by an ellipsoid of general 
form, that is, one of which the three rectangular 
principal axes are unequal in length. Two 
varieties of the ellipsoid ha\e been used, the 
vibration-velocity ellipsoid of Fresnel, and its 
1 
ce" Li
ht, Double Refraction of"; also" Polar- 
iscù Light," 99 (5)-(16), etc. 
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pola,r reciprocal, the indicatrix of Fletchm'. 
The latter i
 the simplest and most usdul for 
all practical purposes, as its axes are directly 
represented by (proportional to) the principal 
optical constant, the refractive inùex, corre- 
sponding to light vibrating along each of 
those three important directions. Hence, the 
main task in practical crystal-optics is to 
determine the refractive index of the crystal 
in the three rectangular directions correspond- 
ing to the axes of the optical indicatrix. The 
determination of refractive index is an opera- 
tion familiar in the physical laboratory, and 
it is only necessary here to mention that it 
involves the measurement of the angle of the 
prism (on the goniometer, like a crystal 
angle), and that of minimum deviation for 
liaht of a number of wave -lengt.hs distri- 
o . 
buted through the spectrum, the same gomo- 
meter - spectrometer being 
used for both operations. 
'Ye have first, however, 
to know these three axial 
directions of the indicatrix, 
and if they are not alreaòy 
fixed by the development 
of high symmetry on the 
crystal, to determine them, 
the determination of two 
sufficing to fix: all three. 
This is achieved by ex. 
amination of the pheno. 
mena afforded by plates of 
the crystal in parallel and 
convergent polarised light. 
t\ow the greater the sym- 
metry l)resent the simpler 
this task becomes. If the 
crystal possess the perfect cubic symmetry 
the optical properties are the same in all 
directions within the crystal, and the ellipsoid 
becomes a sphere; a 60 0 prism cut out of the 
crystal in any direction will, therefore, give us 
the refractive index, just as if it were glass. 
There is consequently for a cubic crystal but 
one rdractive index for light of anyone 
wave-length. If the symmetry be that of 
the tetragonal, hexagonal, or trigonal system 
the ellipsoid becomes one of rotation about 
the tetragonal, hexagonal, or trigonal axis 
of symmetry. The refractive index for light 
vibrating along that axis will thus be different 
from that vibrating in any other direction, 
the maximum difference bcing for all rays 
vibrating in the circular section of the ellipsoid 
perpendicular to the axis. These two extreme 
refractive inùices are respectively labeHcd 
 
(vibrations parallel axis) and w (vibrations 
perpendicular axis and in circular section). 
If w be the greater, as for calcite CaCO a , the 
crystal is conventionally ncgative, but if 
 
have the highcr value, as fur quartz, Si0 2 , 
the crystal is said to be positive. Light 


tra veIling along the axis remains a single beam, 
as its vibrations are all in the circular seetion. 
But light travPlling in any other direction is 
dou bly refracted. a bifurcation into two rays 
occurring, one of whieh always affords the 
index wand is an ordinary ray, while the 
other is an extraordinary ray which only 
affords 
 when its vibrations occur parallel 
to the axis. Hence, tetragonal, heÀagonal, 
or trigonal crystals are optically " uniaxial." 
In actual practice a GOo prism is cut so that 
the refracting edge is parallel to the tetragonal, 
hexagonal, or trigonal axis; this prism afforùs 
immediately 
 and w; for the ray traversing 
it at minimum deviation passes along a 
diameter of the circular section, and divides 
into two rays vibrating perpendicularly to 
its path and polarised at right angles to eaeh 
other, one of which vibrates parallel to the 
refracting edge and axis and 
affords 
, while the other 
vibrates in the circular 
section and affords w. 
The t,,, 0 images of the 
signal-slit corresponding to 
these two rays ean readily 
be distinguished by means 
of a Nicol prism placed in 
front of the telescope eye- 
IÜece of the goniometer- 
spectrometer. 
There is usually no 
difiiculty in reeognising a 
uniaxial crystal, and find- 
ing the position of its axis. 
FIG. 32.-UniaxiaI Interference Figure in }l'or à plate cut perpendicu- 
Convergent Polarised Light. lady to the latter exhibits 
in convergent polarised 
light the well-known interference figure con- 
sisting of circular iris-coloured rings and a 
co-central black cross, the former being curves 
of equal retardation of one of the two rays 
behind the other, and the cross marking the 
directions of vibration of the crossed Nicols. 
The goniometry will have indicated tllP 
direction which is probably that of the tetra- 
gonal, hexagonal, or trigonal axis, and a plak 
cut or ground from the crystal pcrpcndicularly 
to this direction can readily be tested for the 
production of this unmistakable uniaxial inter- 
ference figure, a photographic reproduction of 
which is given in F1'g. 32. 
The more general case of an optical ellipsoid 
with three unequal rectangular principal axes 
corresponds to rhombic, monoclinic, or tri- 
clinic symmetry. The (Erections of the three 
axes are identical with those of the rhom hic 
axes, but only one crystallographic axis, the 
symmetry axis b, is coincident with an axis 
of the ellipsoid of a monoclinic crystal, and 
in the case of a triclinic crystal there are no 
coincidences of morphological and optical 
axial directions. In order to determine the 
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three rcfracti\-e indices a, t
, )', corresponding to 
vibrations parallel to the three respecti\?e a
{'s 
of the ellipsoid, we can proceed at once in thE' 
case of a rhombic crystal to cut or grind and 
polish three 60 0 prisms, so that the refracting 
edge of each is parallel to one of the crystallo- 
graphic axial directions (a differE'nt one in each 
case), and so that the bisecting plane of the 
prism is parallel to a principal plane of the ellip- 
soid; this plane will then also contain a second 
axis of the ellipsoid. Hence, such a prism affords 
two images of the signal-slit of the spectrometer, 
corresponding to two of the refractive indices, 
say a and p, or ß and )', or a and)'. Two of 
the prisms suffice to afford us all three indices, 
and one in duplicate; but the three prisms 
gire each index b\Îce over, affording an excel- 
lent test of accuracy. Each index is, of course, 
determined for light of a convenient series of 
wave-lengths distributed oyer the spectrum. 


FIG. 33.-Bia
ial Interference Figure in 
Conyergent Polarise(l Light. 


In the case of a monoclinic crystal we have 
first to determine the situatio'; of the two 
rectangular axes of the ellipsoid "hich lie in 
the symmetry plane. \Ye do this by cutting 
or grindin,g a plate parallE'1 to the symmetry 
plane, leaving the faces along its edge un- 
damaged so as to serve as reference faces. 
This is then placed in the polariscope arranged 
for parallel light, and the directions deter- 
mined (with respect to one of the rE'ference 
faces) for which the dark field of the crossed 
Nicols is rpproduced. ThE'se two pE'rpendicular 
directions are those of the required axes of 
the ellipsoid. \Ye then know all three a}"es of 
the indica trix and can proceE'd to prepare the 
three prisms as in the case of a rhom bic crystal. 
The case of a triclinic crystal is more 
difficult, but the sequence of operations is 
the same; the section-plates required to fix 
the directions of the axes of the ellipsoid by 
l'Àtinction determinations need, however, to 
be more numerous. 
\Ye thpn proceed to study the interference 
phenomena in convergent polarised light. For 


a gE'neral tria
ial ellipsoid must have b\ 0 
radii lying in its principal section-plane (that 
containing the a and)' axes) which are equal 
to the intE'rmediate a
is ß perpendicular to 
that .plane, and so has two circular sections 
perpendicular to which there" ill apparently 
be equal (no double) refraction and the 
property of an optic axis ex hi bited. HE'nce 
rhom bic, monoclinic, and triclinic crystals are 
" biaxial," and if a plate be cut perpendicular 
to that axis of the ellipsoid which is the 
bisectrix of this acute optic axial angle, we 
shall see (in the dark field in convergent 
polarised light) the well-known biaxial figure 
of iris-coloured lemniscates (rings, loops, and 
ellipse-like curves) and dark extinction brushes, 
as shm\n in Fig. 33. The b\o optic axes are 
at the central points of the two s:rstems of 
rings, and are further indicated by the fine 
vertices of the hyperbolic brushe
. '\\ hich pivot 


FIG. 3-l.-TIiaxial Interference Figure with 
Kicols rotated simultaneously -15 0 . 


about the optic axes when the plate is rotated 
in its own plane, or when the two Kicols are 
simultaneously rotated instead, as sho'\\ n in 
Fig. 3-1 for 43 0 of rotation. The angle beÌ\\ een 
the optic axes as thus SE'en in air is not the 
true angle '\\ ithin the crystal, but this latter 
can be detE'rmined by preparing a second 
section-plate perpendicular to the obtuse 
bisE'ctrix, and mE'asuring the apparent optic 
axial anglE' of both plates in one and the same 
highly refractive liquid, '\\ hE'n thE' following 
simple formula enables us to ca.Iculate the 
truE' angle 2Y a , within the crystal, from the 
apparent acute and obtuse angles 2Ha and 
2Ho in the liquid: tan Y a = sin Halsin Ho. 
ThE'se measurenlE'nts must also be made for 
monochromatic light of the same series of 
wave-lengths as the refractive indicE's; for in 
general the angle is dispersE'd like a spectrum, 
and is diffE'rE'nt for each wavE'-length, giving 
rise to the chromatic E'ffects seen in white light. 
IndeE'd, this dispersion is somE'timE's so great 
that for red light the optic axes are separated 
in another (perpendicular) plane to that 
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which contain
 them for blue light, and ycry 
beautiful intprference figures are afforded in 
such cases of ., crossed-axial-plane rlisIWJ'siou." 
The writer's spectroscopic monochromatic 
ilJuminator, described to the 
Royal Society in the year 189-1, 
which supplies monochromatic 
light of a purity equal to the 
three - hundredth part of the 
spectrum, enables the phenomena 
to be very accurately followed, 
and the exact wave-length for the 
crossing, when the uniaxial figure 
is temporarily produced, to be ' .... 
determinE'cl 
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aud the truly orientated plates and pJ'isms 
can be prcpared with the aid of the cutting 
and grinding goniometer which the" ritf'r also 
ùescribed to the Hoyal Society a.t the same 
time as the illuminator, and which has proved 
so invaluable that no excuse is needed for 
illustrat ing it in Fig. 35. It possesses all the 
attributes of a goniometer, having in addition 
its adjusting arcs divided, combined with a 
cutting apparatus (revolving soft iron disc 
with diamond-fed edge) and a grinding and 
polishing lap (one of ten interchangeable ones 
of various suitable materials). Either cutter 
or grinder are removable, to leave the field 
clear for the other, and a pressure-controlling 
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FIG. 35.-The Cutting and Grinding Goniometer. 


It will now be clear that the optic axial 
phenomena afforded by a crystallised su bstance 
are always specific and very often characteristic 
of the crystals of the su bstance. I t will he 
obvious, hmvevE'r, that a ready mode of 
producing pure monochromatic light of any 
wave-length is essential, and also a means of 
preparing parallpl faced and truly plane 
section-plates and GOo prisms of any requireù 
orientation as regards the crystal faces and 
structure. The former is vE'ry convenipntly 
afforded by the apparatus just referred to, 


apparatus is also provided which effectually 
prevpnts fracture of tllf' crystal. TI1E're are 
also labour - saving devices for preparing a 
second surface parallel to a first, or at GOo (or 
any other definite angle) to the first. \Vith 
this instrument the many hundreds of section- 
plates and GO'- prisms used in the writ<>r's 
researches have been prepared, and the 
accuracy of the results is largely due to it. 

 (22) OTHER PHYSICAL PROPERTIES OF 
CRYSTALS.-Just as the symmetry of a crystal 
imposes its determinative and controlling effect 
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on the optical properties of the crystal, so doe,g 
it also in like manner determine the orienta- 
tiye character of the thermal, electric, magnetic, 
and elastic properties. The limits of this 
article have been reached and these propertips 
\\ ill be found more or less dealt "ith under 
other articles of this Dictionary. But from 
the practical point of view it should be stated 
here that as crystals are usually such small 
objects the most refined methods of measure- 
ment are required, the ordinary large - scale 
methods of the physical laboratory being 
quite inapplicable. The wave-length interfero- 
meter is therefore the indi
pensable instrument 
of measurement. Indeed, it "as in order to 
measure the thermal expansion of crystals 
that Fizeau devised this interferometric 
method, using curved interference fringes in 
sodium light as the unit of the scale. The 
difference of expansion of the screw-legs of a 
platinum tripod carrying a pIano-convex lens, 
and of the crystal resting below the lens on 
the table (through which the three scre"\\s 
forming the tripod pass) of the tripod, was the 
actual 0 bject of the measurement. The method 
has been brought to greater perfection in the 
writer's interference dilatometer, in which half- 
wave-length rectilinear interference bands in 
the more purely monochromatic red hydrogen, 
red cadmium, or yellow neon light (the t"\\o 
latter being absolutely monochromatic, afford- 
ing none of the secondary interference in 
periods, so disconcerting with sodium light) 
are used as the coarse units; and as these are 
suitable for use "ith a micrometer, the 
hundredth part of such a unit is readily 
measura ble. Thus the one-eight-millionth of 
an inch. or the one - three - thousandth of a 
millimetre, is the fine unit. A platinum- 
iridium tripod carries a glass plate (not a lens) 
to furnish one of the surfaces (that resting on 
the tops of the three tripod-forming serews) 
reflecting the interfering light, the crystal 
upper surface itself, or the surface of an 
aluminium or black glass disc carried by it 
furnishing the other. (Aluminium is especially 
suitable, as by its large expansion a stout disc 
nearly compensates for the expansion of the but 
slightly expanding platinum-iridium screws.) 
An adaptation of the same principle, and 
part of the same optical apparatus, to the 
determination of the elastic bending of a plate 
or bar of the crystal is also used in the writer's 
elasmometer, ,,
hich confers the same accuraey 
on the determination of the modulus 
f 
elastieity of crystals. As in order to complete 
the elastic constants of a crystal torsion 
determinations are also required, a torsion- 
meter has also now been constructed and 
installed in the author's la bora-tory, for the 
application of this same refined interferometric 
method to the mueh more difficult task of 
determining the modulus of torsion of crystals. 


:\loreover, this new instrument is an interfero- 
meter of general application; for it possesses 
all the essential features of the interferE'nee 
comparator for standards of length, con- 
structed under the "riter's supervision for 
the Standards Department of the Board of 
Trade, and will enable the determination to 
be carried out of any very minute movement 
or short distance in general, such, for instance, 
as the very small piezo-electrical movements of 
crystals which are so much in need of further 
study. A very large field of wonderfully 
steady black interference bands on the 
coloured ground of the monochromatic light 
employed is afforded, and one of the reflecting 
surfaces producing the interference is actually 
carried by the observing travelling microscope, 
the lateral movement of which over a V-and 
plane bed is effected by an extremely fine 
screw, and so steadily that the interference 
bands traverse the field parallel to the pair 
of vertical spider-lines "ithout the slightest 
flicker, and can be held at any position for 
any length of time at the will of the obsern'r. 
Full details of all these instruments for 
crystallographic research (and for much more 
general ph

sical purposes at the same time) 
will be found in the "riter's CrY8tallography 
and Practical CrY8tal Jlea.sllrement placmillan 
& Co.), vol. i. of the 2nd (1922) edition of which 
deals with crystal morphology, and vol. ii. 
with the physical properties of crystal'3. 
In conclusion it may be emphasised that 
in all these refined measurements it has been 
fully confirmed that the internal strudural 
symmetry of crystals, which is so beautifully 
exhibited in their exterior form, rules also a bso- 
lutE'ly over e,en the minutest details of their 
physieal properties. For this reason the study 
of crystals should appeal more and more in 
the future to physicists, and a knowledge of 
Crystallography has now become one of the 
most yaluable aids to original investigation in 
Physics. A. E. H. T. 
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DIFFRACTION GRATINGS, THE :l\IANU- 
FACTURE AKD TESTI
G OF 


INTRODUCTION. - The ideal grating consi
ts 
of a large number of grooves or "lines" on 
an optical surface. The grooves should an 
be exactly alike; and if the surface is plane, 
they must also be exactly straight, parallel, 
and equidistant. If the surface is spherical 
the grooves, as projected on the tangent plane 
to the sphere at the centre of the grating, 
should be straight, parallel, and equidistant. 
It is needless to say that the idc
l grating 
has never been realised, and never will he. 
The best existing gratings do, however, 
approach it very nearly-the degree of 
approximation being about the same as that 
of a good telescope or microscope objective to 
the ideal objective. 
It is the purpose of the present article to 
give an account of the manufacture of gratings, 
which will include- 
I. A brief description of the ruling machine 
(Rowland's) with a description of the proce"s 
of making those parts of the machine which 
are of essential importance, and numerical 
estimates of t.he accuracy required in each. 
II. An account of the method of testing the 
performance of the machine after it has been 
assem bled, and a brief account of the method 
of testing a grating. 


I. THE R ULING 
IACIIINE 

 (I) GE
ERAL DESCRIPTIO:S- OF ROWLAND'S 
RULING-l\IAcHINE. 1 -The main frame (3ß) (Fig. 
I) supports two sets of waYH, at right angles 
to each other. The plate carriage (11) moves 
on one of these, the ruling or diamond carriage 
(5) on the other. The feed screw (12) rests in 
hearings sUl'portpd by the main frame and iR 
prevented from moving lonllitudinally by the 
thrust srrew (14). As the feed screw is rotated 
by turning the spac.ing wheel (23) the 'nut (15) 
moves toward thE' latter, and by means of the 
thrust collar (20) its motion is communicated 
to the plate carriage. The ruling carriage 
ways consist of two pairs symmetrically 
placed, onp pair on each sidp of the plate 
carriage, as may be seen from Fig. 1. The 
ruling carriage is moved backwards and 
forwards hy tnl?ans of a crank on the main 
drive shaft (48A), the c01znerting rod (49), and 
the cross head (52). The main drive shaft is 
rotated uniformly by means of a belt passing 
over the' wheel (4R), the source of })Owcr being 


1 TIH' mm1hcrs in parf'nth('Ris ref('r to th(' J)arts as 
shown in Pigs. ] awl 2. (Tlwse tigures arc ff'prO- 
cl!wpd hy p('rmission of the Johns Hopkins Press, 
BaltimorC', U.:::\.A.) 
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a water motor running under constant head. 
One revolution of the drive shaft may be 
spoken of as a cycle, for during this period 
one groove or "line" is ruled on the plate. 
,,- e will tahe as the beginning of a cycle the 
moment when the ruling carriage is at the 
end of its stroke nearest the main drive shaft. 
At this moment the cam (35) is lifting the 
lever (54) which, acting through the rod
 
(33 and 34) and the lever (56) and rod (57). 
Jifts the Tuling diamond (2) off the plate; 
the cam (47) has also lifted the pazel le
'er 
(26) to its highest position. During the first 
half cyC'le, while the ruling carriage moves 
forward the full length of its stroke, the 
diamond is held above the plate, being lowered 
just when the carriage stops at the end of 


48 '. 
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its stroke. At the beginning of the forward 
stroke the lever (40) is lowered a little, causing 
the pa" I to engage with the ratchet on the 
spacing wheel, and immediately the two 
levers (::!ß and 40) are lowered together a 
fixed amount, which rotates the spacing "heel 
and the feed sere" a small fraction of a 
revolution, thus causing the plate carriage to 
move forward a distance equal to the grating 
space. As soon as the spacing has been 
accomplished the lever (40) is raised a trifle, 
disengaging the pa\\ I from the spacing wheel. 
During the return stroke, or second half 
cycle, the ruling diamond is in contact with 
the plate, and the groove or "line" 1 is 
ruled. 
In ruling a 5 - inch grating with 13,000 
g:roove
 per inch this cycle is repeated 73,000 
times, usualJy at the rate of about 20 per 
minute, so the time required is some 63 hours. 
If the grating is to be of good quality, 
t is 
obviously necessary that during this time 
the temperature must remain very nearly 
constant; the amount the plate carriage is 
1. In. what follows we ::;hall LIse the word groovc, 
wIuch IS more nearly corrcct than the usu
I appella- 
tion, .. Jine." 


advanced during each cycle must be so nearly 
constant that the actu
l position of the la;t 
groove" ill agree "ith its ideal position" ithin 
a very small fraction of the distance between 
two adjacent grooves; the ruling carriage 
and the diamond lwlder (2) must perform their 
function so well that all the grooves shall be 
straight and not displaced in any way by 
accidental movements of any of these parts; 
and last, but not least, the ruling point 
must not change its shape during the whole 
proce<;)s. 
"'hen we bear in mind that the ,,"hole 
machine is made of parts which are not 
rigid, but elastic, and that in actual operation 


FIG. 1. 


many of the es!'>ential parts are deformed, by 
forces due to friction, to an extent u'hich may 
amount to sez'eral grating spaces, we have 
reason to he surprised, not that occasionally 
a grating is faulty, but that any grating is 
ever good. After doing the very best we can 
in the matter of construction and adjustments 
there is no assurance that this will be sufficient; 
there is no ., factor of sa-fetv." Let us try to 
make this important point a little cle
rer. 
As we shall endeavour to show presently, it 
is quite possible to make and adjust all the 
('ssential partg of the machine so accurately 
that if they wer(> absolutely rigid the grating 
rul(>d would be so nearly perfect that the 
most sensitï-\"'f' optieal tests would fail to reveal 
any error. Since, however, these parts are 
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elastiC', and consequently deformed ùy fric- 
tional forces, accuracy in the results demands 
that these forcE's and deformations remain 
con8tant within rather narrow lil1âts throughout 
the entire process of ruling. This is the real 
difficulty in the manufacture of optical 
gratings, in comparison with which all others 
may be regarded as trivial. 
I..et us now E'numerate the parts which we 
have spoken of as essential, beginning with 
those which, in general, prE'sent the greatest 
practical difficulties: 
i. The ruling carriage with its driving 
connections. 
ii. The connecting mechanism between the 
nut and plate carriage. 
iii. The bearings and pivots of the feed 
screw. 
iv. The thrust bearing for the feed screw. 
v. The feed screw and its nut. 
vi. The spacing wheel. 
vii, The straight-edge guide for the wings of 
the nut. 
Perhaps the reader will be surprised to find 
the feed screw placed fifth in this enumeration. 
There appears to be a genera] impression that 
the manufacture of a perfect screw is difficult, 
and that if it could be accomplisllE'd, the 
construction of very accurate measuring or 
ruling machines would be a simple matter. 
Nothing could be further from the truth. In 
fact, Profes
or Howland himself clearly f'tates 
that screws made by the process outlined by 
him, 1 on being tested failed to show any 
error as large as 1/100,000 inch, but that 
errors due to the mounting would certainly 
be encountered. The writer has made several 
screws by a process essentially the same as 
that described by Rowland, and has tested 
them by modern methods fully 10 times as 
sensitive as those employed by him, .without 
ever discovering the 
]ightest indication of 
any error. Errors due to the mounting are, 
however, less easy to avoid, and hence these 
have been placed 2nd, 3rd, and 4th in the 
enumeration. 
The spacing wheel and straight-edge guide 
are plaC'ed last, because the error in the grating 
space produced by errors in these parts is 
only from 1/500 to 1/1000 of the error in the 
I>arts themselves, and hence nothing beyond 
ordinary mechanical accuracy is required. 
The ruling carriage is prop('rly plac('d first, 
and would, in(ked, ha \Te be('n in a class entirdy 
by itself except for a dE'vice found on Professor 
Rowland's machin('s which will be dE'scrib('d 
more fully bdow. It is r('markable that 
Howland nev('r mentioned the ruling carriag(' 
in any of llÍs writings; for its construdion 
is such that ev('n he must have had to give 
it consid('rable thought. 
Professor j{owland did not d('cm it npC'essary 
1 Encyclopærlia Britannica, article Ie Screw." 


to avoid ent.irely the l)eriodic errors intro- 
duced by faulty mounting, but took care of 
these hy an elaborate correcting mechanism 
working through the straight - edge guide. 
The writer had so much trouble with this 
correcting mechanism that hE' dE'cidpd to do 
away with it altogether, preferring to eliminate 
the errors due to the mounting by careful 
attention to the items 2, 3, and 4 in the 
enumeration above. The advantage of this 
method is that when the machine is oncE' in 
good adjustment it is likely to remain so at 
least for some years. 
'Ve will now discuss briefly t,he construction 
of the essential parts, remembering that 
periodic errors of spacing which in a half 
cycle add up to a quantity as large as 
1/1,500,000 inch must be avoided, and that 
errors not periodic in nature must be kept 
correspondingly small. 

 (2) CO
STRL'"CTION OF THE FEED SCREW.- 
A grade of well-annealed tool steel employed 
by manufacturers of taps and diE's is used for 
the screw, and, if possible, also for the nut. 
The cutting is best done on a lathe having 
two tool rests 2 so that two tools, one on each 
side and 180 0 apart, may be used in cutting 
the threads. This automatically removes the 
greater part of the error in the head of the 
lathe. Let us SUl)pose that the finished 
thread which is to be of the V-type is to have 
an angle of 52 0 . Three pairs of tools (" goose- 
neck" or spring type) should be prepared, 
the angles being 45 0 , 52 0 , and 60 0 . Cut to 
full depth of the finished thread with the 45 0 
tools; thE'n, use the 60 0 tools, cutting until 
the tops of the threads are sharp; finish with 
the 52 0 tools. 3 This being done, the pivots 
are tUIïled to size, the taper to receive the 
spacing wheel is cut, and the screw is ready 
for grinding. It is a waste of time to take 
any elaborate precautions against introducing 
errors due to the lead-screw or gears of the 
lathe. A lathe is not, and never can be, a 
high precision machine. 
Three nuts should be prE'parcd, using for the 
purpose steel tubing whose finished internal 
dianwter is about i-inch larger than the out- 
side diameter of the screw. One of the nuts 
should have a length equal to ! the length of 
the screw; another should be v('ry short, say 
an inch, or two at most. The third nut 
should be just twice as long as the nut which 
is finally to he used on the scæw; in fact, 
the lattE'r is to he one of the halves into which 
the third nut is finally ('ut. The long('r nut 
will be Rpok('n of as the grinding nut, tlw very 
short one simply as thp short nut, while the 
third one i
 u
ually designated the testing mil. 
'.;a('h is split in two by a longitudinal cut 
2 This (}f'vj('p is clue to 
Ir. L. E. Jewdl, formerly 
of tlw .Tohns Hopkins Univf'fsity. 
3 This is tllf' nwthocl f'mp]oYN! by :\Ir. C. Jacomini 
of the Mount Wilson Observatory. 
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through it.s axis.! A brass cylinder previously 
machined to fit snugly inside the nut casings, 
having walls 1 inch or a little more in t.hick- 
ness, is now cut into rings each about! inch 
in length. Each of these is, in turn, cut into 
two parts by longitudinal cuts, and the halyes 
are fastened securely in the casings of the 
grinding nut and the short nut, by screws; 
care being taken to leave about -h--inch 
clearance between them. The testing nut 
is treated similarly, except that Babbitt's 
metal 2 is used instead of brass. This is best 
done by casting in place, no screws being 
required, since the molten metal will flow 
readily into the countersunk holes pro\ided 
for the purpose. 
The grinding nut is now bored to size and 
threaded, the two halves being clamped 
together with a spacer about -t1J inch thick 
between them. The short nut is treated in a. 
similar manner, but it is better to postpone 
the threading of the testing nut until the 
process of grinding is nearly completed. 
For grinding, the screw is supported between 
the centres of a lathe, and rotated at a speed 
of from 60 to 120 turns per minute. The 
grinding nut is balanced by a counterweight, 
and pre,-ented from rotating by a simplE' 
lever held in the hand of the operator, who 
is thus ena bled to regulate the friction by 
feeling, and who will also be warned immedi- 
ately if any accident should occur. The nut 
is clamped on the screw by two or four rings 
held in place by pointed screws in contact 
with the two halves of the nut. To prevent 
slight rotations of the halves relath-e to one 
another, 
trip8 of corrugated spring steel or 
brass may be inserted in the slots between the 
nut casings. Emery or carborundum (washed 
5 minutes) and oil is used as the grinding 
material. The process is carried out in air, 
and no extreme precautions against tempera- 
ture changes in the room are necessary. 
One must, howeyer, be careful not to heat 
the screw by too much friction or too great a 
speed. The nut is rotated hsO o about the 
axis of the screw frequently; and once, or 
at most twice, a day it should be turned 
E'nd for encI: occasionally, only one of its 
halves should be turned end for end. 
It is a good plan to wash both serew and 
nut at the end of a day's work for purposes 
of inspection. 
\fter two or three days' 
grinding a glance at the screw from a distance 
of a few feet will reveal all the errors intro- 
duced b
T the lathE'. The appearance is so 
striking that it need not be described. Grind- 
ing should be continued for a short time after 


1 The writer had to cli
('
rd the four-part grinding 
nu
 recommended by Rowland. It. is impossible to 
adjust it properly rIuring thf' pro('es;; of crinding. 

 The use of Babbitt's metal instead of wood in 
variom; parts of the machine is due to 
Ir. L, E. 
.J ewel" 
vOL. IV 


all these irregularities have disa ppeared, 
which will usually require from four to twelve 
weeks. The diameter of the screw should be 
frequently measured at seyeral points, by a 
micrometer caliper, to be sure that it is eyery- 
where the same, and also to see how fast it 
decreases under the grinding. It is usually 
found that the process reduces the external 
diameter by from 0.010 to 0.020 inch. The 
operator will soon be able to detect variations 
in the diameter of the order of 1/20,000 inch 
with certainty. "
hen the first stage of the 
grinding has been completed, the short nut 
is fitted by grinding, which may require a day 
or so, care being taken to run it evenly through- 
out the full length of the screw. The parts 
are then thoroughly cleaned, and the short 
nut replaced, using only oil '\\ ith no grinding 
material. A leyer attached to the short nut 
is held by means of a spring balance, and the 
reading of the balance is not.ed as the llut 
is run from one end of the screw to the other. 
In this way a very accurate test for constancy 
of the diameter is obtained. If this is not 
constant it must, of course, be eorrected by 
further use of the grinding nut. 
This is followed by a few days' grinding 
'\\ith 30-minute-washed emery or carborundum, 
after which the short nut is again used to test 
the diameter. 
The testing nut is now threaded and fitted 
to the screw, using the 30-minute-washed 
emery. If this requires more than two days 
the diameter should again be tested. 
The screw is then polished, using oil and 
rouge, first with the grinding nut, and then 
with the testing nut. It is no", finished. 
except that it is necessary to remove com- 
pletely all traces of grinding material and 
roug(>, which are likely to be imbedded in both 
screw and nut. This ic;; accomplished by using 
the testing nut '\\ith oil only, washing thor- 
oughly at the end of each day's work. It is 
important that this process be continued a few 
days longer than the operator tkinks it is 
necessary. 

 (3) TESTIXG THE FEED SCREw.-The test- 
ing nut is cut into two nuts of the same 
length, to each of which is added a steel 
wing about 7 inches long. The screw is 
mounted in its bearings on a suitable frame 
which carri(>s a straight-edge against which 
the wings of the nuts may rest, to prevent 
them from turning when the screw is rotated. 
One plate of a Fabry and Perot type of inter- 
ferometer is mounted on each nut, so that the 
line of sight through the interferometer shall 
be parallE'1 to the a
is of the serew and 4, or .3 
inches yertically above it. A mercur:v lamp 
is a good source of light for use with the 
intE'rfE'rometE'r. 
If in one rotation of the screw the inter- 
ference rings remain stationarY, the axis of 
D 
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the screw is straight. An easy calculation 
shows that this method will readily detect 
a curvature of the axis having a ;adius of 
300 miles. If, howeyer, the steel used in 
making the screw is of good quality 2nd well 
annealed, and if the work of machining has 
been done in such a way that no strains have 
been introduced, no curvature of this amount 
will be found. It is interesting to bear in 
mind that the screw mounted. in this way 
sags down in the middle under its own weight. 
so that the actual radius of curvature is any- 
whE"re from 2 to 10 or 20 miles; but as the 
screw is rotated, this radius always points 
upwards, so that it does not affect the inter- 
ference rings. A clear mental picture of this 
cannot help but be of immense value to any 
one who has to deal with apparatus where 
great accuracy is a consideration. 
By repeating the interferometer test with 
one of the nuts rotated 90 0 or 180 0 relative 
to the other, the operator may satisfy himself 
in regard to the absence of any periodic error; 
by separating thE" two nuts a considerable 
distance, and repeating the test, errors of 
run may be investigated. For this it is, of 
course, necessary to watch the interference 
rings while the nuts are moved a distance of 
several inches, if the test is to be sufficiently 
sensitive. No errors of any kind will be 
found except very close to the ends of the 
screw. The operator will, however, discover 
that it is no easy matter to put two well- 
fitting nuts on a screw without introducing 
anything between the threads except oil. 
If the fit is perfect (nothing but oil between 
them) pressure applied to any part of either 
nut will displace the interference rings, but 
on removing the pressure they will return 
exactly to their original position. If a particle 
of foreign matter has been introduced this 
will not be the case. 
It should be noted that a screw made as 
described above will not necessarily have 
" perfect threads" as defined by the specifica- 
tions of our national }}hysical laboratories 
during the late war. Those specifications 
were intendcd to apply to parts which are to 
be interchangeable. The fwrew and nut 
described above form a unit; another nut, 
for examplc, cannot be used with the screw, 
without first being ground to a fit with all due 
care. 

 (4) ADJUSTING THE PrVOTS OF TIlE FEED 
SCREw.-One of the nuts is removed, and the 
other is moved near one end of the screw, 
but not so close as to engage the im perfed 
part of the thread. One interferometer 
plate is mounted on thIs nut so that the normal 
to its surface is vertical and fairly accurately 
at right angles to the axis of the sC'rew. The 
other interferometer plate is supported from 
the frame and mounted above the first plate. 


On rotating the screw it will be found that 
the lower plate describes a small circle with 
its axis })arallel to that of tlu" screw. This 
shows that the lathe did not turn the pivot 
in such a way that its axis coincides exactly 
with that of the screw. The pivot must tllPn be 
corrected locally, and be kept truly eylindriC'al 
by grinding in its own bearing, until the circle 
is quit.e small, say, until its diameter is of 
the order of 1/100,000 inch. It is not adyisable 
to carry the correction further at this stage, 
for the other pivot is probably contributing 
something to the a}Jparent error. The nut 
is moved near the other end, and that }Jivot 
is treated the same way, only that the cor- 
rection is carried somewhat further, perhaps 
to 1/250,000 inch. Thcn, return to the first 
piyot, and so on until no error can be detected. 
The pivots are finally polished with rouge, and 
again tested as described above. 
Three part bearings should be used with the 
screw pivots, making certa in of contact at three 
points of each P/:vot, these points being I:W o 
apart. The proper design and construction 
of such bearings present no serious difficulty'. 
9 (5) THE THRUST BEARING.-One end of 
the screw, outside the pivot, is provided with 
a taper bearing for the spacing wheel. In the 
other end four holes are drilled and tapped for 
receiving the screws used to fasten the mounting 
of the thrust plate. It is advisable to finish 
this end of the screw optically flat, the smface 
being a.t right angles to the axis within about 
one or two seconds of arc. Various materials 
for the thrust plate have been tried, but none 
have been found as satisfactory as the recon- 
structed ruby, especially those of French 
make. A cylinder of this material -t1J inch 
to 1- inch long, and from! to i inch in diameter. 
is finished o}Jtically fiat and highly polishpd, 
at least on one face. No error aH large as -.frs 
of a light wave should be allowed. The ruby 
is rigidly secured in a steel mounting, which is 
fastened to the end of the feed screw by four 
well- made screws as indicated above. The 
surface of the mounting in contact with the 
fiat end of the feed screw must be worked until, 
when the two are in contact, the facE" of the . 
ru by is also normal to the axis of the screw 
within one or two seconds of arc. 
An of this requires some patience but is not. 
especially difficult to accomplish. Suitable 
optical tests are, of course, needed to ensure 
the required accuracy in alignmcnt, and this 
is one reason why the face of the ruby must 
he so flat. If it' is not flat to -.}rf of 
 wave- 
length, the diffraction disc ob
erveò at the 
focus of the lens or mirror used in the test 
will not be truly circular, thus making it 
difficult to 0 hsenTc a motion of -?o of its 
diameter whpn t IH' screw is rotated. 
Tht:" end of the thrust screw (14) is a hard- 
ened steel spherical surface, highly polished. 
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having a radius of curvature of from 2 to 6 
inches. It should make contact "ith the 
ruby at a point on the axis of the screw, but, 
thanks to the accuracy of alignment of the 
surface of the ruby, an error of 1/100 inch in 
the pO:3ition of the contact can at most produce 
a periodic to-and-fro motion of the screw of 
something like 1/5,000,000 inch, which is too 
small to produce any harmful effect. 
..\. thrust bearing of this kine1, after continu- 
ous use for several years, will not show the 
faintest indication of a mark due to wear 
on either surface; the force acting across the 
contact may safely be as high as 40 lbs. Xo 
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doubt a diamond would be as good or even 
better than a reconstructed ruby, but it would 
cost considerably more and would be more 
difficult to work. Agates, topazes, natural 
sapphires, etc., havE" been tried and found 
unsatisfactorv. 

 (6) THE èOXXECTIXG ::\IECHASIS?t1 BETWEE
 
THE XUT AXD PLATE CARRIAGE.-The original 
design by Professor Rowland, described in his 
article on the screw,l and shown in Fig. 2 (20), 
is still followed. This consists of a ring or 
collar loosely supported by the plate carriage, 
and making definite contact with it at two 
points near the endg of a vertical diameter. 
The nut makes contact "ith thE' ring at two 
points near the ends of a horizontal diameter. 
In each case the contact is made bv a hard 
flat surface against a softer rounded metallic 
1 Encyclopædia Britannica, 9th edition. 


lug. In one machine the two pairs of fiat 
surfaces are mounted respectively on the plate 
carriage and the nut; on another machine, 
the flat surfaces are on the ring. It is import- 
ant that the four contact points shall lie in 
one plane at right angles to the R\.is of the 
screw. 
'Ye will now try to give the reasons for 
placing this part second in the enumeration 
in 
 (1). The ring or collar is not difficult 
to makE', and it is practically self-adjusting; 
but, located as it is at the most vital point 
in the whole machine, it is very likely to act 
as a trigger, bringing into action potential 


It 


FIG. 2. 


sources of error which otherwise would be 
held in abeyance. 
Let us examine a little more mÍ1:utely the 
action of the ring. It is attached to the plate 
carriage in such a way that, when not in 
conta<'t with the nut. it may move slightly in 
a direction parallel to the axis of the screw; 
it cannot move at right angles to this di!"ection. 
It may rotate through a small angle about a 
vertical axis, but it cannot rotate about a 
horizonhl axis, paranel to the screw. 'Yhen 
the nut acts through it to moye the plate 
carriage, its plates are brought into contact 
with the lugs of the latter, after which it has 
only one degree of IrE'edom, namely a slight 
rotation about its vertical axis. Kow since 
the a 
is of the screw can never agree e.xactly 
with that of its pivots, nor be exactly paralld 
to the plate carriage ways, it is evident that 
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as the screw rotates the nut ùescribes a 
vertical circle of small radius, and in addition 
it moves very slowly in a direction at right 
angles to the ways of the plate 
aITiage. 
The little circle is described once 111 eacb 
revolution of the screw, during which time the 
carriage moves forward, say 1000 times, 
1/20,000 inch at a time. Suppose the diameter 
of the circle to be 1/200,000 inch, or its circum- 
ference, roughly, to be 1/60,000 inch. Assum- 
ing all the parts to be perfectly rigid, the lugs 
on the end of the nut, during each forward 
motion of the carriage, would slide along the 
plane surfaces on the ring a distance of 1/1000th 
of 1/60,000 inch or 1/60,000,000 of an inch. 
In the actual case, where the parts are not 
rigid but elastic, nothing like this can happen 
on account of the frif'tion between the lugs and 
the plates. 'Yhat re
lly happens is probably 
this: no actual slip takes place until, owing to 
the relative displacement.s of the parts, the 
stress becomes sufficient to overcome the 
friction, when a comparatively large slip 
occurs, perhaps even "overshooting the 
mark." Remembering now that, during the 
normal operation of the machine, the screw 
is compressed a certain amount, and the nut, 
ring, and the parts of the plate carriage 
are all deformed as a result of the "forces 
of friction," and that the successful performance 
of the machine depends upon these deformations 
remaining constant to a high degree of accuracy, 
one can readily see what a catastrophe may 
easily result from the action just described. 
The question naturally arises: " How 
accurately would the adjustments have to 
be made to ensure that no slippage whatever 
would occur during a revolution of the screw? " 
This the writer is unable to answer. A mal- 
adjustment to such an extent that a slippage 
would necessarily occur in each cycle would 
no doubt make mattE'rs much \vorse. 
9 (7) THE RULl
G CARRIAGE.-Let us con- 
sider the task the ruling carriage has to per- 
form in ruling say a 5-inch grating, having 
grooves 4 inches long. If the spacing is 20,000 
per inch, it must move back and forth 100,000 
times, or a distance of some 13 miles of actual 
travel, involving 200,000 stops and starts. It 
must move in one and the same straight line, 
deviating from this not more than 1/1,000,000 
of an inch if the result is to be satisfactory. 
Moreover, the power that moves the carriage 
is derived from a main shaft which is called 
on to deliver power intermittently to several 
other parts at the same time. 
Obviously, the friction coefficient must be 
made as small as possible, and the force required 
to start the carriage from rest should not 
differ greatly from that required to keep it 
in motion. Probably these conditions can 
not be satisfied with V -type ways. A better 
form of way is one having a flat top, with 


sides making an angle of 80 0 or more with the 
top. The weight of the carriage is thus 
mainly supported by the flat top; one of the 
sides serves to define the path of the carriage, 
and a spring acting on the opposite side 
ensures contact. The constant motion of the 
carriage causes an appreciable wear of the way 
surfaces. :l\Ieasured in units of 1/1000 inch 
this wear is exceedingly slow; but it is 
relatively rapid when measured in the unit 
which concerns us here, nanH'ly; 1/1,000,000 
inch. The wear of the top surfaces is of little 
or no consequence, as it merdy displaces the 
carriage in a vertical direction. but that of 
the sides which define the path is of great 
importance. During the ruling of a single 
grating the sides change enough to make a 
considerable difference in the position and 
curvature of the first and last grooves. As t1).e 
stroke is different for gratings of different size, 
one readily sees that after a year's work the 
defining sides of the ways will no longer be 
straight, but iJ). reality quite irregular curves. 
In spite of these changes in the ways, and the 
wear of the bearing blocks of the carriage, 
Rowland's machines still rule grooves which are 
quite as perfect as those ruled at first when 
the ways were really straight. This result is 
due to following the device mentioned in 
 (1). 
It will be recalled that the ruling carriage 
movE'S on two pairs of ways symmetrically 
placed, one pair on each side of the plate 
carriage, or we might dpscribe it by saying 
that there is but one pair of ways with a 
section some 10 inches or more in length 
removed from the middle, in order to allow 
space for the plate carriagp, its ways, and the 
screw (see Fig. 1 (37)). Let us call the 
pair farthest from the main shaft the front 
pair, the other the rear pair. The defining 
side.s of the front pair are on the left, those of 
the rear pair being on the right side, and the 
ruling point i8 at the centroid of the four contart 
points. Hence if the two pairs of ways are 
straight initially, and the amount of wear is 
the same for both, the ruling point will always 
describe 
he same straight line. The wear 
will be the same provided the ways are made 
from the same material, and the pressure 
produced by the two sets of springs is the 
same. 
The crank on the main shaft moves the 
cross-head (52), and a connection between 
this and the ruling carriage communicates 
the motion to the latter. The croEts-head 
ways can, of course, never be made parallel 
to those of the ruling carriage, and hence 
this connection presents difficulties of the 
same nature as those discussed in * (ß). A 
well-made universal coupling is employed and 
does fairly well, but it must be confessed 
that no entirely satisfactory solution has yet 
been found. 



DIFFRACTIOX GRATIXGS, THE :\LL
{;FACTURE AXD TESTIXG OF 37 


$ (S) THE SrACIXG 'fHEEL A
D THE 
STRAIGHT EDGE GL"IDE.-As stated in 
 (1) 
the effect on the gm ting of errors in these 
parts is at most of the order of 1/300 of the 
error. Hence if these parts are correct to 
about 1/10,000 inch they "ill be satisfactory, 
and since this is little more than ordinary 
mechanical accuracy, we need not consider 
them further. 


II. TESTIXG THE )IACHI
E A:XD 
GRA TI
GS 
9 (9) )IETHOD OF CROSSED RULI
Gs.-Every 
one is familiar mth the appearance of 
"watered silk," the pattenl seen when 
100kÜlg through two moderately fine-meshed 
wire screens nearly parallel to each other, 
and separated by a small interval; or the 
pattern observed when viewing a screen and 
its reflection in a mirror immediately behind 
it. The principle illustrated by these familiar 
phenomena is used as follows to obtain a 
delica te test of the performance of a ruling 
machine. 
A gra.
ing which may be ! inch "ide is 
ruled on a well-poli
hed plate. The plate 
carriage is moved back to the starting-point, 
and the plate holder is moved back an addi- 
tional distance of from 1- to ! the pitch of 
the feed screw, and given a rotation about 
a vertical a"'\:is of about one minute of arc, 
after" hich the plate is again ruled the same 
"idth as before. The second ruling crosses 
the first at the small angle mentioned, and on 
viewin<1 the ruled surface in the light of one 
of its spectra a series of bright and dark bands 
will be observed, generally at right angles to 
the direction of the individual grooves. 'Ye 
speak of the dark bands as the locus of the 
intersections of the two sets of grooves, but 
in reality they merely run parallel to the loci. 
(A complete account of the phenomena 
observed "ith such a cross-ruling has never 
been given, and would apparently be quite 
difficult. ) If the ruling diamond has been 
properly chosen and adjusted 1 the dark bands 
"ill be very narrow as com pared to the 
distance between them, and hence will be 
well suited for testing the accuracy of spacing. 
If the spacing is perfect, the dark bands mH 
be straight lines. normal to the grooves; 
errors of spacing "ill be indicated by departures 
from these conditions. 
Choose rectangular axes, and take as the 
origin the intersection of the first groove 
of the first ruling "ith the first groove of the 
second ruling. (Thi8 point will not actually 
be on the plate, since the plate was displaced 
slightly before being rotated.) Let the X 
1 Ordinarily a diamond which wiII rIlle fir:-.t-ratp 
gratings will" give only a poor cross-ruling pattern, 
the bands being so faint and diffuse that they are 
difficult to see. 


axis bisect the obtuse angle, the Y axis the 
acu te LeÌ\\ een the two grooves. 
(i.) Ideal Spacinq.-Let the intersections with 
the X axis be given by 
x n = na(n=O, 1, 2, 3, . . .), (1) 
a, being the grating space, very nearly. 
The equations of the two sets are 


Yl,ll = m,x/
 - mna, . 


(2) 
(3) 


Y
,n= - mX ll + mna. 


'Ye seek the intersection of any groove n 
of the first set with the groove n + 2p (2p. 
any integer) of the second set. The locus of 
these intersections is evidently 


Y = pma = constant; 


(4) 


m is the tangent of the angle between any 
groove of the first set and the x axis, i.e. 
m = tan 89 0 59' 30" = 7000 nearly. 'Ve will 
speak of 2p as the" order" of the intersection. 
Thus, for p = 0, or the zero order, the locus 
is the x axis. For p=! or the first order, 
y = ma /2, a straight line parallel to the x axis 
and at a distance nza,'2 from it. Taking 
u= 1/15,000 inch, which is the spacing usually 
employed in recent years, ma,2 is a little less 
than t of an inch, which is the distance 
between the" orders." 
(ii.) Simple Periodic Error.-Let 


b . 27rn 
x.,=na+ sm X ' 


(5) 


The locus of intersections of order 2p now 
becomes 
. 2Trp 27r(n+p) 
y= mpa + mb sm K cos - -X-. (6) 
X is the number of grooves ruled in a 
period, and as the fundamental period wilJ 
always correspond to one revolution of the 
screw, X is simply the number of teeth on the 
rim of the spacing wheel. 
Again the zero order (p = 0) reducf's to the 
x axis; also, 2p=X; 2X, etc., give straight 
lines parallel to the x axis. Other values of 
p give cosine curves, the amplitude of which 
is a maximum for 2p=X,2, 3X/2, etc. 
The amplitude of the curve" hose order is 
2p is mb sin 27rlJ/X. If this equab mar! we 
speak of it as "unit amplitude." Such a 
choice of unit is necessary, as the actual 
amplitude depends upon m, which change
 
very rapidly "ith the angle, and, even when 
great care is taken to keep the angle constant, 
will vary considerably in different cross-rulings. 
The value of b which gives unit amplitude 
in the 2p order is evidently 
b - - 
-- 
0- 4 sm (27rp/
r 
Let the actual amplitude as measured in 
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terms of the unit defined ahoye be A (where in 
general A <. I). Then our error is 


b _ aA _ _ _ aA (I"') 
- 4 sill (2rrp/N) - 4 sin (rrS/N)" l 


S being the " order." 
As a numerical example, let us take A = -.10' 
which under ordinary conditions is faidy easy 
to 0 bserve. If a = 1/15,000 inch, S = N /2, 
we have b= 1/60,000 x 1/25= 1/1,500,000 inch 
as the maximum periodie displacement of the 
plate away from the position it should have 
during ruling. 
'Ye may also compute the value of the 
maximum and minimum grating space in 
such a ruling. Referring to formula (5) and 
t.aking N = 750, we have 


l\1ax. spacing = 1/15,000+ 1/190,000,000 in. 
l\Iin. spacing = 1/15,000 -1/190,000,000 in. 


A variation of the spacing as large as this, 
if it were not periodic, would, of course, destroy 
the value of the grating as an optical instru- 
ment. (This should be borne in mind in 
connection \\ ith the discussion in 9 (6).) 
It is well knmvn that the effect of a simple 
periodic error is to produce ghosts of bright 
lines 1 in a spectrum. If the error is not too 
lan
e and is simply periodic in character, there 
will be two ghosts of each line, symmetrically 
placed with respect to it, at a distance which 
varies inversely with N. It is a simple matter 
to calculate the intensity of such ghosts when 
b is known, provided it is small compared 
to a. The derivation of the formula is, how- 
e\rer, rather lengthy.2 and therefore only the 
formula itself will be given here. Taking the 
intensity of the spectrum line as unity, the 
intensity of the ghost is given by 


I = 
 !: ( 2rrb ) 2 
g 4 a ' 


)1 being the order of the spectrum observed. 
If b/a= 1/100, as in the example given above, 
we have 



I = 1 2 3 4 5 
I 9 =0'UOI 0.uU4 0'OU9 0.016 0,025, 
or in the 5th spectrum the ghosts have an 
intensity equal to -io of that of the line 
itseH. In a number of the gratings ruled 
since 1911 the gho
ts are rather weaker than 
this. 
(iii.) Linear" Error of Run."-If the spacing 
varies linearly across the grating, it is com- 


1 If the error is v('ry large, ghostR may alRo appf'ar 
in ahsorption spedra sl1('h as the solar spectrum, but 
such cases probably do not OC('Uf with any grating 
actually u<;c<l in spectroscopic work. In ruling 
gratings one oft('n find!'! thf'm. 
2 It iH ('aRif'st acmmplistw(l hy using the so-called 
.. vector method" of treating diffra(.tion phenomena. 


monly spoken of as showing an "error of run." 
The law of spacing is 


XII =na +'i1 2 C, 


(9) 


where 2c is the constant difference between 
any grating space and the preceding one. 
The equation of the cross-ruling band of order 
2p is 


y=mpa+ 2mcp(n +p); . (10) 
a straight line whose slope is 2mcp. 
In order that the test for this type of error 
shall be sensitive,. it is necessary to take p 
quite large, and also to rule quite a wide space, 
so that the length of the band may be great 
enough to aIJow an accurate determination of 
its slope. 
As a numerical example.. let us consider a 
ruled space 4 inches ,vide, 15,000 grooves per 
inch, and let the plate be displaced 4 inches 
between the first and second rulings. Let Y 1 
and Y2 be the distances from the x axis to 
the beginning and ending of the band of order 
2p. 'Ye have 
Y2-Yl=2I1lcp(n 2 -n 1 ). . (II) 


(8) 


In this case p=3 x 10 4 ; n 2 - 11 1 =6 x 1()4; 'in 
may be taken as 7 x 10 3 . Suppose Y:!. - Y1 =-10 
inch, which should be measurable. 'Ye have 
c= 1.6 x 10- 15 inch. 
The departure of the last groove from its 
ideal position on a 4-inch grating having this 
error is n 2 c=5.8 x 10- 6 inches, or about ! 
of a light wave. 
The two illust.rations just given wiII suffice 
to show that in cross-ruling we have a powerful 
method for studying the performance of the 
machine. Other cases might be discussed, 
such as variation in spacing along the length 
of the grooves and curvature of the grooves, 
but the reader will have no difficulty in seeing 
how these cases are investigated. 
(iv.) Accidental Errors a'itd Dzffused L1'gl1f.- 
Accidental errors are due to two. principal 
causes: 
(a) That discussed in 
 (6). 
(b) Slight errors in the motion of the ruling 
carriage, and those due to faulty adjustment 
of the diamond-holder (2, 3). 
If (a) alone is present, the cross-ruling 
pattern will apppar somewlJat like a in Fig. 3. 
The band is clenn and narrow hiü shows a 
large number of breaks, indicating that, 
superposed upon the regular, even displace- 
ments of the carriage, there are sudden shifts, 
which occasionally may amount to as much 
as TO' of a grating space, but usually are 
very much smalJer than this. If (b) alone is 
present, the pattprn is very muph as shown in 
b, Fig. 3. The pattern i8 not clean, but may 
be best described by saying it is "hairy." In 
geneml, both causes are present. so that an 
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actual cro:s;:)-ruling pattern "ill be the sum 
of (l and b, Fig. :t 
In a bright line spectrum the effect of such 
accidental errors is to produce illumination 
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FIG. 3. 


in the immediate vicinity of any given line. 
The intensity of such diffuseù light is propor- 
tional to the square of the order, as is the ca5e 
with gho
ts. If the errors were perfectly 
random in distribution and size, the intensity 
of the diffused light would be given by a 
probability curve centered on the bright 
line in question. But a perfectly random 
distribution of anything is just as rare as a 
perfectly uniform distribution, hence one 
never finds it. In general, therefore, the 
intensity curve shows a succession of maxima 
and minima, which frequently appear like 
a group of fine lines between the spectral line 
and it
 first ghost. 
In a continuous spectrum such as that of 
the sun, the effect of accidental errors is to 
ruminish the blackness of the absorption lines. 
The lines may appear quite dark in the lower 
orders, but in the third or fourth orders the 
effect is generally very nohcea ble, unless the 
grating is quite free from 
u('h errors. 
There is another kind of diffused light due 
to a yery different cause. This is usually 
found extending through all the orders, from 
the central image up, though it Ü;t rar{'ly of 
the same intensity everywhere. It is simply 
light diffracted from irregularities in the form 
of the grooves. Here again, if these irregu- 
lariti('s were distributed perfectly at random. 
the light would be strongest at the central 
image, and would gradually diminish in 
intensity as we approach the high orders; 
in reality it is found more or less concentrated, 
usualJy in the npigh bourhood of the stronger 
spectm" 
If the grating is lightly rulpd, so that the 
grooves do not touch eaC'h other, this trouble 
can be avoidpd bv a little care in the choice 
and adjustment 
f the ruling point. Ruch 
gratingR, where the polished surface of the 
plate is not entirely remo\ed in ruling, are 
likply to throw a considerable amount of light 
into the central image, and for this reason 
they arp not desirable. In general, the 


a 


polished surface is entirely removerl in nding. 
and frequently the grooves actually o\Terlap 
to a considerable extent, in which case the 
elimination of diffuspd light is somewhat more 
difficult. 

 (lO) OPTICAL TESTS.-To fix ideas, we "ill 
assume that we ha\e a plane grating mounted 
in a spectroscope, the collimator and telescope 
lenses of which are perfect. For simplicity 
we will also assume that the source emits 
light of one wave-length only. In practice 
the green mercury line. is convenient. its 
satelliteg being so weak i-hat they cause very 
little trouble. 
If a small round aperture is substituted 
for the slit, and the grating is perfect, a 
Foucault knife - edge rest applied to thp 
central image or any of the orders of spectra 
"ill give identical and perfect results. If the 
grating is perfect except for periodic errors, 
the same will be true, but one can now see the 
ghosts, and by measuring their intensity in 
terms of that of the line it8elf one can evaluate 
b by means of formula (8). In general there 
wiII be a number of ghosts corresponding to a 
more general law of spacing, viz. 
b . 21Tn b . 41Tn 
X n = na + 1 sm - N + 2 sm .N + 


(12) 


which makes it necessary to evaluate hI' b 2 , 
etc., separately. 
If there is a linear error of spacing, the wave 
front leaving the grating "ill be a convex 
cylindpr on one side of the normal, a concave 
cylinder on the other side. The Foucault 
test will be that of an astigmatic surface, and 
the amount of astigmatism can be mea8ured 
in the different orders of spectra. The 
relation between the amount of astigmatism 
in any given order and the value of c in 
formula (9) is not difficult to derive, but "\\ill 
be omitted here. Suffice it to say that "ith 
a 4-inch grating this method "\\ill easily 
detect a value of c equal to 10- 15 inch; it is 
therefore the usual method for investigating 
this type of error. 
If the error of spacing i
 not linear, one 
can block out all of the grating except a small 
portion, over "\\ hich it may be safe to assume 
the error to be linear. By studying different 
portion
 .of the grating in this manner, most 
of the spacing errors can be evaluated. 
If the grooves are not straight but slightly 
curved, the wa\-e front leaving the ruled 
surface is also astigmatic. Tn this casp, 
I however, the astigmatism varies from order 
to order in a different manner from that due 
to errors of sp'1cing; the two can therefore 
. he easily separated. 
If th
 surface on which the grating is ruled 
is not perfectly plane, but slightly spherical, 
astigmatism again results. This is easily 
separated from the cases just mentioned, for it 
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is in the sa ml!. direction on Loth sides of the 
normal, whieh is not so when the error is in 
the ruling. (In the preceding discussion it 
has been tacitly assumed that thE' angle of 
incidence is zero, merely for 
simplicity. "
hen t1lP anglf' 
of incidence i8 different {rom 
zero, the different casps arE' 
affected somewhat difff'rently, 
making it still easier to separ- 
ate the causes of error.) 
If the Foucault te
t is satis- 
factory, and periodic errors 
ha ve been determined and 
found sufficiently smalJ, the 
grating is satisfactory, pro- 
vided it is also reasonably free 
from diffused light. The de- 
termination of the amount of 
diffused light, and also of the 
brightness of the different 
orders of spectra, do not 
req uire any comment. 

 (11) THE SELECTION AND 
ADJUST:\IEN T OF THE RULING 
DIAMo
D.-Natural crystal edges, free from 
little breaks or other imperfections, are used 
in ruling gratings. Small white diamonds, 
each weighing about :1ö carat, are securely 
mounted, each in the end of a short steel 
rod -Ii inch in di:llneter. The diamond 


p 
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the machine and mounted under a microscope, 
where th(" preliminary adjustmcnts are actually 
made, after which it is replaced in thp proper 
position on the machine. The correct pressure 
of the diamond on the pJatß 
must be found by trial for each 
ruling edge, and is regulated 
by a counterweight. 
The ideal groove is V -shaped, 
and the actual groove ap- 
proaches this form very closely 
if the adjustments are good. 
It remains to determine the 
angle of the groove, to give 
it the right width, and to 
orientate it properly for the 
kind of ruling desired. 
Let a single groove be ruled 
on a well-polished plate. Sup- 
pose the normals to the sides 
of the groove make the angles 
A and B with the normal to 
the surface. If light be in- 
cident normally on the slirface, 
the light diffracted by the 
groove will show two maxima, viz. in the 
directions making angles 2A and 2B with 
the incident beam. The diagram, Fig. 4, 
which represents a section normal both to 
the surface and to the groove, will make 
this clear. PH, and QR are the sides of 
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holder permits rotations. about three mutually 
perpendicular axes in order that a given edge 
of the crystal may be brought into contal't 
,,,ith the plato, and may also be adjusted 
parallel to the ruling carriage ways. 
The diamond-holder can- be r
moved from 


the groove; OID l and 02D
 are the diï'ec- 
tions in which the maxima of the diffracted 
light will be found. Since PR and Qlt are 
very narrow, having in general a width of 
from I 
 to 2
 wave -lengths of light, the 
angular width of the diffractcd beams will 
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be considerable, and, in the figure, 02D2 
will be ,\ ide I' than 0 1 Dr It is, however, 
quite po
sible to measure approximately this 
width, that is, the angular separation of the 
first diffraction minima belonging to OID I 
and to 02D2' and this being done, the distance 
PQ becomes known. It should be as nearly 
as possible the same as the grating space, 
and may be adjusted to this value by varying 
the weight on the diamond. If more than two 
maxima are found, the groove is not of the simple 
v-type, and should in general not be used. 
As it is desirable to have some particular 
spectrum as bright as possible, the diamond 
should be tilted until the direction of OID I , 
for example, falls in that spectrum. The 
direction of O;!D 2 will in genera) be that of 
some higher order spectrum on the other side, 
but it cannot be controlled independently 
except by changing the grating space. The 
lower order spectrum which is bright at zero 
angle of incidence will also be bright for other 
values of this angle, I at least within reasonable 
limits. 
This discussion is far from complete, but 
it is hoped that enough has been said to show 
that the finding of a suitable ruling point is 
not altogether a matter of chance. J. A. A. 
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I. THEORY OF GRATIXGS 

 (1) ISTRoDUCTORY.-A Diffraction Grating 
consists, in effect, of a number of parallel and 
equidistant slits in an opaque screen. The slits 
are usually very narrow and very numerous, 
but this is not invariably the case. If a parallel 
beam of light is incident on such an arrange- 
ment, some of it passes through the slits while 
some is stopped by the opaque intervals. If the 
transmitted light is brought to a focus by a 
telescope or camera lens, it is found that 
spectra are produced in certain directions. 
Such spectra are usually described somewhat 
vaguely under the comprehensive title 
., Diffraction Spectra." Physically there an
 
three quite distinct processes contributory to 
the production of the phenomena observed: 
these are : 
(a) Diffraction by the individual slits of the 
grating, converting them, in effect, into a 
series of similar light sourCes emitting light 
over a considerable range of angle on either 
side of the direction of incidence. The wave- 
lets emanating from these sources IiItart, 
however, with definite phase relationships: 
this renders possihle the next stage, viz.- 
(b) Interference between the wavelets from 
different slits, "hich results in their completely 
annulling one another except in certain 
directions. 
1 ;:,ee Astrophysical Journal, HIll, xxxiii. 330. 


(c) D(fJractioll by the apeIture of the ohserv- 
ing system. This gives finite breadth to the 
spectrum lines, and introduces a series of 
secondary maxima between them. 
X eedless to say these phenomena cannot be 
discriminated in the final result. Thus we do 
not observe any diffracted light resulting from 
process (a) except in those directions deter. 
mined by process (b). :àloreover it is impossible 
to observe the resultant of these two processes 
except under the limitations of total aperture 
set by the dimensions of the 0 bse1'\ ing system, 
which introduces the further nlodifications due 
to process (C).2 \Ye cannot therefore dissociate 
the contributory processes in practice. This 
tempts us, in developing the theory of the 
grating, to put all the ingredients into our 
mathematical mill at once, and after mixing 
them thoroughly, obtain final equations from 
which we may extract all the essential informa- 
tion. This 
is the method followed in the 
classical treatments of the subject which are 
found" ith slight modifications in the majority 
of text-books. \Yhile of great mathematical 
elegance, such a treatment almost invariably 
fails to convey to the student any clear con- 
ception of why the various results which the 
equations indicate, and which he can see in 
practice, do actually happen. In order to 
understand these it is desirable to keep quite 
separate in one's mind the processes (a), (b), 
and (c). This desideratum is partly fulfilled 
in the vector method originally used by 
Kimball and subsequently employed by \Yood, 
Sparrow, and others. In this treatment 
process (a), which merely supplies the light 
in the necessary directions, is dissociated from 
the subsequent spectrum formation. The 
analysis. ho" ever, automatically obtains the 
joint effects of (b) and (c) and is, in consequence, 
misleadinO' as to the origin of secondary 
spectra :nd of the finiteness of resolving 
power. The method is of great URe and beauty, 
nevertheless, and further reference will be 
made to it later; but the various properties 
of grating spectra "ill be deduced in the 
foUm.dng paragraphs by a method which it is 
hoped "ill render their origin as clear as 
possible by treating each of the contributory 
processes separately. 

 (2) DIFFRACTIO
 BY A RECTAKGULAR 
ApERTLRE.-
-\.1though the starting point for 
any investigation of gratings, the theory of 
2 In any sJ>ectro
cope the observing telescop
 is 
usually of f;ufficient aperture to take all the hght 
from the prism or grating. In practice therefore 
the length of the grating and it::: obliquity determine 
the aperture of the í"y
tem, but if in any casp the h'Ie- 
scope is of smaller aperture, in the plane of disper:;:ion, 
than that required to take in light from the whole 
grating, it is the actual aperture which df'termines 
the results of process (c). For F-implicity we shall 
assnme in what follows that the aperture. whf'ther due 
to the limited 
ize of the grating or of the tele:;:('ope 
objective, is bounded b)" straight sides paranel to 
the slits. 
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diffraction is outside the scope of this article. 
'Ve mu
t simply quote the result in the casf' 
of a rectangular aperture, as developed in any 
of the standard text-books.l Let A, Fig. 1 (a), 
be a point source of light situated at an 
infinite distance from a screen, B, in which 
there is a rectangular aperture s, with sides 
parallel and perpendicular to the plane of the 
paper. The light which passes through ,ç does 
not pass straight on in the direction s A', but 
spreads out in the space to the right of B, 
and would produce illumination over an area, 
more or less extensive, of a screen C. In 
what follows we need only concern ourselves 
with diffraction in the plane of the paper. It 
is also convenient in this case to subRtitute a 
line source, perpendicular to the paper, instead 
of a point source. Let the width of thf' 
aperture in the plane of the paper be a, then 
the light is Rpread out in this plane to an 
extent depending on a, the intensity in a 


AfE----. 


fa) 


dirf'
tion making an angle () with s A' being 
1)i'Oportional to the quantity 
2 sin 2 {(7/'"a/X) sin 6} ( I ) 
a ((7/'"a/X) sin 6}2 ,. 
where À is the wave-length of the light. 
In the direction s A' 6 =0, and the limit- 
ing value of the expression is a 2 . 
'hcn 
(7/'"a/X) sin 6 =p7/'", P having the values I, 2, 3, 
. . . etc., the intensity is zero, .while it has 
maximum values at intermediate angles. If 
the light is received in a telescope focussed on 
infinity, so that all rays having the same value 
of 6 are brought to the same focus, a series 
of bands will be seen corresponding to these 
alternate maxima and minima. 
It is obvious from the form of expression (l) 
that the intensity curve of the lateral maxima 
is simply a sine squared ('urve of which the 
ordinates are divided Ly a quantity propor. 
tional to the square úf the distance from the 
central band (measured in terms of sin 6). Thc 
proportional variation of this quantity is steep 
at first, with the result that the maximum 
ordinates of the maxima near the central band 
1 E.g. Preston, The ThpOTII of Liqht, chapter ix.; 
see also" Light, Diffraction of." 


arc displaced from the point half-way behH'en. 
the minima, being slightly nearer the central 
band. Their actual position corresponds to 
tan {(7/'"a/X) sin 6} = (7/'"a/À) sin 6 instead of to 
tan {(7/'"a/X) sin 6} = 00. This follows at once 
from differentiation of expression (1). These 
values do not, however, differ greatly, and to 
a close approximation it is convenient to take 
,the central maxima as occurring half - way 
between the minima, i.e. at the points when 
( 7/'"u!X) sin Ð = (2p + 1)7/'"/2. 2 beginning with p = 1. 
The ordinates at these points arc given by 
Icc_u2__ _ 41 0 _1 
{(2p + 1)(7/'"j2)}2- 71"2 (2p+I)2' 
where 10 is the intensity at the centre of the 
central band. From this we find that the 
approximate maximum intensit.y in the firRt 
lateral band is 1/22.3 that of the central band; 
of the second 1/62; of the third 1/121, etc. 
The true values will be slightly greater than 
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FIG. 1. 


this, and can be calculated if required from the 
more accurate positions. The intensity curve 
is shown in Fig. 1 (b). 
The positions of the lateral maxima depend 
on the wave-length, so if the light employed 
is not monochromatic, the bands correspond- 
ing to different colours will be in different 
positions. These bands were termed by 
.Fraunhofer " Spectra of the First Class." 
If the width a of the aperture is very small 
the width of the central band, which extends 
to 6 = :t sin -1 (X/a), will be quite large. In 
fact if u is comparable with X the central 
band ,,,ill extend very nearly over the whole 
angular space on either side of the incident 
beam. Such a fine slit therefore acts prac- 
tically as a line source of light as far as direc- 
2 The actual departureH from thiH may he l'aJeu- 
latpd casiJy by giving 'Ta/A sin lJ its aPJ)roximatr 
valne corresponding to the middle of the band and 
using this to ohtain a closer vahlc from a tal;lc of 
tangf'nts. Thus for the first band TalA sin () is in 
the immccliatp neighhourhood of 3"1"/2=4'7' the 
true Yalue will be very nearly taw l 4.7 =37/2'- 12 0 . 
:-\imilarly the sf'conù maxima. OCl'urs at 5T/2 - 7 0 , 
and the third at. h/'2 - 50. Since the width of a 
band corresponds to 3GO o , tlw first maximum is 
displaced by 1/30 of the width of a band, the second 
hy 1/51, and the third hy 1/72. As the onlpr of 
the banùs increasf's tJw lÌistortion quickly becomes 
negligible. 
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tions in a plane pcrpendieular to its length 
are concenwd. 

 (3) GRATDoGs.-If \\e have a number of 

imilar slits situated side bv side the diffrac- 
tion bands from each of 
them coincide in 
direction, and therefore in po'Sition if observed 
in a telescope. If the slits were illuminated 
by independent sources of light, the observer 
would see a system of diffraction bands exactlv 
similar to those from a single slit, but mo
 
intense on account of the superposition of the 
systems from the several slits. In a grating, 
however, all the slits are illuminated by the 
same source. The diffracted waves emanating 
from them have therefore a constant phase 
relationship and so are capable of mutual 
interference. Since we are now regarding the 
grating elements as separate sources it is 
convenient for the time being to assume 
uniform radiation in all directions. The 
effects of the actual variation which takes 
place in accordance .with the results of 
the previous paragraph can be investigated 
later. 
Let the dots, Fig. 2, represent the equi- 
distant slits of a grating on which a plane 
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wave of perfectly monochromatic light is in- 
cident at an inclination i to the normal. In 
order that we may at this stage avoid the 
complications introduced by diffraction by a 
restricted aperture we must regard the grating 
a:i extending to infinity in both directions. 
CleafIy any ordinary grating may be regarded 
as an infinitely long grating viewed through 
a restricted aperture. 
Let Aa and Bb be rays incident on corre- 
sponding points of two adjacent slits, while aA' 
and bB' are rays diffracted in the direction (). 
The disturban
e from a lags behind that from 
b by a path difference ac - bd = 
(sin () - sin i). 
In this expression 
=ab=the distance be- 
t\, een corresponding points of adjacent slits. 
The path difference between any slit and the 
rth from it is clearly r 
 (sin () - 
in i), so that 
if 
(sin () - sin i) is a whole number of "avc- 


lengths, say JJi \, the path difference between 
the disturbances from any two slits whatever 
is also a whole number of wave-lengths and 
all the disturbances are in the same phase. 
Hence if these are combined by a telescope, 
they \\ill reinforce each othf'r and the field 
\\ill be bright at the position corresponding 
tf) this direction. 
For directions rliffering slightly from the 
values of () given by the above relation there 
is a phase difference, oX, between the dis- 
turbances from adjacent slits. It is clear that 
however small oX may be, thf' resulting illum- 
ination due to the whole of the infinitely long 
grating is zero, because, since the phase step 
accumulates from one slit to the next, what- 
ever the phase of one slit there can be found 
another slit for which the phase differs by XJ2. 
These two slits nullify each other. Similarly 
for all other slits. The grating therefore con- 
centrates the light in a series of bright lines 
of infinitesimal \\idth at infinity, in such 
directions that 

(sin () - sin i) = mX, (2) 
with complete darkness in the intE'rvening 
intervals. Those lines for which m = I, 2, 3, 
. . . etc., are said to be of the 1st, 2nd, and 
3rd, . . . etc., order. Equation (2) is referred 
to as the grating law. These lines, of which 
the position depends on the wave-length, were 
termed by Fraunhofer " Spectra of the Second 
Class. " They are the true spectra of thp 
grating qua grating, and we observe that they 
are not a diffraction phenomenon at all but 
are due purely to interference between the 
radiations from a series of equally spaced 
similar sources of light. Their position de- 
pends simply on the separation, 
, of thf' 
sources, and is unaffected by their dimensions, 
pr
cisely as in the case of interference fringes 
produced by, say, Fresnel's Mirrors or Bi- 
prism, 1 and it is no more legitimate to attribute 
I them to diffraction than to attribute bi-prism 
fringes to refraction. ThE' part played by 
diffraction in the action of tbe diffraction 
grating is, as we saw in 
 (2), the subsidiary one 
of converting thE' indi\
idual slits into sources 
of light radiating over a wide angle \\ ithin 
which the interference phenomena may take 
place. 

 (4) EFFECTS OF FI:
aTE APERT"CRE.-Such 
a simple instrumcnt as the ideal grating of 
infinite length is naturally unrealisable. The 
finite size of any practical grating introduces 
very profound modifica tions in the observable 
phenomena. N evertheles::ì such modifications 
cannot properly be classed as grating action 
because they are precisely those modifications, 
and nothing more, which any optical system 
introduces in the image of a point or line source 
at infinity. The proper way to regard this part 
1 See article on .. Interference." 
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of our suhject IS to consider the gra.ting alone 
as supplying a spcctrum consisting of infinitely 
thin lines at infinity, and then to consider the 
effect of examining these in an optical system 
of aperture determined by the size of the 
actual grating, or of the telescope, whichever 
is least. 
If A is the effective aperture measured per- 
pendicular to the axis of the telescope, the 
image of a true line of light consists (
 (2)) of 
a series of diffraction bands, the intensity and 
location of which are given by the formula 
I A2 sin 2 {(7rA/X) sin <þ} 
ex:: {(7rA/X) sin <Þ} 2 ' 
where <Þ is measured from the position of the 
geometrical image. The points of zero illum- 
ination occur when (7rA/X) sin <þ=p7r, where 
p = I, 2, 3, . . . etc. 
The angular semi-width of the central band 
and the width of the lateral bands in itB 
vicinity is XI A. 
Each spectrum line is therefore represented 
by a diffraction band of width 2X/ A Ranked 
by a series of fainter bands of half this width. 
The maximum intensity in the pth band is 
10(4/71"2). I/(2p + 1)2 where 10 is the maximum 
intensity in the central band. These are the 
so-called secondary maxima. 'Ve see that 
they are in no way uniquely connected with 
gratings. The same type of central image with 
the same maxima in attendance is obtained 
with a prism spectroscope, or, for that matter, 
with the direct image of the slit, provided the 
same aperture be used. The only properties 
of secondary maxima peculiar to gratings 
become manifest when the number of grating 
clements is small, and are due to the over- 
lapping of the secondary maxima associated 
with the primaries of different orders. 
A primary occurs, as we saw in the last 
paragraph, whenever the phase difference be- 
tween disturbances from corresponding points 
of adjacent grating elements has the value 
zero. A secondary minimum occurs whenever 
the phase difference between opposite edges 
of the aperture has the value zero, that is to 
say, whcn the phase difference between the 
first and last of the effective grating clements 
is zero. Clearly, therefore, if there are n ele- 
ments, a primary of any order will coincide 
with the nth secondary minimum associated 
with the primary of the next order, and vice 
versa. 
There are therefore (n -I) minima between 
the two primaries, and conseq uentIy (n - 2) 
secondary maxima. '\ïth ordinary gratings 
the separation of the orders is so large com- 
pared with the distance between the second- 
aries that those associated ,,,,ith one primary 
are quite outside the influence of those asso- 
ciated with the next. The intensity of the 
secondaries diminishes so rapidly ,,,ith p that 


the great bulk of the Rpace between the 8peet.ra 
is quite dark. In fact the aperture has to UP 
made quite small or a very high magnification 
has to be used to see any secondary maxima at 
all. If the total number of grating elements 
is small, however, the pIimaries (If successive 
orders may only be separated by a few second- 
ary maxima, and those associated with the 
different primaries will reinforce each other. 
If we r.emember that there are (11,- 2) maÀima 
between each primary, and that the latter occupy 
the width of two of the former, it is easy to see that 
the pth secondary maximum associated with the 
primary of the mth order coincides with the 
(11,-1- p)th, (211,-1- p)th, (3n-1- p)th . . . etc. 
secondaries of the (m+1)th, (m+2)th, (m+ 3)th 
. . . etc. orders, and with th(' (n+p)th, (2n+p)th, 
(3n+p)th . . . etc. secondaries of the (m-1)th, 
(m- 2)th, (m- 3)th . . . etc. orders. 
The total intensity of this secondary is therefore 
41 0 { 1 1 1 

2 (2p+l)2 + (2p- 211,+ 1)2 + (2p- 4n+1)2 


1 
+ (2p- 611,+1)2 + 


1 
. + 2 
(2p+2n+1) 


1 I ) 
+ 2p+4n+1)2+(2p+ün+1)2+ . .. . 
From tbis we can evaluate the inten8ities of the 
secondary maxima. As would be expected, except 
when 11, is very small, all Lmt the first term in the 
bracket is negligible for secondaries in the neighbour- 
hood of the mth primary, and all but the second 
term for those near the (1n + 1 )th, and so on. Even 
for 11,=4 it is only necessary to consider the effect 
of the two adjacent orders on either side of the 
order in question. 
The most intense secondary is the one nearest the 
primary. Its maximum intensity relative to that 
of the primary is about, ] lü for 4 elements, 1/21 for 
8, 1/22 for an infinite number of elements. Thus 
there is little difference between the relative intensities 
of the strongest secondary whethcr a grating has an 
infinite number of elements or only a few. This is 
sometimes regarded as a surprising result, but when 
we realise that the secondary maxima are merely 
the ordinary diffraction bands due to the aperture 
of the system, we see why they are unaffected by the 
nature of the grating, except when the successive 
orders of spectra are so close that the rcJatively 
strong secondaries associated with the different 
images overlap. Moreover, this is a pure :,:uper- 
position effect; if w(' place a number of equidistant 
slits at the end of a collimator and adjust the aperture 
of an observing tcleRcope to such a vnlue that the 
angular width, X/A, of the diffraction bands bordering 
each image is exactly 1/qth of the angular separation 
of the images, we obtaid precisely the appearance of 
several orders of spectra produced by a grating of 
q elements, with the appropriate secondary maxima 
between, without the prespnce of any grating 
whatever. 
Expression (3) is symmetrical for values of p on 
either Ride of p=(n-l)/2. which represents the point 
haU-way bf'tween thf' primarie
; the reaRon of this 
symmetr
r is obvious from what has gOllP hefore. 


(3) 
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 (3) YECTOR )IETHoD.-Expres:sion (3), ob- 
tained by adding the effects of the superposed 
diffraction bands which border the prim
ries 
of different orders, represents by its structure 
the actual method of formation of the second- 
ary maxima. It is not so convenient for 
calculation purposes as that which is directly 
obtained by the vector method, in which the 
net result of interference and diffraction by 
the aperture is deduced in one process. 'Ye 
shall briefly outline this method, which is of 
great utility in many of its applications.. Let 
there be 11., elements in the grating, and let the 
amplitude of the disturbance from each element 
be I'. Let the phase difference between the 
ilisturbances from corresponding points of 
adjacent elements be oÀ. It is convenient to 
express this in angular measure q>, where 
q>=(27r/À)oÀ. The amplitude of the resultant 
disturbance is represented by the gap between 
the extremities of the first and last sides of a 
vector polygun composed uf n sides of length 
k (on some suitable scale), each inclined to the 
one preceding it by the angle q>. Since the 
sides and angles are equal, the polygon lies on 
a circle, of radius such that k is the chord of 
ø. The size of the circle varies with ø, but 
at any stage the gap between the free ends of 
the first and last sides is 
k x chor d nq> 
chord ø' 
"hich is the amplitude of the resultant dis- 
turbance. The intensity is proportional to the 
square of the amplitude and is therefore 
Bl.2 chord 2 nØ _ Bk 2 sin 2 (nø/ 2 ) 
chord 2 q> - sin 2 (q>/2) , 
where B is a constant. 
In those directions for which ø is zero, i.e. 
when the phase step between adjacent elements 
of the grating is an integral number of wave- 
lengths, the value of this is n 2 Bk 2 , which is 
the intensity at the centre of the principal 
maxima. Denoting this by 10 "e see that the 
intensity in intermediate directions is 


I - I sin 2 (ncþ/2 ) 
- 0 n 2 sin 2 (Ø/ 2 )' 


This is zero when ncþ=p7r, wher
 p=l, 2, 3, 
. . . n - I. 
The (n - 2) secondary maxima occur be- 
tween these minima, where nø=(2p + 1)7rj2, 
their intensities being giyen by 


I I 1 (5) 
v= 01/2 sin 2 (2p + 1)7rf2n' 
The secondary maxima were termed by 
Fraunhofer " Spectrn of the Third ('lns8." 

 (6) DISPERSIO
 A
D REsoL{TTIO
.-The 
rate at which 0, in equation (2), varies with 
wave-length is a measure of the spreading out 


of the spectrum, and is termed the dispersion. 
By differentiation of equation (2), 
dO 1n sin 0 - sin i 
dÀ = 
 cos 0 = \ cos 0 ,. (6) 


from which we see that for a given angle of 
incidence the dispersion in the neigh bourhood 
of wave-length À depends simply on the 
direction, 0, in which the spectrum is 
formed. It is independent of the properties 
of the grating, a large or small grating space 

 being compensated by the higher or lower 
order of the spectrum formed in the direction 
req uired. 
It is not the dispersion which is of greatest 
importance in determining the utility of a 
spectroscope, but the resolving IJOli'er, that is 
the power of producing two distinguishable 
images for two monochromatic radiations of 
slightly different wave-lengths. This power 
is usually measured by the ratio R=À/oÀ, 
where oÀ is the smallest difference which can 
be resolved at wave-length À. 
'Ye saw in 
 (3) that the grating alone, in the 
absence of diffraction at the bounding aperture, 
would give infinitely fine lines. Its resolving 
power would therefore be infinite, since, how- 
ever close two lines might be, they would still 
be perfectly distinct. However, the lines can 
never be observed except as diffraction bands, 
and if two of these are too close together they 
will merge into a single maximum of illumina.. 
tion and will not be seen as separate 
bands. Following Lord Rayleigh (7), it is 
always conventionalJy assumed in calculating 
the resolving power of optical instruments that 
two diffraction images "ill be resolved when 
the centre of one falls on the first minimum 
of the other, as sho",,""1l in Fig. 3. The angular 


(4) 


p q 


FIG. 3. 


value of pq i
 ÕO, = À/A, A being the effective 
aperture. The difference in wave-length com. 
prised in this angle is 
d\ 
0\=00. dO 


7\ ..l cos 0 
=:x . - m -. (From 6.) 
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L, the total length of the grating which is I 
utilised, is equal to A/cos (), 
X ..\ 
. ÒA = L . m 
X L 
R= gx.=m1' 


"Thence 


= mn. (7) 
Thus the resolving power is equal to the pro- 
duct of the total number of grating elements 
and the order of the spectrum; but while 
this is a convenient form in which to remember 
the result, the apparent dependence on n is 
illusory. In any given direction 
/m is con- 
stant, and R depends simply on the total 
length, or, more strictly, on A. It is only 
when varying the number of elements while 
keeping the grating space constant that altering 
n alters the resolving power, since in this case 
an increase in n involves an increase in Land 
vice versa, but for a given available aperture 
the resolving power does not depend on how 
many or how few grating elements we intro- 
duce. 
It facilitates the understanding of spectroscopic 
resolution if we always separatc, as in the above 
treatment. the two factors on which it depends. 
There is first the resolving power in ang?e, which is. 
purely a function of the aperture of the observing 
system, the minimum angle for resolution being X/A 
(assuming a rectangular aperture). The difference 
in wave-length ccrrespondinfS to this angle dependi:! 
on the dispersion of the spect.rum whether produced 
by interference or prismatic refraction. The usual 
methodq of deducing resolving power tend to concpal 
that its finiteness is purí'ly a question of aperture, 
and lead the student to suppose that each type of 
sp{'ctroscope is a law unto itself in the matter of 
resolving power, which appears to depend on numbers 
of rulings, or length of prism base, etc., whereas these 
are merely quantities which happen to be conveni. 
ently related to the aperture of the system for 
formula purposes. 
Reverting to the sp{'cial case of gratings. suppose 
X Þ is the wave-length in the mth order which coincides 
"",ith A in the (m+l)th order; A' - A is the range of 
wave-length in the mth order which lies between the 
mtb and (m + ] )th orders of X. 
mXÞ=(m+l}X, 
. '. A' - X =
. 
m 
The minimum resolvablc differenct:', ÒX, is Xlmn, 
from which we 8('C that a grating will resolve a 
difIerence of wave-length 1 ínth of the range of 
wave-length comprised \\ithin the width of all order. 
In :!Jractice it is impossiblo to obtain a line 
Rource of light of infinitesimal width. A 
narrow slit at the focus of a collimating lens 
is usually employed. The Apectral "lines" 
are in reality image"! of thiR slit and ha.ve 
therefore a finite width apart from the broad- 
ening due to diffraction. Such lines have to 
be further apart in order to be resolved. The 


ratio of the resolving pO\\er actually obtained 
with a given slit width to the theoretical 
resolving power .mn is termed the PUf.ity of 
the spectrum. 

 (7) OVERLAPPING SPECTRA. - Since the 
number of elements is without effect on the 
ùispersion in a given direction, the resolving 
power in a given direction, the width of the 
spectral lines, or, provided there are more than 
about a dozen elements, the relative intensities 
of the secondary maxima, it may not be 
obvious what advantage accrnes from using a 
large number. There are several advantages. 
\Ve saw earlier that in order to have light in 
oblique directions the width of each elemental'y 
alit must be small. If we only had a few of 
such slits the grating would be practically an 
opaque screen. For the sake of brightness, 
therefore, it is desirable to put as many slits 
into the available space as possible. 
There is another important consideration, 
however, due to the overlapping of spectra of 
different orders. From the grating law the 
mth order spectrum of wave-length X is formed 
in a direction such that 
ð,(sin () - sin i) = mX. 
In general, therefore, if m l Al = 'm 2 X 2 , the wa ve- 
length X 2 in the spectrum of 1ìl 2 th order will 
coincide with Al in the 1n l th order. Thus the 
blue end of the second order spectrum (X =O.4,u) 
will overlap the red end (X = O.8,u) of the first 
order. Overlapping becomes progressively 
more serious in higher orders. If Al and X 2 
are the extreme wave-lengths at either end of 
the spectrum to which the receiving appar- 
atus (eye, photographic plate, or whatever it 
may be) is sensitive, a wave-length À in the 
?nth order will be overlapped by Xl in the 
?n l th order and X 2 in the lJl 2 th order, where 
mlX l = 'ìn 2 X 2 = mX. All orders between 'Jì1 l anù 
m 2 will clearly be represented at the same 
place by wave-lengths between Xl and X 2 , so 
that all orders from In l to 'm 2 inclusive, i.e. 
?n 2 - m l + 1 orders, overlap at this point. 
Since 


mA 
m 2 - m 1 + 1 = A A (A 2 - AI) + 1, (8) 
1 2 


we see the importance of keeping In as small 
as possible if we wish to avoid confusion \\Ïth 
polychromatic spectra. To reduce the order 
of the spectrum found in a given direction we 
must reduce the grating spaee 
, that is, we 
must increase the number of elements in a 
given length (,f grating. Thus, although the 
resolving power does not depend on n, we 
obtain it in spectra of lower order, and thereby 
mini mise the difficulties of overlapping, if ,,
 
make n large. 

 (8) DISTRIBUTION OF I__IOUT IN SPEC'THA: 
EFFECTS OF GROOVE FORì\I.-In what has 
gone before, we have assumed for convenience 
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, find that the grooves arc u3ually of V shape, 
and, for the best results, are cut sufficiently 
deep to leave none of the original surface 
remaining. The ruled surface is in fact a. 
ploughed field in miniature. \Yhen the ruling 
is successful the sides of the groove are 
reasonably smooth, and act, in the case of 
metal gratings, as reflecting surfaces. Con- 
sidering one side of these grooves the incident 
light would be reflected, in the absence of 
diffraction, in a certain direction in accordance 
"ith the ordinary law of reflection. A:') in the 
case of a simple slit, the diffraction spectra of 
the First Class are symmetrical about the 
direction which the rays would take in the 
absence of diffraction. If the ruling is narrow 
the central band occupies a wide angle, but 
its centre of symmetry and of brightness is in 
the direction of geometrical reflection. Similar 
considerations apply to the other side,,; of the 
grooves, the direction of maximum in tensity 
being, of course, quite different for these. 
Each ruling therefore provides diffracted light 
strongly concentrated in two directions, and 
spectra lying near either of these dir('ctions 
"ill be relatively strong. This property is 
utili sed to rule gratings which "ill concentrate 
the light in the spectrum of a particular order. 
The angle which a side of the groove must 
make" ith the plane of the grating in order 
that the central diffraction band from that side 
1\ill lie in the same direction as the required 
spectrum is calculated, and the ruling diamond 
is set to give a groove of this form. An 
important experimental investigation on the 
effect of groove form on the intensity of 
different orders has been made by Trowbridge 
and \Y ood, "hile various writers have discussed 
the subject theoretically (R('ferences 10, ll, 
12, 13, and others). 
9 (9) ABSEXT SPEcTRA.-If the ruling is of 
appreciable "idth, the central diffraction band 
does not extend over the whole angular field, 
and first class minima "ill occur in certain 
directions. The light from each of the rulings 
is zero in those directions; consequently their 
joint action is zero, and any spectra which 
would other" ise be formed in such directions 
are absent. It is easy to deduce which spectra 
will be absent when assumptions are made 
as to the type of ruling and the method of 
using the grating, but such calculations lose in 
practical value from the difficulty of predicting 
or determining the precise form of a ruling. 
In genera.l the orders of absent spectra are 
multiples of the first absent order. Thus. if the 
2nd order is absent, the 4th, 6th, etc., are also 
absent; if the 3rd is absent, so also are the 6th. 
9th. etc.; if the -lth is the first that is absent, 
then the 8th, 12th, etc., will be absent. It does 
not follow that the same orders are absent on 
1 :'\ee article on co The Eye.'" I b 
2 .. Diffraction Gratings, The :Manufacture and oth sides of the central image, sinc(' the centre 
Tf'sting of.'" of symmetry of the first class system does 


that each element of tlJe grating radiates 
uniformly in all directions. On this basis we 
found that the ma
imum intensities of the 
spectrum lines of all orders were equal, and 
that the secondary maxima had certain in- 
tensities relative to these. Since both primary 
and secondary maxima are extremely narrow, 
the eye does not appreciate their intrinsic 
brightness (light per unit area) but integrates 
this o\-er the whole "idth of the lines and 
appreciates their total candle power; 1 con- 
sequently the relati\-e apparent brightness of 
primary and secondary maxima is the ratio 
of the area of the intensity cun-es and not 
of their maximum ordinates. If we introduce 
the factor 2, the relative "idth of a primary 
and secondary band, and assume the primaries 
to be twice as bright, rela ti \-e to the secondaries, 
as the ratio of the maximum ordinates obtained 
III preceding paragraphs, we shall 0 btain a fair 
approximation to the truth. 
This phenomenon accounts for the apparent 
increase in the relath-e brightness of the 
secondary maxima when the aperture is re- 
duced. In such circumstances the width of 
the maxima may increase until they occupy 
quite appreciable areas. The eye then meas- 
ures their intrinsic brightness, and the second- 
aries seem t"ice as bright relatiyely to the 
primaries as "hen they are narrow lines. The 
effect of contrast also helps to subdue the 
secondaries when they are close to the 
primaries. \Yhat we have just said ma

 explain 
the common conception that increasing the 
number of grating elements reduces the intens- 
ity of the secondary maxima. Such conclusions 
are usually drawn from experiments in which 
the aperture of a grating is varied. As we saw 
earlier, the relati,e maximum intensities are 
independent of the number of elements except 
when this is reduced to less than 20, and even 
then the difference is trifling. All the pheno- 
mena can be observed, as was pointed out in 
9 (-l), "ithout any grating at all. 
As regards the relative intensities of lines 
in different directions, these are clearly pro- 
portional to the ordinates of the intensity 
curve for the diffraction by the indh"idual slits 
of the grating (see 
 (2)). In the case of the 
simple grating which we ha,e so far considered, 
consisting of very narrow slits in an opaque 
screen, the central image would be of maximum 
brightness, while thp spectra on either side 
would diminish symmetrically in brightness as 
the order increased. In practice, however, 
such a simple grating is not obtainable. Grat- 
ings are usually produced by ruling fine grooves 
on glass or metal "ith a diamond point. The 
technique of their manufacture is dealt "ith 
in another article,2 from which the reader" ili 
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not usually coincide with this in the case of a 
ruled grat
ing. K ot only so, but the spectra 
on oppo
ite sides of the central image may be 
mainly due to light of the first class systems 
diffracted by the different sides of the groove, 
and are really due to different grating elements 
altogether, although the grating space is the 
same for both sets. \Yith this brief notice the 
subject of absent spectra must be left. The 
reader desirous of further information must 
consult the references (2 and 3) in which the 
simple case of a grating consisting of trans- 
parent slits in an opaque screen, used at 
normal incidence, is treated at length. 


II. TYPES OF GRATING 
9 (10) PLANE GRATING.-This, the simplest 
type of optical grating, is usually produced by 
ruling parallel lines on optically flat surfaces 
by means of an accurate dividing engine. l 
Two forms require mention, namely trans- 
mission gratings, in \vhich the rulings are on 
glass or other' transparent material, and reflec- 
tion gratings, in which the rulings are on 
brightly polished metal. Transmission grat- 
ings are much more difficult to rule than 
reflecting gratings because of the hardness of 
the glass and the liability to change of form, 
if not complete breakdown, of the ruling point. 
}<'or this reason reflecting gratings are almost 
in variably used for accurate work. On the 
other hand, small transmission gratings, suit- 
able for the use of students, can be made very 
cheaply by taking a cast in celluloid of a good 
grating and mounting this on a glass plate. 
Such film replicas are sometimes of excellent 
quality. Photographic processes have also 
been used with some success. For accurate 
work, however, it is necessary to use a machine- 
ruled grating, as slight unevenness in shrinkage 
of the films on drying renders replicas of little 
use for research purposes. 
A description of the various methods in 
which such gratings may be used is given in 
another article,2 and need not be described 
here. 

 (11) COVCAVE GRATING. - Rowland dis. 
covered that if the grating were ruled on a 
concave spherical surface instead of a plane it 
produced focussed images "ithout the u;:;e of 
a lens. This is not due to any new property 
acquired by thp rulings but simply to the 
image-forming properties of a concave mirror 
superposed on the ordinary grating action. 
The mirror causes a beam of light, diverging 
from the slit., to converge towards a real image 
in accordance" ith the ordinary laws of reflec. 
tion. The effect of the grating is to deviate 
the rays of the convergent heam into a series 


1 SPC artic]p on " Diffraction Gratings, The )Tanu- 
farf,urf' and Tl'Rting of." 
2 .. Wave-lengths, Measurement of." 


of lateral Rpectra on either side of the geo- 
metrical image in aceorùance with the prin- 
ciples "e have already discussed. It simplifies 
the conception of the concave grating if this 
is kept quite clearly in minù; the grating 
action is responsible for the presence of light 
in the directions given by the grating law, 
but the curvature of the wave front which 
produces the focussed images in these dire('- 
tions is due to the focal properties of the 
mirror. 
Except for objects on the axis, a concave 
mirror produces astigmatic images. A point 
source so situated that the light is incident 
obliquely on the mirror gives rise to two focal 
lines respectively perpendicular and parallel to 
the plane of incidence. If instead of a point 
source we have a slit perpendicular to the 
pla.ne of incidence, an image of the slit, drawn 
out in the direction of its length, but not 
broadened, will be formed at the first of these 
focal lines. It is this astigmatic image with 
which we are eoncer-ned, since it is the nearest 
approach to an "image" of a slit which the 
mirror will give. If S, Fig. 4, is the slit 
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FIG. 4. 


situated at a distance u from a concave mirror 
of radius r, the image is formed in a direction 
equally inclined to the normal and at a dis- 
tance v in accordance with the ordinary law 
for oblique reflection by such mirrors, viz. 


ur cos i 
v- . 
- 2'u - r cos i 


""'here vel' the object may be situated, an 
image will be formed in the position given hy 
this law. The quality of the image is not, 
however, equally good for all positions of S. 
Like all optical instruments a mirror suffers 
from spherical aberration. In the case of a 
spherical surface this aberration is least, being 
practically absent, if the object and image are 
equally distant from the mirror. In this case 
u = v = r cos i, that is, tJw 0 bjf'ct (and also the 
image) is situated on the circumference of a 
circle with PC, the radius of the mirror, as 
diameter. \Ve may term this the focal circle; 
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the slit mu::;t be situated on this circle if the 
image is to be free from spherical aberration. 
Let us now com
ider the effect of the grating 
action on the rays converging to S'. Part of 
the light" ill be thrown into a series of lateral 
spectra at inclinations, fi, to the normal CP 
such that .1(sin 0 - sin 1') = m\ in accordance 
nith the usual grating law. Since S, C, P, and 
any point P' on the grating are conc
YcIic,l 
SP C=SPC, that is to say, the angle of in- 
cidence is constant over the grating. All rays 
in the beam are therefore deviated to the same 
extent, so that the convergence in the lateral 
spectra is the same as in the central beam. 
Thus if S" is one of the spectra., 
P 3"P' = P.
'P', 


1,e. 


pp' cos 0 
.P
" 


pp' cos i 
p
' 


or 


PS " cos e 
= l' 
=r cos O. 
cos t 


Henf'e if the slit is situated on the focal circle 
nut only the central image but also the 
pectral 
images are situated on this circle. 
In the general case in "hich S is not situated 
on the focal circle, the position of the spectral 
iunges is still obtained to a close approxima- 
tion by regarding the central beam as deviated 
without changp of convergence, so that if v is 
the distance of the central image, 
rs" = l' 
o s 
 , 
cos t 


= p
' = llr cos 0 .. . 
2u - r cos t 


This, however, is not quite accurate, because 
in the general case the angle of incidence on 
the grating, and consequently the deviation 
of the rays by the grating action, varies across 
the surface. The convcrQence of the spectral 
beams is therefore not e
actly equal to that 
of the cpntral beam, although each ray is 
simply deviated in accordance with the relation 
(sin e - sin i) = constant, and the points of con- 
vergence such as S" are nearer or further from 
the grating than indicated b,\? (9). The correct 
formula 2 is more readih? obtained on somewhat 
different lines than tho
e followed above, which 
have been adopted in order to show that the 


1 The diameter of tht> grating i.. neYt>r such a 
large fraction of its radius of l'urvature that the 
distance of any point OIl it from the foc.al circle is 
appreciable. 
2 This formula is 
P ." ti T cos 20 
::; llr(cos i +cos lJ) - r co:;; 2 f 
Tht. condition for the formation of an optical image 
i:. that term" involving the "'Cluare of the aperturf' 
should vanish in the e'\':pre
"ion for the retardation 
of rays from ditferent part
 !)f the aperture. The 
ahO\'e formula foHow:; at once in the ca
e of a mirror 
if 0 i:'! ditferent from i. When () = i, that is for the 
ordinary catoptric ima{!e, it reducFs to the usual 
formula connecting It and l'. 
YOLo IV 


(9) 


focal effect is purely the ordinary property of 
the concave mirror, and that the effect of the 
grating, whether plane or concave, i
 merely 
to de,iate the light into lateral spectra in 
accordance" ith the grating law. 
The error of formula (9) is very slight in any 
case of practical importance. Since the grat. 
ing merely de,-iates the rays, the aberration 
"hich characterises the central image if the 
slit is far from the focal circle also characterises 
the spectral images, so it is necessary for good 
definition to keep to the con cyclic arrangement. 
True focal effects of gratings, which do not 
depend on mirror action, may he encountered 
if the grating space is not constant but yaries 
according to certain laws. These effects are 
discussed in the article on the ,. ::\Ianufacture 
and Testing of Diffraction Gratings" and need 
not be referred to further here. In anv ca
e 
they are freak effects and cannot be pr
duced 
at ,
'ill on any type of ruling engine at present 
in use. 
Discussions of the alJerrations of concave 
gratings "ill be found in references 26, 27, 
28 and others. 
In Rowland's method of mounting the grat- 
ing the slit is placed at such a point on the 
circumference of the circle that the spectrum 
is formed 'at C, i.e. 0 =0. This arrangement 
gives a normal spectrum, i.e. a spectrum in 
which equal distancès on the photographic plate 
(which is bent to be tangential to the focal 
circle) represent equal increments of wave- 
length. \Ye sa" earlier (
 7) that the disper- 
sion of a grating, dO/d\, = m/.1 cos O. The rate 
of nuiation of dispersion from one part of the 
spectrum tu another is 

 ( dO ) = 
 
sÏ1
, 
dO dx 
 cos- 0 


and is zero if 0 = O. 
In the apparatus used by Rowland the 
grating and photographic plate are mounted 
opposite each other at the ex- 
tremities of a rigid beam GP, F1'g. 
5, P being at the centre of cun-ature 
of the grating. The two ends of 
the beam can be moved along rails, 
S _\ and S B at right 
angles to each other. The 
slit is mounted at S. It 
is obvious that whatever 
position GP 
occupies S is 
on the semi- 
circle with GP 8 
as diameter. 
The instrument 
when once adjusted is tllPrefore always in focus. 
I All that is rpquired is to move the bar GP 
until the required spectrum occupies the plate. 
I Full details of the use of Rowland's mounting 
are given in Kayser's Handbuch der Spectro- 
:E 


A 


.s 


FIG. 5 
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llcopie, vol. i. A defect of Rowland's mounting 
is that it takes up very considerable space. 
An arrangement in which the plane of the 
apparatus is vertical, so that all except the 
slit and camera are contained in a pit beneath 
the floor, has been described by A. S. King (20). 
Eagle (21) has described a most useful mount. 
inO' for a concave grating in which the centre 
otthe plate coincides (virtually) with the slit. 
Full details and a critical comparison of its 
advantages and disadvantages as compared 
with Rowland's mounting are contained in 
the paper. Its two main advantages are that 
higher orders can be used and that the astig- 
matism of the spectrum is very much less_ 
The outstanding defect of concave gratings is 
the astigmatism of the images, particularly in 
the higher orderR, for although this does not 
affect the sharpness ()f the definition the bright- 
ness is greatly impaired, which is a E.erious 
matter in photographing faint spectra. 'Yith 
Eagle's mounting much shorter exposures are 
required than with Rowland's arrangement. 

 (12) THE ECHELETTE.-For work in the 
infra-red region R. 'V. 'Vood (10) constructed 
gratings of \\ide spacing, 
 = .012:3 mill. These 
were ruled on a gilt copper plate, using the 
120 0 angle of a carborundum crystal. In the 
majority of cases this was mount
d to cut 
grooves one face of which made an angle of 
about 20 0 with the original surlace. 'Yith 
normal incidence these facets give a concen- 
tration of light with the centre at 40 0 from 
the normal. 'Yith visible light such gratings 
throw the energy into a small group of 
spectra near the 15th order on one side of the 
normal. They show no central image nor 
any spectra to the other side. According to 
\Vood,1 " The gratings behave, with infra-red 
radiation of wave-length above, say, 3f.L, as 
almost ideally perlect gratings; that is, they 
give spectra 
imilar to what we should have 
with an ordinary grating which threw prac- 
tically all of the light into one or two orders 
on one side of the central image." For this 
wave-length, 3,u, the brightest sppctrum 'will 
be of the 2nd or 3rd order. The useful speC1tra 
for wave-lengths in this neighbourhood are 
not therefore of high order; so that the re- 
solving power is much less than for visible light. 
This is no actual loss, however, because the 
relatively large width of the radiometric re- 
ceiver makes it impossible to utilise such high 
resolving powers as in the visible and photo- 
graphable regions of the spectrum. 
· \Vood has tf'rmed these gratin
s "Erhel- 
ettes" because, in their relatively large phase- 
step, about 15^- for visible light, they lie 
between the I,rclin
ry grating and the Echelon, 
which we are now about to deserihC'. 

 (13) THE ECHEL()
.-ThiH instrument, 
which was dedsed by Pr:ofessor 
li('hel
on (2U), 
1 Physical Optics, 1911, p. 229. 


is as unlike the traditional 
rating as possible. 
It consists of a number of glass plates, of 
precisely the same thickness and plflne paralIel 
to a. high degree, arranged like a flight of steps, 
or in echelon
 whence the name. The wi(lth 
of the steps is made as accurately equal as 
pos:::;ible. If the light is incident normally on 
the broadest plate, Fig. 6, some of it emerges 
from each of the 
steps which act as 
rectangular a pel'- 
tures and diffract 
the light over a 
very small angle. 
The light emerg- 
ing from any step 
has traversed one 
plate more or less 
than from the 
next, so there is 
a constant phase- 
step depending on 
the thickness and 
refractive index of 
the plates. I
et 
a e and c e' be rays diffracted in a direction 8 
from the outer edges of two adjacent steps. 
Let c f and b g be perpendicular to a e. 
The difference in optical path is obviously the 
difference hetween b c in glass and a f in air. 
Let t be the thicknf'ss and ß the width of a 
step, then 


a 'q b 


e 


FIG. ß. 


a.f = g f - g a = t cas 8 - ß sin 8 = t - ß8, 
since 0 is necessarily very small. 
Thus the phase-step is 
IJt -.(t - ß&) = (,u -1)l + ßO. 
A spec.tru m line of the mth order will therefore 
be forn1('d when 


(,u - l)t + ß8 = In^-. 


(10) 


Since 8 is very small m is approximately 
(,u - l)t/^-. For a plate of thickness 2 cm. 
(IJ. - 1) t is about 20,000 wave-lengths for green 
light, and the order of the Rpectrum is 20,000 
or so. 


The dispersion, 


where 


dO = ( m- t dIJ. ) / ß. 
à^- d^- 
_ .r {IJ. - l)t _ /,u l /ß 
- l ^- d^-J ' 
bt 
=Xß' 
h = ((,u - 1) _ ^- d,u " 
\. d^- 


:llH1 i
 purel.v a property of the glaRF. The totnl 
aperture is lIt1 wl1('re n is the numher of 
plates. The minimum angle resolvable is therefore 
^-Inf
. 
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The minimum \
ave-Iength difference resolvable is 
À dA 
2 
õ\= nß . de = nJJ( 
Hencc the resolving PO\\ er, R, 

 nbf 
= ó\ =\" . 


. (II) 


t 
1n=Cu-I)
, 
... R =mn { ll- 1- 
(dllfd\>) " 
(J.L - I) 
Thus tbe effect of the diEpersion of th
 glass is to 
increase the resolving power (since dp./dÀ is - re) 
from that given by the ordinary grating formula 
R = 'Inn. In the case of a particular echelon described 
by Baly,I ll-l, in the neighbourhood of the sodium 
line, was O'57-!ü, "hill' fJ.-I-À(dfJ.fd\) was O.(j}t.i5. 
For an echelon of 20 plates 2 em. thick, the 
resolving power is a, little over 400,000 for 
visible light. Such a grating would therefore 
reo;;olve lines differing in wave-length by only 
one four-hundredth of the difference of the 
sodium lines. 
This large resolving power, obtained "ith 
a relatively small aperture,2 may appear to 
contradict the conclusion of 

 (6) and (7), that 
the resohing power for a given aperture was 
independent of the grating space. \Ye were 
there concerned "ith ordinary gratings in 
which the phase retardation between adjacent 
elements depends simply on the obliquity of 
the light. 


But 


We must not confuse the width of the echelon 
stt'p \\ ith the grating space of an ordinary grating. 
The "idth of the 
tep correspond,., to the \\ idth of 
one of the elclI1entary apertures of the grating and 
determines the distribution of light in the field in 
accordance \\ith S (2), hut the analogue in the case 
of the echelon to the grating space of the ordinary 
grating is the separation of the apertures parulll'l 
to the length of the echelon, which introduces the 
enormous phase-step (p. - l)t (a pprox.) between rays 
from cnrresponding points of the different apertures. 
Thi
 !'csults in a dispersion very much greater than 
anything obtainable with an ordinary grating. so 
that for a gi.en total apelÌure, and therefore given 
rcsohing po\\cr in angle. the spectral resolution is 
greatly increased. An ordinary grating of 20,000 
lines per inch would require to hf' ten inches long 
to gi.e the same spectral rl'solution in the second 
order as we obtain \\ ith an echelon of under an 
inch. 
T
f' difficulties of ruling such a gratin
 are very 
consIderable, and vcry few of thi
 length have been 
produced at the prf'sent timc, whereas the echelon 
y,e have mentioned is by no means an f'
treme case. 
The angular field "ithin which all the 
p}
enomena are compressed is the angular 
wldth of the central diffraction band from a 
single aperture. This is 2 sin -1 p...!!') = 2À!t-J. 
1 "
pectro
('opy," f'haptf'r vi. 
2 ß IS usually about 1 mm., !"o nß is 2 cm. in thp 
case we are discussing 


The angular separation of successive orders 
will be given by de/dm since III is large. 


de 
 
dm - ß' 
Thus the distance between two orders is half 
the width of the total region in which 
ight 
is a vaila ble. There" ill thus in general be 
two orders visible, of different intensities unless 
they happen to be symmehical "ith respf'ct 
to the centre of the diffraction maximum. By 
slightly altering the angle of incidence one of 
the orders may be brought to the centre, 
when it will be of maximum brightness; the 
spectra of adjacent order on f'itl
er side then 
coincide with the diffraction minima, and are 
invisible or faint. These two positions are 
termed positions of single or double order. 
Though not more than two orders of one 
wm:e-length are in the field at once, if anothel 
wa ve-Iength is present this" ill appear in some 
other order. The mth order of wave-length 
 
"in coincide "ith the (m:t p)th order of '
ave. 
length 
m/(m-i.p), where p is any integer I, 
2, 3, . . ., etc. Since III is large, a very slight 
range of wave-length indeed" ill give rise to 
so many overlapping spectra of different orders 
that complete confusion" ill occur. \Yith the 
sodium lines, for instance, if Dl is in the 
20,OOOth order D 2 may be in the 20,020th. 
The lines may overlap or lie between one 
another, or, in fact, have any relative 
position whatever, depending on the exact 
thickness of the plate and the exact angle of 
incidence. 
Thus very homogeneous radiation must be 
employed or the appearances presf'ntcd are 
unintelligible. In practice, therefore, the light 
is always analysed by means of an auxiliary 
spectroscope, usually a prismatic instrument, 
though sometimes a grating is employed, and 
only that radiation is allowed to enter the 
echelon which it is desired to examine. 
Another drawback to the instrument is this. 
The closest doublet "hich a grating will 
resolve is, as we saw in 
 (6), separated by Ilnth 
of the separation of adjacent orders. Since 
the useful field is the space between two orders 
we can only examine a range of wave-length 
of about n times the resolvable minimum. 
Since, in the case of the echelon, n is 80 small, 
this limitation is serious. It is clearly advan- 
tageous for a given resolving power to use a 
large number of thin plates rather than a 
smaller number of thick one
. However,o"ing 
to practical difficulties of construction and t
 
loss of light by reflection at interfaces. it is 
not feasible to use a very large number of 
plates. There is little gain in goinf[ beyond 
30, while most echelons have under 20. 3 


From (10) 


3 :\rl'ssr
. Adam Hilp'f'r, as the result of impro,-ed 
method
 of construction, ha\'c recently put echdolls 
of fifty-six plates on the market. 
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f'incl' a hroadened line, or the components of a 
multiple line may extend over the whole width of 
the first class maximum, the apparent brightnc:-;s will 
be misleading. Correction mU8t be made for the 
distribution of intensity'" ithin the field. Thf' 
formula of 
 (2) reduces in this case to 
sin 2 (rrß/"^-)O 
1=10 {7r(ß I"^-WP' 
where 10 is the intensity at the centre of the diffraction 
band. An experimental investigation of the agree- 
ment of practical results with this formula has been 
made by Burger and van Cittert (Rd. 3:J), who also 
pointed out that owing to that side of a spectral 
ma
imum which is further from the centre of the 
field beinO' more weakened than the other, the position 
of the Z:aximum is appreciably displaced towards 
the centre of the field. They found errors amounting 
in some cases to 0.5 per cent of the width of an order. 
This displacement appears to have been generally 
overlooked by users of the instrument. It is ana- 
logous to the displacement of the secondary maxima 
on account of their rapidly diminishing intensity, to 
which attention" as (Oalled in 
 (2). 
\Vhen all its difficulties have been taken 
into account, however, the Echelon remains a 
beautiful and PO\\ criul weapon of physical 
research. It is easy to use, requiring little 
adjustment, and as the pioneer among spectro- 
scopes of extreme resolving power, has been 
responsible for the opening up of important 
fields of investigation previously inaccessible. 
The actual use of the instrument is dealt with 
in another article. l 

 (14) D
FECTIVE GRATINGS. - \Ve have 
hitherto assumed ideal gratings and investi- 
gated their properties. In practice gratings 
may suffer from various defpcts. Principal 
among these are departures from exact equality 
of the grating space over the whole grating. 
The effects of such errors are dealt with in 
another artide, 2 and we need only mention 
here that any periodic variation in the ruling 
virtuaJly constitutes a second grating of which 
the grating space is equal to the periodicity. 
Thus a spectrum line is flanked with a series 
of faint companions which are simply lateral 
spectra produced by the second grating. Such 
companion lines are termed ghosts. Variations 
in optical thickness of the plates of an echelon 
may also give rise to ghosts. Aherrations of 
another character may also be founq in echelons 
due to the clamping of the plates (30). Stans- 
field and \Valmsley (:32) described a case in 
which an asymmetrical distribution of light in 
the secondary maxima resulted from this cause. 
A useful treatment of imperfect gratings ha
 
h
en given by Sparrow (35). 
9 (15) CONCLUSlox.-In an article of this 
length it has been quite impossinle to dpal 
exhaustively \\'ith the 
ubject of diffraction 


1 .. )[oclcrn SpC'('troscopy." 
2 .. Diffraction Grating:-;, The :\Tanufactl1re and 
Testing of." 


gratings, either in the theoretical or practical 
aspects. It has not been possible to deal with 
the practical methods of mounting employed, 
and for such information the reader is referr('cl 
to Kayser's Handbuch der Spectroscnpie, vol. i., 
to Baly's Spectroscopy, and to several of the 
papers mentioned in the bibliography. On 
the theoretical side, space has forbidden refer- 
ence to the state of polarisation of the dif. 
fracted light from the grat.ing elements (37 
to 43). To repair these omissions and supple- 
ment the information contained in the article, 
a bibliography is appended which, though far 
from complete, will be found useful by those 
desirous of pursuing the subject further. 
J. G. 
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DIFFUSER, a surface which scatters the light 
falling on it so that the light reflected or 
transmitted is distributed according to the 
cosine law. See" Photometry and Illumina- 
tion," 
 (31). 
ÐIFFrsIox -AREA IXSTRC
IEXT: a type of 
ophthalmic instrument which depends upon 
diffusion areas for the extinction of refrac- 
tion. See" Ophthalmic Optical Appa- 
ratus," 
 (10). 
DIFF"CSIYITY, YISUAL. See" Eye," 
 (19). 
DIP OF SEA HORIZOX: method of measurement. 
See "Xavigation and .Kavigational Instru- 
ments," 
 (2-1). 
DIPPIXG REFRACTO)IETER: a direct-reading 
refractometer of limited range used for 
specific purposes. See" Spectroscopes and 
Refractometers." 
 (Iß). 
DIRECT LIGHTlXG. See "Photometry and 
Illumination," 
 (71). 
DIRECT \.ISIOX SPECTROSCOPE. See -, Spectro- 
scopes and Refractometers," 
 (19). 
DIRECTIOX, PERCEPTIO:S OF SorXD. See 
" Sound," 
 (37) (v.). 
DIRECTIOXAL 'YIRELESS TELEGRAPHY, its 
application to position fixing at sea. See 
"
a,-ig(ttion and .Kavigational In
tru- 
ments," 

 (23), (2ti). 


DISC, RAYLEIGH. used as a sound detectur. RC'c 
" Sound," 
 (50). 
DISCHARGE TUBE, the phenomena of the 
vacuum. See" Radiology," 
 (3). 
DISIXTEGRATION THEORY of radioactivity, 
put forward in 1903 by Rutherford a
d 
Soddy to explain the continuous production 
of radioacti ,Te ma tter. See " Radio- 
activity," 
 (7). 
DISPERSIOX, IRRATIOXALITY OF. See" Op- 
tical Glass," 
 (2). 
DISPERSIO:Y, ROTATORY. See " Polarised 
Light and its Application
," 
 (21) (ü.). 
Biot's Investigations of. See "Quartz, 
Optical Rotatory Power of," 
 (3) (i.). 
Drude's Theory of. See ibid., 
 (3) (ü.). 
DISPERSIOX, ROTATORY, EXPERDIEXTAL Ix- 
YESTIGA.TION, DRUDE'S THEORY OF. See 
" Quartz, Optical Rota tory Power of," 
 (4). 
DISPERSIO:Y in grating spectra. See" Diffrac- 
tion Gratings, Theory of," 
 (6). 
ÐISPERSIOX OF LIGHT. The separation of a 
beam of light into its constituent colours, 
each due to a wave uf definite length. See 
" Spedroscopes and Refractometers"; also 
" 
lodf'rn Spectroscopy." 
DISTORTIOX OF OPTICAL hU.GES. See" Tele- 
scope," 
 (3). See also ., Lenses, Aberration" 
of," 9 (5); "Optical Calculations," 
 (18). 
DIC"RXAL V ARIATlO
 OF Ð.\.YLIGHT. See 
" Photometry and Illumination," 
 (7-1). 
DIYERSITY FACTOR (in Illumination): the 
ratio of the maÀimum to the minimum 
illumination found within a given area. 
See" Photometry and Illumination;' 
 (70). 


DIVIDED CIRCLES 


I. HISTORICAL 

 (1) GE:YERAL,-The graduated or di, ided 
circle is the basis of all instruments for 
measuring angles. The earlier circles " ere 
dÌ\Tided by hand, and in order to get any degree 
of accuraC'y they had to be of large diameter. 
During the last 150 years there has been a 
great development in the art, and it is now 
possible to obtain cirdes of a foot or I8,in. 
diameter in whiC'h no dh-ision has a greater 
error than 2 seconds of arc, while the 
probable error of any dh'ision is less than half 
a second. The first notable example of a 
divided circle was a mural circle of 8 ft. 
radius divided bv George Graham for Green- 
"ich ObservatOl
v in 1725. Two circles of 
96.8.3 and 93.8 
 in. were marked off by 
beam compasse
, the inner, or working drcle 
being graduated to degrees and twelfths of a 
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degree. The chord having the same length 
as the radius gaye the ßO'- point, with the 
points 0 0 and GOo as eentres, and a di
tancf' 
on the beam compass very nearly equal to 
the chord of 30 0 ; two light duts were made on 
the are, and the distance between these was 
bisected by hand, u::;ing a magnifying glass, 
thus giving the 30-' mark. The chord of 30 0 
set off from the 60:> point gave the 90 0 point. 
Each 30 0 arc was then bisected in a similar 
manner, and the resulting divisions trisected, 
thus dividing the quadrant into 50 spaces. 
These were then divided into 5 parts, giving 
single degrees, and the twelfths of a degree 
were found by further bisection and trisection. 
The outer circle was divided into 3 parts 
as before, and each of these into 512 parts by 
continued bisection. This method was con- 
sidered more accurate than the first, and the 
resulting divisions were used as a Gheck on 
the inner circle. 
John Bird 1 in 1767 divided a similar circle. 
He first !Jrepared a lineal scale of equal parts, 
and having obtained the 60 0 point by laying 
off the churd equal to the radius, 30 0 and 90 0 
were obtained by laying off the chord of 30 0 
from the 60 0 point, the length of this chord 
being ohtained by calculation and measure- 
ment from his scale. From 60 0 the chord of 
1.3 0 was laid off giving 73 0 , and from this the 
chord of 10 0 20' gave 85 0 20', which was 
checked by the chord of 4 0 40' from 90 0 ; 
83 0 20' =5; x 2 10 , hence the further subdivision 
of this can be found by continued bisection. 
The remainder of the quadrant beyond 85 0 20' 
contains 56 divisions of 5' each; the chord 
corresponding to 64 such divisions was laid 
off, and subdivided by continued bisection as 
before. 

 (2) TROUGH'l'ON. - Edward Troughton 
adopted another method for dividing (de- 
scribed in Phil. Trans., 1809, as applied to a 
4 ft. circle). The circle to be divided was first 
accurately turned on its inner and outer edges 
as well as on its face. A cylindrical roller 
was then made of such diameter that it re- 
volved 16 times on its axis when rolled 
once round the outer edge of the circle. The 
roller was then divided as accurately as pos- 
sible into 16 equal parts by lines parallel 
to its axis, and was mounted on a framework 
which could slide round the circle, the roller 
revolving by means of frictional resistance on 
the outer edge of the circle. Two microscopes 
attached to the frame served to observe the 
circle and the divisions on the roller respec- 
tively. By means of these microscopes the 
points of contact of the marks on the roller 
with the circle were observed and marked on 
the circle by d'ots; the circle was thus divided 
into 236 nearly equal parts. T\\'o microscopes 
1 John TIinl, T}/f' ,Method of Dividing Astronomical 
Instruments. London, 1708. 


A and B wpre used tu obtain thc errors of 
these dots; they were placed so as to hi8Cd 
dots 0 and 128 respectively: the eircle \\ a
 then 
turned so that A bisected 128. B 8hould then 
bisect dot 0; if it did not, then half the mo\-e- 
ment of the cross-hairs neces
ary to bisect the 
dot gave the error of the dot, and this was 
measured on the micrometer screw. .Micro- 
scope A was then again set over dot 0 and B 
over dot 64; the circle was then turned till A 
bisected dot 64. B should then bisect dot 
128 :t the error already found for dot 128; half 
the residual error gave thf" error of dot 64. 
Similarly the error of dot 192 was found. By 
continued bisection in the same manner the 
errors of all the other dots were found. The 
final gradua.tions were required at 5' intervals, 
a.nd to obtain these a sector with about fOUl' 
times the radius of the roller was mounted 
concentrically on the roller, so that it normally 
turned with the roller, but could be adjusted 
independently. The sector was divided as 
accurately as possible into divisions such that 
it would revolve one division on its axis for 
each 5' which the frame. was moved round the 
circle, 16
 of such divisions corresponding to 
.lir of the circumference of the sector, i.e. to 
the amount the sector would revolve as the 
roller moved between two consecutive dots on 
the circle. Sixteen such divi8iol1s were marked 
on the sector, together with an extra. division 
at each end which was divided into kths. 
Two microscopes Hand K were carried by 
the frame, H mading on the circle and K on 
the sector; the frame was then adjusted so 
that H read dot 0, and the sector adjusted 
with its zero under K. The zero mark of the 
circle was then (, ut under H by a dhTiding knife, 
and the frame moved till the sector had re- 
volved one division under K; the next line 
was then cut under H, and so on, until 16 
divisions had been cut. Before cutting the 
17th H was adjusted over dot 1, due allow- 
ance being made for its error as already deter- 
mined, and the sector was set to division - 
 
under K; the graduations between dots 1 and 
2 were then cut on the circle. In this way 
the errors of the dividing were controlled by 
the dots and prevented from accumulating. 

 (3) COPYING.-\Yhen a circle has once been 
accurately divided it can be copied by placing 
the master circle and the blank concentrically 
on a table, and laying a straight-edge to each 
division of the master circle in turn, and 
cutting the division on the blank with a 
dividing knife. 
9 (4) DIVIDING E
GI1S"ES. - :l\Iodern circles 
are invariably machine divided. The first 
notable dividing engine was made by Je
se 
Ramsden, 2 and an account of this machine was 
pu blished by the Commissioners for Longitude 
2 .T. Ramf>clen, Description of an Engine for Diriding 
}'lathematical Instruments. London. 1777. 



DIVIDED rIRCLE
 


55 


in 1777. This and all later <.>ngines are
 made 
on the same general lines: the work to be 
divided is mounted concentrically on a circular 
plate which revolves on a vertical axis. This 
plate has teeth cut on its edge and is rotated 
by a worm; the" orm is mm-ed by a ratchet 
driven by a band wound round a cylinder, 
stops being provided to ensure the worm being 
turned the correct amount. In the earlier 
machines the band was pulled down by a 
treadle, the other end of the band being 
attached to a weight. On pressing down the 
treadle the plate was rotated by a definite 
amount and the divisions marked on the circle 
by hand. On releasing the treadle the ratchet 
allowed the weight to descend "ithout rotating 
the worm. In later machines the cuts are 
made automatically, thus enabling the engine 
to be power driven. 
In 1793 Edward Troughton completed a 
somewhat similar machine. Others have been 
made by Andrew ROSS,l \Yilliam Simms, 2 and 
others in this country and abroad. 


II. :\IoDERN DIVIDISG E:KGISES 

 (5) DESCRIPTIo:y.-One of the best and 
most modern of thesf' was completed by 
George \Yatts in 190.3. This machine and 
the methods used in constructing it will be 
described below. 
It "ill be seen from "hat has been said 
that the principal aim is to construct an 
accurate worm and worm-wheel so that one 
revolution of the worm shall revolve the 
worm-wheel through a predetermined angle, 
no more, no less, with the smallest possible 
amount of deviation, and this must be true in 
any relative po
ition of the worm and wheel. 
The only certain method of producing such a 
worm-wheel is to cut the teeth one bv one 
from an accurately divided circle, and 
nless 
such a circle is available the first step is to 
divide one. In order to carry this out the 
following precautions were taken. The work 
of dividing and testing was carried out in a 
specially constructed room .where the tem- 
perature could be maintained constant" ithin 
one degree Fahr. The circle A (Fig. 1) to be 
graduated revolved smoothly upon an accu- 
rately machined axis B "ithout the suspicion 
of any journal shake. The bearings of this 
axis were carried by a very rigid frame C, 
which was so designed as to furnish also a 
rigid circular table D, somewhat 10wf'1' in 
height and a little larger in diameter than 
the circle to he graduated. This circular table 
was for the purpose of mounting micrometer 
microscopes at different positions round the 
circlf'. These microscopes should be of suffi- 
cient power to detect clearly an amount f'q ual, 
1 Trans. So
. Art.c:, 1830-31. . 
i JI emoirs of the Astronomical Society, 1843. 


I in angular" alue, to the tenth part of a second 
on the circle. Slime idea of the power neces- 
sary can he obtained from the fact that in 


D 
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linear measure tills amounts at 4 ft. diameter 
to about "S"
ì"iíõ inch. The design for the 
mounts of these microscopes must be very 
carefully considered from the point of view of 
temperature changes, as a cold draught striking 
one side of such a mount may produce errors 
which are by no means negligible. 
Another essential piece of apparatus is a 
mechanically mounted steel or diamond cutter 
for cutting the actual divisions to be read by 
the micrometers. This cutter must be so 
mounted and swung that it can be lowered 
into contact with the circle, moved across it, 
and again raised mechanically without any 
direct impetus or control of the hand. Ob- 
viously also the moving parts of this mech- 
anism must be free from the least shake, 
while at the same time perfectly free to move 
or s" ing with the least possible friction. 

 (6) DIVIDIXG THE ::\IASTER CIR(,LE.-The 
cutter mechanism was securely bolted dow'll 
to the table D, and the first line ruled (0 0 ). 
Then by actual measurements the position of 
the 180 0 line was determined, and this position 
brought as nearly as possible under the cutter. 
A micrometer microscope A was then mounted 
and adjusted exactly over the 0 0 line, i.e. 
directly opposite the cutter, and 180 0 line 
ruled; the circJe was then reyolved as nearly 
as possible through 90 0 , and microscopes 
Band C mounted over the marks already 
cut; they will thus be about 90 0 from A. 
::\Iicroscope B was then adjusted e
actly over 
the zero mark and C over the 180 0 mark, and 
the circle turned till the zero mark was exactly 
under C; if the 180 0 mark had no" appeared 
exactly under B, both marks and microscopes 
would have been exactly 180 apart, but if 
not, the error was shared equally by the posi- 
tions of microscope B and line 180 0 . The 
total amount of this error was read on the 
micrometer, and the zero line again placed 
under the A microscope, but with its error 
allowed for on the A micrometer, and a fresh 
180 0 line was ruled. This was again tested, 
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and the plocess repeated until the two lines I 
0 0 and IhU" had no appreciable error; the 
micrometer reading at A corresponùing to the 
point exactly oppusite the cutter was then also 
kno" n. The zero line was then adjusted under 
B and the 90 0 line cut; 0 0 was then placed 
under C, when 90' should appear under A. 
As before, the error was read off, half this error 
being in the position of the 90 0 line, and half 
in the positions of II and C. A correct 90 0 line 
could therefore be marked, and the 270 0 line 
followed. By similar methods, and using more 
microscopes, accurate lines were cut first every I 
45 3 and then every 22!0. This gave 16 funda- 
mental lines. By the same methods of trial 
and error microscopes D and E were placed 
120 0 from A and the 120 0 and 240 0 lines cut. 
By placing each of the original 16 lines under 
each of the three microscopes A, D, and E in 
turn, three times 16, or 48, lines were obtained. 
On the same principle five microscopes were 
placed at eq ual distances round the circle, 
and more lines cut, thus gi ving 2-10 lines in 
all, or one every I ì o . So far the work \vas 
straightforward, if tedious; but these divisions 
had now to be divided into 18ths in order to 
obtain 5' spaces. 
For this purpose micrometers were mounted 
at 0 0 , 70 0 30', and 141 0 , and the two spaces 
included were trisected, i.e. intermediate 
micrometers were mounted at 23 0 30',47 0 , 9r=>, 
and 117 0 30'. By this means 720 divisions were 
obtained, or one every iO. Three micrometers 
were then mounted at 0 0 , 60 0 30', and 121 0 , 
and the two spaces subdivided into three by 
micrometers mounted at 20 0 10', 40 0 20', 
80 0 40', and 100 0 50'. By this means 2160 
di\?isions were obtained, or one every 10 
minutes. Finally four micrometers were 
mounted at 0 0 , 40 0 10', 80 0 20', and 120 0 30', 
and the three spaces bisected by micrometers 
at 20 0 5', 60 0 13', and 100 0 25'. This gave the 
req uired4320 divisions, or one every 5 minutes. 

 (7) TESTING. - The circle being thus 
divided the same geometric process was em- 
ployed to ascertain the individual errors of the 
graduations, which were tabulated. An en- 
tirely fresh set of graduations was then cut, 
using a slightly different diameter of circle, 
thp errors being eliminated, as far as possible, 
by making the appropriate allowanceg on the 
micrometers. The errors of this new circle 
were again determined and tabulated, and yet 
another circle divided. It was found that the 
individual errors were considerably diminished 
with each cycle of operations, and after a con- 
siderable number of such cycles, involving 
about six months of very tedious work, a ring 
of divisions was ohtained the errors of which 
were known, and with one or t\vo exceptions 
were well within I second of arc. 
9 (8) TEETH CUTTIXG.-The next step was 
to cut the teeth of the worm-wheel. In the 


place where the driving worm was finally to be 
mounted was placed a spindle carrying a 
multi - toothed V cutter of ahgut :-J,jo angle. 
The axis of this cutter was lIlUunted in an 
inclined position, not parallel to the plane of 
the revolving table. The amount of this 
inclination was the mean angle of that portion 
of the thread of the worm that was to engage 
and drive the revolving table. :Mechanical 
means were provided for revolving this V 
cutter and also for feeding it into the edge of 
the revolving table as required. There were 
also two or three warning de,.ices for the 
purpose of indicating when the cutter was 
,veIl out of contact with the revolving 
table so that the latter could be moved 
\vith impunity. 
Seven micrometers were then mounted round 
the revolving table, and also, in a convenient 
position among them, a firm clamp and slow- 
motion screw for holding the table, and bring- 
ing it to the required position befure eac.!l 
individual tooth was cut. This pm:ition was 
determined by the positions of the several 
divisions under their respective microscope
, 
due allowance having been made on pach 
micrometer for the tabulated errors of each 
graduation. The V cutter was then entered a 
certain depth into the metal at the periphery, 
and again swung clear. \Yhen the "safe" 
position was indicated by the warning devices 
the table was revolved to the next division, 
and the cutter entered again, and so on all 
round the table without removing the cutter 
to resharpen it (it had been so prepared 
as to stand up well under this test of its 
durability). 
In the dividing engine described there are 
two rows of teeth, one above the other, the 
upper row spaced 10 minutes apart, and the 
lower 5 minutes. The purpose of this arrange. 
ment was to simplify the driving mechanism 
and also to provide more equal wear on the 
bearings of the main spindle of the engine. 
The tooth - cutting operation was repeated 
three times round the entire circle in the case 
of the upper and deeper row of teeth, and twice 
in the case of the lower row, the final cut in 
each ruw being a very light one and effected 
with a tOO V cutter. The teeth of the cutter 
were well washed "ith turpentine during the 
whole operation, to facilitate the cutting of 
the metal, which was a very tough alloy of 
bronze. 
The first care after cutting the teeth was to 
protect them, and for this purpose the rigid 
circular table provided a permanent support 
for a substantial cast- bron7e shell holted to it 
in segments, which cOllll'letf'ly surrounds the 
teeth, except where the worm-screws engage 
them. 

 (9) DRIVING l\rECHANIS
i. - It now re- 
mained to provide suitable mechanism for 
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driving the revoh
ing tahle, and cutting the 
divisions, each to have a suitable adjustment. 
Intermittent motion had to be provided for 
the former, and co-ordinated with this in a 
very positive manner, a " tracelet," or mechan- 
ism operating the actual cutting knife, with 
its automatic movements. Both are very 
simple in principle. The intermittent move- 
ment of the wonu-wheel is arranged as followR : 
There is, mounted on the worm-spindle A (Fig. 
2), and rigid with it, a ratchet wheel B. engaged 
and driven by a pawl C, which revokes on a 
spindle D. This spindle is separate from, but 
"ith its axis in exact prolongation of, the worm- 
axis. A. coarse V -shaped worm E, round 
which a cord is passed several times, is rigidly 
mounted on axis D; one end of this cord is 
attached to a pin on a revoh.ing arm F, the 
length of which can be 
varied; the other end of 
the cord carries aweigh t. 
On revolving the arm F the 
cord round E will be alter- 
nately pulled and released. 
The pawl, therefore, "ill 
be revolved round its axis 


c 


alternately in opposite 
directions. In one direc- 
tion it wiJ) carry the worm 
round with it by the pawl 
engaging in the ratchet wheel, 
and in the other direction 
the pawl will slide back 
over the ratchet wheel teeth. FIG. 2. 
Thus the worm - wheel is 
alternately revolved and left stationary. The 
amount of revolution imparted depend
 on the 
amount of pull and release given to the cord, 
or, in other words, to the length of the arm 
F; this controls the spacing of the graduations. 
\'"arious adjustments and limiting devices are 
introduced to make the apparatus as positive 
in its action as possible. 
As regards the tracelet; two movements of 
the cutting knife are necessary-one a lowering 
and lifting movement, and the other a travers. 
ing movement: the former to bring the knife 
into contact "ith the surface to be graduated 
and to raise it again, and the latter to ('ut the 
division. There are several methods of auto- 
matically accomplishing the nlOvements; one 
of the simplest is shown diagrammatically 
in Fig. 3, where A is the cutting-frame, having 
at one end a knife or cutter, while the other end 
is prolongpd in order that the cam C, when 


revolving, may come in contact with it and 
alternately lift and lower the cutter at the 
other end. It is important for thi
 cam to 
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FIG. 3. 


revolve at exactly the same rate as the revolv- 
ing arm F (Fig. 2), and to be so adjusted that 
the cutter is out of contact \\ ith the work 
being graduated while the latter is being 
rotated by the worm. The shaft carrying the 
lifting cam C (Fig. 3) also carries a pinion 
geared with a definite ratio (in the case illus- 
trated I : 6) into a larger gear wheel D, the 
spindle of "hich carries a large cam wheel E, 
having 6 equally spaced projections round its 
edge. In close contact \\ith thi:3 undulated 
edge is a "feeler," or a projection of the 
member F, which is a right-angled frame 
pivoted at 0, into the lower end of "hkh the 
cutting.frame A is pivoted at B. H is a 
weight for determining thE" pressure of the 
cutting knife on the work, and I is a weight to 
keep the ,. feeler" in close contact "ith the 
edge of the cam E. The amount of the travers- 
ing movement communicated to the cutting 
frame, and therefore to the cutter, i8 controlled 
by the radii of the projections of the cam E. 
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In the case illustrated the apparatus would 
produce graduations some" hat as iUustrated 
at J (Fig. 3), the firm Jines being cut during one 
revolution of the carn E. The machine is 
illustrated in Fig. 4. 
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III. :METHODS OF I{,EAUI
G 

 (10) .:\IETHoD OF I-tEADI
G.-Circle:s are 
read by a single pointer, by a vernier, by a 
reading microscope, or by a micrometer micro- 
scope, these being mentioned in their order of 
increasing accuracy. 
$ (11) rplw rernier.-Suppose a scale divided 
into equal divisiop.s, ,,,ith a second scale 
sliding alongside it, the divisions of the second 
scale each Ijnth smaller than those of the main 
scale. The second scale, or "Vernier," 
generally contains only n divisions. If the 
zero of the vernier coincide with a division of 
the main scale no other division will coincide 
except the nth, which will coincide with the 
(12. - l)th division of the main scale. If the 
vernier be now moved along a distance of Ijnth 
of a division of the main scale, the first division 
of the vernier, and only the first, will coincide 
with a division of the main scale; similarly, if 
it be moved mjn of a main division, the mth 
division of the vernier will coincide with a 
di vision of the main scale. As the eye is very 
sensitive to lack of continuity in a line, this 
forms a very sensitive dêvice for splitting the 
main divisions of a scale. \Yith the aid of a 
magnifying glass a 6-in. circle can easily be 
read by a vernier to 30" of arc, and with a little 
care to 10". It "ill be seen that the divisions 
of the vernier might equally well be Ijnth 
larger than those of the main scale, but in this 
case the divisions of the vernier must be 
numbered in the reverse direction from those 
of the main scale. The device was first 
described in a treatise by Pierre Yernier, 
entitled Construction, 'Usage et propriété d-u 
quadrant nouveau de mathémat-iques, published 
at Brussels in 1631. 

 (12) READING l\IICRosCOPEs.-This device 
consists of a sirn pIe microscope having a fixed 
cross-hair. This enables a more finely divided 
circle to be used; but the interval between the 
cross-hairs must be estimated. If the cross- 
hair in the microscope be replaced by a scale, 
the divisions of the main scale can be su b- 
divided by this means, but the final subdivision 
must still be estimated. The apparent size 
of the eyepiece scale must obviously agree with 
the apparent size of the main scale, and this 
can be adjusted in the same way as the adjust- 
ment for run in the case of the micrometer 
microscope. 
9 (13) .:\hCRO:\IETER l\IICRosCOPEs.-Here thl> 
fixed cross- hair of the reading microscope i:s 
replaced hy a moving wire, which can be 
traversed across the field by an accurate micro- 
meter screw, against the pull of a spring. The 
number of complete revolutions of the screw is 
counted (if necessary) by a comb cut in a 
diaphragm in the focal plane. The portions of 
a revolution are read on a drum attached to 
the screw. In any case there is a pointer (or 


zero notch in the comb) which indicates the 
point bping read. \\ hen the drum reads zero 
the cross-hairs .should be directly over the 
pointer or one of the notches in the comb. 
The run should be adjusted so that the cross- 
hairs move from one division on the main scale 
to thl. next in one or more complete revolutions 
of the drum. The run can be adjusted by 
moving the object glass of the microscope 
toward the circle if the apparent size of the 
circle division is too small, and away if too 
great. Any movement of the object glass in- 
volves refocussing the microscope. The drum 
is friction tight on its spindle, and so can 
be adjusted as necessary; a screw passing 
through the axis of the milled head used to 
turn the drum regulates its tightness. The 
comb or pointer can be moved by turning a 
screw at the far end of the micrometer box, in 
prolongation of the micrometer screw (see 
Fig. 5). 
In taking a reading the cross- hairs are set 
over the division on the circle nearest the 
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FIG. 5. 


pointer. The pointer (or zero of the comb) 
indicates the division of the circle to be read, 
and the odd fraction is read off on the drum 
and comb (if necessary). It is hest to have 
a cross-hair composed of two parallel wires 
spaced slightly wider than the apparent thick- 
ness of a graduation. Two fixed wires at 
right angles to the movable ones ensure that 
the readings are always taken on the same part 
of the graduations. \Yith a 6-in. theodolite it 
is convenient for the circle to be divided into 
10-minute spaces, and for one revolution of the 
drum to correspond to one division. If the 
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circumference of the drum be di, ided into no 
parts, each of these "ill correspond to 10 
seconds, and no comb \\ill ùe required. ,rith 
a 12-inch theodulite the main divisions would 
be 5', and the microscopes more powerful, so 
that one revolution of the drum would corre- 
spond to I'. In this case a comb is necessary to 
count the odd minutes, and one (E,ision of the 
drum corresponds to I". In such a case it is 
convenient to have a lower-powered reading 
microscope to read the scale direct to the next 
lowest 5', only the odd minutes and seconds 
being read on the micrometer microscopes. 
The drum reading should be the same which- 
ever graduation be intersected, and it is often 
convenient to read the graduations on either 
side of the pointer, as this gives a check on the 
run of the micrometer, and ena bles a correction 
to be made if necessary. 
The accuracy of reading depends to a con- 
siderable extent on the illumination of the 
circle. The graduations are engraved lines, 
and if the light falls from one side the illumina- 
, tion of the two edges differs; the light should 


fall from ahove. and in tll<' direction of the 
length of the lines. E. O. H. 
G.\\.W. 


DIVIDIXG EIÇGINES. Bee" Divided Circles," 

 (5). 
DOPPLER'S PRTh"CIPLE: a principle "hich 
explain
 the small change in the wave-length 
of a line in a spectrum found \\ hen the 
observer or the source of radiation are in 
motion. By measuring the displacement of 
such a line, the velocity in the line of sight 
of the moving source relative to the observer 
can be determined; other phenomena in 
spectroscopy can be explained by aid of the 
principle. See" Spectroscopy, Modern," 

 (5). 
DOrBLE-Il\!AGE PRIS
IS, 'Yollaston's and 
Roëhon's forms of. See" Polarised Light 
and its Applications," 
 (12). 
DorBLE REFRACTION. See" Polarised Light 
and its Applications," 
 (5). For Fresnel's 
theory see also 
 (7). 
DRU
!. See" Sound," S (47). 
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EAR, THE HU!lIAN, DESCRIPTIOY OF. See 
"Sound," g (57) (i.). 
ECHELETTE: a type of diffraction grating for 
work in the infra-red. See "Diffraction 
Gratings, Theory of," 
 (12). 
ECHELOX in Spectroscopy: a, special form of 
diffraction grating of very high resolving 
power. See" Diffraction Gratings, Theory 
of," 
 (13). 
EFFICIEYCY, EFFECT ON LIFE OF (in electric 
lamps). See "Photometry and Illumina- 
tion," 
 (87). 
EFFICIEXCY OF CA:\IERA SH"C"TTERS. See 
" Shutters, Testing of Photographic." 
 (3). 
EF'FICIEXCY (of a light source). See" Photo- 
metry and Illumination," 
 (2). 
EL-\STlCITY OF GLASS. See" Glass," 
 (26). 
ELECTROY: the fundamental carrier of unit 
of electric charge. See" Radiology," 
 (2). 
ELLIPSOID OF ELASTICITY: the name given by 
Fresnel to an ellipsoid in a crystal, which 
determine
 its optical properties. Its axes 
are fixed in direction in the crystal. The 
axes of the ellipse in which a plane wave, 
pas:::.ing through the. centre of the ellipsoid, 
cuts the surface, give the directions of 
vibration in that wave, and their lengt.hs 
are inversely proportional to the respective 
velocities of propagation. See" Light, 
Double Refraction of." 
ELLIPTIC POLARISATT05, PRODUCTIOY AND 
DETECTIO
 OF. See" Polarised Light and 
its Applications," 
 (15). 


E
IANATIONS FRO'! RADIO-ELE
IEXTS. See 
" Radioactivity," 
 (16). 
E:\IBOSSING, PROCESS OF, GLASS. See" Glass," 

 (38). 
EXD PRODUCT OF DISIXTEGRATIOX SERIES OF 
RADIOACTIVE ELE
1E
TS. See "Radio- 
activit.y," 
 (24). 
ENERGY, PARTITION OF, ApPLICATION OF 
QUANTUM THEORY TO. See "Quantum 
Theory," 
 (3). 
E:KGRAVIXG, PROCESS OF, OY GLASS. See 
" Glass," 
 (37). 
E
LARGER, PHOTOGRAPHIC: a device for 
magnifying photographic images. See 
" Photographic Apparatus," 
 (10). 
EQUAL ALTITUDE )IETHOD FOR DETER
IIXIIÇG 
LOCAL TUIE. See" Surveying and Survey- 
ing Instruments," 
 (26). 
EQUATORIAL )IOUNTI:KG FOR TELESCOPES. Bee 
" Telescope," 
 (14). 
EQ"CIV ALENT BE5DIXG POI5T: a term used in 
connection with projection apparatus to 
denote the point in which a ray fìnall
 
emergent from the apparatus intersects the 
line of the corresponding incident ray. See 
" Projection Apparatus," 
 (4). 
EQ"LIV ALE5T BEXDIYG SrRFAcE: a term used 
to denote the locus of the equivalent bending 
points for a given symmetrical projector. 
See" Projection Apparatu
," 
 (4). 
ERECTIXG EYEPIECES. See" Eyepieces," 
 (7). 
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ERROHS I
 OBSERVATIOXS :\L\DE IX NArTICAL 
ASTRO
Ol\IY. See" 
avigation and Xaviga- 
tionallnstrumen ts," 

 (5), (6). 
ERRORS OF 
EXTA
TS. See" Xa,'igation and 

avigationa) Instruments," 
 (19) (ii.). 
ETCHIKG, PROCESS OF, ON GLASS. See 
" Glass," 
 (38). 
EUPHO:XIOS, Eo: a brass wind - instrumen1 
with valve8. See" Sound," 
 (44). 
EXPA
SIO
, CO-EFFICIE
T OF, OF GLASS. See 
" Glass," 
 (27). 


EYE, THE 
I. STRUCTURE 



 (1) THE eye, or organ of sight, is probably the 
most important of the physical sense-organs 
by which we accomplish the perception of the 
objective world. A 
complete treatment 
of its anatomy and 
functional processes 
from the physio- 
logical point of view 
would be outside 
the purview of this 
work; but an ele- 
mentary knowledge 
of its structure is 
essential to the com- 
prehension of its 
properties as an 
optical instrument, 
with which the 
Applied Physicist is 
primarily concerned, 
and which is the 
subject-matter of this 
article. 
In Fig. ] 1 a 
di(),grammatic hori- 
zontal section of the 
right pye is shown. 
The principal 
features t.o which 
we rPfI uire to ca II 
attention here are 
the following: 
The EyebrLll, which 
is an elastic body of 
about one inch diameter, is of the sha.pe 
shown, being distended at the front to form 
a spherical cap of smaner radius than the 
remainder. The wall of the eye consists of 
three principal layers or coats which, passing 
1 Taken from Visual Optics and Sight Testing. by 
Lionel Laurance, which the reader should consult 
for fuller information than is here given. 
Other book:; which deal with the physiology of the 
eye are nandbuch der ph.l/siolog. Optik, H. von 
Helmholtz; Ilandlmch der Physiologie des 
Uenschen, 
W. Nagf'l; Optique Ph!JRiologique, Tscherning; 
Elementary Textbouk oj Physiology, T. Huxley. 


from the outside innards, are met in the 
following ordpr : 
The Sclerotic and Cornea: The sf"Ì'!rotic 
is a white opaque membrane of tough fibrous 
tissue which extends over about five - sixths 
of the ball. The cornea, ,vhich covers the 
other Rixth, is continuous with the ðcleroi-ic, 
but is colourless and transparent, to admit 
light to the eye. 
The Clwroid: This is a layer of highly 
vascular membrane in close contact with the 
sclerotic pxternany and lined internally "ith 
dark hrown pigment cells. 
The Retina: This is the seat ûf vision. It 
is a reticulated structure of fibres and cells 
and is directly connected to the optic nerve. 
It consists of ten distinct layers, of which the 
first and second (passing from the choroid 
inwards) are the receptive layers. The first. 
of thpse, which adjoins the choroid, is the 
hexagonal pi'gment 
layer, a glandular 
structure in which 
is secreted a su b- 
stance known as 
visual purple. That 
the visual 1JUrple, 
which becomes 
bleached on ex- 
posure to light, is 
associ a ted wit h 
vision is regarded 
n,s certain, but the 
part which it plays 
is unknown, many 
conflicting theories of 
its function ha ving 
been ad'Tanced. Next 
comes the bacillar?1 
layer or the layer of 
rods and cones. These 
consist of minute 
bodies, of which the 
shape is conveyed in 
their names, and of 
which vast multi- 
tudes are pac ked side 
by side perpendicu- 
larly to the plane of 
the retina. The light 
wa ves strike these 
bodies and, by means 
at present unknown, the radiant energy is 
converted into some form suitable for trans- 
mission along the ramifications of the optic 
nerve to the brain. 
The remaining layers, which need not here 
be particularised, contain the hlood-vessels 
and the nerve fibres which radiate from the 
optic nerve to a 11 parts of the laycr of rods and 
cones. It will be observed that the light, 
before reaching this layer, has to pass through 
the eight inner layers. 


FIG. I.-Horizontal Section of the Right Eye 
(Diagranunatic). 
aa, aqueous; 1', vitreous; L, crystalline; C, cornea; 
S, sclerotic; ch., choroid: 7. retina; c.m., ciliary 
muscle; C.p., eiliary processes; )1. l\lüller's ring; 
J.c., fovea centralis; i, iris; s.l., suspensory liga- 
mf'nt; sJ, spaces of Fontana and pcrtinate 
ligament; r.s., canal of 
ehkmm; a.c.. anterior 
capsule of lens; p.C., posterior eapsule of lens; 
cj.. conjunetiva; o.n., optic nerve: o.s., ora 
senata; r.t'., entrance of retinal V('ssels. 


o.n. 
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At the back of the eve, with its centre at 
the pomt where the lin
 of sight 1 meet
 the 
retina. is the yellow spot or macula lutea. 
The spot is slightly elliptical and is about 
2.5 mm. in diameter. At its centre is a 
depression where all the retinal layers, \\ ith 
the exception of the receptive layers, are very 
much attenuated. This is known as the 
fOl:ea cent'ralis. Its diameter is about 0.2.3 
mm. The acuity of vision is greatest at the 
fovea, falling off rapidly towards the outer 
parts of the retina. 
The distribution of the rods and cones also 
varies from the fovea, where there are 
practically no rods, to the periphery, where 
there are relatively few cones. 
At the point where the optic nerve passes 
through the wall of the eye the retina is 
absent and there is no sensitivity to light. 
This region, which is about 2 to 2.5 mm. in 
diameter, is known as the blind spot. 

 (2) OPTIC-\.L ELE:\IEXTs.-The image-pro- 
ducing elements of the eye are the e-ornea, which 
has already been described, and the crystalline 
lens The space between the cornea and the 
lens contains a fluid kno\\ n as the Aqueous 
Humour, which is practically "ater with some 
salts in solution. Its refractive index is nearly 
that of water and differs little from that of the 
cornea, which is therefore opticalJy equivalent 
to a single refracting surface. 
Between the lens and the retina is the 
r itreolls H wnOllr, a transparent substance 
of a consistency 
imilar to the white of an 
egg (raw). Its refractive index is similar to 
that of the aqueous humour. 
The Crystalline Len.;;: is composed of fibres 
arranged with considerable complexity. It 
is highly elastic, and its form and position 
are maintained by a membranous frame known 
as the suspensory ligament which extends 
from the edges of the lens to the Ciliary 
Processe8. These are a direct prolongation 
of the Choroid. Their function is nutritive; 
they secret a fluid which nourishes the lens 
and vitreous humour and replenishes the 
aq ueous humour. 
Associated with the ciliary processes and the 
suspensory ligament is the Ciliary JluscLe. 
This consists of two parts, the radiator and 
the sphincter or J..1Iüller's ring. Its function 
is to vary the tension of the suspensory 
ligament, "hich results in an alteration of 
curvature of the posterior surface of the 
lens, thereby producing the change of 
power, known as accommodation, by which 
objects at various distances are brought into 
focus. 
The Iris. - This is a diaphragm which 
limits the aperture of the eye. It consists of a 
pigmented membrane, in the centre of which 
is a hole-termed the pupil-by which li!!ht 
1 "V ide infra. 


enters the eye. The iris f'ontains straight 
radiating fibres, the contraction of which 
tends to dilate the pupil. This contraction 
is opposed by a ring of contractile muscle, 
termed the sphincter pupillae, round the edges 
of the pupil. The operation of the sphincter 
pupillae is involuntary, being uue to reflex 
action. 'Yhen th
 retina is subjected to strong 
illumination, or when a high degree of accom- 
modation is called into play, the sphincter 
pupillae contracts and causes a diminution of 
the aperture of the pupil. 

 (3) THE EYE AS AX IXSTRC\IExT.-The 
eye, either alone or in conjunction with 
external optical instruments, plays an im- 
portant part in physical experiments. In a 
great number of determinations one of the 
factors limiting the accuracy attainable is the 
precision with \\ hich the eye indicates the 
fulfilment of some particular criterion; for 
instance, the coincidence of the cross-wires of 
a telescope "ith the image of some external 
object, the equality of brightness or of colour 
of two illuminated areas, etc. The e\'e is 
therefore a physical instrument, of which the 
capabilities and limitations must be understood 
equally "ith those of any other instrument 
and given due consideration in deyising 
methods and designing apparatus if the 
experimenter would secure the ma>..imum 
accuracy in his results. 
Cnlike most instruments of human design 
and construction, anyone of which is rarely 
expected to perform more than one special 
function, the eye has to do a variety of things. 
These may be grouped under three heads, 
viz. the perception and measurement of 
light; the discrimination of colour, and the 
determination of the position of objects in 
the field of view. In the folIo" iug p3.ra- 
graphs we shall study the properties of the 
eye regarded as an instrument eapablc of 
doing these things. 


II. THE PERCEPTIO:X OF I...IGHT 

 (4) THRESHOLD PHE"XO:\IEXA. - The per- 
ception of light being fundamental to all the 
other functions of the eye, we shall first consider 
the laws governing this perception. There is 
a minimum quantity of light, known as the 
thre.slwld quantity or eytinction quantity, 
which must reach the eye in order that light 
may be perceived at all. After the eye has 
become adapted to the dark. a small source 
of .02 candle-power, one metre distant, would 
just be seen when looked at directly. If 
received indirectly, so that the image falls 
outside the fovea, a much fainter light could be 
seen. For most practical purpose:3 it is foveal 
vision that is important. 
In ordpr that a light may be visible it is 
nece.ssary and sufficient that the eye should 
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receive thp threshold quantity, whatever the 
. area of the source, provided the latter does not 
subtend a greater angle at the eye than about 
30 minutes of arc-or nearly the whole foveal 
area. This means that for very low intensities 
the light is completply cumulative, and that, 
whether concentrated at a point on the retina 
or spread over an area of 50' diameter, it 
produces the same total physio- psychological 
effect. This is usually expressed by saying 
t.hat for very feehle light the visibiUty, or 
apparent brightness, depends only on the 
total candle-power, and not on the intrinsic 
brightness of the source so long as its angular 
size is lesd than 50'. For larger areas the light 
required to produce a given brightness near 
the threshold varies as the linear climen- 
sions of the source. Beyond 4 0 there is no 
further cumulative effect, and the apparent 
brightness is proportional to the intrinsic 
brightness. 
As the brightness increases the area over 
which complete accumulation takes place 
diminishes. Thus Paterson and Dudding 1 
found the transition from complete to partial 
accumulation to take place at 11)' for faint 
sources somewhat a bove th
 t.hreshold 
brightness. 
By summing up the results of various 
observers,2 S. D. Chalmers 3 arrived at the 
generalisation that for the true intrinsic 
brightness of an 0 bject to be reeognised, at 
least the threshold quantÜy of light must fall 
on the area of the retina occupied by a single 
cone.. i.e. an area of 2.3 to 30 sees. angular 
diameter. 
For very low brightnes
es colour is not 
recognised. From a ::Itudy of Abney's results 
for t.he extinction of colour, Chalm{'rs deduced 
that thp recognition of colour begins at the 
same stage as the recognition of true brightnesR. 
viz. "ten the threshold quantity of light falls 
on each conp. 

 (5) FEcHxER's LAw.-At intem
ities wpll 
above the thrpshold values, but not bright 
enough to dazzle, the relation between the 
sensation of light and the stimulus producing 
it is such that the difference in brightness of 
two objects which is necessary for one to be 
recogniHed as brighter than the other is a 
constant fraction of the actual brirrhtness: 
If I is the intensity, and ôlm is the n
inimum 
difference which can be dptected, oIm/I is 
constant, = A. say. This is known as 
Fechner's law. A, which is about 1 per 
cent or thpreabouts fór the average eye, is 


1 Illuminating Enginet'r, )Iay HH5, p. 210. 
2 Auhert (I'ide Tl'\clu'rning, Optique ph.llsiologique, 
p. 211); \bnf'Y, Researrhps in Colour ViRion and the 
Trichronu.tic Tllf'ory, HH3, pp. W:>, 166, 171, 174, 
;md 183; I'atf'rson anll Dudding, loco cit.; I.of'ssf'r, 
Ricco, and ('harpf'ntkr (ride Parsom
, Colour VÙ;icm, 
120 and ] lR); Piper, Z. f. Psychol. u. Physiol. d. 
SinnNwrg, 190:3, xxiii. 9R. 
3 Trans. Opt. Soc., HH9, xx. 207. 


known as the Fec/mer fractinn. Thc law is 
only approximate; considerable departures 
occur at high and low intensities, as already 
indicated. The value of A, while it may be 
regarded as constant for practical purposes 
over the range of medium intensities, in rpality 
follm,s a shallow curve, having a minimum 
value when the retinal illumination is about 
6.5 metre candles. According to Chalmers 4 
the approximate values of A at low intensitieR 
are 1.1 per cent at 0.2.3 metre candles; 
1.6 per cent at 0.12 metre candles; 3.2 per 
cent at 0.03 metre candles. At high inten- 
sities A also increases considerably. 


III. COLOUR PHENO
'IENA 

 (6) VISIBILITy.-'Ve need not deal here 
with the theory of the mechanism by which 
the wave-length or vibration frequency of the 
light imparts to the sensation that character 
which we know as colour; but some of the 
properties of colour vision are of great practical 
im portance. 
If we look at two areas illuminated by light 
of different wave - lengths and vary their 
relative intensities, we perceive that there is a 
certain c<;>ndition in which we appraise them 
as equally bright, although their colours may 
be quite different. The criterion of equal 
brightness in such a case is probably purely 
psychological, since there is nothing in th(' 
external stimuli, nor, as far as is known, in 
their physiological effects, which can be said 
to be equal in any ordinary sense of the word. 
The mind appreciates the illuminations as 
eq ually bright when they make equal claims 
on the attention. '''hat determines this 
claim is ohscure, and in any caRe does not 
concern us herß: the important point is the 
experimental fact that for radiations of 
different wave -lengths there is a unique 
relation between the quantitie
 received by 
unit area of the retina for which the radiations 
will be regarded as equally bright. 
The degree of brightness produced by a 
given quantity of energy faIling on unit area 
of the retina in unit time depends on the 
wave-length of the radiation. For blue and 
yellow-green lights, for instance, to appear 
equally bright, the energy flux from the blue 
must be many tinlPs as great as from the 
yellow-green. The blue radiation is said to 
be of lower v-i. c n'bil1:ty than the yellow-green. 
The inverse ratio of the energy fluxes required 
to give equality of brightness may be regarded 
as the relative vÙdbility of the two colours; 
or, if we take the visibility of the yellow-green 
as unity. the inverse ratio of the fluxes 
mC'asurps the vi8ibil1'ty of the hillf'. 
The visibility of monochromatic illumination 
throughout the visible spectrum has been 
· Loc. cit. 
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determined by various observers. l For a 
normal eye the curve connecting visibility 
and wave-len!;th is of the form shown in Fig. 

, maximum visibility occurring for a wave- 
length about ü'53J.L. 
The curve can be represented to a close 
approximation by the following expression: 2 
( l_Rl ) a 1_R2' ß 
YÀ=A 
le ^ +B( 
2 e À) 
+C(
/-!);r 


where 


A=ü-999 
B=O.O-! 
C=O.093 


Rl =0.556 
Rz = 0.463 
R 3 =0.610 
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FIG. 2. 



 (7) "RITE LIGHT. - A stimulus in which 
components of all wave-lengths were present 
in brightnesses proportional to the ordinates 
of the visibility curve would not produce 
white light; for in none of the sources of 
radiation which thp eye regards as white is 
the energy distributed uniformly in the spec- 
trum. }'or any actual source, the relative 
quantity of light sensation produced by each 
" a ve - length is proportional to the product 
of the ordinates of the visibility curve and the 
energy distribution curve of the source for 
the wave -length in question. This product 
is termed the luminosity of the source for this 
wave - length. If the luminositv for each 
wave-length be plotted, a new c
rve "ill be 
obtained differing from the visibility curve 
to the extent that the energy distribution 
curve of the source departs from a horizontal 
1 Koenig, .. Helmholtz Fest'ITiis
," Beit. z. Psych. u. 
Ph!Jsiol. d. Sirmesorg., Hamùurg u. Leipzig, 1891, 
p. 309; also Verh. d. Physik., Ge8. Berl. 1892. ii. 10; 
Thiirmel. Ann. d. Phl/sik, 1910, xxxiii. 1154; :Nutting. 
Bur. of Strmdardß Bull.. 1908, v.261: 1911, vii. 235 ; 
Trnns. Illmn. EnQ. SOl:. (U.f'.), 19H, ix. 633; P. 
Reens. ihid., 19lH, 
iii. 108: Iv<,!'. Phil. Jlag., 191
, 
pp. 149, 35
, 744. 845, 853; Hyde and For!'l
1:h, 
A..<;troph.IIS. Journ., 1915, xlii. 285: H.'rtman, Ibid., 
19l
, xlvii. H3: Hyde, Forsyth and ('ally, ihid., 
HH
. xlviii. (jj: C'uhlpntz and En1('r
on, Bur. Stds. 
Sri. Prrpers, 3()3, and Bull. Bur. Sills.. 1918. xiv. Wi. 
This last p:mer contains a very complete bibliography 
of rap<,rs on visibility. 

 H. E. Ive5, Journ. Franklin Inst., 1915, clxxx. 409. 


straight line. The energy distribution curve 
of a ., black body" at 3000
 C., which can be 
calculated from 'Yien's law. may bp taken 
as the standard "whitp" light. In practice 
the radiation from the crater of an electric 
arc is about the whitest artificial Jight, and 
is the source to which the majority of the 
colour vision determinations of .Abney and 
others refer. 

 (8) HUE A
D SAT"L'"RATIo
.-In the case of 
light which is not. white, the eye appreciates 
three factors-H lie, Degree of Saturation, and 
Brightness. As we shall see later, any colour, 
with the exception of purples and magentas, 
can be produced by mixing a proper propor- 
tion of '" hite light with monochromatic radia- 
tion of suitable wave-length. The hue of 
the colour is specified by the wave-length of 
the monochromatic racliation; the degree of 
saturation, or rather lack of saturation. by 
the percentage of white in the totaL The 
perception of hue is, of course, entirely sub- 
jective, and thp rate at which it changes 
with wave-length is ,-ery irregular. If two 
adjacent areas be illuminated with mono- 
chromatic light of diffprent wave - length
, 
the extent bv which these must differ for a 
hue differenc
 to be perceptible can be deter- 
mined a tall parts of the spectrum. This 
difference has been measured by various 
experimenters. 3 The curve obtained by Jones 
is shown in Fig. 3. The inverse of this curve 
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indicates the sensitivity of the eye to variation 
of wave -length at different parts of the 
spectrum. 
A slight change in hue of the lif!ht reflected 
or transmitted by a substance is frequently 
the fiducial criterion in physical and chemical 
processes, and its detection with the utmost 
sensitivity is therefore of importance. For 
instance, the" dose" of X-rays administered 
for the treatment of ringworm, etc., is measured 
by the change of hue- of Saburaud pastilles, 
which change from lemon to orange "ith the 


3 Steindler, 0., Ak. Wiss.. Wien, .Tan. 1906, 115. 
2.!.; L. A. Jon<,s. JouT'tlol Opt. Soc. Ämn.. 1917, i. 
63; l'ÙÙ also P. G. Xutting, Bull. Bur. Stds., 1909- 
1910. vi. 89. 
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proper exposure. The accuracy with which 
the latter tint can be matched with a standard 
determines the accuracy with which the dose 
can be administered. 
The sensitivity of any colour criterion will 
be greatest if the final colour is near one of 
the minima of Fig. 3. In arranging such 
reactions an attempt should always be made 
to bring the tint to a sensitive region by the 
addition of colouring - matter which is inert 
to the reaction, or, possibly, by the use of 
suitable colour-filters. In uRing such expedi- 
ents, however, care must be taken to avoid 
suppr2'::J<;ing those wave -lengths which are 
affected by the reaction. 

 (9) THE TUICHRO'JATIC BASIS OF COLOUR. 
-As an expression of what the eye perceives, 
the specification of colour by its hue and 
degree of saturation is the most natural; 
but it rloes not give the readiest means of co- 
ordinating colour - mixture phenomena with 
the properties of the receiving mechanism. 
It i3 found that if monochromatic Jight of 
three suitable wave-lengths-a red, a green, 
and a blue-be mixed in suitable proportions, 
white light will be produced. Further, it is 
possible to match the hue of any colour what- 
ever by mixing some pair of these primaries 
in suitable proportions. In general the satura- 
tion of this mixture will differ from that of 
the colour. If it is too highly saturated an 
exact match can be obtained by adding white, 
or, alternatively, by adding suitable amounts 
of all three primaries in the proportions which 
make white. That is to say we can match 
such a colour both in hue and saturation by 
a suitable mixture of our three primary colours. 
I t is necessary to attach a meaning to the 
term" quantity" when we refer to mixtures of 
certain relative quantities of light of different 
colours. It is found to be most convenient 
in practice to ('hoose the units for the three 
primaries such that an equal number of units 
of each will, when mixed, give white light. It 
should be noted that this is quite an arbitrary 
choice; there is no physical, physiological or 
psychological property of the radiations which 
are equal for equal quantities as defined on this 
basis. For instance, they would not appear 
equally bright if separated. It is, however, a 
convenient system for expressing the numerical 
data of colour mixing. 
,r e may therefore express any colour, of 
which the saturation is not too high, in terms 
of three primaries R, G, and B, by three 
quantity coefficients a, a', and a", which give 
the numbers of units of each primary, as 
above defined, which arp required to match 
the colour, thus 


C = aR + a'G + a"B. 
"T e may find that the colour to be matched 
Ï3 of greater saturation than the two-primary 


mixture which gives its hue. In this casp an 
exact match is impossible, since addition of 
the third primary can only produce mixtures 
of still lower saturation. 'Ye may, however, 
add white to the colour, thereby reducing its 
saturation to such an extent that it can be 
matL'hed by combination of the two appro- 
priate primaries. Expressing this white by 
its equivalent in terms of the three primaries 
we have the relation 


C+aR+aG+aB=aR+a'G, say, 
C = (a - a)R + (a ' - a)G - aB 
=bR + b'G + b"B, where b" = - a. 
Thus, although we cannot match such a 
colour by any actual mixture of our three 
primaries, we can arrange a slightly different 
colour match from which we aI'f
 able to 
specify our original colour in terms of the 
three primaries by introducing a negative 
coefficient for some one of them. 
It is evident that instead of adding white 
to the colour we could have adopted the 
alternative procedure of adding the third 
primary alone, and have obtained the colour 
match 


or 


C+aB=bR+b'G, 


the final specification for C being the same 
in each case. It depends on the construction 
of the colour-matching apparatus employed 
whether it is more convenient to add white 
or one of the primaries. 
There is a comparatively wide range of 
,,,ave-length within which each of the three 
primary colours may be chosen to fulfil the 
fundamental condition of being miseible with 
the other two to make white. For colour- 
matching purposes, however, it is undesirahle 
to choose any primary near an extremity of 
the possible range, as in such a case some 
of the mixture 
olours are of very low 
saturation. 

 (10) l\lIXTURE CURVES.-If we plot at each 
wave -length the quantities of the three 
primaries required to match the spectrum 
both in colour and brightness we obtain a set 
of three curves, which are termed the .JI ixture 
Curves. The curves for the primaries used 
in Clerk :Maxwell's colour-mixing apparatus 
are shown in Fig. 4 (a). The heights at which 
the ordinate at any wave -length cuts the 
three curves R, G and B give the relative 
quantities of the primaries required to match 
the spectrum colour. For anyone primary 
the aggregate quantity required to match 
every part of the spectrum is clearly [ : d
, 
.0 A 
where SA is the quantity of that primary 
requirecl at the wave-length X. The value 
I of the integral is measured by the area pnclosed 
between the curve and the base-line, parts 
below the base being regarded as negative. 
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Since the total effect of the spectrum is to 
give white light, and since our units are 
chosen so that equal quantities of the primaries 
G FED C 


(a) 


R = Red Primary (Approx. Wave-length '63011-) 
G = Green" (" ,,'52811-) 
8 = Blue ( " '45711-) 
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( b) FIG.4.-The Fundamental Rensation Curves 
of the Spectrum. 
Full lines mean values of Koenig's five observers; 
dashed line, new red curve, obtained by different 
choice of blue primary dictated by luminosity con- 
siderations. 


make "hite, the areas of the three mixture 
curves are equal. 

 (11) YoeXG's THEORY OF COLOUR YISIOX. 1 
-The fact that all colours can be reproduced for 
practical purposes by mixing suitable quanti- 
ties of three primary colours suggested to 
Thomas Young that there are three receiving 
mechanisms in the eve which when stimulated 
give rise to primary colour sensations of red, 
green, and blue respedively. Each sensation 
is stimulated by radiation from a considerahle 
range of the spectrum, though for each there 
is a ma:ximum response at a certain wave- 
length. The receiving mechanisms have, in 
fact, the properties of damped resonators 
with natural periods corresponding to the 
wave-length which produces maximum re- 
sponse. The resultant colour effect produced 
by radiation of any ,\ ave-length is the mixed 
sensation due to the partial stimulation of the 
three primary sensations. 
If we had three colours, each of which 
stimulated one and one only of the primary 
sensations, these would form the natural 
system of primaries to which all colour mixture 
phenomena should be referred; since, by 


1 In its later form, as moclified by,'. Helmholtz, 
this is known as the Y oung- Helmholtz Theory of 
Trichromatic Vision. 
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mixtures of s: ch primaries, it would be 
possible to reproduce any possible colour, 
both in hue and purity, without introducing 
negative coefficients. 
"Cnfortunatelv we cannot find three such 
colours. If w; choose a red of wave-length 
about O'7p. or longer, the resulting colour is 
almost entirely due to pure red sensation; 
and if we take a blue from a very short region 
about ..J:46,u we "ill, according to the most 
recent work,2 obtain nearly pure blue sensa. 
tion; but there is no colour ,\hich stimulates 
the green sensation alone, every green, to 
the normal eye, stimulating not only green 
sensation but varying amounts of the other 
two. There is, however, a point in the 
spectrum, about O'50,u, where the red and blue 
sensations are equally stimulated. The colour 
here may be regarded as made up of equal 
stimulations of red, blue, and green, plus the 
remainder of the green; that is to say, it is 
green diluted \\ ith a certain amount of white. 
Thus at O'50p. the spectrum is the same lme 
as the pure green sensation would be, were 
the others absent or atrophied, but it is less 
saturated. 
By making colour matches with these 
primaries we can construct their mixture 
curves as described aboye. By combining 
these "ith data for colour-blind obser\'"ers 
of different types 3 it is possible to construct 
the sensation mixture cun-es, i.e. curves show. 
ing the amount of stimulation of the three 
primary sensations at different wa\'"e-Iengths. 
In Fig. 4 (b) are shown the sensation cur\'"es 
as obtained by Koenig and modified by H. E. 
I ves. 4 
Every colour can be specified in terms of 
these three sensations bv coefficients indicat- 
inO' the deO'ree to which they are stimulated; 
o 0 
 
thus 


C=aR +a'G +a"'B. 


The sum of the coefficients a + a' + a" is termed 
the qlwntity of the colour, being the .sum of 
the quantities of the three sensations. 

 (12) COLorR GEO
IETRY.-Since colours can 
be specified by three coefficients in this way 
it is evident that colour mixture data can be 
represented by points in a three-dimensional 
figure, and that geometrical methods can be 
used to solve colour mixture problems. A 
full treatment of mixture diagrams would be 
beyond the scope of this article, 5 but reference 
mav be made to the colour triangle. This is 
a 
ection of the three-dimensional diagram 
(the colour pyramid) by a plane" hich makes 
equal intercepts with the axes. ., 
In the colour triangle the three pnmanes 
are represented by the corners of an equilateral 
I R. E. In's JOllrJl. Franklin In.'?t., 1915,clxxx. 409. 
3 
ee for instance, Abney, Colour rision, chap. vii. 
· Jm:rn. Franklin lnst., 1915, cl....:x....:. 409. 
i Loc. cit. 
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triangle. Any point in the figure represents a 
colour aR + a'G + ailE, where a, a', and a" 
are proportional to the perpendicular dis- 
tances from the point in question to the sides 
of the triangle opposite R, G, and B 
respectively. A triangle can be constructed 
for any set of primaries used for colour- 
mixing; but a particular colour will occupy 
different positions in different triangles, since 
different proportions of the primaries are 
required to match it. "'hite, however, will 
always be represented by the centroid of 
any triangle; for, by cltoice of units, equal 
quantities of the primaries make white. 
Any possible hue obtainable by mixing two 
colours is represented by a point on the line 
joining their positions in the colour triangle, 
dividing the line in the inverse ratio of the 
quantities of the two in the mixture. 
Since the sum of the perpendiculars from 
any point to the three sides of the colour tri- 
angle are eq ual, all points on the diagram 
represent colours in equal quantities, i.e. 
equal values for a+ a' + a". \Ye may take 
this as unity. Any point, therefore, represents 
unit quantity of colour. It then follows from 
simple geometry that the colour obtained by 
mixing two colours represented by points A 
and B, in proportions x of A to y of B, will 
be given by the point which divides the line 
All in the ratio y: x. If the line joining 
any two colours passes through white, the 
colours are complementary, since by mixing 
them in suitable proportions white is pro- 
duced. 
For many purposes the relative luminosities 
of the constituent colours in a mixture are 
required. This is not equal to the relative 
quantities of the colours as obtained from the 
colnur triangle, since equal quaEtities of 
different colours on the arbitrary quantity 
convention on "hich the triangle is based are 
not of equal luminosity. \Ve may obtain the 
relative luminosity of unit quantities of any 
colour if we know the relative luminosities of 
equal quantities of the thre(' primaries. Sup- 
pose we have unit quantity of colour, C, givcn 
by C =aR + a'G+ a"B, where a+ a' + a" = 1. 
Its luminosity, Lc, is dearly aL R + a'Lo + a"LI
, 
where LIb La, and l.n are the luminosities of 
unit quantities of the three primaries. L R , La, 
anù Ln are easily determined, so that it is 
possihle to calculate the relative luminosity 
of unit quantity of any colour of which the 
trichromatic coefficients are known. 
Having found from the triangle the relative 
quantities of any two colours C and C I in a 
mixture, it is only necessary to multiply the 
result by the ratio Lc/Lc'l to obtain the 
relative luminosities of the constituents. Con- 
versely, if it is desired to determine the colour 
which results. from mixing, in a given lumin- 
osity ratio, two constituents 0 and 0 1 of 


which the colour triangle coefficients are a, 
a', a" and aI' aI" and at, respectively, we 
first calculate Lc( =aL R + a'L o + a"L n ) and 
L cl ( =ajL R + al'L o + atL n ), the relative lumin- 
osities of unit quantities of thp two colours, 
from which we can find the quantity ratio 
corresponding to the required luminosity 
ratio. The mixture colour is then found in 
the triangle by dividing the line joining 
the constituents inversely as the quantity 
ratio. 
Since the ratios of L R , Lo, and Ln to one 
another differ for different sets of primarie
, 
the relative luminosities of unit quantities 
of different colours also vary. That is to 
say, the relation between quantity and lumin- 
osity differs for different colour triangles. 
The final result of any colour calculation is, 
however, the same on whatever triangle the 
specifica tions are based. 
I ves I has calculated that the relative 
luminosities to be attributed to the sensa- 
tion primaries are L R =0.G48; Lo=0'336; 
Ln =0.016. These are expressed so that 
their sum is equal to unity. The luminosity 
of unit quantIty of white, for which 
a=a' =a" =}, is therefore }(L R + Lo+ Ln) =
. 
It is necessary for many colour measure- 
ments to have the spectrum colours plotted in 
the triangle. This is done by taking the 
values a, a', and a" for different wave-lengths 
from the mixture curves of the spectrum, 
obtained witlt tlte IJrimaries for wltich tlle tri- 
angle is constructed, and plotting the points 
at their proportionate distances from the three 
sides. If as primaries we take the three 
sensations we use the sensation curves of 
Fig, 4 (b). In Fig. 5 the spectrum is shown 
in the fundamental colour sensation triangle, 
the new red curve of Fig. 4 (b) being employed 
in its construction. 
'Ye can now express any colour, of which 
the sensation coefficients are known, in terms 
of its spectral hue and degree of saturation. 
Take the colour whose sensation values are 
.55R + .30G + .15B. It is represented by P, 
Fig. 5. The line 'YP produced cuts the 
spectrum curve at H, where the wave-length 
is .611,u. 
The hue of the colour is that of the spectrum 
at .611,u, and it is diluted with white to the 
extent of 100 HPjH"'" per cent=J3.3 per cent 
on the quantity hasis. 
To obtain the percentage luminosity of the 
white we must multiply this figure by the 
ratio of unit quantity of white to unit quantity 
of the total colour. As we have already seen 
Lw = u.:
:

. 


Lc=O.5.) x 0.648+0.30 x 0.3
6+0.15 
x 0.016=0.459. 


1 Journ. Franklin [nst., 1015, cIxxx. 409. 



EYE, THE 


67 


The percentage luminosity of white is there- arises in the laboratory may be quoted. It 
fore is frequently desired for various purposes to 
use a "filter" of coloured glass or other 
material to render light approximately mono- 
chromatic. If a knowledge of the wa, e- 
length of the dominant hue is req uired-as
 
for instance, in using such filters for optical 
pyrometry-the following process has to be 
followed : 
(i.) The spectrophotometric curve for the 
filter is obtained. 
This gives the percentage of the incident 
light transmitted at all "ave-lengths. 
(ii.) If the energy distribution in the 
spectrum of the light with which the filter 
is to be used differs from that of the" white" 
light to which the sensation mixture curves 
refer, it is necessary to multiply the ordinates 
of these curves by the ratio of the corre- 
sponding ordinates of the energy 
curve of the source and of the 
" white" light. 
The resulting curves give the 
stimuÌation of the three sensations 
for light from the source in question. 
(iii.) The ordinates of these cor- 
rected curves must be multiplied 
by the transmis<;;ion 
coefficients of the 
fil tel'. 
The double reduc- 
tion of (ii.) and (iii.) 
may be done in one 
process since the inter- 
media te curves are of 
'46 no special interest. 
-4 8 
'44 The ratios of the 
FIG. 5.-The Fundamental Colour Sensation Triangle. areas of the final 
mixture curves to 
their initial values give the coefficients 
a, a. ' , and a", which exnress the colour 
of the transmitted light in terms of the 
three sensations. This can be plotted in 
the sensation triangle, Fig. 5, and the pre- 
dominant wave-length and degree of saturation 
obtained as described in the preceding 
paragraph. 

 (14) PHEXO::\IEYA A'r Low IXTEXSITIEs.-In 
the foregoing paragraphs the visibility curve 
and the sensation mixture ('11rves ha"Ve been 
regarded as invariant. For medium intensities 
this is practically the caRe; but at low inten- 
sities the colour perception is not represented 
by the curves as given in Figs. 2 and 4. 
As the intensity of the spectrum is reduced, 
the maximum of the visibility curve shifts 
towards the blue, the eye becoming relatively 
less sensitive to the red end of the spectrum. 
At low intensities the red disappears entirely; 
the orange becomes yellow, and the green 
bluish, this process continuing until nothing 
is left but a faint bluish grey. 'Yith still 
further reduction, the last trace of colour 


0.333 
43,3 x Õ' 45 
 = 31.4. 


The colour triangle readily gives other 
information about the colour properties of 
the eye. If a straight line drawn through \Y 
cuts the spectrum in two points, the colours 
at these points will he complementary, pro- 
ducing white when mixed in inverse pro- 
portion to their distances from \Y. The 
colours of the spectrum from about .493p. 
to .56p. ha"Ve no complementaries in the 
spectrum. They are complementary to 
colours lying in the region approximately 
bounded by R 'YB, the region of purples and 
magentas. 'Ye see now why purples and 
magentas are exceptions to the rule that 
any colour can be made up of 
monochromatic light plus white; 
in this region a line joining white 
to the colour does not intersect the 
spectrum. A colour of this kind 
has to be specified, on the hue and 
purity scale, by the amount of its 
. complementary spectral hue which 
must be mixed u'ith it 
to make u'hite. 
Precisely the same 
method of use applies 
to colour triangles 
constructed for actual 
primary colours 
instead of the funda- 
mental sensations. 
The position of the R 
spectrum in the dia- 
gram will be different; 
the three wave-lengths chosen as primaries" ill 
occupy the corners, while the location of the 
other wave-lengths" ill depend on the form of 
the colour 1l1L,,-ture curves for the primaries 
concerned. 
In practical colorimetry actual spectrum 
primaries must, of course, be used. These 
may either be isolated spectroscopically or 
may simply be obtained by coloured glasses. 
For the co-ordination of colorimetric data it 
is necessary to reduce the data obtained "ith 
the mixing instrument to a standard system: 
and the most suitable is that based on the three 
fundamental sensations. The methods of re- 
duction are outside our present scope. They 
are fully developed by H. E. I yes in the 
paper already quoted,l in which the parallel 
problem of the reduction of measurements 
on the hue and purity system to the tri- 
chromatic system and rice 
'ersa is also treated. 

 (13) ÐO)[lXAXT H-rrE OF FILTERS.-A!': an 
illustra tion of the a pplica tion of mixture 
curves and colour triangles, a case that often 
1 JOlt,Tn. Franklin Inst., HH5, clxxx. 409. 
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disappears, leaving only a nondescript grey. 
This . variation of colour sensitiveness "ith 
intensity is known as the Purkinje effect. 
Unless care is taken to work at suitable 
intensities, it may introduce undesirable 
complications into colorimetric measurements. 
Xot only do the colour sensations vary \",ith 
intensity, but they are not constant for all 
parts of the retina. 'Yithin the macula lutea 
or " yellow spot" there is considerable ahRorp- 
tion towards the blue end of the spectrum.! 
This region is therefore relatively more sensi- 
tive to red than regions just outside it. As 
we recede from the centre the visibi1ity curve 
changes in approximately the same way as 
when we reduce the intensity, the peripheral 
portions of the retina being quite colour-blind, 
and all colours appearing of the nondescript 
grey already referred to. The rpason why 
this is never noticed in ordinary vision is 
becauc;;e of the very gre<'1t difficulty of seeing 
anything distinctly at any distance from the 
fovea. 
To explain these phenomena the " DupJici- 
tats Theory" of von Kries assumes that the 
colour sensitive mechanisms are associated 
with the cones, and that the colourless sensa- 
tion, which predominate3 at low intensities and 
toward
 the periphery of the retina, is located 
in the rods. The cones are only excited at 
comparatively high intensities, and the Purkinje 
effect is explained by the gradual passage 
from cone to rod vision as the intensity is 
reduced. The relative concentration of' the 
cones is greatest at the centre of the retina, 
diminishing practically to zero towards the 
outskirts. Hence the passage from chromatic 
to colourless vision from the cent.re outwards. 
In most eyl:'s there. are no rods at all at the 
centre of the fovpa, and in this region the 
Purkinje effect is found to he absent, there 
being no light visible when the colour has 
disappeared. 

 (15) DARK ADAPTATIo:Y.-The sensitiveness 
to faint light depends very considerably on 
the length of time which has elapsed sinc
 last 
the retina was exposed to a hright illumina- 
tion. Everyone is familiar "ith this pheno- 
menon. It requires about ten minutes to 
become complptely dark-adapted, and the 
spnsitivity to feeble illumination is then 
about a hundred times as great as it is 
immediately after exposure to daylight. 2 Ac- 
cording to Parinaud,3 dark adaptation is 
entirely due to the increased sensitivity of 
the colourless sensation. Thus at the red 
end of the spectrum, where there is no changp 
of hue and no passage into colourless vision 
on diminishing the intensity, there is no gain 
in scnsitivpnpss due to adaptation. The 
1 Ahney, Colour rïsion, p. 91. 
2 Abney, lor. eft. p. 120. 
3 Ann. d'Oc., 1894, t. cxii. 228. Vide Tscherning, 
Optique phY8iologique, p. 226. 


effect of adaptation commences about the 
C line (X = .656,u) and becomes of increasincr 
. 0 
nnportance towardn the blue end. Fig. 6 
shows Parinaud's results. The lettering indi- 
cates the Fraunhofer lines. The ordinates 
indicate the quantity of light necessary in 
order to be pprceived. The upper curve 
refers to the dark-adapted eye and the lower 
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FIG. 6.-Position in Solar Spectrum. 


to the non-adapted eye. The unit chosen is 
the quantity required by the adapted eye in 
the neighbourhood of E ('527,u, green). The 
figure shows that the non-adapted eye requires 
100 units 4 at this wave-length as against 1 
for the adapted eye, and 1500 units for hlue 
light in the neighbourhood of the G Hne, as 
against 100 for the adapted eye. The increase 
of sensitivity on adaptation is not due, how. 
ever, to increased sensitivity of the colour 
perception, but only of th
 colourless rod 
vision. At the centre of the fovea, where, 
as we have seen, there are no rods, and in 
consequence no Purkinje effect, there is also, 
according to Parinaud, no dark adaptation. 

 (16) VIS "GAL FATIGUE AND SUCCESSIVE 
CO
TR-\ST.-'Yhen a bright object is viewed 
steadily for some time it becomes appreciably 
fainter, due to the elempnts of the retina on 
which the image falls becoming fatigued. The 
effect of fatigue remains for some time after 
the stimulus ceases: and, if the gaze be 
transferred to a uniformly iHuminated surface, 
a dark" negative ima
e " of the bright object 
will be seen. due to the diminished sensitivity 
of the part' of the retina previously occupie
l 
by it. If the object is coloured, that sensation 
which is most stimulated i
 also most fatigued, 
and the negative image is of a colour approxi- 
mately complementary to that of the object. 


, Compare Abney's result supra. 
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This phenomenon is known as SuccessÍ1:e 
Contrast. It is not, of course, a true contrast 
effect. True or simultaneous contrast is 
observed when two areas of different bright
 
nfiSS adjoin each other. Kear the junction 
the brighter area appears even brighter and 
the darker area even darker than at places 
remote from the junction. If the areas are 
of slin-htlv different colours the difference is 
inten
fied by contrast in the immediate 
neighbourhood of the junction. Contrast 
effects of this character disappear almost 
entirely if the areas are separated by a black 
line. Diffuseness of the border appears to 
fa your the effect. 
If a screen is illuminated by two lights, one 
of which is willte and the other coloured, and 
an object is placed in front of the screen, it 
will cast two shadows. one of which is illu- 
minated solely by the white light, and the 
other solely by the coloured light. The 
former, whi
h o
ght to appear white, appears 
coloured. The colour is approximately com- 
plementary to the colour of the coloured 
light, though according to .Abney it is not 
always exactly complementary. Tscherning 1 
accounts for contrast colours obtained in such 
circumstances a-.; due to defective judgment 
of white. There is always a tendency to 
take a large illuminated area as white, unless 
it is very strongly coloured. Even then it 
appears whiter than it should, the" white" 
with which it is mentally compared being 
tinted with the colour in question. If, then, 
a smaH area of true white exists in such a 
background, it is poorer than the temporary 
standard white in the colour "ith which the 
htter is adulterated, and, therefore, appears of 
the complementary colour. 
Contrast effects, both of brightness and 
colour, are of great importance in connection 
"ith the design of photometers and colori- 
metric apparatus. 

 (1 ï) TnlE EFFECTS.- 'Yhen a light is 
suddenly turned on it is not immediately 
perceiv
d, nor, when it is tunled off, do
s 
perception immediately cease. The time lag 
in the second case exceeds that in the first 
case, with the result that vision of an instant- 
aneously exposed light (for instance, an 
electric spark) persists for an appreciable 
. time. Thus if a light is rapidly intermittent, 
the impression of one exposure may still 
persist until the next exposure, and the light 
"ill be se
n continuously. The period which 
may elapse betneen successive exposures 
without the appearance of flicker may be 
termed - the duration period. The total 
duration, of course, exceeds this considerably. 
E. L. Xichols 2 and E. S. Ferry 3 have deter- 


1 Opt1que physiologiqtu!, p. 221. 
:I A.m. J. Set., 188-1, xxviii. 2-13. 
s Ibid., 1892, 
liv. ]92. 


mined the duration period as defined above. 
The general results are as follows: 
1. The persistence decreases as the intensity 
increa
es. 
2. It varies "ith wave-length, being greater 
towards the ends of the spectrum than at 
the middle. 
3. It is !lreatest for very short exposures. 
4. It differs for different eves. 
.3..An average duration
 under ordinary 
conditions is from :fõ to -r-I) second. 

 (18) TALBOT'S LAw.-The apparent in
 
tensity of an intermittent light is diminished, 
even if the intermittence is so rapid that con. 
tinuous vision results. Talbot 4 enunciated the 
law that the apparent intensity of the light in 
those circumstances bears the same ratio to 
its actual intensity as the time of exposure 
to the total time. Thus if the period of 
exposure is equal to the period of eclipse the 
intensity is diminished 50 per cent. Talbot's 
Law is utiliserl in the employment of rotat- 
ing sector discs to cut down the intensity of 
light without altering its spectral composition. 
Contrary to the result8 of earlier "orkers, 5 
E. P. Hyde 6 has shown that the law hold8 
for all 
e('tor openings, at any rate down to 
IO
, and for aU colours. 
9 (19) '-rscAL DIFFLSIYITy.-The time lag 
which precedes the perception of light has 
not so far been measured; but it is easy to 
measure its variation under different con- 
ditions. H. E. Ives 7 has sho"" n that it 
diminishes as the intensity increa
es. and 
increases from the red end of the spectrum 
to the blue. It is !lreatest of allforthf'colourless 
rod vision, this, in fact, constituting the 
"after image" "hich is seen ahout half a 
second after a bright flash. I yes shows that 
these various phenomena are all consistent 
"ith the theory that the transmission of 
impressions from the retina to the brain is in 
accordance with the physical laws of conduc- 
tion, the stimulus being transmitted through 
matter having a coefficient of diffllSÏl'ity 
which varies "ith wave -length and in- 
tensity, He deduces that for coloured light 
the diffusivitv is a rectilinear function of 
the 100!arith
1 of the stimulus intensitv; 
and th
 time lag, t, which varies invers;ly 
as the diffusi,-ity, = I, (a log 1 + b), a and b 
being constants for the "ave-length con- 
cerned. Thus the difference of lag for two 
different intensities is 


] 1 
t -t=-- -- . 
1 2 a log 1 1 + b a log 1 2 + b 


, Phil. Mag., 183-1. v. 32;. 
5 Ferry, Phys. ReI'.. 1
93, i. 338; 5ee also 
,:;mmer 
and Brodhun, Zeits. Inst1'1l'mentenk., 1896, p. __9. for 
a. genpral discu"sion of Talbot's Law. 
· Bull. Bur. .Std."I., 19U6, ii. 1. 
7 Phil. Jlag., 191;, xxxiii. 18. 
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For two different colours, red and blue say, 
at the same intensity, 
I I 
tB - tR= clog 1 + d -a l og I +b' 
In a series of papers 1 I ves and Kingsbury 
have shown the importance of visual diffusivity 
in the theory of the.l"licker Photometer. 
l\Iany interesting phenomena related to the 
subject-matter of this and preceding paragraphs 
have been df'scribed by Shelford Bidwell, 2 
but a description would be outside our present 
Bcope. 


IV. DIOPTRIC PROPERTIES 

 (20) ACCO:\DIODATloN.-The power of the 
normal eye in repose is approximately 59 
diopters. By the process of Arcommodat-ion 
the power can be varied at wilJ so as to bring 
objects at various distances into sharp focus. 
This power is greatest in children and dimin- 
ishes regularly with age. Its range is a bout 
10 diopters at 20 to 2.3, about 2 diopters at 50, 
and is negligible above GO years of age. 'Vhile 
these figures apply approximately to the 
conditions of daily use, the actual amount of 
accommodation called into play is not equal 
for all parts of the eye, the accommodation 
at the centre of the pupil being greater than 
near the periphery. This is due to the fact 3 
that during accommodation the anterior 
surface of the crystalline lens increases 
in curvature near the centre but actually 
flattens near the periphery. Nature compen- 
sates for this by reducing the size of the pupil 
when the eye is accommodated for near objects, 
thereby cutting out the peripheral regions, 
which would otherwise spoil the definition. 
If the pupil is dilated by some drug whieh 
does not affect the range of accommodation,4 
the deterioration of the definition for near 
objects is usually marked. 

 (21) THE PUPLL.-This is the name given to 
the circular aperture of the eye. It is usually 
concentric with the optic axis, i.e. with the 
line through the centres of curvature of 
the various refracting surfaces. The centring 
of the eye is never exact, though the departures 
from it are rarely important. The most 
common defect is that the centre of curvature 
of the cornea is not on the axis of the crystal- 
line lens. The error may sometimes amount 
to a quarter millimetre. Occasionally the 
pupil is displaced outward from the axis. 
Rdativdy large ddects of centring do not 
ap}>ear to detract from the acuity of vision. 
The pupil diameter alters under various 
1 Ives and Kingsbury, Phil. Mag., 1914, p. ÎO
; 
Plâl. Mag., 1916, p. 290; Ives, Pllil. ]JIag., 1917, xxxiii. 
360. 
2 Proc. Roy. Soc.. 18!)'!, p. ] 32. 
3 Tschcrning, Optique physiologique, pp. 160 and 
168. 
6 E.(J. cocaine or homatropine. 


influences. The mechanism by which this 
happens is com})lex and is not completely 
unùerstood. As mentioneù in the last para- 
graph it varies with the degree of aCCOlllIlloda- 
tion and also with the intensity of the light. 
As regards the former effect, J. 'V. French 5 
found it to be negligible until, for a normal 
eye, the distance of vision came within about 
30 em. Thereafter the contraction was rapid. 
In a particular experiment the pupil shrank 
from 6.5 mm. at 30 em. to 3.5 nun. at 10 em. 
As regards the second effect J!'rench found 
that the pupil area could be represented over 
a large range of brightness by the relation 
AceI -1. 


Thus, in order to reduce the area of the pupil 
by half, the intensity would have to increase 
thirty-two times. The above equation is for 
the central area covered by the 'macula 1 utea. 
:French also investigated the effect on the pupil 
of light falling on other zones of the retina. 
The most sensitive zone is the one just outside 
the macula, the index for this zone being 
-1. On going further from the centre the 
effect diminishes, the peripheral zone being 
very insensitive. In French's words: "This 
l)ortion of the retina requires all the light it 
can get, and the pupil opens out to nearly its 
maximum diameter and responds but. little 
to variations of intensity." 
It is usually stated that the two pupils 
always vary together, even if the intensity 
to which they are exposed is wid{'ly di:fIerent. 
This view is undoubtedly based on consider- 
able evidence under ordinary eonditions of 
vision; but French describes e-xperiments 
in which one pupil remained of constant size 
under constant illumination, while the other 
varied over a wide range under varying 
illumination. 
This independence may not be common to 
all eyes, but it is evidently unsafe to assume 
that in all circumstances t.lle two pupils will 
be of equal diameter. 

 (22) THE LINE OF SIGHT: 11'IXATION.-'Yhen 
the observer "looks at" a particular object 
he is said to .fix it. The line joining the front 
nodal point of the eye to the poÙzt of fixation 
is termed the line of sight. The image of 
the point of fixation is formed on the fovea 
centralis, but only a very minute ai'ea is 
fixed at a time. In fact, however close two 
points may be, provided they can he seen as 
separate points, it is also possible to say that 
one of them is being looked at rather than the 
bther. 
Contrary to what might be expected, the line 
of sight is not coincident with the optic axis. 
It is inclined inwards and downwards with 
respect tt it by !) to 7 degrees. Rincl' it })asses 
Ii Trans. Opt. Soc., 1919, xx. 2m. 
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through the front nodal point it does not pass 
through the centre of the pupil, but through 
a point about half a millimetre from the centre 
towards the 11ose. This is the normal case; 
in bad cases of excentricity, however, the 
PUI)il may be so far off the axis that tLe ray 
which represents the line of sight does not 
enter the l)upil at all. 
It is difficult to account for the uniqueness 
of the line of sight and the curious selective- 
ness by which we can look at either of t\\O just 
separable points and not at both simultaneou::;l:y. 
It probably arises not from any property of 
the eye but from the inability of the mind 
to direct attention to more than one point of 
the image at a time. 
The definition falls off very rapidly from the 
centre of the retina outwards. Few people 
realise the very bad picture which the eye 
forms. The fact that we only look at one 
point at any moment pre\-ents us from 
realising that the great bulk of the picture is 
only a sugge:::.tive blur; for immediately any 
l>art of it attracts our attention we auto- 
matically direct the line of sight to it and fix it. 
It is only after some training that an observer 
is able to give some attention to objects other 
than the one fixed. This renders very difficult 
measurements of the properties of non-foveal 
regions. Only a subordinate degree of atten- 
tion can be given to the observation, for the 
primary portion is inexorably demanded by 
the object at the point of fixation. The 
moment one gives less attention to thi
 than 
to the marginal object the line of sight is 
immediately sldtched over to the latter, which 
then ceases to be marginal. This divided 
attention, combined with the bad definition, 
renders such observations among the most 
difficult in physiological optics. 
9 (23) THE XATI:RE OF THE hIAGE: EFFECT 
OF DIFFRACTIOX.-If optically perlect, and 
subject only to t,he limitations imposed by its 
aperture, the eye could resolve objects 25 
seconds apart when thepul)il diameter is 5 mm., 
i.e. the image of a point would be a diffraction 
pattern with a central disc about 50 seconds 
diameter. According to Hooke, for t\\ 0 
luminous points to be perceived separately 
there must be at least one unaffected cone 
between those receÌving the images. The 
angular diameter of a cone at the centre of 
the fovea is about half a minute, so that the 
images of point sources \\ ere really points, 
the structure of the retina would IJermit 
resolution of points about 30 seconds apart. 
Since, however, the images are discs of appreci- 
able area, the centres of such discs must be 
further separated in order that there may be 
a cone between them receiving substantially 
less light than those on either side. 
Hooke found that for very good eyes the 
minimum separation for res.:>lution is about 


a minute. This result was confirmed by 
v. Helmholtz, and is the general experience 
in the case of acute eyesight. 
The size of the diffraction disc is proportional 
to the wave-length of the light, being nearly 
twice as great for red as for blue light. 
The image of a point is not, however, de- 
termined by diffraction alone, being affected 
by spherical aberration, astigmatism. and 
chromatic aberration. 

 (24) SPHERICAL ABERRATIO:X. - The 
majority of eyes are "under-corrected" for 
spherical aberration, the marginal portions of 
the refracting system having shorter focal 
length than the centre, but \yarious degrees of 
correction, sonH
times even over-correction, 
are encountered. Frequently there are different 
degrees of correction in different zones or 
regions. For instance, aberration may be 
corrected for one meridian, but under- or over- 
corrected in the meridian at right angles. 
'Yhere the pupil is excentrically })laced, 
aberration of opposite signs may be en- 
countered at opposite sides or at the top and 
bottom. During accommodation for near 
objects the flattening of the peripheral portions 
of the lens tends to correct the usual spherical 
aberration, and may even o\-er-correct it 
when the degree of accommodation is con- 
siderable. 

 (25) ASTIG:\IATIs:\I.-Xearly all eyes show 
some astigmatism, or variation of power 
in different meridians. 'Yhen at all marked, 
it results in the image of a point source being 
no longer a circular di::;c but a more or less 
elongated ellipse. Lines parallel and per- 
pendicular to the axes of the ellipse cannot 
be simultaneously focussed, while lines at 
intermediate angles cannot be shaI11ly focussed 
at all. Astigmatism can usually be corrected 
by means of cylindrical lenses of suitable 
power suitably orientated with respect to 
the astigmatic ellil)se. 
The chief seat of astigmatism is in the 
cornea, the anterior surface of which may have 
different curvatures in different directions. 
The astigmatism is termed direct if the greater 
power is in the vertical meridian, and inl'erse 
if it is in the horizontal. In other cases it is 
termed oblique astigmatism. 
Among a number of persons examined by 

ordenson,l 9 per cent had no astigmatism, 
77 per cent had direct, 1 per cent inverse, and 
12 per cent oblique astigmatism. It appears 
that astigmatism alters with age, the in\erse 
variety becoming more frequent in older 
people, owing to the increasing tension of 
thp cornea. There is no necessary relation 
between the astigmatism of the two eyes. 
The term irregular astigmati.çm is applied 


I .. Recherches ophtalmom{>triques sur l'af'tig- 
matisme de la cornl>('," Ann. d'Oc., 1883; !'ide also 
Tscherning'
 Optiçuc physiologÏque, p. 117. 
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to cover any defect of refraction which cannot 
be corrected by means of a suitable lens. In 
many cases the image of a point is neither a 
circular nor elliptic patch, but may be of the 
most fantastic shapes. If such defects are 
pronounced the vision is poor and cannot 
be rendered normally acute with glasses. 
'Ve shall see later that astigmatism may 
seriously affect the judgment in certain optical 
measurements. 

 (26) CHROMATIC ABERRATION.-The eye is 
only slightly corrected for chromatic aberra- 
tion. Its chromatic properties are very 
similar to what they would be if its contents 
were replaced by water. l Usually the 
actual curves connecting focal length and 
wave-length are slightly flatter from '52p. 
to .6ôp. than the curves for a simple water 
eye; but in many 
cases they are difficult 
to distinguish. The 
power for light near 
the mercury line at 
.436,u is usually about 
1 
 diopters greater 
than for yellow light. 
In ordinary vision the 
effects of chromatic OR 
aberration are not 
noticed as the eye 
accommodates so that 
the brightest part of 
the spectrum-the 
yellow green - is in 
focu8, the red and blue 
rays focussing behind 
and before the retina. OR 
There is therefore a 
bright image sur- 
rounded by a faint 
1)UI1>le halo due to the superposed red and 
blue circles of diffw.;ion, This halo is not 
noticeable under ordinary conditions; but 
if only part of the pupil is utilised, as, 
for instance, when half of it is obscured 
by a card, effects due to ehromatic aber- 
ration become manifest. A bright point of 
light or a luminous line, such as the filament 
of an elect.ric lamp, appears drawn out into 
a short spectrum with the -red end apparently 
towards the screen, that is with the red rays 
striking the retina at the other side of the optic 
axis from the screen. The reason for this is 
at once apparent when it is borne in mind 
that the blue rays have crossed the axis 
before mpeting the retina while the red rays 
have not. 

 (27) CHRO
IATJC PARALLAx.-The experi- 
ment just described Ü; en'n more striking if, 
instead of employing half the pupil, a slit 
or " pinhole" about I mm. widc is placed in 
front of the pupil, as far to one side as possihlf>, 
1 P. G. 
utting, Proc. Roy. Soc. xc. 440. 
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(b) 


and two thicknc
Res of "Cobalt glass" are 
interposed. TIH' f!lass transmits a little red 
light as well as blue, cutting out the c('ntral 
portions of the spectrum. Under these 
circumstances two separated images of the 
filament will be seen, onp red and onp blue. 
TheÍ1 positions will obviously be reversed if 
the hole is moved to the other side of the 
pupil. Thus on moving the hole to and fro 
in front of the eye, or moving thp eye behind 
the hole, the red and blue images will move 
to and fro. This effect has been termed 
I nternal Chromatic Parallax, 2 because the 
separation of the different coloured rays takes 
place entirely within the eye, the incident 
pencils being coincident. 
If, instead of a single source emitting two 
kinds of light, we have two sources, one blue 
and the other red, we 
may place thcm at 
such distances from 
the eye that Loth 
images are focussed 
on the retina. If th(' 
line joining the objects 
coincides with the line 
of sight, the imagcs 
will also coincide. In 
this case, represented 
in Fig. 7 (a), the cones 
of coloured rays within 
the eye are coincident. 
Consequently t.here is 
no apparent displace- 
ment of the red and 
blue images on insert- 
ing an excentric pin- 
hole in front of the 
pupil, as in Fig. 7 (b). 
If, however, the eye is 
moved relative to the line joining the objects, a 
displacement of the images occurs, as is evident 
from Fig. 7 (c), each image lying on the line 
joining its respective object to the nodal 
point N. Since rays from all parts of the 
}Jupil converge to rand b Uwir displacement 
is unaffected by the interposition of a pin- 
hole; it therefore takes place ('vcn if the 
movement of the eye is behind a fixed stop, 
F1'g. 7 (d). This phenomenon is termed 
External Chromatic Parallax to distinguish it 
from the previous case. 
It might appear that external chromatic 
parallax, since it is only evident on moving 
the eye relative to the line joining two non- 
coincident objects, is simply tlw ordinary 
parallax always obscryed between objects 
at unequal distances; but they are in reality 
quite different, as the effect of a smaJI stop 
is exactly OP1)osite in the two cases. In the 
ordinary case when objects at unequal dis- 
tances from the eye are seen by white light,. 
2 Guild, Proc. Phys. Soc., un 7, xxix. 311. 
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FIG. 7. 
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or light of the same colour, the images ate also 
at different distances, the image of the more 
remote object being in front of that of the 
nearer object. Also, rays which are coincident 
in the incident beam are equally refracted, 
and are therefore coincident within the eye. 
It follows from these two properties that 
ordinary parallax will be observed if a small 
stop is moved across the eye, even if the latter 
remains fixed, but will not be observed on 
moving the eye behind a fixed stop. External 
chromatic parallax, as we have seen, is 
observed on moying the eye behind a fixed 
stop, but is not observed on moving the stop 
before the fixed eye. Like internal chromatic 
parallax it arises wholly from the different 
refrangibilities of the two colours. 
If we start with two coincident objects of 
different colours and gradually separate them 
until they are in the relative positions of Fig. 7, 
the amount of chromatic parallax observable 
on nwvi ng the stop in front of the fixed eye will 
gradually diminish to zero. The amount 
observable on mot'Ïng the eye behind the fixed 
stop will be made up of a diminishing amount 
of internal and an increasing amount of external 
chromatic parallax. It is easy to show that 
the total parallax is constant wherever the 
two objects may be. l Chromatic parallax 
may give serious trouble in spectroscopic 
work when setting cross-lines on coloured 
spectrum lines. In well-designed instruments 
the power of the telescopes employed is about 
15 to 20 magnitìcations for each inch (2'5 cm.) 
of effective aperture. The" exit pupil" of 
the telescope is therefore only from 1 to 2 mm. 
in diameter, and constitutes a small fixed 
stop through which the objects in the field 
of view are seen. In making 0 bsen
ations on 
blue and violet lines the observer frequently 
depends on scattered extraneous light from 
the brighter portions of the spectrum to pro- 
vide general illumination for the cross-lines. 
The cross-lines and spectrum line are there- 
fore seen by light of different wave-lengths, 
and chromatic parallax effects are produced 
between them with slight movements of the 
eye. As we have just seen, this cannot be 
got over by focussing (that is, altering the 
rclath-e distances from the eye of cross lines 
and spectrum line). 
Suitable methods of overcoming the diffi- 
cultv are mentioned in another article. 2 

 '(28) YISUAL ACUITy.-The clearness with 
which the eye can see detail is termed its 
acuity. Eve
 when the correctable defects 
of refraction, such as short or long sight and 
regular astigmatism, have been corrected by 
suitable spectacles, there are still considerable 
variations in the acuity of different eyes. 
Acuity is usually tested by means of the 
1 Guilù. Proc. Ph1js. Soc., 1917, xxix. 311, 
s .. 
pectroscopes and Refractometers:' 



nellen Chart, "hich consists of a number of 
rows of letters of different sizes. }'or unit 
acuity a row of letters should be legible at 
such a distance that each letter subtends at 
the eye an angle of 5 minutes. The lines 
and spaces composing the letters subtend on 
an average 1 minute. If a row can just be 
read when the letters subtend x minutes, the 
acuity on the Snellen scale is 5Jx. This 
standard is somewhat low, good eyesight 
being represented by about 1.5. 
The acuity depends on the brightness with 
which the object. is illuminated. Druault 
found that with a test chart illuminated by 
0.016 candle at a metre, the acuity was ;." 
low as 0,075. It increased with brightness, 
rapidly at first and then more slowly. It 
reached 1.0 for an illumination of 1.5 candle 
metres, 1.23 at 16.7 and 1.50 at 5400 candle 
metres. The variation i'5 therefore very slight 
over an enormous range of brightness. 
The diminution of acuity at low intensities 
is more rapid at the red than at the blue end of 
the spectrum. 

 (29) COIXf'IDEXCE OF OBJECTS IX FIELD OF 
\T1Ew.-l\Iany important optical and l)hysical 
measurements depend on the determination 
of the coincidence of two suitable objects 
in the field of 'view of an optical instrument.. 
The setting of telescope cross-lines on spectrum 
lines, or on the image of a distant staff, are 
cases in point. ,,"'ith suitable pairs of objects 
the eye is able to make adjustments of this 
t.ype with very great precision indeed, provided 
the necessary precautions are taken to prevent 
avoidable errors. 
Iany different types of 
setting are used for various purposes; but it 
will be sufficient, in order to illustrate t.he 
capabilities of the eye in this respect, to quote 
the accuracy with which want of alignment 
between two halves of a straight line can be 
detected. Settings of this kind arc met with 
in the use of scales and verniers, and also in 
the coincidence type of rangefinder. The 
field of view of such an instrument is in general 
divided into two parts by a horizontal line of 
division. In the upper half one sees the same 
objects as in the lower half, but upside down. 
The measurement is carried out by adjusting 
the two images of t.he distant object-a 
flagstaff, for inst.ance-so t.hat one is eÀactly 
above the other as indicated by the coincidence 
of the images at the line of demarcation. 
J. 'V. French 3 has investigated the precision 
with which such settings can be made and the 
errors to which they are liable. Settings,," ere 
made with various thicknesses and lengths 
of line and wit.h various widths of diyiding 
line between the two fields. It was found 
that under favourable conditions readings 
could be repeated so closely that the departure 
of an observation froUl the mean of a series 
3 .Trans. Upt. Soc., 1920, xxi. 127. 
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was only a bout half a second of arc, or ltss 
than a lwnclredth part of tlte Ilisplacement 
necessary for the resolution of two lines. The 
precision yaries with the angle which the 
length of the lines subtends at the eye, there 
being practically no aligning power for lines 
under 0.6 minute. As the length increasps 
the precision improves up to a length of about 
12 minutes, beyond which there is no further 
improvement. The thinner the lines the more 
rapidly the final precision is reached, but its 
a.ctual value is nearly independent of the 
width of the lines. 
The precision is reduced by increasing the 
width of the horizontal separating line. Thus 
for a separation of 4 seconds, the limiting 
value of the mean error was 1.1 seconds, 
while for a separating line of 19 minutes it 
was over 5 seconds. 
The mechanism by which this close repeti- 
tion of settings is effected is obscure. In the 
best case mentioned the two retinal images 
were evidently always brought into the same 
relative position to within a sixtieth of the 
diameter of a cone. This is all the more 
surprising inasmuch as the setting when 
made does not really correspond to exact 
alignment. This is at once revealed by 
making settings in opposite directions. The 
difference between such settings is greater 
the wider the separating line. It may be as 
little as two seconds for a very fine sppara- 
tion or as much as 40 seconds for a 20 minute 
separation. Not only so, but the mean of 
the settings made in opposite directions does 
not in general give the true setting for actual 
coincidence. There is thus a " personal 
equation" which may be many times as great as 
the maximum variation of individual settings. 
French traced this error to astigmatism in the 
eye of the observer. The error is zero when 
the direction of the astigmatism is parallel or 
peI1Jendicular to the separating line, and 
greatest when it is at 45 0 to it. 
It is therefore desirable in making all 
settings of this nature that the observer 
should be a ware of the direction of any 
uncorrected astigmatism from which his eye 
may suffer, and that he should so orient his 
head as to bring this direction parallel or 
peI1Jendicular to the lines whose collinearity 
has to be adj usted. 
This aligning power of the eye does not 
appear to vary greatly with the acuity of 
vision. Thus French found that in certain 
experiments the brightness could be reduced 
1000-fold without detracting from thp pre- 
cision. The actual illuminations were not 
stated, but the visual acuity was probably 
poor at the lower illuminations. This is in 
accordance with genpral experience with 
other types of coincidence setting, in which 
the definition may become sUI1Jrisingly poor 


before thp preCISIOn of f'etting is 1.ppreciably 
affected. There is still considcrablp obscurity 
as to what property of the C'ye is rcsponsibÌe 
for the precision with which thpse various 
settings can be mad!..", but it is certain that in 
many cases the sense of symmetry plays an 
important part. J. G. 
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 (I) INTRODUCTORY. -Ordinary ortieal in- 
struments intended to be usC'd as aids to 
vision, other than those designed to correct 
individual abnormalities in the eye, are for 
the most part divisible into at least two 
portions, the first, called the objective, form- 
ing a real image of the object to be examined, 
and the second, which is used in close 
proximity to the eye, the eyepiece. Eye- 
pieces in normal use always form virtual 
images of the real ima.ge produced by the 
earlier part of the instrument, though it is 
to be observed that regarded as an eyepiece 
object the earlier image may be virtual. 
As might be expected from the similar con(li- 
tions desira ble in the emergent rays, very 
similar constructions in the eyepiece aré suit- 
able for use in a "ide variety of instruments, 
and from this circumstance the eyepiece has 
come to be regarded as an independent optical 
system which can be transferred as a unit 
from one apparatus to another" ithout detri- 
ment to the perfpction of the visihle image 
presented to the eye. For many purposes 
this is sufficiently nearly the case, and the 
same eyepiece may be used in a laboratory 
for widely diffpring work. \Yhen extreme 
conditions are encountered it is no longer 
the case that the best results are obtainable 
from an eyepiece of normal type. It is there- 
fore only within limits that eyepieces may be 
regarded as separate instruments; beyond 
these limits the most satisfactory eyepieces 
must have peculia.rities in their def'ign "\yhkh 
unfit them for general work while making 
them excellent for the sppcial purpose for 
which they are intended. In these cases it 
is essential that the eyepiece should be 
regarded as an integral portion of the optical 
system to which it belongs, and the character 
of the corrections attained by it will dC'pend 
upon the division of properties between the 
ohjective and eyC'piece whieh the designer 
finds most convenient under the circumstances 
special to the particular instrument. 

 (2) HUYGENS' EYEPIECE. - The most 
familiar apparatus in which separate eyepieces 
are ufo\ed are the mif'roscope and tplescope, 
and the kinds of eyepiece most freq uC'ntIy 
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prodded ,dth these are known as the 
Huygenian and the Ramsden. In their 
simplest forms both are built of two separated 
plano
coTI"vex lenses. In the Huygenian eye- 
piece (Fig. 1) both lenses present their convex 
faces to the incirlent light, their separation is 
very nearly equal to half the sum of the focal 
lengths of the components, and the lens 
nearer the objective, called the field lens to 
distinO'uish it from the second lens, which is 
called/':" the eye lens, is always of greater focal 
length than the eye lens. For e
Yepieces of 
short focal len
th, suitable for procuring high 
ma o 'l1ifications. the ratio of the two focal 
lengths is about 3 : 1, and as the focal length 
increases this ratio diminishes, until ior the 


FIG. l.-Huygens' Eyepiece. 


eyepieces of greatest focal length it may be 
about 3: 2. Since this inequality involves a 
real focus for incident parallel light travelling 
in the reverse direction through the instrument 
before the field lens is reached, and conse- 
quentlya virtual final image for that light, this 
eyepiece cannot be used for the direct examina- 
tion of a real object, and by analogy "ith 
simple lenses has therefore been termed a nega- 
tive eyepiece. The term is quite inappropriate 
and misleading, for in so far as "positive" 
and" negative" are at all suitable for applica- 
tion to optical systems in general they must 
relate to the sign of the po" er, which is in 
this case positive as for each component lens. 
In fact, if the ratio of the focal lengths is m : I, 
the elements from which a system of power K 
m llst be constructed are 


2K 
Power of field lens 1rt + l ' 


2mK 
Power of eye lens - _ 1 ' 
. m+ 


. (nt+I)2 
SeparatIon - 4m K-' 
The po
itions of the principal foci are distant 
respectively from the field and eye lenses 
m-I m-I 
-- and -- 
2K 211LK ' 


the negative sign in the former case indicating 
that the focus is virtual. 

 (3) RA)ISDE
'S EYEPIEcE.-In Ramsden's 
e) epiece (Fig. 2) the two lenses are of equal 


. focal Ien
th, their separation being somewhat 
less than the focal length of either, generally 
from ! to 5. The most obvious difference, 


however, is that the field lens is reversed, 
thus presenting its plane side to the objective. 
If the ratio of the separation to the focal 
length of a component is n, the data for the 
construction of a system of power Ii. are 


K 
Power of either component = 
, 
,,-n 


. n( 2 - n) 
SeparatIon = - . 
K 


The rrincipal foci lie outside the lenses at 
clear distances of approximately (I - n)/K 
and the eyepiece is very convenient for use 
in examining a real object. In particular, 
this property causes it to be generally used 
in conjunction with a thread micrometer for 
fine measurements of position. 

 (4) EYEPIECE THEORY.-These two eye- 
pieces seem to ha ve been evolved "ithout 
the guidance of any adequate theory, and it is 
thus of interest to consider how they compare 
with the forms to which present theories would 
lead. It is to be remarked in the first place 
that for the attainment of a Jarge field of view 
the presence of a field lens i'3 necessary, the 
pffect bein
 to bend towards the eye lens rays 
that would othen, ise reach the transverse 
pJane in which this Jens is situated at too 
great a distance from the axis to be transmitted 
out of the instrument. TIlE' eyepiece must 
thus consist of at least two well-separated 
lenses. and these "ill evidently both be of 
positive power. Another important considera- 
tion is that the eve is external to the instru- 
ment and attention is directed to various 
parts' of the field of view by rotating the 
eyeball in its socket "ithout relative move- 
l
ent of the instrument and the obsen
er's 
head. The useful rays, therefore, lie "ithin 
cylinders which pass "through the rim of the 
pupil and have axes through the centre of 
rotation of the eveball. It follows that 
the useful rays fro
l different object-points 
traverse diffe
ent parts of the eyepiece, and 
each separate beam is about the diamcter 
of the pupil, and occupies only a small 
part of the lens aperture. L"nder th
se 
conditions defects such as spherical aberratIOn 
and coma, which are of outstanding importance 
for objectives, become of little moment in 
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comparison with the defect.s which do not 
depend on the width of the beam, such as 
curvature and astigmatism. Accordingly in 
eyepieces used under normal conditions, as 
for high-power telescopes. the primary requisite 
is a good balance in the curvature corrections, 
the eyepiece being required to correct the 
errors of this kind of the objective in addition 
to its own tendency to produce such defects, 
while the objective must if necessary be left 
with small outstanding errors of spherical 
aberration and coma to correct those of the 
eyepiece. As is well known, the corrected 
objective causes the rays to form the focal 
lines of the issuing beams on two surfaces 
of curvatures - K'( ò' + õJ") and - K Þ (3ò' + õJ"), 
"here K' is the power of the objective and õJ" 
is its Petzval coefficient, the value of which is 
about 0.7. 
ò is the quantity denoted by ò 3 in 
 (17) of the 
article on "Optical Calculations," and on which 
the curvature of the image depends. For a lens free 
from spherical aberration and coma it may be 
shown that Ò is unity. The quantity KõJ', which is 
given by the equation 

 ( 1 1 ) 1 
Kr.:r=_ p..V-l - p..; rv' 


is known as the Petzval sum. 1 I< is the power of 
the system, and õJ' the Petzval coefficient, which is 
clearly a purc number. The above expressions 
should be compared with the quantities - (
+e')/va 
and - (3E + e')/v a of the arti
le on "Lens Systems, 
Aberrations of," and" Photographic Lenses." 
Thus for a corrected objective the curva- 
tures are - K'( 1 + õJ") and - K'(3 + õJ"). These 
errors would be entirely overcome if the corre- 
sponding curvatures of the eyepiece, - K( Ò + w), 
- K(3ò + r.:r), satisfied 
K'(1 + õJ") + K(Ò + w) = K'(3 + 'lV') + 1<(3ò + r.r) =0, 


or 


K' + KÒ = K'(j'J' + KõJ' =0. 


In fact, the second of these conditions cannot 
be met, for K, K', r.r, 'lV' are all necessarily 
positive. The best that can be done is to 
effect a com promise, and there is no general 
agreement on the precise form this should 
take. If the condition 
K' +l<ò=O 
i::! taken, the complete instrument will be 
corrected for astigmatism, but the field of 
view will appear to be convex to the observer. 
As K' is small in comparison with K in the 
cases we are considering, this condition implies 
a small negative value for Ò. The outstanding 
curvature can be removed at the expense of 
astigmatism by making 
K'(2 + w') + ,,(2ò + r.:r) =0, 


1 This ma.y alRo be written as 
7i7'lIIlCm,m+ I" :'ce 
" Optieal Calculations," 
 (i), equation (39). 


ò then having a larger negative value. Any 
particular type of correction may be obtained 
by securing an appropriatE' value for Ò, but 
the values corresponding to all types of 
correction aimed at in eyepieces are invaria.bly 
negative. 
As the contributions to the curvature terms 
of the various lenses' in an instrument are 
directly additive, it is seen t.hat the condition 
is most readily met by securing negative 
contributions from both the field lens and the 
eye lens. From the result quoted in the case 
of the objective it appears that the presence 
of spherical aberration or coma in the eyepiece 
is a condition essential to the attainment of 
the required curvature correction. 2 Treating 
both lenses in the eyepiece as thin, the v8Jue 
of Ò, apart from a coefficient which is neces- 
sarily positive, is 
'Y-2ß(éJ+
)+2(1 +õJ')éJ
+
2, 
or if 8K is the curvature added to each surface 
in deriving the shape of the lens from its 
standard form, 
')'0 - 2ßo(
 +
) - 
 - {(I + w)1ß - w
}2 
1 + 2r.:r 
1 
+ 1 + 2õJ' {2(1 +2w)8 - (I + õJ')(éJ +
)} 2. 
Now for a single thin lens of refractive index P- 
I 1 
õJ' = p..' ßo = 0, 'Yo = (I _ r.r)2 ' 
and with given values of éJ and 
 this expression 
is algebraically a minimum when 
2(1 + 2r.:r)8 = (1 + õJ')(ß + 
). 
Consider in the first place the eye lens. For 
simplicity the direction in which the light 
travels may be taken as the reverse of that 
in a complete instrument, so that we are 
dealing with parallel incident light and a front 
stop not far from the lens. TIl('se conditions 
give éJ = I, while 
 is negative and compara- 
tively large. The minimum value i::! thus 
attained for a negative value for 8, so that 
the surface of greater curvature is towards 
the objective. The limiting case when the con- 
tribution of the eye lens to ò is zero evidently 
occurs in a single lens when 
1 + r.:r r '-' ( 'Yo ) ! 1 
8 = - 21;1.\ ËJ 1: 1 + 2 ; J ' 
and the shallowest curvatures will be oLtained 
by choosing the negative sign before the 
squarp root. If the glass is of refractive 
index 1,5, so that õJ' = 5, the preferable solution 
is approximately 


8= - 1.2. 


:I For the vahl(,R of th(' quantiti('s ß, ')I, ð, H('C 
"Optical Cakulations," 
 (7), equations (.1.2), (4;-)); 

 (8), Nluafiow; (48), (-H)); and 
 (Ii); ð eorr('sIJon<ls 
to tlw curvature coetficil'nt l)3 of that article. 
ec 
also above. 
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so that the eye lens is meniscus with radii in 
the ratio 11
: 1, the corresponding value of 

 being - 11/4. :For manufacturing purposes 
it is preferred to make the outer surface of the 
eye lens plane, and the small change thus 
introduced is easily compensated by a slight 
alteration in the value of 
. 
The discussion of the desirable shape for 
the field lens may follow similar lines. In 
this case 
 is small and may usually be entirely 
neglected. The best conditions then require 
8 and 
 to a
ree in sign, that is to say, the 
greater curvature in the field lens must be on 
the side away from the real image. This 
simple theory thus accounts satisfactorily for 
the shapes of the lens when simple glasses are 
used. It" ill be noted that the determining 
factor is the positive value of 'YO' Since for 
ordinary achromatic lenses 'YO is negative, it 
would be expected that the substitution of 
such lenses for the simpler lenses would be 
unsatisfactory, and this accounts for the 
unsatisfactory performance of the Kellner 


eyepiece (Fig. 3), which is a modified Ramsden 
with achromatic eye lens and double convex 
field (or sometimes pIano-convex) lens situated 
in the plane of the real image. The un- 
satisfactory features of this objective could 
be removed by making use of a dense barium 
crown glass instead of a hard crown in the 
cemented eye lens, the high refractive index 
of the crown glass resulting in a suitable 
positive value for 'YO' 
The method of correction 'which has been 
outlincd obviously provides for the removal 
of spherical aberration and coma, and a 
large reduction in the amount of curvature 
and astigmatism. Of the spherical aberra- 
tions there remains distortion. The eccentric 
paths of the principal rays through the eyepiece 
inevitably result in the presence of distortion 
in the visible image, 80 that straight lines in 
the object are not represented by straight lines 
in the image. As long as the defect is not 
very obvious it is of no consequence, and when 
a Ramsden eyepiece is employcd even pro. 
nOlillced apparent distortion is of no import- 
ailce for exact measurements. This is evident 
when it is recollected that the image produced 
by the objective is free from distortion and 
tha t it is actually this image which is measurcd, 
the apparent Jistortion affecting thp image 
and the measuring device equally. It is, 
however, of interest to remark that if the 


mathematical conditions for the removal of 
distortion were satisfied the image would ap- 
pear distorted. This is because the judgment 
of the eye in examining the image is influenced 
by the presence of the unwonted circular 
boundary by which the visible field is limited, 
in consequence of which the apparent absence 
of distortion corresponds in fact to the presence 
of a very appreciable amount of real distortion. 

 (5) CHROMATIC DEFEcTs.-In addition to 
the removal of the errors which have been 
mentioned, eyepieces must present to the 
eye images which appear to be corrected for 
colour. The complete correction of the 
system for colour would involve the employ- 
ment of achromatic field and eye lenses, in 
addition to an achromatic objective. The 
insensitiveness of the eye under ordinary 
conditions to limited errors renders such 
elaboration unnecessary, and satisfactory 
results may be obtained for limited fields 
with the single glass lenses, the cost of which 
is naturally very much less than that of 
achromatic lenses. The use of the simple 
constructions means that only one colour 
condition can be satisfied. "Then the final 
image is at infinity, obviously it is only 
necessary that the images of different colours 
should subtend the same apparent angles at 
the eye. )lore generally the desirable condi- 
tion is that the principal ray for a secondary 
colour should pass through the image for the 
fundamental colour. Consider now the proper- 
ties of the Huygenian eyepiece for light of a 
colour for " hich the refraction is increased 
by one part in v above that for the colour 
previously considered. The power of each 
lens is then obtained by multiplying the old 
value by 1+ I/v. The result is readily seen 
to be that the focal length of the combination 
is K as for the original colour, but the focal 
planes are moved, their distances from the 
external surfaces being now 
{m-l+ (m+l)fv} 
2;- 
{m-l- ( m+l)fv} 
2mK . 


and 


The suggested condition for achromatism is 
thus met if the objective is at a great distance 
from the eyepiece when the emergent light is 
parallel. This is the condition appropriate 
in high-power telescopes, but for instruments 
in which the objective is not very distant the 
best results are obtained by a modified con- 
struction, and the altered eyepiece is kno\\ n 
as a compensating eyepiece. 
In the case of the Ramsden eyepiece the 
power is not the same for the new colour, 
the new value being 
r 2(1 - n) } 
K \ 1 + (2 _ n) v ' 
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I 
-Ì==---t 
.5. r 


and thp distance of the principal focu::; from 
the nearest lens is 


{ l-n- ( 
-n ) ! J ) ! 
2 - n '1/ K' 


and the signs in the two changes are such that 
the desirable colour correction cannot be 
effected. The compensation required in the 
case of the Ramsden eyepiece is thus of a 
heavier character than with the Huygens, 
and this may be the reason why of the simpler 
eyepieces the Huygens is so decidedly favoured 
where it is possible to employ it, as, for example, 
in microscopy. For precise work where the 
Ramsden form is employed one lens is usually 
compound, an arrangement which enables the 
desirable conditions to be achieved with ease. 

 (6) l\IICROSCOPE EYEPIECEs.-The modifi- 
cations which have been introduced into these 
lenses either consist in the substitution of a 
field lens of flint glass for the cro"ì1, or in a 
more elaborate construction. One modifica- 
tion of the Ramsden type has already been 
descri bed. Another is the form used by Zeiss 
(Fig. 4), illustrated in the accompanying figure. 


()(
 


FIG. 4. 


For microscopy it is frequently desired in 
high-power work to use a low-power eyepiece 
in the first place, and substitute another of 
high power for more critical examination of 
the specimen. This interchange is much 
facilitated if refocussing can be a voided, and 
Zeiss introduced 
the modern system 
of microscope eye- 
pieces in which the 
image plane is in a 
corresponding position for all mem hers of the 
series as thcy are placed in the draw tube. 
This convention is now generaJly followed. 
\Vhen the magnification is very high the 
fiE'ld of view is correspondingly small, and the 
need for a fiE'ld lens disappears. Accordingly 
a number of high-power eyepieces are made of 
simple achromatic cemented IE'nses. For these 
very small fields the correction for curvature 
remains important, because the very powerful 
apochromatic objectives which are invariably 
used for such work suffpr from curvature to a 
much greater extent than do objectives of 
other types. 

 (7) EREf'TIXG EYEPIEf'Es.-The eyepiecE's 
which have so far heen described all yield an 
inverted image of an external object. For a 


telescopE' used for terrcstrial objects this is 
unacceptable, and the image must either be 
erected by the use of reflecting prisms, in 
which case a Ramsden eyepiece is suitable, 
or an erecting eyepiece must be used. The 
latter consists, as a rule, of four separatcd 
lenses, and in the simplest cases these are 
all lenses of a single glass. \YhBn large fields 
of view are involved at least one of the lenses 
is of more complex construction. The first 
erecting eyepiece is due to Dollond, and the 
best form has been investigated by Sir George 
Airy (Fig. 5). The eyepiece which he recom- 
mends is illustrated in the figure, and the 
data he gÌ\Tes are as follows: 


Len8, Focal Shape. Ra tio of Sepa.ra.tions.! 
Lengtb. Radii. I 
- 
1 3 double convex 6: 1 4 
2 4 I meniscus 25: 11 
I 6 
3 4 con vexo- plane . . 5.13 
4 3 double-conn'x 1:6 
I 


The third and fourth lenses constitute a 
modified Huygens eyepiece, and their distance 
from the first two lenses is modified to l'CmO\Te 
any observable trace of colour in the image. 
Airy also investigated in detail suitable 
forms for the Huygens and Ramsden eyepieces. 
For the former he concluded that the most 
desirable construction is 


Field lens, f=3, meniscus; ratio of radii, 4: 11, 
Eye lens, f= 1, double convex; ratio of radii, 1: 6, 


with a spparation of 2. 

 (8) SPEC'lAL FORMS OF EYEPIECE.-l\Iany 
variations of these forms of eyepiece have 
been described, and there is no doubt that 
excellent results are obtainahlE' by a great 
variety of constructions, provided these are 


f- 


more complicated than those which have heen 
described here, There is, however, little to be 
gained by a discussion of such forms, for the 
best results in all cases will be 0 btained by 
considering the complete instrument as a 
whole. An idea of the forms assumed in 
cases where this is done may be obtained by 
rE'ference to the article on "Teleseop{"s." The 
most notable feature of the newer systems is 
that every effort is made to avoid the use of 
lenses for erecting the image, the employment 
of prisms for this purpose being highly prefer- 
able because the image is thereby more easily 
susceptible of correction for curvature and 
astigmatism. \Yhenever possible there is 
much to he said for the use of silnple eyepieces, 
the brilliancy of the final image varying 
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inversely "ith the numher of lenses used in the 
system. 

 It "ill be evident from the trend of the 
foregoing discussion that the circumstances 
which call for special modifications of eyepiece 
are abnormally large fields of view and 
partic,!larly low magnifying powers. In the 
latter case the conditions for the correction 
of the image are so different from those at 
high powers that it may easily occur that the 
least expensive construction "ill re
ult from 
the use of an eyepiece over-corrected for colour 


Low Power 
High Power 


and an uncorrected objective rather than the 
u::;ual reverse arrangement. 
The so-called diagonal eyepiece is obtained 
by inserting an inclined mirror into the path 
of ray::; in the eyepiece, th2 emergent direction 
of the light being thus inclined, usually at 
right angles, to the incident direction. It is 
employed only where a direct eyepiece is 
inconvenient. 
For polari::)ing eyepieces and autocollimating 
eyepieces see articles on ,. .:\Iicroscope" and 
" Spectroscopes and Refractometers." 

 (9) Y ARIABLE POWER EYEPIECES. - .AD"' 
entirely distinct class of eyepiece from any 
of the foregoing comprises the variable power 


Low Power 
High Power 


eyepieces, in which, by a suitable movement, 
the extent to which the image is magnified 
can be varied, the view remaining in good 
focus throughout the change. The ratio of 
the highest to the lowest magnifying power 
is usuallv from 3 : 1 to 4: 1. The conditions 
which have to be fulfilled naturally vary 
considerably from one another at the extreme 
ends of the' range, the correction of curvature 
being of outstanding importance at one end. 
while at the other the extent to which spherical 
aberration and coma can be tolerated is more 
limited. The lenses employed necessarily in- 
clude achromatic combinations, and the power 
is varied by introducing large changes in the 
separations of the components. To avoirl 
large changes in the external length of the 
instrument while maintaining constant focus 
there must be at least two independent moving 


systems. Their motion is controlled by the 
rotation of a sleeve in which suitably shaped 
slots are cut, these serving to give longitudinal 
movements to the lenses through the medium 
of feathers which engage in the slots. The 
lens carriers are, of course, prevented from 
rotating about the axis of the instrument. In 
at least one form there is no longitudinal 
movement of the eye lens as the power is 
changed, so that the over-all length of the 
instrument is constant and it becomes more 
simple than in other cases to prevent the 


FIG, 6. 


ingress of water or other objectionable material 
into the interior of the instrument. 
The moving systems of lenses which are used 
in some eyepieces of this class are more aHied 
to photographic lenses than to most other 
optical systems, and the parallel in the work 
that has to be performed in the two cases "ill 
be realised, The diagrams show two eyepieces 
of this class, one made by )lessrs. Ottway 
(Fig. 6), and the other by:\Iessrs. Ross (Fig. 7). 
The possibility of constructing a system 
"ith two moving parts to give a constant 
distance between object and image at various 
magnifications may be seen by considering 
a system of two lenses of focal lengths 11 and 12' 
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FIG. 7. 


the separation of whose inner principal surfaces 
is t, where 
l=L:t {(L-/I-/2)2 -(f1 +/2G)(fl +f2/ G )} I. 
'Yhen the magnification is G, the distance d 1 
from the first principal point of the first lens 
to the object is 
d 1 = 11 !ì2 0 [L - /2(1 - G) 
+ {(L - 11 -12)2 - (11 + 12 G )(11 + 12/ G )} 
], 
and similarly, the distance d 2 from the second 
principal point of the second lens to the image 
is given by 
d 2 = 11 !il i LG + 11(l - G) 
+ G {(L - 11 - 12)2 - (11 + f2 G )(/1 + 12/G)} I], 
so that d 1 + t + d2. =2L. 
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These eq uations suffice for the theory of 
position of the moving parts when the oyer-all 
length is not restricted to a constant valuf' 
if L is regarded as a variable quantity. It 
will be observed that in any case the magnifica- 
tion is determined by the focal lengths 11 and 
12' and the distances of the object and image 
irrespective of the values of t and L, for 

-1=G ( 11-1 ) . 
12 11 
As the moving lenses form the erecting portion 
of the eyepiece, G will be negative, so that 


FATIGUE, VISUAL. See" Eye," 
 (16). 
FECHNER'S LAW: a law governing the relation 
between the ill tensity of light and the 
degree of sensation produced. See" Eye," 

 (5). 
FELSPAR (K2ÛIAI2036Si02)' USE OF, IN GLASS 
:MANUFACTURE. See" Glass," 
 (5) (iii.). 
FIG URE OF THE EARTH. See" Surveying and 
Surveying Instruments," 
 (6). See also 
"Gravity Survey," Vol. III. 
FILMING: formation of a surface layer inter- 
fering with transparency on the interior 
surfaces of lenses and prisms in optical 
instruments. See "Glass, Chemical De- 
composition of," 
 (1). 
FIL'ILESS PHOTOGRAPHY. See" Graticules." 
FILl\IS, THIN, INTERFERENCE OF LIGHT IN. 
See" Light, Interference of," 
 (7). 
FILTER (LIGHT): a transparent slab of coloured 
material, either liquid or solid, used to impart 
colour to the light which it transmits. See 
" Eye," 
 (13). 
FILTERS: 
Compensating light: used in connection 
with the screen plate processes of colour 
photography. See" Light Filters," 
 (2) 
(iv.). 
Contrast light, description and use of, in 
photography. See ibid. 
 (2) (ii.). 
Orthochromatic light, description and use 
of, in photography. See ibid. 
 (2) (i.). 
Selective light, description and use of, in 
colour photography. See ibid. 
 (2) (iii.), 
Fe
.DER, PHOTOGRAPHIC: a device used for 
the purpose of indicating the amount of 
su bject which would be included on the 
focussing screen of a given camera placed 
in the same position. See" Photographic 
Apparel-tus," 
 (7). 
FIXATION, VISUAL: the act of looking directly 
at an object in the field of view. See 
" Eye," 
 (22). 


for any magnification one lens l)roduces a 
virtual and the other a real image. In the 
special case d 1 =/1' d 2 =/2' G is given by the 
ratio of the two focal lengths. T. S. 


EYEPIECES, CORRECTIONS FOR OPTICAL DE. 
FECTS. See" Eyepieces," 
 (4). 
Chromatic Defects. See ibid. 
 (5). 
EYEPIECES FOR TELESCOPES. See "Tele- 
scope," 
 (6). 



-, 


FLAME, SENSITIVE: a coal-gas flame, burning 
unùer certain conditions of pressure and 
sensitive to sounds of high or medium pitch. 
See " Sound," 
 (55). 
FLARE SPOTS IN CAMERA LENSES. See 
" Camera Lenses, Testing of," 
 (5). 
FLARES, PHOTOMETRY OF. See" Photometry 
and Illumination," 
 (122). 
FLICKER, THE ELIMINATION OF: a problem of 
great importance in the intermittent type 
ùf kinematograph, dependent upon the 
duration of the individual impulses that fall 
upon the retina. See "Kinematograph," 

 (3). 
FLICKER PHOTOMETER: a device for compar- 
ing lights of different colours. See" Photo- 
metry and Illumination," 
 (95) et seq. 
FLUTE: a wood-wind musical instrument. 
See" Sound," 
 (34). 
FLUX (LUMINOUS): the rate of flow of radiant 
energy evaluated according to its capacity 
to produce the sensation of vision. See 
" Photometry and Illumination," 

 (1) and 
(2). 
FOCAL LENGTHS, DETERMINATION OF. See 
" Objectives, Testing of Compound." 
Autocollimating method. See ibid. 
 (2) (i.). 
By conjugate points. See ibid. 
 (2) (ii.). 
Magnification methods. See ibid. 
 (2) (iii.). 
Microscope method.3. See ibid. 
 (2) (iv.). · 
Using parallel light. See ibid. 
 (2) (i.). 
See also "Camera Lenses, Testing of," 
* (1). 
FOCAL SPHERE: a term used in the study of 
projection apparatus to denote the smallest 
possible sphere described round the "focal 
point" so that it just, and only just, includes 
all the convergent rays, either intersecting 
it or just touching it. See "Projection 
Apparatus," 
 (4). 
FOCOMETER: a devicp for enahling thp crater 
of an arc to be maintained in po8Ìtion at the 
focus of a projector mirror. See" Photo- 
metry and Illumination," 
 (121). 
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FOG-HORX: an arrangement for producing a 
loud noise, erected on a cape or other im- 
portant point, for the warning and guidance 
of mariners during fogs. See "Sound," 

 (51). 


FOOT-cAXDLE: the unit of illumination on 
the F.P.S. system. See" Photometry and 
Illumination:" 
 (2). 


a portable illu- 
"Photometry and 


FOOT-CAXDLE 
IETER : 
mination gauge. See 
Illumination," 
 (û3). 
FORBES RANGEFIXDER. See "Rangefinder, 
Short-base," 
 (7). 


FORCEB LIFE TEST (OF ELECTRIC L.uIPs). See 
" Photometry and Illumination, " 
 (80). 
FORK, TUXIXG-: a convenient standard of 
musical pitch, for ready reference, each 
prong being like a fixed-free bar and emitting 
practically its prime partial only, when 
bowed lightly and carefully at or near the 
ends of the prongs. See" Sound," 
 (49). 
FORKS, T{TXIXG-, COJIPARED BY S:\lOKE TRACES. 
See" Sound," g (J3) (iv.). 
FORREST ARC: a particular form of carbon 
arc proposed as a primary standard of light. 
See ., Photometry and Illumination," 
 (11). 
FOUCA{TLT'S HELIOSTAT: a clockwork device 
for directing the rays from the sun into a 
fixed telescope or other optical system. 
See " Telescope," 
 (17). 
FoucArLT's 
IETHOD OF DETERJIIXI:YG POSI- 
TIOX OF AX bUGE PLAXE. See ., Objectives, 
Testing of Compound," $ (1). 
FoucAuLT's SH-\.DOW 
IETHOD OF DETERYLV- 
IXG THE CrRYATURE AXD QUALITY OF 
COXC_-\. YE SrRFACES. See" Spherometry," 

 (10). 


-G 
ApPLICATION OF I 
See "Quantum 


G-\SES, SPECIFIC HEATS OF, 
QUAXTUl\1 THEORY TO. 
Theory," 
 (6). 
GAS-TL"BE: an X-ray tube which depends for 
its action on the presence of the residual 
gas in the tube. See" Radiology," 
 (12). 
GEO:\IETRICAL THEORY OF TELESCOPES. See 
"Telescope," 
 (1). 
GHOSTS: a name given to spurious lines which 
occur in all grating spectra and are due to 
periodic errors in the ruling. See" "
a\e- 
lengths, The 
Ieasurement of," 
 (2). 
GL-\.RE (in Illumination). 
ee" Photometry 
and IHumination," 
 (71). 
VOL. IV 


}'orCArLT's TEST FOR THE :\IrRROR OF A RE- 
FLECTIXG TELESCOPE. See "Telescope," 

 (11). 


FRAU:YHOFER LrxEs: the name given to the 
dark lines crossing the solar spectrum, 
which were first mapped by Fraunhofer. 
See" "-ave-lengths, The :\Ieasurement of," 

 (1). 


FREQUE:YCIES, CO
IPARISO
 OF, by monochord 
method. See" Sound," 
 (53) (vii.). 
By resonance tube. See ibid. 
 (53) (vi.). 


FREQVEXCIES, EXPERDIE
TAL DETER
II5ATIOX 
OF DIFFEREXCE BETWEE:Y, by beats. See 
" Sound," 
 (33) (i.). 


FREQVE:YCIES, RATIO OF, gauged by the ear. 
See ., Sound," 
 (53) (iü.). 


FREQUEXCY, EXPERIME5TA.L DETERl\lIXATIOX 
OF. See" Sound," 
 (53). 


FREQt:'"EXCY OF A :\1 rSICAL K OTE: a term 
used to denote the number of vibrations 
per second occurring in the note. See 
" Sound," 
 (1). 


FRIXGES, ACHRo:\IATIC: produced by using as 
the two sources of light a short spectrum 
and its virtual image formed by reflection 
in a glass plate. See ""Light, Interference 
of," 
 (5). 


FRIXGES, IXTERFERE
cE, :l\IETHODS OF PRO- 
DUCIXG, depending on the formation, by 
some optical system, of two real or virtual 
images of a narrow source of light, which 
images act as secondary sources. See 
" Light, Interference of," 
 (4). 


FUR
ACES FOR MELTI:YG GLASS. See" Glass," 

 (13). 


GLASS 


I. DEFIXITIO:Y AXD COXSTITVTION 

 (1).-
0 satisfactory, concise definition has 
been suggested for the term glass, \\ hich we 
u::-;e, commonly, to denote vitreous, apparently 
amorphous, materials, brittle at ordinary 
temperatures, having a high softening point 
and possessing the general characteristics of 
an under-cooled liquid. 
There is, however, a gradual accumulation 
of evidence which seems to suggest that glass, 
under normal conditions, consists, not merely 
ûf a single liquid phase. but of one or more 
solid phases in fine suspension in the liquid 
phase or, possibly, in colloidal solution. 
o 
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\fe may regard glass, at high temperatures, 
as hl"ing a mutual solution of silicates or of 
o}".ides. As the temperature falls we approach 
a point where the glass becomes saturated 
with respect to one or more compounds stable 
at that temperature, and we might expect 
crystallisation to begin. The viscosity of 
glass, however, increases very rapidly with 
a fall in temperature (see " 
\nnealing," 
 (19)), 
and it generally happens that the viscosity 
is too high and the rate of diffusion too low 
to admit of extensive crystal growth during 
the short time occupied by the cooling of the 
glass. If glass is cooled excessively slowly the 
crystals become visible to the eye: if cooled 
rapidly no visible crystals are formed, but it 
is improbable that the viscosity will totally 
inhibit the formation of crystal nuclei and 
incipient crystallisation when the saturation 
point of the glass with respect to one of its 
constituents is reached. (See also under 
" Physical Propertie
," 
 (21).) 
Some glasses, which can be worked in the 
blow-pipe without crystallisation if they have 
never been allowed to cool (i.e. if the glass is 
gathered straight from the furnace), crystallise 
at once if worked after having been cooled 
and re-heated in the blow-pipe. This suggests 
that, during the cooling, crystal nuclei have 
been formed, and these tend to grow as Boon 
as the viscosity falls. 
It is fuund that glasses on cooling show a 
small evolution of !-leat when passing through 
a particular temperature. (This is reversible, 
an endothermic reaction occurring on heating.) 
The evolution and absorption is extremely 
small, and can only be detected with the most 
sensitive apparatus, but is sufficiently estab- 
lished to point to a small but definite change 
in the properties of the glass at this tempera- 
ture. 
Interesting evidence bearing on the crystal- 
line nature of glass has been obtained by a 
study of the phosphorescence of glass when 
exposed to rays of short wave-length. :l\Iany 
glasses show phosphorescence to a marked 
extent when exposed to ultra-violet light or to 
cathodic discharge, and it is found that devitri- 
fied glass is strongly phosphorescent. If such 
a glass, however, is cooled rapidly from a high 
temperature the phosphorescence decreases, 
and, if chilled sufficiently to form the well- 
known phenomenon of a Rupert's drop, the 
skin appears to he free from phosphorescence 
although thf' centre of the drop still glows 
faintly. It seems pro hable, therefore, that 
glass in general contains crystalline nuclei 
in various stages of development, depending 
on the composition of the glass and the 
treatment it has received during manu- 
fa('ture. Thc effect of the crystalline phase 
will be considcrf'd helow under different 
headings. 


II. HISTORICAL NOTE 

 (2).-The discovery of glass has been 
ascribed both to Syria and to Egypt, and there 
is still some doubt as to the locality and date 
of the first glass-makers. 
It is certain, however, that the Egyptians 
in 1400 B.C. were acquainted with the art of 
glass-making, and specimens of glass, blu"n 
with and without moulds, have been found 
dating from that time. They were also 
familiar with the technique of cutting and 
the production of coloured glasses. The art 
of glazing pottery-ware dates back probably 
to 4000 B. c. 
The Greeks and Rumans doubtless learned 
the art of glass-making from the Egyptians, 
but the glass industry never appeared to thrive 
in Greece, probably because of the excellence of 
their ceramic ware. The Romans, however. 
acquired considerahle skill and were successful 
in mastering the technology of coloured glass, 
both clear and opal, although they continued 
for some time to import glass-ware from Sidon, 
Tyre, and Alexandria. The Romans worked with 
a glass of the soda-lime type. ThE, \"T enetians 
may be c:redited with being the first to pro- 
duce glass at a cost which allowed of its more 
general use. Yenetian glass was characterised 
by the great beauty of form and lightness of 
the ware. Since the sixteenth century the 
Bohemians rave also been great glass-makers. 
The glass industry was first introduced 
into England in the thirteenth century, when 
French glass-workers settled in Surrey and 
Sussex. The industry flourished until the. 
reign of Elizabeth, when restrictions on the 
use of timber as a fuel caused its temporary 
decline. In 1550 a factory making" indow- 
glass and drinking-vessels was started in 
London, and in 1619 the glass industry of 
Stourbridge sprang up. Stourbridge was 
particularly suited for glass-making owing 
to the pre
ence of coal, together with the 
necessary clay for the manufacture of pots. 
The glaF:s industry has now spread to all parts 
of England, but Stourbridge still remains 
one of the chief centres of the flint-glass 
industry.1 


III. COMPOSITION 
* (3).-The following are the most common 
glass-forming oxides: 
Acidic: Silica; Boric acid. 
Basic: Sodium oxidc (Xa 2 0); Potassium 
oxide (K 2 0); Oxides of Barium, Calcium, 
Magnesium, Zinc, :Manganese, l,ead, 
Aluminium, Iron. 
In addition to these, the oxideR of arsenic, 
lithium, tin, and zirconium, and the elements 
fluorine and sdellium, are introduced into 
J fke Encyclo]Jædi.a Britannica, 11th edition. 
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glass for special purposes, and, for the manu- 
facture of coloured glasses, the oxides of 
nickel, cobalt, chromium, copper, uranium, 
and the elements carbon, sulphur, silver, and 
gold are employed. 
Probably over 99 per cent of the glass manu- 
factured in the world is composed of a com- 
bination of silica with a mixture of two bases, 
an alkali (soda or potash), and either lead 
oxide or lime, 90 per cent being made from 
silica, soda, and lime only. 'Yindow glass, 
plate glaF:s, and bottle glass-ware are made 
from silica, soda. and lime. Alumina is occa- 
sionally added to give greater strength and 
stability. Bohemian glass-ware is made from 
silica, potash, and lime, and flint glass for 
table-ware, cut glass, electric light bulbs, etc., 
contains silica, lead, and soda or potash. Oc- 
casionally magnesia or baryta is substituted for 
lime or baryta for lead oxide. 
.For glasses requiring special properties, 
resistance to attack by chemical reagents, 1 
resistance to sudden changes of temperature, 
etc., magnesia, zinc oxide, and alumina are 
introduced and boric acid (B 2 0 3 ) is sub8tituted 
for part of the silica. Glasses free from 
silica are found to be insufficiently stable for 
general use. In following column is given a 
Table of Analyses of typical glasses. 


IV. RAW :\IA TERIALS 
The sources of raw materials available for 
glass-making depend largely on the type 
of glass for which it is intended, since the 
small amount of impurities which can be 
permitted in better qualities of glass excludes 
a large quantity of material which would 
othen\Íse be suitable. 

 (4) SILICA. is almost invariably introduced 
into glass in the form of sand. Deposits of 
s3-nd suitable for glass-making are found in 
many parts of the world. The chief require- 
ments for a glass-making sand are freedom 
from iron and evenness and angularity of grain. 
For the manufacture of bottles, etc., uniformity 
in grading is the most important feature, th
e 
iron content being of less importance, whereas 
for" white" glass (or " flint" glass, the name 
now used to denote glass free from colour), 
such as chimneys, pressed ware, table glass, 
etc., chemical purity is equally essential. 
90 per cent of the sand grains should lie 
between 0.5 and 0.1 mm. in diameter. :\Iany 
sands are found containing 99 per cent between 
these limits. 
ands graded between smaller 
limits 0,5 and 0.23 mm. are to be preferred, and 
it is not uncommon to find sands containing 
over 50 per cent bet" een these limits. In 
America graded sands considerably coarser 
than this are sometimes used. 


1 See article" Glass, Chemical Decomposition of." 
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The best European deposits are at Fontaine- 
bleau near Paris, and Lippe, Saxony. These 
contain over 99,7 per cent of silica and less 
than 0.03 per cent of iran oxide; thpy are 
remarkably uniform in composition and grain 

ize. Xext in order of merit come the Belgian 
sands, notably at Epinal (below 0.05 per cent 
of iron oxide). Fair quality Dutch sands are 
also found. 
Some of the British sands have a low iron 
content, but, in general, the sand is not so 
uniform in quality as that of Fontainebleau. 
Good deposits are found at Lynn, Aylesbury, 
:\Iuckish l\Iount, Huttons Ambo, Bury thorpe, 
and other places. 1 
For the manufacture of bott1es sands rich 
in alumina are useful. 
A number of good deposits of..glass sands 
are found in America, notably in Illinois and 
'Vest Virginia. 

 (5) ALKALIS.-(i.) Sodium oxide is generally 
derived from sowum carbonate (" soda ash ") 
obtained from the Le Blane or ammonia soda 
process, or sodium sulphate (" salt cake" ) 
obtained from the Le Blane process. Until 
recently, owing to its relatively low cost, 
salt. cake was largely used as a source of 
soda, but its use is attended by various dis- 
advantages. It is usually contaminated with 
chlorides, and occasionally free sulphuric acid, 
and it is not easy to remove all the sulphates 
from the glLss during manufãcture. The 
chlorides and sulphates tend to produce a 
milky a ppearance in the glass. A high 
temperature is necessary to decompose the 
salt cake, the decomposition being assisted 
by the addition of carbon to the batch; 
the presence of carbon, however, makes the 
use of a "decoloriser" extremely difficult. 
Another disadvantage in the u
e of salt cake 
is that the walls of the furnace are seriously 
corroded along the" flux line" (at the surface 
of the glass) by the alkali which floats on the 
surface of the half-melted batch. 
Soda ash, though formerly expensive, is now 
chea per than salt cake and is becoming morp 
popular owing to the inconveniences inherent 
in the use of salt cake. 'Yith soda ash as 
the source of alkali, however, it is difficult to 
melt glasses rich in silica and lime without 
the formation of a scum rich in silica which 
floats on the surface of the gla
s. A common 
practice is to use soda ash with the addition 
of the minimum amount of salt cake to 
prevent the formation of the scum. 
Small quantities of soda are also introduced 
in the form of sodium nitrate for the purpuse 
of oxidising any organic matter, ferrous iron, 
etc., that may be present in the glass, and 
of securing the oxidising conditions necessary 


1 p. n. H. BoswrB, .. British Glass-making 
an(ls" ; 
C. J. Peddle, .. British Glass-making 
ands," Jour. 
Soc. Glass Tech. i. 27. 


for melting batches containing lead, which is 
easily reduced. 
(ii.) Potash is universally added in the form 
of potassium carbonate (" pearl ash "). This 
can be obtained commercially in a state of 
reasonable purity. Pearl ash is highly hygro- 
scopic, and careful analytical control is neces- 
sary if potash glasses are required t9 be of 
constant composition. Potassium nitrate (salt- 
petre) is also used in small quantities. 
(iii.) Felspar (K 2 0, Al 2 Ü 3 üSi0 2 ) is occasion- 
any used as a source of alkali where the presence 
of alumina is not considered disadvantageous, 
and, for cheap glass-" are, bottles, etc., rocks 
such as granite and basalt are sometimes used. 

 (6) LUrE is usually added in the form 
of ground chalk, lime spar, or limestone 
rocks. In glasses containing magnesia dolomite 
provides a convenient source of lime and 
magnesia. \Yhere greater purity is requirf'd, 
precipitated calcium carbonate can be obtained. 

 (7) BARYTA.-The cheapest source of 
barium oxide is the mineral witherite, BaC0 3 , 
which can be obtained in sufficient purity for 
the manufacture of some glasses, pressed glass, 
etc. For optical glasses chemically prepared 
precipitated BaC0 3 or Ba(N0 3 )2 is used. 

 (8) LEAD OXIDE is usually added in the 
form of red lead (a mixture of PbO and Pb 2 0 3 , 
corresponding roughly to Pb 3 0 4 ). Red lead 
varies somewhat in compositio-l, free lead 
and lead sulphate are sometimes present, 
and the moisture content is variable. It is 
desirable that the maximum amount of Pb 2 0 3 
be present to facilitate oxidising conditions. 
Litharge, PbO, is sometimes used in the batch, 
but, owing to its low oxygen content, it is 
not desirable. 

 (9) 1\IAGNESIA.-The chief sources of mag- 
nesia are dolomite (calcium and magnesium 
carbonates) and magnesite (l\1gC0 3 ). These 
minerals are obtainable in reasonable purity 
and are used in considerable quantities. For 
special purposes precipitated magnesia is used. 

 (10) ALUMINA.-For the best glasses the 
sources of alumina are plentiful, china clay, 
felsIJar, etc. There is some difficulty, however, 
in obtaining a cheap form of alumina for the 
manufacture of common glass bottles, where 
the low cost of the batch makes the addition of 
felspar too expensive. This is unfortunate. since 
the presence of alumina in glass increases the 
durability both mechanically and chemically. 

 (II) BORIC OXIDE (B 2 0 3 ), an ingredient of 
many optical and resistance glasses, is intro- 
duced either as boric acid (H:1BÜ3) or as bora2\... 

 (12) .l\IISCELLANEOUS INGREDIENTs.-.For 
the manufacture of opal glasses fluorspar 
(CaF 2 ) and cryolite (AIF 3 3NaF), both natural 
and artificial, are used. Calcium phosphate is 
also used for this purpose. 
Other materials required in glass-making are 
used in the form of chemicalJy prepared com- 



pounds, since they are only required in small 
quantities, and the cost is therefore unim- 
portant. 

 (13) ARSEXIC.-\Yhite arsenic or arsenious 
o
ide (AS 2 0 3 ) is the usual source of arsenic for 
the glass industry. Arsenic is introduced into 
both oxidising and reducing batches "ith 
apparently beneficial results. It appears to 
accelerate the removal of bubbles from the 
glass and, also, to assist "decolorisers" in 
their action. 
It is probable that under oxidising conditions 
the arsenic is oxidi:;;:ed at low temperatures to 
AS 2 0 5 , and at high temperatures this oxide 
tends to decompose, forming 
\S203 and liberat- 
ing oxygen which sweeps out the small bubbles 
from the glass and also oxidises the manganese 
and iron, giving the condition required for 
successful "decolorising." r nder reducing 
conditions metallic selenium is generally used as 
a decoloriser. A part of the arsenic is reduced 
to metallic arsenic, which is volatile, and 
thus sweeps out the bubbles with a reducing 
vapour which t-ends to keep the selenium from 
becoming oxidised. 
Analyses of glasses made from batches con- 
taining nitrates show that from 10 per cent to 
20 per cent of the arsenic may be lost during 
melting, and, of the arsenic remaining in the 
glass, from 80 per cent to 90 per cent is in the 
pentavalent condition. Similar glasses melted 
"ithout nitrates lose from 30 per cent to 40 per 
c
nt of the arsenic during the melting process, 
and only 60 per cent of the remaining ars
nic 
is in the pentavaknt condition. 


V. THE )I.A....VUFACTURE OF GLASS 
It is not possible here to describe in any 
detail the manufacture of glass, since the pro- 
cess varifis very considerably "ith the type of 
glass made and the use for \\ hich it is intended. 
The general outlines are gi ven below. 

 (14) THE PREPAK\.TJUX OF THE BATCH.- 
The term "batch" is used to denote the 
ingrzdients of the glass mixed in the required 
proportions and ready for melting. The 
success of the melting operation and the 
quality of the glass obtained depends very 
largely on the care taken in the preparation 
of the batch. :l\Iany manufacturers do not 
sufficiently re3.lise the importance of this side 
of the glass works. The raw materials should 
be well ground. Even grading is as important 
as the actual fineness of division. The sand, 
and occasionally other ingredients, are dried; 
in some \\ orks the sand is roasted to a red heat 
before use. The various constituents are then 
weighed out and fed into a mechanical mixing 
machine, which delivers the mixed, sieved 
batch into a container in which it is conveyed 
to the furnace. In some up-to-date, ,,:ell- 
org3.nised works elaborate plant is used to 
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carry out these operations, and the \\ eighing, 
mixing, and conveying of the batch is effected 
automatically.. Many works are to be found, 
however, where the batch composition is 
estimated by volume-in some cases the shovel 
being the unit of volume-and the mixing 
carried out by hand. 

 (15) FURXACES AXD 
IELTIXG PROCESS.- 
Two entirely different methods of melting are 
employed according as the glass is contained 
in crucibles (or " pots ") or in a tank. 
(i.) Jo.UeZting in Pot Furnaces.-The pots used 
to contain the glass during melting are of two 
kinds, open and closed. The open pot is a cup- 
shaped vessel, anything up to 5 ft. in diameter 
and 5 ft. high (or even larger), containing, when 
full, from 2 c\\ t. to 2 or even 3 tons of glass. 
The closed pots arf' similar to the open 
ones except that they are fitted "ith a dome 
or hood which has an opening on one side 
through which the batch is charged, and the 
finished glass subsequently gathered. This 
hood, which projects through the wall of the 
furnace, serves to protect the glass from con- 
tamination by the furnace gases. 
One furnace may contain several pots, from 
2 up to 
O or more. The furnaces are usually 
fired with producer gas, although direct coal- 
fired furnaces are still found in some parts, 
Great care has to be exercised in the manu- 
facture and subsequent handling of the pots. 
These are made from carefully selected fire- 
clays (see "Glass-house Refract
ries," Vol. V.). 
The raw clays are mixed with a quantity oi 
burnt clay, to reduce the shrinkage on firing, 
moisten
d, and allowed to mature for some 
months. The pot is then built up slowly by 
hand. The pot-maker first moulds a disc to 
form the bottom of the pot and then proceeds 
to build up the sides; not more than 6 in. or so 
of wall can be added at a time. since the plastic 
clay is not strong enough to support the" eight 
of the whole side. The pot has, therefore, to 
be built in stages "ith an interval of a day 
or two between each stage. In some works 
plaster or wooden moulds are used to support 
the pots during their manufacture. Open pots 
are occasionally made by the casting process 
(see "Glass - house Refractories." Vol. Y.). 
\Yhen the pot is completed it is allowed to dry 
slowly. The temperature of the drying-room 
is carefully regulated and precautions are taken 
to prevent draughts. \fhen the pots are dry, 
a process which generally takes some months, 
they are removed from the drying-room when 
req uired for use and placed in a small kiln 
(the "pot arch "), in which they are brought 
slowly up to a red heat. Very great caution 
is required in the initial heating, and the correct 
rate of rise of temperature, which varies with 
different clavs. must be maintained carefully. 
The temper
ture to which the pot is taken in 
the pot arch varies considerably in different 
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works, and frequently 900 0 C. is not cÀceeded. 
It is better practicf', as a rule, to run to con- 
siderably higher temperatures. \rhen the pot 
arch is at its maximum temperature, the pot is 
taken out and transferrcd as rapidly as pos- 
sible to the melting furnace. For this purpose 
the brick work in thc front of the melting 
furnace is removed, leaving a hole sufficiently 
large to admit the pot. \Yhen the pot is in 
position in the melting furnace, the wall is 
bricked up and the tempC'rature raised. In the 
best practice the pot i::; heated to a temperature 
considerably higher than that required for the 
melting of the glass, since the life of the pot is 
prolonged if it is wcll "vitrified" before the 
glass is charged into it. In many works, how- 
ever, the pot is not subjected to this prelimin- 
ary heating and the glass is introduced as soon 
as the pot reaches the melting temperature of 
the glass, with the result that much unnecessary 
corrosion of the pot takes place. 
The raw materials are mixed with a quantity 
of previously-melted glass of the same com- 
position (cullet). This greatly facilitates the 
melting process. The pot, when ready for 
filling, is first glazed with cullet to protect it 
from the direct contact with the raw materials, 
particularly the alkali, which has a powerful 
fluxing action on the clay. The pot is then 
filled with the raw material and cullet. Since 
there is a considerable diminution in bulk when 
fusion takes place, several fillings are required 
to yield a pot full of molten glass. The method 
of filling varies somewhat in different works. 
Sometimes great care is taken to prevent the 
batch from touching and chilling the walls of 
the pot. In this case the batch is piled up in 
the form of a cone and as many as six or more 
fillings are made. In other works the batch is 
shovelled on quickly, two fillings, or occasion- 
ally, with lead batches, one filling, being con- 
sidered sufficicnt. 
The contact of the damp material with the 
walls of the pot and the c
nseq uent chilling of 
the inside frequently gives rise to small ['racks 
in the pot walls (known as " batch cracks "). 
These increase in size at each filling and often 
cause the ultimate failure of the pot. 
The reactions which occur during fusion are 
complex and imperfectly understood. The 
order in which the various changes take place 
is roughly as follows. The moisture and com- 
bined water is expelled from the batch: 


Alkalis in the form of nitrates melt 
Magnesium carbonate decomposes 
Red lead decomposes, forming litharge 
Boric oxide melts. 
Barium carbonate melts 
Potassium carbonate decomposes 
Calcium carbonate decomposes . 
Sodium carbonate melts 
Litharge melts 
Potassium oxide melts . 


320 0 
3f>Û o 
. 500 0 
577 0 
. 79.")0 
810 0 
. 825 0 
. 849 0 
. 877 0 
. 880 0 


Complex eutectics are formed, in which the 
oÀides having high melting-points are slowly 
dis:solved. The ease with which the glass melts 
depends largely on the viscosity of these 
eutectics. Owing to the low diffusivity of the 
mixture a very large temperature gradient is 
set up in the batch, and, in consequence, all 
the possible physical and chemical changes 
occur simultaneously in different parts of the 
pot, and many bubbles of gas, water, carhon 
dioxide, etc., are entrapped in the molten 
glass. The raw materials of the glass are 
eventually dissolved, and the bubbles of gas 
rise slowly to the surface at a rate depending 
on the square of their diameter, the viscosity 
and density of the glass. By a judicious 
choice of raw material and tempcrature of 
melting it is possible to arrange that only 
large bubbles remain in the glass at the cnd 
of the fusion, and these rise to the surface 
in a few hours and burst. If for any reason 
small bubbles (technically known as seed) 
are formed, the glass-maker frequently has to 
introduce large bubbles to sweep the small 
ones to the surface. For this purpose it is 
common practice to plunge a potato, on the 
end of an iron rod, to the bottom of the pot. 
The moisture and organic matter, "hich is 
given off violently, effcctually removes the 
small seed. Nitrates and arsenic are some- 
times used for this purpose. 
To facilitate the removal of the bubbles (a 
process commonly known as "fining "), the 
temperature of the furnace is raised. \Yith 
the diminution in the viscosity of the glass, the 
corrosion of the pot becomes severe. The 
glass in contact with the pot walls dissolves the 
material of the pot, the resulting glass haying a 
density different from the mean density of the 
melt. Currents are therefore set up and, since 
the density of most glasses is greater than that 
of the pot used, these currents, caused by the 
solution of thc pot in thp glass, flow up the 
sides of the pot. As the glais rises, it becomes 
richer in pot material, and, consequently, less 
active as a solvent, with the result that the 
a ttack of the glass on the walls of the pot is 
greatest at the '-bottom and a tapcr is produced 
in the pot. 1 
There are other factors which affect the rate 
of corrosion (apart from the imperfections in 
the pot itself), i.e. the temperature distribution 
in the furnace, since it is possiblc for large con- 
vection currents to hc set up if the bottom of 
the pot is heated locally. (See" Glass-house 
Refractories," Vol. V., for further details on the 
properties and bchaviour of glass-house pots.) 
The presence of these convection currents is 
important, since the rate of solution of the 


1 Coad-Pryor, " Notes on Pot Attaek," Jour. Soc. 
Glass Tech., HH8, ii.; and Hosenhain, "Rome 
Phenomena of Pot Attack," Jour. Soc. Glass Tech., 
1919, iii. 
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\lot in the glass depends largely on the rate at 
which the glass rich in dissolved 1.)ot material 
can be remO\?ed from the vicinity of the pot 
and fresh glass brought in contact with it. 
The presence in the glass of an excess of silica 
and alumina deri\Ted from the pot increa.ses 
the viscosity greatly, giving rise to a corre- 
sponding diminution in the rate of diffusion, 
and, but for this formation of currents, the pot 
might reasonably be expected to last for years 
instead of months as is actually the case. 
The formation of sillimanite rrystals (AI 2 0 3 , 
Si0 2 ) in the pot appears to exert a marked 
beneficial influence on the rate of solution. 
During the " fining" process samples 
(proofs) are taken from the pot on an iron rod 
and, from these samples, the expert glass- 
maker can decide when the " metal" is ready 
for working or gathering. 'Vhen the glass is 
fine (free from bubbles and raw material) the 
temperature is lowered until' the viscosity 
suitable for gathering is reached. The glass is 
still far from being homogeneous, the lower 
portion being considerably denser than the 
upper, and the parts near the sides being richer 
in silica and alumina (deri\-ed from the pot) 
than the central portion of the pot. How- 
ever, for all purposes except for optical instru- 
ments, the glass is considered good enough for 
use. 
(ü.) ....llelting in Tan!.- Furnace8.-For the 
production of cheaper kinds of glass where 
mass production is essential, "tanks" are 
invariably employed for melting purposes, A 
tank consists of a fire-brick chamber which 
may vary considerably in size according to the 
output required, their capacity ranging from 
two to over a thousand tons of glass. The 
ratio of length to breadth is roughly three to 
two, average dimensions being from 12 to 18 
ft. ,,,ide, 2-1 to 36 ft. long, and from 30 to 44 in. 
deep. The bottom and sides of the tank are 
usually constructed of firebrick or refractory 
stone and the crown of silica brick. The gas and 
air enter by ports arranged along the side of the 
tank and the combustion takes place over the 
surface of the glass, thf' products of combustion 
passing out on the opposite side by flues leading 
to the regenerators, which are usually situated 
below the tank. 
The dimensions of the tank and the dis- 
tribution of temperature are so contrived that 
the raw materials are fed on at one end of the 
tank, melt and flow slowlv down the tank, and, 
by the time the glass rea"'ches the other end, it 
is fine and ready for working. 
This procedure is more economical than 
melting in pots, since the glass is exposed to 
the dIrect heat of the flame. The process is 
continuous and the glass may be worked day 
and night \\ithout cessation. The refractory 
materials are more durable, since, in the places 
where they are in contact "ith the glass, they 


are always cooler than the glass, '" hereas, in a 
pot furnace, the heat has to be transmitted 
through the pot walls. 
Frequently the most yulneraùle parts of the 
tank are water- or air-cooled on the outside and, 
consequently, the tank is practically lined "ith 
a layer of glass too viscous to attack the 
refractories at an appreciable rate. In some 
works the whole of the furnace walls are water- 
cooled, and, in such furnaces, the rate of solu- 
tion of the refractories is extremely slow. 
1\0 thermal convection currents are found in 
the glas'3 in a tank, since the heating is from 
above, and we find, therefore, that the tank 
blocks wear away first near the surface of the 
glass, the attack on the blocks diminishing 
with the temperature as the depth below the 
surface of the glass increases. The blocks 
forming the bottom of the tank may last for 
some years, but the side walIs, near the 
surface, seldom last for more than a year, 
often less. 
In a furnace melting flint (colourless) glass 
the serious cOlTosion extends to a depth of 
perha ps 18 inches or 2 feet; with deeply 
coloured glass, an amber or dark green, the 
attack of the glass on the sides of the tank 
8 or 10 inches below the glass level is slight. 
During the melting process, in both pots and 
tanks, it is frequently found that a scum is 
formed on the surface of the glass. In pots, 
the glass is skimmed before the gathering of the 
glass is commenced; in tank furnaces, to meet 
this difficulty a wall or bridge is generally built 
across the tank, shutting.off the working end 
from the melting. This bridge, which projects 
a few inches above the surface of the glass, re- 
tains the scum and the surface byer of the glass 
generally rich in silira, and allows the clear 
glass below to flow into the working end through 
a hole in the bridge near the bottom of the 
tank. The attack of the glass on the bridge is 
severe, and it is generally necessary to cool it by 
building it hollow and maintaining a circula- 
tion of air or steam in it. The cooling of the 
orifice through which the glass flows present5 
special difficulties, since severe chilling will 
cause obstruction due to high \?iscosity of the 
glass. Yarious devices have been adopted to 
separate the working end from the melting end 
of the furnace, since the temperature suitable 
for gathering the glass is lower than that 
req uired for melting. Thus the bridge is 
sometimes continued right up to the crown of 
the furnace, the part above the glass le\?el 
being built in chequeI' work to cut do" n the 
radiation fro In the melting end. Again, a 
separate chamber connected to the melting 
tank by means of a clay syphon has been used. 
Sometimes small co\?ered pots (f!enerally known 
as " potettes ") are built into the working end 
of the furnace \\ ith their hoods projecting 
through the furnace walls in a manner similar 
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to pot furnace practice. These potettes are 
drilled near the bottom, below the surface level 
of the glass, to allow the glass from the tank 
to flow into them. '''hen working with 
potettes a bridge in the tank for skimming 
purpo::;es can be dispensecl with. 

 (16) DEJ.'ECTS. (i.) ðtones.-If the pro- 
cess of manufacture outlined above has been 
carried out successfully, glass is obtained in the 
pot or working end of the tank free from 
bubbles and undissolved material and reason- 
ably uniform in comp(ìsition. There are 
various defects, however, which are frequently 
found which have arisen through accidental 
causes or through carelessness on the part of 
the operators. Of these perhaps the most 
common is the disease known as "stones. " 
These consist of solid particles which have not 
been taken into solution in the glass, and may 
be caused by drips from the crown of the fur- 
nace or particles of refractories from the walls 
which have become undermined and detached. 
Stone_may also be formed if parts of the 
furnace have been allowed to become too cool, 
when "devitrification" or cry::;tallisation of 
the glass may result. These crystals, when 
once formed, are only dissolved with difficulty 
and, in consequence, give rise to stones. One 
of the most prolific sources of stones is the 
inclusion in the batch of coarse particles of 
raw material, such a8 limestone. 
(ü.) Striae.-Another common defect is the 
presence of striae or "cords," which consist 
of veins of glass of a different refractive index 
from that of the rest of the glass. Strictly 
speaking, striae are always present in any 
but the best optical glass, although, for most 
purposes, they are sufficiently small to pass 
unnoticed. They are produced by imperfect 
mixing of the batch or contamination of the 
glass by thf' walls of the pot or tank. Stones 
always give rise to striae, which persist in the 
glass after the stones have disappeared. Striae 
are also found if the furnace has been allowed 
to run cold during the melting, when the high 
viscosity has hindered the diffusion of the 
constituents. 
(iii.) Seed.-The presence of fine bubbles, or 
" seed" as they are called, in the finished 
glass is a defect sometimes found. Bubbles. 
which should have been removed during the 
fining process. are sometimes found in the 
glass owing to inadequate control of the 
temperature during founding or to an attempt 
.to increase the rate of production beyond 
the working capacity of the furnace. 
Seed may appear, however, at a later stage, 
after the glass has once been fine. This 
phenomenon is common in amber glasses 
where the colouring has been produced by 
carbon, probably in colloidal solution. Under 
certain conditions a nsp in temperature or 
mechanical agitation may cause an evolution 


of gas. A similar effect is said to occur in 
cobalt hlue glasses. Again, with some glasses, 
certain gases appear to be more soh
ble at 
high than at low t<'mperatures, and on cooling 
bubbles are evolved. By successively cooling 
and heating the glass for a number of times 
the quantity of gas in solution can be 
diminished, and a marked improvement is 
o bserved in the tendency of the glass to 
de vitrification. It has been shown that glass, 
under normal conditions, can hold in solution 
considerable quantities of gas. Allen and 
Zies obtained from 6..) gnns. of glass ß.5 c.c. 
of gas having the composition: oxygen, 
64.2 per cent; carbon dioxide, 24-2 per cent; 
carbon monoxide, 3,5 per cent; hydrogen, 
3.9 per cent; nitrogen, 4.1 per cent; and 
instances have been given where glass on 
cooling has liberated many times its own 
volume of gas. All glass, as usually made, 
contains a large amount of dissolved wa.ter 
vapour, far in excess of other gases found in 
glass. This is evolved copiously on heating 
the glass to 300 0 -400 0 C. or over, under 
reduced pressure. 
So-called "vacuum bebbles". are formed 
where the surface of the glass is chilled 
rapidly, forming a surface crust, while the 
centre is still hot. As the interior of the 
glass shrinks a high sta.te of tensiün is pro- 
duced and minute bubbles may swell to a 
largc size. 
(iv.) Colour.-A frequent source of trouble 
to the glass-maker i
 the control of the colour 
of the glass. Iron is always present in the 
raw materials and refractorics, and, when 
present in an excessive amount, produces a 
colour which varies from a yellowish green 
to blue accorùing to the state of oxiùation 
of the iron and the composition of the glass. 
The remedy for this is, of course, to use 
materials as pure as posElible, but, for most 
commercial purposes, raw materials free from 
iron are much too costly. To mask the iron 
green, a colouring agcnt which gives the 
complementary colour, pink, is added to the 
batch. Of these "decolorisers, " the most 
usual reagents are manganese (used .with 
batches worked under oxidising conditions) 
and selenium (for reducing conditions), often 
in conjunction with small quantitics of 
chromium, nickel, and cobalt. The colour- 
ing effect due to the presence of iron is less 
when the iron is in the trivalent condition, 
and hence the presence of nitrates in the 
batch improves the colour, since oxidiRing 
conditions are then attained. It is not usual 
to attempt to dccolorise glasses containing 
more than 0.2 per cent of iron calculated as 
FC 2 0 3 ; a higher content of iron gives a glass 
which, when decoloriscd, has a perCel)tible 
grey tint. 
A good" flint" soda-lime glass may contain- 
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about 0.11 per cent Fe 2 0 3 , and a lead flint 
glas:) for cut glass table ware may contain 
0,03 per cent Fe Z 0 3 or eW'Il less. 
Arsenic is also introduced into the glass to 
facilitate the action of decolorisers. The 
chemistry of this action presents some diffi- 
culties. (See" Raw )Iaterials," "Arsenic.") 

 (17) OPTICAL GLAss.-The standard of 
quality required in glass fur optical purposes 
makes the manufacture of optical glass a 
special process. The glass requires to be care- 
fully stirred to produce the necessary homo- 
geneity, and, even then, it is considered a good 
)ield to obtain 20 per cent of good glass out 
of the pot. For this purpose a clay stirrer 
is introduced into the pot as soon as the 
glass is fine, or sometimes at an earlier 
stage, and the glass is slowly stirred. This 
operation is carried out mechanically, the 
clay stirrer being manipulated by means of an 
iron rod. It is necessary to stir as the tempera- 
ture falls, until it is no longer possible to 
continue O\\ing to the high viscosity. The 
stirrer is then either removed or allowed to 
remain in the glass near the side of the pot. 
The rate of stirring permissible varies within 
narrow limits, and has to be regulated care- 
fully as the glass cools. .At the end of the 
stirring operation the pot is removed from 
the furnace as quickly as possible and allowed 
to cool rapidly. 'Yith some glasses which 
tend to de"\itrify it is necessary to chill the 
glass by spraying water on to the outside of the 
pot. 'Yhen sufficiently cold the pot is broken 
up and the glass carefully examined, those 
pieces which are considered free from striae 
and other defects being reheated to the 
softening point of the glass and moulded 
into rectangular blocks or lenses. The blocks 
are then annealed (see "Annealing," 
 (l9)), 
and finally ground and subjected to further 
inspection. l 

 (18) )L\SIPLLATIos.-The general prin- 
ciples of glass- blO\\ing are well knmYll and 
ha\-e been described frequently.2 
A brief outline of the processes in use at 
the prt-sent day is given below. 
(i. ) Hollow Gla.ss - 'lcare. - Although glass 
made by mechanical means has displaced in 
man v case8 the hand-blown articles, it is 
diffi
ult to obtain bv machinery the excellent. 
finish which can b
 produced by a skilled 
glass- blower. The Hutomatic production of 
unsymmetrical shapes, 'i.'.e. water jugs with 
handles and spouts, and complicated pieces 
such a.9 wine-glas::.es, presents serious diffi.- 
1 "'ene:> of papers issued from Geophysical Labora- 
tory, Wa;;hing1:on, on optical gla
g; Rosenhain, 
mass J/anufacture, ch. xiv.; Rosenhain, Optical 
Glass: Crmtor Lecture to Royal Soc. Arts. 
Z Rosenhain. Glass J/ anufacture; Powell and 
Rosenhain, articles on Glass in the Encyclopædia 
Britannica. 9th and 11th editions; Powell and 
Chance, Principles of Glass-making; P. .:\Iarson, 
Glass. 


culties, and, at present at any rate, the 
supremacy of hand-blm\ing for such ware IS 
unchallen ged. 
The blowing of a large glass article is 
generalJy c:.lrried out by a team of men or 
boys, who constitute a "chair." As a rule, 
two men and two boys make up a chair, 
although, for some work, only three persons 
are employed. In some worhS there is a 
tendency to increase the number of men to a 
chair, since, by so doin
, the work becomes 
more highly specialised, and each man, in 
consequence, more efficient at his small con- 
tribution, and the highly skilled labour 
economised. 
The glass-blower's fquipment is simple, the 
most important item being the stool on "Lich 
he sits. Thi<; consists essentially of a small 
wooden bench provided "ith arms on each 
side which project in front and behind him. 
The "gatherer" first takes the blowing- 
iron, an iron tube about .3 ft. in length, which 
hns previously been heated. and dips the end 
in the glass "ith a circular rnoti0n, with- 
drawing it with a ball of glasc;;: adhering tQ it. 
He then rolls the glass on an iron plate (the 
" marT'er") in such a way as to ohtain a 
symmetrical shape in the glass on the blo"ing- 
iron. During this operation the glass has 
become chilled and stiff to work. He then 
dips it again in the pot, gathering more glass 
and marvering as before. This process is 
repeated until the required weight of glass 
has been collected on to the blowing-iron. 
From time to time the gatherer blows gently 
down the tube, expanding the glass on the 
iron into a pear-shaped maSd. He then hands 
the iron to the glass-blower, the head of the 
" chair;' who sits on his bench and places the 
blo"ing-iron across his knees, re:;:ting it on 
the anTIS of the chair. 
ince the glass is mobile 
during the blowing operation it is neceEsary 
to keep the iron constantly reT'oh.ing to 
prevent the gathering from losing its sym- 
metrical shape. The blower, by rolling the 
iron alon('/' the arms of the chair with one 
hand, is ;ble to effect this, and, holding his 
tools in the other hand, he can shape the 
article as though the iron were in a lathe. 
The glass-blower's outfit consists of a pair 
of shears or scissors, a palette or " battledore " 
(a small wooden board "ith a handle), a pair 
of tongs, calipers, a foot-rule, and an iron 
bar or file. 
In the process of blo" ing hollow ware such 
as a jug or decanter. he rests the iron on one 
arm of the chair and blows until the desired 
size of bulb is obtained. He then shapes the 
bottom and sides of the jug by r
vohing it 
on the two arms, as indicated abo.-e, "ith 
I one hand, and pressing the gla
s into the 
required shape" ith the palette, and checking 
the dimensions "ith the calipers. 
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'Vhen he has trued the bottom of the jug, 
one oi his assistants takes an iron rod-the 
punty (also known as the pontee, ponty, or 
puntee)-gathers a small amount of glass on 
the end of it, and then presses this on to the 
centre of the bottom of the jug. The glass 
on the }>unty adheres to the jug; at the same 
time the blower touches the glass at the ('nd 
of his iron" ith the cold iron bar, and the jug 
breaks off the blowing-iron and remains 
attached to the punty. The assistant then 
reheats the jug, which has by this time become 
set, in a small furnace, the "glory hole," 
and when it has softened again returns it to 
the glass. blower, who revolves it rapidly on 
the bench. The centrifugal force causes the 
hole at the top of the jug (where it was origin- 
ally attached to the blowing-iron) to open out. 
The blower trims the end with the shears, 
and then, rotating it, forms it into the desired 
shape with the help of his tongs. In this 
manner, with modifications suited to the type 
of article being made, all kinds of hollow 
glass- ware can be blown. In many cases the 
process of blowing may be simplified by the 
use of an iron mould made in two parts, with 
an opening at the top, so constructed that 
the blower can open and close the mould by 
means of a lever operated by his foot. He 
blows a pear-shaped bulb which he holds 
vertically for a second or so until an elongated 
neck is formed; he then introduces the bulb 
into the open mould with the neck protruding 
through the hole in the top. The mould is 
then closed, and the bulb blown up until it 
fills the mould. 'Vhen 
the glass has set, the 
mould is opened and 
the finished article is 
removed and cracked 
off the blowing-iron. 
During the blowing 
up in the mould the 
blower spins his blow- 
ing-iron, rotating the 
glass in contact with 
the mould, and by 
this means prevents 
a mark from the 
joint in the mould 
bping imprinted on 
the glass. Bottles, 
O etc., not spun in this 
way always show a 
mould mark. 
Fig. I (a) shows a 
(b) ( c) diagram of a section 
FIG. 1. through a mould for 
blowing a laboratory 
beaker or a tumbler, and (b) and (c) show the 
successive stages; (b) shows the tumbler as 
it leaves thp mould. After annealing it is 
placed on a revolving disc, so arranged that 


a pointed flame plays on the glass (along the 
dotteù line) as it revolve::;; the glass is then 
removed from the flame and touched with a 
cold, pointed, steel rod at any spot on thp 
ring heated by the flame. If the glass has 
been well annealed, it will crack evenly along 
this line, leaving the tumbler as in Pig. I (c). 
It is then placed on a revolving disc or clamped 
to a roù which can be made to rotate hori- 
zontally, and the rim is heated until the glass 
softens and a smooth edge is produced by the 
surface tension. 'Vhen the lip requires flang- 
ing the heating is carried further and the edge 
turned over \vith a tool to the amount re- 
quired as the glass revolves. This operation 
introduces severe local strain round the rim 
of the glass, which has, in consequence, to be 
re-annealed. 
(ii.) Tube and Bod.-In the manufacture 
of tubing, the gatherer prepares a large mass 
of glass on his blowing-iron, the size (as a rule 
from 5 to 20 Ibs.) depending on the diameter 
and thickness of wall required in the tube. 
The gathering is carefully marvered and re- 
heated in the glory hole. The bl
wer then 
takes the blowing-iron and allows the glass to 
elongate by holding the iron vertically and 
giving it a gentle swing. His assistant then 
holds the punty in a convenient position, and 
the blower, by a dextrous movement, attacheH 
the end of the gathering to the pllnty. The 
two men then mov(' apart at a rate governed 
by the dimensions of t.he tube they are making. 
For small tubes it is necessary to run, but for 
tubing of medium diameter a slow walk is 
usual. 'Yith heavy tubing which tends to 
sag excessively it is necessary to chill it during 
the drawing with an air-blast, or, more 
usually, by fanning it.. S01id rod is made in 
precisely the same manner, except that the 
gathering is made with an iron rod instead of 
a tube. 
(iii.) Glass TVool.-By drawing out glass 
sufficiently quickly very fine fibres can be 
pro(luced: thus, glass wool is made by 
winding glass drawn from the gathering on 
to a rapidly rotating drum. 
(iv.) Sheet Glass.-A gathering of glass is 
made in the usual manner. The blower stands 
on a raised platform, so situated as to give 
him room to swing his iron vertically below 
him. He is usually provided with mechanical 
devices to assist the blowing operation, i.e. a 
flexible tube to enable him to use compressed 
air for blowing, and arrangements to relieve 
him of part of the weight of the gathering. 
He is also conveniently near a glory hole, for 
reheating during the blowing. 
By means of specially shaped blocks and 
tools, the gatherer marvel'S a short, wide- bore 
cylinder having a thickened end, as in Pig. 2. 
By alternately heating the end of the cylinder 
and swinging it in a vertical plane, a cylinder, 
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about -1: ft. long or more, of reasonably uniform 
bore and thickne::;:; of wall, can be made. The 
end of the cylinder is then opened by bringing 
a small gathering of glasd on 
the punty in contact with 
it; the glass of the cylinder 
softens at the point of con- 
tact, and a small hole is cut 
out with the shears. The end 
is then reheated, and, by 
rotating the cylinder, the hole 
becomes enlarged by. the 
FIG. 2. centrifugal force until its dia- 
meter is the same as that of 
the cylinder. The cylinder is then laid on 
a wooden stand, detached from the blowing- 
iron and the ends cracked off, generally by 
passing a thread of hot glass round it and 
touching it "ith a cold iron tool. A longi- 
tudinal scratch is then made from end to end 
on the inside surface, 'and a slight tap causes 
t1 crack to run down the side of the cylinder 
along the scratch. It is conveyed to the 
flattening kiln and placed on a smooth slab; 
the temperature is raised to the softening 
point of the glass, and the cylinder slowly opens 
out until it becomes approximately a plane 
sheet. The surface is rubbed "ith a wooden 
block to secure a smooth surface and intimate 
contact with the 8lab on which the sheet rests, 
and the fiIÚshed sheet is then passed down the 
annealing lehr which adjoins the flattening 
kiln. 
(v.) Plate Glass.-The manufacture of large 
sizes of the best plate glass is an expensive 
and wasteful process. Economical methods 
of making small-sized plates have been 
developed, but for very large sheets the 
casting and rolling process has not been 
supplanted. 
A large mass of glass is poured on to an 
iron table; this is effected either by ladling 
the glass from a tank or pot into the casting 
pot ir.. which it is carried to thp table, or by 
removing the melting pot itself from the 
furnace. In either case the opelation is 
carried out largely mechanically. The glass 
is then rolled with an iron roller running on 
rail:o: at the edges of the casting table, the 
height of these rails determining the thickness 
of the plate. The roller is propelled mechanic- 
ally, the width of the plate being controlled 
by guides which the roller pushes in front of 
it as it progresses àown the table. After 
rolling, the sheets are annealed, either in a 
continuous lehr along which the sheets travel 
slowly, or in a kiln which is heated to receive 
the sheet and then allowed to cool down 
slowly, the sheet taking several days to reach 
a temper
ture at "hich it can be handled. 
For certain purposes (roofing, etc.) sheet 
made in this way is sold without further 
treatment, but the surface is poor and the 


glass quite unfit for the purposes for whicb 
the best plate is required. 
The plates have then tu be ground to a 
true surface and polished. For this purpose 
tllPY are clamped to a circular iron table, 
about 30 ft. in diameter, which is rotated, 
and the surface of the plate is rubbed down 
\\ith iron slabs \\ hich are also rotated, ec- 
centrically to the table. (The plates are 
usually set in plaster of Paris to ensure that 
the under surface is in intimate contact "ith 
the surface of the table.) The iron rubbers 
arp fed \\ith abrasiT"es of Succf'ssively finer 
grades (starting with coarse sand), until, 
finally, a fine ground surface is produced in 
the glass. During this process a large amount 
of glass (up to 30 per cent) is ground away 
and lost. The sheet is then polifo:hed, the 
iron "rubbers" being replaced by wooden 
blocks coyered with cloth or felt and fed with 
rouge. If the previous grinding process haR 
been ('arried out sncces
funy, n, Lrilliant 
surface is obtained with rouge in a short 
time--two houI'S or so. The sheet has then 
to he turned over and the whole proce::;:s of 
grinding and polishing repeated on the other 
!:;ide. r t is then wafo:hed and inspected, and 

ut to the required sizes, in snch a manner 
as to exclude any defects "hicb may be 
present. 
Sheet known as figured rolled glass is made 
in large quantities. This is rolled in a some- 
what different manner, four rollers being used. 
Instead of moving rollprs such as are used in 
the method described ábove, these rollers are 
mounted in pairs and rotate a bout stationary 
axps, the gla
s being drawn between the two 
rollers. Thp sheet is formed by the fifF:t two 
rollers, and, pas
ing through the second pair, 
receives the imprint of a pattern \\ hich has been 
cut on one of these rollers. Rolled sheet with 
simple patterns on it, such as parallel lines, 
etc., is also made by cutting the surface of a 
casting table to the desired pattern and rolling 
"ith a single roller as deRcribed above. The 
pattern is 'Only pressed on one side, since the 
method adopted in cutting up the sheets, 
i.e. sC'ratching with a diamond point and 
then breaking along the scratch, cannot be 
applied con\Teniently if the surface scratched 
is not plane. 
'Yhere plate glass having a curved surface 
is required (such as that sometime!'! used in 
large shop windows), the plate is heated on 
a mould having the desired curvature; the 
glass softens and take
 thc shape of the mould. 
Great. care is necessary to keep the 
urface 
dean and free from defects during this opera- 
tion, since any du
t, etc., settling on the 
surface gets burnt in whpn the glass softens 
in hencÜng. It is generally necessary to 
repo1ish parts of the surfaC'e, by hand, after 
t he bending process. 



92 


GLASS 


(vi.) Pres<;ed (ilas8.-:\Iany kinds of cheap 
glas
-ware, principally shallow vessels Of 
solid objects, are made in pre
ses, the glass 
being deposited in a mould and pressed into 
shape with a plunger. 
A number of different types of machines 
have been developed for this purpose, some 
being operated hy hand and others being 
automatic. Some machines combine the 
operations of pressing and blowing. l\IaclJines 
of this description are in common use for 
the manufacture of such articles as jam jars, 
heavy wide-mouth bottles of all kinds, 
tumblers, etc. The- glass is fed, either by hand 
or by an automatic feeding device, into the 
first mould, the "parison" mould, and a 
plunger presses the glal's into a symmetrical 
shape, this part of the process corresponding 
to the marvering in a hand-blown article. 
The parison is considerably smaller than the 
finishing mould except at the neck, where 
the glass is pressed at once to the full finished 
size and chilled, thus affording a means of 
conveying the half-formed jar to the finishing 
mould. The jar is taken from the parison 
mould and transferred (holding it by the 
chilled neck, the lower pa.rt of the jar being 
still plastic), either by hand or automatically, 
to the finishing mould, in which it is blmvn 
up to the .full size. The finishing mould is 
then opened (it is generally made in two 
parts), and the jar is conveyed to the lehr. 
The tendency of modern practice is to 
develop automatic processes, to increase and 
standardise production, and to cut down 
labour expenses. Thus in an up-to-date 
bottle works thp entire proces
, batch-weigh- 
ing, mixing, conveying, and charging into 
the furnace, is automatic, as is also the 1:>10\" ing 
of the bottles and the conveying of the bottles 
to the annealing kiln
 (known as " lehrs "). 
There are many types of machines in use 
for the manufacture of hollow ware, bottles, 
jars, electric light bulbs, etc., some entirely 
automatic and others semi-automatic, i.e. 
req uiring the assistance of a "ga t herer, " 
who gathers the glass from the furnace by 
means of an iron rod or tube and keeps the 
machine supplied. 
Of the fully automatic machines the Owens 
machine is perhaps the best known. This 
remarkable machine sucks the glass from the 
surface of a specially constructed tank into 
a mould (the parison mould), which it then 
withdraws from the tank, filled with glass, 
trimming off the glass adhering underneath 
the muuld with a knife. The neck of the 
b0ttle is chilled and the parison mould opens, 
leaving the half-formed bottle hanging by 
the neck. The finishing mould then closes 
round the bottle, which is at the same time 
blown out to its full size. This mould then 
opens and the bottle is thrown out into a 


chute which conveys it to the lehr. Each 
mould is mounteù on onc of a number of 
rotating arms, and, by this means, gathErs 
the glass as it passes tlIP tank and discharges 
its bottle just before it completes one revolu- 
tion or later, according to the type of machine. 
In order to present a continually fresh sur- 
face of the glass to the machine the hearth 
of the tank is revohTed. The glass in the 
revolving tank is maintained at the same 
level, being fed continuously from the melting 
tank. The output from theRe machines is 
enormous, one 15-arm machine making up 
to 1000 gross of small bottles per day.l 
There are many machines which are fed 
with a flow device, the glas::l flowing from the 
tank through a heated clay trough into the 
parison moulds. The rate of flow can be:' 
regulated by means of clay stoppers in the 
trough. 
The manufact.ure of light articles, such a
 
electric bulb
, is now extensively carried out 
automatically, the \Vestlake machine being 
perha ps the Lest known for this purpuse. 
This machine gathers the glass, by means of a 
small cup, from a crucible into which the glass 
is ladled from the melting furnace. A 12- 
arm \Vestlake machine will produce up to 
100,000 bulbs per day.l 
Processes are also in operation for the 
automatic manufacture of window-glass and 
glass - tu bing. In the window - glas; process 
the glass flows or is ladled from the melting 
tank into a trough or basin, and a suitable 
" bait" is lowered on to the surface of the 
glass. The glass adheres to the bait, which is 
then slowly raised, drawing a Rheet or tube 
(according to the shape of the bait) of gla::ls 
from the trough. If the temperature is 
carefully controlled and the correct rate of 
drawing maintained, the process is continuous, 
the glass being drawn ovpr rollers and through 
the lellI's to the sorting-house. In the tube 
process, when the required length has been 
drawn, the bait is raised quickly and the glas
 
detached from the basin. The ends of the 
cylinder are then cracked off by passing a 
wire round it, and it is then scratched longi- 
tudinally and opened out in a manner similar 
to the familiar hand process of making window- 
glass. 
Tank furnaces are now employed for melting 
glasses which, a few years ago, were invariably 
melted in pot furnaces; for example, glass 
for electric -light bulbs, tumblers, chemical 
ware, tubing, table-ware, (Ipal glass; and it is 
claimed that lead glasses have been success- 
fully melted in tanks. 
The old rule-of-thumb methods are gradually 
being displaced in favour of more scientific 


1 For a description of some of the principal glas
- 
making machines in use see .Jount. Soc. Glass Tech., 
1917, p. 203; 1918, p. 19; 1919, p. 182. 
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control, and we find, for instance, pyrometers 
and polariscopes in common use. However, 
in spite of the rapid advance in the en
neering 
aspect of glass technology, there will always 
be a demand for the highly-skilled glass- 
blower for the manufacture of artistic table- 
ware, cut glass, and so on. 
S (19) AxxEALIxG.-The viscosity of glass 
rises very rapidly "ith a fall in temperature. 
It is e.;;timated that up to, say, 650 0 the dscosity 
is doubled for every 6 0 to 1
0 fall in temperature. 
(i.) Formation of Slrain.-'Yhen a block 
()f glass is cooling uniformly from all sides 
there will be a temperature gradient from 
the outside to the inside which will depend 
on the thermal condu('tivity of the glass and 
thp rate of cooling. Since the thermal con- 
ductivity of glass is low t very large tempera 
ture gradients are found if the heat be removed 
rapidly from the surface. As long ad the glass 
is mobile no strain will be introduced. 'YhBn, 
however, the viscosity of the outer layer 
becomes sufficiently high to rpsist the com- 
pression due to the shrinking of the inner 
layers, permanent strain may be produced. 
Let us suppose that when this viscosity is 
reached the outer layer is 600 0 . The centre 
of the block is then at, say, 6.:>0 0 . It is clear 
therefore that, if a is the mean linear coefficient 
of expansion of the glass, the inside layers 
"ill tend to shrink approximately 6500. per 
unit length "hen cooled to 0 0 , whereas the 
outer layer would only shrink 6000.. \Yhen 
the whole block reaches room temperature 
the inside must, therefore, be in a state of 
ten
ion and the outside in compression, the 
strain being roughly proportional to 500. per 
unit length, :>0 0 being the difference in tempera- 
ture between the out8ide and the inside of 
the block at the time when the outside became 
hard. Such a block would be considerably 
stronger and the surface harder than if free 
from strain. 
Sow let us consider the case of a plate of 
glass allowed to cool rapidly from the upper 
surface. A temperature gradient will be set 
up, the lower surface being, say, 30 0 hotter than 
the upper. The upper surface \\ill set hard 
at, say, 600 0 and shrink as it sets, and the lower, 
being still soft, will flow under the compres- 
si0n due to the shrinkage of the uppBr. 
There appears to be a discontinuity in the 
coefficient of expansion which increases by 
six or more times its normal value over a small 
ntnge of temperature corresponding to the 
.. setting" temperature. "Then the bottom 
of the block reaches 600 0 and begins to set 
hard, the upper surface" ill have reached 3.30 0 . 
If the temperature gradient has remained 
con8tant no strain "ill bB present in the plate. 
At thia point the whole plate has become 
"set," and any change of temperature gradient 
will consequently produce strain. As the 


whole plate cools the temperature gradient 
will diminish and, finally, the whole block 
will approximate to room temperature. The 
lower surface wi.ll then be in a state of tension 
and the upper in compression. If the maxi- 
mum tension exceeds the tensile strength of 
the glass, a crack "ill develop in the lower 
surface and the glas'5 will break. 
(ii.) Properties of Strained Glass.-This 
plate will be strong to an upward force tend- 
ing to produce concavity in the lower surface 
and weak to a downward force. Similarly, if 
scratched \\ith a diamond on the bottom sur- 
face it "ill break easily, but not if scratched 
on the top. It is, therefore, desirable that 
glass req uired for general use should be as 
free from strain as possible, since the surfaces 
in tension are very vulnerable. However, 
for certain purposes some strain would be 
an advantage; for example, in certain kinds 
of hollow \\ are which are not subjected to 
rough usage on the inside, or in the case of a 
lamp chinmey which has to resist sudden 
heating from the inside, compre
:::,ion in the 
outer surface is desirable. 
Since glass-ware cooling quickly generally 
loses heat from the outside, "e usually find 
under-annealed glass with its external surfaces 
in compression. Thus, when glass tubing, 
which is seldom annealed after manufacture, 
is cut into standard lengths, arrangements 
are made, by means of a diamond suitably 
mounted on a rod, for scratching the inside 
of the tube, which then breaks easily along the 
scratch. This cracking off would present 
some difficulty in tubing of large bore if it 
were well annealed; in fact, it would be 
necessary to heat the glass to produce 
temporary strain. 
(iii.) Process of Annealing.-In the process 
of annealing there are two critical tempera- 
tures. The lower critical temperature (6000 
in the cases cited above) may conveniently 
be defined as the temperature at which the 
glass is just deformed at an appreciable rate 
under a stress equal to its tensile strength 
when cold. The upper critical temperature 
may be defined as the temperature fit which 
9.j per cent of the stress in the glass disappears 
in three minutes. l These definitions are, of 
course, purely arbitrary. 
The magnitude of the stresses in the glass 
will depend on the temperature gradient in 
the glass as it passes the lower critical tempera- 
ture. 
All glass - ware, "ith a few excertions, is 
annealed after manufacture, generally by 
passing it through tunnel kilns (Jehrs) which 
are heated at one end. The temperature 
gradient of these lehrs is so arranged that 
the glass, when passing through, is heated to 
1 For method8 of determining the critical ten
pera- 
tures see Jo'Urn. Soc. Glass Tech. i. 61 and ii. 90. 
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its upper critical temperature and cooled 
slowly down to normal temperatures. For 
the success of the annealing operation it is, 
of course, essential that the rate of cooling 
be slow between the upper and lower critical 
temperatures, particularly in the ncighbour- 
hood of the lower. The rate permissible 
varies, of course, with the thickness of the 
ware and the degree of freedom from strain 
req uired. 
l
elow the lower critical temperature the 
rate of couling is immaterial, provided always 
that the temperature gradient is not sufficient 
to cause cracking of the ware. 
The annealing temperatures vary largely 
with the composition of the glass. In the 
case of lead glasses the upper temperature 
is about 430 0 C. and the lower about 300 0 C. ; 
with soda-lime glasses the upper temperature 
lies between ;)00 0 C. and GOO o C. with a 
lower temperature between 320 0 C. and 340 0 C. 
Some hard resi:;;tance glasses require to be 
annealed at G30 0 C. to G40 0 C. and have a 
lower temperature of about 3;':,0 0 C. 
The rate of cooling permissible depends on 
the thickness of the glass. Near the upper 
critical temperature the rate of cooling may 
be fairly rapid, but it must be diminished 
while passing the lower critical temperature. 
\Vith a lead glass, a vessel with a thickness 
of walJ, say 1 in., can be cooled through its 
critical range at a rate of 50 0 per hour, whereas 
an electric -light bulb can be completely 
annealed and cooled to room temperature in 
3 minutes. A soda-lime glass 1 in. thick 
can be cooled through its critical range at 
about 13 0 per hour, and a complex resistance 
glass of that thickness would require cooling at 
less than 10 0 per hour; in fact, it is extremely 
difficult to obtain thick samples of the latter 
glass entirely free from strain, even in the 
laboratory. 
In badly annealed articles it is quite usual 
to find ten'iile stresses of 1000 Ihs. per sq. in. 
and often considerably greater. 
(iv.) Detection of Stmin.-Strain may con- 
veniently he detected hy means of a polari- 
seupe, F:ince glass is doubly refracting when 
strained. \Vhen viewed through a quarter- 
wave plate between crossed Nicols a slight 
strain in a glass article may readily be located 
and the degree of strain estimated. l 

 (20) DEVITRTFICATlo
.-The term devitri- 
fication denotes the formation of an appreci- 
able quantity of a crystalline phase in the 
glass. The condition which favours devitri- 
fication in a glass is supersaturation with 
respect to one of its constituents or compounds 
at a temperature at which the viscosity is 
sufficiently low to pf'rmit of rapid crYHtal 
growth. The tendency of a glass to devitrify 


1 .. \nnc3ling of Glass," Journ. Franklin Inst. 
Nos. 5 and 6, cxc. 


is influenced by factors which are as yet 
imperfectly understood. There is evidence 
that gases dissolved in the glass exert a marked 
influence in this respect; certain glasse!'l, 
made with raw materials which have been 
carefully dried before use do not devitrify 
when worked in the blow - pipe, whereas 
similar glasses made from a batch not specially 
ùried devitrify readily. 
Certain constituents appear to inhibit 
crystal growth, whereas others appear to act 
as catalysts in accelerating it. Of the former, 
alumina is a notable case; boric acid, in 
certain caseR, is also effective. Of the latter 
class, sulphur trioxide, chlorine, and fluorine 
are examples, 
Of the crystalline phases which are formed, 
silica, in the form of tridymite, is the most 
common. In glasses rich in lime, calcium 
silicate (CaOSi0 2 ) is formed, and, in barium 
glasses, crystals of barium-disilicate (Ba02Si0 2 ) 
are deposited. Tridymite generally sepl1rates 
out from lead glasses, but in dense lead flints 
lead silicate is formed. These crystals may 
easily be distinguished by th<:>ir refractive 
indices: 


Tridymite . 
BaO(Si0 2 )2 . 
CaOSi0 2 


. 1'469-1.473 
. 1.598-1. 617 
. 1-621-1.633 


Glasses cont.aining soda are, ill general, more 
liable to devitrification than similar glasses 
containing an equivalent alllount of potash. 
For the prevention of de vitrification in any 
particular glass the factors controlling the 
crystal growth must be considered. For 
example, in the case of a soda-lime glass rich 
in calcium we may expect the glass to become 
supersaturated with respect to calcium silicate. 
The addition of alkali to this glass will increase 
the devitrification owing to the increased 
fluidity of the glass at any given temperature, 
but the addition of silica will increm;e the 
viscosity anù diminish the devitrification. 
In the case pf a glass rich in silica, say over 
73 per cent, the dangerous crystalline phase 
will be tridymite. The addition of lime to 
this glass will inhibit devitrification for the 
reasons given above. The addition of alumina 
to most glasses prevents devitrification. The 
formation of crystals is frequently observe{1 
on the surface of glasses which show no evidence 
of crY3tal growth in the centre of the glass. 
In some cases this may be due to the volatilisa- 
tion of alkali from the surface, giving rise to a 
thin surface film supersaturated with respect 
to silica. Glasses containing no appreciably 
volatile constituents show scum
, however; 
for example, a glass containing only CaO, 

IgO, and 
i02 gives a scum of f'rystal1inp 
(\IgOh
i(). 
::\lany glasses, when heated in the blowpipe, 
show a ring, of faintly opalescent appearance 
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a short distance from the point where the 
flame impinges on the gla
s. This phenomenon 
is known as "bloom." It has been shown 1 
to be due to the reaction of sulphur compounds 
in the gas with the alkali in the glass. The 
reaction is at first superficial only and the 

a
SC?4 formed can bc wiped off. If the glass 
IS subjected to prolonged heating, a permanent 
opalescence is produced and can only be re- 
mO\Tcd by melting the glass in the blowpipe, 
when the product of the reaction is dissolved. 


VI. PHYSICAL PROPERTIES 

 (21).-The measurement of the physical 
and mechanical properties of glass, as may be 
expected from the nature of the materi
l, is 
a matter of some difficulty. The classic re- 
searches of \Vinkelmann and Schott pointed 
the way to the further study of glass, but it is 
only in recent years that serious attempts have 
been made to cover the ground. 
In. the first place, the properties vary very 
consIderably \\ith the composition of thf' glass, 
and it is difficult to obtain specimens \\ith 
the desired degree of uniformity. Again, the 
presence of strain exerts a marked influence. 
\Ve have a further difficulty in that methods of 
measurement applicable to glass at ordinary 
temperatures, when for most purposes one may 
regard it as a solid, have to be abandoned at 
higher temperatures in favour of those suitable 
for dealing with liquids. \Ye have therefore 
a gap in our knowledge of the properties in the 
neighbourhood of the softening point, where, at 
any rate from the point of view of the manu- 
facturer and those who ha \.e to manipulate 
glass at high temperature::;, exact data is most 
needed. 
In this range there is eddence of a discon- 
tinuity in the properties (see ., Coefficient of 
Expansion," 
 (27)). Heatin a and coolina 
o 0 
curves show that all glasses give an endothermic 
reaction on heating and an exothermic re- 
aC'tion on cooling. To detect this it is neces- 
sary to use a sensitive differential thermo- 
co?ple, the evolution and absorption of heat 
bemg extremely small. Thi
 phenomenon 
occu.rs at a point when the glass acquires a I 
partICular viscosity, and is coincident with the 
discontinuity in the coefficient of expansion of 
the glass. 2 
An explanation of these phenomena is 
suggc:::;ted by the work of Griffith,3 which 
appears to indicate that, near the annealina 
o 
range, the atoms or group
 of atom
 which 
above that temperature are arranged at 

 
r
vers. Journ. Sec. Girts!; Tern. Y. 61. 
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 atfords a convenient method for the deter- 
IIUnatlO1l of the upper eritical annealing temperature 
of a,1l opaque gl
lSS. See ::;cientific Papers of Fureau 
O,f 
tanda.rd
, 
? 3:>8, "Concerning Annealing and 
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apidl
 form nuclei possessing a 
defimte onentahon. These nuclei or chains of 
molecules are formed slowly at room tempera. 
ture. 
It is suggested that this arrangement of 
atoms causes local strain which may produce 
surface flaws. This theory assumes that the 
attraction between the molecules is a function 
of the orientation, since the grouping, to form 
a crack, must cause a decrease in the potential 
energy of the system to counterbalance the 
surface energy of the crack. 
Experiments on glass fibres show that a 
fibre, drawn rapidly from a bead at a hiah 
temperature (i.e. chilled quickly through the 
annealing range) has an abnormal strength- 
10 6 lbs. per sq. in.-of the same order as the 
"intrinsic pressure." calculated from the 
energy required for volatilisation. 
After a short time, a few hours, this strength 
decreases, rea.ching a 
table \Talue which 
depends on the diameter of the fi hre. This 
f
ll in strength is accompanied by a change in 
dimensions. 'Yith fibres in the stable state, 
strengths have been obtained from 50,000 Ibs 
per sq. in. in a fibre .0027" diameter to 490,000 
Ibs. per sq: in. in a fibre '0001" diameter. By 
extrapolatlOn, for a fibre of zero diameter-i.e. 
of molecular dimensions-we obtain a figure of 
about 10 6 lbs. per sq. in. 
Thes(' strong fibres are only obtained if the 
glass be drawn hot. If dra\\;;' out too cold we 
ha ve 
 skin of chilled glass formed surrounding 
a flmd core; further extension will cause 
fracture of this skin, giYing rise to surface 
fl.a \Vs. 
The slow decrease of tensile strength at room 
temperatures, ascribed to molecular rearrange- 
ment with the attendant surface flaws, explains 
the spontaneous cracking of glass articles which 
sometimes occurs long after they have been 
made. 
\Yinkehnann and Schott attempted to corre- 
late the l.lhysical properties with the chemical 
composition and, assuming additive relations, 
to assign factors to the constituents by means 
of which the physcial constants of any glass 
could be predicted. The factors obtained 
were not by any means satisfactory for 
quantitative work, but, in general, we ha\-e 

een able to discover from them the com para- 
bve effects of the constituf'ut oxides on the 
properties. .. 

 (22) DE:KSITY. - The density of glass is 
approximately an addith-e function of the com- 
position. and can be expressed in the form of 
100;S =
(p/a), where S is the density oft he glass, 
p the percentage of a constituent in the glass, 
amI a is a constant for that constituent. The 
values of a are not identical with the densitie
 


" Ueferenn" should ùe made to the summary of 
their work by hove
tadt in his book Jena Giass, 
translated by Everett. 
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of the oxides; according to 'Vinkelmann and 
Schott a being always greater. 'Yinkelmann 
and Schott assigned the following values for a : 
B 2 0 3 . 1.9 A/ 2 0 3 . 4.1 
Si0 2 . 2.3 AS 2 0 3 . 4 I 
Xa 2 0 . 2.6 ZnO. . 5,9 
1\:20 2.8 BaO . 7,0 
CaO . 3.3 PbO. . 9,6 
:\IgO 3.8 
The results obtained with these constants 
give values correct to within about 3 per cent 
of the observed densities for most glasses. 
l\Iore recent work has shO"wn that the figure 
assigned to ::\IgO .is too high. Assuming a 
value of 2.3 for 8i0 2 . Turner obtained a factor 
of 2.9 for Na 2 0 and 2.9 for 
IgO. Tillotson 
has also calculated factors which give good 
results: 8i0 2 2,3, CaO 4.1, l\IgO 4.0, Li 2 0 3.7, 
Alz03 2.7.). 
The presence of strain in glass may cause a 
variation in the density of one in the second 
decimal place. 
Optical glasses range from 2,3, a light crown, 
to 5.9, a dense flint.! 


Common bottle glass 
Plate glass 
Heavy flint table-ware. 


2'46-2.47 
. 2.49 
. 3'5 


The alkalis and no group give a low dis- 
persion relative to liD (and have a high JI), lead 
oxide gives a high dispersion. 
Boric oxide lengthens the red end of the 
spectrum relative to the blue. .Fluorine, 
sodium, and potassium lengthen the blue end. 
Barium, whilp giving a high n D , gives a low dis- 
persion, and by its use we can obtain glasses 
with a high JI value relative to their refractive 
indices. This property is of great service to 
the optician. 
The presence of 
train lowers the rp- 
fractive index. The greater the dem:ity 
of the gl:.tss the greater the variation in 
refractive index due to strain. It is there- 
fore necessary that optical glasses be an- 
nealf'd with the greatest care. In the best 
glasses, the retardation due to double rf'frac- 
tion should not exceed one - sixteenth of a 
wa'Te-length. 
Below are given the optical constants of 
a few typical optical glasses. The figures 
given in the last column (taken from )Iessrs. 
Chance's list of optical glasses) show the 
wave -length at which the transmission is 
reduced to 50 per cent through a plate 1 em. 
thick. 


I I I Wave-length 
Typ(' . n D . n c -ll... II. C-D. D-F. F-G'. D('nsity. for 50 p('r cent 
abs. 
Fluor. cro\\ n . 1.4785 'UUli82 / --;'2 .Ou202 .00480 .00363 2.47 .301ft 
Boro - silicate 1 1'512û .00818 ü2-7 .OO:!4J .00,':;77 .U04.38 2.G2 
crown I . . 
Barium crown l' 5881 .00aû2 ül.l 'UO
B4 .00G78 .00544 3.31 . 358ft 
Silicate crO\\ n 1.5204 .008û9 59-9 .00255 '00û14 .00492 2.G3 . . 
Zinc crown 1.5149 .00890 57.9 .00:?G5 .OOG25 .00506 2.G2 . 323/.(, 
Baryta flint 1.5515 .01067 51.7 .00310 .00757 .OOG20 2-aa . 323ft 
Light flint. 1.5G32 .01312 42.9 .00375 .00937 .00781 3.07 . . 
Denæ flint l'ü182 .0 lG97 3G.4 .00484 .01213 .01031 3.üO .337 ft 
Rea viest flint 1.9044 .04174 21.7 . . .03023 '0272G 5.92 . . 



 (23) UPTICAL PROPERTIES. - :For optical 
purposes the refractive index: for light of wave- 
lengths '6363,u, . 5893ft, '48l32ft, and .4341ft, 
the C, D, F, G' lines, is dp.termined, and it is 
usual to specify the refractive index for the D 
line n D and the partial dispersions. The ratio of 
(n D - 1) to the" mean dispersion" is al
o gener- 
ally stated. This quantity (n D -l)j(n c - n F ) 
is known as JI. 
For most glasses the rpfractive index in- 
creases "ith the density and mean dispersion, 
while the value of JI decreases. Glasses having 
a high JI are generally designated crown glasses 
and those with a low JI flint glasses, the dividing 
line being a JI value of 55. 


1 'Yinkl'lmann an(l Hehott, LarsC'n. Amer. .lOHTI"!. 
Sri., 1000. xxviii. 23G: Tillotson, JOllrn. Ind. En(J. 
('hem., 1012. iv. 2.H): .]OllTn. Amer. Cer. Soc., Im8, i. 
iG: Turn('r and English, .]oltrn. Soc. Glass Tech., iv. 
126 and 153. 



 (24) HTRENGTII. - The strength of glass 
varlPs very considerably ,,,ith the composition 
and degree of annealing. The difficulty of 
handling so brittle a substance when testing 
has led to very divergent re;;;ults from different 
observers. 
The tensile strength proùably varies 
between 2! and 10 tons per sq. in. Under 
certain conditions glass fibres h:tve been pre- 
pared-'000I3" in diamf'ter-having a ten:::;ile 
strength exceed.ing 214 tons per sq. in. 2 . 
Crushing strength, 10 to ]5 tons per squ'ue 
inch. 
'Yinkelmann and Schott placed the oxides in 
the following order, as regardb their influence 
on the glass in tpnsion: CaO. 2nO, 8i0 2 , 
P20S' R 2 0 3 , BaO, AI;,>O:JJ Af"20S' PbO, Na 2 0, 
1\:20, 
fgO: in compression, SI();:' .:\IgO.., AI/)3' 
B 2 0 3 , ZnO, PhO, RaO, K 2 0, Na 2 0. in descend- 
I Griffith, Phil. Trans. A, ccxxi. 
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ing order of strength. (The positions of CaO 
and ::\[gO are doubtful.) 

 (23) HARDXEss.-The hardness of annealed 

lass on ::\lohs' scale varies between quartz and 
fluorspar. Yarious attempts have been made 
to a::;sign factors to the constituent by means 
of '\\ hich absolute hardness may be calculated, 
but they have met. with little success. 
All glasses "ill scratch any other glass. 
Auerbach attempted, by measuring the size of 
the scratches, to arrange glasses in order of 
their scratching powers and their resistance to 
scratching. It was found that the order 
obtained by an estimation of their scratching 
powers was not by any means identical '\\ ith 
their re::;istance to scratching. 
The hardness of a glass surface depends vpry 
largely on the heat treatment it has received, 
surfaces in compression being considerably 
harder than those in tension (see" Annealing," 

 (19)). It is claimed that by extremely rapid 
chilling it is possible to obtain a glass which 
cannot be scratched by a diamond. 
Various processps have been patented for 
hardening sheet glass by chilling the surface. 
Rapid chilling can be obtained by pressing the 
hot glass sheet between copper plates. Glass 
so treated is said to withstand eight times the 
shock which would fracture a similar sheet if 
annealed. The success of such a process 
depends on the uniformity with which the 
chilling is effected. 

 (26) ELASTICITY. (i.) Young's Jlodulus. 
-Young's 
lodulus varies from 4.9 to 5.9 
dynes per sq. cm. for flint glass and from 5.9 
to 7.8 for crown glasses. 
Clarke and Turner have calculated factors 
for various oxides which satisfy the equation 
E (Young's 
Iodulus)=
pz, p being the per- 
centage of the oxide in the glass and z a con- 
stant. This formula gives good results for 
soda-lime glasses. 


Oxide. 


Value of z 
(giving E in kg. per øq.cm.). 
40 
no 
120 
I
O 
240 
300 


Si0 2 
Na 2 0 
(Al 2 0 3 ) . 
(Fe 2 0 3 ) . 
CaO. 
()JgO) 


The val ups for the oxides in brackets require 
further verification. 
Hi.) Rigidity (Torsion Jlodllllls).- 
Flint glass. . 2-0.2.5 X 10" (dynes per sq. em.) 
Crown glass . 2'6-3'2 x 10'" (dynes per sq. em.) 
(iii.) Volume Ela.
ticit!l (Bulk ...1/odulus).- 
Flint glass. . 3'6-3'8x 10" (dynes per sq. em.) 
Cro\\n glass . 4'0-5'9 x 10'" (dynes per sq. em.) 
(iv.) Poisson's Ratio.- 
0-21-0.28. 


VOL. TV 



 (27) COEFFfCIEl'T OF EXPAXSIOK. - The 
linear coefficient of expansion varies from 
3.3 x 10- 6 to 14 X 10- 6 , that of fused silica 
being 0.4 x 10- 6 . 


Typical Glasses. 


Linear Coefficient 
IOO-IOOO)XIO- _ 


Heat - registing glass (cook- 
ing ware, etc.) 
J ena 59'" . 
Jf>na 16'" . .. 
English laboratory \\are 
Flint glass 
Soda-lime glass 


3.3 
5.7 
78 
7.4 
7to8 
. 7.5 to 9.5 and o-çer. 


Turner and English have suggested factors 
for the calculation of the coefficients of ex- 
pansion by the formula a=
pz x 10- 7 , p being 
the percentage of any constituent and z a 
constant as
igned to it. 


Oxide. 
Si0 2 
.Ka2 0 
CaO 
)IgO 


Yalue of Z. 
. 0-05 
4.32 
l'ü3 
0.45 


It will be seen that the coefficient of e}.pan- 
sion is sensitive to a small change in the alkali 
content of the glass; an incrpase of ] per cent 
in the alkali may cause an increase of 5 per cent. 
in the expansion. 
The expansion is affected eonEiderably by 
the presence of strain in the glass. Yalues 
obtained from strained glass may be 5 per cent 
rngher than those from the same glass after 
annealing. 
. The coefficient of expansion rises stea<lily 
'\\lth the temperature, a linear relation holding 
over a small range of temperature. 'Yith all 
glasses, however, there is a discontinuity in 
the expansion near the annealing temperature 
of the glass, the coefficient increasing by six 
or even more times its normal value. Thi
 
a bnormality only persists ov-er a short range 
of temperature, the coefficient of expansion 
falling at higher temperatures. 1 

 (28) SPECIFIC HEAT.-The specific heat of 
glass at normal temperature may be calculated 
to within 1 per cent from the specific heats 
of the constituent oxides, the specific heat 
c= 1/100
PC', P being the percentage of 
the conRtituent and C' its specific heat. 
'Vinkelmann assigns the following values 
of C' : 
Si0 2 . .1913 BaO . .06728 
B 2 0 3 . .2272 .K a 2 0 . .
li7 4 
ZnO . .1248 1\:20 . .18GO 
PbO . .05118 Li 2 0 . .5497 
)IgO . .2439 CaO . .1903 
Al 2 0 3 . . .2074 P20ã . .1902 
As 2 0 3 . . '1
76 :\ln 2 0 3 . . .Wül 
The thermal capacity ppr unit volume shows 


1 "Measurempnt of Thermal Dilation at High Tern. 
peratures," Peters and Cragoe, Bureau of Standards 
Scientific Papers, Xo. 393. 
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only an approximate approach to constancy, 
varying from ahout 4.7 to 5.1. 


Lcad flint. specific heat 
Soda lime, specific heat 


'14 
']9 


The specific heat rises with the temperature.! 
Glasses have a specific heat only slightly 
higher in the amorphous state than in the 
crystalline (rlevitrified), with the exception of 
glasses rich in alkali, where the difference is 
considera ble. 
9 (29) THERl\IAI, CONDUCTIVITY. - .0015- 
.002.3 O.G.S. units. These figures may be 
taken as approximate for room temperature. 

 (30) ELECTRICAL CONDUCTIVITY AND 
SPECIFIC INDUCTIVE CAP \.CITY.-The conduct- 
ivity of glass df'pends largely on the alkali 
content of the glass. Glasses rich in soda 
have a high conductivity. The substitution 
of potash for soda reduces the conductivity. 
Ambronn 2 stateR that the conductivity can 
bf' expressed in thf' form L=Loe- ß / o , Lo and ß 
being constants, L the conductivity, (J the 
absolute temperature. I
o can be expressed as 
a li.near function of the soda and Hme in the 
glass. 


Type of Glass. Specific Resista.nce X 10 10 . I 'l'emperature, 
". o u. 
Soda lime 531.05 55 
89.15 72 
11.901 93 
].874 116 
0.202 ]49 
Specific Inductive Cap. 
6.26 11 
6-79 ]29 
Specific Resistance. 
Soda lead 215.13 73 
]44.G4 83 
20.8
 104 
4.U3 ]20 
].89 1<10 
Specific Inductive Cap, 
7.3ü 19 
8.44 130 
Specific Resistance. 
Potash lead. ]328-6 142 
Specific Inductive Cap. 
6.76 ]8 


According to Gray and Dobbif',3 ann
alinf'T 
reduces the conductivity of glass by many 
times its value in the unannealed state. 
1 'Vhite, Amer. JOltrn. Sri. xxviii. 334. 
2 Ambronn, Phys. Zeitsch., 1913-14,112; 1918-19, 
401. 
a Gray and Dobbie, Proc. Roy. Soc., 1898, ]xiii. 
38; 1900, lxvii. 197. 



 (31) THER:\IAL EXDURANCE. - 'Vinkel- 
mann and Schott adopted the formula 
p I K 
F=uE \ SO ' 


F being the resistance tü a sudùen change 
of temperature, 
P = tensile strength, 
a = coefficient of expansion, 
E = Young's l\Iodulus, 
K = thermal conductivity, 
S = density, 
o = specific heat. 
Yalues calculated by this formula are more 
or less in accordance with experimental results. 
Since the coefficient of expansion changes 
more rapidly with composition than do the 
other physical constants, the thermal endur- 
ance is therefore largely governed by the value 
of a. Glasses rich in alkali are therefore the 
most liable to break with changes of tempera- 
ture. G]ass being considerably stronger in 
compression than in tem:ion, it fonows that 
it will be more resistant to sudden uniform 
heating than to sudden cooling. Glasses 
which will not "ithstand a rapid fall of 50 0 
without cracking can be heated rapidly to 
several hundreds of degrees without risk. 
It is probable that the condition of the surface 
of the glass plays an important part in the 
thermal endurance. 
Tests of the thermal endurance of hollow 
glass-ware may be carried out a
 follows: 
A beaker or flask of the glass under test is 
filled with wax and heated to a degree or so 
above the temperature of testing. It is then 
allowed to cool, keeping the wax well stirred, 
until the requ
red temperature is reached, 
when it is plunged into iced water. This 
operation is repeated at successively higher 
temperatures until the beaker cracks. This 
test can usually be made to repeat to within 
15 0 C. 
Good beakers should stand 150 0 C. without 
cracking under this test. Laboratory ware 
containing striae are found not to be inferior 
to those free from cords, although the former 
must be in a state of considera.ble strain. 
9 (32) SURFACE TENSloN.-The surface ten- 
sion of glass 4 has been measured bv Griffith 
at temperatures up to 1100 0 C. and a value 
at 15 0 C. obtained by extrapolation. 5 


Tempprature. oc, 


Surface Tem;ion in lù. per Inch. 


IlOO . 
905 . 
801 . 
745 
15 (extrapolatcd) . 


.00230 
.00239 
.00257 
.0025 I 
.0031 


41 TIlP glm;!'; U!'\C(] had tl1P following composition: 
RiO:!. 69.2 per cent; K 2 0, 12 per ccnt; Na20, 
0,9 per ('pnt; Al 2 ü a , 11.8 per cent; CaO, 4,5 per 
cent; 1[nO, O.{) per cent.. 
6 GrifJith, Phil. Trans. Roy. Sor. A, <'cxxi. 
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 (33) YISCOSITY. - The TIscosity of glass 
falls rapidly with a rise in temperature. 
There are great experimental difficulties 
associated "ith the measurement of viscosity 
at high temperatures, and there is but littie 
data on the absolute TIscosity of glass at present 
available. Practical glass-makers have, how- 
ever, collected information as to the general 
effect of certain constituents on the melting 
temperature and rate of setting, i.e. the 
temperature coefficient of ,iscosity. Thus, 
the addition of silica decreaseS the tempera- 
ture coefficient, i.e. glasses rich in silica have 
a long working range, whereas the addition 
of lime increases the temperature coefficient. 
Alumina and baryta are also said to impart 
a high temperature coefficient to glass. 
The viscosity of glass at the "fining" 
temperature is of the order of 50 (absolute 
units). At the gathering temperature the 
viscosity is from 1300 to 3300, depending on 
the size of the ware manufactured and the 
method of blo"ing. \Yith automatic blowing 
devices the glass is gathered at a much lower 
viscosity. The TIscosity at the annealing 
temperature is 10 13 _10 14 . 
The measurement of viscosity has been 
used for the determination of the annealing 
temperature, the method adopted being the 
observation of the rate of twisting of a glass 
rod under a known torque. 1 


VII. COLOURED AXD OPAL GLASSES 

 (3-!).-Coloured glasses may be divided 
into two groups, according as the colouring 
agent is (i.) apparently in true solution in the 
glass or (ü.) suspended in a fine state of 
division resembling a colloidal solution. As 
in the case of aqueous solutions, there is no 
sharp line of demarcation between the t" 0 
groups. 
Coloured glasses in the category (i.) are 
produced by the oÅides of iron. titanium, 
manganese, cobalt, nickel, chromium, copper, 
etc., and in the second group (ii,) by the 
elements carbon, copper, gold, and selenium, 
etc. The opal glasses may be considered as 
coming under the heading (ü.). 
(i.).-The colours produced by the various 
oxides vary somewhat "ith the composition 
of the glass and the conditions of melting 
(i.e. oxidising or reducing). In the case of the 
green glasses, the soda glasses tend to a bluish- 
green and the potash to a yellowish-green. 
(a) Iron.-In the divalent state iron im- 
parts a bluish - green colour, in the trivalent 
1 Littleton and Roberts, JOllrn. Opt. Soc. of Amv. 
jy. 4: Trouton and Andrews, Proc. Phys. Soc. Lond. 
xix. 47. 
For data on thp viscm;ity of glass and slags see 
Arndt, Zeit. fiir Flectrocltemip, 1907. p. jï
; Chem. 
A ppa raten ku nde. 1903, :So. 3; Field, Trans. Far. 
Soc., 1917-1918, xiii. ; Washburn, Phys. Re'1.'., Feb. 
1920. xv. 2. 


condition a greenish-yellow is produced, The 
colour from the di\'alent iron is much more 
intense than that from the tri\'alent, and 
hence oxidising conditions of melting are 
conducive to freedom from colour. 
(b) Titanium oxide in combination with iron 
is used for the production of amber blass; 
very beautiful shades of amber may be 
obtained. 
(c) Jlangane8e. - 
Ianganous compounds 
have very little colouring action on glass, 
giving a faintly green colour in sn
all con- 
centrations and a brown colour in large. "
hen 
oxidised, colours ranging from pink 
to purple 
are produced. In small quantities manganic 
compounds neutralise the blue-green colour 
due to iron and are, accordingly, frequently 
used for this purpose, where oxidising con- 
ditions prevail. Used in larger quantities 
\\ ith iron, am bel' glasses are produced. 
:l\Ianganese is used extensively in combination 
,\ith other oxides "here a purple tint is 
req uired. 
(d) X iclæl.- The colouring effects of nickel 
are very yariable; in fact, it has been claimed 
that with this oxide alone all the colours in 
the spectrum can be produced, "ith suit- 
able modifications of the batch JIlixture 
and firing conditions. Xickel is little used, 
therefore, commercially, although it is some- 
times used with considerable success as a 
decoloriser to neutraJise the effects of ferric 
iron. 
(e) Cobalt yields intense blue glasses. 
0.01 per cent of the oxide is sufficient to 
produce a pale blue and 0.1 per cent a medium 
blue glass. The action of cobalt is similar 
in reducing and in oxidising conditions, and it 
is used almost exclusively for the production 
of blue glasses. Cobalt glasses, ho" ever, 
transmit an a pprecia ble proportion of red 
rays. The addition of a small quantity of 
chromium cuts out the red rays (1 part of Cr 
to 10 Co). 
(I) Chromium produces intense green 
glasses, but the colouring effect is Dot so 
strong as in the case of cobalt, It is used 
extensively in the industry, since the chromium 
colours are little affected by melting conditions. 
Chromium is generally introduced in the form 
of potassium bichromate. 
(g) Copper. - Divalent copper gi\'es tints 
varying between blue and green. Cnder re- 
ducing conditions ruby glass can be obtained 
(see below). 
(h) Iridium imparts a neutral grey tint. 
In large quantities a black glass can be 
obtained. 
(i) Cadmium, in the form of the sulphide, 
produces a rich yellow glass. 
(j) Cranium also gh-es a yellow glass, 
characterised by a marked fluorescence in any 
bu t lead glasses. 
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(k) Antinwny may produce yellow glasses 
when used with lead batches. 
(ii.).-In the second group of colouring 
agents copper, gold, and selenium are used 
commercially for the production of ruby glass. 
The manufacturing process presents some 
technical difficulty. 
(a) The copper ruby is the cheapest to make, 
but the process requires great care, and. 
freq uently inferior colours are produced. It is 
necessary that the copper be reduced to the 
metallic state, and the presence of a reducing 
agent is necessary. Partial oxidation imparts 
a muddy green colour to the glass. The 
copper is usuaJly introduced into the batch in 
the form of the oxide. \Vhen the glass is fine 
the copper is apparently in complete solution, 
and proofs taken from the pot and chilled 
quickly may be colourless. The glass is then 
gathered and blown to the required shape. 
The article is then reheated and the ruby 
colour comes up (the glass being said to 
" strike "). 'Vith the copper ruby the colour 
is so intense that it is necessary to use the 
ru by glass in thin sheets only, the articles 
required being "flashed" with ruby (i.e. 
made from colourless glass and covered with 
a thin ,poating of ruby; this is effected by 
gathering the glass for blowing the article 
from a pot containing "white" glass and 
then, before blowing, dipping the gather in 
the ruby glass; by this means glass-ware can 
be made with an extremely thin coating of 
ruby glass). 'V hen the glass is reheated the 
particles begin to aggregate, and when the 
glass "strikes" they have at,tained a suffi- 
cient size to produce scattering of the light. If 
the ruby glass is heated further the colour 
will change to purple, and from purple to blue 
as the particles increase in size. Finally, if 
heated for a sufficient time at a suitable 
temperature, the particles become visible 
and the well-known copper aventurine glass 
is produced. To obtain a good ruby the degree 
of dispersion of the metallic copper lies within 
fairly narrow limits. 
(b) The gold ruby is made in the same 
manner, but the glass is much easier to handle, 
since there is not the same tendency to oxida- 
tion as in the case of the copper ruby, and it is 
possible to work with small concentrations 
of gold. It is therefore not necessary to 
" flash" gold ruby. The gold is usually 
introduced in the form of gold chloride. 
The presence of tin oxide greatly facilitates 
the striking of the ruby and is almost invari- 
ably used in the industry with the copper 
ruby, and generally with the gold ruby. 
(e) Selenium in the metallic state is also 
used for the production of ruby glass. In 
small quantities selenium is used as a 
" decoloriser" under conditions sufficiently 
reducing to ensure that the selenium remains 


in the metallic state. It is used for this 
purpose in tank furnaces. The oxide of 
selenium exerts no colouring action. 
(d) Carbon, in suspension in glass, gives 
colours ranging from yellow to amber. 
(e) :l\Iany special glasses have been made 
for the transmission and absorption of light 
of particular wave -length. Thus there are 
at present on the market a large variety of 
glasses similar to Crookes' glasses, the principal 
constituent of which is cerium oxide, which 
transmit nearly all the light in the visible 
spectrum, but are particularly opaque to 
ultra- violet light and cut down the infra.red 
light considerably. The absorption of these 
glasses for ultra - violet light is said to be 
improved by exposure to a strong source of 
ultra - violet. Similarly, nickel glasses are 
made which are opaque to visible radiation 
but are highly transparent to ultra - violet 
ligh t. 
(f) The colour of glass is modified by 
the prolonged action of sunlight and ultra- 
violet light. Glasses containing manganese 
rapidly develop a purple colour on exposure 
to intense ultra - violet light,. This colour 
disappears if the glass is heated to its softening 
point, but reappears again if exposed further 
to ultra - violet Jight. Soda -lime glass tends 
to develop a blue colour, nickel and selenium 
a yellow. 
(g) A rise in temperature displaces the 
absorption in coloured glasses towards the 
red end of the spectrum. 
9 (35) OPAL GLASSES. - Opal glasses are 
made under conditions somewhat similar 
to the manufacture of ruby glass, the opal- 
escence being due to the presence of small 
particles in suspension. Some of the opals, 
however, are regarded as being emulsoids 
rather than suspensoids, the disperse phase 
being a glass insoluble at low temperatures. 
(i.) Fluoride Opals. - The most common 
opacifying agent is fluorine. This may be 
introduced as fluorspar (CaF 2 ), sodium fluoride 
(NaF), or cryolite (3NaF, AIF 3 ). In practice 
the presence of alumina serves to facilitate 
the production of the fluoride opals, a!though 
these can be made without alumina. The 
most usual ingredients in an opal batch are a 
mixture of fluorspar and felspar or cryoJite 
alone, or a mixture of the three. Up to 
20 per cent of cryolite may be used in an 
opal batch. The character of the opal varics 
somewhat with the form in which the fluorine 
is introduced. Thus, the NaF opal is faintly 
opalescent over a long range, whereas the 
cryolite opal strikes rapidly. By a careful 
control of the quantity of fluorine present 
opals can be made to remain clear when 
cooled quickly and to strike when reheated. 
Various ornamental effects are thus intro- 
duced into artistic ware by judicious local 
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heating. The composition of the su
pended 
particles is not yet kno.wn "ith certainty. 
(ü.) Plwspltates.-Good opal glasses are 
also made with calcium phosphate (bone ash) 
a,s the o})acifying agent. These opals strike at 
a higher temperature than the fluoride opals; 
they require a higher temperature to melt, 
and are not. so easy to manipulate. They have 
the advantage, however, that they do not 
tend to "boil" readily if overheated, as do 
the fluoride opals, which t'volve fluorine copi- 
ously if the temperature be allowed to exceed 
1300 0 C. 
(üi.).-There are other materials sometimes 
used in the manufacture of opals. Arsenic 
yields a good opal, and oxide of tin is used, 
especially in the enamelling industry. 
The opal glasses are usually fragile and 
break easily if exposed to a rapid change of 
temperature. If reheated for any length 
of time, or worked in the blow - pipe, the 
suspended particles grow, especially if the 
concentration of the opacifying agent in the 
glass is high, and the glass has the appearance 
of de vitrification, the surface losing its gloss. 
If examined microscopically it is seen that 
the particles consist of globules of a glass 
haring, as can be determined by manipulation 
in the blow - pipt', approximately the same 
softening point as the matrix. 
Opalescent effects are often found as the 
result of incipient devitrification, the crystal- 
lisation of silica sometimes producing this 
effect. 
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 (36) CUT GLASS.-Cut glass i
 in common 
use for many purposes-table-ware, massive 
glass-ware, etc. This industry is larger than 
is generally supposed. The preparation of 
cut glass-ware is a laborious operation requir- 
ing considerable skill. The first step is the 
preparation of the" blank," which may either 


be pressed or ì...lo t\I1, 
ùl
ï'ali.f 
l:1l. }at ter. 
The patterr... to Le 1' 1 1 t if: th
l
 þt,intc,(! ùn (he 
blank; these patterns are often very com- 
plicated. Sometimes a transfer is used for 
this purpose. The ware is then taken to the 
grinding shop and ground on a coarse stone 
or an iron wheel fed with sand. After the 
coarse grinding the glass is finished on a finer 
grade of emery or carborundum wheel, and 
finally polished on a wooden "heel fed "ith 
putty po" der (tin oxide). In the case of 
heavy articles this "ork is very laborious, 
a heavily cut piece taking some '\\eeks to 
complete. 
After the fine grinding the polishing is 
sometimes effected by "acid polishing," 
thereby avoiding the use of the wooden wheel 
and putty po" der. In this process the "are 
is dipped into a solution containing hydro- 
fluoric acid. If the composition of the solution 
is properly controlled a beautiful finish is pro- 
duced on the glass-"ith a great saving of 
time and labour. 
9 (37) EXGRAv]sG.-This form of decora- 
tion is frequently applied to "flashed" glass, 
but is also employed for colourless glass. 
The engraving is carried out by means of a 
small soft iron or copper disc, usually revoh". 
ing at a high speed, fed "ith fine emery or 
carborundum powder. In the hands of a 
highly skilled engraver very beautiful and 
delicate effects may be produced. 

 (38) ETCRISG AXD E:
IBOSSIXG. -l\Iost 
glass-ware may be etched by means of a 
solution of hydrofluoric acid or sodium 
fluoride. A weak solution of hydrofluoric 
acid leaves a polished surface; strong hydro- 
fluoric and sodium fluoride give matt surfaces, 
the latter reagent yielding a finer grained 
surface than the former. 
In the etching process the glass is first 
coated "ith Bruns" ick black or wax, leaving 
the parts to be etched uncovered. This is 
effected t'ither by means of a transfer or by 
coating the whole surface "ith "ax and 
cutting away the part to be etched, For 
small designs a pantograph is sometimes used 
for this purpose. The glass is then immersed 
in the etching solution and afte
 ards "ashed. 
The wax may then be washed off ,,;th hot 
soap and water, the Bruns\\ick black being 
removed by washing with turpentine or a 
solution of caustic soda. 
The solvent action of a weak solution of 
hydrofluoric acid affords an excellent method 
f
r cleaning glass surfaces. Glass rinsed 
"ith a weak solution is cJeaned almost 
instantaneousl
' without an appreciable loss 
in weight. 

 (39) SXXD-BLASTIXG.-This is the c11eapest 
method for preparing a ground.glass pattern 
on glass surfaces. It is commonly used for 
la belling bottles, etc. A stream of sharp- 
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graine r 1 4 S'lnr1 i
 ÞIO\,'h araitlst the glass by 
mf'"<>.I.S (If. 1\ ."t....&m... or- 'tÏ r - 1 "h,!:'t: and a ground 
surface is rapidly produced on those parts 
not protected. The glass to be sand-blasted 
is covered \\ith a stencil plate cut, from 
metal foil or parchment, to the desired 
pattern, For elaborate patterns dextrine, 
applied by means of a stencil, is sometimes 
used as a protection. 

 (40) FROSTED GLASS. - So-called frosted 
glass is made by coating the '3urface of glass, 
which has previously been sand-blasted, with 
glue, which, on drying, contracts and chips 
off flakes of glass, producing the appearance 
of a frosted window-pane. 

 (41) BEADs.-SmaJl glass beads are usually 
made from thick-walled tubing. Short lengths 
are cut from the tubing and these are heated 
in a revolving drum until the edges are 
rounded off. To prevent the beads from 
adhering to each other and the holes through 
them closing up, they are kneaded with clay 
or talc before heating. They are subsequently 
polished by being shaken ,\ith bran. Glass 
marbles are made in a similar way, using 
rod instead of tubing, 
Opaq ue glass for making beads i8 sometimes 
obtained by stirring the glass rapidly before 
drawing the tube. By this means a large 
number of small bubbles are introduced into 
the glass, which somewhat resembles mother- 
of-pearL 
Larger beads and imitation pearls are made 
by blo\\ing smaH bulbs from tubing. Coloured 
pigments are then introduced inside the bulbs. 
In the manufacture of imitation pearls 
"essence of pearl" is used. This is made 
from scales of fish ground to an impalpable 
powder. The silver and coloured balls 
(associated \\ith Christmas trees) are made by 
silvering the inside of the bulbs and then 
painting the outside with a transparent 
enamel. 

 (42) DRILLING AND SLICING.-Glass may 
be drilled by means of a sand - blast. For 
finer work, a hard steel drill, lubricated with 
turpentine, or a copper or brass tubr-, fed 
with carborundum or emery, may be used. 
Blocks of glass may be cut rapidly by means 
of a diamond circular saw-a soft iron or mild 
steel diRC armed with diamond dust. 
9 (-J.3) REI
FORCED GLASS. - Various pro- 
cesses have been employed for strengthening 
sheet glass. Of these, the most common is 
the use of wire - netting em bedded in the 
glass. The wire, which is pre - heated, is 
rolled into the glass during the manufacture 
of the sheet. 
Another procpss now in operation consists 
in cementing together thin glass sheets by 
means of a thin layer of cr-lluloid. A com. 
p()
;ite sheet made in tfIiR way will not. splinter 
when broken. 


S (.!-!) .I!'USED blLIcA.-For the properties 
and uses of fused silica, or q ual'tz glass, see 
article OIl H Refractories."- E. A. C.-P. 
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GLASS, ACTION OF STEAM ON. See" Glass, 
Chemical Decomposition of," 9 (2). 
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 (1) DEVITRIFICATION AND COLOUR CHANGES. 
(i.) Atmospheric Agents.-All glass is to a 
greater or less degree subject to change after 
manufacture. These changes may arise from 
chemical transformations occurring in the 
body of the glass itself, or may be produced 
by agencies outside - giving rise to modifications 
of the surface of the glass; in both cases 
the glass is considerably altered, and where 
the transparency is of prime importance the 
glass may be rendered quite unserviceable. 
The chief change arising in the body of the 
glass itself is known as devitrification, and 
is caused by the crystallisation of various 
metallic silicates, or more rarely silica, giving 
rise to definite crystalline aggregat
s, or in 
extreme cases a micro-crystalline 8tructure 
affecting the whole mass of glass and render- 
ing it ops,que. These phenomena are usually 
noticed in batches of glass wpich have been 
allowed to remain for prolonged periods at 
too low a temperature during melting, or on 
reheating for the purposes of working or 
annealing; during any of which operations 
the range of temperature for the formation 
of the various silicates has been maintained 
for })rolonged periods, thus favouring their 
crystallisation and separation. Hecent re- 
searches made on the cooling of molten 
silicate mixtures and the thermal effects 
observed during the process have enabled some 
of these critical ranges to be a voided, with the 
result that dC'vitrification has become a less 
serious problem, Various impurities appear 
to induce devitrification, while the favourable 
influence of others in preventing the trouble 
(e.g. alumina) have been ],nown for a long 
time. 
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Glass a] so undergoes certain chemical 
changes from. within due to other causes than 
those of dentrification. 
In the manufacture of glass of the highest 
quality for optical purposes, or for use where 
the maximum transparency and lack of colour 
is of prime importance, the greatest care has 
to be taken to ensure that all the materials 
used are of the highest degree of purity. 
For example, it has been found that the 
presence of chlorides or sulphate in the alkali 
used in the manufacture of potash lead glass 
is capable of producing cloudy glass unless 
certain precautions are observed during the 
process of manufacture. By employing a 
high temperature, or by the addition of borax 
to the melt, the trouble may be obnated. 
It is, howe\-er, not impossible to obtain alkali 
which is practically free from these impurities. 
and this course is to be preferred. 
Another impurity which is impossible to 
remove entirely, and which when present in 
any but the most minute proportions (0.03 
per cent) produces a distinct coloration, is 
oxide of iron. The coloration can be destroyed 
by the addition of peroxide of manganese. 
rhe addition, howe\er, frequently causes a 
secondary change to supervene, giving rise to 
the formation of a pink colour. Severa] 
explanations have been gi\en of the pheno- 
menon. The first action of the oxide of 
manganese is to oxidise the iron, producing a 
nearly colourle!:'::, ferric silicate, which under 
the influence of sunlight, or the ultra-nolet 
rays, is capable of again becoming deoxidised, 
gi\ing rise to a higher and coloured oxide of 
manganese. It has also been supposed that 
the colour is due to the formation of alkaline 
permanganatt's. The strong pink colour aris- 
ing from this change is commonly noticed in 
old window glass. In the manufacture of the 
best optical glasses little or no manganese is 
added, but every precaution is taken to ensure 
that all the materials are as free from iron as 
possihle. Glass which has become coloured 
bv mamranese in this wa v is rendered colour- 
l;ss on..... again remelting. The presence of 
some base which is capable of forming a 
higher and lower oxide seems necessary before 
the influence of manganese makes itself felt. 
(ii.) .Acti01! of Jrater.-In addition to the 
changes arising in the mass of the glass 
itseU. there are others which are caused 
by outside agencies and affect its surface, 
resuJting in the production of tarnish, or 
actual disintegration of the glass material. 
The most important substance which is 
capable of producing these changes in glass 
is undoubtedly water, and in some cases its 
action has been 50 pronounced that otherwise 
u;;eful optical glas
es have had to hE' dis- 
carded. or to be enclo
ed between lavers ()f 
more durable glass to make them ;uitable 


for emploJing in optical instrument
. In the 
case of gla:ss used for optical purposes it is 
found that moisture is actually absorbed 
from the at.mosphere, due to the 
hygroscopic 
nature of the glass; the water is capable of 
causing solution of the glass mth a simul- 
taneous liberation of alkali, which on com- 
bination with the carbon dioxide of the air 
produces a layer of alkaline ca.rbonates. It 
has been observed 1 that gla

es containing 
potash, lime, and silica are Yer) much more 
hygroscopic, and therefore more susceptible to 
attack by this means, than are the corre- 
sponding soda glasses. The presence of 
increasing amounts of lime decreases this 
disparity to a great degree. Gla:::;ses contain- 
ing oxide of lead are on the other hand far 
less hygroscopic than either, and are therefore 
not so liable to decomposition by this means. 
The changes produced by "Water on glass are 
more pronounced as the opportunity for 
contact is greater, and in con
quence glass 
exposed to water is attacked more rapidly 
than ,\hen moist air only is in questioR. 
Rise of temperature, particularly if accom- 
panied by rise of p
ssure, as in the case of 
"ater-gauge glasses
 considerably increases 
the rate of the attack. Gla.&>es containing boric 
acid, alumina, or zinc, with soda 
 alkali, 
have pro\ed to be particularly resistant to 
the attack by water at all temperatures, and 
are, moreover, capable of withstanding pro- 
longed contact with water at high temperatures 
and pressures, without undergoing marked 
deterioration, or becoming obscured by the 
liberation of opaque insoluble basic silicates, 
as in the case of the lime alkali gla

es. The 
two well-k.no\l'1l Jena gl
ses 16'" and 59'" 
are of this type. Another change affecting 
optical gla
;::, in which water undoubtedly 
plays a part, but at the same time is not the 
sole cause of the phenomenon, is what is 
generally alluded to as "filming." It is 
found that the interior lenses, pri
ms, and 
other glas.s parts of optical instruments occa- 
sionally become veiled, causing a diminution 
of the light transmitted, and in extreme cases 
almost complete opacity. The exact cause, 
or causes, has not been clearly elucidated, 
but "What
ver they may be, there .appears 
little doubt that the glass has suffered some 
chemical decomposition. 
\Yhen "filmed" glass is examined under 
low magnifications, at least tl\ 0 distinct types 
of films are noticed; in,the one, distinct globules 
may be distinguished, while in the other the 
glass is obscured by a bloom which undpr 
higher magnifications is also seen to be globu- 
lar. The" film" is frequently noticed to 
be grouped round minute scratches or un- 
e,ennesses; on the other hand it may vcry 
1 Foerster. Berichte der Delltsc
. Chem. Ges., 1893, 
xxvi. 2920. 
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markedly avoid them. On exposure to air 
the film does not spontaneously evaporate, 
but does so on heating, leaving a residue and 
usually a tarnish of the glass surface, with 
or without actual pitting. It has been 
})roved that the lubricants used in the lens 
threads, and the varnishes or blacking com- 
pounds used on the interiors of the cells or 
chambers, play some part in the process, and 
that such compounds which give off volatile 
constituents at ordinary or slightly elevated 
temperatures are unsuitable for use in optical 
instruments. Absolute cleanliness in the 
polish..ng and subsequent treatment of the 
lens, together with drying of the air in the 
chambers before sealing up, and the use of 
suitable lubricants, appear to prevent fihning 
to a great degree. The treatment of the lens 
with hot water after polishing is also claimed 
to act as a palliative, but with all these 
precautions the prevention of filming cannot 
yet be said to be certam, anù more research 
is required. One thIng, however, seems 
conclusiv{'ly proved, namely, that water plays 
a large part in the process. l Atmospheric 
dust is also capable of causing the de- 
composition of the polished surfaces of glass 
lenses. The degree of attack depends in 
the case of glasses free from lead on the 
amount of alkali present. When this is 
below 10 per cent it is found on microscopic 
examination that each dust particle has 
become a centre of decomposition, while in 
the case of glasses richer in alkali the whole 
surface may undergo a homogeneous de- 
composition with the liberation of alkaline 
salts, forming deliquescent globules in the 
case of potash glasses, and a, dry dusty deposit 
in the case of soda glass. In glasses contain- 
ing more than 20 per cent alkali the deposit 
becomes visible to the naked eye. 
Lead glasses containing more than 20 per 
cent oxide of lead exhibit what are known a
 
lead spots; these on microscopic examination 
are seen to originate from dust particles, each 
of which forms the centre of a mass of minute 
brown or blackish scales. They are pre- 
sumably lead mirrors produced by the re- 
ducing action of the dust on the solution 
of the glass formed by traces of moisture. 2 

 (2) DECO:\IPOSITION CAUSED BY CHEMICAL 
REAOENTS.-It will be seen from what has 
been said above of the various factors affecting 
the stability of glass, that it becomes necessary 
to subject that intended for optical or other 
scientific purposes to test before use in order 
to prove whether it is suitable for the purposes 
for which it is intcnded. 
Tho optical glasses offer particular diffi- 
culties, since it is by the variation of the 
1 Ryland. Trans. Optical Socicl.ll. l!n8. :xix. 178; 
)Iartin and Griffiths, Trans. Optical Society, 1919, 
xx. U5. 
2 Z.schimmer, Chemiker Zeitung, 1901, xxv. 69. 


chemical constituents that the special optical 
features are obtained; consequently the de- 
termination of what changes are permissible 
without seriously affecting the chemical 
stability becomes a matter of prime im- 
portance. \Yhere the optical constants or 
slight colour can be ignored there is more 
scope for variation, and it becomes possible 
to make glasses which are more resistant to 
atmospheric agents, and at the same time to 
manufacture those possessing in a high degree 
resistance to the more violent attack of 
chemical reagents. 
Before passing on to tJlC testing of glass- 
ware, it will be advisable to consider briefly 
the influence of the various constituents of 
the glass on the resistance to attack by 
chemical reagents. 
(i.) Action of TVater and Steam.-In addition 
to ordinary atmospheric moisture, glass for 
many purposes has to withstand the action 
of hot and cold water, and also steam, some- 
times under high pressures. 
The attack proceeds in a similar manner as 
in the case of atmospheric moisture, but at 
a greater rapidity. Glasses containing boric 
acid with either zinc or alumina, and soda as 
the alkali, have, as mentioned above, proved 
to be by far the best glasses. 'Vhen glasses 
containing these elements are examined it is 
found that some which may be superior at 
low temperatures (200 C.) may not be so good 
as others (at, say, 80 0 C.), while at still higher 
temperatures the superiority may be assumed 
by another glass. :For ordinary chemical 
ware the most useful proportion of boric aeid 
appears to be 9-10 molecules to 100 Si0 2 , while 
for gauge glasses a slightly greater proportion 
is advisable. T
e lime alkali glasses are very 
much inferior, the degree of attack depend- 
ing largely on the ratio of .ime to alkali; the 
richer the glass is in alkali the less the de- 
gree of resistance. Glasses containing more 
than 20 per cen t alkali cannot be regarded 
as suitable for use with water under any 
circumstances. The proportion of lime has 
a marked effect in increasing the resistant 
powers, and more particularly if the soda is 
partly replaced by potash, as in the glass 
used by Stas in his classic researches, in which 
case the glass comparcs favourably with the 
boric glasses. 
Lead glasses are intermediate in position 
between the bol'o - silicate and lime alkali 
glasses, the resistant power increasing with 
the lead conknt. 
(ii.) Action of Acids.-Sulphuric, nitric, and 
hydrochloric acids when concentrated have 
very little action on most good glasses of the 
lime soda or lead types, but when the acids 
are weaker the action becomes slightly more 
pronounced, and increa:;:es on further dilution. 
This observation has led to the opinion t.hat 
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the attack proceeds from the contained water 
rather than from the acid itself, and is less 
than in the case of pure water under !':imilar 
circumstances, owing chiefly to the neutralisa- 
tion of the liberated alkali by the acid. The 
alkali would normally in the case of the action 
by water be instrumental in further increasing 
the attack. 1 The boric acid glasses are not 
so resistant to hydrochloric as to sui ph uric 
acid, and more recent work than Foerster's 
has tended to emphasise the importance and 
sigmficance of the attack by acids, more 
particularly hydrochloric. It has been shown 
that fuming hydrochloric acid has a very 
pronounced action on zinc and lime boro- 
silicates, and that high boric acid content 
tends to promote this attack. 2 On the other 
hand, gla
ses containing Lime and alumina 
with soda, and some potash, are much more 
resistant. A high silica content (70 - 72 
per cent) appears to confer great resistant 
properties. 
The conclusion arrÍ\-ed at by Foerster, 
that in the case of dilute acids the action 
appears to be due to the contained water, 
rather than to the acid itself, is confirmed by 
recent work. The reason why hydrochloric 
acid should be so much more active than 
other acids is somewhat obscure. 
Lead crystal glass (33 per cent oxide of 
lead) is very slightly attacked by acids and 
its resistant power is increased on prolonged 
contact. The very rich lead glasses are rather 
severely attacked. The rate of increase of 
attack with rise of temperature is not so 
pronounced in the case of acids as with 
water. 
(iü.) Action of Caustic Alkalies.-The action 
of water on glasd results in the production of 
an alkaline solution; we should therefore 
expect that there is no clear line of demar- 
cation between the results obtained v.ith water 
and solutions of the caustic alkalies. In the 
case of dilute solutions this is the case, and 
the búro-silicates again occupy the premier 
position a
 regards resisting power. If, 
howe,-er, the boric acid is greater than 5-7 
per ('ent the resistance diminishes and becomes 
more pronounced with increasing concentra- 
tion of alkali. 
The lime alkali vlasses are attacked bv 
dilute alkalies with'
 the formation of basi
 
lime silicates which appear as opaque layers 
on the gla
s, while thc solution is found to 
contain silica and some lime. ,\Yhen thp 
concentration of the alkali increases and 
exceeds 2X the glass is dissolved as a whole 
and very little tarnish occurs. The effect of 
rise in temperature is very marked in the casp 
of the caustic alkalies, more particularly above 
1 Foer
ter, Z"it.w'h. mUll. Chpm., 1894, 'Xxxiii. 29!). 
,ç I ('auwoof{ English anrl Turner, Jo-urnal Society 
OJ Glas8 Technology, 1917, p. 189. 


80 0 C. Soda is the most violent in its attack 
of all the caustic alkalies. Ammonia also bas 
a slight action on gla
s, but its action has not 
been so systematically studied; in general, 
ho\\ eyer, glasses which are most resistant to 
attack by caustic soda are also found to 
exhi bit the same order " hen ammonia is 
substituted. 
(iv.) Action of Alkaline Carbonates.-The 
attack by alkaline carbonates proceeds in a 
similar manner as with the caustic alkalies, but 
in the case of the lime alkali glasses, varieties 
containing alumina are far more resistant than 
thosc which do not contain it. In fact, the 
alumina - free lime alkali glasses are more 
strongly attacked by sodium carbonate than 
by sodium hydroxide of equivalent strength, 
which is not the case with any others. In 
explanation of this it has been suggested that 
as alumina is soluble in caustic soda, but 
not in sodium carbonate, this is sufficient 
to account for the difference in behaviour. 
There appear to be other factors which modify 
the results, the nature of which is not exa.ctIj7 
known. 
Solutions of salts also have a slight solvent 
action on glass, but the degree of attack is 
in no case comparable to that observed with 
the reagents considered aboye. 
,\Yhen the chief factors affecting the stability 
of glass ",hich is required to withstand the 
attack of chemical reagents are considered, it 
will be found that the introdudion of one 
element may, while conferring stability as 
regards one mode of attack, be conducive to 
more accelerated attack by a different reagent 
It therefore becomes a matter of some diffi- 
culty to indicate the ideal gla
s for all purposes, 
but nevertheles:" as a result of exhausti,-e 
tests, certain definite conclusions have been 
reached. Boric acid, for example, besides 
conferring on a glass great powers of resistance 
to the influence of water, at the same time 
confers very valuable mechanical properties, 
such as power to withstand sudden changes 
of temperature, which is of great sen-ice in 
an glass articles. It will therefore be found 
that, in spite of certain minor disadvantage
, 
nearly all glass required to be used for chemical 
purposes contains a certain propOltion of 
boric acid. The influence of a high silica 
percentage in conferring acid-resisting powers, 
and of alumina in restrainin
 the attack by 
sodium carbonate, have also been alluded to. 
It will thus be seen that sufficient information 
is available for selecting the most suitable 
type of glass for use with any éngle chemical 
reagent, and considerable progress has been 
made in the manufacture of gla

es which 
succf'ssfulIy withstand the attack by mo
t 
chemical reaQ'ents to a ,-erv biQ'h deQ'rec. 

 (3) TEST'IXG OF GLASS: (i.) Optical Glas.
. 
-Glass intended for optical purposes mu!;t, ill 
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addition to pO!'1sessing the properties necessary 
for the construction of the best optical in- 
struments, be capable of retaining its polish 
and transparency under ordinary conditions 
of use. As has been pointed out above, the 
chief agent in promoting the changes in optical 
glass is atmospheric moisture, and all tests 
which are in use for testing optical glasses 
have been devised to n1f"asure directly, or 
indirectly, the degree of attack. 
In the early experiments powdered ghSA 
was heated in water and the amount of alkali 
and total solid material dissolved was de- 
termined. TllÎs method is not an ideal one, 
owing to the fact that it is impossible to 
ensure uniformity in the degree of fineness 
of the various samples of glass. As a result 
of these experiments, however, it was found 
that the less stable glasses gave up a greater 
amount of alkali and total solid matter, and 
that the ratio of alkali to silica in the dis- 
solved glass material was invariably higher 
than in the original glass. l\Iylius and 
Foerster,! who were the first to investigate 
this question systematically, were led to 
conclude that a determination of the alkali 
removed would give a measure of the relative 
stability of glasses. They were therefore led 
to investigate methods for the detection of 
minute quantities of alkali. As a result they 
developed the use of a reagent which is now 
invariably employed for the purpose of 
classifying optical glasses. 
Iodeosin (tetra iodo fluorescein), the reagent 
in question, is a red solid which is soluble in 
aqueoug ether, but insoluble in water. The 
aqueous ether solution when shaken up with 
a solution of an alkali produces a solution of 
the salt of iodeosin which is soluble in water, 
giving rise to an intense red colour. The 
alkali may be determined either by comparing 
the solution with one containing a definite 
quantity of the alkaline salt of iodeosin, or 
by titration with NjlOO or NjlOOO acid. In 
the latter case the acid is added to the solution, 
which must also contain an excess of an 
aqueous ether solution of reagent, and the 
two layers shaken' together until the water 
solution is rendered colourless. The extreme 
sensitiveness of this reaction has enabled the 
test to be applied to quite small areas ûf glass, 
and there is no longer any necessity to use 
powdered glass for the purpose. 
The method as finally developed for the 
testin,g of optical glass will now be briefly 
described, but for a more detailed description 
the original 2 papers should be consulted. 
1 :\[ylius and Foerster, Reridde c!f'r neutsch. Chem. 
Ges., 1889, xxii. 1092; Zeitschrijt jilr Instrumenten- 
kund o , 188D, ix. ] 1 ï; anù Zeitschrijt jür I nstrumenten- 
kunde, 1891, xi. 311. 
2 )[yIius, Silikat Zeitsch., HH3, 1, 2, 2!>, 45, 
contains latf'st working ([('tails; )Iylius, Zeitsch. 
lilr In.r;trumrntpnkunr/I', 1RR!), ix. !>O; :\lyJills anll 
Foerster, Berichte der Deutsch. Chem. Ges., 1891, xxÏ\'. 


For the purpose of the test, polished samples of 
optical glass measuring ü x 10' 0.8 cm. are used. 
These are H'ry carefully cleaned and then broken 
into two portions by making a fine file mark parallel 
to the longest siùe and placing a red-hot roù along 
the cut, follo\\ ed by a damp piece of filter paper. 
Any glass dust is removpd from the fractured sur- 
face hy means of a clean brush, and the specimens 
are now placed in a closed vessel containing water 
and arranged that the fractured surfaces of the 
glass are supported in a horizontal I)osition on a 
platform above the water. The glass vessel and its 
contents is now maintained at a constant temper.1ture 
of 18 0 C. for one week. The glass surfaces are 
attacked by thc moist air to a greater or lesser degree 
with liberation of alkali, and in thc case of very poor 
glasses it is sometimes found that the surface becomes 
covered with visible spots of alkaline salts. The 
specimens of glass are now removed with a clean pair 
of forceps, and held broken edge downwarùs in a bath 
of the iodeosin reagent for one minute. The iodeosin 
reagent is usually prepared from the sodium salt, in 
which form it occurs in commerce. It is sometimes 
found to be adulterated with other salts and dyes, 
and care should be taken that only the purest samples 
are used. A wcighed quantity of the salt (0'53 gm.) 
is dissolved in 30 e.c. distilled water and treated with 
15 c.c. (NjI)H 2 S0 4 in a separating funnel. The acid 
liberates the free dye in the form of orange-red 
scales. One litre of aqueous ether of the highest 
purity saturated with water at 18 0 C. is now added, 
and the lower colourless acid layer separated. The 
remaining acid is removed by shaking with three or 
four successive quantities of 30 e.c. distilled water, 
or until the lower aqueous layer becomes coloured a 
strong pink. The reagent is now poured into a 
bottle of resistant glass together with IjlOth of its 
volume of a 1 per cent solution of the sodium salt 
and a few fragments of broken glass. The bottle 
should be completely filled and should be kept in 
a cool dark place. The reagent gradually becomes 
acid, but owing to the presence of the sodium salt, 
neutrality is restored by double decomposition. 
The alkali set free by thc action of the moist air 
on the glass combines with the iodeosin, producing 
the corresponding salt, which, being insoluble in the 
aqueous ether, is left as a pink deposit on the glass. 
To remove the excess of iodeosin the glass is rapidly 
dnsed in another bath of anhydrous ether. After 
drying, the sides of the glass slabs are clcansed, leaving 
the broken surface untouched. The next process is 
to determine the actual amount of alkali liberated. 
The glass is washed in 3 c.c. of water containing 
0.1 gm. anhydrous sodium carbonate per litre, and 
the solution transferred to a small porcelain vessel 
of about 10 c.c. capacity divided into two equal 
chambers by a watcrtight porcelain partition. The 
dish is rinsed with a further 2 c.c. of water, and this 
is adùeù to the first wash water. To the second 
chamber is next added 5 c.c. water, and from a pipette 
graduated to 1,100 c.c. a solution of sodium iodeosin 
containing 0-01053 gm. per litre, each cubic ccnti- 
metre of which contaius 0.01 mgm. free iodeosin, 
until thr colours of thc two solutions arc similar. 


1482; :\Jylil1S, Zeit. anory. Chern., IDOï, Iv. 2:33, also 
1910, lxvii. 200. 
For a usPiul résl1mé of work by l\Iylins and Fr.prstN 
spe .lena mass, Hovest:u1t, Eng. Trans. by Everett 
()lacmilJan). 
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lhe area of the fractured surface is now calculated 
anrl the amount of iodcosin "hich would combine 
"ith the alk!'lli set free from 1 sq. metre determined. 


The following classification has been adopted 
to express the results of the tests: 
Mgm. of Iodeosin 
per sq. metre. 
HI 0 - 5 
H 2 5 - 10 
H3 10 -20 
HI 20 -40 
Hs 40 -80 
Glasses in the first three classes are considered 
to \\-ithstand the action of the atmosphere 
and not to suffer tarnish, while those in classes 
4: and 5 should not be used in exposed positions. 
At the present time this is the only method 
capable of quantitative treatment, and is 
therefore exclusively used for comparing and 
classifying optical glasses. Other methods in 
which the skill and judgment of the experi- 
menter are the sole criterion are occasionally 
used. One of these devised by ',eber consists 
in exposing pieces of glass to the action of 
hydrochloric acid fumes for twenty-four hours 
and then removing to the air. The less stable 
glasses "ill be found to become coated with 
a rime of alkaline chlorides, and from the 
appearance it is possible to make some form of 
classification. The method requires a great 
amount of experience and skill. 
Another method due to Zschimmer, which 
has been recently modified by subsequent 
workers, seems likely to be of service in 
predicting the susceptibility of glasses to 
" filming." 1 The polished slabs of glass, 
together with polished slabs of transparent 
silica, are placed in a glass tube in a thermostat 
and heated to bO'3 C. A current of pure moist 
air is l)assed through, and after some time the 
heat is withdrawn, thus allowing the tube to 
cool; it is found on removing the large tube 
that some glasses are more bedewed than 
others, while the silica plates are usually dry. 
The rate of disappearance of the dew is 
observed by placing the samples in separate 
closed tubes, and on dr
ing they are again 
carefully e
amined. In this test the good 
glas
f's are very little changed, while those 
which the iodeosin test has shown to be poor 
are frequently found to be actually pitted. 
Superheated steam has also been used, but 
the results obtained require to be yiewed with 
caution. 
(ü.) The Testing of Chemica
 and other Glass- 
ware. - This problem has been the subject 
of very numerous researches since the time 
of Scheele and Lavoisier, but owing to the 
fact that it is only in recent times that 
highly resistant glass has been manufactured, 
1 El<:.den Roberts and Jones. Joltmal Society of 
Glass Toc}uwlogy. Hna. iii. 52. 


Class. 


the early researches become merely of historic 
importance. The later workers have un- 
fortunately not adopted a uniform method of 
test, and it becomes a matter of some difficulty 
to correlate the numerical data obtained. 
The conclusions, however, are on the whole 
fairly unanimous, and are summarised in a 
preceding section. 
...\Iylius and }""oerster, who were the first to 
study systematically the modern types of 
gla

, were inclined to attach too great im- 
portance to the attack by water, and to 
consider the differences obtained with other 
reagents as of minor significance. Later in- 
vestigations have taken more comprehensive 
views, and as a result a great improvement 
has been made in the manufacture of resistant 
glasses. 
The action of water at ordinary tempera- 
tures, e.g. 
Oo C., also at higher temperatures, 
80'> C., and also boiling water and steam, both 
under atmospheric and high prE'ssure, is usually 
determined. 
The last method has recently come very 
much into vogue. For many glasses the test is 
a useful one, while for others the conditions are 
perhaps too severe, and the conclusions drawn 
ma:r conceivably lead to erroneous results. 
The action of acids, alkalies both strong and 
dilute, also ammonia and ammonium chloride, 
should also be tested, and great care should 
be taken that the temperatures are carefully 
maintained, more especially with the caustic 
alkalies, since the rate of attack increases very 
rapidly with small rises of teml)erature. It 
is impossible to give the full details of all the 
tests, and for fuller information the memoirs 
mentioned below should be consulted. 
w. H. W. 
Foerster, Zeitsch. Instrwnentenkunde, 1893, xiii. 
45i, and Zeitsch. analNt. (,lIem., 1894, xxxiii. 381; 
Cauwood English and Turner, Journal Society of Glass 
Technology, 191 i, i. 153, containing résumé of 
previous work; Sullivan, Journal Society Chem. 
Industry. 1916. xxxv. 513. A usefullJibliography of 
papers dealing with the stability of gla
s and its 
testing has recently been published - Turner. 
Journal Society of Glass Technology, 191 i, i. 213, in 
which other u
efU1 papers will be found. 


GLASS, OPTICAL PROPERTIES OF: Table. See 
" Optical Glass," 
 (4). 


GLASS, PLATIXISED 
PLÅTI
ISED glass has not hitherto found 
much use in Applied Optics, for the following 
reasons. 'Yhen the platinised surface is pro- 
duced by deposition, or by "spluttering n 
methods, it is easily rubbed off, and requires 
protection, thus showing no advantage oyer 
silvering methods. 'Yhen produced by the 
so-called" burning-in n process, the resulting 
layer is more or less granular and diffuses 
the light very considera-bly. In recent years, 
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however, :Messrs. Rheinberg & Co., London, 
have introduced platinised and semi-platinised 
surface mirrors, in which the platinum is 
incorporated in the surface layer of the glass, 
so as to be irremovable, and which show no 
grain and are remarkably free from diffusion. 
They also withstand the action of all ordinary 
solvents, except those which attack the glass 
itself. Notwithstanding the fact that the 
intrinsic reflective power of a platinised surface 
is between one-third and one-fourth less than 
that of a perfect silvered surface, they sup- 
plant the latter, because silvered surface 
mirrors are liable to tarnish, are very delicate, 
and deteriorate fairly rapidly, whilst the 
platinised surface mirrors will wear, require 
no protection and do not suffer deterioration. 
Amongst the applications of such platinised surface 
mirrors are reversing miTrora for process cameras, 
in replacement of large and expensive prisms; reflex 
camera mirrora, and, generally speaking, mirrors 
where first surface reflections only are required. 
They likewise find employment for dental and 
surgical mirrors, on account of the freedom with 
which they can be subjecteJ to hot water or sterilising 
fluids WitÌlOut deterioration. 
Semi-platinised mirrora find application in or with 
optical apparatus as light filters, since they ha

 .a 
neutral grey tint, and may be plac('d in any posItIOn 
where they are subjected to heat, without liability 
to damage or change. They are also employed in 
the types of optical instruments where some definite 
part of the light is reflecte:l by the surface, and part 
transmitted through the glasc;. 
Platinised mirrors by the Rheinberg process 
reflect the red end of the spectrum propor- 
tionately more than the blue end to a very 
slight extent as compared with silvered 
mirrors. This is easily observable by com- 
paring the image of a person in both, the 
difference being just sufficient to imp
rt to the 
face the appearance of being slightly ruddier 
and healthier. The platinum mirror, how- 
ever, also reflects the ultra. violet rays just 
beyond the visual spectrum to a greater extent 
than silvered mirrors, as the latter absorb 
these r::LYs more strongly. This has been 
demonstrated by spectrogr::Lphs taken by reflec- 
tion from platinised mirrors and freshly silvered 
surface mirrors under the same conditions. 
Platinised mirrors can be used as back 
surface as well as front surface mirrors, but 
the reflection from the back surface suffers 
slightly in brilliancy. 
The Rheinberg process employs a high 
temperature,l and its success depends on : 
(1) The special coating mixtures used. 
(2) Careful pyrometric regulation of the 
electric furnaces. 
(3) The precautions used to ensure reten- 
tion of the plane or curved surfaces of the 
glass to be platinised. 


1 8ee patent N. }:>0,-172, Jan. 13, 1021. 


(4) Precise regulations according to the 
particular composition of the glasses used. 
Flint glasses are unsuitable for this process, 
as the platinum interacts with the lead in the 
glass. \Vhilst a large variety of glasses can 
be successfully platinised, the best results are 
obtained with those of the crown glass and 
plate glass description. 
Fuller particulars will bp found in a paper 
read before the Optical Society in November 
1920. 


J. R. 


GLASS, PROPERTIES OF STRAINED. See 
" Glass," 
 (19) (ii.). 
GLASS, strength of. See" Glass," 
 (24). 
Testing of. See "Glass, Chemical De- 
composition of," 
 (3). 
GLASS ANALYSES, TABLE OF. See" Glass," 

 (3). 
GLASS ANNEALIXG: the removal of strain in 
glass by heating and subsequent slow 
cooling. See also" Glass," 
 (19). 
GLASS COLOUR, CONTROL OF, IN :MANUFACTURE. 
See" Glass," 
 (16) (iv.). 
GLASS DEFECTS -" CORDS." See" Striae." 
See also" Glass," 
 (16) (ii.). 
GLASS \V OOL, MANUFACTURE OF. See 
" Glass," 
 (18) (iii.). 


GLASSES, COLOURED 
THE physical nature of a glass closely re- 
sembles that of a rapidly so!idified liquid, 
which has the power of holding metallic 
oxides, met
ls, and other matter in combina- 
tion, solution, or suspension. There are many 
varieties of glass of very varied composition, 
but nearly all possess the property referred 
to. In Germany several scientific papers have 
been published dealing with the relation of 
glasses to effects of colour, but English 
contributions to the subject have been, "ith 
very few exceptions, aesthetic r3,ther than 
scientific. It may, however, be claimed that 
in practical glass-making, especially in the 
recapture of the colours of mediaeval windows, 
English manufacturers have bE'en quite as 
successful as their foreign competitors. 
Variation in the chemical composition of 
glasses producE's varied effects in their action 
on light. The influence of the variation on 
the refractive power and dispersive power of 
glasses is dealt ",ith elsewhere. Variation in 
colour is also due to variation in chemical 
composition. Colour effects are caused by the 
power possessed by glasses of absorbing some 
of the constituent rays of white light and of 
transmitting or partly transmitting and partly 
scattE'ring the remainder. Even the most 
colourless optical glasses show noticeable colour 
when a considerable thickness is traversed by 
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light. Glazed" indow glas", of good quality, 
appears to be colourless, but a tinge of colour 
shows when a sheet of similar glass is placed 
on white paper, and if the edge of the sheet is 
viewed it. appears to possess a deep sea-green 
colour. 
Coloured glasses may be transparent, trans- 
lucent, or opaque: transparent, if practically 
all the incident rays, not absorbed, are trans- 
mitted; translucent, if the non-absorbed rays 
are partly transmitted and partly scattered 
by minute, opaque, embedded particles; 
opaque, if all the non-absorbed rays are 
reft ected. 
Colours are produced by introducing into 
glass mixtures certain ingredients, usually 
metallic oxides, and melting them in crucibles 
or tanks. The resultant colours depend on 
the colouring ingredient and its condition, 
on the ingredients of the glass mixture, on 
the atmosphere surrounding the molten mix- 
ture, and, in some cases, on the temperature 
to which it is exposed. 
The glass mixture generally used as a basi,;; 
for the production of coloured glasses is either 
A or B : 
A-sand, carbonate of potash, and red lead. 
B-sand, carbonate of soda, and carbonate 
of lime. 

 (1) )IANUFACTURI5G PRAcTIcE.-The fol. 
lmdng is a record of some results obtained 
on a fairly large scale in a manufactory: 
Copper, used in the form of copper scales: 1 
",ith A mixture, 0.8 per cent, light blue 
colour, like that of cupric sulphate; with _\ 
mixture, 5 per cent, dark green colour; with 
B mixture, 0.2 per cent, bright blue; "ith a 
sand-potash-lime mixture, to which stannic 
oxide, red tartar,2 0.3 per cent copper scales, 
and 0.1 per cent of ferric oxide have been 
added-a colourless glass which gradually 
becomes very dark ruby when reheated, If 
the atmosphere surrounding the molten glass 
has not had a sufficiently reducing effect, it 
appears, "hen cold, to be rusty, and transmits 
a blue colour. 
A similar mixture, but with carbonate of 
soda substituted for carbonate of potash, in 
a strongly reducing atmosphere, develops 
visible crystals of metallic copper, and a glass 
closely resembling the mineral aventurine. 
The crucible containing the molten mixture 
must be cooled extrem;ly slowly. 
Gold, dissolved in aq ua regia: with a 
sand - potash -lead mixture to which crushed 
metallic antimony, stannic oxide, antimony 
trioxide, charcoaÌ, and 0.03 per cent gol
l 
have been added - a colourless glass which 
gradually develops a dark ruby colour when 
reheated. If the atmosphere during melting 
has not had a sufficiently reducing effect, the 
1 Copper scales=crurle red cuprous m:ide, Cu 2 0. 
2 Red tart:lr=crudc bitartrate of pot-ash. 


glass appears to be rusty-red and transmits a 
, iolet- blue colour. 
I ron, usually used in the form of ferric 
oxide: ferric oxide "ith A mixture, 5 per 
cent, a rich yellmv colour; 1 per cent of black 
oxide of manganese is usually added to gi ,'e 
the yellow an amber tint. Iron scales 3 "ith 
B mixture, 0.1 per cent, a pale hlue colour. 
\Yith a larger proportion of iron scales, a grey- 
green. 
Ordinary bottle-green colour is usually 
obtained by adding a small proportion of 
cobalt oxide to from 3 to 5 per cent of ferric 
oxide. 
J1 angane.se, used as manganese dioxide: 
"ith either A or B mixture, about 1 per cent, 
a violet colour. The oxide is used as a de- 
colorant for A glasses. It acts partly by 
converting any iron in the glass mixture into 
ferric oxide, and partly by producing a tint 
of colour complementary to the green due to 
ferrous oxide. 
The oxide used as a decolorant "ith B 
glasses, e.g. ordinary "indow glass, although 
the glass may be colourless when first made, 
develops a pink colour in the glass after long 
exposure to light. The addition of a colouring 
ingredient to neutralise colour in a glass 
mixture reduces the transparency of the 
glass. 
Cobalt, used as black oxide: with A or B 
mixture, 0,4 to I per cent, a bright purple-blue, 
less purple with B than A. Cobalt glasses" ith 
large proportion of the oxide, or in considerable 
thickness, transmit a ruby colour. The effect 
can be neutralised by the addition of chromic 
oxide or cupric oxide. 
Sickel, used as nickel monoxide: "ith A 
mixture, 0.2 per cent, a strong violet colour; 
"ith B mixture, a bro" n colour. 
Sir Herbert Jackson, F.R.S., has found that 
the same proportion of the oxide "ith a 
lithia glass gives a yellowish-brown colour. 
Chromium, used as sesquioxide: 0.4 per 
cent, "ith both A and B mixtures, gives a 
greenish - yellow colour. 
Uranium, used as uranate of soda: 0.5 
per cent ,dth A or B mixture, fluorescent 
yellow colour. Colour and fluorescence better 
developed "ith B than "ith A miÀi:.ure. 
Carbon, used as finely divided wood char- 
coal: "ith B mixt.ure, 0.02 per cent, a clear 
yellow colour. As the proportion of carbon is 
increased the colour passes from yellow to 
brown, brm,-n to black. 
Arsenic trioxide: "ith 
\ mixture, 5 per 
cent, gives an opaque white enamel; a thin 
film of the enamel transmits a strong am ber- 
red colour. 
Fluor spar: with A mixture, 4 per cent, 
gives a deep opal effect. 
3 Iron scales: a thin black film formed when iron 
is heated in air=Feaû. ferroso-fcrric oxide. 
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Silver: used in the form of o
ide, as a 
pigment. It is mixed with some finely divided 
difficultly fusible material, such as kaolin, 
applied to the surface of a colourless glass, 
and strongly heated. It gives a yellow trans- 
parent colour, with a slight bluish lustre. 
The colour is best developed on a soda-lime 
glass, of which phosphate of lime is an in- 
gredient. 

 (2) EXPERDIENTAL MELTINGs.-Platinum 
black: "ith A mixture, 0.3 })er cent, is 
diffused through the glass, giving a grey 
translucent effect. 
Oxide of iridium: with A mixture, 3 per 
cent, gives a dense black. 
Carbonate of thallium: with A mixture, f3 
per cent, gives a greenish-yellow colour. 
Antimony trioxide: ".-ith A mixture, 3 per 
cent, gives a pale translucent yellow. 
V anadi urn, as pentoxide: \vith A mixture, 
a yellow-green; with B mixture, a blue-grecn. 
Selenium, as a selenate: with A mixture, 
a pink am bel'. 

 (3) CROOKES' GLASSES. - Sir \Villiam 
Crookes' prolonged researches 1 to discover 
satisfactory eye-preserving glasses for spec- 
tacles throw light not only on the effects 
produced by special ingredients introduced 
into glasses in cutting off ultra-violet and 
heat rays, but also in the production of effects 
of colour. The base used for all of his experi- 
ments was a soda-lime glass, and the thick- 
ness of the plates of glass, when prepared 
for use, was 2 mm. The results of his experi- 
ments with regard to colour are as follows: 
Cerium nitrate 17 per cent, pale reddish- 
amber tint; chromic oxide 1 per cent, green; 
copper sulphate about 2 per cent, blue; 
ferrous oxalate 10 per cent, a smoky green 
colour; ferric oxide 2 per cent, yellow; 
ferroso-ferric oxide, 2.85 per cent, with the 
addition of carbon 0.35 per cent, pale blue. 
l\Ianganese gives a reddish - purple colour, 
cobalt sulphate a rich blue, nickel sulphate 
a brown, cobalt mixed with nickel a neutral 
grey, praseodymium a greenish-yellow, neody- 
mium a lilac. 
The conclusions arrived at with regard to 
eye preservation were that a glass containing 
cerium is most effective in cutting off injurious 
ultra-violet rays, and a glass containing iron, 
in a ferrous or metallic condition, is most 
effective in cutting off heat rays. A glass 
composed of 83 per cent of fused soda glass 
and of 17 per cent cerium nitrate was found 
to be practically opaq ue to ultra-violet 
radiation, the limit being À3"mm; a glass 
composed of 90 per cent raw soda glass mixture, 
and 10 per cent ferrous oxalate, with small 
additions of red tartar and wood charcoal, 
ga ve a sage-green glass which cut off 98 per 
cent of heat radiation; whilst a glass com- 
1 Phil. Trans. R. Society. Series A. 1913. ccxiv. 


posed of 96.80 fused soda glass, 2.8.3 ferroso- 
ferric oxide, and 0.35 carbon had a pale 
blut' colour, and cut off 96 per cent of heat 
radiation. 

 (4) ABSORPTION OF LIGHT BY COLOURED 
GLASSES. - R.. Zsigmondy's papers on the 
absorption of light by coloured glasses,2 and 
on the use of coloured glasses for scientific and 
technical purposes, 3 have some bearing on the 
subject of this article. He rightly insists that 
the colour of a glass depends not only on the 
colouring material, but on the glass mixture 
or batch to which it is added and on the atmo- 
sphere in which it is melted. As examples 
he gives (I) the brown- and violet-coloured 
glasses produced, respectively. by a soda-lime 
and potash-lead glass mixture with the same 
proportion of the same oxide of nickel; and 
(2) the change in colour from yellow to yellow- 
green, and from yellow -green to blue-green, 
of a glass mixture containing ferric oxide when, 
in the process of melting, an oxidising atmo- 
sphere changes to a reducing one. He calls 
attention to the action of manganese in reduc- 
ing the green part of the spectrum and to the 
increase of the red part of the spectrum when 
a small proportion of manganic oxide is added 
to the ferric oxide of a mixture for yellow 
glass. In dealing with copper he found that 
if the proportion of cupric oxide be increased 
from 2 per cent, .which gives a blue glass, to 
three or five times that value, green glasses 
are obtained differing widely in their absorp- 
tion from that of a copper-blue glass. In his 
first research the following bases and glass 
mixtures were used; borax, sodium silicate, 
potassium silicate, lead silicate, soda-lime 
glass, potash-lime glass, soda-lead-lime glass, 
potash-lead glass, soda-zinc-lime glass, soda- 
borosilicate glass, and barium - borosilicate 
glass. The colouring agents were calculated 
as oxides, and the proportions ranged, except 
for the green-coppE:'r glasses, from 0.1 per cent 
to 2 per cent. The mixtures were mclted 
and stirred in an oxidising atmosphere; the 
molten glasses Were poured, and the plates, 
thus formed, aftE:'r annealing, were cut and 
polished for examination. A" Glan " spectro. 
photometer was used, and the coefficients of 
extinction, having been determined, were used 
for the construction of representative curves, 
of which illustrations are given. It is regret- 
table that in this research the ordinary soda- 
lime and potash-lead glasses were so rarely 
used that it is difficult to compare thE:'ir effects. 
The objects of the second research on the use 
of coloured glasses for scientific and technical 
purposes wer<"' (1) to provide a ray - filter, 
which would transmit one part of the spectrum 
whilst absorbing the remainder; (2) to obtain 
light filters for three-colour photography; 
2 Ann. d. PJl.IJs.. 1001, iv. 60. 
3 Zeitschr.j. II/strumen., 1901. xxi. 97. 
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and (3) to find a glass to absorb all parts of 
the spectrum equally. A Pulfrich comparison 
spectroscope was used for examining the 
glasses, and the following is an abridged table 
of the results. It is unfortunate that in the 
account of this research the compositions of 
the glass mixtures are not given. 


conductor of electricity. This, ho" ever, can- 
not be the case since the ions in a solid have 
no mobility, ,\ith the result that a blue 
cupric glass is as good an insulator as a dry 
crystal of copper sulphate, in ,\ hich ions are 
present in large numbers, but without tht' 
power of mo\;ng through the crystal. 


G las!'. Colour. I Spectral Rays transmitted. 
Copper-ruby glass Deep red Only red. 
. 
Gold-ruby glass . Red Red, yellow ; in thin sample, blue and 
violet. 
Uranium glass Bright yellow Red, yellow, green; in thin sample, blue. 
Xickel glass, soda base Y ellowish- bro\\ n Red-yellow, traces of green and blue. 
Xickel glass, potash base Dark violet Yiolet (0 - H), ext
eme red. 
Copper glass, blue Blue. like copper Green, blue, violet. 
sulphate 
Copper glass, green Green Ureen. yellow. traces of red and blue. 
t 'hrome glass . Yellowish-green YelIo\\ ish-green. traces of red. 
Cobalt glass Blue Blue, violet. extreme red. 
)langanese glass . Dark violet Violet (G - H), extreme red. 
::;moke-grey glass . ({rey '''hole spectrum "eakened. 


The folIo" ing results \\ith specimens of 
mediaeval glass were obtained by the author 
of this paper: 


There is another group of coloured glasses 
in which the origin of the colour is entirely 
different, examples of which are the ruby 


Glass. Colour Spectral Rays transmitted. 
Copper-ruby of thirteenth century Deep red Red, bluish-green and trace of y('llow. 
Copper-ruby of fourteenth century Deep r('d Red and some blue. 
Blue of thirteenth century . Greyish-blue Blue, violet, traces of red and yello". 
but no green. 
Carbon-yellow of thirteenth century Pale yeliow Passed all rays except blue, violet, and 
extreme red. 



 (.'5) SUGGESTED EXPLAYATIOXS OF EFFECTS 
OF COLOL"R OF TRA:çSPAREXT GLAssEs.-The 
behaviour of metallic oxides introduced into 
a glass seems to correspond exactly "ith their 
behayiour when added to an acid solution. 
Thus cupric oxide, dissolved in hydrochloric 
acid of moderate concentration, givt's a green 
solution of cupric chloride, which contains in 
addition to the undissociated salt a number of 
blue cupric and colourle::;s chlorine ions. If 
this solution is largely dilutE'd "ith water the 
ionisa tion is increased, and the colour of the 
cupric ions predominates over that of the 
undissociated residue, the solution becoming 
blue. Precisely the same result is obtained 
when cupric oxide is added to glass, which it 
must be remembered always contains a large 
excess of the acidic oxide, silica. \Yhen 
present in comparatively large quantities the 
cupric oxide gives a green glass, but if only a 
minute amount is added a blue glass results. 
Similar resemblances can be traced in the 
behaviour of other metallic oxides. It is 
probable then that ionic dissociation of the 
metallic silicates takes place on melting. It 
might be thought that the existence of this 
ionisation would render a coloured glass a 


glasses made by the formation of reduced 
gold and cuprous oxide in the mass of the 
glass. Here again we may see a close resem- 
blance between the behaviour of a salt solu- 
tion and a glass. Carey Lea in 1884 showed 
that if a very dilute solution of gold were 
treated \\ith a reducing agent a bright red 
solution, apparently quite transparent, was 
produced. \\ïth increased concentration a 
purple solution was formed, and in still stronger 
solutions a yellow colour resulted. These 
solutions, so-called colloidal, are now known 
to be not solutions at all, but suspensions of 
particles so small that their presence can only 
be demonstrated by the ultra-microscope.! 
In gold and cuprous oxide ruby glasses this 
method of vie"ing them renders it quite 
certain tha t tht'v owe their colour to the 
presence of fine particles, the size of which, 
by their action on the light of different" ave- 
lengths. determines tht' colour of the trans- 
mitted and reflected light. It may also be 
assumed that the vellow and brown colour of 
carbon glass, for ,;'hich many different causes 
have been suggested, is really due to ultra- 
1 See also paper b)' J. C. ::\IaxweU Garnett, Phil. 
Trans. Roynl Society, A, 1904, 
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nucroscopic particles of silicon, comparable 
to the particles of metallic gold and cuprous 
oxide, which are the cause of colour, res})ect- 
ively, in gold-ruby and copper-ruby glass. 
H. J: P. 
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 (1) SPECTRO:\IETER l\IETHoDs.-The measure- 
ment of the angles hetween the flat smfaces 
of prisms is one which for many purposes 
fpquires to be performed with the greatest 
})ossible accuracy. The refracting angle of a 
prism to be used for refractive index measure- 
ments, for example, must be known to 
within a bout one second if the index 
measurements are to be correct to the 
fifth decimal place; and some of the 
angles of prisms used in rangefinders, 
dial sights, and similar instruments 
must approximate to specified values 
to within about the same amount. We 
shall first treat the general methods, 
and then refer to special methods 
suitable for special cases. For the 
general methods a spectrometer is re- 
quired. The features of such an instru- 
ment adapted 
to the most 
precise work are 
discussed in 
another article 1 
and the various 
adjustments 
described. 
The two best- 
known methods of measuring an angle on the 
spectrometer are the fullowing : 
JJj ethod 1. - The prism is placed on the 
spectrometer table with the vertex of the 
angle in question oVßr the centre (Fig. 1 (a)), 
and the table is adjusted until the edge of 
the prism is parallel to the axis of rotation. l 
The parallel beam from the collimator is 
divided into two by reflection at the faces 
of the prism. If the telescope is placed in 
the position T l' one of the reflected images 
can be brought to the cross-lines, and in the 
position T 2 the other. The angle between the 
two positions of the telescope is twice the angle 
of the prism. 
..1.11 ethod 2.- The prism is placed with its 
centre over the centre of the table and rotated 
so that the reflected image from one face is 
on the cross-lines of the telescope T (Fig. I (b)). 
The table is then turned until the reflection 
from the other face of the required angle is on 
the cross-lines. The second face is now in 
exactJy the position previously oC'cupied by 
the first; and the angle through .which the 
table has been turned is 180 0 minus the angle 
of the prism. 
1 "Spectroscopes and Refractometers/' 
 (8). 


For work of only moderate aC'curacy-say 
] 0 seconds or so-there is little to choose 
between t.hese methods; but when high accu- 
racy is aimed at l\Iethoù 1 is quite useless. 
This arises from the fact that in practice it 
is impossible, except by accidE'nt, to obtain 
perfect collimation or perfect focussing. There 
is always a range, known as the depth of focus, 
within which the definition of an optical 
instrument appears uniformly good, and t.here 
is consequently a certain degree uf latitude in 
all adjustments of collimation or focus. As 
this error vitiates quite a large proportion of 
the methods which have beE'n published for 
the measurement of angles, it may 
be well to examine it in some 
detail. 2 
Let L, Fig. 2, represent a telescope 
lens receiving light from a distant 
point, an image of which is formed 
at I. Assume in the first place that 
the lens is free from aberration. 
The image observed in the eye- 
piece is the disc in which the focal 
plane of the latter cuts the conical 
beam of rays. The line joining the 
centre of this disc to the back nodal 
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FIG. 1. 


point of the objective is the direction of 
the incident beam as indicated by the tele- 
scope. CJearly, provided the aperture is 
symmetrical about the back noùal point 
of the lens, the apparent direction is not 
affected by errors of focus; for if the 
plane of the cross-wires is not accurately 
at I but is at r, the centre of the disc 
of confusion is still on the line IN. If, how. 
ever, one half of the object-glass is coycred 
by a screen, as in Fig. 2 (b), the centroid of 
the disc of confusion at I' is below the line 
IN, while at. r it is above it. In the first 
case the cross-lines will be set to the left of 
their proper position, while in the 
econd case 
2 See also Guilù, Proc. Phys. Soc., 1916, xxviii. 
242. 
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they will be set too far to the right. If the 
other half of the objective be employed the 
errors will be reversed. In general, unless 
the centroid of the section of the beam by the 
principal plane of the lens coincides with the 
nodal point, the centroid of the image will be 
displaced from its true position unless the 
focus is absolutely exact. If then the focus 
is not quite accurate, and different parts of 
the aperture are employed for different com- 
ponent measurements of a determination, the 
resulh
 will be in error. In the presence of 
spherical aberration there is no position of 
focus at all for which the centroid of the 
image is unaffected by cutting off part of the 
aperture unsymmetrically. In Fig. 2 (c) the 
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case of a lens with under-corrected spnerical 
aberration is shown (much exaggerated). fa 
is the focus for rays near the axis, and i,) for 
those near the periphery. F is the position 
of best focus when the whole aperture is used, 
while if either half is used separately, the 
di8c" of least confusion would be dis'placed 
appreciably towards FÞ or F". The effect on 
the displacement of the image from its true 
position on the line NA for different positions 
of the fo
al plane of the eyepiece is easily 
follm,"ed from the diagram. 
In practice, if an object be sighted with a 
telescope \\ith partially obscured aperture, the 
movement uf the imaae across the field as 
the focus is adjusted i
 very easily observed. 
'Yithin a certain range there' is no means of 
judging when to stop. Even with very sharp 
focus
ing it is easy for errors of several seconds 
to be made, while under conrlitions hy no 
means abnormal in laboratorJ7 work errors 
VOL. IV 


as great as half a minute may arise. It is 
obvious, of course, that the error is in a plane 
perpendicular to the line of division of the 
objective, and that measurements in the 
horizontal plane wiJI not be affected, provided 
the aperture is symmetrical with respect to 
the vertical diameter of the lens. 
Thus an essential condition to the accuracy 
of measurements of angles with a telescope is 
that the aperture employed should be sym- 
metrical \\ith respect to that diameter of the 
lens which is perpendicular to the plane of 
measurement. It is not safe to use an ex- 
centric aperture, even though the same region 
be used for all the measurements; for, 
although the focal adjustment of the telescope 
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be left unaltered, the reflected beam from 
different surfaces may focus in a slightly 
different plane. \Yith the highest class of 
surface this effect is never likely to be 
reat, 
but it is only with very good surfaces indeed 
that it is entirely ahsent. 
Considering now 11ethod 1, Fig. 1 (a), in the 
Jight of these considerations, it is evident that 
in changing from position Tl to T 2 the full 
effect of errors of focus or spherical aberra- 
tion will be felt. since opposite halves of the 
objective are used for the two measurements. 
If to obviate this we place the prism in such 
a position that the aperture of the telescope 
is 2ymmetrically filled, the ray from the vertex 
no IonIZer passe
 through th(' nodal point, and 
the directions actually measured bv the tele- 
scope are those of 'the rays rlTl
 and T 2 T 2 . 
There is therefore liability to error on 
account of imperfect focus df the collimator; 
since, unless collimation is perfect, T 1 and T 2 
:( 
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do not emerge quite paralJel, and the angle 
between thp reflected rays is not equal to 
t.wice the prism angle. It is therefore im- 
material where the prism is placed. when 
inaccuracieA due not only to the collimation 
but to the focussing of the telescope as wen 
are taken into consideration. It is impossible 
to arrange the method to be simultaneously 
free from both pffects, anJ it cannot be used 
for accurate work. 
:L\Iethod 2, on the other hand, is free from 
this defect. By meaw
 of an iris diaphragm D, l 
which is closed down until a circular apcrture 
completely filled with light is obt.ained, exact 
symmetry may be a8sured. As it is desirable 
to use the biggest available aperture, the 
telescope axis should be rotated, if possible, 
out of its usual position (directed tu the centre) 
and directed to the middle of the side of the 
prism. The fact that the collimator is not 
symmetrically employed is clearly of no con- 
sequence under the conditions of the experi- 
ment, provided the prism is mounted with 
the bisector of the angle over the axis of 
rotation, so that the two surfaces are in the 
same plane when the light is reflected from 
them. 
This is the most convenient method for 
general use, provided the rotation of the table 
can be determined with the same accuracy as 
that of the telescope. If, however, as is too 
frequently the case, no provision exists for the 
accurate measurement of table rotations, it is 
necessary to re-sort to the next method, \vhich 
involves the use of an auto-collimating eye- 
piece. 
.J.1l etlIOrl 3.- The telescope is fitted with an 
eyepiece arranged so that the cross-lines may 
be iHuminated from behind and the telescope 
itseJf may be used as a collimator. 'Vhen its 
axis is approximately normal to a plane f:urface, 
a reflected image of the cross-lines will be seen 
in the focal plane. \Vhen t,hese arc accurately 
set to coincide with the actual cross-Jines, the 
axis of the telcscope is normal to the surface. 
The determination of an angle consist.s, t.here- 
fore, in setting the telescope normal first to 
one surface and then to the other. The angle 
between these position
 is equal to 180 0 minus 
the angle of the prism. 
There are several forms of auto-collimating 
eyepiece, but not all of them are useful. 
Those forms in which the reflector is hehind 
any of the lenses of the eyepiece arc most 
tron blesnme to use, on account of the ftooùing 
of the eye with light reflectcd from the E:urfaces 
of thcsc lenses. The most satisfactory form 
of auto-collimating eyepiece is that due to 
Abbe. [t is iUu
trated in Fig. 3. A 8mall slab 
of glass, p, bevelled at one end to form a 45 0 
reflecting prism, is mounted behind part of 
1 It is a great convpnienec to have iris diaphragms 
fitted to spectrometer telescopes and collimators. 


the cross-lines. This prism, when illuminated 
by a lamp placed ahove it, acts a
 a bright 
background to thf' cross-lines in front of it. 
'Yhen the telescope is approximately normal 
to a reflecting surface the appearance of the 
field may resemhle Fig. 3 (c). The whole field 
will probably be faintly ilJuminated by the 
rP 


r:r 
 
(a) Prism p enlarged 
(6) 


(c) 


FIG. 3. 


general light of the room, except for the area 
occupied by the back of the prism p, which 
will be quite dark. At the opposite side of 
the field to this will be the brightly illumina tpd 
image of the face of p, with the image of the 
cross-lines showing up against it. 'YhE'n the 
normality is exact, Lot.h horizontally and 
vertically, the actual cross-lines and those of 
the image will coincide. It improvf's the 
accuracy of setting considf'rahly if thE' axis of 
the telescope IS slightly inclined in the vertical 
direction. In t.ha t case the image lines are 
a little wider or closer than the actual cross- 
lines at the same distance from the cent.re of 
the field. and instead of a somewhat insensitive 
coincidence spt.ting a symmE'trical setting is 
made with tJl(' image linps a little outside or 
inside the others. 
This is a very fine eyepiece to work with. 
Its only drawback is the difficulty of usipg a 
high-power ocular, on account of the dist.ance 
between the cross-lincs and the field lcns 
necessitated by the insertion of the illuminating 
prism. 
Another arrangement which may bf' em- 
ployed is not a true auto-collimating eyepiece 
but serves the same purpose. It is shown in 
P'ig.4. A side tube is attached to the telescope 
just in frunt of the eyepiece, and sprves to 
carry a short draw-tuhe at the end of which 
can be attached a pinhole, a fine 
lit, or a 
graduated scale, or whatever type of object 
may be most f'onvenient for the purpose on 
hand. A semi-transparent reflector, whiph 
may be a microscope cover-slip thinly coatpd 
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Such an auxiliary. telescope is of great use in 
many ways,2 and there should be one associ- 
ated "ith every spectrometer. A cheaply 
constructed stand of perfect rigidity can easily 
be made as in Fig. 5. The body, B, is a slab 
of hard wood which carries metal ,-
 in which 
the telescope rests. The method is carried 
out as follows: 
The auxiliary telescope T 2 is placed in 
l the position which it is going to occupy 
: during the measurements, Fig. 6. In 
::\ order to adjust its axis to be coplanar 
::: C with those of the collimator and spectro- 
: : : meter telescope, the latter is rotated 
:' : 
 into ]ine "ith T 2 and a lamp placed 
" behind its eyepiece. The cross-lines of 
@ :"TlarethenViSiblein 
,.'V\

, / the field of T2' ann 
:\.--, ,...
, '-,/_ the latter is adjusted 
T 1 ,.-':. \ ' 
 '
'
" T2 until both sets of cross- 
,<:> 0 D -', -':
, wires are at the same 
, - 1 2 - ' h . h TI . d 
:-:;-' 
-:'"",,_. elg t. us proce ure 
as
mllles of course that 
the axes of T 1 and C 
are already in adjust- 
ment with respect to thf' centre. If this is not 
so the complete adjustment must be made for 
all three at once, as described in "Spectro- 
scopes and Refractometers," g (
). 
One of the nearly equal angles" hich have 
to be compared is placed on the table so that 
light from one of its faces is directed into the 
auxiliary telp8cope T 2' The other telescope T] 
is brought to receive the image from the other 
fape. The tahle is levelled until both images 
arc at the correct lwight with respect to the 
cross-lines. ThiR is most rapidly done if one of 
the faces is perpendicular to the line joining 
Z ::-ore .. 
pectroscopes and Refractomcters," 

 
(8), (10). 


'with sih
er or platinum, 1 is mounted at R by 
some suitable means. 'Yhen the telescope is 
nearly normal to a reflecting surface, an image 
of P is SE'en in the field of the eyepiece. For 
U'3e in ::\Iethod 3, above, the most suitable 
object is a moderate-sized hole with a vertical 
fibre and t".o horizontal fibres. These latter 
should be about! mm. apart, and settings 
are made on the vertical fibre half-way between 
them. 
In carrying out measurements by ::\Iethods 
p 


------- 


FIG. 4. 


2 or 3, every care must be taken to eliminate 
all the sources of error to which even the best 
spectrometers are liable. The article on "Spec- 
troscopes and Rcfractometers " should be con- 
sulted for a discussion of these errors. In 
::\Iethod 2 it will be found advantageous to 
employ a broad slit and fibre, as described in 
the article just referred to, rather than a 
narrow slit. It is advantageous to employ a 
light green filter in front of the liQht source 
in all g0niometric measurements as 
 this 
eliminates chromatic aberration and 
improves definition. 

 (2) ::\lETHOD OF SUBSTITUTIOY.- 
\Yith an exceptionally finE' spectrometer 
it is possible to measure angles by 
:\Iethods 2 or 3 to within a second 
provided extreme care is taken. Spectro: 
meters of this quality 
are few; and it is 
not everv observer 
who is 
fortuna te 
enough to have ac- 
cess to one. 
The overwhelming 
majority of angles 
in optical prisms are 
sub-multiples of 180 0 : and of these the 
great bulk are 45 0 , 60 0 , or 90 0 . For such 
anglf'
 
pecial methods of high accuracy 
can be employed which do not involve 
the measurement of an angle on the spectro- 
meter at all. It is therefore possible to 
have standard angles of these values, and 
the actual testing of an unknown angle i'3 
reduced to a measurement of the small differ. 


1 .A sm.al
 piece of glass may be very convenientl
r 
senll-platlm
ed bv usinl! the prf'paration known as 
"liqui(
 platinum.... This is paintf'd on the surface 
"er.1/ thl1l1Jl and the liquid evaporated off over a hot- 
plate. To gf't a semi-transparent film, the painted 
surface should appear of a light amber colour when 
held between the e
'e and a light. 


ence beb\'een it and the corresponding stand- 
ard. 'Ye shaH first describe the method of 
substitution, and then refer to the methods of 
obtaining the standards. If a spectrometer 
is available, the only additional apparatus 
req uired is a second telescope on a separate 
stand. This telescope should be similar to 
that of the spectrOll1f'ter, but only one of 
them requires to have a micrometer eyepiece. 


Cd 

 


B 


FIG. 5. 


FIG. 6. 
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two of the adjustment screws, this face being 
adjusted last.. 
\Yhen the preliminary adjustments have 
been made, the image in T 2 is hrought to the 
cross-lines hy means of the tangent screw which 
rotates the tahle. The micrometer eyepiece 
of Tl is employed to sC't on the other image. 
This angle is then removed, and the other i'3 
laid as ;earl) in the same position on the table 
as possible and levellC'd in the same way as 
the other. The image in T 2 is again set on 
the cross-lines bv rotation of the table. It 
is evident that 
if the an
le were precisely 
equal to the previous one, the image in Tl would 
now also be on the cross-lines. If the angles am 
not quite equal, the image in Tl will be dis- 
placed by twice their difff'rence, which is 
measurable with considerable precision on the 
micrometer. The settings both on T 2 and Tl 
should be repeated several times. 
The determination takes very little time, 
and with telescopes of about 30 cm. focal 
length should be accurate to less than I second. 
The method is clearly applicable to any 
size of angle for which there is a standard 
available. 
The precautions concerning the symmetrical 
filling of the tele
cope apertures and the use 
of the diaphragms Dl and D;l must be observed, 
lest the focus of the reflected beams should 
differ slightly "ith the two prisms. It is also 
f'ssential that the 
pectrometer and auxiliary 
telescope should stand on a more rigid support 
than the ordinary laboratory tahle, otherwise 
relative movements of the two will take place 
as the observer moves about. A convenient 
plan is to set them on a slab of slate or stout 
plate glasE1, which is raif:ed off the surface of 
the table by three pieces of indiarubbf'r or 
thick card. The auxiliary telescope then 
retains it3 po;;:ition as accurately as if it were 
part of the spectrometE'r. . 
If much measurement of angles has to be 
done, it is advantageous to dispense with t.he 
spectrometer altogethE'r and build up a simple 
apparatus specially for the purpose. Both 
tdeacopes and the collimator can be supported 
by sepRrate stands similar to Fig. 5. The only 
additional requisite is a prism table, capable 
of a small amount of rotation by means of a 
t:mgE'nt screw, and having the usual adjust. 
ments for If'velling the prism. An the appa- 
ratus should f:tand on a slab of slate or thick 
glass as describf'd above. To adjust the axes 
of thp telescopes to be coplanar, the following 
procE'durc should be followed. Place first one 
and then the other telescope in line with the 
collimator, and a(ljust so that the (,E'ntre of 
the slit is at the height of the cross-wires. If 
the axis of the collimator were parallel to the 
supporting slab to begin with, the tc1f:scope 
axes would now also he parallel to it, and the 
three axes would he coplanar in any position. 


If howe\'er the collimator was tilted, say down- 
wards, each telescope will 1'0 tilted upwards. 
Place the t
lescopes in line with each other, 
and illuminate the cross-lines of one by means 
of a lamp behind the eyepiece. On looking 
into the other, both sets of èross-lines will be 
seen, differing in height by twice the amount 
that the axes are inclined to the base. Bring 
them together, making half the adjustment 
\\ ith each telescope. They should now both 
be parallf'l to the base. Place one of them 
in line with the collimator again and adjust 
the latter. If the initial error was consider- 
able the adjustment should be repeated. 
\Vhen all three are so adjusted that their axes 
are parallel when taken two by two in tllls 
way, they are also paralld to the base-plate 
and so are coplanar in any position. They 
can then be set up in the relatin' positions of 
Fig. Ô, and the prism set on the table and 
adjusted as already described. If it is not 
convenient to provide the table with the neces- 
sary fine motion for bringing the image to 
the cross-lines of T 2 , this can be dispensed with 
by providing a micrometer eyepiece for T 2 
as well as for Tl' A comparison is then made 
by placing the two prisms as nearly as possible 
in the same position on the table and making 
settings with both micrometers. 
\Vith this simple apparatus, small differ- 
ences of angle can be measured with exceed- 
ingly high accuracy. 
A variant of the method, which eliminates 
the use of a collimator, employs auto-colli- 
mating telescopes. ThE' type of P.ig. 4 should 
be used, as this is convenient for use with 
micrometer eyepieces. The telescopes in this 
case are set normal to the faces, the difference 
in the micrometer readings when one angle is 
replaced by the other being equal to twice the 
differE'nce in the angles as before. 

 (3) DETERMINATION OF STAXDARDS.-Tl}(\ 
substitution method of 
 (2) gives the easiest 
and most accurate method of determining an 
angle, provided a standard angle is available 
from which it only differs hy a small amount. 
The method itself enables us to determine 
standards for the most usual cases which 
occur in practical optics. For a ()no sfandard, 
for instRnce, a prism with all three surfacE's 
polished is required. By taking the differences 
of the three anglE's in pairs and assuming the 
sum to be 180 0 , each angle is obtained ahso- 
lutE'ly. 
For a 90 0 8tanrlard a square prism should 
be employed. Here again the suhstitution 
method prO\Tides the differcnces of the angl('
 
in pairs. and the sum, 3GO o , being kno\\n, t!1e 
value of each angle is obtained. 
For a 4.')0 8!undard, which may most con- 
Venil'l1tly take the form of an ordinary total 
reflecting prism, the differf'nce in the 4.')0 
angle is memmred by the substitution method, 
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and the right angle compared "ith the 90 0 
fo:tandard. Thus the actual values of the 43 0 
an
les can be 0 htained. 
For a 30 0 .standard a prism of 30 0 , 60 0 , 
and 90 0 should be used. The last two angles 
are directly compared T\ith the appropriate 
standards, IRO minus their sum giving the 
value of the remaining: angle. 
Thus the substitution 
 method is self-con- 
tained, ina!'lmuch as it can be employed to 
determine absolutely the standards required 
for ordinary test work. 

 (4) ArTo-cOLLDIATIO:X )IETHoDs.-There 
are many methods of determining the commonly 
oc('urring angles in "hich the auto-collimating 
telescope is employed. 1 The most suitable 
telescope to employ is a small astronomical 
telescope of about 2! or 3 inch aperture. fitted 
with a micrometer eyepiece and the illumin. 
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ating device of Fig. 4-. The general mt::thod 
"ill be lillderstood from Fig. 7 (a), which shows 
the arrangement for measuring the right angle 
of a 4':>;) prism. The prism is placed in the 
position shown relative to the auto-collimating 
tele
cope, from which an incident beam ..A.B, 
approximately normal to the hypotenuse of 
the prism, emerges. Two images "ill he seen 
in the field of the eyepiece, one due to rays 
such a3 BI' reflected from the front face, the 
other due to rays which have passed through 
the prism by the path BCDE, being reflected 
apprm..imately normally and returned along 
the path EFGHIH. The angular displacement 
of these two images depends only on the value 
of the right angle. The formula is easily 
deduced directly; but the following general 
method of treatment will be founel useful. 
T. Smith 2 pointed out the great advantage, 


1 
ee Guild, Proc. Phus. Soc., 1916, xxyiii. 242; 
S. D. Chahlleri; and H :::; Ryland Trans Opt Soc 
1904-190.3, p. 34. .. , . . ., 
2 Trans. Opt. Soc., 1918, xix. 120. 


"hen dealing with the passage of rays through 
prisms, of "rectifying H the path of the ray. 
If one looks into a prism in any direction, he 
appean; to be loukinf! straight through a 
series of cham hers which are æflections of the 
prism itseJf at the various surface
 encoun- 
tered by the light rays. If these reflected 
prisms are drawn until a surface parallel to 
the front surface is rea('hed, the path of any 
ray between these two surfaces is a straight 
line. 'Yhen this is done for the cases which 
we are about to consider, it is found that 
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they all reduce to the case of reflection from 
the front and hack surface of a slightly pris- 
matic plate. The deviation between such 
rays is 2/1-8, /1- being the refractive index 
and {J the inclination of the surfaces of the 
equivalent plate. The internally reflected 
ray is deviated away from the vertex of {J. 
The prism is developed in this way in Fig. 
7 (b), the path of the ray "ithin the prism 
being BEH. Let 'Y = 90:> + Ô, Ô bein
 the 
error of the right angle. Then a + ß = 90 0 - ô. 
The inclination hetween PQ and P'Q' 
== lSOO - (PQP' + QP'Q') = 180 0 - :!(a + ß) = 2ô, 
the convergence being towards the left. The 
inclination of HI" to BII is therefore 4/1-ô. If 
the inclination were in the other direction, 
it would indicate that 'Y was less than 90:>. 
In Fig. 8 a number of other cases are drawn. 
A few words about ea('h \\ ill suffice. 
(a) To measure the difference between the 
45 0 angles of a right-angled prism. e = a - 13. 
Deda tion = '2fJ. (a - ß). In direction shown if 
a>p. 
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(b) Difference of two angles of equiiateral 
prism. Deviation = 2fJ.( a - ß). 
(c) Prism ()f PO o , UOO
 and 30 0 . Light incident 
on shorte
t face. e = 7T" - (:Jp + y), = :{p + q if "y = 

)Oo - q, and ß =30 0 - p. Deviation =2fJ.(:Jp + q). 
In general for a prism of this character in 
which one angle is 90 0 - q and anot.her is 
90 0 I It - p, p and q being small errors, the di ver- 
gence is 2fJ.(np+ q). 
The defect of the auto-collimating methods 
for precise work is that the heam "hich tra- 
verses the interior of the prism is almost 
always thrown out of focus on account of 


rI 


(a) 


n 


(c) 
.FIG.8. 


slight. want of homogeneity of the glass, 
and the accuracy of which the method would 
otherwise be capable is thus discounted. A 
second serious defect is that if the prism has 
pyrarnidal error (see next paragraph) the two 
images are at different heights in the field. 
This complicates th(' measurement very COI1- 
sidprably. The diffIculty is sometimes got 
over by modifications of the arrangements 
descril)('(l. in which the condition of Hym- 
metJicu.1 use of the telescope objective is 
violated. In general practice therefore, in 
accuracy as well as convenience, thf" auto- 
collimaiïng methods are inferior to the method 
of substitution. 



 (5) DEFECTS OF PRIS
Is.-In the treatment 
of the previous paragraphs we have assumed 
perfect prisms, i.e. perfectly plane surfaces 
with the three edges paraUel. In practice the 
surfaces are rarely absolutely fiat and the 
edgel::! generally converge slightly. 1'.e. the prism 
is part of an elon
ated pyramid. Clearly the 
measurements will only he of the highest 
accuracy provided the surfaces are flat enough 
for such accuracy to have any meaning. If 
the different parts of the surfaces vary in 
direction hy several seconds, it is meaningless 
to attribute a more closely specified value to 


n 


(ó) 


the angle between them. Prism surfaces are 
frequently convex or concave, being really 
long radius curves. This in practice may give 
rise to unexpected discrepancies between 
results obtained by different methods, in 
which, owing to the exigencies of the apparatu
, 
different portions of the surface may be em- 
ployed. 
(i,) Pyranddal El.ror.-'Yhen the thrpe edges 
are not. parallel the prigm is said to have 
"pyramidal eITor." 'Yith the exception of 
the general methods of 
 (1), the methods of 
precise goniometry which we have considered 
involve the as
um ption of the value of the 
sum of the anglcs of a prism. In the presence 
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=cos ()' +

2 cot)), 
. 
 p2 
. . B =)' + 2 cot)'. 
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For an isosceles pri::;m, it is clear from sym- 
metry that ð - ACB is equal to B - 'Y' Th
re- 
fore 
, the excess of the three prism angles 
over 180 0 , = 
(fi - )') = p2 cot 'Y' 
In Fig. 10 the values of t for various 
pyramidal errors are plotted for the two 
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of pyramidal error this is not ('
actly I
Oo, 
since the andes measured are the actual 
angles betwee
 the faces, and these are only 
equal to the angles of a plane triangle" hen 
the normals are coplanar. The methods of 
defining pyramidal error vary considerably, 
but we shall define it here as the angle between 
one of the surfaces and the opposite edge. 
In the case of an equilateral prism the value 
is the same whichever face is coni;idered, 
but in oth
r cases it is not RO. For any 
isosceles prism it is convenient to ta ke as 
the pyramidal error 
the angle between the 
unitJ.llC face anJ the 
opposite edge. 
Let OBC, Fig. 9, be 
the plane of the face 
in question, and OA 
the opposite edge. Let 
A BC be a section by 
a plane perpendicular 
to OA. Draw AP 
perpendicular to BC. 
Then _\OP is the pyra- 
midal error, p, as 
above defined. B

r 
is the angle between 
the plant's AOB and 
AOC=A::;ay; butanglp 
ABC is not the angle 
between the planes 
AOB and BOC, becaw;;e 
AB and BC are not 
FIG. 9. perpendicular to Oll. 
If the angle between 
the planes is :13, Ê > ABC'. Similarly ð > AêB. 
Thu<;Â+ B+ê>A+AËC+.Aê'B. Thesearethe 
angles of a planp triangle, .'. Â + :B + ê > I
Oo. 
Denote OB_-\, Ü:BC, and ABC by a, ß, and 'Y 
re
pectively; then from the geometry of the 
solid angle of which a, ,3, )', and B are elements, 
cos )' = cos a cos ß + sin a sin ,3 cos :8, 
.'. cos 1'3 =cos 'Y cosec a cosec ß - cot a cot ß, 
=coS'Y (I +! cot 2 a +! cot 2 ß) 
- cot a cot ß, 
since a and ß are nearly right angles. 
AB_AB AP p 
cot a = A () - AP . AO = sin; ; 
si milarl y cot ß = --L. 
tan 'Y 
. 
 " _ f p2 ( 1 1 ) 1 
. . co:-; B - cos 'Y l 1 + - - -;-- + - - J - 
2 sm 2 'Y tan 2 'Y 
--p
 
sin)' tan )' 
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commonest pri
ms. l\e see that the sum of 
the angles may be taken as It\ù o "ithout 
appreciable error if the value of p does not 
exceed :
 or -1 minutes. For larger values 
 
increases rapidly and has to be taken into 
account in precise measurements. 'Ye may 
measure p on the spectrometer as follows. 
I.et ABC, Pig. 11, be the prism, arranged as 


c 


} IG. 11. 


shown "ith respect to the collimator. Rays 
such as S'D are reflected from the face AB 
in the direction U'Y/. Rays such as ST 
follow the path STUY'Y, Y\Y bein
 parallel 
to U'Y' if Â = fi and p = O. In the pres
nce of 
pyramidal error one will slope upwards and 
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the other downwards. Their vertical dis- 
IJlacements can be lllca::;ured with the micro- 
meter eyepiece suitably oriented. Take as 
reference plane a plane perpendicular to the 
edge C, and let the incident light be in this 
plane. The normal XV will have an inclina- 
tion p to the plane. Suppose it slopes down- 
wards towards the left. Then the reflected 
ray 1
\V' slopes downwards by an angle 
ø = 2]) cos 1'. Since AC is perpendicular to 
the referenre plane TV is also in this plane, 
so the ray UV slopes upwards by an angle 
ø' =2p cos i'. This ray meets BC, which is 
also perpendicular to the referenre plane, and is 
refracted from glass to air. It is easily shown 
that ý;, the upward inclination of the emergent 
ray V\V, is equal to p.ø', where p. is the refract. 
i ve index of the prism. 
Thus the vertical displacement, ò, of V\V 
with respect to U\V' 
=ø+ý;=2p (cosi+p.cosi'), 
'Ve must substitllte for i' in terms of the 
angles of the prism and the angle of incidence i. 
., A - A "'. 1 1 . 

 = +r= +Sln- - SIn e, 
p. 
= Â + sin -1 ! sin {71" - (A + i)} , 
p. 


therefore 
ó=2PGosi+p.cos{ Ä+sin- 1 1 sin (71"-A- i) }J, 
whence p is obtained. 
The advantage of this method . s that ò is 
not appreciably affected by Incorrect adjust. 
ment of the prism with respect to the plane of 
incidence; the effect is simply to introduce 
a cosine term. In carrying out the measure- 
ment, the", twoA. images of the slit will be super- 
posed if A = B. To observe ó it is necessary 
to block out first the rays externally reflected 
and then those internally reflected. 
Pyramidal error may also be measured hy 
auto - collimating methods. In Frig. 7 (b), 
for instance, it is obvious that since the 
l' edges of the prism OPQ and its reflection 
OP'Q' are coincident the faces PQ and P'Q' 
have a vertical inclination of 2p. Thus the 
vertical component of the displacement of 
HI" with lespect to AI' = 4p.p. Similarly in 
Fig. 8 (b) the ß1' plane of the reflected prism is 
parallel to the ß edge of the actual prism and 
is therefore inclined vertically with respect 
to the a1' face of the latter by p. Hence in 
this case the displacement of the two reflected 
beams has a vertical component 2p.p. 


J. G. 


GRAINLESS PHOTOGRAPHY, use for graticu!e 
production. See" Graticules." 
GRAMOPHONE. See" Phonograph and Gramo- 
phone. " 


GRATICULES 


GRATICULES, a term which came into common 
use during the Great 'Val', may be defined as 
being the measuring marks or scales, usually 
on a glass plate or disc, placed in a focal plane 
of an optical instrument for determining t.hp 
size, distance, direction, position, or n mIl ber 
of the objects viewed coincidently with the 
scale itself. The term" graticule" comprises, 
therefore, the numerous appliances variously 
known as sighting scales, reticules, cross-lines, 
eyepiece, and stage micrometers, diaphragms, 
webs, etc., which are used in telescopes, micro- 
scopes, and other optical instruments, and it 
is usual to refer to the disc or plate with the 
marks on it as a" graticule." 
Being normally viewed under considerable 
magnification, it is of primary importance 
that the lines or marks should be quite sharp 
and clean, whatev-er the thickness of the lines 
may be. The thickness may vary between 
'0001" and .004" according to the purpose for 
which they are used and the method of manu- 
facture. The lines maybe required to be 
opaque, or transparent, or to have spe<;Ìal 
optical characteristics, and, except in the case 
of simple cross-lines, the divisions or spacing 
of the graticules usually demands the very 
highest degree of accuracy. Further, where 
the graticule takes the form of a circular 
Jisc inserted within an optical instrument, 
very exact centring of the pattern on the disc 
is an essential. Owing to these exacting 
demands in the way of accuracy and precision, 
the manufacture of graticules is not the 
simple matter which it would appear to be, 
and has been the subject of an immense amount 
of research. 
The methods of manufacture may be classed 
under two main headings: (a) mechanical 
ruling, (b) photographic methods. The 
methoùs by mechanical ruling may be sub- 
divided into- 
(1) Ruling with a diamond on glass. 
(2) Ruling with a diamond, and subse- 
quently filling in the marks with graphite, 
or some other opaque substance, the latter 
being usually mixed for the purpose with 
copal varnish or some similar medium. 
(3) Coating the glass with a transparent 
film of collodion or similar medium, and 
ruling the lines on this, subsequently cementing 
on a cover glass. 
(4) Coating the glass with waxy or bitu- 
minous substances, ruling through this, thcn 
etching the lines by means of hydrofluoric 
acid gas, or by immersion in solutions con- 
taining hydrofluoric acid, and, lastly, filling 
in with opaque substances. 
The photographic methods may be sub- 
divided into- 
(1) Photographs on plates or discs with 
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albumen or collodion emulsion having a grain 
as fine as possible. 
(2) Photo-ceramic methods. 
(3) Photo-etcmng methods. 
(4) By Grainlcss Photography. 
(5) By :Filmless Photography. 
Of these various methods Kos. 1 and 4 of 
the photographic methods require a cover 
glass cemented on to protect the film; all 
the others are " coverless" gra ticules. 
In all countries the principal method of 
manufacture up to the year 1914 was the 
mechanical method, the marks being usually 
filled in with an opaque substance. Simple 
patterns, such as straight lines at equidistant 
intervals or cross-lines, can be produced very 
perfectly in this way, but the method becomes 
cumbersome when anything more elaborate 
is required, such as scales with varying line 
thickness, or curved lines or numbered lines, 
Further, where lines cross each other the 
glass is apt to be broken up, causing the critical 
point to be less good than the rest, and this 
has led to the practice, when ruling lines at 
right angles to each other, of stopping the line 
just short of the cross-line, and continuing it 
again a short distance from the other side. 
The sharpness and apparent opacity of dia- 
mond-ruled lines depend on the cleanness and 
fineness of the diamond cut and personal skill 
of the operator; the diamond points are apt 
to wear out fairly rapidly and then produce 
inferior work. 
Ruling and etching methods are not so 
subject to wear and tear of the ruling point, 
because the waxy or bituminous substance 
ruled through is soft. Curved lines, numerals, 
or letters can be reproduced by a pantograph 
arrangement. In other respects they suffer 
from the same limitations in manufacture as 
diamond-ruled graticules, and it is exceedingly 
difficult to coat them with a resist so perfect 
that the hydrofluoric acid does not attack 
the glass here and there through the resist, 
occasioning tiny marks or spots on the glass 
which are objectionable. 
Graticules produced by any method of 
mechanical ruling require separate testing 
for accuracy and finish, each being an 
individual piece of work standing on its own 
merits. 
Graticules produced by photographic means 
have a great advantage in this respect, for 
any number of graticules can be produced 
exactly similar to one another, without re- 
quiring separate testing for accuracy of scales, 
always provided that the photographic method 
employed is one in wmch the film is given 
no chance of expanding or contracting during 
the process. The main security for this is 
by only employing such processes in which 
the film is not transferred from one glass to 
another, i.e. each graticule disc or plate must 


be coated separately and the film must be 
Jcft in situ throughout the operations. 
..\Iany fine grain processes have been em- 
ployed, collodion in general having been found 
to be the most suitable medium, since gelatine 
coatings almost invariably accumulate dust 
specks and are not sufficiently clear. Carbon 
processes on bichromated gelatine or fish glue 
have likewise been employed; in this case all 
except the image lines, which are rendered 
insoluble, is removed by washing. Such pro- 
cesses yield very fair results in the case of 
graticules "ith comparatively coarse lines, or 
which are subject only to low magnifications. 
Photo-ceramic methods have been employed 
in Germany mainly for one particular purpose, 
viz. gra ticules for binoculars. These gra ti- 
cules have a transparent image, which is more 
or less faint-an advantage for the purpose in 
question. They show little evidence of grain. 
The process has been kept secret, but some 
ideas as to the methods by which they are 
produced may be inferred from German and 
Austrian photo-ceramic literature. l 
:\Iessrs. Adam Hilger, Ltd., of London, have 
also developed a photo - ceramic method. 
These graticules have a fine grain, the image 
lines being sufficiently firmly adherent to the 
glass surface to stand the necessary cleaning 
of the discs. They will also withstand ordinary 
solvents. This process would seem to have 
been employed mainly for graticules with 
fairly coarse lines, used with low magnifica- 
tion. 


Photo-etching methods which were worked out 
by J. Rheinberg, London, in the early years of the 
'''ar, by coating discs "ith an emulsion impervious 
to the action of hydrofluoric acid gas before exposure 
to light, but pervious to its action after exposure, 
ha ve not hitherto proved successful, because the 
resist suffered from the same defects already referred 
to as liable to occur in the etching methods after 
mechn,nical ruling. 
Methods of graticule production by photo- 
graphy on a sensitive collodion film, having 
a grain so fine as to stand considerable mag- 
nification, date back a considerable time, and 
until recent years were chiefly practised in 
Germany. The actual process has been kept 
secret, but there is evidence to show that it 
has followed on the lines of the old Taupenot 
Collodion Process, dating from 1855, or some 
modification of the process. 2 

Iessrs. Rheinberg & Co., London, have in 
recent years introduced graticules made by 
a secret process styled "Grainlcss Photo- 
graphy," which differs widely from any 
1 Die Photokaamik by Juliu
 KrUger and Jakob 
Husnik, published by A. Hartl('ben, '
icnna and 
Lcipzig-. 
2 :I<'or an af'count of thcg(' processes readers are 
rcferred to Hardwick's Phot(
graphi(' C'hemi.<:tr.ll, 1839. 
and an artiele on" Fine Grain Photographic Platf'H," 
British Journal of Phutogmphy, September 13, 1U12, 
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previou::; pl\)CeSS, both as regards the com- 
positiun of the film, the chemicals employed, 
and the methods of phutogr<tphic t.reatment. 
Collodion is used as the vehicle of the image. 
By ditIerent modifications of the process, 
either black opaque lines are produced, or 
white opaque lines, or transparent lines in 
grey, amber, violet, or uther tints. The lines 
remain clean and sharp under considerable 
magnification, the transparent ones show no 
vestige of grain under high magnifications, 
Graticules produced by so-called" :Filmless 
Photography," another secret process deve- 
loped by t.he brothers Rheinberg during the 
Great. \Var, represent the latest advance. 
These are similar in appearance and charac- 
teristics to those by .. Gri.tÏnlcss Photography," 
and may be opaque or t.ransparent, but the 
imaae vehicle is the surface layer of the glass 

 . 
itself, in which the lines are formed m untar- 
nisha ble metal. In a perfect filmless photo- 
graph the lines cannot be rubbed Of cleaned 
off, and they are unaffected by solvents save 
one or two powerful acids, chiefly those which 
attack the glass itself. 


In one special modification of this process, termt'd 
the "Silverline" process, a brilliant white image 
consisting of an extremc1y fine fibrillar interlaced 
network of granulated silver, is produced upon the 
glass surface, and not incorporated within the 
surface layer. This image, unlike that in any othcr 
kind of graticule, has the property of rcflecting an 
approximately equal amount of light in all directions, 
no matter at what angle the light is incident upon it. 
The image, however, requires protection by means of 
a varnish. 
In a paper on " Graticules" (Transactions 
of tlte Optical Society, 
Iay HH9) )1r. Julius 
Itheinberg has stated the general methods and 
considerations relating to their photographic 
production (with speeial reference to those 
made by Grainless and Filmless Photography), 
together with considerations as to their design 
in relation to the various purposes for which 
they are required, and in the main the follow- 
ing . particulars are abstracted herefrom. 
The usual way is to start with a grea.tly 
enlarged dr.twing, say from 12" to 15" dia- 
meter, from which an intermediate reduced 
negative is produced, and this is again reduced 
in a precision camera to the exact size. The 
positive so obtained serves for the production 
of the " :\Iaster negatives," from which the 
graticules are then made by "contact printing." 
Drawings should be on smooth, thick, Bristol 
board, not on thin paper or linen which has 
a tendency to cockle. For fine work the 
naturc of the ink is important, and of a 
number of Indian inks tried, :\lessrs. \Vinsor 
& Newton's" :Mandarin Black" was found to 
be the best. 
'Vhilst it is not needful to draw the original to any 
particular Rcale of magnification, it is very needful 


to bcar in mind that all photographic proccRRes in- 
crease the relative thickncss of lines, partly 0\\ ing 
to the grain of the plate, partly owing to optical 
c onsidcrat ions, and, to compensate for t his, the lines 
of the drawing should be finer than the actual scalp 
of magnification of the drawing. E\.cn in graticnlcs 
produced by Grainless and 1.'ilmleRs Photography 
the intt'rmediate nt'gative has to be made on a fin(' 
grain plate, because grainle:ss emulsions are too slow 
to admit of camt'ra reductions from drawings on an 
opaque board, and lines intended ultimately to 00- 
1/500" should be drawn about 5 pcr cent thinner 
than the scale magnification. 
1/1000" should be drawn about 10 per cent thinncr 
than the scale magnification. 
1/2500" should be dra\,n about 50 per ccnt thinner 
than the scale magnification. . 
The optical eOllsidcrations rcfcrred to above rclatc 
to the limits of accuracy germane to all rcproductions 
by photographic lcnses. No lcns produccs an equally 
Rharp image on a flat plate over the \, hole ficld. hut 
the d
viations are small enough to be ncgligiblp 
\, ith a good lens in ordinary photography bccause 
the lines are much coarscr and the grain of the plate 
itRelf is usually the dctcrmining factor in setting the 
limit. "'hen, howcver, lines of .0005 inch and less 
are in question, the lens sets thc limit, as it is difficult 
to secure these evenly over more than a eomparativcly 
narrow angular field. . 
Similarly the lenses themselves set a limit to the 
accuracy with which long scales can be reproduced 
by photographic reproduction, as slight errors may 
occur in the spacing of divisions owing to zonal 
diffcrences of magnification. 
For these reasons many kinds of graticules cannot 
bc propcrly produced from large drawings by camera 
reduction at all, the" mastcr ncgatiycs " bcing made 
by contact printing from originals mechanic-ally 
ruled. 'Vhere figures, etc., are cmployed combina- 
tions of photographically reduced drawings and 
mechanically ruled scales can be used to product' the 
master ncgatives. 
In this manner grainless photographs ha ye 
been produced with lines as fine as 1/12500", 
although lines finer than 1/5000" are a matter 
of considerable difficulty. 
In an y photographic process of gra ticule 
production the order of accuracy between one 
scale and another, when large quantities of 
a scale are produced, is a matter of importance. 
This will depend entirely on the nature of the 
process, also whether any film transfer has 
taken place. In the case of Grainless and 
Filmless Photography a number of scales were 
sent t.o the National Physical Laboratory, 
taken from batches at random, which had all 
been produced from the same master negative, 
but not actually from the same negatives, 
as a master negative serves for making any 
number of the actual negat.ives used by means 
of inh'rmedi,tte positi,'es, and the tests showed 
the maximum error of the scales, either as 
regards over - all length, or aR I'eganls th(' 
divisions, to be within on('-twenticth per cent, 
and consequently since this error included any 
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actual error in the original master negati\'e, 
the actual variationb between onc scale and 
another produced hy either of the processes 
in question would be below that amount. The 
main test was made on scales of 10 mm. 
length; tests on smaller numbers of scales 
up to 100 nun. length ga\'e similar results. 
The yehidc bearing the image is an important 
consideration in graticules produced photo- 
gra phically. Collodion has in general been 
found to be the most suitable and is employed 
in the Grainless Photographic process as well 
as in the foreign-made graticules. 
In Filmless Photography, however, the 
vehicle which bears the image is the surface 
layer of the glass itself, and the nature and com- 
position of the glas:; play an important part, 
since the process is based on the idea that as 
glas
 is porous, though the pores may be 
ultra-microscopic, matter in a suitably fine 
state of di\-ision can be introduced into these 
pores by a ppropria te methods. The most 
suita ble kinds of glass have been found to be 
the various descriptions of crU\\n and plate 
glass. Glas
s of a particularly dense nature, 
such as barium glasses and baryta light flints, 
ha\-e been found less suitahle, although \\ ith 
more or le
s trouble filmles.s photographs can 
be produced thereon, particularly transparent 
photogra phs which do not necessitate the 
introduction of as much metal into the surface 
Ia.yer of the glass as opaque ones. Glasses 
containing any considerable proportion of 
lead, i.e. the ordinary description of flint 
glasses, are unsuited to the process, though 
this is due to the softness of these glasses 
and chemical combinations which take place 
rather than to any question of density. 
The uses to which graticules are put are 
birly numerous; they form a most essential 
part or adjunct of the optical instrument in 
or with which they are employed, and there are 
but few optical instruments used in peace or 
war in which they are not either permanently 
or temporarily used. A good example of the 
relative importance the graticule may assume 
in an optical instrument is afforded by the 
Aldis Unit Telescopic Right for aeroplanes, 
the whole instrument being merely a device for 
seeing the graticule image sharply, coincidently 
with the target which is viewed without any 
magnification whatsoever. 
The kind or \Tariety of the graticule naturally 
depends upon the purpose for which it is used 
in an optical instrument, and the advent of 
Grainless and Filmless Photography which 
cnables gra ticules to be produced "ith image 
lines opaque, transparent, or semi-transparent, 
in various colours or tones and possessing 
different optical properties, has not only con- 
siderahly increased the purposes for which 

hey can bf" employed, but also in some 
mstances gÏ\-en rise to new forms of instrument 
. 


construction. The majority of graticules are 
required for use ,Üth transmith:d light, and 
for most of these it has been customary to use 
graticules ha\ ing opaque black lines, the 
pm,siLle advantage in some cases of trans- 
parent lines not haYing receiyed any adequate 
attention, probably o\\ing to the fact that 
such graticules were not generally available. 
The optical difference between a neutral 
coloured transparent line and an opaque one 
is that the former reduces light from the 
object by a definite percentage, whereas the 
latter cuts out the whole of the light. There 
would appear to be a prcyailing impre
sion 
that transparent lines will not stand out 
sufficiently, or show sufficient contrast against 
a dark ground. which, howe\-er, experiment" ill 
show not to be based on fact. Excessi\re con- 
trast induces eye fatigue and loss of comfort 
in use, which becomes particularly noticeable 
and indeed irritating when graticulcs have 
opaque patterns in the nature of squared 
lines or other repeating patterns. Such con- 
trast may hinder the eye in picking up and 
inspecting critically the object to be \
iewed. 
An outstanding merit of transparent lines is 
that they do not cut off any part of the object 
viewed, a not unimportant matter where lines 
are fairly coarse, i.e. exceeding .001 in<;h, which 
are frequently required. Other advantages of 
transparent lines are referred to later on in 
the notes on graticule design. 
For one class of graticules, \ iz. military 
binoculars, transparent lined graticules have, 
however, been in use for some considerable 
time; for this purpose the German photo- 
ceramic graticules "ere in use prior to the 
war, also etched or directly ruled lines on 
glass, not filled in. They afford a typical 
example of the benefit of faint transpar
nt 
lines, as they do not distract the eye from the 
object and are little noticed, unless attention 
is purposely concentrated on them. 
Another class of gra ticule
, used typically 
in sighting instruments for day and night use, 
are intended for use both \\ ith transmitted 
light and reflected light, appearing black when 
illuminated iil the former way, and white in 
the latter. They are produced by filling in 
a diamond-ruled image "ith white opaque 
lines, or even more satisfactorily by a modifica- 
tion of the grainless photographic process, 
which yields \\ hite opaque lines. Their opacity 
renders them black by transmitted light, and 
for night work the light is introduced through 
the edges of the disc by a subsidiary lamp, 
the light so introduced being imprisoned in 
the glass e
cept where it strikes the image 
lines, which reflect a portion of it towards 
the eye lens. 
This c1asR of graticules "
mld seem susceptible 
of d{'velopment to numerous l1Se8, for e
ample 
spectroscope eyepieces, as, by iIluminatilig the disc 
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('dge "ith eoloureù light. the graticule image may be 
madc to apprm..imate in colour tu the part of the 
:-:pectrum unùer ousC'n'ation. It is well known that 
the eye "ill not sharply focus widely differing colours, 
or colours and white lines simultaneously, hence the 
utility of some suC'h device. 
Graticules for use by reflccting light only 
are in general produced by th(' same processes 
alread) referred to. They are usually illumin- 
ated either directly or by reflt:'ctors pn>pared 
with white diffusing substances. 
\\'hilst in all ordinary cases a graticule is 
so mounted that the plane of the graticule 
disc is parallel with the lenses of the optical 
system with which it is used, an exception 
occurs in certain military instruments, in 
which the graticule has to be viewed through 
the optical system at continuously varying 
obliquities, whilst the direction of the light 


FIG. l.-TIlaek opaque. Line thickness ,0004 0 . 
l\ragnifkation 85. 


which is reflected from the graticule lines 
remains more or less constant. Ordinarily 
the intensity of the light reflected by a line 
or a surface varies greatly according to the 
angle at which the light impinges on it, as a 
consequence of which the image of the grati- 
cule would be far less brilliant when viewed 
at certain degrees of obliquity than at others. 
To meet this case the " Sil verline" process 
already referred to was dcvised, in which the 
image lines have the property of reflecting 
or diffusing light of approximately equal 
intensity in all directions, irrespective of 
the angle at which the light impinges on 
them. 
Another class of graticules are such as have 
clear lines on a black opaque ground. These 
are illuminated from behind or by a separate 
source of artificial light. They are mostly 
used in the type of instrument in which it is 
desirable to project graticule lines, etc., in the 
image plane, but in which it is not convenient 


to place du' graticull' in the main optical 
system, either because that SYSh'lll has no 
real focal plane, or for other reasons of design. 
A frpquent device is to place the graticule in 
the focus of a collimating lens and place a 
semi-transparent reflector in the main optical 
system at an angle of 45 0 . Graticules of this 
description are produced by Grainless Photo- 
graphy, and are similar to the negatives ordin- 
arily employed in that process. 
The design of gratieules is a matter rt'paying 
careful attention. It should not be overlooked 
that the graticule is often an essential, and 
frequently a vital part of the optical instrument, 
that it is under constant serutiny, and should 
be so designed as to secure the maximum 
efficiency and the greatest amount of comfort 
in use. To ensure this it is absolutely neceSf'ary 
that it should be properly correlated to the 
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FIG. 2.-Black opaque. Line thickness '0004", 
Magnification üGO. 


conditions under which it is used and to the 
general optical system of the instrument. 
It is desira blc to consider- 
(I) The nature of the pattern. 
(2) The thickness of the lines. 
(3) Questions of opaC'ity or transparency. 
(4) Questions of differentiation or colour. 
(5) Special optical desiderata. 
(6) Questions affecting price or difficulties 
in production. 
Regarding the nature of the pattern, an 
important point is to keep it as simple as 
possible. Every supf'rfluous line, figure, Cf 
other mark should be eliminated, for these 
only occupy the ficld otherwise wanted fOf 
examination of the object and distract the 
eye. The fact that additional lines, figures, 
and so forth do not add commensurately to 
the cost of graticules produced by photographic 
processes is a temptation to load them up 
unnecessarily, but should be resisted, as 
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practical experience during the \Yar has 
frequently led to complicated patterns being 
successively simplified. 
"'ïth regard to the line thickness of grati- 
cules, a number of interesting little points 
req uire to be borne in mind and balanced, and 
in considering these it is convenient to re- 
member that a line 1/1000" wide, dewed with 
the unaided eye at nonnal, i.e. 10" distance, 
subtends an angle of about 20 seconds. 
Opaque lines when viewed against a white 
ground appear rather thinner than they 
actually are, as the white light encroaches on 
the two edges of the line, by irradiation of 
the eye. "Then the opaque line is too narrow, 
the line appears faint and indistinct and 
begins to be uncomfortable. \Yith the un- 
aided eye a line 1/300" or 1/20 mm. is 


Fm. 3.-Black opaque. Line thickness '001". 
)Iagnification 8;). 


sufficiently narrow for comfort. For eyepiece 
graticules the magnification of the eye lens 
has to be taken into account, and the best rule 
for comfort is not to have lines narrower than. 
needful. "
ith eyepieces magnifying x 5 to 
x 8 opaque lines 1/2000" or IjðO mm. will be 
found sufficiently fine. J n micrometer scales 
divided into tenths or twentieths of a millimetre 
the width of the lines may reasonably be 
reduced to 1/3000" or 1/200 mm., and in 
scales of this description, or scales divided even 
more finely for microscope stage micrometers 
of the ordinary description, opaque lines are 
the most suitable. The illustrations, Figs. 1 
to 4, are from photomicrographs of Rheinberg 
Filmless Graticules taken by 
Ir. J. E. Barnard. 
F.lu::;t.P. 
Transparent lines seen against a white 
ground alwayi; al)l)ear markedly narrower than 
o})aque ones of similar width, due lmrt.ly to 
the greater encroachment on their edges by 


irradiation. It is rarely necessary or advisable 
to go below '001" in width, the more so as they 
have the advantage that the object viewed 
can be seen through them, and centred to the 
middle of the transparent line with very great 
accuracy. This feature is also useful because 
lines of ,-arying thickness can be used on the 
same graticule disc for differentiation purposes, 
without sacrificing accuracy of measurements. 
\Vhere squared lines or repeating patterns, 
or markings in the nature of massed patches, 
are required, transparent lines should always 
be gi ,-en preference o,-er opaque ones, unless 
the la tter are indispensa hIe for reasons 
necessitating maximum contrast. The depth 
of tint of transparent lines should be appro- 
priate to the magnification under which they 
are to be viewed, as it is a some,vhat remark- 
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FIG. 4.-Black opaque. Line thickness '001". 
J[agnification 650. 


able fact that it differs with the magnification. 
The same grey line of .002" width may look 
almost black to the unaided eye; seen with 
an ocular x .3 it appears grey, with an ocular 
x 10 a lighter grey, on the microscope st.age 
magnified 100 times it appears a very light 
grey indeed. 
Differentiation for the sake of clearneF
 and 
facility in reading or counting is a factor which 
should receive consideration. }'or instance, 
in a graticule for counting Imrposes, a field 
consisting of alternate transparent grey and 
colourless square patches in a chessboard 
pattern-the so-called Chessboard )Iicrometers 
-are more comfort a ble and easy to work \\ it h 
than graticules simply di,-ided into squared 
lines. Lines of different thickness on the same 
grat.i('ule are another form of differentiation. 
Cases occur, bowen'r, wht're it is still more 
convenient to differt'ntiate bv lint's of different 
colour on the same graticul
. Such graticules 
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were patented by 3Ic::5srs. Aldis Bros., Bir- 
mingham, and known by name of comp06ite 
graticules, because they are usually produced 
by doing the different colours by Grainless 
Photography on two separate discs and cement- 
ing them together. The colours themselves, in 
so far as it is possible to })roduce them, may 
be selected to obtain contrast in accordance 
with the pUI110se for which they are used; for 
cxaml)le, an aero})lane telescope graticule for 
use against the blue sky might have golden 
amber lines, one principally for use against 
green foliage would conyeniently ha ve lines 
of a violet tone. 
\Yhen one scale is measured against another 
scale (microscope stage micrometers and eye- 
piece micrometers offer a familiar example) 
there is an advantage in having the scales 
differentiated in colour so that they can be 
distinguished at a glance. 
The special optical desiderata which the 
graticule should possess will depend chiefly 
upon the methods of illumination under which 
it is to be used, i.e. whether by transmitted or 
reflected light or edge illumination, whether 
it is to be viewed normally to its surface or 
otherwise, whether with colour screens or 
such-like considerations. These matters have 
already been referred to. 
Lastly, a graticule designer should bear in 
mind that the cost of production of any pattern 
frequently depends largely on seemingly quite 
trivial matters, and should consult with the 
manufacturers in order to avoid specifications 
which unduly increase cost without increasing 
efficiency. For example, specifying a graticule 
on a disc 10 mm. diameter, when a disc of 
15 mm. diameter might be adopted just as 
well, might entail a difference of 50 per cent 
in cost of production. Or by requiring the 
cross-lines in a Filmless Photograph to go right 
up to the f'dge of the disc, a large extra cost 
may be incurred compared with one in which 
the lines leave off ! mm. or 1 mm. from the 
edge of the disc. Very fine lines in immediate 
contiguity to very coarse ones are inadvisable, 
as tlwy require different treatment by all 
photographic processes. In short, the instru- 
mcnt-makershouldrememberthat the graticule, 
which iR at least a'3 important as the other 
parts of his optical instrument, Rhould not be 
treated as an independent adj unct, to be fixed 
up after everything else is settled, but should 
be carefully considered along with the design 
of the whole instrument, if he is anxious t-o 
obtain maximum cfficiency at lowest cost. 
Consequent upon the limitation of patterns owing 
to the restricted mt'thods of production ayailable 
until rpcpnt years, the application of graticulcs has 
not be('n dcyelopf'd in many directions in \\ hieh they 
would appcar Rusceptihle of t'xtension. During tht' 
(;rpat ". ar the tcmlpncy manifestcd itseJf for the 
design of new typC8 of optical apparatus whiC'h would I 


not haye been feasible but for the fact of the facil- 
ity with \\ hieh new and unusual types of graticules 
could be producpd, and it seems likt'ly that many 
types of optical apparatus might be improved, 01' 
new types designed, by paying due regard to the 
possibilities which graticules no\\ afford. It is 
only needful to bear in mind. for instance, that the 
steel slits of spectroscopes could be replaced by 
graticules having a spries of perfectly sharp, clean, 
colourless lines on a black ground of definitc widths. 
and 'that as the films have less thickness than steel 
jaws there is less liabilitv to stray reflections or 
diffraction. Or, again, thc fact that completely 
divided circles can be produced with grt'at accuracy 
in the form of a small graticule opens up thc possibility 
of designing in:otruments in which such circlt's are 
either placed in, or projected into, the plane of optical 
instruments to supplant the large and expensivt' 
graduated metal arcs and circles with their spparate 
reading - microscopes elsewhere. Such examples 
show that the posRible applications of graticules 
with a view to improvpments or simplification in the 
design of optical instruments is a subject which will 
well repay study, and has indeed its own place in the 
general study of Applied Optics. J. R. 
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ployed in some stereoscopic 
give a distance scale in 
view. See "Rangefinder, 
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GREASE-SPOT PHOTOl\IE'!'ER: another name 
for the Bunsen photometer. See" Photo- 
metry and Illumination," 
 (15). 
GRINDING AND POLISHING OF A GLASS SUR- 
FACE, STAGES IN THE. See" Uptical Parts, 
The ',,","orking of," 
 (7). 
GROOVE FORM: effect on distribution of light 
in diffraction spectra. See "Diffraction 
Gratings, Theory of," 
 (8). 
GUILD SPHEROl\IETER. See "Spherometry," 

 (5). 


GUITAR: a musical instrumcnt of six strings 
which are plucked by the right hand. See 
" Sound, " 
 (26). 


GYRO. FLOATING BALLISTIC. Sf'e" .Nayigation 
and Navigational Instruments," 

 (13) (ii.), 
and (14). 


GYRO COl\fPASS. See" Navigation and 
Navigational Instruments," 

 (13), (14), 
(15). 


GYRO COMPASS, SPEED ERROR OF. See 
"Navigation and Navigational Instru- 
ments," 
 (15). 
)I-RAYS, GENERAL PROPERTIES OF. See 
" Hadioactivity," 
 (14) (i.). 
Nature of. See 1'bid. 
 (14) (iv.). 
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HALF-SHADOW ANGLE, V ARIATIO
 OF SEX- 
SITIVEXESS OF POLARDIETER WITH. See 
" Polarimetry," 
 (7). 
HALF - VAL UE PERIOD OF A RADIOACTIVE 
SUBSTAXCE: a term used in radioactivity 
to denote the time taken for the atoms 
present in a radio-element to decrease to 
half. See" Radioactivity," 
 (6). 
HARCOURT PHOTO
IETER. Sep" Photometry 
and Illumination," 
 (26). 
HARDXESS OF GLASS. See';' Glass," 
 (25). 
HARDXESS OF X-RAYS: quality of X-rays. 
See" Radiology," 
 (17). 
HARP: the most important representative of 
stringed instruments which are played by 
plucking with the fingers. See" Sound," 

 (28). 
HARRISO:S STREET PHOTO:\IETER. See 
" Photometry and Illumination," 
 (57). 
HART)IAX
'S )IETHOD OF DETER)lINING THE 
PO.sITIO
 O:FAX hiAGE-PLANE. See" Ob- 
jectives, Testing of Compound," 
 (1). 
HAÜY'S LAW OF COXSTANCY OF CRYSTAL 
AXGLES, final proof of, from the general 
law of progression of crystal properties 
corresponding to the advance in atomic 
number. See" Crystallography," 
 (13). 
HEARI
G, the act of. See" Sound," 
 (57) (ii.). 
Human. See ibid. 
 (57). 
HEELDW ERROR in magnetic compass. See 
" 
a"'Í.gation and .Navigational Instru- 
ments," 
 (10) (ii.). 
HEF
ER LAMP: a flame standard officially 
adopted in Germany. See "Photometry 
and IHumination," 
 (7). 
HEIGHT, DEFIXITIO
 OF. - See "Surveying 
and Surveying Instruments," 
 (36). 


HEIGHT-FI
DER, THE PATERSO
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'VALSH ELECTRICAL 



 (1) THE BE

ETT-PLEYDELL PRINCIPLE.- 
For detf'rmining the height of an object, as 
distinct from its range, the simplest geo- 
metrical arrangement is that involving the 
measurement of 
the distance be- 
tween two stations 
and of two angles. 
D This was sug- 
gested in connec- 
tion with the 
determination of 
the height of air- 
craft by Lieu- 
tenant :\Iansell Pleydell and Dr. G. F. Bennett, 
and is known as the Bennett-Pleydell principle. 
In Fig. 1, if two planes ABPQ and CDPQ be 


þ 


N 
.FIG. 1. 


c 


rotated about their axes AB, CD, until they 
intersect in PQ, then if AB and CD be parallel 
to each other, perpendicular to the line AC, and 
in the same horizontal plane, every point on 
the line PQ \vill be at the same height above 
this plane, this hei
ht being given by the 
formula h=AC/(cot A -cot C), where A and 
C are the angles (both measured in the same 
sense) which the planes ABPQ and CDPQ 
make with the horizontal. 
For in Fig. 1 let AQC be a vertical plane through 
the base At'. and Q
 perpendi('ular on AC. Then 
QX =h, also QAX =A, QCN = 180 0 - C. 
fu
 =QX cot QAX =h cot A. 
CN =QX cot QCK = - h cot C. 
,'. AC=AX+Cg=h(cotA-cotC). 

 (2) THE TELEPHO:KIC IxsTRID:1ExT.-The 
height-finders which have been designed on 
this principle are long-base instruments. The 
first (telephonic) type consists of two stations, 
one at each end of a base about a mile long. 
At each station there is a wooden stand (Fig. 
2) holding a rectangular Righting frame F, 


FIG. 2. 


capable of rotation about a horizontal axis. 
At one end of each instrument is a dial and 
pointer arrangement giving at once the angle 
between the horizontal plane and the plane 
of the sighting wire 'Y'Y attached to the 
rotating framework F. At the other end of 
one instrument is a "plotting-board" B, 
rigidly attached to the upright and engraved 
\\-1th a series of equidistant horizontal lines 
marked in thousands of feet. In addition to 
these lines there is a semicircular scale of 
degrees over which a loose arm A may be 
swung at will. Rigidly attached to the 
rotating framework }1' is a second arm C. 
The inner edge of each of these arms passes 
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through its own axis of rotation, and the 
distance between these axes represents the 
distance between the" home" and" distant" 
instruments on the same scale as the vertical 
àistance between either axis, and anyone of 
the horizontal lines represents the height 
marked on that line. 
In using the instrument the sighting frames 
at both stations are set with their axes parallel 
and at right angles to the base and are turned 
so that the plane of each wire rectangle passes 
through the object. The angle of elevation of 
the "distant" plane is then telephoned to 
the "home" station, and the arm A is set 
to this angle on the plotting-board. The arm 
C automatically gives the same information 
for the" home" station; the triangle formed 
by the inner edges of the arms A and B, 
with the horizontal line passing through their 
axes, is an inverted scale reproduction of the 
triangle AQC of Fig. 1. Hence the height 
of the object sighted may be read off from the 
position of the intersection point of A and B. 

 (3) THE ELECTRICAL INSTRUl\IENT.-The 
chief disadvantage of the telephonic instru- 
ment is that its readings, being dependent 
on communication of the angle of elevation 
at the distant station, are necessarily dis- 
continuous and possess a certain small time 
lag. To obtain a continuous indication of 
height the electrical instrument was devised. 
In this the use of the plotting-board and scale 
of angles was dispensed with except as 
incidental to the periodical checking of the 
electrical adjustments. At each station there 
is a uniform resistance supported horizontally 
at a fixed distance below the axis of the sight- 
ing frame, and ,vith its centre directly under 
this axis. Attached rigidly to the axle of 
this frame, and in continuation of the plane 
of the sighting wires, is a phosphor-bronze 
bar ,vhich preBses against the horizontal 
resistance. In this way the distance between 
the centre of the resistance and the point of 
contact of the bar is always proportional 
to the cotangent of the angle of elevation 
of the sighting frame (see Fig. 3). Thus if it 
Z1 


I 

----
 


+ 


FIG. 3. 


be arranO'cd that thcre is a constant current 
I"'> 
passing through the resistance, the difference of 
potential bdwecn the har and the centre of the 
resistance is also proportional to this quantity 


+ 


By means of a local battery, voltmeter, 
and regulating rheostat, the voltage drop 
across a given length of resistance is main- 
tained at the same constant value at both 
home and distant stations. The distances 
between the axes of rotation of the sighting 
frame and the horizontal tracks of the phospor- 
bronze bars on the resistances are also the same 
at both stations, so that by connecting line 
conductors between the stations in such a 
manner as to put the two voltage differences 
in series, a milliammeter ,vith a suitable 
swamping resistance in the circuit gives at 
once a reading proportional to (cot A - cot C). 
It follows that, in order to obtain a direct 
reading of height, the instrument must be 
provided with a reciprocal scale. For the 
purpose of increasing the range two scales 
are provided, one from 1600 to 5000 ft., and 
the other from 5000 to 20,000 ft. The more 
open scale is brought into operation by 
pressing a key switch which normally short.- 
circuits a shunt to the moving coil of the 
instrument. 

 (4) THE PATERSON-\VALSH INSTRUl\IENT. 
-The series resistance of the milliammeter is 
v3-riable, and is so adjusted in relatiün to (i.) 
the actual voltages employed at the two 
stations, (ü.) the sensitivity of the milliam- 
meter, and (iii.) the ratio of the base length 
to the vertical distance behveen the axes of 
the sighting frames and their respective 
resistances, that a given base length corre- 
sponds with a definite series resistance for 
all instruments. Corresponding values are 
tabulated in the instrument box, so that any 
instrument can be used with any length of 
base by suitably adjusting the series resist- 
ance. The electrical circuit used in the 
Paterson-\Valsh design of the instrument is 
shown diagrammatically in Fig. 3. R, Rare 
the uniform resistances, AZ, CZ the sighting 
planes, and V the milliammeter. In this 
diagram the local arrangements for maintain- 
ing a constant and definite current through 
the resistances are not shown. 
The chief errors to which the instrument is 
liable are (i.) leakage in the insulation of the 
main conductors between the stations, and 
(ii.) change of resistance of these conductors 
with change of temperature. On this latter 
account these conductors are required to be 
as heavy as possible, so that their resistance 
may be properly swamped by the series 
resistance of V. 

 (5) OTHER INSTRUMENTS. - It will be 
clear that other adaptations of t.he principle 
of the electrical solution could readily be 
devised. One of these avoids thC' use of a 
hattery at each station. The two portions 
of the regular resistances are put in series 
and form one arm of a \Yheatstone hridge. 
By continuom-'ly adjusting a local resistance 
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to keep the bridge in balance, a measure- 
ment of the height may be obtained from 
the value of this resistance in circuit at any 
timf'. 
The accuracy of all height-finders working 
on the Bennett-Pleydell principle is necessarily 
dependent on the paraìlelism of the axes of 
the two sighting frames, and it is desirable 
that the departure from this parallelism should 
not exceed 6' of arc. If parallel, the axes may 
be slewed with respect to the base line by as 
much as 50 without correction, or by any angle 
up to 30 0 if the length of the base line be 
corrected by the factor cos 8. 

 (6) CORRECTIO
 FOR DIFFERE
CE OF 
LEVEL.-!n all that has been said above it 
has been assumed that the two stations are 
on the same level. If their difference of level 
be d, it may be readily shown that the new 
formula for h is 


{b - (dj2)(cot A + cot C)} 
(cot A -cot C) - 


A rigorous practical solution of this expression 
is not possible, but a very close approximation, 
in all practical cases, to the correct result is 
obtained by setting over the sighting frames 
"ith respect to their pointers, so that when 
the latter are read ng 90 0 the frames are not 
vertical, but are tilted downhill at both ends 
by an angle equal to half the angle of the 
slope (supposed continuous) between the two 
stations. In this manner the instrument 
indicates the values of b (cot A - 8 - cot B - 8) , 
where tan 28 = djb, and it may be shown that 
this formula gives a very close approximation 
to the accurate expression, heights being in- 
dicated as above the mean lel'el of the two 
stations. 

 (7) USE OF THE I:NSTRU1IENT. - The 
instrument can be used for all angles of 
elevation greater than 20 0 , but below this 
value the line of contact of the phosphor- 
bronze bar on the even resistance is liable to 
variation, and a small inaccuracy of sighting 
produces a considerable error in the indicated 
height. The error of an instrument such as 
that described should not exceed 300 ft. at 
a reading of 12,000. 
It will be apparent that if sight of the 
object be lost at one station an entirely 
erroneous reading may be given by the 
indicating instrument if no means is provided 
for cutting it out of circuit. In the actual 
design, the circuit connecting the two stations 
with the indicator is not completed until a 
small key switch is depressed at each station. 
These keys are operated by the observers at 
the sighting frames, so that if the target be 
1081 at either end, the indicator can be at 
once brought to zero, i.e. to infinity height 
on the reciprocal scale. J. w. T. W. 
VOL. IV 


HEIGHT-FI:NDERS, ANTI-AIRCRAFT. See" Range- 
finder, Short-base," 
 (8). 
HELIOSTAT, THE: a clockwork device for 
directing the rays from the sun into a fixed 
telescope or other optical system. See 
" Telescope," 
 (17). 
HETEROCHROMATIC PHOTOMETRY: the com- 
parison of lights of different colours. See 
"Photometry and Illumination," 
 (93) 
et sqq.; also" Spectrophotometry," passim. 
HIGH POTENTIAL GE:NERATORS FOR X-RAYS. 
See" Radiology," 
 (15). 
HILGER'S CO
STA
T-DEVIATIO:N SPECTRO- 
METER, used as monochromatic illuminator. 
See" Immersion Refractometry," 
 (7). 
HILGER'S SECTOR PHOTOl\IETER: an instru- 
ment used in the photographic method of 
spectrophotometry. Sep "Spectrophoto- 
metry," 
 (17). 
HÖGNER'S METHOD OF CALCULATING AVERAGE 
ILLU)n
ATION. See" Photometry and II. 
lumination," 
 (70). 
HOLDERS, PLATE-, for portable field and 
copying cameras. See" Photographic Ap- 
paratus," 
 (5) (i.). 
HOLLOW GLASS-WARE, :\IAKUFACTURE OF. See 
" Glass," 
 (18) (i.). 
HO:\IO-HETERO-ANALYSIS (of colour): the 
matching of a colour by a mixture of grey 
with the correct proportion of homogeneous 
radiation of the correct wave-length. See 
" Spectrophotometry," 
 (3). 
HORN, E., Tenor: a brass wind-instrument 
with valves. See" Sound," 
 (44). 
French, in C; scale on, tabulated. See 
'ibid. 
 (38), Table YIlI. 
French, with valves. See 'ibid. 
 (38ì. 
French, without valves. See 2.bid. 
 (37). 
HOT-CATHODE TUBE: a tube in "hich electrons 
are produced from an electrically heated 
spiral of tungsten. The vacuum in the 
tube is so high that the residual gas plays 
no active part. See" Radiology," 
 (8). 
HUE: that attribute of colour in light by virtue 
of which it differs from grey. See" Spectro- 
photometry," 
 (2); see also" Eye," 
 (8). 
H ÜFNER'S SPECTROPHOTO:r.IETER. See" Spec- 
trophotometry," 
 (12). 
H Ul\IOURS: the fluid contents of the eye. 
See " Eye," 
 (2). 
HUYGENS' CONSTRUCTION: a graphical method 
of determining the form of an ad vancing 
wave-front by considering it as the envelope 
of the secondary wavelets emitted by all 
points on the original wave-front. See 
"Polarised Light and its Applications," 

 (6). 
HUYGE
S' EYEPIECE. See" Telescope," 
 (6); 
" Eyepieces," 
 (2). 
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HYDROCHLORIC ACID FUl\IES AS A TEST FOR 
OPTICAL GLASS. See "Glass, Chemical 
Decomposition of," 
 (3) (i.). 
HYDROGEN PARTICLES produced by collision 


-1 


ILLUMINATION. See" Photometry and Illu- 
mination," 
 (2) and 
 (50) et sqq. 
ILLU:\1INATION, KINEMATOGRAPH, sources and 
condenser lenses suitable for. See" Kine- 
matograph," 
 (10). 
ILLUMINATION, OPTICS OF. See" Projection 
Apparatus," 
 (3). 
ILLU::\lI
ATION CURVE: a diagram showing 
the distribution of illumination along a 
given line. See" Photometry and Illumina- 
tion," 
 (69). 
ILLu
nNATIoN OF l\IICROSCOPIC OBJECTS. See 
" 
Iicroscope, Optics of the," 
 (22). 
ILLUl\HNATION PHOTOl\lETERS, GENERAL PRIN- 
CIPLES OF. See "Photometry and Il- 
lumination," 
 (16). 
ILLUMINATION REQUIRED FOR MOST ACCURATE 
PHOTOMETRY. See "Photometry and Il- 
lumination," 
 (21). 
IMAG E PLANE OF OPTICAL SYSTEM, determina- 
tion of, by Hartmann and Foucault's methods. 
See "Objectives, Testing of Compound," 

 (1). 
Il\L\IERSION REFRACTOMETRY 

 (1) INTRODUCTION. - The ordinary direct 
methods 1 of measuring the refractive indices of 
glass specimens cannot be applied when one 
wishes to determine the refractive properties of 
a specimen of glass which is unpolished, or is 
in the form of a lens, or is very small. It is 
frequently either inadvisable or impossible to 
grind and polish optically flat surfaces on a 
specimen, on account of its being a component 
of some optical system which it is essential to 
keep intact, or because of its small size. In 
such cases the usual method adopted fOT 
measuring the refractive index for any given 
wave-length is to immerse the specimen in a 
transparent liquid having approximately the 
same index, and to vary the concentration of 
the liquid until the refractive indices of liquid 
and specimen for that wave-length are the 
same. The refractive index of the liquid is 
then measured by means of one of the 
ordinary methods. 
Four of the more important methods which 
depend on this principle are as follows: 

 (2) CHRISTIANSEN'S 
IETHOD.-Christian- 
sen 2 describcd an immersion method of 
1 See article on .. Spectroscopes and Refracto- 
metf'rs. " 
I C. Christiansen. JVÎPd. Ann., 1884, xxiii. 208; 
1885, xxiv. 439. 


of a-particles with atoms of light elements. 
See" Radioactivity," 
 (12). 
HYGROSCOPIC NATURE OF GLASS. See Glass, 
" Chemical Decomposition of," 
 (1). 


measuring the refr(:tCtive index of glass in the 
form of a fine powder. The powder is placed 
in a hollow glass prism of refracting angle 45 0 
to 60 0 , which is filled with a mixture of carbon 
disulphide and benzene. 'Vhen a homo- 
geneous mixture has been obtained by means 
of stirring, the prism is placed on the table 
of a spectrometer, the collimator slit of which 
is illuminated by a sodium flame. The sodium 
line is seen sharply defined in the telescope. 
The powder gradually sinks to the bottom of 
the prismatic cell and the constitution of the 
mixture becomes different in different hori- 
zontal layers. As a result of this a band 
of light is seen in the field of view of the 
telescope. After some minutes, however, the 
powder collects at the bottom of the cell. 
One now sees two sharp lines, one due to 
refraction in the clear liquid and the other 
due to refraction in the saturated mixture. 
The refractive index of the powder may then 
be determined from the results of measure- 
ments of the refractive indices of liquid and 
mixture for two slightly different conccntra- 
tions of the liquid. Christiansen determined 
by this method the refractive indices of a 
specimen of crown glass for the lines C, D, and 
F. His mean results differed from those 
obtained by direct measurement by 1 to 5 
units in the fourth decimal place. 
The above method can only be applied to 
the case of very finely divided powders, for 
with coarser powders homogeneous mixtures 
cannot be satisfactorily obtained. Christian- 
sen measured the refractive properties of 
coarser powders by a different method, which 
is easier to apply, but does not yield quite so 
accurate results. The principle of the method 
is as follows. If one introduces glass powder 
into a suitable mixture of carbon disulphide 
and benzene, one can observe two colours, 
one of which consists of light which passes 
through without refraction, while the other 
is composed of all the other colours. The 
two colours are therefore complementary, the 
first being monochromatic and the second 
heterochromatic. Christiansen in his experi- 
ments made use of two sensitive tints corre- 
sponding to monochromatic light of wave- 
lengths 530 and 460 p.p.; the heterochromatic 
colours were reddish-violet and dirty yellow 
respectively. The concentration of the carbon 
disulphide and benzene mixture is gradually 
altered until the first sensitive tint is observed. 
The Tf'fractive indices of the liquid and the 
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O'lass are then the same for the wave-length 
530 !J.p.. The indices of the liquid for the 
lines C, D, and F are determined in the 
ordinary way, and the index for the wave- 
length 530 J1.,U is obtained by interpolation 
or with the aid of Cauchy's dispersion formula. 
The process is then repeated for the second 
sensitive tint. In this way the refracth-e 
indices of the glass for the wave-lengths 530 
and 460 J.Lp. are determined. _\. specimen of 
flint glass was experimented with, and the 
values of the indices obtained bv this method 
for the critical waye-lengths 'differed from 
those derived bv direct measurement bv 8 
units and 1 unit" in the fourth decimal pÌace 
respecti,ely. 

 (3) CH -\LMERS' )!ETHoD.-Chalmers 1 em- 
ployed a method of measuring the refracti-ç-e 
indices of a lens, which consistt'd in immersing 
the lens in a liquid of approximatt'ly the same 
index and determining its focal length. If J1.1 
is the index of the lens and P.o that of the 
liquid, the focal length F is given by 
F = (P-l - P-O){RI - R 2 ), 
where Rl' R 2 are the curvatures of the 
surfaces, considered positive when convex 
to the incident light, provided that the 
thickness of the lens is small in comparison 
with the radii õf curvature. It is then only 
necessa.ry to determine the values of F, Rl' 
and R;! t.o the degree of accuracy that b 
required for the value of P-l - P.O' .Å series of 
stable transparent liquids of suitable refract- 
i,-e index is used; for example, cedar oil 
(p.D= 1.517 appro
imately) and oil of cloves 
(J.LD= 1.530 approximatt'ly) are useful for the 
measurement of the indices of crown lenses. 
An average accur-acy of about 5 units in the 
fourth decimal place was obtained with the 
method. 

 (4) )I-\RT
's )IETHOD. - The principle of 
this method 2 is to immerse the specimen in a 
suitable liquid, such as carbon disulphide or 
mercury potas"ium iodide, contained in a 
prism3 tic cell resting on the prism table of a 
spectromett'r, and to adjust the concentration 
of the liquid until the spectrum line, for 
which the refractive index of the specimen 
is to be measured, is seen in sharp focus. 
The angle of minimum deviation for the line 
in qu
stion is then determined and the 
refractive index calculatt'd in the usual way. 
The diluent employed is alcohol, and the 
liq uid in the cell is kept homogeneous by 
mechanical stirring. An average accuracy of 
about 1.4 in the fourth decimal place was 
obtained by this method. )Ieasurements "ere 
made on the C, D, and F lines of the spectrum, 
hut the author states that when using mercury 
potassium iodide as tbe immersion liquid it 
1 
. D. Chalmers, Proc. Opt. Com'e-ntiQ1Z, 1905, 
p.198. 
I I.. C. 
rartin, Opt. Soc. Trans., 1916, xyii. ;6. 


"as not easy to dett'rmine the "\'"alues for the 
F line. 

 (5) CHESHIRE'S )IETHOD. - An accurate 
method of immersion refractometry has been 
described by R. \Y. Cheshire. 3 It is based 
on the shadow method introduced by 
Fouca uIt t for figuring surfaces. The image 
of a. \ertical straight edge, backed by a source 
of monochromatic light, is projected by a. 
telescope objective into the plane of a second 
straight edge, which i
 so arranged as to 
co"\'"er about half the full aperture of the 
objective of an observing tt'lescope. A 
rectangular cell containing the glass specimen 
immersed in a suitable liquid (mercur
 
potassium iodide was employed) is placed 
near the first objective on the side away from 
the source of light. The strength of the liquid 
is varied until, on traversing the second 
straight edge across the objective of the 
obser\
ing telescope, which is focu..:-ed on the 
glass specimen, the whole field darkens 
simultaneouslv and uniformly. This only 
happens whe
 the refracti-ç-e indices of th
 
glass and the liquid are the same. The 
index of the liquid is measured directly, the 
cell being cemented to the block of a Pulfrich 
refracto
eter. An average of 2 units in the 
fifth decimal place was obtained by this 
method in measurements on the sodium D 
line. It was found difficult to obtain accurate 
values of the indices for the hydrogen C and 
F lines owing to want of sufficient brightness. 
One great disadvantage in most of the 
methods so far described is the neces
ity for 
accurately adjusting the strength of the 
liquid so as to obtain equality of index for 
any gh-en standard waye-Iength. On ap- 
proaching the balance point it is frequently 
found that, after adding a drop of the con- 
centrated liquid or of the diluting medium, 
in order, as the case may be, to increase or 
decrease the density of the mixture, the 
point of equality 
has been overreached. 
E-ç-en when one goes to the trouble of prepar- 
ing for each wave-length two mixtures, one 
slightly denser and the other slightly less 
dense than the mixture of required refracti, e 
index, a considerable time is spent before the 
correct amounts of these mixtures have been 
added. Then again, eyen if the correct 
density of the immersion liquid has been 
attained, it may alter appreciably, due to 
evaporation at tbe surface, during the time 
occupied in making the nece<"''lry measure- 
ments of the refractive index. Such diffi- 
culties are o"\'"ercome in the two following 
methods, descriptions of which have recently 
been publi..,hed. 
s R. w. (,hf'
hire, PMl. .1lag.. 1916, x'\:"ii. -l09. 
t L. Foucault .1'111. de- I'Obse-rmtoire de Paris, 
1859 v. 19;' Reè-ueil des trararlX s
ielltif., Paris. 1
 ';"ð. 
232;' see article on .. Objectives, The Testing of 
Compound. .. 
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 (6) FABRY'S ..\IETHoD.-This method 1 de- 
pends on the Ineasurelnen t of small differences 
of refractive index by comparison with the 
index of a reference prism. The immersion 
IÏ1uid is contained in a cell with approximately 
parallel sides, and the reference prism and the 
specimen whose index is required are simul- 
taneously placed in the liquid. A certain 
number of standard reference prisms is 
required (Fabry uses five), and in each case 
that one is chosen whose index is nearest to 
that of the specimen under examination. 
The index of the liquid is then determined 
by means of the deviation which the prism 
produces relåtively to the ray which traverses 
the cell without passing through the prism. 
Fabry employs carbon disulphide as the 
immersion liquid. The cell is placed between 
a collimator and a telescope mounted on a 
divided circle, which reads to about one 
second. The faces of the cell are set normal 
to the collimator beam, and the reference prism, 
whose refracting angle is 90 0 , is placed in the 
cell with its faces equally inclined to the 
incident beam. The observing telescope is 
provided with an 0 bjective of 40 cm. focal 
length and an adjustable eyepiece with 
millimetre graduations. The collimator slit 
is illuminated by means of a source of light 
giving a line spectrum. Now if A be the 
angle and n the refractive index (corresponding 
to the wave-length of one of the lines) of the 
reference prism, and N the index of the liquid, 
the angle of deviation D due to the prism is 
given by 


D=2(n -N) tan Aj2, 


if the difference between nand N is small. 
Thus, if A=90 0 , 
N =n - Dj2. (2) 
an equation which gives N in terms of the 
known refractive index n and the deviation 
D, which is measured on the circle. If D is 
greater than 1 0 it is advisable to use a more 
accurate formula, such as 
N =n -1 sin D+ sIn sin 2 D+ 4
2 sin 3 D 
15 " ,1 D (3) 
+ l2 Sn 3 sm +..., . 
of which the third term is very nearly quite 
negligible. It gives correct values, where 
A=90 0 , up to values of D of about 15 0 . 
The method of obtaining the refractive 
indices of a specimen in the form of a lens is 
as follows: The strength of the liquid is 
roughly adjusted so that its index is very 
nearly equal to that of the lens for a given 
radiation. The position of the telescope 
draw-tube, for which the line in question is 
sharply focussed, is dptermined when the 
reference prism alone is immersed in the 
1 C. Fabry, Journ. de Physique, 1919. xi. 11. 


(1) 


liquid. The lens is then immersed in the path 
of the beam of light, and the position of the 
draw-tube is altered by an amount x so as to 
bring the line into sharp focus again. At tlw 
same time the deviation D is measured. The 
composition of the liquid is then slightly 
altered and new values of x and D are measured. 
Having obtained two or three pairs of values, 
including positive and nega'tive values of x, 
a curve is drawn with x and D as co-ordinates. 
From this curve, which is practically a straight 
line, the value of D which corresponds to 
x=O-that is, to equality of index of lens and 
liquid-can be deduced. The index of the 
lens can then be obtained from the formula (3). 
Fabry finds that the error of focussing the 
telescope is of the order of i: 1 mm. and 
theoretically deduces the fact that, in order 
to obtain for refractive indices an accuracy 
of one in the fifth decinial place, the difference 
.in thickness of the centre and of the edge of 
the effective portion of the lens must at least 
reach the value üOOOÀ. Thus a difference in 
thickness of 4 mm. is sufficient to ensure this 
accuracy throughout the spectrum. 
The method as applied to a specimen in the 
form of a prism is somewhat similar. The 
prism is immersed in such a way that its edge 
is perpendicular to the edge of the reference 
prism. A wire is stretched across the col- 
limator slit, its image appearing as a black 
point. The vertical deviation d of this image 
is measured by means of a micrometer eye- 
piece, the motion of which is parallel to the 
length of the slit, and at the same time the 
horizontal deviation D caused by the refer- 
ence prism is determined. The simultaneous 
measurements of D and d are made for two or 
three different strengths of the immersion 
liquid, and a curve is drawn through the point.s 
corresponding to the values obtained. From 
this curve, which is practically a straight line, 
the value of D which corresponds to d = 0 
may be obtained, and then the index of the 
specimen can be deduced, as in the former 
case, from formula (3). Fabry found that the 
method gave results correct to 1 or 2 units 
in the fifth decimal place in the case of a 
specimen of quartz, the angle between adjacent 
faces of which was 120 0 . He does not indicate 
for what wave-length the measurpment was 
made. 
The method can also be applied to the case 
of irregular fmgments with curved faces (such 
as rods of glass or beads of borax fused to 
platinum wire) and transparent substances 
in the form of powders with coarse grains. 
The method is in many respects a great 
improvement on those that have already been 
described, but it is doubtful whf'ther the degree 
of accuracy claimed, namely one unit in the 
I fifth decimal place of refractive index, will be 
attained in general practice. 
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 (7) A
DERSO
'S 
IETHoD.-In this case 1 
the USf' of auxiliary prisms of kno,vn refract- 
i,-e inde'l( is not required. The salient pùint 
of the method consists in the substitution 
of a variation of waye-Iength for a ,ariation 
of the strength of the immersion liquid. The 
a pparatus required consists of a rectangular 
glass cell for holding the immersion liquid, 2 
a Hilger constant deyiation spectrometer used 
as a. monochromatic illuminator, a Pulfrich 
refractometer for measuring the index of the 
liquid, and suitable obserY'ing apparatus for 
d
termining the wave-lengths for which the 
indiccs of the liquid and the specimen are 
equal. A number of alternatiY'e methods are 
used for finding the balance points; they are 
as follows : 


distancc between 8 3 and thc microscope for 
the introduction of the cell For convenience 
of observation a reft.ecting prism R 2 is employed 
to deflect the beam of light in the microscope 
through a right angle. In this way the eye- 
pieces of the refractometer telcscope and the 
microscope are brought close together. The 
prism Rl is mounted on a small table attached 
to the refractometer and is rotated out of the 
position shown in the diagram when the wave- 
length has been adjusted for equality of index 
of liquid and glass, in order that" the refracto- 
meter measurement may be made. 
The method of measuring the refracti,e 
index of the glass specimen G for, say, the 
hydrogen C line is as Ïollows: The concen- 
tration of the liquid is first of all roughly 
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]1 ethod (i.). - This is 
illustrated in plan in Fig. 1. 
Thc light from a " Pointo- 
lite" tungsten arc P is 
focussed on the first slit 
8 1 of the monochromatic 
illuminator I bv means of 
a lens Lt. An 
image of a 
vertical spider-line stretched 
across the second slit 8 2 of 
th(' illuminator is formed 
at 8 3 by the lens L 2 , a 
reflecting prism Rl being 
'"" O 
used to deflect the beam of 
 
light through a right angle. H L3 
C represents the cell con- 
taining the liquid in which 
the specimen of glass G i::J 
immersed. The mechanical 
stirrer used for mixing up 
the liquid in the cell is not shown. Optical I adjusted until its refracth e index. for C is 
contact is made bptween the base plate of thf' nearly equal to that of the specimen. Thi:3 
cell and the block of the Pulfrich refraclo- can be rapidly done, before the cell is placed 
meter by means of a. drop of a - monobromo- in position on the refractometer block, by 
naphthalene, or, in the case of extra dense altering the strength of the liquid until the 
flints, mercury barium iodide. T representg image of an object (preferably illuminated by 
the obserY'ing telescope, 8c the vertical scale, red light) seen through the specimen and the 
and La the condensing lens of the refracto- liquid very nearly coincides "ith the image 
meter. H is the hydrogen vacuum tube seen through the liquid alone. 'Yhen the 
which is used as the source of light for the cell is in position, the sp('cimcn is mounted 
measurement of the refractive index of the in such a way that it intercepts part of the 
liquid. The telescope T during the experi- beam of light which passes through the liquid. 
ment is below the horizontal plane contairung In general, therefore, two images of the spider- 
the axis of the optical system for measuring line will be seen in the microscope; the one 
the balance point of refractive index. A low- which is formed by the light which traverses 
power microscope 
I is focussed on 8 3 through the specimen and the liquid will be fairly well 
the liquid. .A 3-inch objective is used in the defined only if the specimen is regular in shape 
microscope in order to get sufficient working (such as a. lens or prism). The drum of the 
1 J S ' n I 0 t CY T I n,., o - p' I n- monochromatic illuminator is now rotat('d 
. ..'""\. I( er
on. p. ....oc. rans., 
'-, XXI. 
'.J. il h . b h . . 
I lIercury potassIUm iodide is used. unt t e two Images are roug t mto com- 
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cidcnce and the scale reading 8 is noted. in the case of the other wave-lengths employed, 
The prism Rl is then swung out of position namely those corresponding to the sodium 
and the scale reading r on the micrometer Dl and hydrogen F lines. In the case of the 
drum of the Pulfrich refractometer, corre- former the refractometer settings are made 
sponding to the refractive index of the liquid for the sodium D 2 line, and a correction has 
for the C line, is determined. The reading to be made in order to obtain the index for 
8 can be made from a position in the neigh-the Dl line. 
bourhood of T and M by placing a reflecting J.llethod (iL),-The second method that was 
prism and lens combination above the drum adopted for determining the balance points 
of the monochromatic illuminator, the Beale is similar to the one just described, but is 
being illuminated by a flash-lamp bulb. somewhat more sensitive. The optical system 
The concentration of the liquid is next employed is shown in Fig. IA. The image 
altered slightly by introducing a drop of liquid 8 3 of the vertical spider-line stretched across 
of somewhat higher or lower refractive index, the second slit 8 2 of the monochromatic 
as the case may be, 
nd the observer waits illuminator is formed by two lenses L 2 and 
until the mixture is made homogeneous by L 4 , one on either side of the cell C, the beam 
stirring. Two images of the spider-line will of light which passes through the liquid being 
again be seen, and their separation will depend rendered parallel by the lens L 2 . One advan- 
on the effective angle of the edge of the tage of using this system rather than the one 
specimen used and on the difference of index shown in Fig. ] is that a higher power micro- 
of the liquid caused by the addition of the scope may be employed, since its working 
drop. In order to get as great a separation distance is not limited by the interposition 
as possible it is therefore advisable to adopt of the cell between 8 3 and the microscope 
C' objective. A small right- 
1 =:-t G 

:_
 n L 













:_
:
 R _-

 ' - " :: S .
 1 12 ::
;
:



::t


 

 V 
 bring the eyepiece of 
:
 a the latter into close 
Q proximity to that of 
Sa the. refractometer tele- 
T scope T. 
FIG. 2. Both of these methods 
(but especially the latter) 
such an orientation of the specimen as to are very convenient for 
present a maximum effective angle in the M observing the balance 
path of the beam. The wave-length of the point, particularly when the specimen under 
light is now altered until the scale readings I examination is in the form of a lens or 
sand r are determined, the latter corre- prism. Attention may again be directed to 
sponding to the refractive index of the new the fact that, in order to obtain the greatest 
mixture for the C line. The process is repeated accuracy with any given specimen, the 
for two or three different concentrations of greatest effective angle of the specimen should 
the liquid, its refractive index being varied be utilised, so as to give a maximum deflec- 
by small steps. tion of the image formed by the light which 
The pairs of values of sand r thus obtained passes through the glass and the liquid. 
are now plotted and a curve is drawn through Thus, for example, in the case of a flat lens 
the points. From this curve the value of r, the specimen should be mounted. edgewise 
which corresponds to the scale reading s for in the beam of light, for with such an oricnta- 
the wave-length of the hydrogen C line, is tion it is practically equivalent to a thin 
determined; this value of r then gives the prism of large angle. 
angular reading on the refractometer which A modification of method (ii.), whereby the 
would have been obtained if a mixture with beam of light is made to pass twice through 
the same refractive index as the specimen for the specimen, and thus give double the 
the C line had been made up. The reason for deviation, is shown in Fig. 2. The second 
plotting values of 8 and r, and not the values slit 8 2 of the monochromatic illuminator is 
of the wave-lengths and the refractive indices, placed at the focus of the lens L2' so that a 
is that the curve thus obtained is a straight parallel beam of light is caused to pass through 
line, provided that the scale of the mono- the cell C. This beam is reflected back by a 
chromatic illuminator is an evenly divided plane mirror A, slightly inclined to the beam, 
one. On this account only a few sets of and after again traversing the cell is brought 
readings are necessary for each determina- to a focus at 8 3 , a small right-angle prism R 
tion of refractive index. being inserted so as to deflect the light through 
A similar process to the above is applied 90 0 . The spider-line image formeù at 8 3 is 
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then observed by means of a microscope :\1. 
The mirror A Illav be moun
d on a table 
which can be swm;g out of position when the 
refractometer measurements are being made, 
or it may be fixed in such a way that the beam 
of light from the hydrogen tube H passes 
underneath it. By placing the mirror at a 
small angle to the beam, the reflected light is 
brought to a focus at the side of the slit S2' 
thus involving less loss of light than if a half- 
silvered mirror were used instead of the 
prism R, and, further, the images formed 
by light reflected from the walls of the cell 
do not disturb the main image which is to be 
observed. 
jJ1ethod (iii.).-Another method, which is 
convenient to employ in the case of lenses and 
prisms, the edges of which form fairly large 
effective angles, is illustrated in Fig. 3. A 


c===oO 
H L 
S 


intersect corresponds then to the wave-length 
for which the refractive indices of the liquid 
and the specimen are equal. This method is 
a very pleasant one to work with, but it does 
not give such accurate results as the previous 
ones, unless the angle of the specimen is fairly 
large. 'Vith specimens of small angle it is 
sometimes rather difficult to determine the 
point C with accuracy, as the region round C 
is filled with systems of fringes. 
lJ1 ethod (iv. ).-Another method of observing 
the balance point is similar to the one employed 
by R. 'V. Cheshire, and is especially convenient 
in the case where the specimen t<> be examined 
is in the form of an irregular fragment. The 
general arrangement of apparatus is the same 
as that shown in Fig. lA, except that, instead 
of using a fine vertical spider-line across the 
second slit of the monochromatic illuminator, 
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FIG. 3A. 
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piece of ground glass Gr is illuminated by a 
" Pointolite" tungsten arc P, and a "\ ery fine 
wire or spider-line 'V is mounted horizontally 
on the other side of the ground glass. An 
image of this wire is formed across the slit 
of a spectrometer Sp by means of two lenses 
L 2 and L 4 , the wire being at the focus of the 
former. The cell C is mounted in the path of 
the parallel beam of light betv.een L 2 and L4' 
the general a rrange men t of a ppara tus being 
much the same as in the previous method 
The specimen is mounted in such a way that 
its edge intercepts the upper half of the beam 
of light which passes through the liquid in 
the cell. Before the specimen is immersed 
in the liquid one sees in the spectrometer a 
spectrum traversed hoxizontally by a fine 
dark line AA (Fig. 3A), corresponding to the 
point on the slit where the image of the wire 
\V falls. If, now, the specimen is placed in 
position, another dark line BB will be observeù. 
This line, which is straiCTht if the specimen 
. ö 
IS a prism and approximately straight if it 
is a lens, makes an angle with the line AA 
depending on the effecthTe angle of the speci- 
men. The point C where these two lines 


the slit is narrowed and a fine 
wire or spider-line is made to 
coincide at S3 with the image 
of the slit formed by the light 
which traverses the immersion 
liquid alone. No observing microscope is 
required; on placing one's 'eye behind 
the wire at S3 no light reaches it unless 
the refractive indices of the liquid and the 
specimen are different. The method of obser- 
vation is, therefore, to alter the wave-length 
of the light until the specimen suddenly dis- 
appears in the field of view. This modification 
of the shadow method does not, of course, give 
such accurate results as Cheshire's method, but 
it has the advantage of greater compactness 
and, in combination with the rest of the process, 
of greater available intensity. 

1ethod (v.).-One of the most accurate 
methods of observing the balance point is to 
make use of an interferometer system. l For 
the sake of simplicity this may be built up 


1 The problem has recently been dealt with by 
C. Barns, Th.e Interferometry of Rel'trsed and ....\Ton_ 
rez-ersed Spectra, Part II., Carnegie Institution of 
Washington Publication, 1917, ccxlix. 95. 
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on the plan of the Ra,yleigh illÌl>rf('rence re- 
fractometer. 1 Preliminary experiments carried 
out some years ago with a )Iichelson inter- 
ferometer system showed that very accurate 
determinations of the equality of refractive 
index could be obtained. The method, how- 
ever, necessitates the employment of an 
optically accurate, parallel-sided cell, and the 
system must be mounted in such a way that 
it is free from vibration. For most purposes, 
therefore, the increased sensitivity does not 
compensate for the more rigorous conditions 
required. The method would, however, be 
extremely useful for detecting and measuring 
small variations of refractive index in speci- 
mens of irregular sha pe. 
In experiments with prisms having angles 
of about 12.5 0 the results obtained by using 
method (ii.) were found to give for the C, D 1 , 
and F lines a mean error of about 5 units in 
the fifth decimal place, though this error may 
be somewhat reduced by modifications of the 
optical systems employed. 
In conclusion, it is interesting to note that 
the principle of immersion refractometry is 
used in mineralogy for determining the refract- 
ive indices of mineral fragments. 2 J. S. A. 


INDIRECT LIGHTING. See" Photometry and 
Illumination," 
 (71). 
INDOOR LIGHTING. See "Photometry and 
Illumination," 
 (71). 
INDUCTION COIL: an open-core, high-tension 
static transformer with independent inter- 
rupter. See" Radiology," 
 (16). 
INFRA-RED, wave-length measurements in the. 
See" 'V ave-lengths, The :l\Ieasurement of," 

 (7). 


INFRA-RED TRANS:\IISSION AND RE- 
FRACTION DATA ON STA
DARD 
LE
S AND PRIS11 MATERIAL 3 



 (1) INTRODUCTIOX. 4 -This paper gives exact 
data on the spectral transparency and, in 
particular, the refractivity of materials which 
are useful for prisms and lenses for spectro- 
radiometers. 
The data on refractive indices were taken 
from smooth curves drawn through values 
which were collected from various sources 
and reduced to a common temperature. 
It is important, especially in work of the 
highest precision (such as, for example, the 
determination of the constant of spectral 
1 Lord RayJeigh, Phil. Mag., 1917. xxxiii. 161. 
I H. A. l\1i('rs, JIineralogy, 1902, 259, 260: F. E. 
Wright, J01lTn. Washington Acad. of Sr., HH-l, iv. 
31<.9; E. R. Larsen, U.S. Geol. SUTl.'ey, Bulletin 679, 
1921. 
3 'Vith speciaJ reference to Infra-r('d !spectro- 
radiomf'trv. 
41 It{'fcr
n('('
 are given in a classified bibliography 
at the enù of this paper. 


radiation), to use the most prpcise instruments 
and optical data available. It is therpfore 
relevant to discuss very briefly some recent 
designs of optical instruml'nts suitable for 
spectroradiometry. 
The pioneering investigation of the infra-red 
refractive indices of a substance dates back 
to 18R6 when Langley determined the disper- 
sion of rock salt to about 5}L. In these deter- 
minations a spectrometer having an image- 
forming mirror of long focal length was used. 
In subsequent determinations of the refractive 
indices of rock salt and of fluorite, the image- 
forming mirror of the spectrometer used by 
Langley had a focal length of 4 to 4.7 metres. 
The apparatus was in a large enclosure which 
could be maintained at a constant temperature. 
Langley (19) was therefore justified in calling 
attention to the very high precision attainable, 
"owing, if to no other reason, to the far 
greater size of the apparatus employed, 
where size is a most important element of 
accuracy." Other experimenters (20, 23, 
24), using his methods but having spectro- 
meter mirrors of only about one-twelfth the 
focal length, have attempted to produce 
similar data which, unfortunately, have been 
given the widest recognition in tables of 
physical constants. These publisllPd results, 
especially the older ones, have been very 
confusing to the writer who, for some years, 
has been confronted with tllP task of obtaining 
reliable refractive indices. 
The recent measurements on rock salt (26) 
and on fluorite (28) by Paschen, when corrected 
for temperature (33, 34), are in agreement 
with Langley's (19) measurements. The 
numerical values, given in the present paper, 
have been adopted after a careful study of 
all the data availablp. 

 (2) THE SPECTRORADIOl\IETER. - For 
measuring thermal radiation intensities in the 
ultra- violet part of the spectrum one may 
use a spectrometer having achromatic lenses 
of quartz-fluorite. However, the scarcity of 
clear fluorite for large - sized lenses makes 
such apparatus very expensive. 
PflÜger (1) used simple lenses of fluorite 
4 cm. in diameter (32 cm. focal length) and a 
fluorite prism. An inexpensive spectroradio- 
meter of high light-gathering power was madf' 
by Coblentz (2) by using simple pIano-convex 
lenses (6 cm. in diameter and 20 cm. focal 
length) and a prism of quartz. Pfund (5) 
has described similar apparatus in which the 
radiometer is kept in focus automatically in 
different parts of the spectrum. 
The apparatus may be designed also as an 
illuminator for separating the visible from the 
ultra-violet of, for example, the sun or a 
quartz mercury vapour lamp (4). 
For spectroradiometric mea:mrements in the 
visible spectrum and the infra-red to about 
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O'8,u we can use a spectrometer with visually 
achromatised lenses of glass. Here, also, it is 
de.5irable to use apparatus having a high 
light-gathering power, such as one obtains 
with lenses 'ü cm. in diameter and 20 cm. 
focal length (2, 3, -1). 
A common property of all metals is a low 
reflectivity in the ultra - violet and in the 
violet-blue part of the visible spectrum (15, 
16, 17). Furthermore, the spectral reflect- 
ivity in the short wave . length is greatly 
reduced on tarnishing of the metal. Hence 
concave mirrors of metals have never been 
used extensively for spectroradiometric 
measurements in the visible and in the ultra- 
violet spectrum. 
Because of the lack of achromatism (and 
the opacity of the material) lenses of glass, 
quartz, fluorite, etc., achromatised for the 
visible spectrum, have not been used exten- 
sively in infra-red spectroradiometric work. 


by Paschen (29), and by Coblentz (39), who 
gives also the numerical factors for eJiminating 
the absorption in a wedge of quartz. 
It is beyond the scope of this paper to 
discuss the construction and operation of the 
instruments (bolometers, thermopiles, etc.) 
used for measuring the thermal radiation 
intensities. References are given in the 
appended Bibliography (10) on ,. Radiometers." 
9 (3) SPECTRO)IETER CALIBRA.TloK.-In most 
spectroradiometric work it is necessary to know 
the wave-lengths at which the thermal radia. 
tion intensities are measured. In the visible 
spectrum it is an easy matter to note the 
spectrometer settings for the emission lines 
of some source (e.g. the mercury arc or 
helium gas in a Plücker tube), the wave- 
lengths of whose emission lines are known. 
Similarly in the ultra - violet the emission 
lines of mercury, cadmium, zinc, etc., may be 
noted with a fluorescent canary glass screen, 
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Lehmann (46) has described an infra-red 
spectrograph achromatised for X=0.589p. and 

 = 1.529p.. 
A concave mirror is achromatic (also 
astigmatic) and hence spectrometers ,\ith 
collimating and image . forming mirrors, 
instead of lenses, ha ve been used almost 
exclusively for infra-red spectral radiation 
intensity measurements. In the infra-red 
spectrum beyond 2p. most of the metals 
have a very high reflecting power (90 to 
98 per cent), and concave metal mirrors, or 
metal-on-glass mirrors are, therefore, especially 
useful for infra-red investigations. 
Recent designs ûf spectrometers having 
collimating and ima
e - formin
 mirrors are 
described in papers by Coblentz (ü) and by 
Gorton (9). Yacuum spectrometers have 
been described and used by Trowbridge (7) 
and by )IcCauley (8). 
_ In. order to obtain the spectral ener
y 
dl,;tnbution of an incandescent substance it 
is necessary to correct the observations for 
absorption .of radiation bv the mirrors and by 
the prism. The proper formula for eJiminat- 
ing the absorption in a wedge is given 


or radiometrically with a thermopile (I) or 
bolometer. 
The spectrometer circle may be calibrated 
for wave-lengths in the infra-red spectrum to 
1p. bv noting the emission lines (12) of sodium 
and potassium in a carbon arc; also the emis- 
sion lines of a quartz mercury ,-apour lamp 
and helium in a vacuum tube. 
Beyond 2p., where the emission lines are 
usually weak (except the strong emission 
band of carbon dioxide at 4.4p. in the bunsen 
flame) one can calibrate the prism by noting 
sharp absorption band!1 (13, 11) such as, 
for example. the bands (;f sylvite, KCl. 
illustrat
d in Fig. L 
For 'Work requiring great accuracy the 
proper method of calibration is by calculating 
the minimum deviation settin
s for different 
wave-lengths, using the refraetive indices and 
the angle of the prism. For this purpose the 
vellow sodium lines. or, better, the vellow 
helium line, 
 = 0-387 :Jp., is used as a reference 
point on the spectrometer circle. The mini- 
mum deviation settings for the various infra- 
red wave-len
ths are computed from the 
corresponding refractive indices, and refcrred 
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to the yellow helium line as a basis. After 
this the bolometer or thermopile is adjusted 
upon the yellow helium line, then on rotating 
the spectrometer through a certain angle, 
say 2 0 , the corresponding wave-length is, 
say, 6,u, while a rotation of 4 0 places the 
bolometer at about 8.7,u in the spectrum of a 
60 0 fluorite prism ((6), p. 49). 
Elimination of Scattered Radiation in Spec- 
tral Energy ...11 easurements.-In the design of 
optical instruments there are opportunities 
for great improvement in this respect. Take, 
for example, the image-forming telescope of 
a spectrometf'r. The telescope tube should 
be large and suitably diaphragmed so that 
when the violet end of the spectrum is incident 
upon the radiometer receiver the infra - red 
end of the spectrum cannot be reflected from 
the side of the tube and impinge upon the 
receiver. Furthermore, the bevelled edge;3 of 
the exit slits of the spectrometer should face 
outw:1rds (18) instead of facing the image- 
forming lens, as obtains in commercial instru- 
ments. 
By using suitably constructed optical in- 
struments the scattered radiation is practically 
eliminated. 'Vhat little remains may be 
obviated by using, before the entrance slit of 
the spectrometer, a shutter (22, 5, 18), which 
is opaque to the region of the spectrum under 
investigation, but which transmits the scattered 
radiations. In this manner the scattered 
radiations are incident upon. the radiometer 
all the time and, hence, do not affect the 
energy measurements. U sing a spectrometer 
which is provided with slits and diaphragms, 
as just mentioned, it has been found (4) 
that the scattered radiation was immeasur- 
able in comparison with the intensities under 
investigation. 

 (4) OPTICAL CONSTANTS OF GLAss.-In the 
ultra - violet end of the spectrum ordinary 
crown glass is transparent to about 0.3,u, 
while the flint-silicate glasses absorb strongly 
throughout the blue and violet end of the 
spectrum. 
In the infra-red spectrum all glasses (38, 
40) begin to absorb at about 2,u, and for a 
thickness of 1 cm. they are practically opaque 
to radiations of wave-length greater than 3,u. 
Glasses containing traces of iron impurities 
have an absorption band at l,u. 
The refracti ve indices of various glasses 
have been determined by Rubens (20). He 
determined the refractive indices also of water, 
xylol, benzol, etc. However, in view of the 
fact that the refractive indices depend upon 
the composition of the glass, no refraction 
data are given in this paper. Practically no 
infra-red work is being done with glass prisms. 

 (5) OPTICAL CONSTANTS OF CARBON ÐISUL- 
PHIDE.-Carbon disulphide is quite transparent 
in the infra-red. In the region to 3,u Rubens (20) 


found an absorption of only [j to 7 per cent" for 
a 1 cm. thickness. Beyond 4,u there are a 
number of very large absorption bands (36). 
As illustrated in Fig. 3, carbon disulphide 
has a very much larger dispersion than quartz, 
etc., in the region of 0.5 to 2,u, and hence is 
especially adapted for certain fields of spectro- 
radiometry. 
The infra-red refractive indices of carbon 
clisulphide were determined by Rubens (20). 
Those in the visible and in the ultra-violet 
were determined by Flatow (32). Rubens's 
values of the infra-red refractive indices are 
given in Table 1. 


TABLE I 


INDICES OF REFRACTION OF CARBON DISULPHIDE 
IN AIR AT 15 0 C. (RUBENS) 


Wave-lengths. Refractive Log n. 
IL =0,001111111. Index, 'it. 
0.434u 1-6784 .2248955 
0-485 1.(i550 .21879
0 
0.590 1.6307 .2123741 
0'U56 1.f-217 .2099705 
0.777 1.6104 ,2069:J38 
0.823 1.()077 .2062050 
0.873 1 .6049 ,2054480 I 
0.931 1.()025 .2047980 
0.999 1.6000 .2041:?OO 
1.073 1.5978 .2035224 
1.154 1.59UO .2030329 
1.270 1.5940 .2024883 
1.396 1.5923 .2020249 
1.552 1 .5905 .2015337 
1.745 1.5888 .2010692 
1 .998,u 1.5872 .2006317 



 (6) OPTICAL CONSTANTS OF QUARTZ.- 
Quartz is one of the most useful materials for 
prisms. It is extremely transparent to ultra- 
violet radiations. Pflüger (41) found a trans- 
mission of 94 per cent at 0.222,u and 67 per 
cent at 0'186,u, for a sample of crystalline 
quartz 1 
m. in thi('knes
. Some samples of 
amorphous quartz have been found to be 
more opaque than ('rystalline quartz; but 
this may be the result of contamination in 
melting. 
The infra-red transmission of quartz has 
been determined bv various observers. A 
characteristic absorption band occurs at about 
2.95,u. A sample 1 cm. in thickness is prac- 
tically opaque (3g) to radiations of wave- 
length greater than 4,u (see Fig. ]). 
The absorption, reflection, and dispersion 
constants of qua.rtz are given in a paper by 
Coblentz (39), who determined the trans- 
mission of samples 3 ('m. in thickness. The 
paper gives also factors for eliminating the 
absorption in a quaItz prism. 
In the short wave -lengths the rdractive 
indices of quartz have been determined by 
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:Martens (31). In the infra-red there are 
important determinations by Rubens (21, 23), 
Carvallo (35), and Paschen (27). Carvallo's 
data extend to 2.2,u, and in the region of 1.45 
to 1.8,u they are slightly lower (by several 
units in the 5th decimal l)lace) than three 
determinations made by Paschen. In this 
region of the spectrum the data must there- 
fore be considered uncertain with the doubt 
in fayour of Carvallo's data. This uncertainty 
affects \Yarburg's (43) determination of the 
spectral radiation constant by perhaps 0.2 to 
0.4 per cent. 
The refractive indices (ordinary råy) of 
quartz at 18 0 C. are given in Table II. They 
are taken from a graph of sufficient size to 
permit reading the data to 1 or 2 units in the 
fifth decimal place. In many cases the values 
agree exactly with Carv-allo's measurements. 
Paschen's data may be recognised by the fact 
th!1t his wave-lengths are given to the fifth 
decimal place. 

 (7) OPTICAL CONSTANTS OF FLUORITE.- 
Fluorite is very transparent to radiations of 
wave-lengths extending from 0.2,u to 10,u (see 
Fig, 1). PflÜger (41) founrl a transmission of 

ü per cent at, 0 23,u and 70 per cent at 0.18G,u. 
for a sample 1 cm. in thickness. Lyman (42) 
examined fluorites from various sources, and 
of various colours, and found that they are 
opaque to radiation of wave-lengths less than 
about 0'12,u. Coblentz (38) examined green 
fluorites with a view of determining their 
suitability for prisms. He fmmd numerous 
sharp absorption bands, in the infra - rerl, 
which would render such material unsuitable 
for prisms. 
The refractive indicea of fluorite have been 
determined by various observers (21, 23), 
and repeatedly by Paschen (23, 24, 25, 28). 
Applying temperature coefficients of refrac- 
tion (33, 34), it is found that Paschen's 
determinations, especially the latest .ones (28), 
which were obtained with an improved spectro- 
meter, coincide with the dispersion curve of 
fluorite determined, to 3.5,u, by Langley (10). 
Beyond 4,u the dispersion of fluorite is much 
larger than at 1.5 to 2,u, and there is better 
agreement among the various determinations 
of the refractive indices. Furthermore, slight 
deviations have less effect upon spectral radia- 
tion measurements. 
In Table III. the refractive indices of fluorite 
to 3.5,u are taken from the smooth curve 
published by l..angley (19). In many cases 
Paschen's original wave-lengths are retained. 
As already mentioned, the corresponding re- 
fractive indices, when correéted for tempera- 
ture of the prism, fall exactly upon Langley's 
curve of refractive indices. 
Beyond 3.3,u the refractive indices are taken 
from the smooth curve (extended from 3,u) 
through the various determinations of Paschen 


1. ' ABLE II 
INDICES OF REFRACTION OF QUART? TN AIR 
AT 18 0 C. (CAIWALLO; })ASCHF.N) 


Wave-length;:;. 
fL =0,001 mrn. 


0'54609,u 
0-58758 
0.58932 
0.61577 
0.66784 
0-6731 
0.6950 
0.70û54 
0.72817 
0.7711 
0.8007 
O.83
5 
O'84í67 
0.8671 
0.
047 
0.9460 
0.9914 
1.01406 
1.0417 
1.08304 
1.0973 
I. ]2882 
1.1592 
1.178ß4 
1.2288 
1.3070 
1.3195 
1.3û85 
] .3958 
1.4219 
1.47330 
}.4792 
1.4972 
1.52961 
1.5414 
1.6087 
1.614ü 
1.6815 
}.7487 
1.7ti796 
1.8487 
1.94;')7 
2.0531 

 .00262 
2.1719 
2.35728 
2.3840 
2.4810 
2.57.3 
2.65194 
2. 79
27 
3.{)<J393,u 


n.efractive 
Index, n. 


Logn. 


I -54G 17 
1 .54430 
1 ,54424 
1.54323 
1.54154 
1.54139 
l.fi4078 
1 .54048 
1.53995 
1.53895 
1.53834 
1.53773 
1,53,52 
1.53712 
1.53tì49 
1.53583 
1.53514 
1.53481) 
1.53442 
1.53390 
1.53366 
1 .53328 
1.53283 
1'53263 
1.53192 
1.53090 
1.53076 
1.53011 
1.52977 
1'52
42 
1.52879 
1 .52865 
1.52843 
] .52800 
1.52782 
1.52687 
1'52G80 
1.52585 
1.52486 
1.524û2 
1.52335 
1,52184 
1,52005 
] -51991 
1.5179P 
1.51449 
] .51400 
1.51:WO 
1.51100 
] .50824 
1.50474 
] .4\)703 


.1892573 
.1887317 
.1887148 
.1884306 
.1879548 
.1879126 
.]877407 
. 18765til 
.1875006 
.187224;") 
.1870523 
.1868801 
. 18ü82ûS 
.1867078 
.1f.>G5298 
. 18(i
432 
.18G1480 
.1860405 
.1859443 
.1857970 
.1857291 
.1856214 
.1854940 
.]854373 
.1852361 
. 18494G8 
.]849071 
.]847226 
.1846162 
. 1845:?G8 
.1843478 
.1843081 
.1842427 
.184]234 
.1840722 
.183792] 
. ]837822 
.]835118 
.1832300 
.1831ûH) 
. ]827fJ97 
.1 H:?3li90 
.1818579 
.1818178 
. ]812li89 
. 1802GG4 
.1801259 
.17955]8 
. 179:!G45 
.1784704 
.1774614 
-1752305 


(25) and Rubens (20), AU these data are 
red uced to 20 0 c. 
Langley's data are referred to the" A line," 
^ = O.7G04,u. The most convenient reference 
point for adjusting a spectroradiometer in the 
spectrum is the yellow helium line.^= 0.587.38,u. 
Until recently, when Paschen (28) determined 



140 


IKFRA
RED TRAKS)IISSIOX _\XD REFRACTIOX DATA 


T\BLE II[ 
INDICE,i OF REFRACTION OF FLUORITE IN AIR AT 
20 0 C. (LA
(lLEY, PASCHEN, RUBENS) 


I I 
I Wave-length. Refr,lrtive Log 11. 
I Index, n. 
l).4-8615,uHß 1.43704 .1574-695 
0.587.58 He 1.43388 .1565120 
0'5893
 Na 1.43384 .1564995 
(Hi.3ô30 H:l. 1.43249 . 15ü0916 
0.68G71 1'43:WO . 15G9430 
0.72818 He 1.43143 .1567601 
0.7lit)53 K 1-43093 .15ötH84 
0.88400 1.4-2980 .1552753 
1.0140 Hg 1.42884 . ] 549835 
1.08304: He 1.4284:J .1548589 
1.1000 }.42834 .1548316 
1.1'786 1.42789 . ] 546948 
1.250 1.42752 . ]54,)822 
1.37.)ü 1'4:W89 .1543905 
1-4733 ] .42642 .1542474 
1.5715 1.42m16 .1541073 
1.650 I .42558 .1539916 
1.71;80 ] .42,302 .15:J8210 
1.8400 1.42468 .1537173 
1.8688 HC" 1.42454 -153(i747 
1.900 1.424:J9 .1536274 
1.9153 1,4-24-31 .1536046 
l.gü44 1.42407 .1535313 
2.0582 He 1-42360 .1533880 
2.01326 1.423.37 .] 5:J3789 
2.1608 1.42306 . 15322:J2 
2.250 1.422.38 . ] 5307 ü6 
2.3573 1-42198 .1528936 
2.450 1.42143 .1527255 
2.5537 1.42080 .1525329 
2.6519 1.42018 . 15234liO 
2.700 ] .41988 .1522317 
2.750 1.41956 .1521538 
2.800 1.41923 .1520528 
2.850 1.41890 .1519518 
2 ,9466 1.41823 .1517467 
3.0500 1.41750 .lfi15231 
3,0980 1.41714 .1514128 
3.2.U3 1.41610 .1510939 
3.4000 1,41487 .1507134 
3.5359 1.41376 .1503788 
3-8306 1-41119 .1495855 
4.000 1.4:0963 .14910.31 
4.1252 1.408'n .1487476 
4.2500 1.40722 .1483620 
4-,4000 1.40568 .1478864- 
4.6000 1.40357 .1472341 
4.7146 1-40233 .1468502 
4.8000 ] .40130 . 1465311 
f).OOD 1.3990S .1458426 
5.3036 1-39522 . ] 446427 
5-89:B 1.38712 .1421141 
G.4823 ] -37824 ']3933]2 
7.0718 1.36805 . 13Gl020 
7-6612 ] .3.)675 . 1324998 
8.2505 1.34440 .1285290 
8.8398 1.33075 .1240965 
9.4291,u 1.31605 .1192724 


the refractive index of this line, there has been 
some uncertainty in infra-red spectral radia.- 


tion measuremí'nts (44) rí'quiring the highest 
accuracy. An error of 5" (or n= 3 x 10- 5 ) in 
the determination of this refractive index 
affects the constant of spectral radiation by 
0.3 per cent. 
The dispersion curve of fluorite is illustrated 
in Figs. 2 and 3 (from Rubens). 
In the infra-red t.he variation of the refractive 
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index of fluorite (34) with temperature de- 
creases slowly with wave-lengths. At l,u the 
coefficient of variation amounts to about 
..In=0.000012 and at 6.5,u it amounts to about 
..In = 0.000009 for 1 0 rise in temperature. 
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 (8) OPTICAL CONSTANTS OF ROCK SALT.- 
Rock salt is uniformly transparent from 0.2,u 
in the extreme ultra-violet (41) to 12,u in the 
infra-red (23) (see Fig. 1). In the region of 
15,u the absorption increases rapidly. A plate 
of rock salt 1 cm. in thickness is completely 
opaque (22) to radiation of wave -lengths 
greater than 20,u. The refractive indices of 
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rock salt have been determined in the short 
wave-lengths by Martens (30, 31), and in the 
infra-red by Langley (19), by Rubens (21, 22), 
and by Paschen (26). In the region of 1 to 
3,u there is considerable disagreement among 
the older determinations. However, the re- 
cent work of Paschen (26) is in excellent 
agreement with Langley's measurements, 
which are, "ithout doubt, very accuratf'ly 
determined. 
The infra-red refractive indices of rock salt, 
at 20 0 , are 
iven in Table IV. The first part 
of the table, to 5,u, consists principally of 
Langley's (and Paschen's corrected for tem- 
perature) measurements as read from the 
smooth curve ((19), p. 235, Plate XXIX.}. 
Beyond 5,u, to 16,u, the refractive indices are 
principally Paschen's measurements corrected 
for temperature (34); also some of Rubens's 
measurements and several interpolated values. 
The temperature coefficient of refraction 
of rock salt (19, 33, 3-!) decreases slowly 
"ith wave -length; amounting to about 
.In=0.00OO38 at l,u and .In=O.û00025 at 
9,u for 1 0 rise in temperature. 
The general outline of the dispersion curve 
of rock salt is illustrated in Fig. 2 (from 
Rubens). 

 (9) OPTICAL COXSTA
TS OF SYLYITE.-Of 
all the substances which are other"ise suit- 
able for prisms, sylvite, KCl, is transparent 
throughout the greatest part of the infra-red 
spectrum. A plate 1 cm. in thickness trans- 
mits (22) radiations to 2-!,u (see Fig. 1). In 
the region of 5,u to lOp. the dispersion is 
small. Furthermore, there are sharp a bsorp- 
tion (11, 13) bands at 3'18p. and 7.08p.. 
Hence sylvite is the most useful for investiga- 
tions in the region of the spectrum extending 
from 10 to 20,u. 
In the short wave -lengths the refractive 
indices of sylvite have been determined by 
Martens (31). In the infra-red we have 
various determinations by Rubens (22) (with 
Xichols and with Trowbridge), by Trow- 
bridge (45), and by Paschen (26). 
The infra-red refractive indices of sylvite 
are given in Table V. They are read from 
a smooth curve (practically Paschen's cun-e) 
drawn through the various determinations, 
all of which are in close agreement, except at 
9 to IIp, where the older determinations do 
not agree very well with Paschen's data. 
The temperature coefficient of refraction of 
sylvite obser-ç-ed by Liebreich (34) decreases 
from 


.In=0'000036-! at \ =O.589p. to 
.In=O.
OOO31 at ^=S'ð5,u. 



 (10) SU:\DIARY: CO:\IPARISO
 OF DIS- 
PERSIVE 
IATERIALS. -In Fig. 3 is given the 
width that a radiometer recei-ç-er, of 4' of are, 
subtends in way.e-Iengths, in different parts of 


T-\BLE IV 
Ix DICES OF REFRH'T[ox OF ROCK SALT Dl AIR 
AT 20:) C. (LAXOLEY, PASCHEX, RUBEXS) 


Waye-Iength. Refractiye J...og n. 
11. =0,001 nun. Index, n. 
0.5893,u 1.54427 .]887232 
0.6400 1.54141 .]879182 
0.6874 1-53930 .1873233 
0.7G04- 1-53682 . ]86G230 
0.7858 1.53607 . 18G4110 
0-8835 ] .5339.3 . ]858112 
0.9033 1.533Gl .1857]49 
0.9724- ] .53253 .1854090 
1.0084 1-53206 .1852758 
1.0540 1.53153 .1851255 
! .0810 1.53]23 .]850404 
1.1058 1.53098 . ]84-9695 
1. ]420 1.530G3 .1848702 
1-1786 1.53031 .1847794 
1-2016 1.53014 ']847312 
1.2604 1.52971 .1846091 
1.3126 1.52937 .]845]26 
1.4874 1.52845 .1842512 
1.5552 1.52815 .]841660 
1 .63G8 1.52781 .1840G93 
1.6848 1-52764 . ]840238 
1.7670 1.52736 .1839414 
2.073G 1.52G49 '18369LO 
2.1824 1.52621 .183G142 
2.2464 1.52000 .1835716 
2.35GO 1.52579 .]834947 
2'6505 1.52512 . 1 to) 33040 
2.9466 1.52466 .1831730 
3.2736 1.52371 .1829024 
3.5359 1.52312 . ]827341 
3 -6288 1.52286 . 182GßOO 
3.8192 1.52238 ']825
31 
4-1230 1.52156 .1822891 
4.7120 1.51979 .1817836 
5.0092 1.51883 .181G092 
5.3009 1,51790 .]812432 
5.8932 1.51593 .1806792 
6.4825 1.51347 .1799738 
I 6.80 1.51300 .1';95518 
7.0718 1.51093 .1792443 
7.')0) 1.51020 .1790345 
7.59 1.5085.3 .1785397 
7.6611 1.50822 .1784647 
7.9558 1.50665 .1780124 
8-04 1.60G4 .1779403 
8.8398 1-50192 .]766468 
9-00 1.50100 .1763807 
9.50 1.49980 .] 760333 
10.0184 1.49-162 .17 -15308 
11.7864 1.48171 .ljOjGæ 
12-50 1.475G8 .1G8992:? 
12.9650 1.47160 .1677898 
]3.50 ] .4G66 .1663117 
14. 143í) 1.4GO-14 .1644837 
14.7330 1.45427 .lIì:W450 
15.3223 ] .447-13 .lö05976 
15.9116 l.440nO .15
6338 
17.93 1.4149 .],;07237 
20.57 1-3735 ' ]378287 
22 '3,u ] -3403 ]272020 
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the spectrum produced by prisms of carbon 
ùisulphide, quartz fluorite, and rock salt. 
These data are required for reducing the 
spectral energy distrihution from the prismatic 
into the normal spectrum (6). 


TABLE Y 


INDICES OF REFRACTION OF SYLVITE IN AIR AT 
15 0 C. (PA;3C'HEX, TROWBRIDGE, RUBENS) 


I 'Yave-length. Uefractive Logn. 
",=0'001 nun. Inde
, n. 
0'58\)3u. ].49044 .1733145 
0.G56 1.48721 .1723723 
0.7858 1-48328 .1712232 
0.845 1.4B230 .17093tH 
0.884 1'48142 17067E2 
0.9822 1.48008 . 17028G2 
].003 1.47985 .1702177 
1.1786 1.47831 .1697655 
1.584 1.4765 .lti92335 
].7G80 ].47595 .1690717 
2.3573 1.47475 .l687184 
2.9466 1.47388 .] 684621 
3.5359 1.47:305 .1682164 
4-123 ].47215 .1679521 
4.7146 1.47112 .1670481 
5.3039 1.47001 .lG73202 
5.50 1.4G962 .]672050 
5.8932 I 1.46880 .1669627 
6.50 1.46750 ']6G5781 
7,00 1.46625 .16G2080 
7 661 1.4ê450 .1656894 
8.00 1.46350 .1653927 
8.2505 1.46272 .1651642 
8-8:J98 1.4ô086 .1646086 
9-500 1'45857 .1639273 
10.0]84 1.45672 ,1633760 
1
'500 1.45475 .1627883 
II.OO 1.45263 .]621550 
11.786 1.44919 .16lJ253 
12.50 1.44570 .1600782 
12.965 1.44346 . ] 594048 
) 4.144- 1.43722 .1575232 
]5.00 1.4320 .1559430 
15.912 1.42fH 7 .1541713 
]6.50 1.42230 .1529912 
17.00 1.41885 .1519365 
17.680 1.41403 . ] 504586 
18.10 1.4108 1494655 
19.00 1.4031 .1470886 I 
20.00 1.3939 .1442316 
20.60 1.3882 .1424520 
22,5"" 1.3692 .1364669 


From these curves it is evident that, in the 
region of 0.5 to 1.5,u, a carbon disulphide 
prism is thE" most useful for producing a large 
dispersion. 
The next best prism material is quartz, 
which is the most useful- in the region of the 
!3pectrum extending from the visible to 2,8"" 
in the infra-red. Beyond this point a quartz 
prism is too opaq ue for practical work. 


From the standpoint of dispersion and 
transparency, a fluorite prism is the most 
useful in the region of 2,u to 9,u. Ho\\ ever, 
the material is difficult to obtain, and the next 
best substance is rock salt, which permits 
measurements to I-tp when using a HO O priSlm, 
and to 16"" '" hen using a 30 0 prjsm. By 
enclosing the spectrometer (14) and by ke<'ping 
the prism covered when not in u
e, the faces 
of a rock-salt prism are easily protected from 
moisture. 
There are few but sylvite prisms in existence, 
and their usefulness is confined to that rart 
of the spectrum extending from 10 to 20"". 
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 (25). 
Methods of measuring. See ibid. 
 (25). 
Photographic methods of measuring. See 
,ibid. 9 (23). 
I
TERCARD
AL ROLL
O ERROR. See" Navi- 
gation and Navigational Instruments," 
 (13) 
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See " Light, Interference of," 
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I. IXTERFEREXCE FRIXGES 
2 (1) IXTRoDuCToRY.-In utilising interferenee 
methods in Optical Test 
 ork we are always 
concerned 
ith nearly parallel plates, or "ith 
arrangements which are optically equivalent 
to them. The character of the interference 
fringes obtainable from such plates depends on 


the method of illumination and the method 
of observation. They can conveniently be 
divided into three classes. 
CLASS I.-If a plate is illuminated 'hy a 
broad source of light 1 and is viewed by the 
naked eye from a convenient distance, the 
rays which reach the eye from different points 
of the plate arc reflected from the surfaces of 
the latter at different angles. The path 
difference between the rays reflected from 
the two surfaces at any point = 2p.t cos r, 
where r is the angle of incidence on the back 
surface, p. the refractive index, and t the 
thickness of the plate. I,'or a complete treat- 
ment of the fringes produced under such 
circumstances the reader should consult 
)lann's .Jlanual of Advanced Optics or 
)lichelson (Phil. JI ag., 189R). For our present 
purpose it is sufficient to note that the 
fringes will be the loci of points for which 
2p.t cos r is constant, and therefore indicate 
variations of p., t, or r jointly or separately. 
If t is very small, i.e. for extremely thin films, 
the variation of phase due to the variation 
of r at different points of the film may be 
negligible, so that if the optical thickness p.t 
is uniform the film "ill appear uniformly 
dark or bright all over. If either J.L or t vary, 
fringes will be seen which are the loci of equal 
optical thickness. 
If the thickness is appreciable, however, the 
variation of phase due to the varying augle 
of incidence becomes of importance, and for 
any but quite thin plates the fringes are 
practically loci of points from which the Jight 
reaching the eye meets the plate at equal 
angles of incidence. \Yith a plane parallel 
plate they are circles concentric with the normal 
from the eye to the })late and are located at 
infinity. If the surfaces are not parallel, the 
fringes are still circles or arcs of circles, but 
their centres are displaced from the normal. 
If the surfaces are irregular, or if the material 
of the film is not perfectly homogeneous, so 
that from one or both of these callses there 
are local variations of pt, there \\ ill be local 
distortion of the circular fringes at these 
points. Such irregularities will only be 
noticeable, ho\\"ever, near the centre of the 
svstem "here the fringes are not too close 
't
gether. \Yith any but the thinnest :films 
the fringes become so closely packed, a
 the 
incidence angle increases, that they are only 
visible in the neighbollrhood of normal 
incidence. 
To summarise, therefore, fringes of Class I. 
are formed in such circumstances that the 
light corresponding to each point in the 
fringe system reaches the eye from 
eparate 
points (or fplatiyely small regions) of the 
film, and is reflected from the latter at varying 
I ExC'ept where otherwise specified, the light is 
assumed to be monochromatir. 
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angles. Except for extremely thin films, the 
fringes are mainly loci of eq ual incidence 
angles, being very slightly affected in shape 
and position by variations in film thickness. 
CJ...ASS II.-Instead of viewing the fringe 
system at infinity .with the naked eye, as 
supposed in the preC'pding discussion, we may 
employ a telescope of large aperture focussed 
for infinity, so that for all parts of the field 
of view light from the ,,,,hole surface of the 
film is received by the telescope. The fringes 
are then purely loci of equal inclination, and 
are unaffected in shape or position by varia- 
tions in the optical thickness of the film. Thus 
if the telescope is directed normally to the 
film, circular fringes concentric with the axis 
will be seen in the focal plane of the eye- 
piece. Since, at any point in this planp, light 
from the whole of the film is focussed, the 
phase at any such point depends on the mean 
film thickness and the angle of incidence of 
the beam. Anv variations in film thickness 
contribute thei
 effect equally to all points 
in the fringe system, which therefore indicates 
the inclination of thp rays only, and tells us 
nothing about the flatness, homogeneity, or 
parallelism of the film. 
If, however, fJ-t varies much, the dù::tinctnes8 
of the fringes will be impaired; for we can 
regard the resultant illumination at the focal 
plane of the telescope in such a case as due 
to the superposition of a number of exactly 
similar fringe systems, of which some differ 
in phase from others. The result of this is 
to diminish the contrast betnoeen the bright 
and dark parts of the field. 
Thus, to summarise, fringes of Class II. are 
formcd when light corresponding to each 
point of the fringe system comes from the 
whole of the film (or from the same part of it), 
but meets it at varying angles of incidence. 
They are purely fringes of equal inclination. 
If they are crisp and distinct we deduce that 
the film is of fairly unjform optical thickness 
over the region utilised; but no clue what- 
ever is given to the character or position of 
any variations which may actually be present.. 
CLASS lH.-If we employ a point source at 
infinity, such, for example, as a small illu- 
minatpcl pinhole at the focus of a collimating 
lens, all rays strike the film at the same angle 
of incidence. There are consequently no 
variations of phase from one part of the film 
to another excppt such as may be due to 
variations of fJ-t. To observe a fringe system 
under such circumstances it is necessary to 
employ a telescope ",ith the eyepiece removed. 
The object-glass collects the parallel beam 
after it leaves the film and produces an image 
of the pinhole in its focal plane. If the eyC' 
is placed at this image, the whole surface of 
the film (if the object-glass is large enough) 
is seen illuminated and traversed by fringes 


which are trut' contours of the optical thick- 
nèss, fJ-l. 
These fringes are not. located a.t a definite 
distance from the eye, as are those of Classes 
1. anò II. They are yisiblc at all distances, 
and so appear to coincide with anJT fmrface on 
"hich the eye is focussed. 1 
If the film is thick the fringes will be most 
distinct at perpendicular incidence. It is not 
l)racticable to use a theoretical point source: - 
considerations of brightness require that the 
hole shall have an appreciable area, and its 
image in the focal plane of the tdescope lens 
may be regarded as a small portion of the 
Class II. fringe system produced by a broad 
source. If this portion is in thc centre, where 
the phase varies slowly with the angle of 
incidence, there win be no phase difference 
between the light from one part of the pin- 
hole and another; but ü it is at an outer 
part of the system where the Class II. fringes 
are closely packed, the small cone of rays 
which reach the eye from any point of the 
film comprises an appreciable range of phase 
retardation, and the contour fringps are 
rendered indistinct. 


II. TECHNICAJ
 ArPLICATIOl\S 

 (2) TEST PLATEs. 2 -The simplest application 
of interference fringes is the testing of optical 
surfaces by means of test plates. The surface 
under test iR placed in contact with another 
surface which it ought to fit perfectly. This 
may either be plane, for prism surfaces, etc., 
or may be curved, for lens surfaces. A separate 
test plate is of course necessary for every 
curvature. The surface and test plate are 
worked together to squeeze out t.he air between 
them and obtain a very thin film. This is 
viewed by the light from a window or bright 
wall, Fringes of Class I. are obtained, hence 
the necessity to work the film down as thin 
as possible in order that the fringes should 
truly represent film contour rather than 
variation of incidence angle. \Yith white 
light the fringes are coloured 0\\ ing to the 
variation of retardation with wave-length. If 
the surfaces are very close and quite parallel, 
the film will appear of a uniform colour, which 
will vary with the obliquity from which it is 
examined. Variations of thickness insufficient 
to produce a complete fringe will cause a 
variation of tint; and if the general tint is 
yellow or bluish green, the two regions of the 
spectrum where tint varies most rapidly with 
wave-length, the test is very sensitive. It is 
usually possible to secure a senRitive tint by 
working the film and choosing a suitable 
obli(lllÏty. 
9 (3) CONSTANCY OF OPTICAL THICKNESS OF 
1 Guild, "Location of Interference :Fringes," P!t.lls. 
Soc. Proc., H)20. xxxiii. 32. . 
2 See also" Optical Parts, 'Yorking of," 
 (4). 
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FLAT DISCS.-This is a most important test. 
For many purposes, for instance in making 
echelon gra tings, Lummer Gehrke plates, etc., 
it is eSf'ential to have plates of which the 
variations of optical thickness from one part 
to another are reduced to a very small amount 
indeed. 
The best known arrangement for testing 
su('h plates is shown in Fig. 1 (a). Light from 
a broad source S is thrown normally on the 
plate AB by a glass plate )IM'. 
The fringes are observed by 
an eye at E. The fringes will 
be of Class I. and will be 
concentric circles locaterl at 
infinity if the glass is nearly 
parallel. As" e have seen, 
the form of these fringes does 
not at once tell us much about 
the variations of optical thick- 
ness. To determine this, the 
plate is moved parallel to 
itself. If the optical thickness 
is uniform, the fringes will 
not move; hut if it varies, a 
fringe will pass across any 
point, E' say, on the fixed 
support, for every half wa ve- 
length hy which the optical 
thickness varies. By moving 
the plate in such a way that 
no fringes pass E', it is 
pos
ible to trace out contour 
lines of equal optical path. 
If desired, a small telescope 
"ith cross-lines in the eye- 
piece lUay be used at E. 
This method is tedious and 
trouhlesome, since each con. 
tour line has to be traced 
separately by indirect means. 
By a simple modification of 
the arrangement the plate can 
be examined by fringes of 
Class III., and the fringe 
systenJ itself is then the con- 
tour map. A lens LL', Fig. 
1 (b), is interposed between 

L\I' and AB, and a point source (an illu- 
minated pinhole) is placed at the focus of LL . 
A parallel beam of rays meets the plate AB. 
It is reflected back through LL' and refocussed 
in the neighbourhood of S. Some light is 
reflected at the surfaces of :\1
1' to form two 
images of the source at e and e'. )1)1' should 
be -thick so m:: to separate e and e' as widely 
as possible. An eye placed at e or e' sees the 
plate Aß traversed by interference fringes 
which are the required contours of equal 
optical thickness. 
For the reasons given earlier, the frin!!es 
"ill only be distinct with thick plates provided 
the incidence is normal. The table on which 


AB rests should be provided with levelling 
screws. The normal adjustment i
 then easily 
made, because the retardation is a maximum 
in this position, and on altering the tilt the 
fringes will move towards a certain configura- 
tion and then retreat from it as the perpen- 
dicular position is passed. 
Care must of course be taken to ensure that 
the light is properly collimated. This is done 
by adjusting so that the reflected image, 
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when formed just beside S, is in sharp 
focus. 
"
hen a suitable source of monochromatic 
light is used 1 plates of over an inch thick may 
be examined in this wav. 

 (4) C05TOCR )[..(ps' OF FLAT SPRFACES.- 
The same apparatus affords a yery con,enient 
means of determining the contour maps of 
surfaces which are intended to b(' flat. The 
customary method of working the surface 
into ('lose contact with a test plate and 
examining the fringes with a broad source of 
light is unsatisfactory on various grounds. 
In the first place, troubles sumetimes arise, due 
I Guild, Phys. Soc. Proc., 1920, xxxii. 341. 
L 
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to the surfaces not being perfectly dry, in 
which case local patches of perfect blackness, 
due to absence of air film, may be formed. 
Further, it is possible, when two nearly flat 
surfaces are wrung together in this way, to 
sq ueeze out slight convexities and make the 
surface under test appear better than it really 
is. Lastly, in spite of the greatest care to 
exclude dust particles, it frequently happens 
that the surfaces get scratched in the process. 
It is on every ground more satisfactory to 
test the surfaces without putting them in 
contact at all. If the upper surface of the 
slab All, Fig. 1 (c), is the surface to be tested, 
the test plate is mounted above it, with its 
standard face downward, supported on a 
suitable carrier with three adjustment screws. 
It is clear that in general there will be four 
reflected beams, each of which will give rise 
to images of S in the neigh bourhood of e and 
e'. If any two of the four surfaces are parallel 
the corresponding images will coincide. It is 
desirable that the test plate CD should be 
somewhat prismatic, so that the image from 
its upper surface may be ont of the way. By 
means of the levelling screws the test plate 
is adjusted so that those images which are 
respectively due to the upper surface of AB 
and the lower surface of CD coincide. If the 
eye is then placed at e or e' fringes are seen 
which are the loci of equal thickness of the 
air film. By carefully adjusting the test plate 
while watching the fringes, the latter can be 
broadened out until, if the film is perfectly 
parallel, a uniform illumination is obtained. 
If the surfaces are not perfectly flat there 
will be a position in which a minimum number 
of fringes appear, which form a contour map 
of the joint defects of the surfaces at all 
points. This is the best adjustment in order 
to see at a glance the general character of the 
contour; but to make quantitative measure- 
ments it is better to proceed indirectly and 
use a slightly wedge-shaped fi}m such that the 
fringes are about a centimetre or so apart. A 
diametral I:!cale, 88, divided to ! centimetres, 
should be drawn in ink on the surface of the 
test plate, and also a line on the surface under 
test passing approximately through the centre, 
which should be marked by means of a dot. 
The lower block is then moved on the table 
until this line coincides with the line on the 
test plate as sepn by the eye at e. The position 
of the central dot on the scale is noted. The 
fringes are then adjusted until they run as 
nearly parallel to the scale as possible and 
are about a ccntimetre or so wide. The 
appearance of the field of view might then 
be something like Fig. 1 (d). The most con- 
venient fringe, say F, may be taken as the 
datum of film thickness, and the thickness 
at different distances along the scalp 88 may 
be specified by the distance of the scale from 


this datum fringe, as measured in fringe widths. 
For instance, with a configuration as drawn 
(if the thickness of the film is increasing from 
left to right) the excess of thickness above the 
datum is .4 at 3 on the scale. 1.05 at 4.5, I.ß at 
6, 1.7 at 7, 1 at 10, .6 at 12, and so on. If 
these are plotted to a suitable scale, a contour 
line of the variations of film thickness along 
the line 88 is obtained (Fig. 1 (e)), the unit 
corresponding to one interference fringe, that 
is, to a difference in thickness of one ! wa ve- 
length. - 
The surface under test is then rotated until 
another line, making, say, 30 0 with the first, 
coincides with the scale on the test plate, 
and the contour along this line is determined 
in the same way. This is done for a number of 
radial lines and also for two non-radial line
 
intersecting the others as shown in Fig. 2 (a). 
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FIG. 2. 


The non-radial contours give relations between 
second points on each of the radial contours, 
which enable us to alter the position and 
inclination of the base lines of the latter so 
as to make the contours mutually consistent. 
Thus we may take the contour along ab as 
first obtained: the base line for any other 
contour, such as cd, must be altered so that 
the ordinates corresponding to the common 
point 0 are equal, and also so that the ordinate 
at p diffprs from the ordinate of the ab contour 
at q by the amount indicated by the non- 
radial contour along ef. If now an outline 
of the surface is drawn on paper, and along 
each radial line we mark off the distances from 
o at which the ordinates of the revised con- 
tours have particular values (differing, say, by 
l(jth fringe), we obtain a contour map of the 
surface, Ruch as Fig. 2 (b). It will be ohsprved 
that in the whole process we are only concerned 
with the properties of the test plate along ono 
line 88 (Fig. 1 (d)), and the contour of the plate 
along this line is easily determined. If two 
other fairly good surfaces are available, by 
testing one linf' of each of these against the 
test plate and against each other, their con- 
tours and that of the test plate can he deduced. 
The method is thus absolute and no surf;1ce 
has to be taken for granted. 
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g (5) TESTe
.G BY TRAXS:\lITTED I.lIGHT.- 
F. Twyman 1 has evolved an elegant method 
of testing prisms, lenses, and even complete 
optical instruments by interference. The 
instrument employed is the well-known :Michel. 
son in terferometer. 2 The general principles of 
this instrument are described in all text-books. 
It is only necessary to remind readf'rs that 
the instrument is optically equivalent to two I 
approximately parallel planes separated by 
an air film of a thickness which can be varied I 
from zero to any desired value by 
moving one of the mirrors. This S 
being so, we can obtain with the '* 
instrument fringes of any of the 
three classes previously described. 
The most :suitable type to employ depends on 
the purpose in vif'w. 
If a hroad source is employed, and the 
fringes are 'Viewed by the naked eye, fringes 
of Class I. ,ün be obtained. If a telescope is 
employed the fringes" ill be of Class II. These 
are the arrangements most commonly de:::cribed 
in text-books and employed in thf' physical 
laboratory; but they arc. quite unsuitable for 
optical tf'sting. For this purpose fringes of 
Class III. are required, and the anangement of 
the interferometer to flive these is shown in 
Fig. 3 (a). Light from a suitable source S is 
focussed by means of a condensing Jens on 
a small "pinhole" P "hich is at the focus 
of a If-ns 1Jl' 'Ye have thus the equivalent 
of a very small source at infinity. That 
portion of the parallel beam "hich is reflected 
hy the half - silvered surface of the oblique 
J>late In strikes the mirror ::\1 1 normally, 
and returns along its own path until it again 
meets the ohlique plate. Here a portion is 
reflected back through 1'1 and refo('u'3sed at 
P, and a portion tmnsmitted. The latter is 
focussed in an imaQ;e of Pat P' bv a lens L.,. 
Similarly a portion 
f the beam, which is in th'e 
first instance transmitted hy m, forms, after 
reflection by ::\1 2 and partial reflection at 111, 
a second imai.!:e of P in the neigh bourhood 
of P'. If the 
image of M 2 by refl
ction in m 
is very nearly parallel to ::\1 1 the two images 
at p' will coincide. An eye placed at P' 
"ill then see interference fringes of Class III., 
which are the contour lines of the thicknes.i 
of the "air film" to which the instrument 
i
 equivalf'nt. If 
12 is carefully adjusted 
"hilf' examining the fringes, they can be 
broadenerl out until the air film is pamllel. 
"hpn, if the surfaces are perfectly flat, the 
film will appear of uniform brightness. If 
the surfaces are not perfectlv flat (or, rather. 
if their ine
ularities are no
t f'xactly similar 
an(l similarJy situated) thf' film can never 
1 F. Twyman. Phil. ][((g., Jan. 191R, p. 49: Photo- 
qraphic JOllT1l((I, Koy. 1918, p. ::!3
; and Astrophys. 
',Journ., 1 !H
, xlviii. 256. 
2 
cc al
o "Wave-lengths, l\Ieasurement of," 
 (3). 


be cleared of fringe
 over its whole area, and 
the fringe sy:stcm. when broadened out as 
much as possible, forms a contour map of the 
irregularitif's. 
It is clear, of course, that whether thp frimres 
have been broadened out or not, they gi,e 
precisely the samp information regarding the 
irregularitif's of the film; but they are 
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FIG. 3. 


equÍ\Talent to the contour map of a country 
based on a datum plane inclined to the hori- 
7.onta1. If the inclination were considerable 
such a map would consist of closf'ly packed, 
nearly straight lines parallel to the horizon. 
hills and valleys appearing 
imply as slight 
bends in the contours. Such a map "ould 
give all the information as to the nature (\f 
the country that could be deduced from an 
ordinary one; but it is much le
s easy to 
interpret its 
enf'raJ appearance. Similarly, 
whatever the adju::::tmf'nt of the miuors, the 
fringe system gi\Tes full information as to 
their departures from exact similarity of 
surface; but it is usually convenient to 
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have the fringes as broad as possible in order 
to render them easily interpretable. Some- 
times, however, an arljustment departing 
slightly from parallelism is helpful in deciding 
between two pogsible interpretations. 
In the interferometer, as used for optical 
testing, the mirror :\1} is mounted on a carriage 
which rests in a geomet.rical slide. By 
pulling one or other of two strings the mirror 
can be moved nearer to or farther from the 
obliq ue plate wit.hout its inclination to the 
direction of the light being seriously altered. 
The mirror 
I2 is arranged on a carriage which 
can rotate about a point. C. Each mirror is 
provided with delicate adjustment screws 
f(lr final adjustment of the parallelism of the 
equivalent film. The mirrors are ",-orked to 
sueh accuracy that when used alone, as in 
Fig. 3 (a), a field free from fringes can be 
obtained. 
The method of testing an optical piece, 
such as asIa b or a prism, 01 any opticrzl 
instrument of which the focal length -is infinite, 
congists in placing it in the beam m:\I 2 , and 
adjusting 1\1 2 to be perpendicular to the 
transmitted rays so that they are returned 
through the instrument and finally focussed 
at P'. The eye at p' then sees the aperture 
of the instrument traversed by a fringe 
svstem which is the contour map of the 
\
ave front, originally plane, after passing 
twice through the instrumf'nt.. The general 
method will be fully underst.ood from its 
application to a spectroscope prism. The 
prism is placed in the position indicated in 
Fig. 3 (b). That portion of the beam which 
is transmitted by the prism is deviated in 
the direction shmvn. 1Il
 is adjusted so as 
to reflect this beam back through the prism, 
after which it is partia.lly reflectf'd by m 
and focussed at P'. The eye at P' then sees 
the effective aperture of thf' prism traversed 
by fringes which, "hen broadened as much 
as possible, tell us how a plane ,,'-ave-front 
has been affected by the double passage 
through the prism. 
These defects of the wa\Tc-front may either 
be due to imperfect. planeness of the surfaces 
of the prism or to im perlf'ct homogeneity 
of the glass, or to both causes, But to what- 
ever c
use they may be dne, they can be 
corrected by local polishing of the surfaces. 
For instance, if the fringe
 sh?w that the 
optical path through any part of the prism 
iq longer than at others, by polishing a little 
hollow in the corresponding part of the 
surface the wave can be flattened out. In 
this way, by local polishing at the points 
indicat.pd by the contour fringes, the prism 
can be made to transmit a perfectly planf' 
wave-front. But it should be noted that the 
correction only holùs when the light traverses 
the prism in the same way. The interference 


tests should always be made, therefore, with the 
light passing through the prism in the direction 
which it will pass in use. Thus for a s})f'ctro- 
scope prism the prisnl should be adjusted for 
minimum deviation. 
In applying thf' interferometer to instru- 
ments of the lens type" hich have not. infinite 
focal length, the arrangement employed is 
that of Fig. 3 (c). 
The lens L is mounted in a suitable chuck, 
with its axis parallel to the incident beam. 
It causes the beam t.o converge t.owards its 
focus at F. A con" ex mirror - :M 2 ' is placed 
in t.he position shown, and adjustf'd so that 
its centre of curvature coincides with F. 
The converging rays then meet t.he surface 
of )1 2 ' normally, and, after repassing through 
I.., form a paraH",1 beam once more, and are 
focu8sed at P' by L 2 as usual. If the lens 
were free from spherical aberration, so that 
rays from all zones convergC'd to one focus, 
it would be possi.ble to adjust 1\1 2 ' so that the 
aperture of the lens as seen by the eye at. P' 
would be free from fringes. In the presence 
Df aberration, however, the different. zones 
have different foci, and in whatever position M 2 ' 
may be there will be circular fringes in some 
zone, indicating the amount of the aberration. 
In the event of the lens being astigmatic, the 
fringes will be elliptical. 
This method has been ext.ended by Twyman 
to quite complicated cases, such as photo- 
graphic lenses at oblique incidence, microscope 
objectives, etc. As applied to lenses, however, 
the intRrference method must be regarded 
as st.ilI in t.he course of de'
elopment; much 
has yet to be done in de
igning the best 
mechanical means of realising the necessary 
conditions. of adj ustment in ordE'r t.hat the 
resulting fringe system will gi ve the informa- 
tion which it is desired to obtain. There is, 
however, lit.tle doubt that t.he use of inter- 
feromet.C'r met.hods for the examination of 
almost every kind of special instrument will 
ultimately be widely adopÜ..d. 
In employing the interferonlf'ter for such 
purposes it is necessary, as with the arrange- 
ments of Fig. 1 ((b) and (c)), to obtain exact 
collimation and normal incidence of the beam 
on the equivalent film. l J. G. 


INTERMITTENT LIGHTS, PHOTOMETRY OF. See 
" Photometry anù Illumination," 9 (122). 
INTERNATIONAL CANDLE: the unit of candle- 
power adopted in 1921 by the International 
Commission on Illumination. See" Photo- 
metry and Illumination," 
 (14). 
INTERRUPTER: an apparatus for mechanic- 
ally interrupting the primary current of an 
induction coil. See" Radiology," 
 (lfi). 
1 nuild, " Fringe Systems in l)ncoIl11)1'n:"ate<! Inter- 
ferometers," Proc. Pltys. Soc., 1920, xxxiii. 40. 
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IXTER'-AL: a term used in music to denote 
the musical relation between two sounds. 
See .. Sound," 
 (2). 
IXTERVALS, CHIEF, WITHI
 A
 OCTAVE. See 
" Sound," 
 (6) (vi.). 
For various temperaments, tabulated. See 
ibid. 
 (6) (vi.), Table II. 
IXTRIXSIC BRIGHTNESS: a term used to denote 
the measure of the light-emissive po" er of a 
surface per unit of area of surface; generally 
quoted in candle-power per square inch. 
See" Projection Apparatus," 
 (2). 
INvAR:' its applications to tapes and wires 
used for base measurements. See" Survey- 


JÄDERI
, E. His method of u
ing tapes and 
"ires in catenary. See '" Surveying and 
Survejing Instruments," 
 (39). 
JELLETS' PRIS:\I: a polarimeter which 
depends on the photometric principle of 


K SERIES: a group of spectrum lines in the 
characteristic X-rays emitted by an element. 
See" Radiology," 
 (17). 


KI
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 (1) IXTRODUCTIOX. - Although the name 
.linematograph has been selected for the title 
of this section as being more in accordance 
"ith the Greek derivation, other terms such as 
cinematograph, or more briefly cinema, the 
first syllables of which are pronounced softly, 
have received greater public recognition. Over 
sixty designations have been introduced from 
time to time, but, "ith the exception of a few 
proprietary names, practically all ha ve now 
lapsed in favour of those mentioned above. 
The history 1 of the highly perfect apparatus 
of the present day is a record of comparatively 
slmv and intermittent progress during half a 
century, culminating in the introduction of the 
continuous photographic film by Friese Greene 
in England and its perfection by Edison in 
America, and, in consequence, a rapid de,-elop- 
ment of the apparatus as a means of public 
entertainment and, to a more limited extent, 
of education. 

 (2) GEXERAL DESCRIPTIO
.-The primary 
function of the kinematograph is to reproduce 
pictorially upon a screen the movements of 
objects. This is done by presenting to the 
eye in regular order a series of pictures each 
of which represents a consecutive stage in the 
motion, the speed of presentation being such 
1 Lil'illg Pictures, Hopwood and Foster, 1915, 


ing and Surveying Instruments," 
 (39). Sce 
also" Invar and Elinvar " Vol. V. 
IODEosIS: a reagent for testing glass surfaces. 
See "Glass, Chemical Decomposition of," 

 (3) (i.). 
IRIS: the diaphragm which limits the aperture 
of the eye. See" Eye," 
 (2). 
IRRADIATIOX: the term in radiometry which 
corresponds "ith illumination in photo- 
metry. See" Spectrophotometry," 
 (1.3). 
Iso-Lux DL\.GRAl\I: a diagram of equal 
illuminations, analogous to an isobar dia- 
gram. See "Photometry and Illumina- 
tion," 
 (69). 


,J 


matching two illuminn,ted fields by varying 
their relative intensity. See "Polari- 
metry," 
 (3). 
J OL Y PHOTO
ETER. See "Photometry and 
Illumination," 
 (29). 


l
 


that the eye appreciates the series as a con- 
tinuous picture in which the objects may 
appear in motion. By means of a spècial 
camera 2 a series of instantaneous photographs 
of the moving object is taken, with exposures of 
about Th second, upon a sensitised trans- 
parent celluloid film which is advanced stage 
by stage in the focal plane of the objective at 
intervals of about Itf to;o second. During the 
sta tionary periods the film is exposed and 
during the transitions the light is occulted by 
the shutter. Thus the series of photographs 
does not comprise the complete movement of 
the object. Short alternate stages are un- 
represented. 
'Yhen the images are projected upon the 
screen by means of the kinematograph pro- 
jector, a true representation of the original 
movement is obtained when the speed of the 
movement of the operation and the ratio of 
the bright and dark intervals are the same as 
those pertaining during the taking of the 
series of photographs "ith the camera, but in 
actual practice there are small departures 
from true reproduction arising from differences 
in the velocity ratios. 
Although the image projected upon the 
screen may appear to be in continuous motion, 
the action is actually discontinuous. A 
stationary image representing one stage 
remains on the screen for a period of about 
1 second. This is followed by a dark interval 
kgting about -iri second. Although the original 
I "
Iotion Picture Cameras," C. L: {;r
gory, 
Traits. Soc. ..Motion Pidure Ellginfers, April UH,. 
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stages of the mO\Tements corresponding with 
these brief clark intervals are not reproduced 
upon the screen, the mind of the observer 
fails to detect their absence, and the interrupted 
series of images when combined by the retino- 
cerebral apparatus is accepted as being equiva- 
lent to the original continuous appearance. 
To 0 btain this stroboscopic effect it is 
essential that the dark intervals should be so 
small that the impression on the mind of one 
stage has not become unduly '\Teak before 
the succeeding impression has been formed. 
That the effect is entirely due to a physiological 
process of fusion of the successive images has 
been contested 1 on the experimental grounds 
that under certain conditions an impression of 
movement is obtained even when the dark inter- 
vals are also distinctly appreciated by the mind. 
If the visual sensation èeased immediately 
the direct excitation had ceased, that is, if 
the phenomenon of persistence of vision did 
not exist, one image sensation could not 
extend over the dark interval and overlap. 
as it were, the succeeding image. Under 
these circumstances the complete synthesis of 
a series of images sepa rated by brief dark 
intervals would hardly be possible, and 
kinematography would be impracticable. 

 (3) THE EYE AND VISION - FLICKER.- 
The functions of the eye as the organ of sight 
are discussed in the article on "The Eye 
and Vision" (q.v.). 
In its dark adapted state, as under the 
conditions of a modern picture house, the 
retina can be subjected to a range of intensity 
of from one to about a thousand without 
producing a glare effect. But in practice, 
under these conditions, a sudden change of 
intensity from one to more than a hundred 
or two should be avoided to ensure entire 
absence of visual discomfort. If the eye were 
repeatedly turned from the illuminated screen 
to very dark surroundings, the contraßt might 
easily be such as to cause discomfort in the 
course of time, and therefore a certain amount 
of general illumination, which also facilitates 
the entrance of the spectators, is customary, 
the contrast being kept, however, within the 
above-mentioned limits. As the illumination 
of the picture on the screen varies from about 
1 to 1.5 foot-candles in the case of the quarter 
lights to about 5 or 6 foot-candles over the 
brightest parts, a general illumination of 0.07 
foot-candle is permissible. Much, however, 
depends upon the circumstances, and genera] 
illumination of twice this amount has been 
advocated. 2 
Reference has already been made to the 
persistence of vision upon which kinemato- 
1 P. I.inke, Die strobm;kopischen Erscheinungen 
al.r; Tiiusrhungen dps I dentitätsbewusstseins, Leipzig, 
W. Engf'lmann, 1907. 
2 L. A. J one
, .. The Interior Illumination of the 

r()tion Picture' Theatre," Tmn.r;. Soc. of 
lotion 
Picture Engineers, No. 10, l\Iay 1920. 


graphy essentially depends. The first definite 
measurements of the time of persistence are 
those recorded by ::\L D' Arcy, 3 who measured 
the tirr..e of whirling necessary to produce 
the appearance of a continuous circle of light 
when a live coal was whirled at a distance of 
16.3 feet from the observer. 
\Vhen the retina is excited by a single 
low-intensity impulse of very short duration, 
the resulting pulse of sensation takes an 
appreciable time to grow and a similar time 
to wane, the duration of the sensation being 
longer than that of the stimulation. According 
to McDougall, a stimulus of greater intensity 
produces a series of partially overlapping 
pulses of rapidly diminishing maximum 
intensities. 4 Charpentier's bands, which may 
be observed when a suitable radial slot is 
rapidly rotated, are attributable to pulses 
of this kind. The initial pulses of greatest 
maximum intensity wax and wane rapidly. 
Succeeding pulses do so more slowly, and 
within the fraction of a second the intensity of 
the pulses becomes too small to be appreciated. 
Recurrent images and other phenomena of 
vision 6 that involve periods much greater 
than those of the kinematograph need not be 
considered here. 
Flicker, the elimination of which is a problem 
of such great importance in the intermittent 
type of kinematograph, is dependent upon 
the duration of the individual impulses that 
fall upon the retina. During the period of 
transference of the consecutive pictures it is 
necessary to interrupt the projection of the 
image upon the screen. This is done almost 
universally by means of a rotating shutter 
having a blank sector which intersects the 
beam of light between the objective and the 
screen during the period of the movement. 
Thus the illumination of the screen is inter- 
mittent and the retina is subjected to a rapid 
series of impulses which, under certain 
conditions, produce a disturbing appearance 
of flicker, that may even prove injurious to 
the eyesight if long continued. 
Flicker can be eliminated by increasing 
the frequency of the interruptions or by 
reducing the illumination. It. is also depend- 
ent to some extent upon the relative durations 
of the consecutive black and white periods,6 
the maximum effect being obtained when the 
white interval equals the black. Thus suppose 
the disc is half black and half white and the 
speed such that flicker is pronounced. If then 
the white sector is increased at the expense 
of the black, the flicker will diminish and be 
entirely absent when the disc is all white, 
8 M émoires de i' A cadémie d
s Sciences à rari.s, 
1765, p, 4
0. . 
4 British Journal of Psycholo(J!I, 1f104, i. 78. 
Ii Bidwdl, Curiosities of Ugh/' and Sight, Hmfl, 
chap. v. 
ø 
Iarbe, Theorip der kinematographisc!wn Pro- 
jectwnen
 sec. 10, p. 43. 
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since there are then no interruptions of the 
light. Similarly, if the black is extended at 
the expense of the white, the flicker will 
progressivf'ly be diminished and again vanish 
when the disc is all black. In the kinemato- 
graph the black sector which cuts off the light 
during the transference of the picture often 
covers about 90 0 of arc, that is, 2.3 per 
cent of the light is cut off on this account. 
The remaining 7.3 per cent of the light 
would be available for the illumination of 
the screen if the speed was sufficiently high 
to eliminate flicker. As sixteen pictures are 
projected per second, the shutter makes 16 
revolutions per second, which in practice is 
nearly three times too slow so far as the 
elimination of flicker is concerned. It is 
necessary, therefore, to increase the number of 
interruptions per second by the introduction 
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of one or more, usually two, additional dark 
sectors, the arcs of "hich are generally made 
less than that of the main occulting sector, in 
order to conserve the illumination. 
Results of flicker tests of a three-bladed 
shutter supplied "ith one well-known type of 
machine are indicated in Fig. 1. In the tests 
the film itself was removed and the fluctua. 
tions of the light in the aperture were measured 
photometrically. Abscissae represent the esti- 
mated strength of flicker and ordinates the 
intensity of illumination in foot. candles. 
Upon each curve is indicated the corresponding 
number of interruptions per second, that is, 
three times the number of revolutions per 
second of the particular shutter. Thus, for 
exam pIe, in the case of the curve corresponding 

th a spepd of 29 revolutions per sepond, the 
mterruptions of the light were 87 per second. 
\Vhen the intensity of the illumination was 
reduced to 0.7 foot-candle the flicker dis- 
appeared. As the intensity was increased 
flicker reappeared and became more and more 
pronounced until it reached a maximum value 
at an intensity of 10 foot-candles. A further 


o 


increase of the intensity produced an appear- 
ance of glare and caused the flicker to disappear 
\rery rapidly. Glare effects of this order need 
not be considered as they do not occur in the 
case of the kinema togra ph. 
The curves indicate that with an intensity 
of illumination of 2 foot-candles about 36 
revolutions per second would be required to 
eliminate flicker. In practice, however, this 
condition is fortunately attained at a much 
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FIG. 2.-The" Indomitable" Projector Outfit. 


lower shutter speed of 16 revolutions per 
second, equivalent to 48 interruptions in the 
case of the three-bladed shutter. This is 
largely due to the fact that "ith the film in 
position not only is the illumination reduced 
by at least 23 per cent in the case of the 
lightest portions, but also there is no longer a 
rapid change from uniform light to darkness, 
since the light is broken up by the various 
tones of the picture, thus further reducing the 
general illumination and contrast \\ith the 
dark intervals. 
9 (4) THE ApPARATUS.--A kinematograph 
projector equipment, of which the Indomitable 
outfit (F1'Y. 2) of .:\Iessrs. Kersha" & Sons is a 
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typical example, comprises the lamp, lamp- 
house and condenser, the machine or projector, 
including the projector lens, and the stand. The 
primary function of the machine is to draw the 
film from the upper reel box; to bring each 
consecutive 
pictur{' of the 
film very ex- 
act! y in to posi- 
tion before the 
gate aperture 
through which 
the light passes; 
to keep the 
picture station- 
ary in this 
position for a 
period of about 
7JITj th second ; 
to remove the 
picture and 
bring the suc- 
ceeding one 
into position in 
the brief inter- 
val of about 
lu t h second ; 
to wind the 
film upon the 
lower reel after 
it has passed 
through the 
gate before the 
aperture; to 
in terru pt the 
image falling 
upon the screen, 
particular.ly 
during the 
transference 
period; and to 
ma:sk the pic- 
ture, that is, to 
adj ust the film 
so that the in- 
dividual pic- 
tures lie within 
the boundaries 
of the aperture 
and thus lie 
correctly on the 
screen. 
In order that 
the film may 
he fed through 
the machine 
regularly, the 
siùes are perforated in the manner indicated 
in Fig. 3, the perforations in question being 
now standardiscd. 1 Similarly, the sprocket 
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1 Report and Recommendations of the Standards 
Sub-Committee, Incorporated Association of ]{inemato- 
graph .JI anufllrtu.rers, Ltd. 


wheel::; or drums have their teeth, which 
engage the film perforations, ?.lso pitched 
exactly according to a standard. r pon the 
regularity and accuracy of the perforations 
anù the teeth depends to a large extent the 
steadiness of the picturC' upon the screen. 
In the diagrarn, Fig. 4, the film A is dra"n 
from the upper reel box B by means of the 
uniformly driven upper feed sprocket C, the 
teeth of which engage the film perforations. 
A roller D holds the film in engagement with 
C, from whence it passes through the gate E 
in front of the aperture F through which the 
light from the condenser passes. Friction 
stdps, which press upon the sides of the film 
and not upon the })art occupied by the 
pictures, offer a certain amount of resistance 


-- 


-- 


FIG. 4. 


to the passage of the film as it is pulled 
throug}. the gate by means of the intennittent 
sprocket G. :From G the film passes over the 
continuously driven lower feed sprocket H 
into the lower reel box J, the spindle of which 
is frictionallv driven in order that the rate 
of winding 
ay be constant notwithstanding 
variation of the reel diameter. As the feed 
sprockets C and H rotate unifonnly while G 
rotates intermittently, it is essential to 
provide loops at K and L the lengths of which 
must not be less than one picture, as otherwise 
the film would be broken. If the loops, on the 
other hand, are too long an objectionable 
whipping noise may result. 
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In certain machines in which masking is 
performed by a displacement of the inter- 
mittent sprocket, the lower loop must be 
sufficiently long to permit of masking to the 
extent of at least one complete picture. 

 (5) THE ISTER:\lITTEST FEED )IECHAKISl\[. 
-Of the elements above described the most 
interesting and indeed the most important is 
the intermittent feed mechanism, because upon 
the accuracy with which it places each picture 
in front of the gate aperture depends the 
steadiness of the picture upon the screen. 
Assuming that a variation in the position on 
the screen of consecutive pictures of ! inch 
is permissible, and that the distance of the 
objective from the screen is 100 feet and 
from the film 5 inches, then the pictures 
must be centred with an accuracy of rrlTfTf 
inch. 
Innumerable devices have been proposed 
for the intermittent movement of the film, 
but in the great majority of projectors the 
Jlaltese cross arrangement, or the Geneva 
cross, as it is sometimes called, represented in 
Fig. 5, is employed. Upon the axis E of the 
gate sprocket 
which feeds the 
film there is 
moun ted the 
cross H, having 
four radial slots 
and four con- 
cave sides which 
suggest the 
name accorded 
to this mechan- 
ism. On a parallel axis F there is mounted a 
disc and driving pin A, the disc being cut 
away as indicated at K (Fig. 6) in order to 
clear the extreme points of the cross. The 
drive is applied to this driving disc, which 
rotates uniformly in one direction only. 
In the relative positions indicated in Fig. 5, 
the driving pin A is approaching the 810t B 
tangentially, and 
the :Maltese cross, 
tho gate sprocket 
associated with it, 
and the film are at 
rest. Rotation of 
the crops is pre- 
vented in one 
direction by the 
locking action of 
the disc portion 
GD on one side of the line joining the centres 
EF and in the other direction by the por- 
tion CG. As the pin approaches the slot 
this locking portion decreases, but the drag 
on the film tends to hold tho cross against 
the other locking portion. 
In the position Fig. 6, the pin has just 
entered the slot B and is driving the cross 


--=-- 


.FIG. 5. 


FIG. 6. 


in the direction of the arrow, and" ith it the 
filtn. The recessed portion K of the disc is 
necessary to clear the points of the cross as 
indica ted in 
F1.g. 7. 
In F1.g. 8 the 
driving pin A 
has just left the 
slot B of the 
cross, which 
,Üth the film 
has therefore 
just come to FIG. 7. 
rest, and the 
cross is locked to the maximum extent by 
the disc. As the cross has four symmetrical 
slots it makes a quarter revolution for one 
revolution of the driving disc. 
Further, as the angle BFD (Fig. 6) is 90 0 , 
the cross during one rotation of the driving 
disc is being driven for one-quarter of the 
period and is at rest during the remaining 
three-q uarters. The gear is said to be three 
t
 one, since the picture on the film rests before 
the gate aperture 
during th ree- 
quarters of the 
period and is 
transported dur- 
ing the remaining 
fourth. 
Owing to the 
occultation of the 
light during this FIG. 8. 
period only three- 
quarters of the total light reaches the 
screen, and in practice considerably less, 
o,ving to the additional width of the black 
sector required to cover nearly the width 
of the objective and to the flicker sectors 
pre\iously referred to. As illumination is 
of great importance the width of tbe occult- 


FIG. 9. 
ing sector is reduced hy the adoption of 
a four-to-one, or even a five-to-one gear, as 
indicated in Fig. 9. The driving pin engages 
the cross during 60 0 , or !th of its rotation, and 
leaves it at rest during the -t-ths of the total 
period. The occulting sector can thus be 
reduced from about 90 0 to about 60 0 , with a 
corresponding increase of illumination. But 
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it will be observed that the pin A, instead of 
gently entering the slut ß tangentially, forcibly 
strikes the driving face, and as the film has 
to be started from rest, moved, and brought 
to rest again in ith instead of !th of the 
period, the strain on the film, and particu- 
larly the wear of the perforation, is much 
greater. Notwithstanding these disadvan- 
tages four- and five-to-one arrangements are 
frequently adopted. 
A greater strain is thrown on the film at 
the moment of starting than of stopping, as 
the film has to be drawn through the gate 
against the resistance of the friction side 
blocks. An excentric arrangement 1 of the 
slots as indicated in Fig. 10 has the advantage 
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FIG. 10. 


tbat, although the action may still be, say, five 
to one, the film is started more slowly, the 
movement being decelerated correspondingly 
more rapidly; but, as already stated, rapid 
starting is more serious as regards wear than 
rapid stopping. For the excentric arrangement 
the further advantage is claimed that a portion 
of the occulting sector on the leading side can be 
cut out with a consequent increase of the light, 
since a greater part of the initial movement of 
the picture is too slow to be recogllised as a 
ghost image by the eye; but it should be 
remembered that it may be necessary to extend 
the following side, which under ordinary cir- 
cumstances is often reduced in practice below 
the theoretical amount. 


Claw-feed mechanisms of many kinds have been 
introduced, but although they are frequently adopted 
in camera. perforating, and printing mechanisms. they 
are but rarely used in the projector. 'Vhereas in . 
the projector the picture rests for -Jìf second and 
moves during -Jìf second, these perior!s are more 
or less reversed in the case of the camera, as the time 
of exposure during which thf' film is at rest is less 
than rà"U" second. 
For printing marhines the claw arrangement, 2 
has the advantage that thp teeth engage simultane- 
ously the perforations of the positive and the super- 
posed negative and drive both togeth('r with great 
precision. A considerable wear of the film perfora- 
I ,V. B. Cook, "The Excentric 
tar Intermittent 
:\Iovempnt," Trans. Soc. of l11otion Pidure Engrs., 
May 1!)
O. 
2 Dr. Forch, Dn Kinematograph., p. 30. 


tions is attributable to the teeth of the claws, but as 
the film is only subjected once in the camera to the 
claw action, this disadvantage is not of great 
import .1llce. The teeth of the claw are caused to 
move in a more or less D-shaped path, the straight 
side of the 0 being pa rallel to the film. The vertical 
motions are controlled by a main cam and the 
horizontal movements by a subsidiary cam. 
One of the earliest devices, known as the Dog or 
Beater, i<3 now only fou11d in machines of the cheapest 
kind. \Vhile simplicity of construction is its chief 
characteristic, its destructive action on the film is 
considerable. The device was originally suggested 
by the appearance of a lathe dog, from which the name 
is derived. At each revolution of the dog the pin 
strikes the film and beats it downwards, thus dra\\ing 
the picture through the gate. The throw of the dog 
is such that the film is displaced to the extent of one 
picture at each revolution. A carn is usually pro- 
vided to press the gate open against the re!3istance 
of a spring immediately before the striking pin 
comes into action in order to reduce the strain on the 
film. A reciprocating arm is sometimes used instead 
of the rotating dog, not only as a feed device but, in 
flome cases, as a means of masking. Particulars of 
numerous other devices will be found in works 
devoted to kinematograph dctails. 3 

 (6) THE SHUTTER.-'Vith very few excep- 
tions, the shutter 
I(F2'g. 4), placed immediately 
outside the objective, has the form of a rotating 
disc which intersects the beam of light. It is 
driven in direct association with the driving 
disc of the .Maltese cross, one revolution of 
which corresponds with the interval between 
the pictures. Thus, when properly set. the 
dark sector of the shutter occults the light 
while the picture is being transferred. The 
angular width of the occulting sector should 
theoretically be such that it just covcrs the 
whole beam before the picture commences to 
move, and does not uncover any portion of 
it before the picture has come to rest. 1
o 
satisfy this condition would involve the loss 
of a great part of the light, especially as flicker 
sectors are also required. If the transfer takes 
place during ìth of the period-that is, during 
72 0 of rotation - the angular width of the 
sector is generally between 90 0 and 95 0 , which 
usually means that some light passes at the 
commencement and end of the transfer, when, 
however, the motion of the image is compara- 
tively slow. That some latitude is permissible 
is suggested by the fact that in some houses 
where the film is run at an unusually high 
speed,4 or where the illumination is 1m\-, due 
to fog or smoke, for example, a special single- 
bladed shutter, or sometimes no shutter, is 
used. 
8 Hopwood and Fo
ter, Lidng Pi.ctures, 1915; 
RkhardHon, 
Uotion Picture lImufbook, 3rd ed., 1915 ; 
Forch. Dn Kinematog.raph, 1913; Li('Hegang, lIand- 
buch dn praktischen ]{inematograph.il', 6th ed., 1919 ; 
Lehmann, Dw Kinematograpkie, 1919; Lassally, 
nUrl und Film, 1919, vols. i. and ii. 
" F. H. Hkhardson, .. The Various Effe('t
 of 
Overspef'ding Projection," Trans. Soc. JJotion Picture 
Engineers, No. 10, p. 61. 
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Sen-ral typical shutters in common use are 
ilIu:'\trated in Fig. 11. 
Innumerable devices have been introduced 
with the object of improving the illumination, 
but the result must necessarily be a COI11- 


promise between light and definition, as prac- 
tically all involve the projection of diffuse or 
irregular light upon the screen, Thus the 
blank sectors may be pierced \\ith holes, have 
gauze-covered purtions, be of semi-transparent, 
variegated, or coloured material, or be provided 
with a small-diameter, light-diffusing lens, 

 (7) THE GATE.-An important element is 
the gate (Pig. 12) through which the film is 
dra wn downwards inter- 
mittently by the inter- 
mittent sprocket. The 
film -passes through the 
space B between the 
aperture plate A and 
the gate E, which is so 
hinged at C that it can 
be quickly opened by 
pressing the spring 
catch D to facilitate the 
stringing of the film. 
Usually, but not in 
all cases, the aperture 
plate faces the lantern 
and the gate the object- 
ive. \Yhen the gate is 
on the objective side it 
is often necessary to 
s\\ing the . objective holder upwards before the 
gate can be opened to the full extent. 'Yhen 
the ga.te faces the lantern, the disposition of 
the guide rollers is usually such that if the film 
breaks it accumulates between the machine 
and the lantern and increases the danger of 
fi
e. Inside the aperture face there -are pro- 

lded two side strips, against which the film 
IS pressed by two corresponding hard steel 
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strips or shoes G, carried springily upon the 
gate, As it is the pressure of these shoes that 
determin
s the drag on the film, it is essential 
that not only should the tension be capable 
of adjustment, but that the tensions on the 
two sides of the film should be equal. This 
result is usually attained by malring the top 
tension spring H act equally upon the upper 
ends of the two shoes and the lower spring J 
upon the lower ends, In some cases one 
spring is arranged to act equally on all four 
ends. 
Small differences in the ",idth of the film 
necessitate some side guidance, as the \\idth 
of the slot in the aperture plate must be 
sufficiently great to accommodate films of 
extreme width. The flange of the top guide 
roller may be made to serve as a side guide, 
as the use of springs, especially in the aide 
wall of the aperture plate, is not free from 
objection on account of their tendency to 
become clogged with the collodion torn from 
the surface, particularly of new films. For 
the same reason the use of velvet strips has 
been practically abandoned. 
To facilitate the cleansing of the guides the gate 
should be capable of being opened widely and the 
shoes themselves should be removable. In many 
machines the lower guide roller which holds the film 
against the intermittent sprocket is carried upon the 
gate, and is capable of being so adjusted that it does 
not bear too hard upon the film. Undemeath the 
sprocket there is mounted a stripper plate \\hich 
separates the film from the under side of the sprocket. 
When this plate is not fitted there is danger of the 
film being wound round the sprocket. 

 (8) )IASKING.-Masking the film is neces- 
sary from time to time, in order to set the 
individual pictures exactly before the aperture 
and therefore correctly upon the screen. 
In re-joining a film the pieces may be dis- 
placed by a fraction of a picture, and when 
this portion passes through the machine the 
correct location of the image upon the screen 
is affected. The earlier method of mask- 
ing, which has only recently been generally 
discarded, consisted in displacing, relatively to 
the film, the optical axis containing the source, 
the centre of the aperture, and the optical 
centre of the objective, by the amount re- 
quired to replace the image centrally upon 
the screen. The model illustrated in Fig. 2 
is of this type. The aperture and objective 
are usually moved together, and then the light 
source is readjusted until the best condition 
of uniform illumination is again atta.ined. 
As the frequent readjustment of the source 
is not \\ithout objection, the greater propor- 
tion of modern machines have the optical axis 
fixed, masking or framing being effected by 
pulling the film through the gate until the 
picture is again central, 'Rithout, however, 
altering the relative positions of the )Ialteso 
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cross and the driving disc with which the 
shutter is associated: that is, the operation 
of masking must not affect the timing of the 
carry-over gear and shutter. The intermittent 
sprocket, 
Ialtese cross, and driving disc are 
moved up or down as one unit carrying with 
it the film relatively to the gate. It is then 
necessary to make the top and bottom loops 
sufficiently large to permit of this adjustment. 
The drive may be communicated to the ad- 
justable element through the intermediary of 
a coupling so disposed that no rotation of the 
coupling shaft and no rotation of the shutter 
shaft is involved in the masking operation. 
If these conditions are fulfilled, the timing is 
not affected, the occultation of the light 
corresponding with the transfer of the film by 
the rotation of the intermittent sprocket. 


This system of masking is em bodied in the Power's 
Cameragraph. The apparatus, as is customary, can 
be placed in an inclined position. which is necessary 
when the projection booth is situated at a high level 
relatively to the screen. l\Ieans are provided on the 
stand for angling the whole machine together with 
the lamp as one unit to suit the conditions of the 
installation. 
An interesting device is used in the Cameragraph 
for automatically re-setting the lower loop, which in 
practice may quite easily be lost if the film perfora- 
tions, for instance, are badly worn, necessitating 
ordinarily an interruption of the projection. The strip 
of film forming the lower loop is passed under a roller. 
When for any reason the loop is lost, the film in 
becoming taut raises the roller and partially rotates 
a cylinder on the surface of which is cut a spiral 
slot. An arm, a pin on which engages the slot, is 
thus swung sideways and declutches the lower feed 
sprocket, the rotation of which momentarily ceases. 
During this interval the loop increases, the roller 
under the action of a spring falls with the loop, 
the clutch is brought into normal action, and the 
sprocket recommences to feed the film. 
In the masking devices previously described the 
intermittent sprocket in its lowest position is a con. 
siderable distance from the gate, and the length of the 
film loop between the gate and the intermittent 
sprocket is of variablE" amount. Although additional 
complexity is involved, this disadvantage may be 
successfully avoided by mechanism such as is used, 
for example, ill the Simplex machine. The gate 
sprockE"t is mounted close to the gate with its axis 
in a fixed position. Masking is effected by the 
rotation of the whole intermittent mechanism about 
the axis of thc sprocket, the maximum rotation 
required being a quarter revolution, which corre- 
sponds with a film displacement of one picture. Since 
the pinion of the driving disc must necessarily be in 
gear either directly or indirectly with the driving 
wheel, having its axis concentric with the intermittcnt 
sprocket about the axis of which the masking rotation 
takes place, it will be evident that in the masking 
operation the driving disc will be rotated relatively 
to the 
laltese cross. To preserve the timing, the 
shutter must therefore be automatically rotated by 
an E"quivalent amount in the appropriate direction. 
For a displacement of one picture - that is, a 


quarter revolution of the intermittent !'procket-it is 
necessary to correct automatically the displacement of 
the shutter by one revolution. Thi8 is done in one 
particular example by communicating the drÌ\ e to 
the shutter axis through Rpiral gears, the pinion 
gear on the shutter axis having a length of one spimJ. 
'Vhen the gate sprocket mechanism is rotated the 
spiral driving element is displaced longitudinally 
upon a squared shaft by a corresponding amount, 
and ill its longitudinal movement it rotates the shutter 
quite independently of its ordinary rotational move- 
ment. The arrangement has the advantage that, by 
providing an additional hand control of the lonai. 
tudinal movement, the timing ean be adjusted while 
the machine is running. 
In view of the precision with which the inter- 
mittent sprocket must locate the film, theintroductiou 
of clements between this sprocket and the> l\Ialtese 
cross is objectionable owing to the possibility of 
backlash introduced by slackness or Wl'ar of the 
parts. It has been proposed, for examph', to rotate 
the sprocket independently of the :Malte
e cross 
through the intermediary of a differential, one 
element of '" hich is controllable by hanù. In 
another arrangement the sprocket is mounted upon 
a spiral sleeve on the Maltese cross spindle to which 
it is keyed, By a longitudinal displacemcnt of the 
sleeve the sprocket can be rotated relatively to the 
('ross, and, as in the previous example, the timing of 
the shutter is not affected, since no relati\Te movement 
of the cross and driving disc is involved. Dcvices 
of these kinds, which involve the use of addItional 
parts, particularly between the sprocket and the 
cross, are unlikely to prove satisfactory on account 
of the objectionable backlash that may be introduced. 
An essential and important feature is the 
take-up mechanism of the lower spool-box 
which rolls up the film after its passage from 
the lower feed sprocket at a constant rate of 
about 1 foot per second. As the diameter of 
the roll increasf'S the speed of rotation neces- 
sarily decreases and the tension on the film 
varies. In a few cases the drive is applied 
through the intermediary of a variable speed 
gear, but in the great majority of machines 
a simple slipping clutch is employed, the 
pressure being adjustable by means of a spring. 
As the diameter of the roll grows larger the 
slipping increases, but although the maximum 
force that can be applied to the film is limited, 
the force is not automatically kept constant. 
For reels having 1000 fcct of film the slipping- 
clutch, when properly set, suffices, but for 
longer reels of 2000 feet a variable speed 
drive becomes desirable. Satisfactory results 
have been attained by causing the increasing 
weight of the roll to increase the frictional 
resistance to rotation, whereby the uniformity 
of the tension on the film is maintainC'd. 
So long as inflammable celluloid film is used, 
there must always be a certain amount of fire 
risk, notwithstanding the stringent legal regu- 
lations that are commonly imposed. For the 
prevention of panic among the spectatùrs, who 
may be alarmed by the fiery glow projected 
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upon the screen when the film in the aperture 
space is ignited, it is essential that the pro- 
jection should be interrupted immediately by 
closing the window shutter of the booth and 
by closing the lamp shutter or dowser. These 
operations are generally done by hand. Upon 
the machine itself, however, there must be 
provided a fire shutter X (Fig. 4), which covers 
the gate aperture when the machine is at rest, 
as shown dotted in the illustration. 
'Yhen the machine is in operation the film 
is subjected to the concentrated heat for brief 
intervals of only ",,"lith second, during which 
time it does not reach the temperature of 
ignition. But if the machine is stopped and 
the film is at rest for a second or even less, 
it "ill become ignited unless the shutter falls 
immediately the motion ceases. The shutter 
is often operated by means of a governor 
directly associated with the driving mechanism, 
and in other cases by simple friction discs 
separated by a thin viscous layer of oil. 
If the film breaks while the machine continues 
in motion the fire shutter will not fall. In such a 
case the lamp dowser roUEt be closed by hand. 
To provide automatic protection capable of dealing 
with every contingency invol \'es mechanical and 
electrical complications that may prove a great(,f 
danger than security. Reliance is usually placed 
upon the fire shutter at the gate and the alertness of 
the operator. Ignited film in the machine itself, 
being in contact "ith cold metal. burns compara- 
tively slowly and may easily be extinguished jf 
de.alt with promptly. 
It is most important that thc large masses of film 
in the roll bo""{es should not become ignited. Pro- 
vided the lids are closed al" they ought, to be, this can 
be effedively preYented by passing tbe film into the 
boxes between mf'tal plates X (Fig. 4), having 
a surface length of several inches. The cold metal 
extinguishes any flaming film that may be drawn 
between them. 

 (9) THE OBJECTIYE.-As the individual 
pietnres on the film are only 1 inch "ide and 
i inch high, \\ hereas the i;Dage projected on 
the screen may be 20 ft. wide, it "ill be 
evident that so great a magnification necessi- 
tates a quality of definition of a very high 
order over as large a central area as possible, 
since the action of a picture play cannot be 
confined to the centre of the screen. Illumi- 
nation being of the greatest importance, a 
large aperture is desira ble as in the case of 
purtrait lenses, in which the conditions to be 
satisfied are very similar. There may be a 
considerable loss of light, however, in the 
passage through the lens sYbtem, not only at 
each transmission, but also owing to the actual 
cutting off in the combination ,
hen the front 
and back elements are "idely separated as in 
the case of the early Petzval objectives. Com- 
pactness of design is therefore of importance. 
An objective equivalent focal length of -1 
inches is a common one, and since the picture 


is 1 inch "ide the angular field is about 15 0 , 
and for longer focus objectives still less. This 
small angular field makes it possible to obtain 
a quality of general definition on the screen 
that would be unattainable if the width of 
field common in the case of a portrait objective 
was required. 
Computation is also facilitated by the fact 
that complete freedom from distortion is 
not of greatest importance. \Yith very few 
exceptions, the centre of the projected beam 
does not fall normally upon the screen, owing 
to the elevated position of the kinematograph 
booth and to the vertical arrangement of the 
screen. For these reasuns the llla
nification 
at the bottom of the screen is usually greater 
than at the top by an appreciable amount 
considera bly in excess of the distortion error 
attributable to a good objective. 
The principal aberrations that have to be 
reduced to a minimum in the computation of 
objectives are discussed in the undernoted 
works. 1 Th('y are as follows: 
(i.) Chromatic aberrations. 
(ii) Axial spherical aberration. 
(ill.) Coma. 
(iv.) Astigmatism and curvature of the field. 
(v.) Distortion. 
Freedom from chromatic aberrations ensures 
the absence of coloured margins in the projec- 
tion of black and white d
tails and a true 
representation of coloured images. Crispness 
of central definition is associated with freedom 
from axial spherical aberration, and fulfilment 
of the sine condition. Coma or spherical aber- 
ration for extra axial points and astigmatism 
result in fuzziness and elongation of details 
which increase with the distance from the centre. 
'Yhen there is curvature of the field the 
image cannot be sharply focussed at the 
centre and sides of the screen simultaneously, 
O\\ing to the image surface being curved. 
,,-rhen astigmatism is presen1 there are really 
two image surfaces whose vertexes coincide 
on the axis where the astigmatic aberration 
is zero. Distortion, already referred to as 
being of secondary importance in view of the 
greater error due to the angle of projection, 
results from a change of magnification from the 
centre radially oyer the surface of the screen. 

Iost kinematograph objectives are based 
upon the type of portrait objective invented 
by Professor Petzval of Yienna in 1840. 
This type is remarkable for its freedom from 
aberration over a central area corresponding 
'With an angular field of about 8 0 , that is, 4 0 
on either side of the axis. Beyond this" idth 
non-fulfilment of Abbe's sine condition becomes 
increasingly marked. 
1 :-\tpinhf'il and Yoit. Handbook of .Applierl Optics, 
edited by J. W. Fren('h. yols. i. and ii.. 1!1l8: A. S. 
('ory, ..' Ol)tkal Uequirements of )lotion Pil'turc 
!)rojcdion Obj{'ctiwg," Trans. Soc. .110t. Pirt. Ellgrs., 
April 1918 ; Co Linùsa:r Johnson, Photographic Optks. 
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The Petzval system comprises an outer 
cemented doublet nearest the screen and an 
inner non-cemented doublet nearest the film. 
It has the additional advantage that the 
latter is not so liable to be affected by the heat 
of the concentrated light as would be the 
case if the elements were balsamed. In 1866 
J. H. Dallmeyer considerably improved the 
un cemented element of the Petzval system. 
By a judicious selection of types of glass 
introduced within comparatively recent times 
it is now possible to obtain numerous excellent 
anastigmatic combinations of British, German, 
and French make that, in addition to crispness 
of definition over a large area, provide a field 
that is flat over nearly the whole angular 
width common to kinematograph projection. 

 (10) ILL17:\I1NATION. - When it is con- 
sidered that the whole light available for 



 rc 
B 
A C D 

rOO cpo 

 


Condenser 


FIG. 13. 


distribution over the surface of the screen, 
which may be 20 feet long and 15 feet high, 
has to be emitted by the crater of the arc 
having an effective surface of less than 0.2 
sq. in., it wIll be understood that a very 
intense source is essential. For smaller 
projection lengths special incandescent tung- 
sten lamps 1 having a condensed area of 
filament are extensively employed in America. 
\Vith these lamps there are used rear reflectors 
and special corrugated condensers 2 which, 
being placed near the lamp, intercept a large 
cone of rays. Bu t for screens of 20 feet 
width a more powerful source, such as the 
carbon are, is still employed. 
In comparison with the incandescent lamp 
the carbon arc 3 is more inconvenient to use, 
less constant, and less hygienic. If the carbons 
1 R. A. Denninl!ton, II IncandcRcent Lamps for 
Motion Picture Hprvice," Trans. Soc. J.llot. Pict. 
Engrs., April HH8, p. 36, also 47. 
2 H. P. Gage', .. ('ondcns{'r Design and Scrc('n 
Illumination," 1'rans. Soc. .Mot. Pict. Engrs., April 
HH 0. p. G3. 
3 w. C. Kunzmann, .. Carbon Arc for :\Jotion 
Picture })rojcf'tion," Trans. Soc. .Mot. J>ict. Eugrs., 
Nov. HH8, p. 20. 


are solid the arc wanders and the illumination 
for this reason varies greatly, but usually 
the upper carbon has a soft core 1\ hich, Ly 
burning away more quickly, centres the arc 
and prevents wandering. \rhen using alter- 
nating current both carbons are usually cored. 
Arc controllers designed to avoid hand control, 
and magnetic devices for steadying the are, 
are available and are sometimes installed. 
\Vhen using cored carbons an illumination of 
about 120 candle-power per sq. mm. of crater 
is obtainable. An effective crater area of 100 
sq. mm. or 0.16 sq. in., ,vhich is common, 
thus emits 12,000 c.p. If the arc was an 
unobstructed point source radiating in all 
directions, the nearer the condenser lens was 
placed to it the greater would. be the cone of 
light intercepted, and the greater the light 
available. Much of the light, howcvel', is 
o bstructpd by the lower 
negative carbon of 
direct-current arcs and 
by the upper cratpr 
edge of the positive 
carbon, and further, on 
account of the intense 
heat, it is not practi- 
cable to bring a con- 
denser lens closer than 
3! in. to 4 in. 
A 4!-in. diameter con- 
denser lens, which is a 
usual size, set 3.6 in. 
from the arc intercepts 
a cone of light whose 
11% Lumens = 7800 b 1 It 
Area=800sq.ft. ase covers sq. . 
CondIe Power=4.3 and whose length is 
1 foot. Such a con- 
denser thus intercepts 12,000 lumens if the 
candle-power is 12,000. At each transmission 
surface at least 4 per cent of the incidpnt light 
is lost, in accordance with the Young-Fresnel 
law. There is also some absorption of light 
by the glass. In the case of the objective 
this is almost negligible, as t.he glass employerl 
is of good optical quality and the thicknesses 
are small. Glass of a much inferior character 
is too frequently employed for the condenser 
lenses and the loss is then quite important. 
It is very questionable economy to use con- 
denser lenses made of a type of window glass, 
as is so frequently the case. 
The losses of light in its passage from the 
first condenser surface facing the arc to the 
screen are as indicated in Fig. 13. At the 
surfaces A, ß, C, and D at least 4 per cent of 
the light incident at each of the respcctiYe 
surfaces is lost. An absorption of 5 per cent 
per em. thickness of giass has bepn assul1wd, 
but this amount is often exceedpd. In the 
first lens the loss is 17 per cpnt and in the 
dou hie lens condenser 33 ppr cent. The loss 
in a triple condenser is still greater. 
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It has been assumed that the whole circular 
area of the condenser lens contributes light. 
Actually, however, only a rectangular area 
corresponding "ith the rectangular form of 
the film aperture i
 utilised. About 40 per 
cent of the circular beam is cut off by the 
rectangular aperture at E. Thus about 40 
per cent of the original light reaches the 
:film F. Only an approximate estimate of the 
loss at the film is possible, as the density varies 
greatly. Photometric measurements show 
that 2.3 per cent of the light may be lost in 
transmission through even the least dense 
parts. 
The objective, whose surfaces are lettered 
G to X, usually has two uncemented lenses 
which involve a drop from 30 per cent to 25 
per cent, and one cemented doublet which 
involves a further drop to 22 per cent. 
In the usual flicker shutter 0 there is a very 
large loss of light, amounting in one commonly 
used type to nearly 50 per cent. Of the total 
light incident upon the first surface A of the 
condenser, namely 12,000 lumens, only 11 per 
cent passes the shutter, that is 1300 lumens. 
Neglecting the loss through absorption by 
the atmosphere, which may be considerable, 
this quantity of light is available for distribu- 
tion over the screen P, having an area cf, 
say, 300 sq. ft. Thus, assuming the whole 
film is of the lightest shade, the intensity of the 
light on the screen would be 4.3 foot-candles. 
The actual intensity reflected to the observer's 
eye is considerably less, and depends not only 
upon the nature of the screen but also 
upon the obliquity of the observer's line of 
sight. 

 (11) THE SCREE
.-A perfect reflector if 
used as a screen would reflect a high proportion 
of the light, but only in a definite direction 
determined by the angle of incidence. A matt 
surface, on the other hand, diffuses the light 
over a wide angle, ldthin which the picture is 
visible, but the light reflected in anyone direc- 
tion is correspondingly less. Thus, although 
the albedo value, that is, the ratio of the 
reflected light to the incident light, for a 
polished glass sheet silvered on the back ma v 
be 90 per cent, such a screen would be quit
 
unsuitable as compared "ith a matt surface 
of fine white plaster which, when clean, has 
an albedo value of about 80 per cent but 
spreads the reflected light over a wide angle. 
\rhite cloth well stretched reflects from 
70 to 7.3 per cent of the light. Cartridge 
paper has even a higher albedo value, but 
such hygroscopic materials readily deteriorate. 
The choice of a screen surface 1 depends also 
upon the maximum obliquity from which it 
must be viewed. 


P 1 :T o
f'!,; and Fi11imJ, .. Reflf'f'tion Charactf'rigtics of 
roJf'et\on Serpens," Trans. Soc. Jlot. Pict. Engrs., 
Oct. 19:"0, p. 59. 


Glass screens 2 ground on the face and 
silvered on the back confine the greater pa:rt 
of the light to an angle of about 30 0 and 
may have a good reflecting value of over 
80 per cent "hen clean, but moisture on the 
ground surface has a serious effect upon the 
spreading power of the parts affected. 
Screens coated "ith silver, aluminium, or 
other metallic paints are often used. Special 
claims are sometimes made for yellow-tinted 
surfaces that reflect a greater proportion of 
yellow light. 3 \Yhatever the type of screen 
employed, it is essential that its surface should 
be kept clean and dry, as otherwise the reflect- 
ing power may be much reduced. 

 (12) SPECIAL FOR
lS OF )IACHIXE.-It is 
not possible "ithin the limits of this brief 
account to deal with the more special applica- 
tions of the kinema togra ph. 
For the projection of s)"'Ilthetically coloured 
pictures Friese Green in 1899 proposed the 
use of a red, green, and blue rotating shutter 
in front of. the objective. In the original 
kinemacolour method successive exposures of 
the film in the camera are made through three 
and sometimes t" 0 filters consecutively, and 
each set of three or two consecutive pictures 
is projected simultaneously, and in other 
arrangements &.lternately, upon the screen 
through corresponding filters. K umerous other 
arrangements have been proposed for the 
synthetic production of natural colours, 4 
but, in view of the expense and complications 
involved, simple hand-tinted films 5 are more 
frequently used whenever coloured pictures 
are desired. 
The kinematograph is vf great scientific 
value fo!" the analysis of very quick motions,6 
the pictures being taken at a rapid rate in the 
camera and projected upon the screen at the 
rate of about sixteen per second. 
.:\lany inventors have attempted to devise 
a satisfactory dissolving view machine, the 
advantages of which need no description, but 
no real practical success can be recorded. 
The intermittent machine, not" ithstanding 
its inherent difficulties, still remains un- 
surpassed for the projection of pictures under 
picture-house conditions. ::\lost of the con- 
tinuous' devices hitherto proposed have 
involved a large number of lenses, prisms, or 
mirrors difficult to adjust or maintain in 
adjustment individually with the accuracy 
essential for the projection of a picture at a 
I Cardwell and Burrows, .. Light Int{'nsities for 
'lotion Picture Projection," Trails. Soc. .1lot. Pitt. 
Ellgrs., Oct. 1917. 
3 Richardson, Jlotion Picture Handbook, p. 166. 
t Hopwood and FostC'r, Lirill(J Pictures, 191:>, 
chap. vii.; Kelley, .. Xatural Colour C'inem'lto- 
graphy," Tran.'1. Soc. Jlot. Piet. Ell(Jr.,;., SOY. 1918, 
p. 30; Carl Forch, Der l\.inematograpll, chap. x. 
p.119. 
=> Blair, .. The Tintina of )[otion Picture rilm," 
Trans. Soc. Jlot. Pict. En(Jrs., -'lay 1 g20. p. 45. 
· H. Lehmann, Di
 lí.inematographiR, sec. iv. p. 66. 
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distance of a hundred feet, "hich is quite a 
common practice. 
l\Iany attempts have also been made to pro- 
ject stereoscopic images 1 upon the screen, but 
with little rea) practical SUCéCSS. The use of 
co]oured spectacles to view suitably coloured 
pictures is unlikely to become popular. An 
im pression of depth can also be 0 btained from 
the parallax appearance resulting from a trans- 
lation of the camera during the exposure of 
the film. 
To a very considerable extent the use of 
the kinematograph in schools, and the more 


-L 


L SERIES: a group of spectrum lines in the 
characteristic X-rays emitted by an element. 
See" Radiology," 
 (17). 
LAMBERT: a unit of brightness used in 
America. Ii is equal to the brightness of a 
perlectly diffusing surlace of unity reflection 
ratio, illuminated' to the extent of one phot 
(q.v.). It therefore equals 1/.". candles per 
square centimetre. See" Photometry and 
Illumination," 
 (2). 
LAMP HOTATOR: a device for obtaining a 
measurement of mean horizontal candle- 
power of a lamp by a single photometric 
reading. See" Photometry and Illumina- 
tion," 
 (38). 
LANDOLT AND LIPPICH'S POLARIMETER: an 
instrument for measuring the position of 
the plane of polarisation, depending on the 
use of a very intense light source and a pair 
of wide-angled Nicol prisms, the field being 
not uniformly dark but crossed only by a 
narrow black band. See "Polarimetry," 

 (9). 
LANTERN PROJECTION OF IMAGES ON A SCREEN. 
See" Projection Apparatus," 
 (14). 
LATITUDE, definition of. See" Surveying and 
Surveying Instruments," 
 (4). 
Determination of, for survey purposes. See 
ibid. 
 (24). 
LArRENT POLARIMETER. See" Polarimetry," 

 (5). 
LEAD, USE OF, IN GLASS l\IANUFACTURE. See 
" Glass," 
 (8). 
LEADING l\I(ARKS FOR FIXING POSITION. See 
"Navigation and Navigational Instru- 
ments," 
 (2). 
LENGTH, FOCAL, determination of, for simple 
spherical lens. See" Lenses, The Testing of 
Sim pIe. " 
LENS, aspherical: a type of spectacle lens 
designed to correct the aberration intro- 
duced when the eye looks towards the 
edge of the lens instead of to the centre. 
See "Ophthalmic Optical Apparatus," 

 (8) (ii.). 
1 Carl Forch, Der Kinematograph, chap. xi. p. 135, 


general introduction of portable kinemato- 
?raphs 2 for home and commercial purposes, 
IS dependent upon the development of a 
durable non-inflammable or slow-burning 
film. If slow-burning non-standard film is 
used, the choice of subjects is at tbe present 
time greatly restricted. J. w. F. 


KIRCHHOFF'S LAW OF RADIATION. See 
" Radiation Theory," 9 (4). 
KÖNIG-l\IARTENS SPECTROPHOTOl\IETER. See 
" Spectrophotometry," 
 (12). 


Bifocal: a type of spectacle lens having 
two different powers or foci set in the 
same eye-wire or spectacle frame; the 
upper focus is used for distance and the 
lower for reading or close "\\ ork. See 
ibid. 
 (8) (i.). 
Cataract: a type of spectacle lens for 
aphakic patients, designed to reduce the 
weight and aberration of the suitable lens 
of an ordinary type. See ibid. 
 (8) (iii.). 


LENS SYSTEMS, ABERRATIONS OF 

 (1) INTRODUCTIoN.-The Gaussian theory of 
a system of coaxial lenses is given in the 
article on "Lenses. Simple Theory of," while 
in the articles on the Lenses for Telescopes, 3 
Photographic Lenses,4 and )Iicroscopes I) refer- 
ence is made to the various aberrat.ions to 
which any such system is subject. 
In the following sections the thco:.'y is given 
of the five first-order aberrations, generally 
known by the name of Von Seidel, viz. Dis- 
tortion, Curva.ture, Astigma.tism, Coma, and 
Spherical Aberration. A more complete treat- 
ment will be found in the article on Systems 
of Lenses. 

 (2) HAJ\nLToN's CHARACTERISTIC FUNC- 
TION.-Light is propagated by transverse 
waves which spread outwards from any 
luminous source; in an isotropic medium- 
one, that is, which has identical properties in 
all directions-the wave velocity is the same 
in all directions, and the wa;es emanating 
from any point source spread outwards in 
sphere. Consider now the disturbance leaving 
the source at any given instant; at any future 
instant, supposing no reflection or refraction 
to have occurred, its effect will be spread 0\'('1' 
a sphere having the source as centre, and the 


2 A. F. Victor, .. The Portable' ProiPctor," Trans. 
Soc. 111ot. Pict. Ellgrs., April HH8, p. 29. 
:3 See .. Tcle'scopps." 
 (3). 
" 
ee .. Photogral)hic I.enscs," 
 (8). 
5 See" Microscope, The Optical Theory of," S
 (5), 
etc. . 
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Thus the wave travels in a direction whose 
direction cosines, given say by L, )1, X, are 
proportional to dV/d. r , dVJdy, and á\T/dz, when 
Y represents the time taken to travel from the 
source-the origin-to the point x. y, z. 
From this it follows that if V be regarded 
as a function of the co-ordinates of two points, 
one in the object, the other in the image, 
space- V being the time of transit between 
the points-the differential coefficients of V 
with regard to the co-ordinates of the points 
gh-e the initial and final directions 
of the ray pas:;;ing through the points. ,- =
'o - !l'1(Y2 + Z2) + 1,'2("1"" 'YJ + Zr) 1 
Thus a knowledge of Y, which is the - !1'3('YJ2 + t 2 ) - U1'4(Y2 +Z2)2 
characteristic function. of Hamilton. _ 4r (Y2 + Z2)(Y'YJ + Zr) + 41'6 (Y'YJ + Zr)2 
enables all the propertIes of the lens 5 2 2 
system to be deduced. + 2(1'6 + 'l'7)(Y2 + Z2)('YJ2 + r 2 ) - 4rs{Y'YJ + Zr){1] +! ) J 
* (3) HA
nLTox's FL:SCTIO
 FOR A + t'g( . 'YJ 2 + r2)2] + . . . terms involving higher 
SERIES OF CO.\XL\L LExsEs.-The powers of the variables, 
problem is simplified in the case of 
a system of Jenses by the facts (i.) that thp 
system is symmetrical about the axis of thp 
lens
s, and 
 (ii.) that the objects and images 
consIdered are assumed to lie either in planes 
VOL. IV 


time taken to reach any point on this sphere 
will be the same, and will be given by dividing 
the radius of the sphere by the velocity of the 
light. This sphere constitutes the wave front 
for that disturbance. The effect of reflections 
or refractions, such as take place at the sur- 
faces of a series of lenses, is to modify the form 
of the wave surface, but it always retains this 
fundamental property; it is the assemblage 
of points at which the disturbance emanating 
from the source at any given instant has 
arrived at the instant considered, and its form 
is given by the fact that the time taken to 
travel from the source to all points on the 
surface is the same. )loreover, it can be 
shm\n (i.) that the light which reaches any 
point is travelling at right angles to the wave 
surface through that point, and (ii.) that the 
ray or path by which the light has travelled 
is such that the time of transit from the source 
to the point is the least possible. 

ow if x, y, z be the co-ordinates of any point 
on the wa,-z front we may write its equation as 
f(xyz) =c, and since the time of transit from 
the origin to any point on the wave is constant 
we may express the time as a function of the 
variables which is constant when the point 
;ryz is on the wave front. This will be satisfied 
if the time is expressed as a function of 
f(xyz). Thus, if V denote the time we may lmt 
V =Ø{f(xyz)}. 
Again the direction cosines of the direction of 
propagation, which, as we have seen, is normal 
to the wave front, are proportional to df/dx, 
dfídy, and df/d;; respectively. But 
dV dY df 
dx = df dx ' etc. 


perpendicular to this axis or on surfa:ces of 
reyolution about the axis. 
Let X, Y, Z be the co-ordinates of a point P 
(Fig. 1) in the object space, consider a fixed 


x 


FIG. 1. 


plane-the plane of a stop in the lens system 
-in the image space, and let the ray con- 
sidered meet this in p' whose co-ordinates 
are 
, 'YJ, r. 
Let planes through P and P', normal to the 
axis, meet it in 0, 0' respectively. Then it is 
dear from the symmetry about the axis that 
for any pair of points P, P'in these planes V 
will be the same, so long as the distances 
OP, O'P' and the angle between OP and O'P' 
are fixed; thus, denoting this angle by 8, Y 
may be treated as a function of the distance 
between the planes considered, the radii a P 
and O'P' and the angle 8. But 
OP =(Y2 +Z2)1, 
O'P' =('YJ2 + r2)l, 
y 17 + Zr 
cos e OP. O'p" 


and 


OO'=
-X. 


Thus wp may treat V as a function of "\,"2 + Z2, 
1]2 + ç2, Y'YJ + it, and 
 - X; this latter quantity 
is constant if the images are planp. Again 
in lens problems the quantities Y, Z, 'YJ, rare 
small compared "ith the focal lengths and 
other constants of the lens and "ith the 
distances of the object and image from the 
unit planes of the lens. 
Thus we may expand Y in powers of Y2 + Z2, 
Y'YJ + Zt, and 'YJ 2 + r 2 , and ú we retain only 
the fourth powers of the small quantities we 
obtain the expression 


(1) 


wherp the l"S are quantities which depend only 
on the properties of the lenses through which the 
Jighthas passed and on the positions ofthe object 
and stop planes, the values, that is, of X and t 
1\1 
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Also we have for the direction cosines of the 
emergent ray 
dV dV 1 

1= d'YJ ' N= dt ' L={1-
f2-N2). 
Thus 
1\1 = Y {v 2 +"!t'5{Y2 + Z2) - î'6{Y'YJ + Zf) } 
+ !1'8( 'YJ2 + f2) + . . . } 
_ 'YJ{v 3 +!(v ø +V 7 )(Y2 +Z2) - vs(Y'YJ +Zf) , (2) 
+!V 9 ('YJ2+f2)+ ...} 
expression for N, but with 
the two brackets in place of 


with a similar 
Z and f before 
Y and 'YJ. Also 
L = 1 + lv 2 2 {Y2 + Z2) - V 1 V 2 {Y'YJ + Zf) 
+ !v 3 ( 'YJ2 + f2) + (3) 

 (4) POSITION OF THE IMAGE.-Now let the 
image plane be at a distance X' from the stop 
plane, and let Y', Z' be the co-ordinates of the 
point in which the ray L, 1\1, N meets the 
image plane. Then 
Y' = 'YJ + 
X' } . 
Z'-f+
X' 
- L 


Therefore 
Y' = 'YJ + l\IX' {I - -kV2{Y2 + Z2) 
+ V 2 V 3 {Y'YJ + Zf) - lî'3{ 'YJ2 + f2)} 
=X'Y {v 2 +l{v s - 
'23)(Y2 + Z2) 
- (v 6 - 1'2 2 V3 ){Y 'YJ + Z!) 
+ l{ 1'8 - 1'21'3 2 )( 'YJ2 + f) 2} (5) 
+X''YJ{{I/X') - 1'3 
-!( 1'6 - 1'221'3 + 1'7 )(Y2 + Z2) 
+ (v 8 - 1'21'3 2)(Y 'YJ + Zf) 
- !(v 9 - Vl)('YJ2 + f2)} 
with a similar equation for Z'. 
Now the conùition that the plane for which 
the intersections have been found is the correct 
image plane, is that, for terms of the lowest 
order, Y' and Z' shall be proportional to Y and 
Z respectively, for the image must be similar 
to the object. Thus we must have X' = 1/1'3' 
Hence the traces of the ray intersections with 
the image plane are found by substituting this 
value of X' in the above expressions. 
\Ve can simplify these expressions by sup- 
posing that the axis of y passes through the 
source of the light so that Z =0. If this be 
done, we find the values 
2v 3 Y' =2v 2 Y + (vI) - 'lJ 2 S )Y3 
- {3(V6-V22V3)+V7}Y21] 
+ (v 8 - v 2 v 3 2 )Y(317 2 + f2) 
- (1'9 - 1'3 3 )1]( 1]2 + f2) (6) 
2v 3 Z' = - ({v 6 - 1' 2 21'3) + v 7 } Y2f 
+2{v 8 - V 2 V 3 2 )Y'YJf 
- (1'9 - V 3 2 )f( 'YJ2 + t 2 ) 


(4) 



 (5) THE ABERRATIONs.-These expressions 
agree with those employed in discussing the 
aberrations separately in 
 (8) of the article on 
Photographic Lenses if we put 
v 2 Y =
'3Y' 
Y'=y+óy, 
Z' =0 + óz, 
so that y, 0 are the co-ordinates of the image 
when there is no aberration. and óy, óz the 
aberrations in the radial and transverse direc- 
tions respectively. 
(i.) Distortion.-The first tenn in the ex- 
pression for the aberrations is given by 
ó = 1'5 - 1'2 3 Y3 
Y 21' ' 
3 
and this gives the distortion 1 in the form 
óy= a1y 3, 
( V - V 3 ) 
a =2_
V 2. 
1 2v 2 3 3' 
the image is displaced by this amount in the radial 
direction and the aberration is wholly radial. 
(ii.) Cun:ature and AsUgmafism.--":""T e have 
next the terms in Y21] and Y2f given by 
2óy = - 1.. {3( 1'6 - V 2 2 t'3) + v 7 } Y21] } 
1'3 
and ,. (8) 
1 
2óz = - - ({v e - 1'2 2 1'3) + v 7 } Y2f 
1'3 
or, as we may write them,2 remembering that 
v 2 
Y2 = .-lLy2 
1' 2 2 ' 
2óy (3 ' 

 = 'YJ e + e ), 
y 
2óz H ' 
2"" = 
 \ e + e ), 
y 


(7) 


where 


and 


v 
e-
(v - v 21' ) 
- 1' 2 2 6 2 3' 
, 1'3 
e = 
V7' 
1'2 
To examine the nature of this aberration 
more closely consider the intersection of the 
rays with a sphere given by the equation 
X ,-l 1 ( Y'2+ Z '2 ) 
- +2" R ' 
1'3 
where R is the radius of the sphere. 
Additional terms are thereby introduced into 
the right of equation (5), which are given by 
2k (
) 2 (Y 1'2 - 17 v ::s){Y2 + Z2), 
or, putting Z = 0, the further terms in 21'3 Y' are 
1 1'3 1 
__ 
Y3_ -v 2 2 Y2 17 
R v 3 R ' 


where 


and in 2v 3 Z' 


1 2 Y 2r 
- R V2 
 . 
1 See II Photographic Lpnses," 
 (8) (ii.) (a). 
2 See ibid. 
 (8) (ii.) (c). 
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The additional term in Y3 means that the 
rav through the centre of the stop for which 
1} 
 r=O strikes the sphere in a point at a 
different distance from the axis from that in 
which it meets the plane. 
The complete coefficients of the t
rms in 
Y27] and Y2,{" become 


- {3(
'6 - 'l.' Z 2 V 3 ) +'l.'7 +
1'22} 
and - {(
'6-t'22v3)+r7+
'l.'z2}. 
Thus the spreading of the light which these 
terms imply disappears if surfaces of curvature 


1 
- -:d3(t'6 - V22
'3) + 1,'7} 
V 2 


and 


1 - 
- 
{(t'6 - t"2 2l '3) +V 7 } 
V 2 


be considered as the image surfaces instead of 
the plane given by X' = 11v 3 . In other words, 
the defects are due to the fact that pencils for 
which 7] is appreciable and r small come to a 
focus on a spherical surface having the former 
curvature, those for which 7] is small and r 
appreciable focus on a surface haring the 
latter curvature. Thus the images are curved. 
Clearly, also J if e is finite the two spheres 
are distinct, no point image is formed; the 
aberration to which this gives rise is knO"W1l 
as astigmatism. These curvatures may be 
written - (3e + e')!v 3 and (e + e')/v 3 , and should 
be compared with the corresponding ex- 
pressions given in the articles on "Optical 
Calculations," 
 (17), and "Eyepieces," 
 (4). 
(ill.) Coma.-The next two terms 1 in the 
expressions for òy and òz are 
2v 3 òy =(t
8 - V 2 t. 3 2 )(37]2 + r 2 )Y } 
(9) 
2v 3 òz = 2( 
'8 - V 2 V 3 2 )1Jt Y , . 
and these may be written 
ðy =2(1}2 + S-2) + (7]2 - S-2) 
cy 


=r2(2 +cos 20) 
ÒZ 2 2. 
-= 7]f=r sm 20; 
cy 
7] =r cos 0, S=r sin 0, 
.'. (òy - 2cyr 2 )2 + (ÒZ)2 =C 2 y 2 r4. 
Thus the rays from a zone of the stop for 
which r 2 is equal to a constant pass through a 
circle in the image plane, the co-ordinates of 
whose centre are given by 2cyr 2 , 0, and whose 
radius is cyr 2 . 
It "ill be noticed that ÒZ = 0, i. e. the ra vs 
meet the image plane in the a"'\:ial plane Z =.0, 
1 See II Pbotograplúc Lenses," 
 (8) (ii.) (c). 


and 


if 


both when 7] =0 anù "hen r=O. In the first 
case 



 =r 2 =r 2 
cy 
and in the second 

'!! = 37]2 = 
r2. 
cy 
Thus, in the second case the displacement of 
the image from its ideal position is three times 
as great as in the first. 
Again the rays from opposite ends of any 
diameter of the annulus of the stop, i.e. from 
points whose co-ordinates are respectively 
1), f, and - 7], - f, meet the image plane in the 
same point. The complete circle in the image 
plane is formed by rays from half the annulus 
of the stop, thus when the complete annulus 
is considered the image circle is formed t\\ ice 
over. 
(iv.) Sphf!-rical Aberration.-Spherical aberra- 
tion 2 is independent of Y; it exists when Y 
is zero, or the light comes from a point on the 
axis of the system. In the expressions for 
2v s Y' and 2v 3 Z' we have the terms 
- (1'9 - t. 3 3 )7](7]2 + r2) 
- (1'9 - V 3 3 )f(7]2 + S2), 


and 


or, as we may write them J 


ò
 = 
z =V 1 T 2 . . 
These do not vanish with Y, and indicate that 
a ray from an axial point passing through a 
point 1}f of the stop is not brought to a focus 
at the same point as a central ray for which 
X' is 1/1'3' but at a point for which X' has the 
value given by 
1 
-; + !S(1]2 + r 2 ), 
3 


(10) 


where S is a quantity depending on the 
spherical aberration. . 
'Ve find on making this assumption an addi- 
tional term in the expression for 2r3 Y', 


IS(v 2 Y - 1'37])(7]2 + S2), 
and in that for 2v 3 Z', 
- lS
'3r( 7]2 + r 2 ). 
The terms in (1) 2 + r2) then disappear from our 
expressions for òy and ò:: if 
!Sr 3 + (
'9 - V 3 3 ) =0, 
2( t'ø - 1,'3 3 ) 
s= J 
t'3 


i.e. if 


which indicates different focussing planes for 
light from an axial source passing through 
I See Ie Photographic Lenses," 
 (8) (ii.) (b). 
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distinct zones of the slot. The axial dis- 
placement òx of the focus is given by 
òx=Rr 2 , 
where, as before, r is the radius of the zone. 
In applying this analysis of the aberration 
to any actual system it must be borne in mind 
that, in order to obtain a satisfactory corre- 
lation between theory and the appearance of 
the image, the intensity distribution derivable 
from theory must be considered in conjunction 
with the geometrical trace, and, further, that 
the theory must be modified to allow for the 
effects of diffraction whenever very small 
dimensions are in question. The appearances 
due to aberration are modified from those 
derivable from the foregoing theory of small 
a berra tions. 


LENSES, conca ve, the testing of. See 
" Lensps, The Testing of Simple," 
 (3). 
Convex, the testing of. See ibÙl. 
 (I). 
Ophthalmic. See "Ophthalmic Optical 
Apparatus," 
 (8). 
Testing of Camera. See" Camera Lenses, 
Testing of." 
Thin, the theory of. and application of 
results to "close' lenses. See" Optical 
Calculations," 
 (7). 


LENSES, THE TESTING OF SE\iPLE 


THE chief characteristics to be examined in 
the testing of a simple spherical lens are, 
firstly, the focal length, and secondly, the 
centering error, that is to say, any want of 
coincidence of the OI)tical centre with the 
geometrical centre of the lena. In the case 
of a cylindrical lens attention must also be 
paid to the orientation of the axis of the 
cylinder. 
The theory on which the tests are based is 
dealt with elsewhere. 1 
These tests are most easily carried out on an 
optical bench such as is illustrated in Figs. 
1, 2, and 3. A standard at one end of the 


FIG. 1.-0ptkal Bench for testing the Lenses 
in Oculists' Trial Cases. 


bench holds a collimator c (Fig. 1) with illumin- 
ated vertical and horizontal cross-wires at 
1 See" Lenses, Theory of Simple." 


its focus. At the other end, facing towards 
the collimator, is a microscope m which can 
be movpd parallel to itself in a yertical or 
horizontal direction, while at its focus is a 
graticule 
1 (Fig. 2) engraved with vertical 


M 'r 
b=
' 
I 


h _ 
. :-- 


FIG. 2. 


and horizontal cross-lines cutting symmetric- 
ally across a series of concentric circles of 
radii 1, 2, 3 . . . mm. An endless steel tape 
t (Fig. 3), attached to a lens-holder hI' and 
passing over a pulley at each pnd of the bench, 
enables the observer to adjust the holder to 


Tn, 
t!
Þ 
. 
. A 


:;:;I 
- 
S 


'I ':'11111' 


FIG. S.-Travelling Carriage with Rotating Head 
on Trial Case Lens Testing Bench. 


any position along the bench. The portion of 
the holder which grips the lens can be rotated 
about a horizontal axis in line with the axis 
of the collimator. The lens A, which is held 
in position by an adjustable screw s, can thus 
be rotated in its own plane, the amount of 
rotation being indicated on a circular scale. 
A second standard h 2 for holding an auxiliary 
lens can be placed on the bench at any point 
and its position read by means of a pointer 
working over a scale on the bench. 
(i.) Convex Lenses. - The lens under test 
is placed in the holder h] and brought close 
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up to the microscope, the position of '\\ hich 
is adjusted to bring one edge of the lens 
into the field of view. The sere'\\- holding 
the lens. i
 adjusted so that on r3tation the 
edge of the lens remains in a fh..ed position 
relati'le to the microscope cross -lines; the 
geometrical centre of the lens is then on the 
axis of the bench. Next, the holder is racked 
along the bench until the lens focusses the 
collimator cross-wires on the graticule of the 
microscope. If the lens is rotated, any separa- 
tion of the optical centre from the geometrical 
centre will cause a corresponding rotation of 


Lens A 


For biconvex lenses of equal radii and of 
considerable thickness a length 1 2tlfJ- must be 
added to the back focal length to give the true 
focal length, t being the central thickness and 
fJ- the refractive index of the lens: In obtain- 
ing this expression the square of the thickness 
has been omitted. For glass of refractive 
index 3,2 the correction comes to t/3. 
(ii.) Use of A
lxiliary Lens.-This method 
of measuring focal lengths is obviously 
applicable only to positive lenses whose focal 
length does not exceed the ayailable If'ngth 
of the bench; \\ith lenses of longer focus 


: 


M 


the central point of the image in a circle of 
radius equal to the centering error in the lens, 
and by adjusting the mi('ro
cope to make this 
circle of rotation concentric with the circles 
engraved on the graticule, whose radü are 
known, the centering error can be estima ted 
to 0.1 mm. If, as in cases considered later, 
an auxiliary lens is used betweeh the test lens 
and the microscope, the magnification it 
produces must be taken into account when 
estimating the centering error by this method. 
\Vhen the lens A focusses the parallel raJ.s 
from the collimator on to the graticule 
I (Fig. 


FIG. 4. 


and '\\-ith negative If'nses a pûsith e auxiliary 
lens must be used. The arrangement is in- 
dicated in Figs. 5 and 6. An equiconyex 
lens B of suitable focal length is mounted on 
the bench and its position noted when it brings 
parallel rays to a focus at the graticule M 
Fig. 5). If Fl and F 2 represent the foci of 
lens B, F 2 will ill this case coincide with 1\1. 
Let the distance B 2 F 2' determined as de- 
scribed before, be p. The test lens is then 
introduced between lens B and the collimator 
(Figs. 6A, 6B), and the position of each lens 
is read when together they bring the rays 


: 


Lens B 
B1 

 2) 
FIG. 5. 


4), the distance A)l represents the focallengtb 
of the lens, neglecting the thickness of the 
latter. The position of A can be read on the 
tape, and the corresponding reading for 
I 
may be found by taking the tape reading 
when t.he lens is separated from the graticule 
by a small gauge of known length; the 
difference between these readings for A and 
'1 will give the distance of the focus from the 
back surface of the lens, that is, the back 
focal length. If the lens is thin, this "ill not 
differ from the true focal length by more than 
the probable experimental error. All plano- 
convex or plano-concaye lenses should bE:' 
tested with their curyed surface towards the 
microscope, for then the spcond nodal point 
coincide
 with this surface and the focal length 
will be equivalent to tile back focal length. 


to a focus at M. Let thf' distances A.M and 
B 2 l\I be now q and T respectively. The 
formation of the image is shown for a positiye 
lens in Fig. 6A and for a negative lens in Fig. 
6B. In Fig. ÜA parallel rays passing through 
A converge towards 0; 0 may therefore be 
taken as a virtual object the image of which 
is produced by the lens B at M. If B is 
equiconvex and of thicknE:'ss t, af:8uming a 
refractive index of 3j2, its first and second 
nodal points lie within the lens at a distance 1 
t/3 from Bl and B 2 respectively; hence the 
focal length of B is p+ t/3, "hile the dis- 
tances of the object 0 from the first nodal 
point, and of the imago ::\1 from the second 
nodal point, are respectiyely B 2 0 + 2t/3 and 
B2
1 + t /3. 
1 Sce " Lenses, Theory of Simple." 
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the ordinary formula I focal length of the auxiliary lens and depends 
only upon the amount of shift of this lens 
between the two positions, a measurement 
much less susceptible of error. The second 
formula is also independf'nt of the thickness 
of the auxiliary lens; if necessary, the formula 
may be modified to take account of the thick- 
ness of lens A. - 
( t ) ( t ) ( t t ) ( t ) (iü.) Concave Lenses.-A third method is 
P+3 f-q+3 = f-q+ã+ r +3 r+ 3 , applicable for negative lenses only; the 
a.rrangement adopted is indicated in Fig. 8. 
The lens B is placed in any convenient position 
so that lens A may first be adjusted to produce 
in conjunction with B an image of the colli. 
Lens B 


Therefore, using 
feu - v) =uv, we find 
( t ) ( 2' t ) 
P+3 B 2 0+ 3 -B 2 :\I- 3 
= (B 2 0 + i) (B2ThI+
) 


or 


giving 


(f -q+ 
)(P -r) = (r+
) 2. _ 


Lens A 


t; 


A 



 


Lens Lens 
A B 
--- A
B 2 


---- 


- - -- 


--- 


--- 
I 


o 


F; 


Hence the focal length of lens A 
t (r+ä)2 
=!=q-- 3 + . 
p-r 
A similar formula is obtained in the case of a 
negative lens, illustrated by Fig. 6B. 
Another arrangement is sometimes prefer- 
able. In this lens A i" placed between the 
Lens B 


8 1 


auxiliary lens and the microscope (Fig. 7). 
Using the same notation as before, the same 
formula may be applied, this time connecting 
the distances of 0 and 1\1 from the lens A. 
Neglecting the thickness of A, we have 
f{A11- AO) = A:\I . AO 
f= q{P+q -r) = q
 _q. 
r-p r-p 


or 


It will be noted that with both arrangements 
the focal length! is independent of the aotual 


8 1 8 2 


M 


Q 


F 2 


FIG. üA. 


) 


I 
F 2 


M 


FIG 6B. 


I mator cross-wires at l\i, and afterwards may 
be placed at the conjugate point to M with 
respect to the lens B; in Fig. 8, At and A 2 
represent these two positions. The position 
A 2 is determined by dusting a little lycopodium 
powder on to the back surface of A, and 
adjusting A until an image of the powder is 
focussed by lens B at M. The distance moved by 
lens A between the two positions is equivalent 


- -- --- 


-F
 
o 


M 


FIG. 7. 


to the back focal length; the correction to be 
applied to obtain the true focal length is very 
small unless the central thickness of the lens 
is large. 
The accuracy obtainable by these methods 
is not very great, in the case of long focus 
lenses especially, but the limits of error are 
small compared with those which are per- 
missible in a simple lens used for a spectacle 
lens, and it is for lenses of this class that the 
tests are generally used. More accurate 
methods of focal length measurement, which 
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may also be applied to simple lenses, will be 
found under the article "Objecti-ç-es, The' 
Testing of Compound." 
(iv.) Optical Standards Committee.-In 1908 
the Optical btandards Committee of the 
Optical Society laid down certain limits for LEXSES, THEORY OF SI
IPLE 
the error permissible in the manufacture of 
spectacle lenses; 1 these ha--ç-e obtained recog- 
 (1) GAV"SS THEORY OF LE:XSES. - The 
nition generally, and are the limits allowed in simple theory of lenses developed below is 
the testing of trial case lenses at the National due to Gauss. It is assumed that the rays 
Physical Laboratory. of light considered are nowhere inclined at 
As the thickness of a negati-ç-e lens may be more than a small angle to the a-xis of the 
kept small, no matter what the power may lens; that to any point in the object space 
Lens Is 
( {
__-------
----------


s
. 
M 
FIG. 8. 


be, the latter can be found with considera ble 
precision by measurement of the surface 
curvatures, taking a standard -ç-alue of 1.52 
for the refractive index of the glass. In the 
case of positi-ç-e lenses the power is less inde- 
pendent of the thickness, especially "\\itL strong 
lenses; it is the recognised cU'3tom, therefore. 
to make the standard power and thickness 
of a positive lens such that it will exactly 
neutralise a standard negative lens of equal 
power. This method of neutralisation gi-ç-es 
a simple means of checking one lens against 
another, and with experience an accuracy of 
at least 1 D may be obtained. 
According to the rules adopted by the Committee, 
the true power of a negative lens must not differ 
from the nominal value marked on it by more than 
:t 2 per cent, or by more than i: 0.01 D if this is 
greater than 2 per cent. For positive lenses of powers 
less than 10 D the limit9 are the same; for equi- 
convex lenses between 10 D and 12 D inclusive the 
limits of error are + 3 per cent and -1 per cent, and 
for lenses bet" een 13 D and 20 D inclusive the limits 
are +'2! per cent and -I per cent. 
The standard thickness of all negati-çe lenses is I 
mm. at the centre. The standard thickness of a 
positi.e lens of any definite po\\er is the minimum 
thickness possible for a lens of that po\\er with a 
diameter of 3,8 em. (Ii in.) and an edge thickness 
of 0.5 mm., the refracti.e index being 1,50. 2 This 
varies from 4'3 mm. for a. 10 D lens to 7'8 mm. D 
for a 
O D lens. 
The limits of error allowable in the centering of 
a spherical lens are as foHm' s : 
I mm. for lenses between 
u D and I D. 
2 mm. for lenses between 0.87 D and 0'37 D. 
3 mm. for a lens of 0-2:5 D. 
5 mm. for a lens of 0.12 D. 
1 Report of Optical Standards Committee on 
Standardigation of Trial Case9. 1908. 
I An increase of 1 mm. in the thicknE>SB of a lens 
produceR a chanJ;!e of power of - 0'06 D in a lens 
of power 20 D. and -0.02 D in a lens of 10 D. 


The maximum permissible error in the marking 
of the cylindrical axis of a lens is 2 0 ; on 8. 3.8 em. 
(I! in.) lens this is equivalent to a displacement 
of each of the marks by 0.6 mm. Ã. B. D. 


there corresponds a point-image in the image 
space, and that the image of a small line in 
the object space intersecting the axis at right 
angles is itself a small line at right angles to 
the axis in the image space. 
\Ye assume further, in obtaining the for- 
mulae, that light is travelling from left to 
right and that lines drawn in this direction 
are positive; the radius of any spherical 
surface on which the light falls is thus 
positive when the surface is convex to the 
light. 

 (2) LESS FOR:\I"CLAE.-Consider a ray PQ 
(Fig. I) con-ç-erging to a point Q on the axis AO 


Q' Q 


of spherical surface AP; it is refracted at the 
surface and the refracted ray cuts the axis 
at Q", and if AQ=u, AQ'=v', AO=7, and the 
refractive index be "", we have 


"" 1_",,-1 
1f-u---;:-' 


For 


sin OPQ sin OPQ sin POQ' 
p. = sin 0 PQ' - sin PDQ . sin OPQ ' 


OQ PQ' OQ AQ' 
= PQ x OQ ' = AQ x OQ " 


when P is very near to A. 
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I fence 


fJ-U(V' -r)=v'(u-r) 
E_!_ JL-I 
v' u - r 


and 


Consider now the case of light traversing a 
biconvex lens ACB' (Fig. 2); the ray PQ' strikes 
C 


Q1 


Q' 


C' 
the concave surface at P' and is again refracted, 
cutting the axis at Ql. Let A'QI =v 1 ' .the 
radius of the second surface be 8 and the thIck- 
ness AA' be t. 'Ve assume the medium on 
both sides of the lens to be the same. 1 Since 
the surface is concave to the light 8 is negative. 
Also A'Q' = v' - t, and we have, the refractive 
index from glass to air being 1 I fJ-, 
I/JL 1 (l/JL)-I_fJ-- 1 
---=----, 
v v' - t 8 !-(8 


1 JL _J.t-I 
V - v' - t - 8 
On substituting in (2) the value of v' derived 
from (I) and reducing we arrive at an equation 
which may be written either as 
1''ll + ô 
V=-, 
aU + ß 
ô-ßv 
U=-, 
aV - l' 


or 


or 


where 


( I 1 ) (JL-I)2 t 
a = (,u - 1) - + - - -- - 
r 8 r8 fJ- 
( I 1 ) r fJ- - It' 
= (fJ- - I) - + - I I - - - J ' 
r 8 r+8fJ- 
fJ--I t 
ß=I---, 
8 JL 
JL-I t 
1'=1-- -, 
r fJ- 


ô = _!. 
fJ- 
By substituting the values of a, ß, 1', ô, 
found above, we can also prove that 
aô - ß1'= -1. (6) 

 (3) PRINCIPAL FOCI.-If in the above 
formulae we make u= Xi so that the incident 
pencil consists of parallel rays, we find 
v= l' =A'F' (say). 
a 


1 For thf' more complicated rase of a series of 
lenses Sf'\' .. Optical Calculations." 


(I) 


!?' (Fig. 5) is thpn t.he point known as the 
second principal focus. 
'Vhile if we make v = 00 so that the emergent 
pencil is parallel, then 


u= -
=AF (say), 
a 


and F is the first principal focus. 
If Q and Q' are any pair of conjugate points, 
then 


FQ. F'Q' =(AQ - AF)(A'Q' - A'F') 


Q 


=(u+
)(v-
), 


and this, on substituting for 'it and v, leads to 


FQ F'Q' - aô - ß1' = - -.!. ( 7 ) 
. - a 2 a 2. . 



 (4) 1\'IAGNIFICATION CAUSED BY REFRAC- 
TION.-"\Ve can find an expression for the 
magnification caused by refraction thus. 
Consider the rays converging to a small object 
Ql\'I (Fig. 3) at right angles to the axis of a 
single refracting surface AP with its centre at 


(2) 


M 


(3) 


O. An image 1\;J'Q' is formed at Q' and with 
the previous notat.ion 
fJ- I_JL-I 
11- p. ---;:-. 


(4) 


(5) 


An incident ray such as LOl\I, which passes 
through the centre 0 and a.lso through a point 
1\'I of the object, passes on without deviation. 
Thus l\!', the image of 1\1, lies on this ray; it 
will therefore be the point where a line Q'.1\I' 
drawn through Q' at right angles to the axis 
cuts L01\L Thus Q':M' is the image of Q::\I, 
and the magnification 'in l due to the one 
refraction is measured by the ratio of Q'1\I' 
to Q
L Hence 
Q'l\'I' v' - r 
1n 1 =- Q:\] = u -r ' 
But we have already seen, 
 (2), that 
fJ-u(v'-r)=v'(u-r). Thus 


1 v' 
1n 1 =- -. (8) 
fJ- 'it 
Proceeding now to the case of the lens 
(Fig. 4), the image Q')!' formed by the first 
refraction is again magnified 2 at the second 
2 In the figure as drawn thf' image is diminished, 
not maguified; the magnification is less th..'1,n unity. 
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surface, and clearly "e ha ye similarly for this 
magnification Ul 2 the value m 2 =I.æí(v' - t). 
The resultant magnification m is the product 
of the two quantities m 1 and In'}.. For 


Ql 11 t Q':\I' QI ::\1 1 
m= Q)l = Q)r x Q ')I, =m 1 x m 2 . 


Thus 


v' l' V v' 
tn=- X-=-.-. 
'it v' - t 'it v' - t 


On substituting in this the \alue of 1>' found 


169 


axis at one principal point will be formed at 
the other, and will be equal in size to the 
object. 
The first principal focus is, we ha ye seen, 
gi\en by the equation 
AF = - è, 
a 


and the first principal point H by 
AH= I-ß . 
a 


Thus 


1 
HF=AF -AH= --, . 
a 


(12) 


which gives the distance between the first 
principal focus and the first unit or principal 
poin t. 


Again, 


A'F' =2', 
a 


and 


A'H' = )' - I . 
a 


H'F'=A'F'-A'H,=_I, 
a 


from equation (1) and using (3) and (4), we Thus 
obtain 


1 
In=-=,-o.v. 
ß+o.u 

 (5) PRIXCIPAL POIXTS OR POIXTS OF 
eXIT ::\L-\GYIFICATIOx.-If, in the expressions 
for the magnification, we put m equal to unity 
so that the magnification is unity, the image 
and object are of the same size, and we find 


ß+o.u=l, 


or 


l-ß 
U=-, 
a 


and 


)'-o.v=l, 


or 


')'-1 
V=-. 
a 


The two points thus defined are points of 
unit magnification; they are conjugate points 
C 


F 


F' 


C' 
FIG. 5. 


on the axis; we denote them by Hand H' 
respectiyely (Fig. 5). They are known as the 
unit or pI incipal points of the lens, and an 
image of a small object at right angles to the 


(13) 


(9) 


or the distances between the principal foci 
and the corresponding principal points are 
the same. 

 (6) LEXS FOR:\lL"LA WHEX THE DISTAXCES 
ARE .MEASURED FRO)! THE PRIXCIPAL POIXTS. 
-Let 111 t' l be the distances of the object and 
its image from the first and second principal 
points respectively, then 
1-8 
U = U 1 +----;;-, 


(10) 


')'-1 
v=v 1 +
. 


(11) 


On substituting these values in the equation 
)'U + Õ 
v-- 
- aU +ß' 


we obtain 


I 


I 


(14) 


1." 
1 


=0.. 
U t 


If we put v = 00 so that the emergent pencil 
is parallel, we have 


1 
'ill = - 
 ; 


while ü U = 00 so that the incident pencil is 
parallel, we obtain 


1 
VI =
. 


Thus as before 


I 
HF= -- 
a 


and 


H'F'=!. 
a 


The distance H'F' or I/o. measures the focal 
length of the lens. 
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 (7) NODAL POI
Ts.-'Ve can obtain ex- 
pressions for the magnification in terms of 
the distances u 1 and VI from the principal 
points thus, 


1 1 
m---- 
- ß+au - ß+au 1 +(I-ß) 
1 
-1 +au 1 ' 


Or in terms of VI 


( 'Y - 1 ) 
m=')'-a VI +-0:- =1-av 1 . . 


But 


1 1 
a = - --. 
VI U 1 


Thus 


VI 
1 - aV I = - - . 
U 1 


Hence 


m = _ VI . 
u 1 


Thus in Fig. 6 
l\I'Q' H'Q' 
- l\lQ =m= HQ ' 
and the triangles l\IHQ and l\!'H'Q' are 
similar, so that l\IH is parallel to H'l\!' or 
a ray incident through the first principal 


FIG. 6. 


point 
merges, parallel to its original direc- 
tion, through the second. 'Ve have thus 
another property of the unit or principal 
points which are in consequence known as 
nodal points. 
The coincidence of the principal and nodal 
points is a consequence of the assumption 
that the first and third media are the same. 
In general, points having the property of 
nodal points can be found, but they do not 
coincide with the principal points. 

 (8) ApPLICATIONS TO BICONVEX LENSES.- 
The values of the constants a, ß, 'Y, ò in terms 
of the form and refractive index of the lens 
are given in equations (5). 
)Iaking use of these equations we obtain 
the following results for the positions of the 
principal foci and unit points neglecting 
powers of t above the first. 'Ve have 


(15) 


AF= _
= _ rs { 1_ JL-I 
 
 } , 
a (J.t-I)(r+s) JL 'r+s's 
(17) 
A'F,=I= rs f I_ JL -l 
 
) 
a (JL-I)(r+s)l JL'r+s.r)' 
(18) 
(19) 


(16) 


AH= l-ß =
.! . 
a r + s JL' 
A'H' = 'Y - 1 = _ 
 
 . 
a r + s JL' 
while for the focal length H'F' =1, we have 
I=H'F'=! 
a 
=
_ 
 { l+ JL-I 
 l 
JL-l'r+s JL' r+s)' 


(20) 


(21) 


If we put t = 0 in these expressions we 
recover the ordinary formulae for a thin lens. 
'Ve may write the expression for the focal 
length as 


1 rs rs t 
I= JL- I' r+s + (r+s)2 p- 
rs t 
=/1 + (r+s)2 p.' . (22) 
where 11 is the focal length of the lens treated 
as thin. In the case of an equiconvex lens of 
glass for which r=s, JL=3/2 the value of the 
correcting term is t16, while in the same case 
the principal points are within the lens and 
at a distance of tl3 from t.he vertices. If 
one surface, say the second, be flat, then s is 
infinite, the correction to the focal length is 
zero. The value of AH is also zero, so the 
first focal point is on the curved surface of 
the lens, while for A'H' we have the value 
..... tlJL or, taking as before JL =3/2, A'H' = - 2'/3, 
the secondary principal point is within the 
lens at a distance of 213 of the thickness from 
the flat side. 

 (9) BICONCAVE LENSEs.-The above for- 
mulae have been developed for the case of a 
biconvex lens in air. Any other lens can be 
treated similarly, having due regard to the 
signs of rand s. 
Thus for a biconcave lens r is negative and 
s positive; we have therefore to change the 
signs of both rand s in the above formulae, 
and find 
rs { J.t - 1 t r } 
AF= ( - I - )( ) 1+-. -. - , (23) 
JL- r+s JL r+s 8 
A'F' = _ r8 f I + JL - 1 . 
 . 
"', (24) 
(JL - 1)( r + 8) l JL r + 8 r f 


r t 
AH=- -, . 
r +8 JL 
A'H'= - 
 !, 
r+8/J- 


(25) 


(26) 


_ I 78 { I JL - I t '- 
f-- JL - Ir + 8 ---';:- r+8 )' 


(27) 
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 (10) GEXERAL CAsEs.-Cases in which 
more than one lens occurs are dealt with by 
algebraical methods in the article on " Optical 
Calculations," to which the reader is referred. 
The practical application of the formulae to 
find the focal length and other properties of 
lenses is treated of in the articles "Lenses, 
Testing of Simple," and" Objectives, Testing 
of Compound," to which reference should be 
made. :Microscope lenses are dealt with in 
the article" l\Iicroscopf', Optics of the." 

 (11) ABERRATIO
S.-No lens behaves even 
for rays which diverge from a point on its axis 
in exactly the manner described, and' when 
the object point is not on the axis the diver- 
gences from the above theory are more marked 
still. 
The position 1 of the image point correspond- 
ing to a given object point can be expressed 
in terms of the distance of the object from the 
lens, of a series of ascending powers of the angle 
between the axis of the lens and the central ray 
of the pencil which forms the image, and of 
the curvatures, thickness, and refractive index 
of the lens. In the above discussion terms 
invohring the third and higher powers of the 
angle of incidence have been neglected, sym- 
metry ensures that no terms involdng eT"en 
powers of the angle occur. If, however, the 
higher powers be included the theory developed 
needs considerable corrections. 2 These faults 
in the geometrical theory of strict linear 
correspondence between the object and image 
space are known as aberrations. 
If we limit ourselves to third powers of the 
obliquity of the central ray, the aberrations, 
as von Seidel 3 showed, are five in number, viz.: 
(i.) Spherical Aberration.-Rays diverging 
from an object point on the axis, which reach 
the image from different zones of the lens, 
strike the axis at different points; the dist.ance 
between the point of intersection of the paraxial 
ray and that of a ray from any given zone of 
the lens measures the spherical aberration of 
that zone. 
(ü.) Coma.-The magnification produced by 
the different zones of the lens is not a con- 
stant; hence the rays diverging from a point 
not on the axis of the lens are not brought to 
coincidence at one point in the image space; 
the intersection points of the raJ-s from any 
given zone are distributed in a circle. The 
position of the centre and the diameter of this 
circle depends on the obliquity of the central 
ray of the pencil falling on the zone in question; 
hence the intersections of the rays from the 
ob
ect point and a plane through the image 
pomt are distributed over a fan-shaped area 
whose position and dimensions depend on the 
obliquity. This defect is known as Coma. 
I ..;ee "Optical Calculations It. also "Telescope It 


 (1)-(3). ' , 
: 
ee:: Telescope," 
 (3). 
:See Lens S)'stems, .Aberrations of." 


(iii.) Astigmatism.-The rays of an ob1ique 
pencil diyerging from an object point do not 
meet in one point in the image space; they do, 
however, pass through two" focal lines," lying 
approximately at right angles to each other. 
Of these the "primary" focal line is a short 
arc of a circle in a plane perpendicular to the 
axis of the lens, while the "secoI1dary" line 
is more exactly a small figure of eight at right 
angles to the circular arc. The lens is astig- 
matic, and the nearest approach to point 
coincidence is a small circle, the " focal circle," 
lying between the two focal lines, and this 
is in many cases treated as the image of the 
object point. 
(iv.) Curt'ature.-The focal circles corre- 
sponding to a series of object points lying in a. 
plane perpendicular to the axis do not lie in a. 
plane, but form a curved surface, cutting the 
axis at right angles. The image field corre- 
sponding to a plane object field is curved. 
(v.) Distortion.-This is produced when the 
image field is a point-for-point representation 
of the object field, but on a scale which varies 
with the obliquity of the central rays of the 
pencil considered. Thus a straight line in the 
object field at right angles to the axis will be 
represented by a line in the image field, but 
this line" ill no longer be straight. 
The above constitute von Seidel's five 
aberra tions. 

 (12) CHROMATIC ABERRATION.-The posi- 
tion of the image corresponding to a given 
object point depends on the refractive index 
of the material of the lens, and this varies with 
the wave-length of the light used. 
The images therefore formed by light of 
different waT"e-lengths will vary in size, and if 
white light is employed the resulting image 
"ill show coloured fringes. This defect is 
known as chromatic aberration. The various 
defects are fully discussed in the separa te 
articles already mentioned, to "hich reference 
should be made. 
For the general theory, "Optical Calcula- 
tions. " 
For the telescope object glass, "Tele- 
scope. " 
For the microscope, "::\Iicroscope, Optics 
of the." 


LEVELLI
G, ERRORS I
. See" Surveying and 
Surveying Instruments," 
 (35). 
LEVELLIXG AKD LEVELLIXG I:KSTRUMENTS. 
See "Surveying and Surveying Instru- 
ments," 

 (29), (30); for precise le,-els, 

 (31). 
LEVELLI:KG ST AVES. See "Surveying and 
Surveying Instruments," 
 (32). 
LEVELS. See" Spirit Levels." 
LIFE-TEST (OF ELECTRIC LA:\IPs). See" Photo- 
metry and Illumination," 
 (77) et sqq, 
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LIGHT, ABSORPTION OF, IN COLOURED GLASSES, 
examined by R. Zsigmondy. See" Glasses, 
Coloured," 
 (4). 
Tabulated results of R. Zsigmondy. See 
ibid. 
 (4). 


LIGHT, DIFFRACTION OF 
IT is known 1 that the effect at any point of a 
wave of light may be found by calculating the 
effect due to each element of the wave and 
taking the sum. 
Now let the displacement 2 over a small 
area dS at a point Q (Fig. 1) of a wave front 
be given by the expression A sin (2nIÀ)(vt) 


þ 


FIG. 1. 


where t is the time, we proceed to find the 
displacement at a point P where QP is equal 
to r. 
Since the intensity of the light, measured 
by its energy, diminishes as the square of 
the distance from the source and the energy of 
wa ve motion is proportional to the sq uare 
of the amplitude, the amplitude will be 
inversely proportional to r. :l\Ioreover, since 
the disturbance at P has travelled from Q, 
a distance r, with speed v, the time occupied 
has been r/v. Thus the phase of the disturb- 
ance at P at time t will be the same as that 
at R, a time r/v previously. The amplitude 
is also clearly proportional to A, the ampJitude 
at Q. Hence we have for the disturbance at 
}) the expression 
kAdS . 271" 
- SIn - ( vt - r ) 
r ^ ' 


Ie being a constant factor, and the ,,,hole effect 
at P is found by integrating this over the 
wave Rurface through Q. It will depend on 
the limits of this surface. 


In this expression we have neglected the effeot 
of the obliquity of QP to the directions of propagation 
and vibration at Q. 'Ye shall limit the discussion 
to the consideration of smaH areas about Q over 
which these angles do not vary much, and their effects 


1 :O;ce .. Ught, Propagation of," also .. Light, 
Rectilinear Propagation of." 
2 Displarement is u
d as a gpneral term, it may 
represent electric or magnetic force or may stand for 
an artual change of position of an electron, or of a 
particle of the ether. 


may b(" considered constant and included in the 
factor k. 


'Ye assume that the front of the wave is 
parallel to the plane of the aperture. Take 
any point 0 in this plane as origin and two 
lines at right angles in the plane as axes of x 
and y respectively. 
Consider a plane through P parallel to the 
wave front and let a line 00' perpendicular 
to the wave meet this plane in 0', let 00' be 
eq ual to c and let p, q be the distances of P 
from 0' measured parallel to the axes, then the 
co-ordinates of Pare p, q, c, and we have 
r 2 =PQ2=(p _X)2 +(q _ y)2 +c 2 . 


Thus 


f ( p - X ) 2 ( q .- Y ) 2 } 1 
r=c, 1 + - +- 
\. c C 


( 1) - X ) 2 + (q _ y) 2 
=c+! .l c approximately. 


The result obtained by su bstituting this 
value of r in the expression for the disturb- 
ance for certain forms of the aperture can be 
evaluated in terms of integrals known as 
Fresnel's Integrals. 3 
".,. e can, however, simplify the expressions 
by supposing the screen on which the effect 
is produced to be far from the aperture, so 
that p, q, and c are large compared with x 
and y. 
In practice this is realised by placing a 
convex lens behind the aperture and observ- 
ing the effect on a. screen at the principal 
focml of the lens. 'Ve have as the value of r 
IP2 +q2 - 2px - 2qlj +x 2 +y2 
r=c+ 2 , 
c 
and on this assumption we can neglect x 2 + y2 
in comparison with the other quantities. Hence 
IP2 + q2 2px 2qy 
r = c + -2-----c-- - -c - c 


2px 2qy 
=f-----say, 
c c 


where f is written for c + !(p2 + q2)/C. But 
p and q will in all cases be small compared 
with c, thus in the denominators we may 
replace c by f, and we have finally 
r - f - 2 px _ 2qy 
- f f. 
l\Ior('over, dS = dxdy, and the expression for 
the disturbance at P becomes 


k; I f dxdy sin 2 À 71" { vt - f + 2jX + 2.f?/ }' (1) 
where f has been written for r in the 
denominator. 
8 bee Preston's Liyht, 
 161. 
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(i.) Rectangular Aperture.-The expression 
given in (1) applies to an aperture of any 
form; thus for a rectangular aperture of 
sides 2a, 2b parallel to the axes of x and y 
respectively the lilUit
 "ill be - a to + a and 
- b to +b, and we have 
Disturbance 
= kA J .+a J A+b dxdy sin 2 7r ( vt _ f + 2px + 
9J! ) . 
f -a 01 -b A f f 
On integrating this we find for the intensity 
at P, represented by the square of the resultant 
amplitude, the expression 
lû 2 b 2 r fA . 27Tpa' 2 r fA . 27rqb\ 2 
a l 27rpa sin p j l2 7rqb sm p j , 
or, as it may be written, 
Ã2 x ( Si
 8 ) 2 ( Si
 CÞ ) 2, . (2) 
where Ã represents the area of the parallelo- 
gram and 


8 _ 27rpa _ 27r pb 
-p' q;- fA . 
(ü.) A 
Varrow RectawJular Slot.-An im- 
portant case occurs when one side of the 
aperture, say a, is very small in comparison 
"ith the other. 
The angle 8 is then always very small 
and the value of sin O!O is unity. The 
amplitude then varies as sin cþfcþ. This has a 
maximum when cþ is zero, it is then equal to 
unity; it is a minimum-zero-for cþ =7r, 27r . . . 
and a maximum for values between, which 
are given by the equation tan cþ = q;. These, 
it can be shown, are somewhat less than 
the odd multiples of 7r/2 excluding the :first. 
but gradually approach them. The intensities 
of these maxima decrease somewhat rapidly. 
Thus the field consists of a briO'ht band in 
o 
t.he centre flanked on each side by a series 
of dark lines, equally spaced, "ith bright bands 
of rapidly decreasing brightness between; 
the distances between the maxima of the 
bright bands are unequal, but decrease as 

he fustance from the central bright band 
mcreases. 
(iii.) Circular Aperture.-Another case of 
importance when dealing with optical instru- 
ments occurs when the aperture is a circle. 
The diffraction pattern will be a series of 
circles having their centre at the point where 
a normal to the wave front through the centre 
of the aperture meets the screen and the 
distribution of the light mll be the same along 
any radius of these circles. 'Ye can find it for 

he radius through the axis of x for which q 
IS zero, p "ill then be the distance of the 
point from the centre of the diffracted rings. 
Thus we have 
D . t b l'A ff . 27r I P X ) 
IS ur ance=y dxdy sm x
vt- f - f ' 
(3) 


the integrals being taken over a circle of radius 
a. 
Let r, 0 be the polar cos of Q(x, y) relative 
to O. 
Then x =r cos 8, dxdy =rdrdO; the limits 
for rare 0 to a, and for 8, 0 to 27r. 
The disturbance 


_ l.A [ 211" {a d dO . 27r ( t f pr cos 8 ) 
- f trr Sffi- v-- 
wO .0 A f 
kA . 27T I Aa " 211" 27r ( pr cos 8 ) 
=- f sm 
(L.t - f) rdrdO cos - - - 
wO .0 A f 
for the term in the integral involving the 
quantity sin (27r fA) (pr cos O/f) clearly vanishes 
The above eÅpression can be integrated in a 
series, 1 and we find 
IAmplitude of disturbance 
= 7ra 2 ( 1 _! (ñ) 2 + l ( ;l ; ) 2 _! ( ;n; ) 2 + . . . } 
(4 
where 1n is written for the value of 
27ra p 
).. .]' 
The quantity p/! measures the sine of the 
angular radius of a ring as seen from the 
centre of the aperture, or since it is small we 
may take it as the angular radius. The 
series can be shown to be convergent. It 
has a first maximum when m is zero and 
passes through a series of maxima and minima 
as given in the folIo" ing table taken from 
Verdel's Optique Physique: 2 


I:NTE:XSITY OF LIGHT DIFFRACTED BY A. 
CIRCULAR APERTURE 


:Maxirua. )Iinima. 
m/1I". Intensity. m/1I". Intensity. 
0 I 0.610 0 
0.819 0.01 i45 1'1l6 0 
1.333 0.00415 1.619 0 
1.847 0.00165 2 . I:?O 0 
2.361 0.00078 2.6
1 0 


If we call cþ the angular deflection of the 
rings as seen from 0 we have approximately 
m=(27ra/A)cþ: the diameter of the rings is 2cþ, 
thus the diameters of the rings are given by 
the expression (m/7r)(X{a), where m/7r has the 
values given in the table; the width of the 
first dark ring is thus 0'ûl0 A/a. Hence the 
image of a point of light such as a star formed 
by the object glass of a telescope of aperture 
2a is a disc haying an angular breadth meas- 
ured from the centre of the object glass of 
0'ûl0 X/a. This disc is surrounded by a number 
1 See Preston's Light, 
 1Ü3. 
z 
ee also ibid. 
 163. 



174 


LIGHT, DOUBLE REFRACTION OF 


of rings of rapidly decreasing brightness with 
dark spaces between in which there is no light. 
This assumes that the object glass is free 
from aberration, so that the wave from the 
distant point after passing the lens is accurately 
a sphere with the principal focus as centre. 


LIGHT, DOUBLE REFRACTION OF 
IT is to Fresnel that we o\ve the earliest 
complete theory of double refraction applic- 
able to both biaxial and uniaxial crystals, and 
though he based it on the hypothesis of the 
vibration of ether particles, the laws at which 
he arrived follow rigidly as a deduction from 
the electromagnetic theory. 
If a particle in an isotropic elastic medium 
be displaced a short distance, the symmetry 
of the medium requires that the force called 
into play through the elaRticity of the medium 
and which tends to bring the particle back 
to its equilibrium position should be in the 
direction of motion. The same is true if the 
displacement be electric or magnetic; the 
electric or magnetic force of restitution is pro- 
portional to the displacement and acts in that 
direction. It may be written as Kp, if P is 
the displacement and K a constant represent- 
ing the electric-or magnetic-elasticity of the 
medium. 
But in an anisotropic medium which has 
different properties in different directions 
this is no longer true; the force of restitution 
is not, in general, co-linear with the displace- 
ment. 
In a crystal, however, there are three 
directions mutually at right angles along 
which the force of restitution is in the direc- 
tion of displacement; these directions are 
known as the axes of the crystal. Now 
suppose that the forces produced by a dis- 
placement p along each of the axes respect- 
ively are a 2 p, b 2 p, and e 2 p respectively. 
Consider a plane wave travelling through tho 
crystal and construct an ellipsoid having its 
centre on the wave and its axes equal to lja, 
ljb, and lje respectively. This ellipsoid was 
called by Fresnel the Ellipsoid of Elasticity. 
The wave front we are considpring will cut 
the ellipsoid in an ellipse, and the direction 
of the two axes of this ellipse are found, both 
by theory and experiment, to be the only 
possible directions of vibration for light 
travelling in the direction in which the plane 
wave is being propagated. 
In an isotropic medium the disturbance 
which constitutes the light can take place 
in any direction in the plane of the wave; 
in a crystal ili is resolved into two in the 
direction OP, OQ of the two axes of this 
el.lipse. Moreover, it can be shown that thesc 
two disturbances travel with different spceds; 
their velocities are given by IjOP and IjOQ 


respectively. The wave is thus split into two 
plane polarised waves, each travelling ",ith 
the speed appropriate to its direction of 
vibration, and these velocities are, in each 
case, inversely proportional to the radius 
vector of Fresnel's ellipsoid drawn in the 
direction of vibration. :l\Ioreover, the possible 
directions of vibration for any plane wave 
are the axes of the section of Fresnel's ellipsoid 
by the wave. Thus a knowledge of Fresnel's 
ellipsoid enables us to calculate the velocity 
of wave propagation in all directions in the 
crystal. It is shown in treatises on electricity 
that, on the electromagnetic theory of light, 
the quantities a 2 , b 2 , c 2 are the three principal 
coefficients of inductive capacity of the medium, 
denoted usually by K 1 , K 2 , K3' Again, it 
is known 1 how to determine the wave surface 
in any medium, crystalline or isotropic, when 
the velocity of wave propagation is known for 
all directions. 
To describe the wave surface corresponding 
to an interval of time t we draw all possible 
wave fronts in the positions they would occupy 
at the instant t and describe the envelope of 
the series of planes thus obtained. 
'Vhen this is done for a crystal in which 
the wave velocities are determined, as de- 
scribed above, a surface of somewhat com- 
plicated form is the result. The surface, known 
as Fresnel's wave surface, has two sheets, and 
its sections by the three principal planes of the 
crystal are III each case a circle and an ellipse. 
Assuming that a, b, c are in descending order 


z , 
A 


x 


FIG. 1. 


of magnitude, the sections will be as shown in 
Fig. 1. 
In this figure Ox, Oy, Oz are the three 
crystallographic axes. Along them distances 
OA, OB, etc., are taken, such that 


OA=OA'=a: OB=OB'=b; OC=OC'=e. 


AA', BB', and CC' are joined by circles of 
radii a, b, c respectively, while ellipses of 
semi axes band c, c and a, and a and b respect- 
ively join BC', CA', and AB'. 
The circle BB' cuts the ellipse CA' in P, 


1 See article" Light, Propagation of." 
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and RQ is a common tangent to both circle 
and ellipse. 
If we imagine the curve A' A to be turned 
about Oz so that A always lies on the ellipse 
AB', the shape of the curve altering according 
to the law given by Fresnel until, ultimately, 
it coincides "ith A'PB', it will trace out one 
octant of the outer sheet of Fresnel's wave 
surface. 
Similarly, if BC' rotates about the same axis, 
C' remaining on the circle C'C, while the shape 
alters as required by Fresnel's laws until the 
curve coincides "ith BPC, it traces out the 
inner sheet of the wave surface. 
Careful experiment 1 has verified to a high 
degree of accuracy the fact that this surface 
does represent the form of the wave in a 
biaxial crystal. 
The quantities a, b, c measure respectively 
the velocities of waves in which the vibrations 
are parallel to the three axes respectively; 
thus the refractive indices corresponding to 
these waves are l/a, lib, and lie. If the 
mean refractive index lib differs less from 
the minimum lja than the maximum lie 
differs from the mean, i.e. if lib -l/a is less 
than lie -lib, the crystal is said to be positive; 
if, on the other hand, lib -l/a is greater than 
lie - lib, the crystal is negative. 
According to the construction already ex- 
plained, in order to find the position of the 
wave front which, after a time t, corresponds 
to a given wave front XY, we describe the 
wave surface for time t, taking any point in 
XY as centre, and draw a tangent plane 
parallel to XY. 
It is clear from the shape of the surface 
that two such planes can, in general, be 
drawn, one touching each sheet; thus a given 
wave travelling through the crystal "ill break 
up into two; each of these "ill, as has already 
been pointed out, be polarised. The lines 
joining the centre of the surface to the points 
of contact of these two tangent planes are 
the rays corresponding to the two wave 
fronts. 
But it is clear also, from the figure, that in 
the plane perpendicular to the mean axis in 
which the circle of radius b intersects the 
ellipse semiaxes a and b in the point P, there 
is a common tangent RQ to the ellipse and 
circle, and a plane through RQ at right angles 
to the plane xOz touches both the ellipse 
and circle. In the direction of the normal to 
this plane there "ill be only a single wave. 
The line OQ, which is at right angles to this 
wave, is known as an optic axis of the crystal. 
There "ill be a similar axis lying also in the 
plane zOx, but on the opposite side of Oz. 
Thus the crystal has two optic axes; light 
waves travelling along these are not doubly 
1. Glazebrook, .. Plane "Taves in a Biaxial Crystal," 
Phil. Trans., 18i8, p. 28i. 


refracted. \Ye can put this from another point 
of vie\\, thus: The wave velocities are deter- 
mined by the two axes of the elliptic section in 
which Fresnel's ellipsoid is cut by the plane 
of the wave. But an ellipsoid has two sections 
,yhich are circular. If then the wa.ve coincides 
with either of these, the two velocities of 
propagation become equal, each being equal 
to b, for this quantity can be proved to be 
the reciprocal of the radius of the circular 
section. Thus the two waves which, in 
general, are found, in this case coalesce and 
travel through the crystal with velocity b. 
The normals to these two sections are the two 
optic axes. 
The optic axes lie in the plane containing 
the axes of greatest and least velocity. These 
axes bisect the angles between the optic axes, 
and are known as the acute bisectrix and the 
obtuse bisectrix of the angle between the 
optic axes. 
A special significance attaches to the line 
OP joining 0 to P, the point of intersection 
of the circular and elliptic section of the wave 
surface. It is clear from the figure that two 
tangents can be drawn to the surface, touching 
it at the same point P; one of these touches 
the circle, the other the ellipse. The full 
investigation shows that, in reality, the surface 
has a tangent cone at P, and any plane touch- 
ing this cone is also tangent to the surface. 
Now the ray corresponding to any wave 
plane is the line joining the centre to the 
point in which the plane touches the surface. 
All the planes, then, which touch the surface 
at P have the same ray and the same ray 
velocity. Thus the line OP is known as the 
axis of single ray velocity. 
"T e arrive at the case of a uniaxial crystal 
by supposing two of the principal velocities 
to become equal; suppose, for example, that 
a::::::;b; then Fresnel's ellipsoid becomes a 
spheroid, \\ith axes Ija and lie, generated by 
the revolution of an ellipse about the axis 
Oz. The optic axes close up to this line. 
The section of this spheroid by any plane 
through its centre, other than the plane of 
xOy, is an ellipse, but one axis of each of these 
ellipses is equal to lla; thus one wave of the 
two into which an incident wave is divided 
travels with constant velocity a and is refracted 
according to the ordinary law; the other 
suffers extraordinary refraction. 
The wave surface becomes a sphere and a 
spheroid, the points A'B' of Fig. I coincide, 
while the ellipse AB becomes a circle of radius 
a. The points Q, P, and R all coincide "ith 
A' and B'. Thus Huyghens' construction, 
described earlier, follows as a deduction from 
Fresnel's more general theory. This also has 
been verified by experiment. 2 
2 Glazebrook, "Double Refraction and Dispersion 
in Iceland Spar," Phil. Trails., Part II., 18i9, p. 421. 
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 (1) IKTRODUCTION.-Light filters are used 
in many branches of physical work to modify 
the intensity or colour of the light passing 
through them. Either liquid filters in the 
form of solutions, or solid filters consisting 
of coloured glasses or stained films are com':. 
monly employed, though in some special cases 
gases have been used as filters. 1 
Liquid filters consist of solutions of coloured 
salts or dyes held in glass troughs with parallel 
sides, while coloured glasses and stained films 
of gelatine or collodion are used in a great 
variety of forms. The use of solutions has 
the advantage that they are very readily 
prepared and that, if they consist of inorganic 
salts, they are easily definable, so that standard 
filters can be prepared from a pu bUshed 
description. To a lesser extent the same is 
true of dye solutions, but since dyt"s vary 
considerably in their purity, it is more difficult 
to state formulae for liquid dye filters in a 
form which can easily be duplicated, and 

olutions of dyes are often unstable, the dyes 
changing or precipitating. Such liquid filters 
are therefore often the cause of unsuspected 
errors. 
If coloured glasses could be obtained in a 
great variety of absorptions, and could be 
reproduced exactly, they would undoubtedly 
be the most convenient for filters of all kinds. 
They are usually very stable to light, extremely 
convenient in use, not easily being damaged, 
and are cheap to produce, since it is only 
necessary to grind the two surfaces of the 
optical glass to optical planeness and to make 
the filter of a definite thickness. Unfortu- 
nately, it seems to be very difficult for glass 
makers to reproduce the colour of different 
meltings \"ith any approach to exactness, and 
the number of coloured glasses available is 
quite limited, so that it is not possible to 
obtain in glass filters an approach to the range 
of colour which is available by the use of dyes. 
The earlier stained filters were made by the 
use of collodion in which basic dyes were 
incorporated, but the difficulty of coating 
collodion accurately upon glass, as also the 
unsatisfactory nature of most of the basic 
dyes, has led to the almost complete replace- 
ment of collodion by gelatine as a vehicle for 
the acid dyes which are now used for the 
preparation of light filters. :l\Iodem gelatine 
light filters are therefore prepared by coating 
gelatine containing the necessary dyes upon 
plate glass, the coating being done by means of 
one of the coating machines commonly used 
for the preparation of photographic plates. 
The gelatine film, after drying, is stripped off 
the glass and can be used as a gelatine film 


1 Thus bromine gas has been used as a filter for 
the ultra-violet by R. W. 'Yood and Plotnikoff. 


filter or can be cemented between optical 
glasses of any required quality by means of 
Canada balsam. 
On a small scale, filters are generally made 
by coating the glass to be ccmented "ith the 
dyed gelatine and then cementing a cover- 
glass directly on to the dry gelatine film. 
This method is not advantageous on the large 
scale, since the coating of the large glas"es 
is tedious and expensive; the coating is likely 
to vary in thickness from the centre to the 
edge owing to surface tension, and there is 
always danger that the drying gelatine in 
contracting will bend the glass, thus inter- 
fering with its optical properties. This latter 
difficulty can be mitigated to some extent 
by the addition of glycerine to the gelatine 
solution when coating the glass. 
The colour of a filter is of course conditioned 
by its selective spectral absorption; thus a 
red filter absorbs the blue and green regions 
of the spectrum, a blue filtpr the red, yellow 
the blue, and a grt"en both the red and the 
blue regions. This :::!elective absorption is 
best expressed by means of the absorption 
curve of the filter, which can be measured by 
means of a spectrophotometer. The filter is 
placed in front of the instrument, and the 
light passing through the filter and also 
passing into the instrument without going 
through the filter i
 analysed in the spectro
 
scope. A narrow region of the spectrum is 
isolated, and the absorption of the filter for 
each region of the spectrum in turn is measured 
photometrically. Then, if I be the intensity 
of the light passing through the filter, and 10 
that which has not undergone absorption, the 
transparency of the filter will be 1/10' and this 
is usually expressed as a percentage if the 
t.ransmission is required. From Lambert's 
law, however, I =I o e- kd . 2 This is more con- 
veniently written using 10 as the logarithmic 
base, and for a light filter in which the thickness 
is constant it becomes 


1=1 0 10- E, 
where E is the absorption constant of t.he 
filter, and consequently 
I 
E = - log [. 
o 
As a result of the Fechner law, absorption 
curves of filters expressed by plottil1g E 
against À correspond more accurately to the 
appearance of the transmission as seen by the 
eye than those obtained by plotting the 
transparency, and these curves are used 
throughout the literature dealing with light 
filters. 


2 It seems to be customary to rpfer to t his as 
"Lambert's law," but the criginator cf it, was 
TIouguer (see his Essni d'optique, lï29), and the law 
of the absorption of light should certainly be called 
" Bouguer's law." 
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Following Potapenko,l light filters are 
classified preferably according to their absorp- 
tion 8pectru'11 and not according to the purpose 
for which they are to be used, since if this 
la tter course is taken the same filter will be 
classified in many different ways; thus the 
red filter suitable for three-colour photography 
i.s also used as a contrast filter in commercial 
photography, as a photomicrographic filter, and 
in spectroscopy, while there are undoubtedly 
many other uses to which it can be put. 
Classifying filter
, therefùre-, according to their 
spe-ctral absorption, we may divide them into: 
(i.) Selective filters, '" hich transmit only a 
selected region of the spectrum, more or less 
narrow. 
(ii.) Compensating filters, which have a mOl'e 
gradual absorption, and which transmit in 
.t% s 
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greater or less intensity practically the whole 
spectrum. 
(iii.) Subtractive filters, which remove only 
a :-:mall portion of the spectrum, transmitting 
the remainder, so that for every selective 
filter we can theoretically have a corresponcüng 
subtractive filter. 
The selective and subtractive filters ,"ill 
therefore have a comparatively sharp absorp- 
tion curve, while compensating filters will 
generally be gradual in their absorption. 
)Ionochromatic filters (which is the title used 
by Potapenko for the filters here called 
selective) are those which transmit only a 
narrow re-gion of the spectrum, so narrow that 
the term monochromatic is not entirely in- 
appropriate, though it must be understood 
that no filter can be strictly monochromatic 
in the true sense of the' word unless used "ith 
a linear PJllis:
ion spectrum. An exalnple of a 


I n. Y. Pot;l})('nko, Journal Russian Physical and 
('hemirrt! Snclet.l/, 1916. xlviii. ïÐO; Engli!'h tran!'b- 
tion, Rriti,<;h Journal of Photography, If)
l, Jxviii. jOï. 
This is bv far the fullest and best article published 
on light filters. 
VOL. IV 


selective filter is shown in Fig. 1, which is the 
absorption spectrum uf a typical green filter 
used in three-colour photography. Fig 2 
shows a narrow banded monochromatic filter; 
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Fig. 3 a compensating fiJter. used fur com- 
pensating the spectrum of a vacuum tungsten 
lamp to balance daylight; and Fig. 4 is the 
subtractive filter which is complementary to 
the green filter shown in Fig. l. 

 (2) ApPLICATIO
 OF LIGHT Frr.TERS - 
PHOTOGRAPRy.-Filters used in photography 
may be classified according to their use under 
the heads uf : 
(i.) Orthochromatic filters, used to correct the 
selective sensitiveness of photographic materials 
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in order to gi,-e a reproduction of the bright- 
ness of coloured objeds more- closely 3''pproxi- 
mating that perceived by the eye. 
(ii.) Contrast filters, used selC'ctively to modify 
the brightne:-òs of some special colour or group 
of colours 
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(iii.) Selective jilters, for two- or thrE'e-colour 
photography, with their corresponding synthetic 
projection filters if the processes uf colour 
photography used are of the additive type. 
(iv.) Compensating filters, used to adjust the 
light entering a photographic system in order 
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to fulfil some particular condition reg uired in 
colour photography. 
(i.) Orfhochronwtic Filters. - Since photo- 
graphic plates are more strongly sensitive to 
blue light than to any other spectral region, 
and since the maximum of the visual sensitive- 
ness is in the yellow - green, 
and the blue and blue - violet 
are com parat.ively dark 
colours to the eye, ortho- 
chromatic filters are yellow 
in colour and absorb the 
ultra-violet, violet, and to a 
lesser extent the blue. The 
orthochromatic filters used in 
photography often do not 
perform their task completely, 
since the remoya.l of the 
light uf short wave-lengths 
naturally incrE'aR("s the ex- 
posure, and it is often 
impossible to give sufficient 
exposure to use the filter re-' 
quired for complete correc- 
tion. I t is very common, 
therefore, in photography to compromise by 
using a filter which removes most of the 
violet and ultra-violet but does not fully 
currect the uneven sensitiveness of the plate. 
The earlier orthochromatic filters used hy 
photographers were mad(" of glass which was 
coloured by carbon in the pot, and whi('h 
was brown rather than YE'llow, transmitting 
a large amonnt of ultra-violet light; and 
('ven when dye filters were uscd, dyes which 
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transmitted a large amount of ultra-violet 
light were often employed through lack of 
:"'ufliciently rigorous spectroscopic examination. 
The number of dyes suitable for the prepara- 
tion of orthochromatic filters is very limited. 
Of thuse giving a sharp absorption in the 
violet, with a complete absorption of the ultra- 
violet, picric acid and the pi('rates are the 
most satisfact.ory, but unfortunately they are 
very unstable and can scarcely be used in 
practice. Until 1906 the hest dye avaih1ble 
was Tartrazine, but this has a very consi(ler- 
a ble transmission in the uJtra- violet and was 
replaced for filter-making in that year by a 
dye manufactured by the H oechst. Dye \V orks 
under the name of " Filter Y pllow." During 
the war, a dye having almost as great stability 
as :Filter Y f:'llow with a considerably sharper 
absorption was prepared from phenyl gluco- 
sazone and was used for light filters, especia lly 
for aerial photography, under the title uf 
" Eastman Yellow" (Fig. 5). 
In order to enable landscapes to be taken 
in which the ('louds are ,veIl rendered without 
unduly increasing the exposure, graded filters 
have been employed, these being placed in 
front of the lens in such a way that thp 
strungly absorbing region of the filter corre- 
sponds to the sky and the weaker absorption 
to the foreground. }....ilters are sometimes made 
having the upper half coloured and the lo\\er 
part clear, which seem to be as satisfactory in 
practice as the graded filtE'rs, provided they 
are not used too far from the lens. A complete 
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dis('ussion of the USE' uf gradpd filters will be 
found in a paper by .T. \V ("issmann. 1 
(ii.) Contrast Filters.- The preparation of 
contrast fiUers is in many ways easier than 
that of orthochromatic filters, since many dyes 
are available for the preparation of red or 
green filters. The g r("a test diffi('ulty arises 
when it is ne('essary to remove the extr("me 
red from a green or blu(" filter. Only one blue 
1 Phofographische Rum/schau, HH3, p. J82. 
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dye and three green dy-es are known which 
h
ve not a sharp transmission band at the 
red end of the VIsible spectrum. These are 
Toluidine Blue, which has no transmission 
band in the red of shorter wave-length than 
730 p,p,; Anthraquinone Green, which is the 
green dye corresponding to Toluidine Blue; 
.Filter Blue-Green, of which the composition 
is unknown, but \\ hich extends in aLsorption to 
at least 800 p,p. and at the same time has greater 
transmission in the green than Anthraquinone 
Green; and Xaphthol Green
 which absorbs I 
at least as strongly as Filter Blue-Gree
, but 
which unfortunately has a great deal of ge.neral 
absorption, especially in the hlue-green and 
blue regions of the spectrum, so that it is 
impossible to use it in blue filters, and it 
greatly lessens the transmission of green 
filters. Since the first three of these dyes 
have only been introduced in the last twelve 
years, the older blue and green light filters all 
show a very considerable transmission of rcel 
light. ..Attempts h3,\e been made to diminish 
this bv the use of 
Iethylene Blue, but un. 
fortun
tely this dye is un
table and is rapidly 
destroyed by heat, so that it is not at all 
suitable for use in light filters. 
A set of contrast filters which will satisfy 
almost all photographic requirements wiU 
include a strong yellow filter cutting at about 
500 p,p,; an orange-filter cutting at 370 p,p,; a 
red cutting at 390 p,p,; and a deep red cutting 
at 610 p,}.L, in addition to the orthochromatic 
filters and to green and blue filters which can 
conveniently be those used also for tricolour 
photography. 
(iü.) Selective filter.fl used in colour photo- 
graphy will include for ordinary work a set 
of red, green, and blue filters so adjusted that 
they just overlap and that they give approxi- 
mately even exposures ,,;hen used with 
daylight upon the most highiy sensitive 
panchromatic plates a vaila ble. For colour 
cinematography a somewhat lighter set of 
filters may be used, though it is not possible 
to lighten the red filter very much, a filter 
cutting at 575 J.tp. bein
 the lightest filter 
that can be used to give at all satisfactory 
rendering. 
For two-colour photography as deep a red 
filter is required as for three-colour work. 
The exact shade of the two-colour green filter 
has been a matter of some discussion and a 
good deal of experiment. ::\10st workers use 
the tricolour green, though a somewhat bluer 
gree-n has often been advocated. The dis- 
advantage of too blue a green is that foliage 
and grass tend tc be reproduced as brown, 
and for taking filters for two-colour work the 
tricolour red and green filters "ould seem on 
the whole to he th
 most suitable. 
In thp additive projection processes the 
filters mu')t be adjusted to the light source 


used so that the screen is "hite. For most 
work the same red and green filters that are 
used for taking "ill be satisfactory for tri- 
colour projection, a lighter blue being used 
according to the colour of the illuminant 
employed. For t" o-colour projection filters 
a much bluer green than that used for taking 
is naturally required, and the filter should be 
rather a blue-green than a green. 
(iv.) Compensating filters are of spedal im- 
portance in connection with the screen plate 
processes of colour photography. In these 
processes the three-colour unit filters of the 
screen must be adjusted in area and colour so 
that the screen itself is neutral when looked 
at by a "hite light, "hilp the emulsion sensitive. 
ness, the colour of the screen units, and the 
compensating filter must be so adjusted that 
greys are reproduced as greys in the finÜ,hed 
picture. Kormally, the emulsion bas pre- 
dominating blue sensiti\eness, and the 
compensating filter must therefore be yellow, 
though not infrequently a brownish or pinkish 
filter is required. Such compensating filters 
are usually adjusted by trial and error. 

 (3) PHOTO:\IETRY.-\Yhen comparing light 
sources of different colours upon the photo- 
meter the colour difference introduces difficulty 
in making an accurate balance. This difficulty 
can be mU(
h lessened by the use of a colour 
:filter adjusted to equalise the colour in the 
two fields of the photometer, the transmission 
of the filter being first determined by a set 
of observations. Such photometric filters will 
be of two types: yello" ish filters for reducing 
high efficiency lamps to the colour correspond- 
ing to lower efficiencies, and bluish filters for 
the inverse process. The absorptions of Ruch 
filters must naturally be gradual. and they 
should not display any yery marked spectral 
bands or rapid changes in their spectral curve. 

 (4) MICROSCOPy.-For photomicrography 
filters are employed especially in the photo- 
graphy of stained sections or other objects dis- 
playing strong colour. Thus, if any colour is 
to be rendered as dark as possible
 it must 
be viewed or photographed by light "hich is 
absorbed bv the colour, that is, bv li
ht of the 
wave-Iength
 contained within its a:-br-:orption 
hand. On the other hand, when a subject 
is of a uniform colour, in order to render detail 
it must be examined by the light which it 
transmits; thus, if the usual insect prepara- 
tions, which are strongly yeUow. are photo- 
graphed by blue light as on an ordinary plate, 
a black detailless mass is sho" n in contra
t 
to the background, while the use of a strong 
yellow or red :filter will enable the whole of 
1:,he detail of the structure to he photographed. 
Filte-rs for microscopy 
re arranged so that 
they can hc used in pairs, the spectrum hein
 
thu
 di,-ided into monochromatic portions. 
.By the c1l..amination of any specimen through 
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these filters singly and in pairs the best 
choice of the filters for use can be made. 
Light filters are also valuable for visual use 
with the microscope. Thus, blue and green 
filters are convenient for modification of the 
intensity of the light and for the restriction 
of the spectral region used in visual work. 
A deep blue filter is especially useful where 
the highest resolving power visually possible 
is req uired, as in the visual examination of 
diatom structures. YelJow, orange, and red 
contrast filters are convenient in the observa- 
tion of detail in insect mounts or as contrast 
filters for stained preparations. 

 (5) SPECTROSCOPY, PHOTO-CHE:\HSTRY, ETC. 
-Light filters are often used in spectroscopy 
for the elimination of portions of the spectrum, 
such as the absorption of other orders when 
using a grating spectroscope. They are also 
of particular service in spectro-photometry 
for the elimination of scattered light. "'Then 
using an absorption spectro-photometer for 
the measurement, for instance, of a solution 
of bichromate, suppose that the slit is set 
just inside the absorption band; then, one 
of the spectra is darkened throughout its 
length by the equalising apparatus, while in 
the other spectrum the red, orange, and yellow 
are entirely undarkened. The light from 
these regions of the spectrum will be scattered 
throughout the field and will change the 
apparent colour of the green or blue light 
transmitted by the solution at the edge of the 
absorption band. Satisfactory results in the 
use of the instrument can be obtained by 
the employment of filters which will absorb 
the whole of the red and yellow light, trans- 
mitting only the region in which measurements 
are required. 
:l\Ionochromatic filters are often of use in 
spectroscopy and in general physical work, 
but unfortunately it is not possible as a general 
rule to get monochromatic filters of great 
efficiency. The transmission of most mono- 
chromatic filters iH only 10 per cent or less 
if the filters are really narrow, and this loss 
of light seriously limits their application. 
There is one monochromatic filter, however, 
which is very efficient. This is the filter 
resulting from the employment of didymium 
salts, which have an extremely sharp absorp- 
tion band hetween 530 p.p. and 580 p.p., thus 
cutting out very cleanly the mercury yellow 
lines. By the combination of this filter with 
a strong yellow filter, the green line of the 
mercury lamp can be obtained in high intensity 
and almost entirely free from other radiation, 
thus supplying the strongest monochromatic 
source of light known. This is of particular 
advantage in work with the interferometer. 

 (6) OPTICAL PROPERTIE
. - The optical 
effects produced by the use of colour filters 
in front of lenses may be divided into 


two classes: the first includes those resulting 
from the use of a theoretically perfect 
filter; the second, those which result from 
imperfections in the filters, that is, from 
departures from conditions of plane parallelism 
in the faces and of equality in thickness 
between thf' filters of a set. Computation 
shows that the effects resulting from the use 
of perfect filters are too small to be of any 
practical importance, the effect both on 
spherical aberration and on curvature of 
field being well within the limit of tolerance, 
while the effect of the dispersion on the 
difference in image size between different 
colour filters of a set is also negligiLle. The 
effects upon the definition and size of image 
introduced by the use of filters which are 
imperfect are very much more complicated 
than those which result from the use of perfect 
filters. Since the errors of surface may be 
of any type, the investigation of the effects 
produced can only be performed experiment- 
ally. The most convenient testing apparatus 
consists of a telescope objective of about 
four feet focal length on which the filter is 
placed, the image of a test object being 
examined by means of an eyepiece. 1 
C. E. K. 1\1. 


LIGHT, INTERFERENCE OF 

 (1) INTRODUCTIO
. - The problem of the 
interference of light and its historical develop- 
ment are closely bound up with the question 
of the nature of light. Two theories of light 
have held sway at different periods in the 
history of optical science, namely, the wave 
theory and the corpuscular or emission theory. 
According to the former, which was first 
definitely propounded by Huygens in 1678, 
light is a wave motion propag:ìted in a con- 
tinuous hypothetical medium called the ether, 
which is supposed to pervade all space. 
Although Huygpns regarded the waves as 
longitudinal, he was able to explain a number 
of phenomena, such as reflection and refrac- 
tion, but he could not account for the recti- 
linear propagation of light. For this reason 
the theory was not accepted by Newton, who 
elaborated the corpuscular or emission theory, 
according to which luminous bodies emit 
material corpuscles which travel along straight 
paths, the sensation of vision being produced 
by the mechanical impact of thes p corpuscles 
on the retina. This theory lÐads to the 
correct law of refraction, but it also leads to 
thE:' result that the velocity of light should 
be greater in a dense medium than in a less 
dense one. The opposite result follows from 
the wave thE:'ory a
d has been experimefltally 
proved to be correct; this forms a crucial 
1 Cpo C. E. K.l\Ices, British Joumal of Photogra}1}IY, 
HH7, p. 462. 
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te::;t of the t" 0 theories. The fact that the 
emi:5::;ion theory was not finally overthrown 
until the begiruùng of the nineteenth century, 
when interference was explained on the 
basis of the wave theory, is largely due to 
its being held by such a great authority as 
X e\\ ton. 

 (2) )Iá.THEMATICAL ASALYSIs.-The inter- 
ference of light may, according to the wave 
theory, be expressed in mathematical form 
as folio" s. 


The general differential equations of wave motion 
in a homogeneous medium are given by 
ê2
 = F2 ( ê2
 ê2
 Ô2
 ) 
';\ ') , ,.., 2 +,.., 9+'" 9 
ct.. ex eY M eZ M 


and similar equations in 7] and r, where t is the time, 
(x, y, z) are rectangular co-ordinates, V is the 
velocity of propagation of the wave motion, and 
(
. 7], r) are, according to the elastic "a-ve theory, 
the components of the displacement of an ether 
particle from its posItion of rest or, according to 
the electromagnetic theory, the components of the 
electric or magnetic field strengths. 
'Yhen the disturbance travels in the direction of 
the x axis this reduces to 


-"t -",,- 
C-" _Y2 C-
 
êt2. - êx2' 


Confining our attention to the case of a 
wa ve propagated along the direction of the 
x axis and writing À for VT, we find that the 
di::;turbance in the "ave may be represented by 
the eq ua tion 
27r ( X ) ( t X ) 

 = A cos --;:- t - V = A cos 27r ;: - X . 


This represents a wave, for at a gi\-en point 
-for "hich x is constant-the motion repeats 
itself at time') t, t+ T, t+ 2T, etc., and at a gi"V"en 
time-for "hich t is constant-it repeats 
itself at the points X, X+ À, X+ 2\., etc., or 
X, x+ YT, x+ 2YT, etc. Thus it can be repre- 
sented by a cosine curve, repeating itself at 
lengths À, 2\., . . . which moves forward "ith 
speed Y. 
.\ is the amplitude, T the period of 
vibration, and ^ the wave-length of the 
vibratory motion of the ether particle. The 
intensity of such a light wa"V"e is proportional 
to A 2, for it is proportional to the kinetic 
energy of the vibrating ether particle, and 
this in turn varies as the square of the velocity 
of \ibration; the velocity is given by the 
equation 
ê
 27r . ( X ) 
2j= -.1-;- sm t- v ' 
and the averagf' value of its square is pro- 
portional to A 2 . 
".. e may now consider the effect of h\ 0 
Ii
ht wav;s of the 
<lme period propagated in 
a homogeneous medium, the vibrations bcing 


supposed parallel. They may be represented 
by 



I = Al cos 27r (
 - 
) 


and 
2= A 2 cos 27r(
- x
 ð) , 
where AI' A 2 are the amplitudes of the two 
motions, and 27rôþ.. is the phase difference, 
that is, the crests of the one wave are always 
I a distance ô ahead of those of the other. 
Xow, according to the principle of the super- 
position of wave motion. the resultant motion 
of a particle simultaneously subjected to a 
number of different displacements is obtained 
by summing up the components of these 
displacements. Thus in the case of the t" 0 
gi"V"en light waves the resultant displacement 
is given by 

=
I +
2= (AI +A 2 cos 27r
) cos 
7r(
-
) 
+A 2 sin 21r
 sin 27r(
-
). 



 ow let 


and 


Ö ..l 
Al + A 2 cos 27r
 = A cos 27rJ;: 
A . 2 ð_\.
..l 
2 sm 7rX-
""1. sm _ 7r -X' 


Then 


( t X+..l ) 

=A cos 27r ;- 
 ' 


\\ here 


\2_-\ 2 +A 2 + 9\ -\ 9 Ö 
.""1. -.""1.1 2 --""1.1
""1.2 cos aoJ7r\.. 
The resultant motion is thus gi\yen by a wave 
which has the same period as the original 
wave, but a different amplitude, and is in 
a different phase. If the original phase 
difference 27r(ö/^)=2n7r, that is, if ö=2n(À/2), 
where n is a positi\"e integer, A has its 
ma::\..imum value, Al + ..\2' On the other hand, 
if 27r(ö/^) =(2n+ 1)7r, that is, if ö=(2n+ 1)(^f2), 
A has its minimum value, Al - A 2 . If ð is 
an odd number of quarter wave-lengths, 

2= A 2 sin 27r(
 - 
), 
and A2=A12+ Az2, that i:;, the total intensity 
is equal to the sum of the intensities of the 
two "aves. If Al =.-\2 the total intensity is 
four times that of each wave "hen ö=2n(\/2), 
and is zero, that is. the waves interlere, "hen 
ö=(2n+ 1)(Àj2). This does not mean that 
any energy is destroyed; what happens is 
that the distribution of the energy is modified. 
The treatment may be extended to the case 
of any number of waves, but the brief sketch 
just given serves to illutitrate the method 
whereby the phenomenon of interference may 
be e::\..plained by means of the wave theory 
of light. 
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 (3) YOUNG'S EXPERIMENT. - True inter- 
ference of light was first observed by Young; 
the experimental arrangement he employed 
was described in his lectures which were 
published in 1807. Light from a slit was 
allowed to fall on a screen in which there were 
two small pinholes placed close together. 
Interference bands were then observed on 
another screen placed in a position where 
the rays, after being diffracted at the pinholes, 
overlapped. The phenomenon is really one 
of interference of diffracted light, 1 because 
the rays which pass directly through the pin- 
holes will not overlap. It will be of interest, 
however, to consider the explanation of the 
phenomenon by means of the \Va ve theory on 
the assumption that the two pinholes do act 
as . sources of light in which the vibrations 
bear a constant phase relationship to each 
other, for, as will be seen later, it is possible to 
obtain the necessary conditions by optical 
means. Let 8 1 , 8 2 (Fig. 1) represent two 


s, 
 


 
 ----- 
:
 
FIG. 1. 


pinhoîes acting as sources of light. If we 
assume that the ether particles at 8 1 and 8 2 
are vibrating parallel to each other in the same 
phase, and that the waves being sent out have 
the same amplitude and the same period, we 
may consider the effect at a point P on a 
screen 0 P, set parallel to the line joining 8 1 8 2 , 
at a position where the beams from 8 1 and 8 2 
overlap. Draw 0'0 through the mid-point 
0' of 8 1 8 2 perpendicular to the screen. Let 
8 1 S 2 =d, O'O=x, and OP=y. Then 
81P2=X 2 + (
+y) 2, and S2 P2 =X 2 + (
_y) 2. 
Therefore 81P2- S2P2= 2yd. 
If d and yare each small in comparison with 
x, we have 


Thus 


SIP+ 8 2 P=2x. 
yd 
SlP-8 2 P=-. 
x 


If the difference 8 1 P - 8 2 P is equal to an even 
number of half wave-lengths, that is 2n(,^/2), 
where n is an integer and '^ is the wave-length, 
the wa ves will reinforce each other; there 
will therefore be a maximum intensity at P 
when 


2nx,^ 
y='id . 


1 Diffraction phenomena, which may be looked 
upon as a special cIa
s of interference phenomena 
(It'pending on the restriction of apertures, will not be 
di::;cu::;sed in this article. 


If, ho" ever, the difference SIP - 8 2 P is equal 
to an odd number of half wave-lengths, that 
is (2n+ 1)(,^/2), the waves will interfere; there 
will therefore be darkness at P when 
(2tt+ l)xÀ- 
y= -2--a:-' 


It may easily be shmvn that, if a line is 
drawn on the screen so as to pass through P 
and be perpendicular to OP, the total disturb- 
ance at a point P' on this line is the same as 
at P, if PP' is small. Thus the appearance 
on the screen wiìl be that of a series of parallel 
alternating bright and dark bands, 2 the 
distance between the centres of two con- 
secutive bright bands or dark bands being 
given by 


D _ XÀ 
- J' 


The central band of the system, that is the 
one at 0, is bright. 
The positions of these bands or fringes 
depend on the wave-length uf the light used. 
Thus, if white light is employed, there will be 
an infinite series of bright and dark bands 
corresponding to the infinite range of wave- 
lengths in white light. The result will be 
that only a few bands near the centre will 
be at all clear, the outer ones overlapping 
each other; the central band will be white. 
Thus
 in order to obtain a considerable number 
of bands, monochromatic light must be em- 
ployed. 3 
The above treatment will hold for all cases 
where the interfering beams come from two 
real or virtual images of one and the same 
luminous point. This requirement is funda- 
mental for the production of interference 
fringes, it being impossible to obtain inter- 
ference between beams which come from two 
entir
ly independent sources. The reason for 
this is that the phase of the disturbance from a 
given source, even if of constant wave-length, 
alters frequently and irregularly, so that there 
can be no fixed relationship between two 
independent sources. If, hmvever, the two 
sources are real or virtual images of the 
same source, there will be a constant phase 
relationship between the vibrations in the two 
and interference syst.ems will be observable. 
In such a case the source must have be('n 
maintained in regular vibration for millions of 
periods. 

t is interesting in this connection to note 
that the number of fringes which can he 
observed gives us information .with regard to 
the number of regular vibrations performed 


2 The bands are only approximately straight; 
actually they are thr sections of a sY8tem of hyper- 
boloids of revolution round the line ::;IS2 having SI and 
S.. as foci. 

 3 flee, however, later on under .. Achromatic 
Fringes," 
 (5). 
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by each molecule in the luminous source before 
a sudden change ill phase takes place, for at 
the nth dark fringe interference takes place 
between vibrations which left the two sources 
at times nr apart, where T is the period of 
vibration. In the case of sodium light 
Fizeau counted about .30,000 fringes, while in 
more recent times path differences correspond- 
ing to as many as a million fringes have been 
obtained in the case of certain kinds of mono- 
chromatic light. 

 (4) )IETHODS OF PRODUCI:XG INTERFER- 
EXCE FRI:SGES.-A great number of methods 
of producing interference fringes of the' type 
just discussed have been devised, but they all 
practically depend on the formation, by means 
of some optical system, of two images (real or 
virtual) of a narrow source of light, such as 
an illuminated slit. These images then act 
as secondary sources, fringes being observed 
in the region where the beams of light which 
come from these sources overlap. In each 
case the distance D between consecutive 
bright or dark bands is given by 
D _ x\. 
- d' 
where x = distance between sources and plane 
in which the bands are observed, 
d = distance between the secondary 
sources, 
^ = wave-length. 
Some of the more important optical systems 
devised for the purpose mentioned may be 
described as follows. 
(i.) Fresnel's Two-mirror System. - This is 
one of the systems that Fresnel 1 suggested 
for the purpose of overcoming the objection 
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M 1 
5 1 - '= 
 -- -:.--:. :. -=- :. 
 õ., - 


FIG. 2. 


that diffraction plays a part in Young's ex- 
periment. A plan of the arrangement is 
shown in Fig. 2. 
The light from a slit 8 is reflected from two 
plane mirrors 0')11' 0')1 2 , the normals to 
\\ hich are inclined at a small angle fJ, the line 
of intersection of the mirrors being parallel to 
the length of the slit. The reflected beams of 
lIght appear to come from 8 1 and 8 2 , the 
images of S in the two mirrors, and inter- 
ference bands parallel to the slit are obtained 
1 A. Fresnel, æUl'T. compl. i. 1;:)0, l
t); ii. 17, ;:)2. 


on a screen 0 P, where the two beams oveda p. 
X ow let 0'8 = a and 0 0 = b. The angle 
subtended by S182 at 0' is equal to twice the 
angle between the mirrors. Also SI and 8 2 
are situated as f[,r behind the mirrors as S 
is in front of tl..em. Thus it follows that 
0'S1 =0'8 2 =0'8 =a, and S182 =2afJ. 
Hence D= 
 +b)À . 
2aO 
The Fresnel mirror system may be modified 
by the introduction of a lens to form two real 
images of the slit. 2 This is the arrangement 
which Righi 3 used in his experiment for 
demonstrating the existence of light-beats. 
(ii.) rautier's Three-mirror System.-In this 
system 4 three equidistant mirrors are set up 
approximately parallel to each other, the inner 
one being silvered on both sides and the others 
on their inner sides only. The two interfering 
beams of light are formed by reflection first 
at each of the .
wo outer mirrors and then at 
the central mirror. If the mirrors "ere set 
accurately parallel to each other the beams 
would be contiguous and no interference 
would take place; one of the outer mirrors 
is therefore set up 80 as to make a small 
angle "ith the others. V au tier has also 
employed an arrangement whereby the light 
incident on the mirrors is rendered parallel 
by the introduction of a lens; the beams after 
reflection then pass through another lens 
which forms two real images of the source 
of light. 
(iii.) JI ichelson's JI irrors.-l\Iichelson 5 forms 
two virtual image.s of a source by double 
reflection at two mirrors which are inclined 
to one another at an angle \" hich is very 
little less than 90 0 . The arrangement has the 
advantage over that of Fresnel that it does 
not require such accurate adjustment of the 
mirrors. 
(iv.) Fresnel's Bi-prism. - Fresnel 6 also 
obtained interference fringes by making use 
of refraction instead of reflection to form two 
adjacent virtual images of a source. The 
light from a slit 8 (Fig. 3) is refracted by the 
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bi-prism ABC, the edge A of the obtuse angle 
dividing the light into two beams \" hich, after 
I Cf. E. )Iascart, Truité d'optique, 1889, i. 180. 
a \.. Righi, Journ. de Physique, 1883, ii. 442. 
4 G. Yautier, Comptes Rendlls, 1903, cxxxvii. 615 ; 
Journ. de PhJl!
iqlIe, 1903 (4), ii. 888. 
:; A. A. )Ji('hel
on, Am. J. Sri., 1890 (3), xxxix. 216. 
· A. Fresnel, æUt'T. compl. i. 330. 
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refraction, appear to come from SI and S2' 
Interference fringes can then be observed in 
the region where the two beams overlap, 
provided that the edge A is accurately parallel 
to the slit S. Let ô be the deviation produced 
by each half of the prism, p, the refractive 
index of the prislll, and a = LABC = LACB. 
Then 


8 1 S 2 = 2a sin ô= 2a(p, -l)a, 
if a is very small, where a = 8A. 
Thus the bi-prislll is equivalent to a pair of 
Fresnel mirrors inclined at an angle (,u - 1 )a. 
The distance between hvo consecutive bright 
or dark bands on a screen OP at a distance b 
from the bi-prism is then given by 
D- (a+ bpI. 
- 2a(,u -l)a' 
If white light is used, there is greater over- 
lapping of the bands due to different colours 
than with .Fresnel's mirrors, because in the 
expression for D a decrease in the value of ^ 
is accompanied by an increase in the value 
of }..t, owing to the dispersion caused by the 
prism. 
A simple and very useful method of measur- 
ing 8 1 8 2 has been suggested by Glazebrook. 1 
A convex lens is inserted between the bi- 
prism and the microscope which is used for 
measuring the separation of the bands, and 
is adjusted so as to form images of 8 1 and 8 2 
in the focal plane of the microscope. The 
distance d 1 between these images is measured. 
The lens is then moved into the second position, 
in which it forms images of 8 1 and S2 in the 
focal plane of the microscope, the distance 
d 2 between these images being measured. 
Since the magnification in the one position is 
the reciprocal of the mag- 
nification in the second 
position, it follows that 
/- -- 
P,2 8 1 8 2 = " d 1 d 2 . 
A modified form of 
,'Fresnel oi-prism, due to 
\Vinkelmann, 2 is illustrated 
FIG. 4. in Fig. 4. The bi-prism, 
of refractive index }..tl' is 
mounted in a cell containing a liquid, such 
as benzene, of refractive index }..t2' the cell 
. being covered by a plane parallel piece of 
glass. In this case 
D= (a+ b)À , 
2a(,ul - }..t2)a 
where the symbols have the same significance 
as before. The advantage of this arrange- 
ment is that the obtuse angle of the bi-prism 
may be made much less obtuse than in the 
case of the bi-prism used in air. 
1 n. T. r-:-Iazf'hrook, Phy,<;imZ Opfic.<;. 
2 A. Winkelmann, Zeits. Instrumentenk., 1002, 
xxii. 275. 


(v.) Bi-plates.-Another method of obtain- 
ing two adjacent virtual sources for producing 
interference fringes is to use a bi-plate,S which 
consists of two parallel plates of glass of equal 
thickness (preferably cut from the same piece 
of glass) inclined to one another (Fig. 5). 


:FIG. 5. 


The beams of light after refraction appear 
to come from the virtual images 8 1 and 8 2 , 
Two real images of 8 1 and 8 2 are formed by 
the introduction of a lens. N ow the lateral 
displacement of a ray in passing through a 
parallel plate of thickness t is given by 
t sin (i - r) 
cos r 


where i and r are the angles of incidence and 
refraction respectively. Hence 
8 S 2t sin (i - r) 2 . . { . t } 
1. '> = - t sin 
 1 - cot 
 an r . 
w cos r 


If the plates are inclined at angle 20 we have 
i =90 0 - 0 approximately. Therefore 


sin i= cos 0, cos i= sin 0, cot i= tan 0, 


. cos 0 
sm r=-, 
p, 


"./}..t 2 - cos 2 7J 
cos r = , 
p, 


cos 0 
tan r = , 
!..J P, 2 - cos 2 0 
where p, is the refractive index of the glass. 
Thus 


f sin 0 ì 
8 1 S 2 = 2t cos 0 1 - --- -c:. , , 
l "/}..t 2 - cos 2 0 , 
and the value of D may then be deduced. 
(vi.) Billet's Split Lens.-In this system 4 
(Fig. 6) two real images, 8 1 and 8 2 , of an 
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FIG. 6. 


illuminated source are formed by two halyE:'s 
of a lens which can be separate
l or brought 
close together by means of a Inicrometer 
screw, the motion being along a line perpendi- 
cular to the optical axis. 
(vii.) .Jleslin's Split Lens. - This is a 
modification of the previous arrangement, the 
3 J. .Jamin. COUTS de phW;1que, If((jß (3), !í24. 
41 F. Billet, Ann. Chim. et Phys., 1862 (3), lxiv. 386. 
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two halves being relatively displaced along 
the optical axis. 1 The two real image-s, 8 1 
and 8 2 (Fig. 7), are then formed on the optical 
axis and interference fringes can be obser"\"'"ed 
in the region between 8 1 and 8 2 , The points 
of equal phase difference in this case lie on 
ellipsoids of revolution, having 8 1 and 8 2 as 


foci. A system of semicircular 2 fringes is 
then obtained. In both this and the previous 
case the distance 8 1 8 2 can be calculated from 
the separation and the optical constants of 
the lens halves. 
(viii.) Fresnel's Three-mirror System. - In 
this system three mirrors-l\I I , M 2 , and :\1 3 
(Fig. 8)-are employed. One of the secondary 


s'. 


1 M , 


.s 


S2' 


, 
\jo 
M
" """, 
""'- M s 
FIG. 8. 


s · 
1 


sources is the image 8 1 of 8 in the central 
mirror ::\1 1 , The other secondary source 8 2 
is the image in )1 3 of 8', which in turn is the 
image of 8 formed in :\1 2 , Thus one of the 
beams is once reflected at )1 1 , while the other 
is twice reflected at 1\1" and )1 3 , The mirrors 

12 and )1 3 are set up in such a position that 
their pla
es intersect at 0, the centre of )1 1 , 
making approximately equal angles "ith the 
plane of:M1' The central band of the inter. 
ference system is black, from which Fresnel 
concluded, as Young had done in order to 
explain the black centre in Xewton's rings, 
that there is a loss of optical path of I À by 
reflection at a glass surface. 
For modifications of thp. Fresnel three-mirror 
system see Quincke 3 and Mascart. 4 
(ix.) Lloyd's JIirror.-This is a somewhat 
simpler arrangement 5 than the prev.ious one. 
Interference takes place between the direct 
beam from a source 8 (Fig. 9), and the beam 
reflected from a single mirror (a piece of 
black glass is suitable) at almost grazing 


1 G. )(eslin, Compies Rendus, 1893, cxvi. :!50, 5iO ; 
JOltrn. de Physique, 1893, (3), ii. 203. 
I ('omplete <'irC'ular fringes are not obtained, as 
the beams of light overlap only on one side of the 
optical axis, as may be seC'n from thp diagram. 
3 n. Quincke, POrN. Ann., 18;1, ('xlii. 2
8. 
t E. )[asmrt, ('om pies Rendus, lRRi, cv. 96;. 
i H. Lloyd, Roy. Irish Acad. Trans., 1837, xvii. 
Ii 4. 


incidence, the second beam appearing to come 
from the virtual image 8'. In this case again 
the central band of the interference system is 


:: 


FIG. 9. 


dark. Owing to the asymmetry of the optical 
system only one half of the fringe system can 
be seen, unless a thin transparent plate be 
held in the path of the direct beam so as to 
introduce retardation and consequent dis- 
placement of the fringes. 

 (5) ÂCHRO:\IATIC FRIXGEs.-'Ye have seen 
that the distance D between adjacent fringes 
is given by 


D _ XÀ 
- d' 
from which it is clear that D varies with the 
wave-length ^. If it were possible to arrange 
that the ratio Àjd should be constant for all 
wave-lengths, one would be able to obtain 
a system of achromatic interference fringes 
when using white light, for then the fringes 
due to the different colours "ould coincide. 
A simple method of obtaining such achromatic 
fringes is to use as the two sources a short 
spectrum and its virtual image formed by 
reflection in a glass plate (Lloyd miITor 
system). The blue end of the spectrum 
should be towards the plate, as the distance 
between the sources for blue light should be 
less than for red light. If the spectrum is 
formed by a prism it is only possible to 
achromatise the fringes for two colours, but 
if a diffraction grating is employed the super. 
position of fringes for two wave-lengths will 
secure the superposition of fringes for all other 
wave-lengths. 

 (6) IXTERFEREKcE IX FIL:\IS AXD PLATES. 
-The interference phenomena which we have 
so far discussed can only be observed when 
a point source or a narrow line source of light 
is used. There is another group of inter- 
ference phenomena which can be obsen-ed 
when using an extended source of light. In 
this group are ineluded the cases of inter- 
ference in transparent films and plates. A 
number of such cases will nmv be dealt with. 

 (7) IXTERFERExcE I
 THI
 FIL
IS. (i.) 
Simple Cases.-"-hen a yery thin film of a 
transparent substance is illuminated by a 
broad source of light, such as a bright sky, 
brilliant colours are seen; soap bubbles and 
thin layers of oil spread over the surface of 
water are familiar examples of this pheno- 
menon. These colours are due to interference 
betwee-n the rays reflected from the two 
surfaces of the film. 
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Let us first consider the ca
e of mono- 
chromatic light falling on a thin film which 
is bounded by two parallel surfaces. At 
present we may confine our attention to the 
two paths ABCDE and FDE (Fig. 10). The 


c\ · 
\ I 
\ I 

K 
FIG. 10. 
first is that of a ray which is refracted at the 
first surface, internally reflected at the second 
surface, and again refracted at the first 
smface; the second is that of a ray (emanat- 
ing from the same point in the source) which 
is incident parallel to the first ray and is 
reflected at the first surface of the film. The 
difference in optical path of the two rays can 
easily be deduced. Let i be the angle of 
incidence and r the angle of refraction in the 
film. Draw BG perpendicular to FD and 
DH perpendicular to BC, and produce BC 
to meet the line through D normal to the film 
surface in K. Then BG and DH are the 
fronts of the incident and refracted wa ves 
respectively, so that the portions of the paths 
GD and BH are optically equal. Thus the 
path difference d=HC+CD=HK=2t cos r l 
where t is the thickness of the film. This 
is equivalent to 2p,t cos r, measured in air, 
where p, is the refractive index of the film. 
At first sight it would appear that there 
would be a maximum brightness when the 
path difference is equal to an even number 
of half wave-lengths and a minimum bright- 
ness when the difference is equal to an odd 
number of haU wave-lengths This, however, 
does not fit in with the observed phenomena, 
and we can see that in the limiting case when 
the film is of zero thickness no light will be 
reflected, though we might from the above 
considerations have expected maximum bright- 
ness. The reason of this apparent discrepancy, 
as was first suggested by Young, is that light 
reflected at the surface of a denser medium 
suffers a phase change of 180 0 , which is 
equivalent to a path difference of half a wave- 
length. In the case of the film one of the rays 
is reflected without change of phase at the 
surface of a rarer medium, while the other 
is reflected at the surface of a denser medium. 
Thus the total retardation in the case undf'r 
consideration is 2p,t cos r + !À. The bright- 
ness will therefore be greatest when 2p,t cos r 
is equal to an odd number of half wave- 


lengths, anù least when 2p,t cos r is equal to 
an even number of half wave-lengths. 
If now the incident light is white the 
light reflected from any point of the film 
will not include the wave-length which satisfies 
the equation 2p,t cos r =nÀ at that point; the 
light will accordingly be coloured. If the 
film is of uniform thickness the colour' will 
be uniform over the whole film. l Any want 
of uniformity in the thickness will give rise 
to variations in the colours observed at 
different parts of the film. This gives a 
convenient method of testing the uniformity 
of thickness of a film. 2 
(ii.) Effect of JJ1 ultiple Reflections - The 
theory of thin films, as above sketched, is 
not complete, for we must take into account, 
as Poisson showed, the effect of multiple 
reflections. If d is the retardation of a ray 
once internally reflected, then 2d will be the 
retardation of a ray internally reflected three 
times, and so on. In order to sum up the 
effects of these multiple internal reflections 
it is necessary to in- 
vestigate the rela- A 
tions between the 
amplitudes of the 
reflected rays. Let 
the amplitude of the 
incident rav AO 
(Fig. 11) be 
, and 
the amplitudes of the 
reflected and re- 
fracted rays OB, OC 
be ab, ac respectively, 
where b, e are fractions. 3 If these rays be 
reversed they should combine to give a ray 
along OA of amplitude a. The reversal of 
OC will give a ray of amplitude ab 2 along 
OA, and one of amplitude abe along the 
refracted path OC'. Let the components: 
along OA and OC', of OC reversed be acc' 
and acb' respectively. Then 


8 


- FIG. 11. 


ab 2 + ace' = a and abe + acb' = 0, 
since there must be no rcsult.ant ray along OC'. 


Thus 


ee' = 1- b 2 = 1 - b'2 and b = - b'. 
'Ve may calculate the resultant phase 
difference for the reflected beams, taking into 
account the multiple internal reflections. 
The amplitudes of the various beams are 
shown in Fig. 12. The ('ommon phase 
difference of the reflected components is given 


1 This is true onlY if the film is so thin that t.hr 
variation of t.he angle of in('i<lf'nce from one point 
to another does not affect the value of 2,.,.t cos r by 
more than a srnall fraction. [f a point source at 
infinity is USf'c! the staten1f'nt is true for any thickness 
of film since the angle of incidence is then constant. 
2 Sf'e article on .. Interferometers: Technical 
Applications, " 
3 G. Stokes, .Math. and Phys. Papers, ii. 89. 
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by o = ("21rIX)d, where d is the common path 
difference. 
"'ow let A be the amplitude of the resultant 
reflected beam and ..l it"! phase when the phase of 


FIG. 12. 


the first reflected beam is zero. Then, making use 
of the notation employed at the beginning of this 
article, we have 


A cos f 21r ( t_ X ) +..l "1 =ab coo 21r ( t_ 
 ) 
'-r V j T V 
+acb'c' CDS { 2; (t- 
) +0 } 
+acb'3 c ' CDS { 
1r (t- 
) +20} + 
Expanding, and equating the coefficients of 
cos 
 (t-
) and sin 2T1r (t-
), 
"e obtain 


A cos ..l =ab +acb' c' CDS Ó + acb'3 c ' coo 20 + 


. . -, 


A sin ..l = 


acb'c' sin 0 +acb'3 c ' sin 20 + 


Therefore 
Aei
=ab+acb'c'(eÏ
+b'2e
iô+ . . .) 
iô 
ab b " e 
= +ac c 'f>" 
1- b'2 e t 
)lultiplying the second term on the right above and 
below by I-b'2 e - i
 we have 
A i
 _ b acb'c' (cos 0 -b'2) . acb'c'sin 0 
e -a +- +i 
1- 2b'2 COS 0 +b'-l 1- 2b'2 CDS 0 +b'4. 
If we equate the real parts on both sides and the 
imaginary parts and square and add we get, on 
substituting 


ee' = I-b 2 and b= -b', 


A2= 4a 2 b 2 sin 2 (0/2) _ 4a 2 b 2 s i n 2 (0/2) 
1- 2b 2 cos 0 + b-l- (1- b 2 )2+ 4b 2 sin 2 (0/2)' 
By a similar calculation it is possible to 
deduce that the amplitude B of the resultant 
transmitted beam is gi \
en by 
2___ a 2 {1-b 2 )2 
B - - --_ 
(I- b 2 )2 + 4b z sin 2 (0/2)" 
This result is to be expected, since A. 2 and 
BZ are the intensities of the reflected and 


transmitted beams, and their sum should 
equal a 2 , the intensity of the incident beam. 
The result for the reflected beam shows 
that the intensity is zero when 
0=2n1r, 


that is, when 


2p.t cos r = n:\, 


since 


21r 2JT 
0= --,;d= )\. 2,.d cos r. 


Thus, if light of wave-length 
 is employed, 
the film or plate will appear perfectly black 
when 2p.t cos r is equal to an even number of 
half wave-lengths. This is the same result 
as was obtained when considering the E'impler 
case of one internal reflection, except that 
there the condition was merely for minimum 
brightness. 
It is interesting to note that the condition 
for zero intenf::ity in the reflected beam corre- 
sponds to maximum intpnsity in the trans- 
mitted beam, and that the minimum intensity 
in the latter is not zero
 but is such that"'when 
added to that of the reflected beam the sum 
is a 2 . The phenomena in the two cases are 
complementary, but are much sharper in thf> 
reflected than in the transmitted beam. 
(iii.) Tredge-shaped Films.-If the two plane 
surfaces bounding a film are inclined to each 
other at a small angle, a system of fringes 
will be obsprved. If \\ hite light is used the 
fringes will be coloured, but there is so much 
overlapping of the fringes that they will not 
be distinguishable unless the film is extremely 
thin and the angle of the "edge is very small. 
In the case, therefore, of films of a pprecia ble 
thickness it is necessary to use monochromatic 
light
 and the thicker the film the more mono- 
chromatic the light must be. 

 (8) XEWTO:X'S RrxGs.-Xewton observed 
that when a plane-glass surface was placed 
in contact with a convex spherical surface 
circular fringes were formed round the point 
of contact. These fringes, usually called 
Xewton's rings, are due 
to interference in the 
film of air between the 
two surfaces. Xow WE:' 
have seen that where 

 
21J.t cos r = n 2' 


there will be maximum 
or minimum brÜrhtncss 
according as n is'- odd or 
even, where p. and tare 
the refractive index and 
thickness of the film and r is the angle of refrac- 
tion in the film. In the present case, if we 
consider the light to be incident normal to a 
plate of glass resting on the convex surface 
of a lens (Fig. 13), 
 = 1 and r =0. Let A be 
the point of contact and R be the radius of 
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curvature of the con ve-x: surface. Then if t 
is the thicknes
 of the air film at a point R, 
where AB=p, we have 
p2=BC. ED 
= 2tR, 


since we are considering points very close to 
the point of contact. Thus there will be a 
bright ring when 
p= ,I R(2n+ 1)
, 


and a dark ring when 
/-- 
p= ,RnÀ, 
where n is any whole number. Newton's 
rings, thereforp, give us the means of measur. 
ing R if À is known. 1 
g (9) 
IICHELSON'S INTERFFROMETER.-A 
convenient method of observing interference 
phenomena in an air film of variable thickness 
was devised by Professor :l\Jichelson 2 The 
principle of the arrangement which he used 
is as follows. Light from a monochromat.ic 
source S (Fig. 14) falls on a plane-glass plate 


s 


M, 


FIG. 14. 


Plat an angle of 45 0 . The back surlace of 
this plate is half fo'ilvered so that the beam of 
light is divided into two portions of approxi- 
mately eqnal intensity. One of these, after 
transmis::Üon thr( mgh PI and a second similar 
plat.e P2 (un3ilvered), 
Uld normal reflection 
at the plane silvered mirror M 1 , passes again 
through P 2 and is reflected by the half- 
silvered surface of PI into the observing 
telescope T. The other portion, after intprnal 
reflection in PI and normal reflection at the 
plane silvered mirror M 2 , is transmitted through 
the plate PI into the telescope. The reason 
for introducing the second plate, P 2 , which is 
placed at 45 0 in the path of the first beam, is 
to make the glass paths of the two beams 
equal, for without it the first beam would 
pass once through PI whereas the second 
beam would pass through it three times. 
In order to obtain completf> compensation of 


1 See artic'Ie on .. Sphrronwtry.'> 
2 A. A. :\lichelson, Am. J. Sci., 1882, xxiii. 395' 
Phil. .Mag., 18t!2, (5) xiii. 237. ' 


the gla
s paths the t\\ 0 platf>
, 1\, P2' should 
be of equal thickness, preff>l'a hly cut from the 
same piece of glass. If the air path'S are nm\ 
of the same length the arrangement is eq uiva- 
lent to a film of zero thickneRs, for the image 
of 
Il by reflection in PI will then coincide 
with )1 2 , One of the mirrors is provided 
with a micrometer screw by means of which 
it may be moved parallel to itself so as to 
introduce any desired difference in optical 
path. The plates and mirrors are also pro- 
vided with fine adjustments to enable the 
image of 1\1 1 to be brought into parallelism 
with 1\1 2 , 
1\Iodified forms of the Michelson interfero- 
meter are used for testing the planeness of 
surfaces, the homogeneity of glass blocks and 
prisms, and the aberrations in lenses. 3 

 (10) FABRY AND PEROT INTERFEROMETER. 
-'Ve have already seen, when considering the 
case of multiple reflect.ions in films, that the 
intensities of the resultant reflected and trans- 
mitted beams are given by 


and 


A2= 4a 2 b 2 sin 2 (òj2) _ 
(1- b 2 )2 + 4a 2 b 2 sin 2 (òj2) 
2_ (1- b 2 )2 
B --- - 
(l-b 2 )2+ 4a 2 b 2 sin 2 (òj2) 


respectively, where a 2 is the intensity of the 
incident light, b 2 is the reflection co
fficient, 
and ò is the common phase difference between 
successive components of the reflected and 
transmitted beams. Confining our attention 
to the transmitted system, we see that, a
 Õ 
varies, the intensity varies periodically; its 
maximum value, corresponding to ò = 2mr, is 
a 2 , its minimum value, corresponding to 
ò=(2n+I)7T'is a 2 ((I-b 2 )J(I+b 2 ))2, while an 
intermediate value, where ò=((2n+I)J2)7T', is 
a 2 ((1 - b 2 )2J(l +b 4 )). It will be seen that, as 
the reflection coefficient increases, the mini- 
mum and intermediate values decrease and 
therefore, the maxima becomes sharper.' Fig: 
15 
hows the types of intenRity curves obtained, 





J2 


FIG. 15. 


for normal incidence, with unsilvered (AA; 
b 2 = .04), and silvered (BB; b 2 = .75) plates. 
Thus by using a high reflection coefficient 
one obtains sharp bright lines on a dark 
background. The case for the reflected 
system is exactly reversed and is illustrated 
by Fig. 15 turned upside down. In this case, 


a See artid{' on "Intf'rferom{'tf'rR: Te('hnieal 
AppikationR"; aiRO F. Twyman, Opt. Soc. 7'ra11 s., 
1020-21, xxii. No.4. 
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if the reflection coefficient is high, one obtains 
sharp dark lines on a bright background. 
Tlw a bo-ç-e fact has been made use of by 
Fabry and Perot 1 in their interferometer, 
which consists of two gla&:; plates, the neigh- 
bouring faces of which are lightly sihTered. 
One plate is fixed, and the second plate, which 
is set approximately parallel to the first, can 
be mo-ç-ed parallel to itself so that the thick- 
ness of the air film between the plates can 
be varied at will. 

 (11) L"l7:\DIER AXD GEHRCKE 15TERFERo- 
l\IETER.-The brightness of the reflected beams 
can also be increased by increasing the àngle 
of inciùence. Lummer and Gehrcke 2 have 
employed this principle in thE'ir application 
of interference methods to speC'troscopy. 
They use a plate of glass (Fig. 16), at the end 
of one face of which is cemented a small 
right-angle prism. The incident light passes 
through the prism into the plate, and the 
beams of light which emerge, after successive 
internal reflections, from both sides of the 
plate can be examined b
T means of a telescope. 
It might at first appear that the phenomena 
observable "ith the Lummer and Gehrcke 


FIG. 16. 


plate are due to diffraction effecto;;, and this 
for two reasons. Firstly, there is a striking 
resemblance between the plate and the 
echelon grating, the path difference of suc- 
cessi-ç-e beams increasing by definite steps. 
Secondly, it is well known th:ü in interference 
systems such as we are considering the angular 
separation between the fringes decreases rapidly 
a8 the angle of incidence is increased, so that 
we might expect that in the case of the 
Lummer and Gehrcke plate, "here the beams 
leayethe plate at practically grazing emergence, 
the fringes could not be resol-ç-ed. This, 
however, is not so. for, as one may easily 
calculate, the angular separation hetween 
Bucces
iYe fringes increases again as one 
approaches the limiting case of grazing 
emergence until it very nearly reaches the 

alue for normal incidence. The phenomenon 
IS, therefore, one of pure interference. 3 

 (12) IXTERFERExcE I
 )ILLTIPLE THICK 
PL-\TES.-'Yhen two plates of glass are inclined 
1 5". Iabrr amI -\. Perot, Ann. Chim. et Phys., 
]
fll, xu. 4.>!); 1899, Xyi. 115: ]!)O1. xxii. 546; 
(omptes Remlus , 1898 cx..xyi 33] 407 1561 16'>4 
1706, ]779. ...", -, 
II O....Lummer, rerhandl. d. Dplltsch. Ph!Js. Ges., 
]9
1, Ill. f

; O. Lummer ami E. Gehrcke, Almd. 
JT1

:. Berlm, BeT.. 1902, 11; Ann. d. Physik, 1903, 
x. 
.)I. 
II Cf. R. W. Wood, Physical Optics. 1914, 283. 


to each other at a small angle (Fig. 17), a 
beam of light incident on one of the plates 
is divided into a number of components by 
multiple reflections between the plates. If 
the plates are of the same thickness some of 
these components are capable of interfering 
with each other. Thus in Fig. 17 the paths 
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FIG. 17. 


of the rays 3 and 4: are approximately equal, 
and, 0" ing to the small inclination of the 
plates, such rays" ill form a series of inter- 
ference fringes. Brewster 4 observed this 
phenomenon in 1817, and a modifica tion of 
the arrangement has been employed by 
Jamin 5 in his interference refractometer. 
The principle of this instrument is illustrated 
in Fig. 18. A and B are two plates of optical 
glass, mounted parallel to each otber and 
inclined at an angle of 45 0 to the line joining 
the centres of the surfaces 01' b 1 ; the other 
surfacE's, a 2 , b 2 , are silvered. If the plates 
have exactly the same thickness and the 


A 


B 


FIG. 18. 


same refractive index, and are placed accurately 
parallel to each other, the optical paths of the 
two beams shown in Fig. Ib will be equal. 
On slightly rotating one of the plates about 
a horizontal or a vertical axis a path difference 
is introduced and a system of interference 
fringes can then be observed. 
The J amin refractometer can be used for 
measuring the refractive indices of 
ases or 
of transparent liquids or solids. Thus, for 
example, a plate of glass may be introduced 
into the path of one of the beams, in con- 
sequence of which there will be a displacement 


· D. Brewster, Edill. Trans., 1817, yii. 435. 
.. J. Jamin, Comptes Relldus. ]856, xlii. 4

; Ann. 
Chim. et Phys., ]8'>8, (3), Iii. 163. 
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of the fringe system. The amount of this 
displacement depends on the thickness and 
refractive index of the plate, and may be 
determined by placing in the path of the other 
beam a compensator consisting of two exactly 
similar small-angle glass wedges, of known 
refractive index, which can be slid relatively to 
each other so as to form a plate of uniform 
but variable thickness. The compensator is 
adjusted until the centre of the fringe system 
is brought to its original position. l 
In cases where it is desired to compare the 
refractive indices of similar gases, liquids, or 
plates of glass. that is, when the displacement 
of the fringe system is relatively small, one 
can employ a Jamin compensator for bringing 
the fringe system back to its zero position. 
This consists of two glass plates fixed to a 
common axis and inclined to each other at 
a small angle. If the compensator is set up 
so that eaeh of the plates is in the path of 
one of the interfering beams, small relative 
retardations can be introduced by rotating 
the compensator about its axis. The amounts 
of these retardations may be calculated or 
may be obtained by calibrating the com- 
pensator by means of auxiliary experiments. 
:l\Iodifications of the Jamin interference 
refractometer, necessitating the employment 
of only one glass plate, 
have been used by 
:l\1ascart,2 Lummer, 3 
and Ketteler. 4 The 
system employed by 
l\Iascart and Lummcr 
has recently been ap- 
plied by \Vaetzmann 5 
to the study of the 
aberrations in lens sys- 
tems. Zehnder 6 and 
l\Iach'i introduced two 
auxiliary mirrors, as 
illustrated in Fig. 19, 
the interfering beams as 


J!'lG. 19. 


in order to separate 
much as possible. 

 (13) INTERFERENCE OF POLARISED LIGHT. 
-The interference phenomena connected with 
polarised light are described in the article on 
"PolarÏsed Light," q.V., but the general 
conclusions fpached by .Fresnel and Arago 8 
in their investigations may be stated as 
follows: 
(i.) Two rays of light polarised at right 
1 For t1w purpo
e of determining the centre of the 
system of monochromatic fringes a system of colourrc] 
fringcs formed by white light is superimposed on the 
othf'r system. 
2 E. '
[as('art, Ann. Chim. et Phll.<;., 1871, (4), xxiii. 
146. 
3 O. Lnmmf'r, Wicd. Ann., 1fìR-t, xxiii. 513. 
4 E. Kettel('r, Pogg. AI/n., 1871, cxliv. 372. 
6 E. Wadzmann, Ann. d. Phy.<;ik, HH2, xxxix. 
1012. 
8 L Z('hn(lpr, Zrits. 11l!
trumf'1ltrnk., u

n, xi. 275. 
7 IJ. Maeh, Zf'it.<:. lnstrumenteuk., 18Ç)2, xii. 8Ç). 
8 .\. Frpsnpl an (I F. .\ra
o, Ann. Chim. et Phy.r.:., 
181H, (2), X. 
88. 


angles do not interfere destructively under 
the same circumstances as two rays of ordinary 
light. 
(ii.) Two rays of light polarised in the same 
plane interfere like two rays of ordinary light. 
(iii.) Two rays polarised at right angles may 
be brought to the same plane of polarisation 
without thereby acquiring the quality of being 
able to interfere with each other. 
(iv.) Two rays polarised at right angles, and 
afterwards brought to the same plane of 
polarisation, interfere like ordinary light if 
they originally belonged to the same beam 
of polarised light. 
9 (14) ApPLICATIONS OF INTERFERENCE 
PHENOMENA.-In addition to those men- 
tioned in this article 9 the following applica- 
tions of interference fringe systems to physical 
measurements, etc., may be mentioned: re- 
fractometry,lO standardisation of wave-length 
and structure of spectral lines,ll comparison 
of length gauges,12 numerous physical and 
engineering problems,13 and colour photo- 
graphy (Lippmann process),14 J. S. A. 


LIGHT, INTERFERENCE OF, IN :l\IULTIPLE THICK 
PLATES; J AMIN'S REFRACTOMETER. See 
" Light, Interference of," 
 (12). 
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HUYGHENS' PRINCIPLE 
LIGHT is a form of energy which affects the 
nerves of the eye and is propagated by wave 
motion. The vibrations which constitute the 
wa ves are transverse to the directions in 
which they travel. 
Since Fresnel introduced the conception of 
transverse wave motion a gradually increasing 
store of theoretical and practical evidence 
has been accumulated to demonstrate its 
truth. Until recently it was supposed that 
the mechanism concerned .with the trans- 
mission of these vibrations resembled more or 
less that which regulates the propagation of 
transverse waves in an elastic solid. Recent 
discoveries have shown conclusively that light 
is an electromagnetic phenompnon, and that 
light waves obey the samf' laws as waves of 
electric and IDßgnetic force. In the present 
article we are concerned chiefly ,,,ith questions 
which are independent of the physical pro- 
perties of the mpdium concerned in the trans- 
mission of the light. AU we need to consider 


II 
ee aiso article on .. Interferometers: Tcchnical 
Applirations." 
10 IJord Rayleigh, Phil. ]Ung., 1017, xxxiii. 161. 
11 E. C. C. Baly, Spe"troscoP!I. 
12 F. n.öprl, Zf'it.r.:. In.<:trumentf'uk., 1920. xl. 3. 
13 C. I
arns, "The Interferometry of Reversed nnd 
Non-rcYf'rsf'd S}wptra," Parts 1-1, Carnegie lust. 
JVa.<:hington Publications, 1917. 
14 It. W. \Vood, Ph]/sical Optics, HH1, 17f>. 
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are the rapid periodic ('hanges of some vector 
quantity which, like other vectors, can bp 
represented by a straight line in that it has 
!ength and direction. 
"
hile it is frequently convenient to visualise 
this vector as an actual displacement, it must 
be borne in mind that the changes which 
constitutp light are electromagnetic in their 
nature; we cannot explain an the complex 
phenomena involved by the simple vibrations 
of ether particles. 
Consider now a luminous source, 0, Fig. 1. 
Light vibrations are emitted in all directions 
from this source, 
travelling out- 
wards in waves 
with definite 
velocity. At one 
instant the dis- 
turbance will 
ha ve reached a 
surface such as 
ABC, and all 
points of that 
surface will be 
in the same state 
of motion or, put in technical terms, in the 
same phase. Such a surface is known as 
a wave front. After anothpr interval, the 
disturbance will have travelled on to A'B'C', 
and this will have become the front of the 
wave. Light energy starting from 0 is, after 
a time, distributed over the surface ABC, 
and later, after another interval of time, over 
A'B'C'. If the medium in which the light 
is tra,vellin!! is isotropic, that is, has identical 
properties in all directions, the speed of the 
light will bp the same whatever be the direc- 
tion of its motion, and it is easilv seen that 
the surface .ABC and A'B'C' are both spheres 
"ith 0 as centre. If, however, the speed 
with which the light travels is different in 
different directions, as in a crystal, this is 
no longer the case; the wave front is no 
longer a Rphere, but will take some other 
form depending on the properties of the 
medium.! Suppose, now, the source of light 
tl) be a long way off, the curvature of the 
portion .AB(I of the wave front with which 
we are dealing becomes less and less as the 
distance from the source is increased, and 
ultimately we arrive at a plane wa\Te front, 
travelling always parallel to itsp]f with a 
velocity whieh-in a crystalline substance- 
depends on the di.rection of its motion, but 
in an isotropic substance is a constant, inde- 
pendent of the direction. 
'Ye may, however, regard the problem of 
the propag
tion of the wa\Tes from a rather 
rlifferent standpoint. At a given instant a 
certain state of disturbance exists over the 
surface ABC which, after a certain interval 
I bee" Ught, Double Rf'fraction of." 
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of time, has given risp to the di
turbance 
existing over A'B'C'. How are these con- 
nected, and how can "e pass from the con- 
ditions over AB(I to those over A'B'C'? 
The answer to this qupstion was given by 
H uyghens (Trait9 de la Lumière). Consider 
each point of ABC as the origin of a disturb- 
ance travelling outwards ill a wave similar to 
that from the original source 0, and draw the 
wave fronts corresponding to each of these 
points, P, Q, R, S, Fig. 1, and to the interval 
required by the principal wave to travel from 
ABC to A'B'C'. In the case of an isotropic 
medium these wa.ve fronts "ill all be spheres; 
in a crystal they will have a more compüc
ted 
form. In any case, however, it is possible to 
describe a surface which envelops or touchec; 
them all. According to Huyghens, this sur- 
face is the new position of the wave front; 
the disturbances due to the various seC'ondary 
waves cancel each other everY1vhe!'e, except 
on the envelope, while the resulting dis- 
turbance oyer the envelope is exactly that 
produced at the instant in question by the 
original wave-emanating front. 
If we take, for simplicity, the case of a 
plane wave .ABC in an isotropic medium, the 
secondary waves are clearly spheres of equal 
radii, with the various points of the wa ve 
as centre, while their envelope is a plane 
A'B'C' parallel to 
\.BC and at a distance from 
it equal to the radius of one of the secondary 
waves, that is, to the distance the disturbance 
has travelled in the intervál of time under 
considera tion. 
This result is a consequence of the principle 
of Interference in "rave 
Iotion, and though 
the arguments by which Huyghens supported 
it are not conclusive, it is shown in treatises 
on Theoretical Optics that the C'onstruction 
he gave is correct, and, when the form of 
the secondary 
waves is known, 
may always be 
a pplied to de- 
terminetheforrn 
and position of 
the wave front, 
which repre- A 
sents the state 
of the primary 
disturbance. 
\Ye ma
' also 
invert the pro- 
cedure and 
apply it to find- 
ing the form of the wave surface diverging 
from a point in the follo\\ing manner. 
Consider a large number of plane waves all 
passing through the same point O. Fig. 2, 
but ha\-in a various directions. After a given 
inten-al of time, t seconds say, each of 'these 
"ill have moved parallel to itself through a 
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distance proportional to t and to the velocity 
of light measured in the direction in which 
the plane is modng. \Ye ghäll have a series 
of planes corresponding with the original 
series but arranged round O-if the velocit
 
of light in the medium is the same in all 
directions, these planes will all be equidistant 
from O-more generally they will be at vary- 
ing distances, depending on the varying 
velocity of the light. In any case the planes 
will all envelop or touch a closed surface 
surrounding 0, and this surface will determine 
the position which a distur Lance emanating 
from 0 has reached in the time t seconds. 
:Moreover, if a wave front A'B'C' corre- 
sponding to the wave ABC which passes 
through 0 touch the surface at P, the line 
OP constitutes the ray corresponding to this 
wave front and determines the direction in 
which a disturbance at 0 in the plane ABC 
is propagated, while ON, drawn at right 
angles to ABC, is the wave normal. If the 
mèdium is isot,ropic, the various planes such 
as A'B'C' are all equidistant from 0; the 
envelope of these planes, the wave front at 
time t, is clearly a sphere and the ray OP and 
the wave normal O
 coincide. 
In general this is nüt the case, and we have 
tü distinguish between ON which determines 
the direction in which the wave travels, and 
OP the ray the direction in which the dis- 
turbance at 0 in the wave front ABC is pro- 
pagated. l A distinction must also be drawn 
between the wave velocity, the velocity, that 
is, \dth which the wave front moves forward 
along O
, and the ray velocity, the velocity 
with which the disturbance travels along OP. 
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\VHEN the state of motion of an electrified 
particle is altered, a pulse of electric and 
magnetic force is emitted from the particle 
and travels out into space at a high velocity. 
This pulse carries with it a definite amount of 
electromagnetic energy.2 If the motion of the 
particle be periodic the single pulse becomes a 
series of pulses. Energy is propagated out- 
wards from the particle in waves; if the 
frequency in the waves lies within certain 
limits, 3 they affect the nerves of the eye and 
are known as light waves, producing the sensa- 
tion of sight. 
If we are dealing with a small luminous 
source 0 (Fig. 1) in an isotropic medium, 
the waves tra vel outwards in spheres from O. 
Let BAC he the position of a wave front at a 
time t. After an interval of time the light 
reaches an eye at E. The effect at E is due 
1 See" I,ight, Double Rf'fraction of." 
2 
{'{' .. \\ïrf'lpsR TelPgraphy," 
 (1), Vol. II. 
I "Eye, The," 
 (6), etc. 


to the disturbance which at the previou
 
time t existed over the surface BAC, and may 
be found by calculating the effect due to 
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FIG. 1. 


each element of that surface and taking the 
sum. 1I 
But the eye does not recognise the surface 
BAC as the source of the light; it appears 
to come in a straight line from 0, and the only 
portion of BAC which is effective in illuminating 
E is the portion A which lies directly Letween 
o and E. This rectilinear propagation is, 
it can be shown, a direct consequence of the 
fact that the wave-length of light is very small 
compared with the other distances concerned; 
it ranges from .8fJ. in the reds to .4fJ. in the 
'Tiolet. 'Yhile the complete proof of this is 
a question of complicated mathematics, the 
following argument will indicate in a general 
way the reasons for it. 
Imagine the source to be at a long distance 
behind the wave so that the portion of the 
spherical wave considered is practically plane. 
Let EA (F1:g. 2), drawn perpendicular to the 


E 
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wide front BAC, be equal to a, and Jet ^ 
be the wave-length. Take a spries of points 
AI' A 2 , A3 . . . on the waves at distances a + l^, 
a + ^, a + *^, . . . etc" from E, and describe 
a series 
f circles on the wave front with 
centre A and radii AA I , AA 2 , etc., thus 
dividing the front into a series of zones or 
rings. These are known as half - period 
elements. The disturbance which reaches E 
from Al is opposite in phase to that from A and 
therefore interfpres with it; that from 
\2 is 
in the same phase as that from A but opposite 
to that from AI; thus, on the whole, the 
· R('c " Light, Propagation of." 
I; The value of p. i
 10- 8 metres, 
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effect of the seconJ half-period element is 
opposite to that of the first, while that of the 
third is of the 
ame sign as the effect from the 
first. 'Ye may thus write the effect at E as 


1n 1 - 1n 2 + 1n3 - . . ., etc. 
The quantities Ill!, III 2' etc., will be pro. 
portional to the areas of the consecutive half- 
period elements; they" ill also depend on 
the angles between the lines EA!, EA.:!, etc., 
and the direction of propagation, and will fall 
off slightly as these increase, while the increas- 
ing distance of each element from E "ill lead 
to the same result. Sow to find the outer 
radius AA,. of any ring we have 
EAn2=AAn2 +b 2 , 
AX 2= ( b+ n\ ) 2 -b2=bnX + 
2À
 

 n 2 4, 
=bnX approximately. 
since X 2 may be neglected. 
Thus the area of the nth ring is given by 
1r(AAn 2 - AAn_1 2 ), and this is equal to 1rbÀ, 
which is the same for all the rings. 
Thus to our approximation, so far as the 
areas of the rings go, the quantities 1ll 1 , m.>, etc., 
representing the amplitudes of the disturbances 
at E due to the consecutive rings are equal; 
they decrease, however, in consequence of the 
increase of the angle AEAn and of the distance 
EAn as we get further from A. Thus in our 
series 


S=m 1 -m'2+ m 3 . . .; 
the terms gradually decrease, but the difference 
betwpen consecutive terms is small. The sum 
of such a series can be shown to be half the 
fir::;t term, for 
S=!m 1 +t :(m 1 - m 2 ) - (m 2 - ma) 
+ (JIl 3 - m 4 ) . . . } ; 
and the quantity ,dthin the bracket {. . .} is 
negligibly small, since each term is '
ery small 
and the terms are alternately positive and 
negative. 
Thus the amplitude of the disturbance at 
E due to the whole wave is just half that 
due to the first half-period element; the cffect- 
i,.e portion of the wa'
e is limited to a small 
area about the point in which it is cut by the 
line joining the eye to the source of light. 
Light travels in a straight line from the source 
to the eye. 


LIGHT, SorRCES OF, for microscopy with 
ultra-violet light. See" )licroscopy with 
CItra-violet Light," 
 (.3). 
Suitable for polarimetric work. See 
" Polarimetry," 
 (16). 
LIGHT, SOURCES eSEFUL FOR PROJECTORS, 
detailed consideration of. See" Projection 
Apparatus," 
 (5). 
YOLo IV 


LIGHT FRO
 THE SKY. See" Scattering of 
Light by Gases," etc., 
 (1). 
LIGHT SCATTERED BY DrST-FREE AIR, 
POLARISATIOX AXD IXTEXSITY OF. See 
" Scattering of Light by Gases," etc., 
 (4). 
LILIE
FELD TrBE: an X-ray tube of the 
hot-cathode type de\-eloped in Germany. 
See ., Radiologr," 
 (14). 
LDlE, USE OF, I
 GLASS :\!AXlTFACTURE. See 
" Glass," 
 (6). 
LIPPICH'S POLARISER: the polarising S} stem 
in use in many important forms of polari- 
meter at present. See" Polarimetry," 
 (6). 
LISSAJOU'S FIGURES: a series of curves ob- 
tained by compounding simple harmonic 
vibrations used for testing the tuning of some 
simple interval between two forks. See 
" Sound," 
 (53) (v.). 
LOG LISE, for measuring ships' speed. See 
" :Savigation and Xavigational Instru- 
ments," 
 (16). 
LOYGITUDE, DEFDHTIO:S OF. See" Surveying 
and Surveying Instruments," 
 (5). 
Lr)lE
: the unit of luminous flux. See 
" Photometry and Illumination," 
 (2). 
LrrJIETER: a portable illumination photo- 
meter. See "Photometry and Illumina- 
tion," 
 (62). 
LrJIIXESCEXCE OF Lc:\uxors CO'IPOUXDS, 
C-\.CSE OF. See" Luminous Compounds," 

 (ï). 
LU3nxEscE
T )IATERIALS, USES OF. See 
" Luminous Compounds," $ (8). 
LUJUXESCExT SUBSTAXCES, light emitted by, 
when exposed to a-rays; particularly zinc 
sulphide. See "Luminous Compounds," 
 (2). 


LU)IIXOUS CO)JPOU!\DS 


THE discovery of self-luminous compounds 
dates back to the days of alchemy. They 
"ere originally prepared at Bologna by 
calcining crystals of barium sulphate with 
organic matter such as flour. This operation 
converted the sulphate into the sulphide 
whi<'h after exposure to daylight appears 
luminous when placed in the dark. The 
salt was known as "Bolognian phosphorus" 
owing to its similarity as regards luminescence 
to phosphorus which was disco,-ered before 
it. Another luminous compound was pre- 
pared by roasting oyster shell "ith sulphur. 
This yielded calcium sulphide and was known 
as "Canton's phosphonls." Tills salt was 
greatly impro\'"ed by Balmain, who found 
that very minute quantities of other substances 
such as bismuth mixed with it added greatly 
to its luminosity. This substance emits a 
bluish light for ;everal hours after o.posure 
to light. It was first employed about ISïï 
on watch and clock dials, but was practically 
discarded about twenty ,}ears ago, largply 
o 
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for the reason that it was necess
uy to expose 
the article to light to render the luminous 
paint effective. 

 (1) RADIOACTIVITy.-After the discovery 
of radium and other radioactive substanC'es 
it was found that the rays from these sub- 
stances were capable of exciting certain 
materials to t.he emission of visible light, 
even when those materials were not previously 
exposed to light. Becquerel 1 examined the 
luminescence produced in a. number of materials 
when exposed to the rays from radium. The 
substance to be studied was placed in the form 
of powder above the radium on a thin sheet 
of mica. The following table shows the rela- 
tive intensities of the luminescence excited in 
various substancE's: 


Intensity. 
-- 
Substance. "Ïthout With 
cn'en 
of Black 
Screen. Paper. 
-- 
Hexagonal zinc blende . 13.35 0.04 
Barium platino-cyanide 1.99 0.05 
Diamond 1.14 0.01 
Dou blc. sulphate of) 1.00 0.31 
uranium anù potassium J 
Calcium fluoriùe 0.30 0.02 


ThE' values of the intensities given in the 
second column are those when the rays from 
the radium fan on the powder after passing 
through the thin shpet of mica supporting 
the powder. The mica sheet i:s so thin that 
only a small percentage of the a-rays emitted 
bv the radium is absorbed. The intensity 
of the luminescence produced by the rays 
after passing through a sheet of black paper 
in addition to the mica is shown in the ]ètS
 
column and is in each case given relative to 
that without the screen taken as unity. 
The sheet of paper is sufficiently thick to 
absorb most of the a-rays. It wiI] be observed 
that there is a great diminution in luminosity 
when the rays are passed through the paper, 
which shows that the luminescence produced 
without the screen is mainly duE' to the 
a-rays. The material which shows the 
greatest effect is zinc sulphide-so-called 
" Sidot's hexagonal zinc hlende." This gives 
by far the greatest luminescence of an mate- 
rials hitherto examined when exposed to rays 
from radium. 

 (2) LU)1INESCE
T SUBsTANcEs.-The light 
emitted by different materials when exposed 
to a-rays differs very markedly. Zinc sulphide 
preparations have a yellowish - green hue; 
willemite gives a very bright green hue; 
calcium tungstate has a bluÜ
h-greeIl tint: 
cadmium phosphate a decirled red colour. 
(
lciunl sulphide is vE'ry similar to willemite, 
1 Comptes R'3ndus, 1899, ('xxix. 912. 


but its phosphorescence is more persistent; 
calcium salicylate is similar to calcium 
tungstate. 
Some of these subst.ances become luminous 
under the action of X-rays and ultra.\riolet 
light, but the effect due to thesc rays gives no 
definite guidance as to the effect to be expected 
when exposed to the rays from radium. }'or 
instance, the double sulphate of uranium and 
potassiu l ll is more luminous than hexagonal 
zinc sulphide under the action of X-rays, 
but the reverse is true of radium rays; under 
the influence of thE'se rays calcium sulphide 
gives a blue luminescence, but is hardly 
affected by X-rays. Hence substances which 
are very luminescent under the action of 
X-rays do not necessarily produce the brightest 
luminous mixtures whpn radium is used. 
The luminosity of zinc sulphide, and in fact 
that of all the other responsive salts, depends 
upon the state of its purity. Yery pure zinc 
sulphide shows but little luminescence under 
the action of the ra.ys from radium. It re- 
quires a trace of an impurity in it to produce 
the best effect. The luminosit.y depends upon 
the nature and the amount of this impurity 
-the colour of the luminescencE' also changE's 
as the impurity is varied. There are therefore 
grades of zinc sulphide, depending upon the 
nature and amount of impurity present, which 
vary greatly in their response to the rays. 
To test the suitability of any given material 
as a base for a luminous compound it is 
necessary either to add ra(1Ïum directly to 
the substance and comparE' the resulting 
luminosity with that of a good grade of zinc 
sulphide or else t.o bring the a-rays t.o play 
on the materials in a manner similar to that 
employed by Becquerel in his original investi- 
gation. The fonowing methoù of examination 
is due to Viol and Kammer 2 and has been 
found very satisfactory. A plate of polonium 
about 20 millimetres in diameter is prepared 
which serves as an intense source of a-rays. 
\Vith a suitable polonium plate a superficial 
luminescpnce can be obtained in zinc sulphide 
equal to that obtained by the addition of 
several hundred microgrammes of radium 
elemen1 per gramme of zinc sulphide. By 
holding this plate over two adjacent specimens 
of zinc sulphide or other material it is possible 
to determine with ease and rapidity the 
relative values of their a-ray luminescence. 
At. present the responsive base most, com- 
monly used for luminous compounds is zinc 
sulphide and thc luminosities of other 
compounds are usually referred to that of a 
standard grade of this material. 

 (3) PREPARATIOX OF ZINC SULPHIDE LTTl\Jl- 
NOUS COl\1POU
D.- There are two methods 3 


2 Am. Electrochem. Soc. Trans., 1!117, xxxii. 381. 
3 The writer is indrbtrd to 
[r. F. H. Glrw for 
detail:,; of these methods of prrparation. 
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employed of mn::mg the radium salt with the 
sulphide, which may Le called the dry method 
anrl the wet method respectively. Each of 
these methods has its own advantages, but 
of the two the latter is the more satisfactory. 
(i.) The Dry Jlethod.-Suppose it is desired 
to make a luminous compound containing a 
specifif'd amount of radium per gramme of 
compound. A tube of known radium content 
is taken and its contents transferred into a 
wpll-polished agate mortar. The amount of 
zinc sulphide to be mixed \,ith this quantity 
of radium to make a compound of the required 
strength is weighed out and placed in a \Yatch- 
glass near at hand. 'Yhen transferring the 
radium from the tube to the mortar it is 
difficult to remove all the salt, as some of it 
adheres to the walls of the tube even though 
the latter is tapped during the operation. 

Iost of the remaining salt may, howeyer, 
be removed by putting a little of the zinc 
sulphide into the tube and rubbing it on 
the inside walls by means of a small camel- 
hair brush. Only a very small quantity of 
the sulphide need be uspd for this purpose. 
The operation may be repeated five or six 
times so as to ensure that most of the material 
clinging to the walls is removed. HaYing now 
transferred the radium into the mortar it is 
ground for about twenty minutes into a fine 
powder. A small quantity of zinc sulphide 
is afterwards added, say about I gram me, 
and mixed "ith the radium by means of a 
spatula; no pressure is applied to the salt 
so as to preserve the zinc sulphide crystals, 
"hich should be kept as large as pos
ible to 
obtain the best results. 1\Iore sulphide is 
added and again thoroughly mixed with the 
mixture already in the mortar. If the 
quantity of zinc sulphide is not too large it 
may all be added little by little to the radium, 
stirring constantly and keeping about two 
grammes of sulphide in hand for final washings 
of camel.hair brush, spatula, and funnel used 
to transfer the compound from mortar to 
bottle. It is advisable not to fill the bottle too 
full so that the compound may be well shaken 
in it for final mixing. 
(ii.) Tlte Wet JletllOd.-For this method it 
is necessary to use a radium salt which is 
soluble in "ater, the bromide or the chloride 
i.:; suitable for the purpose. .A tube containing 
a measured amount of one of these salts is 
taken and its contents dissolved in a known 
volume of distilled water with a trace of 
hydrochloric acid added to ensure that all 
the salt passes into solution. Suppose it is 
necessary to make a certain amount of 
luminous compound of a given strength. A 
volume of the solution containing the required 
amrmnt of radium is measured out and 
pla,ced in a Ehallow porcelain dish. If the 
volume of solution is greater than that 


necessary just to moisten the " hole mass 
of the zinc sulphide required to make up 
the compound. it is advisable to evaporate 
off some of the water. Having reduced the 
volume of the solution the whole of the zinc 
sulphide is slowly added to it until all the 
liquid is a bsor bed. The dish is now placed 
in a water bath and allowed to remain there 
until the salt is thoroughly dry, occasionally 
lightly stirring the whole mass "ith a glass 
rod to break up any lumps that may be 
formed. \Yhen quite dry any small lumps 
may be smoothed out on a piece of ground 
glass by means of a flexible palette knife of 
gold, platinum, or bone, afterwards mixing 
thoroughly on the ground glass. \T ery little 
pressure should be used during this process, in 
order to a void breaking up the zinc sulphide 
crystalE. This method ensures that the radium 
is uniformly mixed "ith the sulphide and in 
this respect is superior to the dry method. 
The dry method of preparation is very 
useful in the case of salts that are insoluble 
or only slightly s0luble in "ater, but the wet 
method is more accurate. Also,. whereas a 
given quantity of luminous componnd of 
any desired strength can be readily made by 
the latter method, the quantity of compound 
of given strength "hich can be made by 
the former method depends upon the amount 
of radium which the tube to hand contains. 

 (4) ApPLICATIOY OF THE CO:\IPO"L'"
D TO 
DIALS, ETc.-The radium compound can be 
applied to dials, etc., by mixing the pmHler 
with some binding material such as celluloid, 
crystal, or copal ,arnish. The best method 
of mixing is to place a little heap of the 
compound in the form of powder in the 
middle of a watch-glass, and then to add 
a few drops of turpentine to the base of 
the heap. The turpentine is dra\\ n up by 
capillarity into the body of the powder 
driving the air out in front of it. Varnish 
is then added, the minimum possible quantity 
being used, and the whole thoroughly mixed 
with the brush which is finally going to be 
used for the application of the paint. It is 
most readily applied by means of a fine sable 
brush. In painting a dial, for instance, 
successive coats of the paint are applied, 
each coat being allowed to dry thoroughly 
before putting on the nl'
t. It ,,:ill be seen 
later that the addition of the varnish cuts 
down the luminosity of the powder by a bout 
75 rer Cf'nt eV"en though the minimum amount 
of varnish be employed in the mixing. It is 
important, therefore, to keep the amount of 
varnish as small as po
:-:ible. If the object 
painted is not protected by a glass cover or 
by some other means, it is ad.çjsable to give 
it a final coat of varnish for a protection. 
'Yhen the paint is to hc applied directly to 
silver, iron, brass, or copper, a preliminary 
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coating of zinc "hite mixed "ith the varnish 
should be giy"en. It is inadvisable to use 
white lead for this purpose because zinc 
sulphide reacts with this compound producing 
a dark sulphide which win reduce the lumi- 
nosity of the paint. 
Painted surfaces should not be submitted to 
measurement of luminosity for at least seven 
days after the final coat of varnish has 
completely dried. The manipulation of the 
compound in powder and liquid form permits 
the escape of emanation, the presence of 
which enhances the luminous effect; after a 
time this again accumulates, but it does not 
reach a state of radioactive f"quilibrium on 
account of the porosity of the varnish. A 
sufficient amount, however, is held by the 
varnish to give a very appreciable increase in 
the luminosity after a few days' time. 

 (3) :MEASUREMENT OF RADIUM CONTENT.- 
The radium content of a luminous compound is 
usually measured by one of the '}I-ray methods 
(see under" Radium"). The compound, after 
being made, is hermetically sealed in a glass 
tube and put aRide for about four weeks before 
it is compared with the radium standard. 
During this interval emanation is accumulating 
and this reaches a state of radioactive equi- 
librium with its products in about a month's 
time. The curve shown in Fig. 1 shows the 
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increase of the '}I-ray activity of a tube of 
radium compound prepared by the dry method 
from the day it was sealed up until it reached 
a state of radioactive equilibrium. The 
amount of radium per gramme of compound is 
generally small and it requires a few grammes 
of the compound in order to carry out an 
accurate comparison with the standard. On 
this account the '}I-rays emitted by the radium 
in the compound have to pass through a 
considerable thickness of material before they 
leave the tube, and the absorption taking 


place has to be corrected for in deducing the 
true radium content from the actual observa- 
tions. Suppose that the tube containing the 
radium compound is cylindrical. Let I be 
the measured intensity of the '}I-radiation 
emitted and 10 the intensity if no absorption 
had taken place. Neglecting the correction 
due to the obliquity of the rays it can be 
readily shown that 1 

 =
r"i oo( -It+ 1 (2fta)r . r. _, rrJ2 
10 p.,a,/ 7rr =l /r+l l(r+l)J2 
=CO+Cl(l.ta)+C2(
a)2+ .., 
where 
 is the coefficient of absorption of 
the rays per centimetre thickness of the 
compound and a the radius of the tube in cm. 
The values of the constants Co, C 1 , C 2 . . . 
are given in the following table: 


I c'Jetllcient.1 
Coefficient. Value. Value. 
Co + 1.000000 C 7 - 0.00lG42 
C 1 - 0,848826 C s +0.000347 
C 2 +0.500000 I C 9 - 0.000007 
C 3 - 0.22ß354 i C 10 +0.000012 
C 4 +0,083333 I C ll - 0.000002 
C s - 0.025869 C 12 + 0.000000 
C +0.006944 I 
6 
I I 


The mean value of the absorption coefficient 
of the rays in zinc sulphide in the powùered 
form may be taken as 0.10 per cm. Also the 
absorption coefficipnt of the rays in soda glass 
is 0.10 per cm., so that we have the following 
table giving the ratio of the true to the 
apparent or measured radium content for 
tubes of different external diameters: 


-, 
External Diameter of True f'ontent 
Containing Tube. App a rent Content 
Cm. 
0-5 1.02 
1.0 1.04 
1.5 I 1.065 
2.0 1.09 
2.5 1.ll 
3.0 1.13 



 (6) LUl\HNOSITY. - The luminosity of 
radium compound is measured by the photo- 
metric method. 2 The luminosity falls off with 
time. This loss of brightness is not due to 
any change in the radium, because it takps 
about 1700 years for the radium to decay to 
half value. The cause is to be sought for in 
the deterioration of the zinc sulphide, brought 
about by the continued bombardment of the 
crystals by the a-particles. 
(i.) Rate of Decay of Luminosity of Dry 
JJlaterial.-An extensive investigation of the 
1 See Owen and Fagc, Pllys. Soc. Proc., 1921, xxxiv. 
1.27. . 
2 See" Photometry and Illumination," 
 125. 
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loss of brillianey of radium compound has heen 
carried out by Paterson, 'Val
h, and Higgins. 1 
Fig. 2 is a cun
e which shows the variation 
with time of the luminosity of a sample 
of compound C'ontaining 0.2 mgm. radium 
element per gramme. The same type of 
curve is obtained whether the sample is 
prepared by the dry or by the wet method. 
After attaining its maximum value at the 
end of about 10 to 20 days after mixing 
the luminosity begins to decrease, at first 
very graduall} and then more rapidly, until, 
after a period of about six to seven weeks 
from the date of mixing, the rate of. decay 
appears to obey an exponential law, that is, 
the ratio of the rate of decay of luminosity 
at any time to the luminosity at that time 
IS constant, so that if B is the luminosity at 
any time i, and Bo the initial luminosity, then 
B=Boe-A.t, where k is a constant. At the 
end of about 200 days, however, the luminosity 
begins to diminish at a slower rate than that 
to be e:\.pected from the above law. This 
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would indicate that there is an effect super- 
posed on the normal decay operating in the 
reverse direction, which becomes relatively 
more and more important as the luminosity 
becomes smaller. After about 300 days the 
luminosity attains a value "hich is sensibly 
constant. This period, however, is not the 
same for all compounds, as in some the rate of 
decay diminishes more rapidly than in others. 
(ii.) Effect of Radium Content.-The effect of 
the amoun t of radium present per gramme of 
compound on the rate of decay of luminosity 
is shown in Fig. 3. The curves refer to two 
samples of compound prepared at the same 
time with an identical quality of zinc sulphide, 
the one sample (top curve in figure) contain- 
ing twice as much radium per gramme as the 
other. The initial brightness is approximately 
in the direC't ratio of the radium content, hut 
the rate of decay of compound of smaller 
content is slower, so that the ratio of the 
luminosities of the two samples gradually ap- 
proaches unity a'3 time goes on. Hence if a 
compound is to be used for a long period of 
1 Ph:18. Soc. Pror., 191ï, xxix. 215. 


time, there is ,.ery little advantage to be gained, 
except from the point of vie" of initial bright- 
ness, by increasing the radium content beyond 
a certain value. For short-period use, say 
three to four months, the radium content may 
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be usefully as high as 0.2 milligramme of 
radium element per gramme of compound. 
If the compound is likely to be required 
for more than six months, the ufle of a 
compound containing more than 0.1 milli- 
gramme of radium element per gramme of 
compound can only be justified hy the need 
of greater brilliancy during the early part of 
the life. 
(iii.) Effect of Thickne88.-The effect of 
thickness of materia] on the luminosity is 
shown 2 in Fig. 4. The CUlTes refer to 
a compound containing 0.13 ll1ilJigramme 
radium element per gramme. 'Yhen freshly 
made the ratio of the luminosity of a thickness 
of 0.3 mm. of compound to that of a thickness 
of I..) mm. is 0.63 (curve A). After an inter- 
val of 100 days (curve B) this ratio increases 
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to 0.73, whilst its value after 200 days (curve 
C) reaches 0.82. Hence to obtain maximum 
luminosity it is unnece
sary to employ a 
thickness greater than about 0.3 mm. of a 
compound containing 0.] 3 mgm. radium 
element per gramme when it is to be used 
over a long period of time. 
An increase in thicknps
, besides increasing 
up to a certain point the initial brightness, 
aJso tend
 to accelerate the decay of lumin()sit
 
-the effect. is similar to that of increasing the 
I Clinton, Illum. ElI(]., ] 918, xi. 26C. 
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percentage amount of radium in the composi- 
tion. ThiR can be explaiued by the fact that 
in the greater thicknesses the front layers of 
material will receive additional bombard- 
Inent from the radium in the deeper layers, 
and will therefore glow brighter, but have a 
shorter life, than if a thinner layer of material 
were used. 
(iv.) Rate of Decay of Luminosity of Var- 
nish Jlaterial.-The above results apply to 
luminous compounds in the dry state. 'Yhen 
mixed with varnish and applied to dials, etc., 
the rate of àecay of luminosity is different. 
The results obtained with six metal dials used 
for aeroplane instruments are given in the 
following table: 


Ini tial Luminosity Decay of 
Luminosity after Twelve Luminosity (per 
Dial. (per cent of Months (ver cent cent of Initial 
Standardl. of Standard). Luminosity). 
1 94 59 63 
2 82 45 55 
3 94 57 ül 
4 63 33 52 
5 91 39 43 
6 52 24 46 
- 
Average 53 


The dials were all ordinary metal dials 
painted with a matt black surface, and having 
t.he luminous compound laid on in fine lines 
about 0.2 nUll. to 0.3 mm. high to mark the 
graduations and figures of the dial. They 
were painted \vith different samples of lumi- 
nous compound containing 0.2 mgm. radium 
element per gram me. 
The rate of decay of luminosity of the dials 
is noticeably lower than that of the compound 
before application, the half-value period of 
the painted dial bC'ing about t",-elve months, 
whereas t.hat of the dry powder is only 
about five months (see Fig. 2). The initial 
luminosity of the painted dial is also smaller, 
being of t.he orùer of t or 1 of that of the 
compounù before application. The radium 
content of the varnish material may therefore 
with advantage be higher than that of the 
dry material. For short-period use it may he 
advantageous for some purposes to use varnish 
material containing as much as 0.3 mgm. or 
0.4 mgm. radium element per gram me, but 
for long-period use the most suitable radium 
content is 0.2 mgm. per gram me, and maxi- 
mum luminosity may he obtained by uRing 
one gramme of compound to paint an area of 
about 30 square centimetres. 1 It is important 
that the interval between the preparation of 
the compound in the dry 
tate and its appli- 
cation to the dial should be as short as 
posclible, as the deterioration in luminosity 
takes place from t\\ice to three times as 
1 See Glew, Opt. Soc. Trans., 1016, xvi. 276. 


rapidly in the powder as in the painted 
dial. These differences between the dry anf} 
varnish compounds are due to the fact that 
the varnish impedes the activity of the a-ray 
bombardment from the radium and therebJ 
causes an effective lowering of the radium 
content of the compound with a subsequent 
reduction of both the initial luminosity and 
also the rate of decay. 

 (7) CAUSE OF LUl\:UNESCENCE OF L"c-MIKOUS 
COMPouNDs.-l\'larsden 2 studied the effect of 
continued bombardment of a-particles on a 
screen of zinc sulphide and found that the 
actual number of scintillations produced by 
a constant source of a- particles changes very 
little with time of exposure, but that the 
brightness of the scintillations rapidly dimin- 
ishes. Pure zinc sulphide does not exhibit 
the scintillation effect, but a salt containing 
an amount of impurity of the order of 1 per 
cent does. Assuming then that the scintilla- 
tions are due to the presence of this impurity, 
only a small fraction of the total number of 
molecules are concerned in the effect. Ruther. 
ford 3 explained the scintillation effect by 
assuming that the impurity causes the 
presence of a number of "active centres" 
in the salt which a.re on th8 average uniformly 
distributed among the inactive molecules. 
\Vhen an a-particle strikes an active centre 
the latter is dissociated and emits light, but 
it is no longer effective in producing light when 
struck again by an a-particle. The effect of 
the continued bombardment by a-particles is 
thus to destroy gradually the active centres. 
Since probably many thousands of these 
centres initially lie in the path of the a-pa.rticle 
the effect of a continued bombardment will 
not cause an appreciable diminution in the 
number of scintillations, but it will diminish 
their intensities, for the intensity of a scintilla- 
tion on the average will be proportional to the 
number of active centres remaining. These 
conclusions agree with the experimental 
results of :Marsden. The theory in its simple 
form fai1
, however, to represent exactly all 
the facts which later experiments have brought 
to light. For instance, Paterson, 'Ya-lsh, and 
Higgins (loc. cit.) found that the luminosity 
of a luminous compound at first rises rapidly 
to a maximum and then decreases according 
to an exponential law for about 200 days. 
After that time the rate of decrease of lumi- 
nosity becomes slower and slower, the bright- 
ness tending to approach a. limiting value 
which is not zero. Rutherford's theory gives 
a good approximation for thp early period of 
decay, but fails increasingly at the later period. 
The theory has been extended by ,V alsh, 4 
who assumes that the active centres which 
have been struck by a-particles, and according 
2 Roy. Soc. Proc. A, 1010, lxxxiv. 548. 
a Ibid., 1910, lxxxiv. 561. "Iú'id., 1917, xciii. 550. 
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to Rutherfurd's theory are put completely 
out of action from the point of view of lumines- 
cence, commence to recover according to an 
e
ponential law. 'Vith this modification the 
theory represents the observed facts much 
more accurately. 

 (8) USES ÕF LOIIXESCEXT 
L-\.TERIALS.- 
Daylight luminous paint.s can only be used 
in expo8ed situations so that daylight can 
freely be absorbed to be gi\"'"en out again at 
night. Some use has been made of this class 
of luminous paint in shippinp:-Iuminous life 
oelts are employed "hich may be clearly seen 
at night when thrown into the" ater; floating 
buoys can also be distiné,ruished at night. 
)Iuch more use can be m
de, however, of 
luminous paints which are independent of 
daylight Pa per, porcelain and metals, dials 
of all sorts bearing figures and lines, are now 
used. In the case of some instruments, such 
as those used in aeroplanes, the requirements 
of luminosity are most important and outweigh 
other considerations as to cost and length of 
effedi\"'"e lif
. For such purposes grades of 
luminous paint are prepared which give the 
highest initial brightness. These have a 
high radium content and consequently a short 
effective life. For many other purposes such 
as that of illuminating marching compasses, 
dials of "rist watches, etc., a paint of lower 
initial lumino
ity is prepared, and this has the 
advantage of a lower cost and a longer life. 
For watches, push buttons, etc., of the better 
grade an effective life of ten years or more 
is desirable, and assuming that a luminosity 
of 23 per cent of the original is still satisfactory, 
a luminous paint containing about 100 micro- 
grammes of radium elenu'nt per gramme of 
compound should answer the requirement. 
Compounds with more radium than this would 
have a shorter effective life, and compounds 
I 
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)1 SERIES: a group of spectrum lines in the 
characteristic X-rays emitted by an element. 
See ,. Radiology," 
 (17). 

IADDOX SET OF RODS OR GROOVES: an effect- 
ive apparatus for distorting one of the 
two images of an object seen by a subject's 
two eyes, so that the brain no longer 
attempts to associate it with the other 
image; this is the first step in the use of 
a phorometer. See "Ophthalmic Optical 
Apparatus," 
 (3). 
)L\.GXESIA, USE OF, IX GLASS :\L-\.xrFACTURE. 
. See" Glass," 
 (9). 
:\IAGXETIC CO)IPASS, description. See'" Xavi- 
gation and Xavigational Instruments," 

 (9). 

Iathematical theory. See 
.bid. 
 (10). 


"ith a smaller proportion of radium a ]ongcr 
effecti \"'"e life. 
During the war much use "as made of 
radium luminous compound in the dry 
powder form for gun-sights, to facilitate accu- 
rate night-firing. For this purpose the powder 
was sealed up in small fiat glass tubes, their 
internal bore from back to front not exceedin
 
about 0.4 mm., their other dimensions de- 
pending upon the class of instrument to which 
they were attached. For illuminating at 
night the cross wires of telescopic gun-sights 
attached to big guns, the powder was placed 
in glass tubes of about 0,5 mm. bore bent 
into circular forms to fit the metal tube of the 
gun-sight and situated near the plane of the 
cross "ires. This device did a'HlY with the 
necessity of having glow-lamps for illuminating 
purposes with the attendant risk of detection 
by the enemy. E. A. O. 
L"(,"
IlXOLS P AIXT (RADn)
), PHOTO
IETRY OF. 
See" Photometry and TIlumination," 9 (12.3). 
Louxo"'Cs POWER (01' IXTEXSITY): a source 
of light. See" Photometry and Illumina- 
tion," 9 (2). 
L
ER-BRODHL5 PHOTO
ETER: one of the 
most sensitive types of photometer head. 
See" Photometry and Illumination," 9 (lð). 
LmDlER-BRODHUX SPECTROPHOTO)IETER. See 
" Spectrophotometry," 
 (12). 
LU)I1IER-KuRLBAt!
I STAXDARD: an incan- 
descence standard of light. See" Photo- 
metry and Illumination," 
 (10). 
Lux: the unit of illumination; another name 
for the metre-candle. See "Photometrv 
and Illumination," 9 (2). . 
LUXO:\IETER: a portable illumination photo- 
meter. See "Photometry and Illumina- 
tion," 9 (61). 


MAGXETIC ROTATORY PO'YER 

 (1) F AR-\.DAY'S EXPERDIExTs.-The pheno- 
menon of magnetic rotation of the plane of 
polarisation of light was discovered by Faraday 
in 18-15, and described by him in a paper" On 
the 
Iagneti'3ation of I,ight." 1 A ray of 
light issuing from an _\.rgand lamp was 
polarised in a horizontal plane by reflection 
from a surface of glass, and the polarised ra} 
passed through a Xicol's eyepiece re\"'"oh-ing 
on a hori70ntal axis. Between the polarising 
mirror and the eyepiece t" 0 po" erful elpctro- 
magnetic poles "ere arranged; they" ere 
separated from each other by about 2 inches 
in the direction of the line of the ray, "hich 
passed either by the öide of them or bet" een 
1 Phil. Trails., 1
46, p. 1. 
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them in suc'h a way that the ray was nC'arly 
parallel to the magnetic lines of force. A 
piece of den
e optical glass (bor08ilicate of 
lead), which he had described in 
1830, about 2 inches square and 0.5 
inch thick, was placed lengthways 
between the poles. The eyepiece 
was turned to extinguish the polar- 
ised ray, but this was transmitted 
again when the current was passed 
through the electromagnet. The 
image of the lamp flame was, how- 
ever, extinguished again by rotat- 
ing the eyepiece to the right or to 
the left according to the direction 
of the currpnt in the elebtromagnet. 
The rotation was found to be pro- 
portional to the intensity of the 
magnetic force and to the length of 
the column of glass exposed to it. 
Smaller rotations were produced by 
other glasses, by some crystals, by 
water, alcohol, ether, various oils, 
and a large range of aqueous solu- 
tions, but no action was detected 
in the case of gases. 'Vhen the 
medium possessed a natural rotatory 
power, the magnetic rotations 
were superposed upon (i.e. added 
to or subtracted from) the natural rotations. 

 (2) ApPARATUS AND :METHODS OF ::\!EASURE- 
:MENT. - The type of apparatus used for 
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measurements of magnetic rotatory powpr is 
shown in Figs. 1 and 2, whilst the electrical 
connections are shown in Fig. 3. 1 
1 Trans. Chlm. Soc., 1913, eiii. 1322 and 1331. 


A coil of insulated ('opper wire A is "uund 
in the form of a bobbin on a bras8 tube pro- 
vided with a, thin lining of ('old water to 
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protect the materiål under examination from 
the heat of the magnet. The coil is enclosed 
by iron (or mild steel) end-pieces and a length 
of iron pipe; and movable pole-pieces are 
provided to lead the lines of force to the axis 
of the magnet. The magnet is mounted on 
rails, BB, so that it can be rolled away from 
the axis of the polarimeter, and wedges CC 
are provided for bringing the axis of the 
magnet into line with the axis of the polari- 
meter. 
The substance to be examined (usually a 
liquid) is enclosed in a double water-jacket, 
connected to a thermostat. A correction 
must be applied for the discs at the end of the 
tube, since these produce a magnetic rotation 
of li
ht; this correction is usually deter- 
mined by introducing half-a-dozen discs to- 
gether, and calculating the effect for a single 
disc; a group of discs, or a short rod of glass, 
may also be used to explore the strength of 
the magnetic field along the axis. In view of 
the variations which are usually found, it is 
convenient to standardise the apparatus h
' 
making measurements of the magnetic rota- 
tion produced by a tube of water, anù using 
this as a basis of comparison for other liquids. 
As the resistance of the magnet increases 
with rising temperature, a series of resistances 
is provided (Fig. 3) which can be cut out as 
the magnet becomes hot. [1asual variations 
in the voltage on the mains are compensated 
by a sliding resistance and a carbon resistance, 
the constancy of the current being checked by 
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a null method, as shown in Fig. 3. )Ieasure- 
ments are made with the current in each 
direction, the normal value of the reailings 
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in the apparatus shO\vn being about :r..3 o , or 
10 0 in all. 
In calculating the molecular magnetic rota- 
tion of a liquid, the formula generally used is 
' I I t _ r x 1\1 
 r 0 x )1 0 

\ 0 . ro . - d . d ' 
o 


where rand r 0 are the ob.
erved rotations for 
the substance and for water, )1 and )1 0 are 
their molecular weights, and d, do their 
densities. l 

 (3) ISFLUE
CE OF THE 1\IEDIU::\I. - The 
molecular rotations of a large number of 
compounds have been investigated. especially 
by Sir 'Yillialll Perkin. 2 The main result of 
these researches, which need not be described 
in detail, is to show that the molecular magnetic 
rotatory power of a substance is essentially 
an additi
'e property, made up of the SUI of 
the atomic rotatiofLs of the constituent atoms. 
This property is therefore closely analogous 
to the molecular refraction of a compound, but 
differs from it in that the influence of chemical 
constitution is mor
 pronounced. )1easure- 
ments of magnetic rotntory power can, there- 
fore, be usee1 to throw light on the constitution 
of compounds of doubtful molecular structure, 
e.g. in cases of dynamic isomerism, where 
ordinary chemical methods are not ayailahle. 

 (4) REL\TIO
 BETWEEX REFRACTIO
 AXD 
)IAGXETIC ROTATIox.-Drude 3 has deduced 
the follo\\ing relationship. If the refractive 
index n can be represented \\ith sufficient 
accuracy by the equation 
t) b 
n - = a + 
 2 _ 
 2 ' 
1 


1 Perkin, Trans. ('linn. Soc., 1896, p. lOGO. 
t Trans. ('hem. Soc., 1884, p. .t
1: ]
86, pp. 205, 
317, and ï7ï: ]887, pp. 3ô2 anù 808: ]8
S, pp. 561 
and 695; 1889, p. 6
O; ]891, p. 981; 1892, p. 800 ; 
lR9:3. pp. :>7 and 48:-s; ]894, pp. 20, 40
, and 81:>; 
]ð!\
, p. 233; IR9n,}). 1025; 1902. pp. 177 and 292 : 
H)O.). p. l-!9I; lÇ106, pp. 
3, G08, and 849; 1907. 
p. 806. 
3 Theory of Optics, ]907, ch. vii. p. 439. 


then the magnetic rotation can bc represented 
by the formula 
I ( a' b'
2 ) 
ò=:n A2 +(0-=-À12)2' 
This formula was tested with sati
factory 
results in the case of carbon disulphide and 
of creosote (sic), but in view of the slendf'r 
character of the data uSf'd for the test, and 
the fact that two arbitrary constants, a' and 
b', are available for adjustment, in addition 
to the three constants a, b, and A, used to 
express the refractive power, the value of this 
formula clops not appear to be very great. 

 (5) NATURAL A:KD :MAG:KETIC ROTATORY 
DrSPERSION.-Six years after Faraday had 
discovered the "magnetisation of light," 
'Yiedemann 4 made comparative measure- 
ments of the natural and magnetic rotations 
in turpentine for five wave-lengths in the 
Bolar spectrum, and concluded that the two 
rotations were proportional throughout the 
spectrum. This relation, which is generally 
known as Jriedemann's Law, has been verified 
in the case of quartz 5 and of sodium chlorate, 6 
and is perhaps generally true for optically 
active crystals, In the case of optically 
active liquids, howeyer, it generally fails, 
and the approximate agreement between the 
magnitude of the two dispersions, which is 
occasionally observed, is probably only a 
coincidence. 7 It is, however, important to 
notice that the simple ruspersion formula 
k 
a,- (^2_
02)' 
which serves to express the natural rotatory 
dispersion in a wide range of compounds, can 
be used equally well for magnetic rotatory 
dispersions, although its validity cannot be 
su bjected to the same drastic tests, on account 
of the small magnitude of the readings which 
are usually obtained. Until more exact 
measureme
ts are available, this simple two- 
constant formula may be used to represent 
the data for magnetic rotatory dh;persion, in 
preference to Drude's formula, which involves 
fiye constants and demands a knowledge also 
of the refractive di:.;persion of the compound. 
T. 
I. L. 


)IAG
rFIcATroN METHODS OF DETER:\uxrXG 
FOCAL LEXGTHS. See" Objectives, Testing 
of Compound," 
 (2) (iii.). 
)IANDOLI
: a musical instrument of four 
double strings which are plucked with a 
plectrum and stopped with the left hand 
upon the fingerboard. See" Sound," 
 (27). 
.. PO(l(l. A.nn. Ph!ls. Chnn.. 18.')1, ii. R::!. 231. 
r. Lowry, Phil. Trails., 1912. A, ('('xii. 
95. 
· .J. Dahlrn, Zeifschr. 1l'i.'IS. Plwt., 1913, xiv. 315. 
7 Lowry, }")ÏCl<ard, and Ken} on, Trans. ('hem. Soc., 
1914. CV. 95. 
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l\I<\.NGIN :\IIRROR, for headlights. See" Pro- 
jection Apparatus," 
 (10). 
For searchlights. See ibid. 
 (12). 
For signalling lamps. See ibid. 
 (11). 
MAP PROJECTIONS. See "Surveying and 
Surveying Instruments," 
 (8). 
l\IARTENS lLLU:\IINATION PHOTOMETER. Spe 
" Photometry and Illumination," 
 (60). 
l\IARTENS POLARISATION PHOTOMETER. See 
" Photometry and Illumination," 
 (30). 
l\IARTENS (KÖXIG-) SPECTROPHOTOMETER. See 
" Spectrophotometry," 
 (12). 
l\IAss, ABSORPTION COEFFICIENT: a constant in 
X-ray measurements obtained by dividing 
the absorption-coefficient of an absorbing 
material by its density. See" Radiology," 

 (17). 
MATTHEWS-DYKE PHOTOMETER: a photo- 
meter for the determination of average 
candle-power. See "Photometry and Il- 
lumination," 
 (44). 
:MATT SURFACE: one in which specular reflec- 
tion is absent or very slight. See" Photo- 
metry and Illumination," 
 (51). 
l\IAXWELL'S COLOUR-BOX: an apparatus for 
determining the data required to specify 
colours in terms of three primary colours. 
See" Eye," 
 (10) 
l\IEAN HORIZONTAL CANDLE - POWER. See 
" Photometry and Illumination," 

 (2) and 
(38). 
.:\IEAN SPHERICAL CANDLE - POWER. See 
"Photometry and Illumination," 
 (2) and 

 (42) et seg. 
MEAN -TONE TEMPERA:\IENT: a particular 
musical temperament which uses one size 
of tone only, but makes it the mean of the 
large and small tones required by the just 
intonation. See" Sound," 
 (6) (ii.). 
MELTING OF GLASS, PROCESS OF. See" Glass," 

 (15). 
l\IESOTHORIU:\f, methods of detection of 
presence of, in radium compounds. See 
" Radium," 
 (9) (iv.). 
l\IETRE-CANDLE: the metric unit of illumina- 
tion, being the amount of light falling on a 
sq uare centimetre placed in a direction 
normal to the light at a distance of one 
mptre from a source of one candle-power. 
See" Photometry and Illumination," 
 (2). 
:MICA, EFFECT OF a,- RA YS on. See" Radio- 
activity," 
 (15). 
:M:ICHELSON'S absolute mpasurement of a light- 
wave by the interferometer method; by 
determining the number of waves of three 
radiations from cadmium vapour which 
were equal in length to the standard metre. 
See" 'Vave-Iengths, the l\ieasurement of," 

 (3). 


l\hCHELSON'S INTERFEROl\IETER. Twyman's 
modification for testing optical instruments. 
See "Interferometer, Technical Applica- 
tions," 
 (5). 
l\IICRO:\IETER MICROSCOPES. See "Divided 
Circlel:!," 
 (13). 

IrCRO-POLARIMETER: a polarimeter designed 
to measure the optical rotation of su bstances 
that can only be obtained in small quantities. 
See" Polarimetry," 
 (15) (i.). 
MICROSCOPE. Applications to curvature 
measurements. See" Spherometry," 
 (8). 
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I. INTRODUCTION 
THE compound microscope consists of an ob- 
jective which forms an inverted real image of 
the object under observation, and of an eye- 
piece by which the primary image is further 
magnified and either presented to the eye of 
the observer as an inverted virtual image, or 
projected upon a screen or photographic plate 
as an erect real imagp. 
As the instrliment can be usefully employed 
only within that part of its field for which the 
aberrations are sufficiently well corrected, the 
effects produced may be legitimately discussed 
\vith the aid of the first approximation theory 
of Gauss and Abbe; for as all the rays from 
anyone object-point must pass very nearly 
through the conjugate image-points, the latter 
may be definitely located by the intersection 
of any two suitably selected rays starting from 
the object-point, and anyone single ray traced 
from the object-point must be a geometrical 
locus of the image. 
Referring to the accompanying diagram 
which represents an object 00 1 observed 



 


P-' 
o 



 


0 1 
o 


through 3.n objective of which only the outside 
surfaces are indicated, and through an eyepiece 
of the usual Huygenian type, it is assumed that 
the instrument has been focussed so that the 
rays from the axial object-point 0, if not inter- 
cepted, would produce a primary image at FI!' 
the first or anterior principal focus of the eye- 
piece, and that the further refraction of these 
rays by the eyepiece lenses would thf'refore 
lead to their emergence from the pye-Iens as a 
bundle of parallel rays which would be inter- 
preted by the ,0 bserver as coming from a very 
distant virtual image- point. To determine the 
image of the extra-axial object-point 0 1 , a ray 
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starting from this point in a direction parallel 
to the axis of the instrument is selected. By 
the general theory of lenses referred to, such 
a ray will emerge from the objective as if it 
had proceeded .nithout deviation to the second 
or upper principal plane P'o of the objective 
and had there been bent so as to go through 
the second or upper focal point F'o of the 
objective, the axial distance from P'o to F'o 
representing the equivalent focal length /'0 of 
the objecti\-e. This ray represents a geo- 
metrical locus of the image. and as a perfect 
objective would give an image at right angles 
to the optical axis of the similarly oripntated 
object 001' F.,O'1 must be the primary image, 
and similar triangles "ith a common corner 
at F' 0 at once give its magnification as 
"' I F'oF., 
- 0= - 1'0 ' (a) 
the minus sign being added in accordance with 
convention because the image is inverted. 
F'OF." which is thus disclosed as a very 
important dimension, is known as the" optical 
tube-length" of the microscope, to distinguish 
it from the usually not very different" mechan- 
ical tube-length," which is measured from 
the lower to the upper extremity of the actual 
metal tube of the instrument. 
Equation (a) supplies the means of deter- 
mining the equivalent focal length /'0' and as 
this is one of the chief characteristics of an 
objective, the method must be briefly described. 
The actual size of the primary image ca n 
obviously be read off if the image is received 
directly on a divided scale or " eyepiece micro- 
meter." If such a micrometer, of Ramsden 
form, is available, it can be used as it is. 
Usually, however, microscopes have only Huy- 
genian eyepieces and a simple glass-disc micro- 
meter which can be laid upon the internal 
field-diaphragm of any of these. In such a 
case the field-lens of the eyepiece to be em- 
ployed In ust be removed; this will reduce the 
field and "ill cause a great loss of sharpness 
in the extra axial images, but this must be 
put up with, as the field-lens, if left in position, 
would greatly reduce the size of the primary 
image and would therefore utterly falsify the 
results. By 0 bserving a " stage micrometer" 
divided in the same unit of length as the eye- 
piece micrometer, .:\1 0 may then be measured 
at any extension of the draw-tube. A first 
measurement should be made with the draw- 
tube completely pushed in ; let t.he result be 
)1 0 1 )= _ 
 oF., 
1'0 . 
The ri,aht side of this equation contains two 
unknown quantities and cannot therefore be 
solved for f' O' But if now a second measure- 
ment of .:\1 0 is made with extended tube-length, 
F'uFe will obviously be increased by the 


amount of the e)..tension D which can be 
measured by an ordinary scale. and a second 
equation will be obtained, 
)1 12 1= _ F'oF., +D 
- 0 f' 0 ' 
and combination of this (by subtraction) with 
the equation for )1 0 (1) gives at once 
f ' D 
0= - P1 o (2) _ )l o (I'}' 
'Vhen the equivalent focal length is thus de- 
termined, the location of F' 0 may be ascer- 
tained by measuring directly the location of 
the eyepiece micrometer with reference to the 
upper end of the tube, and by calculating F'oFe 
from the equation of the first observation. 
The location of the upper focal plane .nith 
reference to the lower end of the tube varies 
considerably in different objectives, especially 
in those of low power. This explains why 
objectives of the same equivalent focal length 
may give decidedly different magnifications 
when exchanged on the same mechanical tu be- 
length. Opticians frequently misstate the focal 
length of low-power objectives deliberately in 
order to make the magnification produced by 
them agree with what is traditionally expected 
from given focal lengths. There is also a 
traditional custom of assigning to ordinary 
objectives of high power a longer focal length 
than they really possess-a nominal -i
 inch 
being usually a -?:r inch; disagreements up 
to 20 per cent between the directly measured 
and the stated focal length need not therefore 
be taken as indicative of errors in the measure- 
ments. 
The eyepiece magnifies the primary image 
just as an ordinary magnifying glass magnifies 
a real object, and )I e may therefore be taken as 
equal to the quotient of the adopted distance of 
distinct vision (conventionally 2.30 mm. or 10 
inches) by the equivalent focal length of the 
eyepiece; f., may be determined by the method 
already described by temporarily attaching the 
eyepiece to the lower end of the microscope 
tube, or any of the usual optical bench methods 
may be used. The total magnification of thp 
instrument "ill then be 
l = )1 0 x )Ie' The 
total magnification may be determined directly 
by projecting the image of a stage micrometer 
upon a scale at the conventional distance of 
distinct vision from the eyepiece, or more 
strictly from the bright di
c of light (.. Rams- 
den circle ") seen a little above the eye-lens; 
this may be done visually by looking "ith one 
eye at the image of the sta.ge micrometer and 
projecting the latter by binocular vision upon 
a scale held at the conventional distance from 
the other eye, or a real image of the stage 
micrometer may be projected upon a white 
surface and measured. A very cle\-er simpli- 
fication of this process is due to )Ir. E. M. 
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Nelson; it consist,s in determining once for all 
the appa.rent diameter of the field-stop of each 
eyepiece when projected at the distance of 
distinct yision by one of the methods already 
referred to. The total magnification of any 
objective at any tube-length is then obtainable 
by a single observation by noting how many 
divisions of a stage micrometer are embraced 
by the field of the eyepiece in use. Thus, 
supposing that the actual diameter of the field 
of the eyepiece had been found as 162 mm. at 
the con ven tional distance of 2.30 mm., and 
that a certain optical combination was found 
to cover the diameter of this field with .2.37 mm. 
of a stage micrometer, the total magnification 
would be 


1\1 Iß2 631 t " 
= - 2 - 7 = - llnes. 
.' <J 


As owing to the very sensible distortion of 
all eyepieces the magnification is not a very 
accurately defined number, this process is 
amply sufficient and is certainly by far the 
most convenient. 
Abbe preferred a totally different way of 
viewing the magnifying action of the com- 
pound microscope. Referring to the ray traced 
in the diagram from the extra-axial object- 
point 0 1 , it is obvious that if the eye were 
placed at F'o the objective would act as an 
ordinary magnifying glass (provided the focus 
be slightly adjusted) and present the object 
under an angle V p . Therefore Abbe called 
the ratio of the distance of distinct vision to 
the equivalent focal length of the objective 
the "initial magnifying power" of the 0 b- 
jective and used this number as a constant 
of the objective. Following the ray from 0 1 
further, it is seen that it emerges from the 
eyepiece at an angle V' p with the axis; there- 
fore the object is seen through the whole 
microscope under this increased angle, and 
looking upon this increase of the angular 
subtense of the image as the characteristic 
function of the eyepiece, Abbe called the ratio 
tan U' p/tan U 11 the " angular magnification of 
the eyepiece" and determined the total magnifi- 
cation as the product of the initial magnification 
of the objective and of the angular magnifica- 
tion of the eyepiece. If the numbers are 
correctly determined, the resulting magnifica- 
tion is necessarily the same as that found by 
the older and more familiar method. The 
data supplied ,vith the Zeiss apochromatic ob- 
jectives and their compensating eyepieces are 
based on this system, which has been copied by 
other makers of lens systems of these types. 
On the older and preferable system the 
change of magnification due to change of 
tube-length is attributed to the objective; on 
the Abbe system it falls upon the eyepiece, 
the 12-times compensating eyepiece for the 
Continental tube-length being, for example, 


optically identical with tlH' IS-times e)epiece 
for the English tube. 
The Gauss theory of lenses may be applied 
to the microscope as a whole by tracing parallel 
bundles of rays in both directions through the 
entire instrument and so locating its principal 
planes and focal planes. The compound 
microscope is then found to be equivalent to 
a concave lens of very short focal length, and 
this aspect supplies the simplest solution of 
the problem of visual depth of focus. By the 
Gauss theory a lens must have an equivalent 
focal length f' = - L/).! in order to produce a 
magnification of 1\1 times at a distance L from 
its second focal plane, and the object must 
be placed at a distance l = f' /
I from its first 
or anterior focal plane. in order to yield a 
sharp image. Elimination of f' from the two 
eq nations gives l = - L/:\P. If L is put as the 
conventional least distance of distinct vision 
to which the usual magnification numbers 
are referred, i.e. L= - 2.30 mm., the distance 
of the object from the first focal plane must 
he l = - 250/),12. The normal eye can be 
accommodated for any distance up to infinity, 
and can tllPrefore see objects in the first focal 
plane of the complete microscope. Therefore 
l represents the total range of distance of the 
object accessible to a normal eye without 
change of focal adjustment of the instrument. 
The depth of focus (as it is usually called) due 
to accommodation of the eye i8 thet'efore 
= 2,')0/1\12, or 
at magnification 10: depth of focus 2.5 mIll., 
at magnification] 00: depth of focus .02.3 mm., 
at magnification 1000: delJth of focus ,0002.3 
mm. 


At high magnifications the depth of focus is 
thus shown to be an evanescent quantity, and 
the extremely high demands by microscopists 
as to delicacy and reliability of the fine adjust- 
ment of the focus is fully justified. It should 
be added that if the object is embedded in a 
medium denser than air the depth of focus is 
increR.sed in direct proportion to the refractive 
index of the medium. A second part of the 
focal range of optical instruments. due to the 
finite wave-length of light, will be referred to 
su bseq uently. It is not sufficiently large to 
moùify seriously the requirements as to delicate 
focal adjustment. On the other hand, it re- 
presents the only available latitude' of focal 
adjustment when the microscopic image is 
projected upon a screen or upon a photographic 
plate. 
Thf' most important propert.y of a micro- 
scope is its resolving power. The naked normal 
eye can see small objects, such as points or 
parallel lines when separated by a distance 
from centre to Cf'ntre of ahout .1 mm. Tlw 
microscope greatly diminishes this least diR- 
tance, and it soon became a matter of great 
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interest to define this increased resolving power, 
to discover the laws on which it depends, and 
to ascertain whether there is any definite limit 
to it. The most obvious conclusion froIll geo- 
metrical optics that this ought to be a mere 
question of magnif}ing delicate detail up to 
the size which the normal eye can apprecia.te 
was soon realised as being quite "rong. It 
was found that any given optical combination 
yielded additional detail only up to a certain 
moderate magnif)ing power, beyond which the 
imane became coarser or more fuzz v, without 
disclosing any additional detail. 
 Carefully 
conducted experiments then led to the con- 
clu8ion that the resolving power of well- 
corrected microscope objectives grew very 
nearly in direct proportion to the angle between 
the extreme marginal rays which could enter 
an objective from anyone object-point, and 
this angle (t" ice the angle U in the diagram) 
therefore became the recognised criterion of 
resolving power, and was adhered to until 
about 1873. In that year Abbe published 
the first short account of his researches on 
microscopic vision, which were based on the 
diffraction of light produced by the delicate 
structure of microscopic objects. He proved 
that the resohing power is strictly proportional 
to the sine of half the angle which up to then 
had been accepted as the criterion, but is 
further proportional to the refractive index of 
the medium in which that angle is measured. 
He introduced the now unhTersally accepted 
term "S umerical Aperture" for the true 
measure of resolving power thus discovered 
and gave it the symbol NA, 1"hich is therefore 
defined by 


XA=X. sin U, 


if U is the angle of the most oblique ray which 
can enter the microscope objective and N the 
index of the medium in which the angle is 
measured. Abbe also introduced a convenient 
direct-reading instrument, the" Apertometer," 
by which the numerical aperture can be deter- 
mined. In the case of "dry" objectives, 
i.e. those in which a layer of air intervenes 
between the object and the front lens, the 
1,..\ may be accurately determined "ithout 
any instrument by placing the tube of the 
microscope in a horizontal position, setting 
up two candles at a distance of about 50 cm. 
from the objective and moving them at right 
angles with the optical axis until the images 
of the flames are on the point of disappearing 
at opposite edges of the clear aperture of the 
objective under test as seen by the eye looking 
down thE' tube of the microscope. The triangle 
formE'd by the two flames and the focal point 
of the objecti\Te then obviously has the annle 
2U at the latter point, and U can be calcula
d 
by mea
urin
 the sides of the triangle. 
The resoh-ing power resulting from the Abbe 


theory for regularly spaced lines or rows of 
dots is expressed by the formula 
d _ ! wave-length 
- NA ' 
in which d is the centre-to-centre distance of 
the lines or rows of dots and the wave-length 
is the usual tabulated one, measured in air. 
As XA=K. sin U, and as sin U cannot exceed 
unity, the formula shows at once that the only 
possibilities for increasing resolving power 
beyond that usually realised lie in either the 
use of light of very short wave-length (ultra- 
violet), or in embedding the object in a medium 
of the highest possible refractive index and 
designing the objective so as to admit the 
"idest possible cone of rays in the embedding 
medium. Both possibilities have been ex- 
plored by Zeiss, the first by microscopes con- 
taining only quartz and fluorspar lenses and 
working "ith nearly monochromatic ultra- 
violet light, the second by a few immersion 
objectives using monobromide of naphthalene 
(5 = 1.6.3) as immersion and embedding 
medium. 


II. OPTICAL DESIGY OF 1\IrCROSCOPE 
OBJECTIVES 

 (1) HISTORICAL KOTEs.-Although John 
Dollond had discovered in 1757 how chroma- 
tically and spherically corrected telescope 
object-glasses can be produced by combining 
suitably curved crown and flint lenses, 
opticians did not succeed in usefully applying 
this principle to the small lenses required for 
the microscope until some fifty years later. 
The early small achromatic lenses were 
invariably composed of a nearly equiconvex 
crown lens and a nearly pIano-concave flint 
lens and were at first not cemented together. 
Although the microscopic object is always 
located at the shorter conjugate distance, the 
telescopic practice of turning the convex side 
of an achromatic lens towards the object was 
mechanically copied, "ith the result that even 
the achromatised lens had to be severely 
stopped down in order to reduce spherical 
aberration and coma to tolerable magnitude. 
Charles Chevalier of Paris first pointed out 
the absurdity of this procedure, and a very 
considerable advance immediately follm' ed 
the simple reversal of the lens. He also "as 
one of the first opticians who cemented the 
two components together and thus greatly 
reduced the difficulty of both making and 
mounting the lenses "ith sufficient preci.o;;ion. 
A further extension of the power of microscope 
objectives was secured by placing several 
achromatic lensE's one behind the other, but 
"ithout any definite principle as to rplative 
power and separation of the components. 
A most important advance in this respect 
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is due to a highly gifted English amateur, 
J. J. Lister (father of the late Lord Lister), 
who discovered in 1830 that every achromatic 
lens of the externally pIano-convex form, 
which at that time was exclusively used for 
microscope objectives, has two pairs of con- 
jugate points for which it is free from spherical 
aberration. Purely by wonderfully accurate 
experimental trials on the microscope he 
located one of these pairs of " aplanatic points" 
as realised when the lens produces a real 
inverted image of some definite magnification. 
Having adjusted the instrument for the 
corresponding tube-length he then tried 
another lens of the same type plac'3d at various 
distances in front of the first (between it and 
the object), and found that a distance could 
be found at which complete freedom from 
spherical abern'_tion of the combination was 
again secured. Obviously the front lens then 
produced a sharp and erect virtual image of 
the object at the first aplanatic point of the 
· back lens. The doublets produced in this 
way not only had the advantage of freedom 
from Rpherical aberration at a much larger 
aperture than had previously been found 
attainable, but could also be freed from coma 
in the outer part of the field by selecting a 
suitable ratio between the focal lengths of the 
components, and the field was very much 
flatter than with the close combinations 
previously used. The type originated by 
Lister is in fact so excellent that it is almost 
exclusively used to this day for the lower 
powers of the microscope; it must, however, 
be added that the freedom from spherical 
aberration of the two separated components 
is no longer adhered to, for it has been found 
that still better results, especially as regards 
the higher aberrations, are obtainable by com- 
bining a spherically under-corrected back lens 
with an over-corrected front lens. The Lister 
principle admits of repeated application, for 
a third lens may obviously be placed in front 
of a doublet so as to increase the magnification 
still further, and such triplets were very soon 
constructed under Lister's advice. 
These triplets, however, have not survived. 
'Vhen the Lister type of doublet is found 
insufficient, which happens when the numerical 
aperture approaches the modest value of '3, 
the optician now adopts a type originated 
by Amici, consisting of two over-corrected 
cemented back lenses and a simple thick 
pIano-convex front lens. 'Yhilst actually 
simpler than the Lister triplets, this type 
offerR far superior possibilities of good correc- 
tion of all the important aberrations and 
allows of raising the numerical aperture to 
.8 or even '85, which corresponds to the 
admission of a cone of rays from anyone 
point of the object of an angular extent of 
lOGo to 116 0 . The vast majority of ordinary 


high-power microscope objectives correspond 
to this Amici type, with occasional modifica- 
tions such as a triple cemented back lens 
instead of the more usual binary form. 
The final steps in the perfecting of the 
microscope objective are almost entirely due 
to Abbe, who was the first to apply rigorous 
computing methods to the problem. 

 (2) RAY -TRACING }IETHODS FOR :l\IICRO- 
SCOPE OBJECTIVES. (i.) Fundamental Fonnula. 
-The angles of incidence and of obliquity of 
the rays pa.ssing through a microscope objective 
are so large-reaching 30 0 and more even in 
the lower powers-that analytical met.hods of 
approximation are almost useless for purposes 
of ray-tracing. This must be done by rigorous 
trigonometrical formulae in strict accordance 
with the law of refraction. 
The formulae almost universally used for 
this purpose appear to be due to Bessel 
(Discussion of the KÖnigsberg Heliometer, in 
AstronomÙ,che Untersuchungen, Känigsberg, 
1841), but the slightly modified form given 
below is that found in Steinheil and V oit's 
handbook of applied optics. 
Referring to F
.g. I, let the ray entering a 
refracting spherical surface AP at P be defined 
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by its angle of obliquity U and by its inter- 
section length AB, for which \ve introduce the 
symbol L. If C is the centre of curvature of 
the refracting surface and r its radius, simple 
trigonometry gives the angle of incidence CPE, 
with symbol I, by 
. 1 L-r . U 
SIn =- SIn . 
r 


(1) 


If we apply the same symbols, but distinguished 
by a dash, for the data of the refracted ray, 
the law of refraction next gives 


. I , N . ] 
SIn = N' BIn . . 


(2) 


The angle at the centre of curvature ACP 
is exterior to both the triangle PCB formed by 
the incident ray and the triangle PCD formed 
by the refracted ray, hence 


ACP = U + 1 = U' + I', 


from which we obtain 


U'= U +1-1'. 


(3) 
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The trian!!le PCD then gives the intersection 
length of the refracted ray 
L' . I' r 
- r= sm f:in V' 


L'=(L'-r)+r, . (5) 
and the problem is solved. 
An interesting and highly useful relation 
results by introducing the value of sin I given 
by (1) into (2), then tIils value of sin I' into 
(-1), namely, 
(L - r)X sin V = (L' - r)X' sin V'. . (6) 
The standard computing formulae may occasionally 
become objectionably inaccurate in the value of "C ' 
found by them. V' is found according to (3) by 
adding to the given P the change of direction of the 
ray=I- I'. If the angles of incidence and refraction 
are unusually large, as happens frequently at cemented 
contact surfaces and also in the front lenses of high- 
power objectives. then I and I' are found by their 
sines or log-sines in a part of the table where a small 
change of the sine, and especially of its log, corre- 
spond:3 to a large change in the angle, and the latter. 
becomes correspondingly uncertain. In such cases 
a more accurate value of 1- l' may be derived from 
the less accurate value of I and I' obtained by (I) 
and (2) by a transformation of (2); by (2) 
sin I 
' 
sin I' =
' 


sin I-sin l' 
'-
 
sin I +sin I' :X' +X' 
and the formulae for sums and differences of sines 
give 


therefore 


I I :r\"' - X 
tan i(I- I )=tan 1(1+1 kT' y ' 
1"1 +
, 
The value of 1- r obtained from this formula has, 
in the case of logarithmic calculation, only about 
one-third of the inaccuracy of the value obtained 
from (1) and (2) for gla<;s-air refractions: in the case 
of contact surfaces the advantage is very much 
greater owing to X' -:x being then small compared 
to either :X' or X. 


. (7) 


The accuracy of the L' obtained from (5) 
",ill be insufficient when r is much larger than 
L/, because the quantity really determined 
directly from the data is (L ' - r), and if this 
is large, the usual logarithmic calculation will 
give only a few reliable decimal places and 
L' will be uncertain accordingly. :Moreover, 
there is no safeguard in the formulae against 
numerical errors, and as such an error at one 
surface "ill falsify the whole result, a reliable 
check is highly desirable. Both these 
desiderata are met in a most perfect manner 
by a simple formula proposed by Conrady: 
Draw the chord P A from the pole of the sur- 
face to the point of incidence. Triangle ACP is 
isosceles, and the angle at C = U + I = V' + I', 
consequently the angle 
APC=90 0 -l(U + I) =90 0 - !(U' + I'). 



Oï 


(4) 


The angles APB and APD between the chord 
and the incident and refracted ray exceed the 
angle APC by I and r respectively, and are 
therefore 90 0 - HF - I) and 90
 - !(U' - I') 
respectively. 'Yith these values the triangles 
APB and APD give at sight the check results 
PA=L sin U 
ec HU -I), 
L' = P A cosec U' cos !(U' - I'). (5) check. 
The value of L' so found should agree 
within the limit of accuracy of the calculations 
with that by (5): as the value of L' from the 
check formula is always more consistent with 
the corresponding value of U', and usually 
also more accurate, the value of L' found by 
the check should invariably be selected for 
retention. The value of P A found incidentally 
is also lilghly useful for other parts of the 
calculations of a lens system. It gives, for 
instance, convenient expressions for the 
rectangular co.ordinates of the point of 
incidence P with reference to the optical 
axis and the pole of the surface, for in the 
triangle _\PQ the angle at A is 
=90 0 - HV + 1)=90 0 - !(U' + I'). 


Hence 


x= PA sin l(V +1), Y = PA cos !(U +1). (8) 
A still more con'Venient exact formula for X 
is obtained by continuing the trace of the 
refracting surface to its second intersection 
A' "ith the optical axis and joining P and AÞ. 
The right-angled triangles PAQ and A'PA are 
similar and give 


X PA 
P A - 2r' 


or 


X - (P.A)2 
..L - 2r . 


(8*) 


This utility of P A for other purposes is the 
reason \\ hy the check formula is given in two 
parts; so computed it gives by its first part a 
value of P A which is proved to be correct by 
the verification of L ' and may therefore be 
used \\ith absolute confidence. 
(ii.) Sign Conæntions. - The computing 
formulae (1) to (8) have been deduced for one 
particular case in "hich all the q uan
i
ies 
entering into them were treated as posItIve. 
The formulae can be rendered valid for all 
possible cases by adopting appropriate 
ign 
conventions. )Iany of the sIgn convenhonR 
proposed in books on optics break down Un?ér 
certain special conditions. The followlllg 
conventions are free from this objection, and 
also give the usual signs of focal lengths and 
other data, the optical a"\.Ïs being taken as 
horizontal: 
(a) Intersection lengths L or L' and radii 
of curvature are gi'\en the positive sign if the 
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intersection points or centres of curvature lie 
to the right of the refracting surface. 
(b) The acute angle V between the optical 
axis and the incident ray is given the positive 
sign if a clock"ise turn would carry a ruler 
through this acute angle from coincidence with 
the optical axis to coincidence with the ray. 
(c) The signs of the starting values having 
been determined by the preceding rules, those 
of the derived quantities are fixed by the 
usual rules of algebra and trigonometry. 
The angles entering into calculations of 
optical instruments are almost invariably 
acute, hence no ambiguity can ordinarily arise. 
The only exception is the angle V + I at the 
centre of curvature, which frequently slightly 
exceeds 90 0 in the front lenses of oil-immersion 
objectives. But as it is found by addition of 
two acute angles of definitely known sign, no 
dou bt can arise in this case. 
As the direction in which the light travels 
does not enter into the above sign conventions, 
the formulae can be used with equal confidence 
and without any modification for calculations 
in either direction, which at times proves very 
advantageous, especially in eyepieces. 
In the case of microscope objectives the 
formulae are used exclusively for the tracing 
of rays from an original object-point on 
the optical axis of the system, and as the 
latter must be a perfectly centred one, the 
final as well as all the intermediate images 
will also lie on the optical axis. There is in 
fact complete symmetry with reference to the 
optical axis, and the result found for one ray 
at a given initial inclination V to the optical 
axis applies equally to rays of that inclination 
leaving the object point in any other azimuth 
with reference to the optical axis; in other 
words, the calculation for one ray covers a 
complete narrow circular zone of the system. 
In this simplest case of the application of 
the general formulae the continuation of the 
tracing of a ray through a following surface 
also assumes a very simple form, for if AlP 1 
in Fig. 1 represents such a surface at axial 
distance d' from the preceding one, the obvious 
rela tions exist : 
L 1 =1.'-d', VI = V', N 1 =N', (5*) 
and with these as starting values the ray can 
be traced through the new surface. 

 (3) PARAXIAL RAys.-Rays starting from 
t.he object-point at different values of V "ill 
in general give a different position of the 
respective final image-points, thus disclosing 
the longitudinal spherical aberration of the 
system, which must be sufficiently corrected 
if the system is to be a useful microscope 
ohjective. 
The usual first approximation in the correc- 
tion of spherical aberration consists in bringing 
together the image-points produced by the 


marginal zone and by the paraxial zone 
respectively. The computing formulae already 
given are easily adapted to the tracing of 
paraxial rays by noting that for these rays 
which pass very close to the axis all the angles 
will necessarily be very small: lwnce the 
difference between the sines and the angles 
themselves (measured in radians) becomes 
negligible, and cosines and secants become 
eq ual to one. If the paraxial angles and 
intersection lengths are distinguished by using 
small letters instead of capitals, the computing 
formulae therefore will be 
. l-r 

=u -r ' 


(lp) 


., .N 

 = 
N" 


(2p) 
(3p) 
(4p) 


u' = u + i - i'. 


[ ' ", r 
-r=
 " . 
1.( 


l'= (l'-r) +r, 


(5p) 
(.3p )* 


II = l' - d', 1.1 1 = 'l("
 . 


(l- r)N . u= (l' - r)
'u'. (6p) 
In the check formula the chord P Å becomes 
indistinguishable from the ordinate of the 
point of incidence, with sYIIìbol y, and the 
check therefore is 


y=l.1.(, 


l' = ',. . 
t1, 


(5p) check. 


Equation (7) becomes 
" ., ( . ", ) (N' -N) 

-
= 
+
 ( N'+N)' 
and the equations for X give 
1 . y2 
x= 2Y(U +
) = 2r' 


(7p) 


(
p) 


Strictly these formulae should be computed 
with a very small initial value of u. But inas- 
much as (lp) to (7p) are all linear equations, 
it is evident that if a calculation first carried 
out with an appropriately small value of the 
initial u were repeated with k. 'U as the initial 
inclination of the ray (k being any number 
whatever), all the other angles would come out 
at k times the first values, whilst the inter- 
section lengths would be absolutely unchanged. 
As the latter are the quantities of chief intereHt, 
the initial u at the first surface of anyone 
system may therefore be chosen quite freely, 
and in order to make the application of the 
sine condition as simple as possible it is most 
convenient to choose as the nominal value of 
the initial u the exact value of sin V for the 
corresponding marginal ray. Identity of the 
value found for the final 1.[' of the system 
with the final value of Rin V' of the marginal 
ray then indicates fulfilment of the sine 
condition without a calculation of any :kind. 
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It is, of course, necessary to bear in mind that 
these convenient large nominal values of the 
paraxial angles are fictitious when their 
absolute values are required for any special 
purpose. 

 (-1:) SPECIAL t
OR:\IULAE FOR PLA
E St:'"R- 
F-\.CEs.-Rays may be traced through plane 
surfaces at right angles to the optical axis by 
the general formulae by using a fictitious 
radius of curvature of such great length that 
the corresponding spherical surface only 
departs by a small fraction of a wave-length 
from a plane "ithin the full aperture at which 
the surface works. But special formulae. are 
far more convenient. Putting equation (1) 
into the form 
sin 1= sin F(t -1), 
it i
 seen that for r = 00 we have 1 = - U. 
Equation (4) similarly sho\\s that for a plane 
I' = - V'. "\Yith these special values of I and 
I' equation (3) gives sin V' =N/N' sin r, and 
on introducing the special values into the 
check-formula a formula for L' results, namely, 
, þ N' co
 ()' 
L =L tan U cotan V =L- N U ' 
.... cos 


by introducing the relation existing in this 
case between sin U and sin V'. The paraxial 
equations are easily deduced from the above 
and give the complete set of computing 
formulae: 


1= - U, 1'= - U', PI (I ) 
i = - 1(, 1"= -u', PI(l p) 
. U' N . U Pl(2) 
sIn = N' sIn , 
, 
 Pl(2p) 
u = X , 11, . 
L'=L tan V cotan U , PI(3) 
X' Pl(3p*) 
l' = 1. N' 
or L'= I 
 cos {T' PI(3*) 

 X . cos U' 


Pl(3*) is more easily computed than PI(3), 
and gives a more accurate rE'sult if the angles 
are small. PI(I) and (Ip) do not enter into 
the calculation, but are important for certain 
general discussions. 

 (.5) SPHERICAL ABEnRATIO
. (i.) General 
Fomllllae.-"\Yhen a paraxial and a marginal 
ra)-- are traced from an original object-point 
through a system, the difference (l' - L') at 
anyone surface indicates the longiturlinal 
spherical aberration. "\Yhilst the aberration 

s most easily found in this way it is obtained 
m a form which is highly misleading as to 
the real seriousness of the defect whiC'h is 
indicated, and ev.en more so with reference 
VOL. IV 


to the real contribution to the total aberra- 
tion by the separa.te surfaces. These un- 
desirable peculiarities of the longitudmal 
spherical aberration become apparent and its 
laws are disclosed by finding a direct expres- 
sion for it in terms of the computed angles 
and intersection length
. 
Standard equation (1) may be "ritten 
sin U r 
sin -1 - L-r ' 
which gives by 
imple transformations 
r sin U 
(a) L= sin I + sin U ' 
d (b) L - r _ sin 1 . 
an -1:-- sin I + sin U ' 
(a) may be further transformed into 

 _ sin I 
 s in U - si n 1 _ 1 _ sin I 
L - 
in I + sin U - sin I + f.Ìn U' 
and if this equation is multiplied throughout 
by X Ir it gives 
N X:X sin 1 
(c) L = ;: - r sin 1 + sin U' 
Standard equation (4) is identical in form 
\\;th (1), and treated in the same \\ay as the 
latter gives 
X' N' N' sin I' 
(d) 17= r - r sin I' + sin V '. 
As (d) applies to the ray after refraction, 
the X' sin I' in its last term is equal-by the 
law of refraction - to N sin I in (G), hence 
we may combine (c) and (d) by subtracting 
the first from the seconrl and treating N sin I 
as a common factor in the last terms, leailing to 


( ) 
_
_ N'-N 
e L' L - ., 



 sin I ( ] 1 ) 
+ -r' sin I + sin U Slñ1 ' + s m U' . 
Taking I/{sLTl I + sin IT) outside the bracket, 
using (b), and in the bracket the formula for 
the sum of two 8ine
, gives for the final term: 
Final term 
= N(L-r ) ( 1- sin !(U + I) cos HI - U) ) . 
rL sin I(U' + I') cos MI - V') 
By standard equation (3) U + 1 = U' + 1', 
hence the sines of half these angles cancel 
each other. Bringing the simplified brackeh>d 
term to a common denominator and applying 
the formula for the difference of t" 0 cosines 
next gives 
. X(L-r) 
Fmal term=2 - rL- 
sin HI - F + r - U') 
in }(I - F -1' + V') 
x - - - 
cos 
(I' - V') 


p 
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By elimination of U' from the l::lst numerator 
by (3): U' = U + T - I'. the final term takes 
its definitive form, and on introduction into 
(e) gives 
N' N N'-N 
-=-+- 
L' L r 
2 N(L-r) Rin !(I' - U) sin l (I- I' ) 
+ rL' cos !(!' - U') 


as a trigonometrically exact equation from 
whiC'h the laws of longitudinal spherical 
aberration can be deduced. If an object- 
point at any given distance, L, is considered, 
the first two terms on the right of (9) will 
be constant, hence variation of L' for rays 
at different inclinations, U, can only result 
from the final term which is thus pointed out 
as the one which determines the spherical 
aberration. Its value depends chiefly on the 
two sines in the numerator which for moderate 
vallleE of the various angles will, as was 
proved for the paraxial region, vary very 
nearly in direct proportion with the initial 
U of anyone ray, and therefore also in pro- 
portion with the distance, Y, from t.he optical 
axis at. which any ray penetrates the refracting 
surfacp. In first approximation the spherical 
aberration expressed by the last term there- 
fore grows with the square of the aperture, 
and as a conseq ucnce b'3comes small of the 
second order for the paraxial region. For 
paraxial rays equation (9) thprefore becomes 
N' N N'-N 
-l'= 1 + --;:-, (9p) 


which will he recognised as one of the hest- 
known and most useful formulae for the 
tracing of paraxial rayi. 
By deducting (9p) from (9) and making 
very slight reducti(ìns a perfectly general and. 
rigorous direct expression for the longitudinal 
spherical aberration at any spherical surface 
is obtained, namely 
N l'L' 
l'-L'=(l-L)N" lL 
_ 2 
 ( L _ ) l'L
 sin !(I
 - U) s
 !( I - I' ) ( 9* ) 
t- N' r rL . cos HI' - U') , 


In whiC'h the second term again represents the 
new spherical aberration produced by the re- 
fraction, whilst the first term shows how the 
spherical aberration (l- L) of the incident 
rays combines wIth the new aberration; in 
other words, the first term expresses the 
addition theorem of longitudinal spherical 
aberration. Ii is seen that (l- L) has to be 
multiplied first by N/N', which may vary 
from about .6 for a refraction from air into 
dense glass to about 1.7 for a refraction from 
dense glass int.o air. This product is further 
multiplied by the ratios of the conjugate 


(9) 


distances of the paraxial and marginal ray 
respectively: each of thC'se ratios may vary 
from zero if an incident ray parallel to the 
optical axis (lor L = 00 ) is rendered convergC'nt 
or divergent by the refraction, to infinite 
value if a convergent or divergent ray is 
rendererl parallel to the optical axis by the 
refraction at the surface. The extraordinary 
extent to which the longitudinal spherical 
aberration is frequently found to fluctuate 
from surface to surface when common SE'ns( 
and experience render it obvious that the rea,} 
departures of the rays from their ideal course 
is quite slight is thus fully explained. The 
second term in (9*) is easily seen to have 
similar misleading factors, so that the amount 
of the new aberration is aho found in a form 
which requires careful scrutiny before making 
up one's mind as to whether the aberration 
is really serious or not. Strong evidence is 
frequently found in actual optical designs 
that even experienced practical computers are 
not sufficiently aware of the very indirect and 
misleading nature of the indications which 
the longitudinal spherical aberration supplies 
as to the real seriousness and magnitude of 
the defect at anyone surface. 
(ii.) Conditions for ...11 in.irnum Spherical Abcr- 
rntion.-An extremely interesting and im- 
portant question, especially in connection 
with microscope objectives, is whether the 
aberration produced by a spherical surface 
can become small or zero for pencils of finite 
aperture. One such case is quite obvious, for 
if the 0 bject- point is infinitely close to the 
refracting surface, thC'n L will be infinitely 
small, rays at any pr
ctica.ble angle, U, will 
meet the surface very close to the optiC'al axis 
so that the curvature of the surface will be 
inappreciable and its tangE'nt plane may be 
substituted. In accordance with the formulae 
for plane surfaces, the L' will then also be 
infinitely small and there is no scope for 
spherical aberration. This most obvious C'ase 
is taken advantage of in all high-power micro- 
scope object.ives to reduce the magnitude of 
the aberration which would arise at the first 
surface next the object if the latter were at a 
considerable distance, simply by making the 
" free working distance" very small. 
Two other cases can be deduced from 
equation (9*). Discussion of its final term 
bv which the new aberration is determined 
shows at once that this term will be zero if 
L =r, that is, for rays directed towards the 
centre of curvature. Uneler these conditions 
L - r will be zero, which alone is sufficient. 
But in addition sin MI - I') will a l
o be zero, 
as for rays passin
 radially thf>fc is no devia- 
tion. It follows that for rays directed towards 
points close to the centre of curvature the 
aberration is small of the second order. This 
second case is also made use of in microscope 
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objectives of high power = it accounts for the 
very usual meniscus form of the lens next 
above the front lens. The second lens thus 
receives the diverging rays at small angles 
of incidence on its concave first surface and 
keeps the spherical aberration down to a 
manageablf' ma,gnitude. 
(iii.) _-1planatic Refraction.-In all cases not 
coming undpr the two which have bcen dis- 
cussed all the factors entering into the aberra- 
tion term of (9*) will have finite values, with 
the possible excpption of sin !(I' - U). If this 
factor became zero the aberration would again 
vani
h; that is the third and most impo
ant 
case of aplanatic refraction at a spherical 
surface. 


Sin !(I' - U) = 0 implies 1'= U 
and also sin I';:::: sin V. 
By combining equation!!! (1) and (2) it is 
ea3ily founa that quite generally 
. I , N L - r . U 
sm = N' -rsm . 


If, as in the special case under discussion, 
Rin I' =siu V, the general equation takes the 
form 


1- X L-r 
- N' r ' 


L-r N' 
or r =-N' 


from which follows 


L N' +N 
r-
 


NÞ+N 
or L=r
. 


If L satisfies this equation there will be no 
spheriml aberration, no matter how large the 
angles may be, right up to grazing incidence 
or emergence of the rays. As refractive 
indices are always positive, the case can only 
ariEe when Land r have the same sign, which 
implies that the object point lies on the 
concave side of the refracting surface. For 
refraction from air (N = 1) into glass (say, 
N = 1,5) the equation gives L= 2.5r, so thai 
the dir..gram used jn deducing the standard 
computing formulae approxim;tely represents 
this third case of aplanatic refraction. Several 
other interesting relations apply in this case. 
By (3) I' - U = I - V', hence the case also 
implies 1= V', and if this is followed up by 
the aid of (2) and (4) 1Il the same way as before 
it leads to 


L'=r N' +N 
N' , 


which for the numerical example already 
used 
nves L' = 1.667r. Combination of the 
equations for Land L' gives the additional 
intpresting relations 


L' N 
-L = .K / 


1 1 1 
and L + L' = r' 


Finally, the two conditions to be fulfilled, 


and 


sin I' = bin U 
sin I = sin U' 


give, on dividing the second by the first, 
sin V' sin I N' 
= 
sin U - sin I' N 
by the law of refraction. 
Therefore sin V'/sin V = K'/S =a constant 
for the surface. and this supplies the highly 
important further information that the optical 
sine condition is fulfilled in this third case of 
aplanatic refraction. The two conditions to 
be fulfilled, sin I' = sin V and sin I = sin V', 
also show, inasmuch as the angle of incidence in 
the less dense medium may reach but cannot 
exceed 90 0 , that the angle of convergence 
U or U' in the denser medium has the same 
range, that is, this caæ permits of deal- 
ing "ith cones of rays up to an included 
angle of 180 0 between opposite extreme 
marginal rays in the denser medium quite 
independently of the values of K and 
:N'. It is this unconditional freedom from 
spherical aberration for cones of rays of the 
.widest possible angular extent which renders 
this tbird case of aplanatic refraction so 
extremely valuable in the design of microscope 
objectives. It may indeed be stated that 
microscope objectives of high aperture are 
possible only by making use of this property 
of spherical surfaces. The curved side of 
the front lenses always corresponds fairly 
closely to the conditions which have been 
deduced. If the conjugate points are a little 
nearer to the refracting surface than is re- 
quired for exact aplanatism, then a very 
considerable collective refraction can be 
secured accompanied by spherical over- 
correction such as is usually only 0 btaina ble 
at the expense of a dispersion of the rays. 
Front lenses therefore depart from the exact 
theoretical position of the aplanatic points 
more frequently in this sense than in the 
opposite sense of too great a distance of the 
conjugate points from the refracting surface. 
It is an obvious conclusion dra"n from the above 
discussion that if the aberration accompanying a 
given deflection (I - I') is desired to be large, as most 
often happens at the dispersive contact surfaces 
at which over-correction is produced, then a large 
value of (I' - r) must be aimed at by having the 
conjugate points as far as possible R,\ay from the 
aplanatic position. Hence for conjugates lying at 
the concave side of a surface their distance should 
be a large multiple of the radius; but still higher 
aberrations will be secured by having the conjugate 
points lying on the corn-ex side of the surface, "hich 
is in fact the predominating practice. 
g (6) ZO
AL SPHERICAL ABERRATION. Ex- 
pres8ion as a Serie.
.-It has been pro'Ved that 
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the longitudinal spherical ..1berration grow
, 
in first approximation, \\ith the squarE' of the 
aperture of any given lens system. The form 
of equations (9) and (9*), however, makes it 
obvious that there must be higher terms in 
their d,:,velopment in series. The type of 
this series may be fixed without direct mathe- 
matical investigation by the simple considera- 
tion that on account of the symmetry of a 
centred system with reference to its optical 
axis a ra-): from an axial object-point entering 
a t the same angle below the optical axis as 
another abovf' the axis must suffer the same 
longitudinal aberration as to both magnitude 
and sign. Two such corresponding rays will 
have the ordinate Y of the point of incidence 
as well as the chord P A of the same numerical 
value but of opposite sign, whence it follows at 
once that the series giving the longitudinal 
aberration in terms of powers of Y or of P A 
can only contain even powers of these as well 
as of any other direct measures of the aperture; 
therefore the longitudinal aberration LA' must 
be represented by an equation of the form 
LA' = c t Y2 +C 2 Y4 +C 3 Y6 + etc. 
In systems of slight curvature such as 
astronomical object-glasses of the usual types, 
only the first term is sensible. Such systems 
can have their spherical aberration corrected 
in a practically perfect manner on paper. 
The very 8ensible residues of aberration 
frequently found by direct tests (such as 
Hartmann's) in such systems are due to a 
slight extent to departures from the prescribed 
radii and thicknesses, to a greater extent to 
departures from true spherical form of the 
polished surfaces due to elastic yielding of 
the lens and tools in the process of grinding 
and polishing, but chiefly, especially in large 
sizes, to want of homogeneity in the glass 
which at times even affects microscope 
objPctives. Empirical" figuring" of a suit- 
able surface is the only remedy for these 
technical defects, which cannot be either 
estimated or allowed for in the calculation 
of a lens system, 
In lens systems of somewhat bolder design 
the first two terms of the LA' series represent 
the longitudinal aberrat.ion with sufficient 
accuracy. If such a system iR spherically 
corrected for a particular zone of its aperture 
(usually the extreme marginal zone) the terms 
in Y2 and Y4 must be numerically equal 
but of opposite sign for that zone, whilst there 
will be residuals of aberration of the sign of 
the Y2 term between the paraxial and the 
corrected zone, and of th(' sign of the y4 term 
beyond the corrected zone, the former attain- 
ing a maximum value at ,,/I of the diameter 
of the corrected zone. Hence the rule that 
if the presence of zonal aberration is to bp 
ascertained a third ray (in addition to the 


paraxial and marginal ones) should be traced 
through the system at .7071 of the aperture 
selected for the marginal ray. 
In s
 stems of deep curvature, practically 
in àll microsf'orp objectives excct.'dillg an KA 
of about .3, still higher tt.'rms become sensible 
in rapid succession as the aperture increases, 
and a higher state of spherical correction 
must then be aimed at. In purely geometrical 
ray-tracing this is attained by demanding 
that the rays passing through three selected 
zones of the aperture shall be brought to a 
common focns, and it is usual to choose the 
paraxial, marginal, and the .7071 zones. 
If only the first three terms of the aberration 
series were of sensible magnitude this would 
lead to pt.'rfect spherical correction for the 
whole aperture. In reality the higher terms 
follow so closPly on each other's heels that the 
tracing of intt.'rmediate rays again reveals 
secondary zonal variations. But there is no 
systematic method for the removal of these 
higher zonal variations. 

 (7) THE PHYSICAL ASPECT OF SPHERICAL 
ABERRATION. (i.) General Considcration.-It 
will have been gathered from the preceding 
geomet.rical discussion of the problem of 
spherical aberration that its chief weakness 
lies in the method of measuring the magnitude 
ùf the defects which the longitudinal spherical 
aberration indicates. It is usually attempted 
to estimate the true magnitude by discussion 
of the series for LA' with a view to determining 
the smallest diameter of the confused pencil 
of rays resulting from the abE'rration. It is 
then assumed that the focus of the instrument. 
will be adj usted so as to throw this smallest 
possible geometrical image upon the retina of 
the eye (or upon the photographic pla.te) and 
that each 0 bject- point will be seen or photo- 
graphed as a dot of the size of this "cirde 
of least confusion. " 'Vhen the spherical 
aberration is of very considerable magnitude, 
these assum pt.ions are very nearly correct. 
Cases of that kind, however, are of extremely 
rare occurrence in practically useful optical 
instruments. Telescopes and microscopes of 
the present day are expected to realise the full 
theoretical resolving power of a perfpcUy 
corrected instrument as defined by the integra- 
tion of the light effect at a perfect focus in 
accordance with the undulatory 
heory of 
light. As the limit of defining powt.'r so 
determinE'd is decidedly stringent, only small 
amounts of aberration can be tolerated. In 
this, practically the only interesting casC', thp 
geometrically determined circle of least con- 
fusion becomes absolutely useless as a measure 
of the size of the actual image of a point: as 
will be shown, the geol1letri('al circle of least 
confusion may be four or more times the size 
of the image really seen by the eye before any 
sensible deterioration due to spherical aberra- 
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tion sets in. It might be argued that this 
must surely be in favour of adhering 
o the 
geometrical measure, inasmu
h as. a
 mstru- 
me nt sati:;fyinO' the O'eometncal limIt would 

 0 0 I 
prove quite perfect when submitted to actua 
test by light of finite wave-Iefolgth. The answer 
to such an arrrument is that ill order to reduce 
his circles of least confusion to the size of the 
physically determined image of a point, the 
purely geometrical designer "ould have to 
stop at a very much reduced aperture of a 
system of any given number of component 
l
nses. As the true resolving power is pro- 
portional to the aperture, he would t
us 
invariably produce a system of lower. resolvmg 
power and with a smaller light gathermg power 
than could be produced "ith the same number 
of components by taking the finite '
'a
-e- 
length of light into account in determlIllIlg 
the permi:;sible aperture. Adherence to the 
geometrical method must 
herefore prove a 
severe, if not a fatal, handIcap whenever the 
best possible result is to be secured "ith a 
given number of components. 
Physically considered, a lens system chan?es 
the curvature of the light-waves passmg 
throuCfh it: if perfect the system turns the 
spher
al waves sent out by any ?bject-point 
into truly spherical waves convergmg towards 
the conjugate image-point; consequently the 
light sent out at a given instant from the 
object-point towards every part of the clear 
aperture would a little late.r arriv
 absolut
ly 
simultaneously at thp conjugate Image-pomt 
and would produce a maximum brightness 
of the image o"\\ing to the total absence 
of differences of phase. The simultaneous 
arrival at the image-point of light traversing 
all parts of the clear aperture is therefore the 
physical definition of a perfect optical system. 
In
smuch as the rays of geometrical optics 
are normals of the corresponding wa ve- 
surfaces, this physical definition of a focus. is 
in the case of perfect systems identical wIth 
the geometrical one; for if the waves 
on- 
verO'ing towards the image-point are sphencal, 
the
 their normals, the" rays," "ill be radii 
and "ill therefore meet at the image-point. 
(ii.) Physical Theory.-But whilst the geo- 
metrical theory claims a perfect point-focus, 
the undulatory theory merely demonstrates 
that there is a maximum of intensity at that 
point, because the light reaches it "ithout any 
differences of' phase. In accordance "ith the 
principle of Huygens as eÀtended by Fresnel, 
even a truly spherical wave produces a light. 
effect outside the cone of "rays" to which 
it corresponds. If, in Fig. 2, 0 represents an 
object-point sending out spherical waves like 
\V and if the lens system chan
es these waves 
into a form like 'V' converging more or less 
perfectly towards an image-point 0', then, 
according to the' principle referred to, the 


light-effect at any point whatever beyond 'Y' 
can be dC'termined hy considering each sm.face 
element of 'Y' as a luminous point sending 


w' 


o 


0' 


FIG. 2. 


out spherical waves and by integrating the 
com bined effect at any point of these 
elementary waves over the whole surface of 
,Y'. G. B. Airy 1 carried out this integration 
for the intensity distribution produced by ã 
perfect lens system in the plane of the geo- 
metrical image and arrived at the well-known 
"spurious disc" surrounded by concentric 
diffraction rings of rapidly diminishing in- 
tensity. In this simplest case the light from 
all points of the emerging" ave \Y will arrive 
at 0' in the same phase. If there is spherical 
aberration present, then the emerging waves 
"ill be distorted and "ill no longer be of the 
ideal spherical form, and there "ill not be a 
definite point like 0' at which all light arrives 
in the same phase. In order to discuss these 
cases (strictly speaking, the only ones ,,
ich 
are of practical interest as perfect spherIcal 
correction is utterly impossible) it is necessary 
to determine the phase relation with which 
licrht arrives at any assumed position of the 
i
age-point. Thi; is done by finding an 
alO'e braical expression for the total length of 
o;Úcal path from an object-point to the 
assumed image-point, in the first instance for 
a sinCfle spherical refracting surface. 
In C' Fig. 3, let AP represent the trace of a 
spherical refracting surface with csntre at C, 


B 


D 


:FIG. 3. 


separating a medium of index 
 to its left 
from a medium of index N'to its right: let 
B be the luminous 0 bject- point at distance 1 
from the pole A, and D at distance [' from 
the pole the point for which th.e differe.nces of 
optical path are to be determmed, usmg the 
axial path BAD as the reference standard. 
Physically the refractive inde
 represents the 
ratio of the velocity of light In empt.y space 
to that in the given medium. hence a path 
I l in a medium of index X takes as long to 
1 Camb. Phil. Trails., 1834. 
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trayerse, or is optically equi\'alpnt to, a path 
NZ in empty spacE". Reducing all paths to 
their equivaknts by this relation, there results 
-bearing in mind that l in the diagram is 
negative in accordance with the adopted sign 
COIn ention- 
Equivalent axial path =N'. l' - N . l, 
Equivalent marginal path =N'. PD - N, BP. 
Introducing the rectangular coordinates x and 
y of point P the second equation becomes 
I , . 
E.m.p. = N'",; (l' _X)2 +y2 -N, (l-X)2 +y2, 
in which the roots must obviously be taken 
with the signs of l' and l respectively. For a 
spherical surface y2 = 2rx - x 2 , hence 
E.m. p. = N' ,.j l'2 - 2xll' - r) - N ,ll2--:::-2x(l- r). 
The difference axial-marginal path will 
determine by how much the axial path is 
longer than the marginal path; or more con., 
veniently put, it gives the lead of the marginal 
light. Introducing the symbol OPD for this 
optical path difference, it is found as 
OPD= N'l'( 1- ,/1 - 2x l 'l-:'/ ) 
-Nl(l- ,!1-2 }-;/ -). 
Putting p =x(l- r)Jl2 and p' =x(l' - r)Jl'2 and 
developing the roots by the binomial theorem, 
the result is 
OPD=N'l'[l- (I-p' _!p'2_ 
.p'3, etc.)] 
- Nl[l - (1 - P _}p2 _-b)3, etc.)], 
or, differently ordered, 
OPD=N'.l'p' -N.. lp +i(N'.l'p'2_N .Z p 2) 
+ !(N'. l'p'3 - N . 1 p 3), etc., 
and this is valid for any position on the optical 
axis of the assumed image-point D. 
If the values of p and p' are reintroduced 
and x, in accordance with the last of equations 
(8), is put equal to (PA)2f2r, the value of OPD 
becomes 
OPD- (PA)2 ( N,l' --r _ N l - r ) 
- 2r l' 1 
l ( PA ) 4 ( N'(l' -r)2 _ N (Z - r)2 ) 
+ 8 r 2 l'3 r'l.l3 
1 6 ( N'(l'-r)3 N (l-r)3 ) 
+1()(PA) 
- r 3 l 5 + etc. 


Evidently the first term in (P A)2 will disappear 
if the bracheted factor becomes zero. But 
N ,l' - ! _ N l - r _ 0 
l' 1 - 
ean be easily converted into 
N' N'-N N 
l'=r-+T' 


an equation already deduced (see (9p)) as the 
condition fulfilled by the location of the 
paraxial geometrical image of the object- 
point. The difference of optical paths with 
which a ray at finite distance from the optical 
axis reaches the paraxial focus is therefore 
OPD = -1(PA ) 4 ( N'(l'-r)2 N(l-r)2 ) 
l' 11 . r2l'3 r 2 l 3 


1 6 ( N'(l' -r)3 N(l-r)3 ) 
+ TIj(P A) r 3 l'S - r 3 ls- ' etc. 


(10*) 


(10) 


This equation obviously gives the spherical 
aberration in terms of differences of optical 
paths. The latter will be obtained in \\ ave- 
lengths by multiplying the right side by the 
number of wave-lengths contained in one unit 
of length (approximately by 2000 if the 
millimetre is used or by 50,000 if the inch is 
adopted) and is seen to grow with the fuurth 
and higher even powers of the a])erturc, 
whereas the longitudinal aberration as defined 
geometrically grows with the square of the 
aperture. 
The differences of phase therefore increase 
very much more rapidìy than the equivalent 
longitudinal aberration when they once have 
reached sen3i ble magnitude; on the other 
hand, the diffL
rences of phase will remain 
insensible in a zone surrounding the optical 
axis which is much larger than that in which 
the longitudinal aberration remains small. 
As the OPD found for a ray at a surface measures 
the lead which it has gained with reference to the 
corresponding axial ray, it is evident that the addition 
theorem of the OPD for a number of surfaces is the 
simplest possible one, namely, simple algebraical 
addition of the separate values found for each surface. 
Thig is, however, strictly correct only if equation (10) 
is used and if the l' introduced into it is the true 
intersection length of the marginal ray as found 
trigonometrically. The reason for this restriction 
is that in the propagation of waves of an. ðtC'llt 
which is a large multiple of a wave-length the energy 
represented by the vibrations travels in the direction 
of the geometrical rays and must therefore be traced 
along thp latter. The direction towards the para).,ial 
focus differs from that towards the actual intersection 
point of a ray at finite angles by the amount of the 
angular value of the spherical aberration, and a 
correction is called for which, although small and 
easily determined, is a troublesome addition to the 
numerical work and makes another method of 
calculating the OPD to be given presently decidedly 
more conveni('nt. 


The correction referred to brings in sma]] 
additional terms of the 6th and higher even 
orders; it therefore does not alter the law of 
increase of the OPD with apprture, so that for 
any centred optical systpm the OPD as given 
by (10) will be expressed by an equation of 
the form 
Ol>D= c 1 Y2 + c 2 Y4 +"caYG +- etc., 
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for any assumed position of the image-point, 
and by an equation (10*) of the form 
OPDv=d1yt +d 2 Y6 + etc., 


for the paraxial image-point. The presence 
of a term in Y2 for points other than the 
paraxial focus is of great importance in the 
di8cussion of the location of the best image 
and in laying down the limits of tolerance for 
r.esidual spherical aberration. 'Yhen the 
equations are "ritten "ith undetermined 
coefficients C 1 etc., they hold for any reasonable 
measure Y of the aperture, as for instance the 
ordinate of the point of penetration of the ray 
through anyone surface of the system, or the 
angle of convergence of the issuing or entering 
ray, for all these different measures are con- 
vertible into each other by series progressing 
in alternate powers of any given measure of 
the aperture, by reason of the symmetry of a 
centred system around the optical a}..is. 

 (8) TRIGO:XO:\IETRICAL CALCULATIO
 OF 
THE OPD.-Let a spherical wave OA, Fig. 4, 


.... 


ù......,--, 
D B 


FIG. 4. 


in the medium of index X to the left of the 
rcfracting surface AP, be converging towards 
B. ,rhile the marginal part of the wave is 
traversing the distance OP in the medium of 
indf'x X, the axial part has entered the new 
medium of inde:\ N' and the optical paths of 
the two parts are necessarily equal. As the 
mar
inal ray is refracted towards D in the 
direction given by the ordinary law of 
refraction a ne" spherical wave EP, with D 
as centre, would result if there were no 
spherical aberration. Therefore in this case 
the optical path 
\E would be equal to the 
optical path OP. Conversely, if the optical 
paths OP and AE are separately computed 
and found to differ, the difference will represent 
the OPD due to spherical aberration. 


Describe an arc of a circle pp' with B as centre 
cutting the axis in P', and draw PQ perpendicular 
to the axis. 


Then 


OP=AP'=AQ- P'Q. 


Join AP and P P. The triangles CAP and EPP' 
are both i!'1oo.'
celes. As the angle at C is = V + I and 
the angle at B = r, it follows that angle P AQ =90 0 - 
l(r ..L I) and angle PP'Q =90 0 -IV, whence putting 
PQ=Y 


Or= Y(tan !(U +1)- tan tV). 


Tlu' di;o;tance AE may be evaluated in the same \\av 
reuwmbering that PèA=Ð'+1' and PDÂ={T', an
1 
\\ e find 


AE= Y(tan l(L' + I') - tan iL'). 
And the OPD at the marginal focus D is found by 
multiplying AE and OP by the re;:;pecti.e indices 
and taking their difference. Thus, 
OPDm=
'. Y(tan !(V' +1')- tan tV') 
- 
. Y(tan l(V +1)- tan !U)
 
"
hence on reduction we have 
, sin II' 
OPDm=N. Y cos l (V'+I' )cosl V' 
_ X . Y sin II . 
cos I(V +1) cos lV 
Multiplying numerator and denominator of the first 
term by 2 cos iI', and of the second by :2 cos II, the 
numerators of the fractions become sin I' and sin I 
respecth-ely, and as X' sin I' = X sin I and (V + I) = 
(V' +1') the equation becomes 
,..., Y . I , 
OPD m =:'1 . sm 

 cos leU +1) 
[ COB 11' 
os IV' COB II IC08IV J. 


or on bringing the square bracket to a common 
denominator 


D 
' . Y sin l' cos lV cos II - cos lI' cos lV' 
OP m - --. 
2 cos l(V +1) cos!I cos!U cos II' cos IV' 


The numerator of the second fraction can be further 
simplified by putting cos 1V =cos (1({T - V') +!U') 
and resolving. also puttingcosll' =cos (!(V - P') +11), 
'" ruch is obtained by transposing V + I = V' + 1', and 
resolving this. The numerator is then obtained in 
the form of four terms, two of which cancel each 
other whibt the other t\\O combine and lead to the 
equation 



' . Y sin l' sin l(V - V') sin leI - V') 
OPD m = , . 
2 cos IU cos II cos l(U +1) cos 11 coo IV' 
It is more convenient for computation to 
replace the ordina.te Y by the chord P A. 
Using Y =PA cos HU +1) this gives 
OPD _ S'. PA. s in !' 
in HU - (T')s i n HI -121 
m- 2 cos !U cos P cos -kI' COB iV' . 
(10**) 
For a plane surface P A. becomes identical 
with Y and as by Pl(l) 1= - U and I' = - V', 
the equation for plane surfaces is 
plane: OPD m 
_ N' . Y sin U' 
in HU 
 l
 ') si n_ HU -- F' ), 
- - 2 cos 2 
 U ('08 2 !U' 


(10**) 


in which Y=L tan P=L' tan V'. 
These equations are more rapidly computed 
than the number of terms would sug'[!('st 
because they gh-e the OPD directly, not as a 
small difference of two large numbers. 
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As it is hardly ever of interest to know the aberra- 
tion at anyone surface within less than 0.1 per cent, 
four-figure logs are quite sufficient and the cosines in 
the denominator rarely call for any interpolation, as 
the angles are usually small. The aberration at the 
tinal marginal focus of a system is strictly equal to 
the algebraical 
um of the OPD m values found for 
the separate 
urfaces becau
e the ray is traced in this 
case along the path assigned to it by the law of 
refraction. There is therefore no correction of any 
kind to be applied to the result obtained for anyone 
ray. On the other hand, should several rays, at 
different distances from the optical axis, be traced 
through a system, the OPD m obtained for them wil1 
not be directly comparable, as each one will be referred 
to its own geometrical intersection point. General 
theoretical discussions are therefore preferably based 
on Equation (10). 
The differences of optical paths are a direct 
measure of the distortion from true s})herical 
form of the waves emerging from a lens 
system. For that reason they make possible 
a really valid discussion of the limits within 
which spherical aberration must be corrected 
if the full theoretical resolving and defining 
power of a lens system is to be realised. This 
discussion is of particular importance in the 
case of microscope-objectives on account 
of their deep curvatures and consequent 
large amount of higher aberrations: but the 
results are equally valid for any other kind 
of centred optical systems. The foundations 
for this treatment of the aberrations were 
laid by the late Lord Rayleigh. 

 (9) THE RAYLEIGH LDIIT.-In 1879 Lord 
Rayleigh 1 arrived at the conclusion that an 
optical system would give an image only slightly 
inferior to that produced by an absolutely 
perfect system if all the l-ight arrived at the focus 
with differences of phase not exceeding one quarter 
of a wave-length, "for then the resultant can- 
not differ much from the maximum." This 
paper ought immediately to have marked the 
beginning of a new epoch in the design and 
discussion of optical instruments. But the 
barren, purely geometrical treatment of the 
aberrations went on for many years, possibly 
because the conclusion was jumped at that 
equalisation of the optical paths from object- 
point to image - point (themselves rarely 
measuring less than eight inches) within one 
two-hundred-thousandth part of an inch was 
an impossible ideal. As will be shown, this 
is so far from being correct that in reality it 
is far easier to correct the aberrations within 
the Rayleigh limit than to bring the geometri- 
cal " rays" within a " circle of least confusion " 
of the size of the image which has for a long 
time been known as attainable. The adoption 
of the Rayleigh limit thus makes it possible 
considerably to increase the aperture of a lens 
system of given type and to come close to the 
1 Collpctf'(l Papers, i. 415-453; Phil. .JI ag., Oct. 
1879, viii. 261. 


full theoretical resolving power with systems 
which, judged geometrically, would appear 
hopelessly over- or under-corrected. 
These remarkable and highly valuable fact.s 
are easily proved by determining the aperture 
at which the Rayleigh limit is reached in the 
presence of aberration and by establishing 
the relation between the physical and the 
geometrical measurement of the aberration. 
If D p in F'ig. 5 is the para
ial focus of a 
lens system, then in the absence of aberration 


a train of spherical waves like P A would be 
converging towards this focus. Aberration will 
cause the actual waves to be di
torted, and the 
OPD equations will determine directly the 
distance PP' by which the distorted wave is 
separated from the corresponding ideal 
spherical wave. If the law of increase of the 
OPÐ with increasing aperture is known, the 
complete form of the distorted wave with 
reference to the ideal wave will be defined. 
In all optical instruments intended for high 
resolving power the angle of the cones of rays 
converging towards the final image point is 
always very small (much smaller than the 
exaggerated diagram suggests), the emerging 
waves rarely reaching an angular extent of 
even 50. Under these conditions the difference 
between the arc AP and the ordinate Y of 
point P will be negligible and the differential 
coefficient d(PP')jdY will be the measure 
in radians of the small angle between the 
ideal and the distorted wave and therefore 
also between their corresponding normals. 
The normal of the actual emerging wa ve 
represents by definition the true geometrical 
ray passing through any point P'. If Ðm is 
the intersecting point of this ray, the angle 
DpP'Ð m , or the angular aberration of the 
ray, denoted by the symbol [AA'], is therefore 
defined by 


[AA'] = d(Od
P) , 


no matter of what order the wave distortion 
may be, provided only that the angle of the 
cone of rays is reasonably small. If the ray 
at finite angle is produced to intersection at 
D'11I with a normal plane described through 
Dv, th('n th(' distance ÐpÐ'm =TA' represents 
the transverse a berration and triangle 
Ð;pP'D'm gives with ample approximation 
TA' = l'[AA'] = l ,d(

D) . 
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Finall} the triangles DmDpD'm and DmAr I a
ial focus "ill be rE'presentcd by the first term 
which are approximately similar give the of 10*, or 
longitudinal aberration DrnDp=LAÞ as 


L:\Þ = TAÞ LÞ = l'L' d(OPD p ) 

 Y Y dY' 


These important relations bet\, een the differ- 
ences of optical paths and the various measures 
of the corresponding geometrical aberrations 
may be collected in the form 


d(OrD p ) 
dY: 


[ " "' ] TA' L '" Y 
rL""1.. = T = 
""1.. l'"f}' 


.As in the case of the geometrical aberrations, 
so in that of the differences of optical paths 
the best image is usually found at some little 
distance from the paraxial focus. The effect 
of such a change of focus must therefore be 
determined. 
Let D in Fig. () at a distance df from the 
paraxial fncus D p be a point for which the I 


FIG. 6. 


phase relation of light from P and from A 
respectively is to be determined. At D p there 
"ill be a lead of the inclined ray by OPD p. 
The axial path to D is shorter than that to 
Dp by df. The ine-lined path from P to D is 
shorter than that to Dv by the difference 
PD p - PD. 
In all cases of practical interest df is very 
small compared to DP, and the angle DPD v 
measures a moderate num bel' of seconds of 
arc. lJnder these conditions the difference 
betwcf:'n PD p and PD "ill be sensibly equal to 
DDp, the projection of DDv upon PDp. Conse- 
queni.:ly the ligbt from P "ill arrive at D with 
a lag=df(l- cos DDpD') ='2df sin 2 
DDpD'. 
Cnder the restriction to small angles of the 
cone of rays sin DD p D'/2 is sensibly equal to 
Yj2r. Hence the phase relation at D "ill be 


OPD= OPD v - idf(j) 2, (II *) 
in which df is treated as positive when lying 
towarò.s the lens system, which is contrary to 
the u
ual sign convention but is in accordance 
with the ge
leral custom of treating spherical 
under-correction as positive. 

 (10) ABERRATIO
 O
 THE 'YAVE THEORY. 
-The principal cases of interest can now be 
discussed. (i.) Ordinary or primary Spherical 
Aberration.-The wave distortion for the par- 


OPD p = k. Y4 (k a constant), 


or 


d (OPD p ) - 4J. "
3_ 4 0
 
v 
dl ..1 - Y. 


By equations (II) these give the corresponding 
geometrical aberrations as 


(II) 


Y Y Y2 
OPD p = LAA']. -1 = TA Þ 4 1' = LA'41'2' 


and if the last of these equivalents of OPD v 
is put into (II*) the phasE' relation at any 
slùfted focus is obtained as 


Y2 
OPD = -1l'2 (LA' - '2df). 


If df = LA', that is, for the marginal focus, 
this gives 
Y2 
OPD m = I1'2( - LA') = - OPD p . 


In the case of simple spherical aberration the 
axial and marginal light therefore meet with 
precisely the same difference of optical paths 
at the marginal as they do at thf> paraxial 
focu.5, only the sign of the difference is re- 
versed. 
If df=tL
' or for the point exactly midway 
I bf>tween paraxial and mB rginal focus, the 
difference of optical paths between axial and 
marginal light disappears. These relations 
become geometrically obvious if a. diagram is 
drawn (Fig. 7). 
The true dis- 
torted wave re- 
presented by the 
thick curve 
bends away from 
the ideal wave 
for the paraxial Dm 0 D p 
focus in propor- FIG. ï. 
tion to the fourth 
I power of the aperture. A normal of the 
true wave at any selected aperture deter- 
mines the marginal focus Dm, and a circle 
tangent to the true wave in the axis and "ith 
Dm as centre represents the ideal wave for 
the marginal focus, and at the selected aperture 
lies as far within the true wave as the para)jal 
ideal wave lies outside. The existence of an 
intermediate point D such that its ideal wave 
cuts the true one at the selected aperture is 
at once obvious. But it is also readily seen 
that this is the closest fitting spherical wave 
"ithin the selected aperturp, for if D were 
moved towards Dm thp lump formed by the 
true wave bet" een axis and marcin would mani- 
festlv become hÜrher, whilst. if
D were moved 
fron; the midwa

 point towards Dp the inter- 
mediate lump of the true wave would diminish 
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to a less extput tha,n the rapid growth of the 
projection of the marginal part of the true 
wave within the spherical wave under con- 
sideration. I t may therefore be taken without 
algebraical proof (which, however, is easily 
supplied) that the rpsidual differences of phase 
are smallest at the point midway between the 
paraxial and extreme marginal geometrical 
foci. 
Their amount is easily determined. In the 
general equation 
OPD=!(
) 2(LA' - '2df) 


LA' represents the longitudinal spherical aberration 
for the zone of semi-aperture Y and by the law of 
simple spherical aberration varies with y2. Now 
let the full aperture be Y 1 and the corresponding 
spherkal aberration LA' 1: then, by the law just 
referred to, 


LA Þ = LA' y2 
1 y2 1 ' 
and the equation for OPD becomes 
OPD= LA'1 y4 _dF:!1 
y2 1 4l'2 J 2l'
' 
This is easily proved to give a maximum value for 
y2 =dfy2 1 / LA'I' and on putting this value of y2 into 
the equation for OPD it becomes 
OPD ' _ y2 1 df2 
maXlmum- -!1I2 LA Þ 1 . 
For the best focus df =!LA' l' hence at mid-focus 
OPDmaxiu1Ulli = - -it) LA;12 Y21 . 
Comparing this with 
OPD = l LA 'I Y2 1 
p 4" 1'2 ' 
the highly important result emerges that at 
the best focus midway between the paraxial 
and extreme marginal foci the residual differ- 
ences of optical paths are of only one-quarter 
of the magnitude attained by them at either 
the paraxial or the marginal focus. 
The case of simple spherical aberration was 
one of those on which Lord Rayleiah founded 
his limit. But he did not extend his work to 
the paraxial focus and did not observe that 
there is a point at which the physical aberration 
sinks to only one-q muter of its paraxial value. 
n. follows that OPD p may be allowed to 
reach a whole wave-length without infringe- 
ment of the Rayleigh limit for the best focus. 
Again, assuming an average wave-length as ,00002" 
or .0005 mm., equation (11), combined with the 
equation used above, d(OPDv)ldY =40PD p IY, may 
be used to determine the va'ues of the geometrical 
aberrations at which the Rayleigh limit is reached. 
'Ve have 
y Y YI 
[AA' ] =TA'. = LA' - 
4 4l' . 4l'2 
= :t .00002" = :t .0005 mm. 


These formulae are most convenicntly evaluated 
for the ratio of focal length to apl'rture--the f- 
numbers of photographic optics-represented by 
l'I'2Y. As regards TA' it is \\ell known that the 
"circle of least confusion" of geometrical opt iI's 
has a diameter equal to l TA' and 


TA Þ Y LA Þ 
-=LA'.-- 
2 2l' 4 times the f number. 
Th
 is ?irectly comparable with the resolving power, 
whIch, 1Il accordance with microscopical experience, 
is defined by the product of the wave-length and the 
{-number and means that two points at that distance 
III the image can just be seen apart. 


TABLE I 
RA YLEIGH LIMIT FOR SIMPLE SPHERICAL 
ABERRATIO:Y 


l' 
-2y=f-number. f18. f116. f/:32. 
-- 
Permissible LA Þ . :t .O
O" :t .082" :t .33" 
! T A' = diameter 
of geometrical 
circle of least 
confusion .OOOö3 -0013 .00:!u 
Actual resolving 
power=f-number 
x wave-length .000 lU '0003
 .OOOÖ4 


The permissible residue of longitudinal spherical 
aberration is seen to be surprisingly large, especially 
for the slender image-forming cones (rarelv wider 
thanfflU) of microscope objectives. The geo
letrical 
circle of least confusion comes out at exactly four 
times the rt'solving power of the system, indicating 
the erroneous results obtained from the geometrical 
theory. 
The realisation of the full resolving power 
stated in the last line of the table at the 
present time rests not only on direct observa- 
tion and on actual experience in designing 
lens systems on the basis of the Rayleigh limit. 
but has also been verified by direct calculation 
of the light distribution in thp plane of the 
best focus and in the neigh bourhood of that 
plane. 
It might at first sight appear that the 
" tolerance" for primary spherical aberration 
was of no interest in the discussion of highly 
corrected instruments because they arC' ex- 
pected to be free from this defect.. They, 
however, are so only if used in accordance 
with the intentions of the designer. In prac- 
tice large liberties are taken by using micro- 
scope objectives at tube-lengths widely depart- 
ing from that for which they were corrected, 
and in telescopes both by using eyepi<.'ces 
afflicted with considerable spherical ab<.'rration 
and by using instrumpnts designed for distant 
objects for the observation of laboratory in- 
struments only a few yard.;; away. In all these 
cases primary spherical aberration makes its 
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appearance. Table I. eÀplains \\ hy satisfac- 
tory results are usually obtained in spite of it. 
(ii.) The Rayleigh Limit for Zonal Aberration. 
-The aperture of nearly all lens systems 
is so large that higher terms of the aberra- 
tion series become sensible. In the case of 
1m, and medium po\\er microscope object- 
ives up to about .35 XA these higher aberra- 
tions cannot be corrected, and it becomes 
important to limit the aperture to just that 
value at "hich the higher aberration does not 
sensibly lower the resolving power. This ideal 
can be closely realised by applying the Ray- 
leigh limit. 
The usual and, as it happens, the best 
possible method of designing such systems is 
so to proportion them that the paraxial and 
the extreme marginal geometrical rays are 
brought accurately to the same focus; the 
trigonometrically determined aberration of the 
marginal ray is therefore brought to zero. In 
accordance with equation (II) this means that 
d(OPDp)/dY is also zero. As paraxial and 
marginal foci coincide, OPD m and OPD p are 
identical in tllÌs case, hence OPDf) can be 
directly determined by computing equation 
(10**) for all surfaces of the system and forming 
the algebraical sum. If higher aberration is 
present and predominantly of the y6 order, 
this sum will have a sensible value. ..A very 
low value would in any case indicate a high 
state of correction of the system, but not 
necessarily absence of higher aberration, which 
"ill have to be tested for as described in the 
folloT\ing section if deep curvatures occur in 
the system. 
Assuming that aberrations of higher than 
the sixth order are of unimportant magnitude, 
the equation of the distorted wave -will be 


OPD v = 1.: 1 Y" + 1.: 2 Y6, 
and its value for the full aperture Y 1 is known 
by the computation of (10**). But it is ahso 
knO\vn by (11) (on account of the geometrical 
spherical correction) that d(OPDf))/dY 1 is zero. 
The"efore there are two equations, 
OPD P1 = k 1 Y1 4 + k 2 Y 1 6 , 


d(OP D p ,) _ n.,"'" 3 M. V 5 
dY---':k./(ll +U/(21.1 =0, 
1 
which can be solved for k 1 and k 2 , and on 
putting the values found into the rreneral 
. 0 
equatIOn for OPD p , the latter becomes 


and 


( Y ) 4 ( Y ) 6 
OPD p =30PD pl Y 1 -20PD pl Y 1 . 
\Yhen plotted, the curve of the distorted 

Ya.ve takes the form shown in Fig. 8 if, as 
IS lllvaliably the case, the marginal OPD pl is 
assumed to ha,Te a po
itive value. The dis- 
torted wave bends away from the ideal waye 


for the combined paraxial and mar
inal fot'i, 
reaches a maximum distance from it at the full 
aperture, and would cut the wave agam some 


o 
FIG. 8. 


distance beyond th
 full utilised aperture. It 
is immediately evident that a point D nearer 
to the lens system must exist which is far 
more nearly equidistant from all parts of the 
distorted "ave. The closest-fitting ideal "ave 
is dotted in the diagram. It can be determined 
algebraically by noting that in accordance with 
equations (10) and (10*) a shift of focus away 
from D p "ill introduce a term in Y2 into the 
equation of the wave-curve. Strictly speaking, 
the terms in Y"' and Y6 would be slightly 
changed at the same time, but if the residual 
aberrations are as small as they mllst be if an 
instrument is to be of practical m;e, this small 
change may be safely neglected. ..A some" hat 
complicated investigation of the minimum 
problem involved leads to the result that the 
residual differences of optical paths become 
the smallest possible if the point D is so 
selected (which in the use of the instrument 
is done automatically and unconsciously simply 
-by searching for the sharpest image) that for 
point D the residual wave distortion is of the 
form 
. Y' 2 ( Y ) ( 
OPD= - lkOPDpl( yJ +30PD pl Yl 
Y ) 6 
-20PDpl(Y
 . 


. 
This gives the same highest value = - AOPD pl 
for half and for full aperture and zero-value 
in the axis and at ,If of the full aperture. 
The residual phase-differences in the case of 
zonal aberration at the best focus are there- 
fore only one-eighth of the amount found by 
(10**) for the marginal ray. As, in accordance 
"ith the Rayleigh limit, a difference of one- 
quarter wave-length may be allowed, it follows 
that in lens systems suffering from ordinary 
zonal aberrati
n (that is Y6 
berration in the 
absence of sensible amounts of still higher 
aberration) the OPD m calculated by (10**) 
may be alIo" ed to reach t" 0 "hole wave- 
len;:'ths. Thi
 result also has been tested and 
C' 
confirmed by a larue number of successful 
Jens designs 
based u
on it and more rece
tly 
by direct integration for the complete lIght 
distribution at the best focus. 
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In the more usual purely trigonomctrical method 
of designing lens sYHtems the zonal aberration is 
searched for by tracing a third ray through ,Ii of 
the full aperture in addition to the paraxial and 
extreme marginal rays. As is easily shown, the 
zonal longitudinal spherical aberration reaches a 
maximum at Y = .7071 Y 1 if aberrations higher than 
the y6 term are absent. The amount of this zonal 
longitudinal aberration corresponding to the Rayleigh 
Jimit can be investigated in a manner similar to that 
employed above for ordinary spherical aberration. 
The result arrived at is that the longitudinal aberra
 
tion for the .7071 ray may reach l
- times the amounts 
of the LA' stated in Table 1. The corresponding 
geometrical "circle of least confusion" measures 
about nine times the resolving power of the system, 
so that the geometrically estimated size of the image 
is even more misleading in this case than in that of 
ordinary spherical aberration. 
The analytical method of removing the fourth 
order aberration completely leads to a wave-distortion 
of the simple form 


OPDp=k2y6
 


k 2 having very nearly the same value as it would 
ha ve if the trigonometrical method were adopted 
for the same system. A better focus can be found 
in this case at some distance beyond the paraxial 
one, but the residual differences of phase at this 
best possible focus are found to be 6.16 times as large 
as those existing at the best focus of a trigonometri- 
cally corrected system. As the zonal aberration 
grows with the 6th power of the aperture this means 
that a trigonometrically corrected lens system may 
be given 
/ ü'lü =1'35 times the aperture possible 
with an analytically corrected system of the same 
type. 
(iii.) The Rayleigh Limit for Higher Zonal 
Aberration.-In microscope objectives of NA 
exceeding about .4 the y6 aberration can be 
controlled. Its negative value in objectives 
of low NA is due to the excessive marginal 
over-corrpction produced by the dispersive 
contact surfaccs. This effect is always present, 
but when the N A is large and the usual plano- 
convex front lens is adopted, then very large 
angles of incidence accompanied by heavy 
spherical under-correction occur at the first 
plane surlace of the system. The positive Y6 
aberration produced at this surface can then 
be played out against the negative Y6 aberra- 
tion of the corrective contacts, and by securing 
a suitable free working distance any desired 
balance may be struck. In the purely trigono- 
metrical method of computing objectives it is 
usual to aim at union in one point of the rays 
passing through the paraxial, the marginal, 
and the .7071 zone of the full aperture. It is
 
however, both simpler and leads to a closer 
knowledge of the reRidual aberrations to calcu- 
late a paraxIal and a marginal ray and to 
bring these to a common focus and then to 
aim at making the OPD = zero for the com- 
puted marginal ray. If only Y4 and Y6 
aberration were present the correction would 


th('n be perfect. In reality the higher aberra- 
tions come in in rapid succession. A halance 
can then be established bet\\ een the Y4 and 
Y6 aberrations which are under control and 
the still higher aberrations which cannot be 
controlled. A full discussion is only possible 
by making the assumption that ys aherration 
is the only one of sensible magnitude. This 
certainly is only a rough approximat.ion. and 
for that reason the discussion must not be 
taken as absolutely trustworthy. 
It is assumed that the wave-distortion is 
of the form OPD p =k 1 Y4 + k 2 Y6 + k 3 Ys. The 
correction stipulated is that the OPD pl for 
the computed marginal ray shall be zero, and 
as the geometrical aberration is also removed 
for the same ray d(OPDpI)/dY I will also be 
zero in accordance with equation (II). This 
gives the two equations, 


k 1 '\4 +h
Y16 +1.'3YIS=0, 


and 
d(OPD p1 ) _ 4 '. Y T 3 ûk ' Y 5, 7 
dY. -- hI 1 + 2 1 +Sk 3 Y I =0, 
1 


by which k 1 and k 2 can be expressed in terms 
of k 3 , namely 
k 1 = kg Y 1 4, and k 2 = k3 Y1 2 . 
On putting this into the general expression 
for OPD p it becomes 
OPD p = k3YI4Y4_2k3Y12Y6 +13 Ys , 
and this is zero for Y = 0 and for Y = Y þ and 
has a maximum value for Y =.7071 Y I and 
a minimum for Y = Y 1 . For the latter the 
OPD is, of course, zero. For the maXImum 
at Y = .7071 Y 1 the value is 


OPD pm :1xiInum = -lr;k 3 y 1 8 . 


The residual greatest phase-difference at 
the computed focus is therefore Yu of the 
total Y8 aberra- 
tion present in 
the system. The 
curve represent- 
ing t.his wave is 
shown in Fig. 9. 
No improve- 
ment can be made 
in thi
 case by 
a shift of focus. 
But as the zero- 
value of the OPD at the computed aperture is 
a minimum, the wave-curve bends again away 
from the ideal wave beyond the computed 
aperture, and the aperture may therefore be 
increased up to the point ,,,,here the OPD 
reaches the same value as at .7071 Y1 without 
any increase in the maximum phase-diff('renC('s 
at D 21' It is easily ascertained that the general 
exprpssion for OPD p reaches the value 1\-,I..'3 Y I 8 , 
again at Y=I.IO YI' Systems in which 


-=Maximum 


Dp&Dm 


:FIG. 9. 
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this highest correction is aimed at should, 
the efore, have the "marginal" ray traced 
through i
 of thp intended full aperture. 
The advantage secured in this way is far 
greater than it would appear to be at first 
sight, for at Y = 1.10 Y 1 the )""8 aberration, 
which i
 the one beyond control by which 
the attainable XA is limited, "ill be (1'10)8 
=2.144 times as large as at Y=I.Oû. By 
establi:-;hing the stipulated corrections for 
if of the intended full aperture, the fraction 
of the Y8 aberration present in the real 
marginal zone which becomes effective at the 
focus therefore sinks to If(16x2'144). or to 
:IT part. The Y8 aberration at the extreme 
margin might therefore reach ! of 34 or 
8-1 wave-lengths without transgression of the 
Rayleigh quarter-wave limit. 
"'hilst a highly favourable balance of the higher 
aberrations is sure to be established by the above 
method, no due is afforded by it as to the amount 
of y8 aberration which may be present. This may. 
however, be closely e
timated by noting that at 
aperture Y 1 the Y4 aberration is exactly equal to tbe 
Y8 aberration. The y4 aberration can be deter- 
mined "ith sufficient approximation by reducing 
equation (10**) to first order terms by putting 
sines equal to angles and cosines equal to one. It 
then becomes 
Para
ial OPD m =lX'yi'(u Þ - u)(i - u Þ ), 
and if this is calculated with the nominal paraÛal 
angles stipulated in the trigonometrical part of this 
article it will by summation over all the surfaces give 
the required indirect estimate of the Y8 aberration 
of the computed ray. Aß iu- of this appears as wave- 
distortion at the focus, this paraxial OPD m sum may 
be allowed to reach 4 "ave-Ieogths, but, on account 
of the uncertainties introduced by the presence of 
still higher aberrations and by the rough method 
of estimating the y8 aberration, it is highly advisable 
to restrict the paraxial OPD m to a ma}..imum value 
of only t\\O "ave-lengths. This would leave no 
reasonable doubt as to fulfilment of the Rayleigh 
condition. 
There is no definite method for gaining control 
over aberrations higher than y6; if one were found, 
then it is an obvious deduction from the preceding 
paragraph that paraxial OPDm=û would be a 
convenient and effective additional condition to be 
fulfilled. It would still call for the tracing of only 
t\\ 0 rays through the system. 

 (II) FOCAL RANGE A
D DEPTH OF Focus. 
-A very important application of the Ray- 
leigh limit leads to the determination of the 
range within which the focal adjustment of 
an optical instrument may vary without 
sensible loss of definition and conversely to 
the fixing of the "depth of focus," that is 
the dist.ance from the neare
t to the farthest 
object which can be seen f:harply at anyone 
focal adjustment. All that is required is to 
discu
s equation (11*) 
OPD= Ol
DJ>- 
df(
) 2, 


on the supposition that OPD p has a fixed 
value, and that df is subjected to variation. 
The discussion is simplest for a perlectly 
corrected instrument in which OPDf) is zero. 
The Rayleigh limit of -1- wave-length will then 
apply to OPD, hence 
( I' ) 2 
df=
 wave-length y . 
By comparison "ith the permissible LA' 
in the case of simple spherical aberration the 
value of df is seen to be 1- of that found for 
LA'. But df lllay obviously be applied on 
either side of the geometrical sharp focus, 
hence for a perlectly corrected instrument 
Focal Range = 1 of the L_-\.Þ in Table I. 
The testing of this result by direct integra- 
tion brings out the same remarkable fact, 
which also appears in aU the other tested 
cases of a phase - difference equal to the 
Rayleigh t wave-length, namely, that the 
small deterioration of the image as compared 
with Airy's ideal spurious disc is limited to a 
loss of brightness in the central condensation 
(which nearly always is the only part appre- 
ciated by the eye) but does not affect its 
effective diameter. \Yithin the Rayleigh 
I limit there is thus no loss of resolvinf!' power, 
but only a moderate loss of brilliancy and 
contrast in the image. On th{' average (the 
figures vary sensibly for different cases) the 
loss of light from the central condensation at 
the Rayleigh limit is 20 per cent. This 
remarkable and most valuable peculiarity is 
maintained up to about twice the Rayleigh 
limit: the central condensation still maintains 
its small diameter, but at the doubled limit 
sinks to about 45 per cent of the ideal 
maximum brightness, all the light lost in the 
central condensation appearing in a faint 
halo and in the more or less distinct diffrac- 
tion rings. For this reason all the tolerances 
deduced above may be doubled in case of 
extreme necessity, still "ithout serious loss 
of resolving power on detail possessing 
sufficient contrast. The focal range becomes 
quite large at high I;numbers as it grows "ith 
their square. Thus in photomicrography the 
cones converging towards the sensitive plate 
are hardly e'-er "ider than 1/1'28, and f/ 4 00 
may be taken as near the average. For 1/400 
the focal range within the Rayleigh limit is 
62.3 times the figure given in Table 1. for the 
LA' limit at I/
, or 12.5 inches. It is there- 
fore quite unnecessary to focus on ground 
glass in order to localise the image. Equally 
good results will be obtained, with a great 
savin,g of time and eyesi.!!ht, by focussing 
"in the air" "ith a weak magnifier (strong 
reading-glass) held at ahout its focal length 
from the eye and adjusted by guess for focus 
in the plane to be occupied by the photo- 
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graphic plate. The image seen in this ,yay 
will have many times the brightness of that 
seen on ground glass, and the detail will not 
be obscured by the grain of the focussing 
screen. 
\Yhen there are sensible differences of phase 
due to spherical aberration a.t the best focus, 
then the focal range is necessarily correspond- 
ingly reduced, and this reduction is in fact 
the chief drawback attaching to residuals of 
aberration up to the Rayleigh limit. If the 
aberrational differences of phase can be 
restricted to half the Rayleigh limit the loss 
of focal range is unimportant, and if only 
one-quarter of the Rayleigh limit is used up 
to cover aberration the loss of focal range is 
quite insensible. 
The comparison of the physically deter- 
mined light distribution near a focus with 
that suggested by purely geometrical ray 
tracing yields remarkable diagrams. The 
upper part of Fig. 10 shows by the two inclined 


FIG. 10. 


straight lines the limits of the geometrical 
cone of rays in the absence of all aberration. 
Integration of the interference effect leads to 
the concentration of all the normally appre- 
ciated light bet\veen the two parallel lines, 
which only begin to spread out at the doubled 
Rayleigh limit. The lower part represents 
the case of simple spherical aberration at the 
Rayleigh limit. The indined lines represent 
the rays from half and full aperture respect- 
ively, the intersection of which determines 
the geometrical circle of least confusion. The 
physically determined light distrihution is 
represent
d by the close parallel lines which 
lie entirely to the right of the geometrically 
determined su pposed best image and enclose 
a cylinder of only one-quarter the diameter of 
the circle of least confusion. 
It is noteworthy that Taylor, in his System 
of Applied Opti('s, called attention to this 
cylindrical constriction of the light near a 
focus as an u bservational fact worthy of 
theoretical investigation. Any keen observer 
can easily verify it. 


The depth of focus in the object space may be 
rl('duced directly from the focal range in the image 
space by the well-known theorem that the magnifica- 
tion in depth (along the optical axis) is=the square 
of the linear magnification. This, however, becomes 
inaccurate for high numerical apertures, and it is then 
desirable to determine elf at the object directly by 
the strict formula from which the above deductions 
were derived: 
Difference of phase=2elfsin2 DDpÐ' . 
2 


On the side of the object the angle DDpD Þ is sin-l
A 
I if the object is in air, or sin -1 NAjN if the object 
lies in a medium of index N. In the latter case the 
wave-length at the object will also be shortened in 
the proportion of I to N, hence the universally 
applicable equation for elf will be 
df = 
ll owed differe nce of phase 
2N sin 2 (! sin- 1 (NAjN)) , 


in which the difference of phase (according to. 
Rayleigh =:1 wave-length) must bc measured by the 
wave-length in air. The range elf may be allowed on 
either side of the sharply focussed object, hence for 
the Rayleigh limit 
.000005 inch 
Depth of focus = N 
 - . 1 (N N)' 
8m (l sm - Aj) 


This gives for the numerical apertures statcd in the 
first borizontalline the values in Table II. for wavc- 
length .00002 in. (bluish green) : 
TABLE II 


Numerical Depth of Focus Depth of Focns in 
Aperture. in Air. !\lelliulIl of 1'5 Iwlex. 
inch. inch. 
.25 .000312 .000476 
.50 'Oúu075 .uu0117 
.75 .000030 .OOUO;)O 
1.00 . . .00002ü 
1.25 . . .OUOO 15 


The small values of the depth of focus 
explain the necessity of a delicate, fine adjust- 
ment for the focussing of microscopes. The 
amounts given in the table are available even 
in the case of projection of the image upon 
a fixed screen or photographic plate. In 
visual observations there is an additional 
amount of depth of focus due to the range of 
accommodation of the human eye: this is 
dealt with in the introduction. 

 (12) THE OPTICAL SINE CONDITION.- 
Although most perfectly freed from spherical 
aberration, a microscope objective may be 
utterly useless on account of coma in the 
images of objects not lying exactly in the 
optical axis. In microscope objectives of 
high numerical aperture this defect can reach 
such extraordinary magnitude that the 
theoretical resolving power may only be 
rea Ii sed if the two close points are placed 
symmetrically to either Fide- of the optical 
axis. The removal of coma is therefore 
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absolutely iIldi
pensable. Cntil 1873 this 
called for laborious calculations or else for 
numerous empirical trials of experimental 
lenses. In that year Abbe and Helmholtz 
simultaneously but quite independently an- 
nounced the remarkable theorem known as 
the optical sine condition, by .which the 
detection of coma is reduced to an almost 
negligible amount of computation. The 
theorem states that when any centred lens 
system causes a ray starting under an angle 
U from an axial object-point B (Fig. II) to 


B 


D 


FIG. 11. 


reach the trigonometrically dctermined image- 
point D under angle U', then the ratio 
X sin U IX' sin U' will be the magnification of the 
image produced in the plane of D of a small 
object near B and in the plane passing through 
it at right angles with the optical axis. 
 
represents the refractive index of the medium 
surrounding the object, and X' the index of 
the medium in which the image is formed. 
It follows at once that if zones of the lens 
system of greater or smaller diameter are 
considered, they will give an image of the 
same size only if the" ratio N sin U IN' sin U' 
is constant throughout the full aperture. All 
that is required in order to remove coma in 
the small field employed by microscope and 
telescope objectives is therefore to form the 
ratio K sin UIN' sin U' for every computed 
ray (usually the paraxial and the marginal 
one), and to modify the system until this ratio 
attains the same value for the several rays. 
This is in fact the universal practice of de- 
signers of telescope and microscope objectives, 
and it is very rarely the case that any suspicion 
of residual coma can be detected in systems 
thus corrected. 'Yhen this happens it is clue 
either to zonal variation of the sine ratio or 
to higher forms of coma which grow with the 
third power of the diameter of the field and 
are not included in the theorem. The latter 
covers all orders of simple coma growing in 
direct proportion with the diameter of the 
field. 

lany proofs have been given of this re- 
markable theorem, but most of them are 
either incomplete or of a highly involved type. 
For a simple and yet valid proof reference is 
n:a(
e to a paper by Conrady in :l\Ionthly 

otIces of R.A .S. for 
rarch 190.3. 

 (13) THE CHRO:\IATIC CORRECTION OF 
OB,TECT GLAssEs.-AIJ the ray-tracing equa- 


tions which have been given involve the re- 
fractive index of the lenses of which a lens 
system is built up. As the refracti ,-e index 
of any given glass varies for light of different 
colour and wave-length, the conclusion is 
obvious that the location of the final focal 
point, the magnification, and the spherical 
correction will also, as a rule, vary according 
to the colour of the light. Owing to the 
comparatively small change of X in the 
visually bright part of the spectrum (averaging 
less than I per cent of N between the C and 
F lines) and the pronounced maximum of 
intensity at the middle of this short range, the 
variations of magnification and spherical aberra- 
tion are usually small and can be neglected 
in systems of low aperture, or treated by a 
lower approximation than that required for 
the spherical correction of the brightest rays 
in systems of high aperture. 
The makers of optical glass supply with each 
melting a table giving the refractive index 
N d for the D-line, the dispersion N, -Nc=d
 
between the C and F lines, N, - N d between 
D and F, and under the symbol small Greek 
v, the ratio of (
d - I) to (N, - 
c)' N' g - N, 
for the blue end of the spectrum is also 
frequently given, GÞ being the adopted symbol 
for the dark-blue hydrogen line close to the 
solar G-line. Other indices have to be found 
by interpolation. The best formula (Conrady, 

Ionthly Notices, R.A.S., 1903) for this 
purpose is 
N =N o +aw+bw 3 !, 
in which No represents the hypothetical indt'x 
for infinite wave-length, 10 the reciprocal of 
the wave-length expressed in J.1. (.001 mm.), 
for which S is to be determined, and a and b 
constants for anyone glass. By writing out 
this formula for the values of X usually given 
by the glassmakers (C, D, F, and G'), and 
introducing on the right the corresponding 
numerical values of w, :Xo, a, aDd b can be 
solved for in terms of the usual data, and are 
found as 


N o = N d - [.S4895](X, - N c ) 
+ ['H21.32](X' g - N,), 
a=['69IOS](N, -Xc) - [.8] ïï5](N' g - :XI)' 
b= - [9.29980 -IO](N , - Xc) 
+ [9.63329 -IO](N' g - X,). 
The figures in square brackets are the loga- 
rithms of the numerical factors, which arc 
more useful than the factors themselves. 
For the whole range of ordinary optical 
glasses this interpolation formula gives indices 
agreeing with direct determinations within 
one or t\\ 0 units of the fifth decimal place 
throughuut the ,-isible spectrum. On thp 
basis of the nature of the secondary spectrum, 
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the formula. can he discussed so as to determine 
the wave-length for which a lens system has 
minimum focal length when the 0 and F 
rays are brought to a common focus in accord- 
ance with almost universal custom based on 
long experience. This wave-length of the 
visually most important rays is thus found as 
.).).).) Angström units, and the corresponding 
index can be determined accurately by 
N5555=Nd + '2157(N f -N c ) - .0474(X' g -Nt), 
or with nearly always sufficient approximation 
by the extremely simple formula 
N5555=Nd + '188(N,-N c ), 
which is obtained from the more accurate 
one by introducing ,585 as an average value 
of the ratio (N'g -N,)/(Nf-N c ), from which 
the latter does not vary for practically useful 
glasses by more than about :t 6 per cent. 
Decidedly better results are obtained by 
carrying out the main calculation of lens 
systems for fulfilment of the sine condition, 
and freedom from spherical aberration within 
the Rayleigh limit "vith this index for visually' 
brIghtest light obtainable by a single slide- 
rule setting instead of the widely used N d . 

 (14) GEOMETRICAL CORRECTION OFTHE CHRO- 
MATIC ABERRATION.-Ray-tracing methods for 
dealing with the chromatic aberration must 
be devised with due regard to the variation 
of spherical aberration in different colours, and 
to the existence of the secondary spectrum. 
A first method consists in tracing a paraxial 
and a marginal ray in each of two colours 
near the limits of the spectrum, which is effect- 
ive under the given conditions. 0 and F 
are generally best for visual purposes, D and 
G' for systems intended for photography at 
the visually determined focus. It will nearly 
always be found that the four rays cannot be 
brought to a common focua: the best that 
can be done is to allow spherical over-correc- 
tion for one (practically always the more 
refrangible) colour and spherical under- 
correction of nearly the same amount for the 
other (less refrangible) colour, and to bring 
the four intersection points within the smallest 
possible space along the axis, and to the most 
symmetrical distribution, which will be usually 
the seg uence, counting in the direction a way 
from the lens system: blue paraxial focus 
closely followed by the red marginal focus, 
after a fairly considerable interval the red 
paraxial focus, and closely beyond the latter the 
hlue marginal focus. As the difference in the 
spherical aberration forthetwo colours is almost 
entirely of the primary order, this arrangement 
of the foci implies that the red and blue rays 
through the .7071 zone would bc found clo:5ely 
'J.nited at the midway point. The chief draw- 
back of this method of carrying out the 
chromatic correction is, in the case of micro- 


scope objectives, that the criteria for the 
Rayleigh limit cannot be conveniently applied 
on account of the residual longitudinal 
spherical aberration in both colours. Its 
advantage is that the spherical variation uf 
chromatic aberration is determined directly. 
A better method con
ists in the tracÜ;u of 
o 
a paraxial and a marginal ray in " brightest" 
light, as defined for visual purposes by the 
simple interpolation formula given abO\Te, 
a.nd in establishing perfect correction of the 
longitudinal spherical aberration for the
e two 
rays. To correct the chromatic aberration 
two rays of different colour (0 and F for visual 
purposes) are traced through the .7071 zone 
and brought accurately to a common focus. 
On account of the secondary spectrum the 
latter will lie at some distancf' beyond the 
focus of the brightest light. In this case the 
criteria for the Rayleigh limit can be applied 
to the brightest light. The spherical variation 
of chromatic aberration i
, however, not 
revealed. 


A very convenient simplification of the preceding 
method results if the effect of the st.'Condary spectrum 
is eliminated from the calculation (it of course remains 
in the actual lens system) by coupling with the 
calculation of the paraxial and marginal" brightest" 
rays one fictitious "violet" ray traced through the 
. 7071 zone, the N v used being determined for each 
glass as the sum of its index for brightest light plus 
its dil!\persion between C and F. In this method 
the three computed rays can be brought accurately 
to one common focus. It can be confidently recom- 
mended for all ordinary purposes and for low-power 
microscope objectives if a purely ray-tracing method 
is preferred for any reason to the more expeditious 
and physically sound optical path method now to be 
given. 



 (15) PHYSICAL TREAT:ME
T OF THE CHTIO)1.- 
ATlC ABERRATIoN.-Referring back to Fig. 2, 
but assuming that the object-point 0 send 
out white light composed of all colours of t.he 
spectrum, the different velocities of prupagation 
of these colours in anyone lens of the sy
tem, 
and along axial and marginal paths in it of 
different length, will in general causp emergence 
of waves of varying curvature corresponding 
to the separate colours. The aim of achrom- 
atisation is to reduce these variations of 
curvature to the least possible magnitude for 
the range of the spectrum which contributes 
most strongly to the final image. F'l.g. 12, 
an ela horation of Fig. 2, will make this quite 
clear. If the thick curve \Y' in the image- 
space represents the emerging wave of hrightest 
light, then in the case of chromatic under- 
correction the emerging more refrangible waves 
will have a greater curvature-and therefore 
a shorter intersection length of corresponding 
rays-and the leRs refrangible waves \\ ill have 
less curvature. By small adjustments of the 
relative power of crown and flint components 
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the marginal gap betwcpn corresponding waves 
of different colour can be modified, and as the 
diffeI"ences of refractive index for thp range of 


o 


0' 


FIG. 12. 


colours which calls for correction is always 
small, the relatil'e distortion of the waves "ill 
be onlv affected to an unimportant. exteilt by 
such a'change. "Lnder these conditions reason- 
ing of the same kind as was applied above in 
the application of the Rayleigh limit to the 
problems of spherical aberration and the loca- 
tion of the best focus in those cases immediately 
leads to the conclusion that the best COlll- 
promise (i.e. the least re
idual gaps between 
the different waves in the intermediate zones) 
will be attained if the wa\Tes of different colour 
are so adjusted that they intersect each other 
in the extreme margin of the effective aperture 
when they are tangent to each other in the 
axis. This leads immediately to a solution of 
the problem. By the definition of a wave 
surface the optical paths along the geometrical 
rays between conjugate points of two positions 
of a WR\TC are absolutely equal. If the upper 
ray in Fig. 12 represents the trigonometrically 
traced marginal ray in brightest light, and 
d I , d 2 , etc., are successive parts of the axial 
path, 1\, Ð 2 , etc., the corresponding parts of 
the marginal path, and if N I , N 2 , etc., are the 
respectÌ\Te refractive indices for brightest light, 
the rel.ltion thprefore exists for the two paths 
between \Y and \Y' 

(d-D)
 =0. 


If the lower marginal ray in the diagram is 
similarly regarded as the trigonometrical 
tracing from \Y to the wave tangent to 'V' 
in the axi.3, but of a different colour, and if 
DÞ l' D' 2' etc., are the successive parts of the 
marginal path, and Xl + ax l , X 2 + dX
, etc., the 
respective indices, then for this coloured wave 
the corresponding relation exists 



(d-D')(X +dX)=O. 
The di
cussion of the two sums would still call 
for the tri
onometrical tracing of the two rays 
of different colour on account of the difference 
between the corresponding D and D'. At 
this stage Fermat's "theorem of the minimum 
optical path'" as it is loosely called, becomes 
available. According to this theorem, the 
optical path of light
 between two points as 
determined by the law of refraction, that is 
by eÀact trigonometrical ray-tracing, represents 
a ma}.imum, minimum, or stationary value 
YOLo IV 


"ith reference to all alternative closelv neigh- 
bouring paths. These neighbouring paths 
therefore can at most differ by small quantities 
of the second order if they are everywhere 
within small distances and at small angles of 
the first order compared to the computed 
path. It follows that if ax represents a \Tcry 
small increment of N, then the differences 
betwpen the corresponding sums of D and Ð' 
values are strictly negligible. But the same 
convenient simplification is found to hold for 
any finite value of rlX "hich can occur in lens 
systems. 'Yhen the difference beb, een a 
trigonometrically determined path and a 
neighbouring path at small but finite di5tances 
and angles is evaluated it is easily proved that 
this difference will rarely amount to so much 
as 1:\ wave-length for any thicknesses or 
any angles of incidence that can occur in 
practica ble lens systems. The neglecting of 
the difference between each D and the corre- 
sponding D Þ for each con<;tituent lens or space 
is therefore always legitimate in actual lens 
systems. 

 For the ideal chromatic correction 
ho" n in 
the lower part of Fig. 12, "hen the coloured 
and the brightest wa ye intersect in the 
marginal zone this equality of D and D' applies 
to all sections of the total path. There are 
then the two relations- 
For the brightest light, 
(d - D)
 = 0, 
For the coloured ligh t, 
 (d - D)(N + d
) = 0, 
and the difference. 
(d - D)dX = 0, 
embodies the condition to be fulfilled by the 
lens system if the ideal chromatic correction 
is to be realised. 
If the ideal correction shown in the lower 
part of Fig. 12 is not realiserl there "ill be a 
marginal gap between the brightest and the 
coloured wave, and for the last section of the 
respective marginal paths there will then be 
a corresponding difference between D and D'. 
If the sum of the (d - D)dN is still calculated 
"ith the D- values for the brightest light, the 
sum "ill differ from zero by the exact amount 
of the marginal gap between the two waves. 
Therefore this sum is an unconditional measure 
of the residual chromatic aberration of any 
lens-system if put into the form 

(d - D)dX = Chromatic aberration, (12) 
the latter expressed as a difference of optical 
pa ths. 
Thp sense of the difference (d - D) has been 
chosen so as to give a positive value for a 
:-,imple convex lens (d:> D) and 
or colo
red 
light more refrangible than the bn::rhtest hght 
(dX>O) in accordance "ith the CU.:5tOl

 of 
counting chromatic "unrler-correctIon ah 
positive in this case. 


Q 
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The indices and dispersions supplied by the 
glassmakers are determined in air, and are 
therefore relative and not absolute values. 
This fact justifies to a large t>xtent the uni- 
versal custom in practical optics of computing 
lens-systems with a total disregard of the 
refractive propt>rties of air. The air is always 
treated as if its refractive index were exactly 
one and its dispersion zero. In evaluating 
equation (12) this means that air-spaces con- 
tribute nothing at all to the value of the 
chromatic sum, and that the terms (d - D)dN 
have only to be calculated for the actual 
simple lerÎses of which the system is composcd. 
'Ylwn the space between the object or image 
and the nearest lens is filled "ith a medium 
other than air, as, for instance, with oil or 
water in the case of immersion objectives and 
condensers for the microscope, this space must 
of course be included in forming the sum. 
The only quantity in (12) which cans for an 
addition to the computing formulae is D. By 
projecting the D of anyone lens upon the 
optical axis it is easily verified that if Xo is 
the depth of curvature calculated by (8) of 
the first surface, X that of the second surface, 
and U the angle of convergence of the marginal 
ray, then 
D= (d + X - Xo) sec U. (12*) 
This formula also covers the case of the 
space bt>tween the object-point and the first 
lens surface of an immersion - system, by 
looking upon this space as a lens consisting 
of immersion-medium and of a thickness equal 
to the distance from the objf'ct-point to the 
pole of the first actual lens surface. Xo is 
then obviously zero and the formula becomes 
simplified to that extent. 
A well-handl('d slide-rule is generally sufficient for 
the working out of the (d - D)dK sum, because the 
d
 supplied with optical glass are neit.her determined 
with sufficient accuracy nor sufficiently constant for 
difIere
t plates of the same melting to be depend('d 
upon beyond about 1 part in 500. UnusuaHy thick 
lenses will, however, call for closer calculation, as in 
their case the percentage uncertainty of (d - D) will 
be much higher than that of D. Even then the 
slide-rule may be used, provided that U is reasonably 
small, by calculating directly 
d- D=(X o - X) sec U - d(sec U -1), 
in which the great thickness appears with a very 
small factor and influences merely a small correction. 
In practice the (d - D)d
 is calculated for visual 
instruments with dN =N,- N c as given by the makers 
and for photographic systems with dK =N' g- N à . 

 (16) THE RAYLEIGH LnUT FOR CHROMATIC 
ABERRATT05.-As by (12) the (d - D)dN sum 
expre
ses directly the difference of marginal 
optical paths for the directly traped " hright- 
est" ray and for the colourC'd ray of a 
different refractive index, it is at once apparent 
that the sum may be allowed to differ from 


zero-value by the Rayleigh quarter-wave 
provided that the dN used refers to the colour, 
most remote from the blightest, which still 
contributes a sensible amount to the total 
intensity of the image. In visual instruments 
the light corresponding to the C and F lines 
may be taken as representing this limit. But 
as the practice is to use the whole di
persion 
bet'I.Teen C and F as the value of dX, whilst 
the visually brightest light corresponds to the 
region about midway between C and F, a valut> 
of the (d - D}(N, - N c ) sum of half a way-f'- 
length will correspond to the Rayleigh limit 
for either C or F light at the focus of the 
brightest light. For visual instruments of 
moderate aperture, in which the spherical 
variation of chromatic aberration may be 
assumed to be unimportant, the Rayleigh 
limit therefore corresponds to 

(d-D)(N,-Nc)= :t .00001"= :t .00025 mm. 
As in the case of the spherical tolerances 
previously discussed, this apparently minute 
latitude in the value of the chromatic sum 
really amounts to an extremely generous 
allowance. \Yhen it has to be drawn upon 
in order to improve thf' correction of other 
aberrations in systems of few surfaces (and 
it should, of course, bf' taken advantage of only 
for some good and sufficient reason!) it is 
usually used up in one of the constituent lenses. 
Now (d - D) may be taken roughly as of the 
order of .1 inch for anyone average lens and 
(N, - N c ) has an average value of .01. The 
full amount of (d - D)(:N,- N c ) for an average 
lens is therefore of the order of .001 inch. The 
tolerance of :t .00001 inch represents 1 per 
cent of this value, so that either the power 
of the lens-which is proportional to (d - D)- 
or the dispersion of the glass may be varied 
to the extent of :t] per cent without trans- 
gression of the Rayleigh limit, and thert>fore 
without sem;ible loss of defining or resolving 
power. 
In systems of large aperture, which almost 
invariably contain surfaces of deep curvaturt>, 
the spherical variation of the chromatic 
aberration represented by the separation of 
the difff'rent coloured waves in the lower part 
of Fig. 12 for zones between axis and margin 
must be estimated and restricted within sry.fe 
limits. 
Owing to the smallness of the variation of 
the refractive index for the range of colours 
which call for serious consideration in anyone 
instance (C to F for visual instruments), the 
gap in question is almost entirely due to 
variation of primary spherical aberration for 
different colours and can be evalllatC'd with 
rcfC'r('nce to thp "hrighteRt" wave on the 
principles which were employed in the section 
on spherical aherration for the determination 
of the gap between a wave distorted by 



)IICROSCOPE, OPTICS OF THE 


227 


spherical aberration and the closest-fitting 
ideal spherical wave. 
As the brightest and the coloured wa ve 
intersect each other in the marginal zone, and 
as the gap between them is attributable (,\ith 
sufficient approximation) to primary spherical 
aberration, the gap must correspond to an 
equation of the form 
Ga p =e(f)4 -e( i) 2, 


which gives a maximum value of -}e at 
Y = Y 1 ,It where "\'"1 is used as a symbol for 
the full semi-aperture. 
In the paraxial region only the second term 
will be sensible, as 'ij Y l will be a very small 
fraction. Hence a determination of the 
(d - D)d
 sum for the paraxial region will 
determine the second term and there by the 
value of c. This calls for the determination 
of the net thickness (d - D) of each lens in the 
vicinity of the optical axis. This is easily 
derived from the equation already used, 
d-D= (Xo-X) sec U -d(sec U -1). 
Xo - X "ill be very small and the factor sec U 
in the first term is therefore to be neglected, 
as the term 
s clearly small of the second 
order. But in the second term d represents 
a constant finit-e quantity multiplied by (sec 
U - 1), which for small angles is small of the 
second order. Both terms of the equation, 
therefore, contribute terms of the second order. 
For the paraxial value of X equation (8p) 
gives . 
x=!y(u+ 
), 
or, as by Fig. 1, 
y= r(u +i), 
.'. x= !r(u + i)2. 
For small angles (sec V -1) becomes =!u 2 , 
hence the computing formula is 
(d - D)paraxial = !ro(u o + io)2 - !r(u + i)2 -!d. u 2 . 
(12p) 
If the zonal chromatic aberration is to be 
determined this equation has to be evaluated 
for each constituent lens, just like the marginal 
(d - D), and the sum (1\/- Xc)(d - D)paraxial 
formed. The use in this calculation of the 
large fictitious values of the paraxial angles 
recommended in the first part of this article 
is equivalent to determining the Y2 term of 
the equation for the gap at full aperture; 
hence the paraxial (d - D)d
 sum gives the 
v
lue of c in the equation for the gap directly 
wIthout any further reduction. As the 
ma
imum \\idth of the gap has been deter- 
mined above as equal to Ie, one-quarter of 
the para-xial (d - D)d
 sum represents the 
maximum distance between the red and blue 
emergent waves, both Gf which "ill be at 


approximately half this distance from the 
H brightest" wave between them. In accord- 
ance \\ith the Rayleigh limit the paraxial 
(d - D)d
 sum may therefore be allowed to 
reach 
 or t\\O entire wave-lengths. The rule 
to be foUowed in these cases of zonal variation 
of the chromatic correction is, therefore: 
(a) Bring the (d - D)dX sum to zero-value for 
the marginnJ ray by suitable changes of radii, 
thicknesses, or sep3rations, or by selection of 
glass of appropriate dispersion. 
(b) Calculate the (d - D)dX sum for the 
paraxial region with the aid of (12p). If it 
does not exceed two wave-lengths ('OU004 inch), 
tbe zonal chromatic aberration will be ",ithin 
the Rayleigh limit and pra<:tically insensible. 
Objectives which fulfil this or an equivalent 
geometrical condition are now usually described 
as semi-apochromatic. 

 (17) THE SE(,O
DÅRY SPECTRl'){.- The 
(d - D)d.N method of dealing with the chromatic 
aberration supplies by far the simplest and 
dearest means of demonstrating and evaluating 
the so-called secondary spec.trum of all lens 
systems made from the ordinary optical 
glasses. 
As the (rl- D) value of the separate com- 
ponents of a system may by Fermat's theorem 
be treated as practically constant for the 
whole visible spectrum, it is at once seen 
that if (d - D)d
 has been made zero for two 
selected colours, it would also be zero for 
other colours ü the dX - values for other colours 
of all the varieties of glass used in the system 
were in a fixed ratio to the respective values 
of dX for the originally selected colours. Thf>re 
are no glasses suitable for use in microscope 
objectives which fulfil this condition. As an 
example, two glasses largely used in microscope 
objectives may be taken from Chance's list- 
Xo.6493 X d =I.5160 Xf-
C= .00809, 
No. 337 1.6469 .01917, 
Nf-
a= .00567 N'II-:K,= .00454, 
.01376 .01170, 
or ratio of dispersions 
2.37, 2,43, 2.58- 
It is seen that the ratio of flint to crown 
dispersions increases greatly towards the 
violet end of the spectrum. To estimate the 
resulting confusion of pha,;e for D and G' 
when F and C have been brouf!ht to a common 
focus, it is best to calculate f;om the ratio in 
the F - C region what the dispersion of the 
crown-glass ought to be to establish propor- 
tionalitv. The result is that to remove the 
seconrut"ry spectrum the crown ought to have 
X/-K c = .uu
Og X/-X a = .00.")81 
1\' 11 - ).1= .U04U-1-, 


or an increase of 
'00000, .00014, .000-1:0. 
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These differences, multiplied by the (d - D) 
value of the crown, give directly the secondary 
spectrum effeC't as a difference of optical 
pat,hs. Now it may be taken that the total of 
(d - D) values for the crown components of an 
average microscope objective is about .15 inch. 
Therefore the secondary spectrum effect in 
terms of optiC'al path i
, referred to the 
comhined F and C focus, for the D-line 
.00014 x .15 = '00002" = 1 wave-length, for the 
G'-line .00040 x .1.3 = .00006" =3 wave-lengths. 
In reality one observes close to the focus of 
the brightest light whiC'h is nearly enough (for 
the present purpose) at D. Referred to this 
the .F and C rays will arrive with a marginal 
difference of phase of one wave-length and 
the G' rays with one of four wave-lengths or 
respectiv
iy four and sixteen times the Ray- 
leigh limit. This demonstrates the extreme 
seriousness of the secondary spectrum in cases 
when a long range of colours comes into 
action and the difficulty of obtaining good 
photographs "ith "achromatic" microscope 
objectives. Practically no advantage results 
from substituting other ordinary optical 
glasses for the two selected above. But very 
different conditions are found when the mineral 
fluorite is substituted for the usual crown- 
glass and dense crown or very light flint-glass 
for the usual dense flint. 
}<'luorite: N à = 1.4338 N f - N c = .00454, 


Telescope-flint: L .5237 
Nf-N à = .00321 
.00708 


.01003, 
N'11 - N f = .002.36, 
.00575. 
2.205, 2.245. 


Ratio of dispersions: 2.21, 


Calculating what the fluorite dispersions ought 
to be for perfect proportionality, the result is 
Nf-N c = .00454 N,-N à = .00321 .00260, 


or an increas9 of 


'00000, .ÚOOOO, .00004. 
The total (d - D) value of fluorite in an 
apochromatic objective would, however, be 
larger than for an achromatic objective and 
may be put at .25 inch, which leads to 
practically perfect achromatism for the entire 
C to F region and a secondary spectrum effect 
of .00004 x .25 = '00001" = half a wave-length 
for Q'. Even G Þ is therefore at the doubled 
Rayleigh limit whiC'h still gives a decidedly 
small and reasonably bright image of a point. 
This shows that a very great improvement can 
be effected by the proper use of fluorite in 
microscope objectives. But it must be borne 
in mind that the advantages will only be 
realised if the correction of the zonal spherical 
and chromatic aberrations is of a correspond- 
ingly high order. Clearly realising this, Abbe 


from the very first coupled removal of these 
zonal aberrations, which can reaeh astounding 
magnitude in microscope objectives, "ith the 
demand for removal of the secondary spectrum, 
and reserved the name Apochromat for systems 
which fulfil all three conditions. Objectives 
improperly caned apochromatic are quite 
frequently met "ith, which when used with 
nearly their fun aperture are easily beaten 
in visual observations and even in photo- 
graphic work by carefully computed and made 
true semi-apochromatics of ordinary optical 
glass. 
9 (18) THE CHRO
IATIC VARIATION OF 
.:\IAGNIFICATION.-At the present time all 
microscope objectives of less than 
 inch 
equivalent focal length have an unachromatic 
simple front lens followed by chromatically 
over - corrected back - combinations. Fig. 13 
represents the simplest possible (and for low 



 
o Violet U r /TIú 
FIG. 13. 


powers quite a u.seful) representative of this 
type. A white ray starting from the axial 
object-point 0 under angle U will evidently 
be spectrally decomposed by the unachromatic 
front lens, and as a consequence the more re- 
frangible components will reach the chromatic- 
ally over-corrected back lens at points closer 
to the optical axis than the points at which 
the less refrangible reach the back lens. If 
the system as a whole is achromatic for the 
image-point 0', all the component colours of 
the original white ray will be brought together 
at 0', but will necessarily reach it under angles 
steadily diminishing with the refrangibility of 
the colours. By the sine condition the magni- 
fication produced at 0' will be sin U jSill V', 
and will be largest for the most refrangible, 
sluallest for the least refrangible rays, with 
the obvious result that extra-axial object- 
points will be rendered not as white points 
but as short linear spectra with the violet 
end farthest from the optical axis. If the 
front lens consists of glass of high dispersion 
and is widely separated from the corrective 
back-combination. this chromatic difference of 
the magnification may reach several per cent 
of the mean amount and will emphatically 
call for correction if it approaches or exceedfo! 
1 per cent. It can be corrected in the objective 
itself, as shown in Fig. 14, by the addition 
of a final widely separated uncorrected or 
chromatically undel-éorrected lens so calcu- 
lated that by the action of a heavily over- 
cocrected middle combination the .dispersed 
colours are caused to meet in the final lens 
and leave it as a reconstituted white ray 
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prf'ceeding toward
 (). Ahhe- dp
igned some 1 
expeIÏmenta.1 systems on this principle, hut 
it is now invariably preferred to effect the I 
Wi- r-'I 

 Vio/,t 
 

. 


FIG. 1-1. 


correction in the eyepiece by gl \ìllg to the 
latter chromatic difference of magnification 
eq ual in magnitude but opposite in sign to 
that of objectives constructed accor
g to 
Fig. 13. 
'Yhen the chromatic difference of magnifica- 
tion of an objective is to be accurately deter- 
mined, as it should be in the case of apo- 
chromatic systems, the best method consists 
in tracing a coloured ray right through at 
,1: of the full aperture used for the principal 
calculation. 
9 (19) THE ...\.BERRATIOXS OF OBLIQUE 
PEXCILS.-A microscope objective spherically 
and chromatically corrected in accordance 
"ith the preceding sections and fulfilling the 
sine condition will nearly always give satis- 
factory results throughout the field of small 
angular extent \\ hich is normally utilised. 
Nevertheless the outer part of the field of 
low-power eyepieces frequently shows un- 
pleasant indications of the curvature of field 
and of the astigmatism, which are two defects 
of extra-axial image-points incapable of full 
correction in microscope objectives, and 
which are, partly for that reason, but chiefly 
on account of the heavy labour involved in 
their determination, usuallv left entirelv un- 
considered in the design 
f such obje
tives. 
.'-stigmatism causes ext.ra-axial image-points 
to degenerate into an imperfect concentration 
of the rays which is characterised by the 
existence of two focal lines instead of one 
sharp focal point, one of these focal lines 
l
ing in a. tangential direction \dth reference 
to the centre of the field, and being therefore 
called the tangential focal line, whilst the 
other lies at a distance from the first depending 
on the magnitude of the astigmatism, is 
directed towards the centre of the field, and 
is therefore called the sagittal focal line. If 
the astigmatism is "pure," then the focal 
lines are perfectly sharp straight lines, and 
all the rays pass through a. small circular disc 
midway between the two focal lines, whilst at 
all other points the cros
-section of the 
cl)mplete pencil of rays is elliptical. In many 
cases the astigmatism can be removed by 
suitable constructional modifications of the 
lens system. Another defect then remains 
(with rare exceptions). namelV', curvature of 
the field. This curvature of the field in thf" 
absence of asticrrnatism is determined hv the 
o 
 


remarkable Petz\yal theorem. In its original, 
and hitherto the only generally recogni
ed, 
form thi.;; theorem states that if a. centred lens 
system is free from spherical aberration, coma, 
and astigmatism, then the residual curvature 
of the image of a radius R'i is determined by 

_ 1_ _" X -l ( 
_ ! ) _ 
_
 
 
R'i - R i - 
 7} 7 2 -R i -)J '/0' 
in which R i stands for the ra(lius of the surface 
on which the original object-points lie. The 
sums ha-ve to be taken for all the constituent 
simple lenses of which the system is built up, 
.x being the refractive index, 7} and 7 2 the first 
and second radius of curvature, and fo the 
focal length of an infinitely thin lens having 
these radü. The remarkable feature of the 
theorem is that the curvature of the image 
is proved to be totally independent of the 
thickness and separation of the constituent 
lenses and also independent of the conjugate 
distances of object and image. 
It has recently been pointed out (Conrady, 
JlontMy Xotices, B.A.S., .xov. 1915, .xO\Y. 
1919, and Jan. 1920), as an almost obvious 
deduction from the usual equations for the 
oblique aberrations of centred lens systems, 
that the unsatisfactory "if" in the Petzval 
theorem may be avoided and the utility of 
the theorem may be greatly increased by 
incorporating in its statement the fact that 
in the presence of astigmatism the two focal 
lines alwa \'s lie on the same side of the curved 
image surface defined by the original theorem, 
and that the tangential focal line of anyone 
oblique pencil always lies at three times the 
distance of the corresponding sagittal focal 
line from th3 Petzval surface. This extended 
Petzval theorem takes the form 


3 1 2 

X - 1 ( 1 1 ) 
R
= R't +&----
- r;:-r; , 
in which R'3 signifies the radius of the surface 
on \\ hic h all the sagittal focal lines lie, R' t 
the corresponding ta

ential radius, whilst the 
remaining terms have the significance already 
referred to. An exact (first appro
imation) 
equation of unconditional validity thus takes 
the place of the widely misunderstood and 
misinterpreted Petzval theorem. The chief 
practical value of the e
tendeù theorem arises 
from the fact that it enables a designer to 
deduce a close \yalue of R 3 as soon a.;; the 
more easily determined R ' t and R Þ i ha \ye 
been found. 
In microscope objectives R'i always has a 
value nearly equal to the equivalent focal 
length. If the astigmatism is corrected there 
will then be a severeh- curved field, \\ hilst the 
attempt to reduce Ùlis curvature by o\yer- 
corrected astigmatism (that is, by thrO\\ ing 
the focal lines beyonù thp con\yex side oÎ the 
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Pctzval surface) leads to loss of definition in 
the outer part of the forcibly flattened fidd. 
The fact that a really satisfactory state of 
correction is thus impossible justifies to a 
large extent the universal neglect of a detailed 
study of the curvature of field and astigmatism 
in microscope objectives. It is, however, a 
fact that in the majority of cases, and especially 
in the spherically and chromatically most 
highly perfected apochromatic and semi- 
apochromatic objectives, the already great 
Petzval curvature is aggravated by under- 
corrected astigmatism which makes R' g, and 
especially R't, shorter than R'i. 
The Lister type of low-power objective is 
decidedly favourable in this respect and can 
be easily rendered still better by closer approxi- 
mation to the type of photographic portrait 
lenses, and this has been done repeatedly, 
especially for photomicrographic purposes, 
even to the extent of adopting the anastigmat 
type of photographic lens. In the higher 
powers the })roblem is far more difficult, 
because the distribution of curvatures of 
surfaces which favours a flat field is absolutely 
opposed to that which leads to low residuals 
of zonal spherical and chromatic aberration 
in the central part of the field. In the papers 
already quoted other extensions of the theory 
of ohlique pencils are dealt with which open 
up new possibilities of reconciling these 
hitherto contradictory desiderata; but an 
addition of at least one rather widely separated 
component to the already complicated high- 
power objective will nearly always be required 
and will carry with it a reduction of the trans- 
mitted light by about 12 per cent. 
Theoretically there is one more defect of 
lens systems not yet mentioned, namely, 
distortion: owing to the small angle of field 
of microscope objectives this defect never 
reaches appreciable magnitude (except perhaps 
in the case of very accurate measurements by 
screw - micrometers), and may therefore be 
passed over. 

 (20) THE CALCULATION OF ::\lIcROSCOPE 
OBJECTIVES.-It is always preferable to trace 
the light through a microscope objective in 
the reverse of the actual direction, that is, 
from what will eventually be the image to 
the object. One reason for this procedure is 
that the tube-length thus becomes a fixed 
initial datum and will remain unchanged in 
modifying the system so as to attain the 
correction of the aberrations. A second 
justification is supplied by the fact, of which 
a designer soon becomes aware, that it is far 
easier and simpler to reach perfect correction 
by modification of the front lens or lenses 
than by changes of the compounded back 
lenses. 
All existing microscope 0 bjecti ves, with the 
possible exception of simple thin cemented 


achromatic lenses for low magnifications, may 
be taken to be the result of a succession of 
purely empirical trials either in actual glass 
and brass or by the trigonometrical com- 
puting method described in an earlier section. 
For the high powers this method is likely to 
remain the only one, for it is fairly obvious 
that in systems in which angles up to GOo or 
70 0 occur no analytical approximation can be 
of the slightest use. But the lower powers 
of the Lister type can now be arrived at by a 
strictly systematic analytical solution recently 
developed at the Imperial College and based 
on the theory of oblique pencils given by 
Conrady in JIonthly .LV otices of the B.A.S. of 
November 1918, November 1919, and January 
1920. As an example of a system designed by 
this process, and also as an illustration of the 
practical use of the computing formulae given 
in this article, the following objective of Lister 
type is selected (Fig. 15). The problem set was 
to design such a system so that it should (in 


-250m. 




 
- 6.25cm. . 


FIG. 15. 


the really employed reverse direction) produce 
a magnification of - 4 times, that the image 
should be formed at 2.3 cm. from the back lens, 
that the separation of the two lenses should 
be 6.25 cm., and that t of the total refraction 
effect or deviation of the marginal rays should 
be produced by the back lens. The glasses 
to be employed were 
Chance No. G05 N d =I'5175 
Chance No. 360 1 .G225 


Y = 60.5. 
3G.0. 


The analytical solution 
spherical aberration and 
finitely thin lenses 
r 1 = 10.G4 


for freedom from 
coma gave for in- 


13.51 
1.449 


r 4 = 


(d 4 ' = .3) 
(d s ' = .2) 


r 2 = 


2.088 
5.13 


(d 1 '= -4) 
(d 2 ' = .2) 


(r6= - 3.20) 


rs= 


r 3 = 


Analytically the astigmatism was found to 
be zero. 
This first solution was tested trigono- 
metrically, after putt,ing in the suitable 
thicknesses given in brackets, by tracing a 
paraxial and a marginal ray through with 
initiall 1 = Ll = - 25 cm. and log u 1 = log sin U I 
=8.50504 n (D = _1 0 5W), and gave after pass- 
age through the back lens 
L3 Þ = 12.7020 U 3 ' = 3 0 37' 0" 
l3' = 12.509G 'U 3 ' = .OG4120, 
and after passage through the whole system 
L 6 ' = 3.0449 V 6 ' = 7 0 I
Þ 34" 
l6'=3.02G3 u 6 '= .125346. 
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As might have been expectf'rl, the sy
tem 
proved spherically O\Ter-correded, to the extent 
of 1 6 ' - L/ = - .0186. This \\ as corrected by 
shortening the last radius to r G = - 2.93 by a 
few trigQnometrical trials. The result then 
was 


L 6 ' = 2.8696 
16 Þ = 2.8ß99 


U 6 ' = T::J 38 Þ 12" 


'U 6 ' = .132183, 


The sine condition then Ehowed the coma 
correction to be also defective, the magnifica- 
tion produced by the marginal rays being 
sin U ' _' 
--:--- U 6 = -4.1<:)39 hmes, 
SIn 1 
that by paraxial rays 
1l ' 

= -4.1317 times, 
U I 
showing an inadmissible difference of about 
! per cpnt. The analytical solution was 
therefore repeated by solving for those forms 
of the two components which would give the 
opposite of the coma defect found trigono- 
metrically, and the new solution was 


r l = 


17.24 
1 .942 


6.94 


r 4 = 


rs= -1.613 
(r6= -4'13), 
changed empirically 
to - 3'60. 
'Yith the same thicknesses of the individual 
lenses as before, and the same initial data, 
this gave 
L/ = 2.9877 
16 Þ = 2.9682 


r 2 = - 


r 3 = - 


4.33 


U 6 ' = 7 0 14 Þ 6" 


'1.(6'= .126509, 


or, again, spherical over-correction. By two 
trials the last radius was brought to r 6 = - 3.60, 
and this gave 
L 6 ' = 2.7847 U 6 ' = 7 0 - 4-1' - 5?" 
1 6 ' = 2.7840 '11 6 ' = .13-1885. 


The slight spherical over-correction may safely 
be ignored as it amounts to only a small 
fraction of the "tolerance" deduced in an 
earlier section. 
The sine condition is fulfilled by this 
objective within one part in 3300, so that the 
coma correction is practically perfect. The 
analytically determined astigmatism of the 
Recond solution is in the over-corrected sense 
ju
t about to the right extent to yield the 
most favourable approximation to a flat 
field. In all these respects the objective is 
therefore an exceptionally good one, although 
it departs to a startling extent from the 
stereotyped l.ister type, which would have 
r 3 ==r G == ox, anrl very short radü of the first 
and fourth surfaces. 
The achromatism next calls fur in-vestiga- 


tion. Using the 
(d - D)dX method, the X 
of the six surfaces have first to be computed; 
by the equation X = (PA)2/2r they are found as 
Xl = .01861 X 4 = .01188 
X 2 = - .17330 Xs == - .04814 
X 3 = - .07682 X 6 = - .02029 
X 2 -X I = -.19191 X S -X 4 = -.Oü002 
X 3 - X 2 == + .09648 X 6 - xs = + .02785. 
As D = (d + X - Xo) see U, and as the 'Talues of 
d 1 in proper order were .4, .2, '3, and '2, the 
calculation proceeds 


d+),.-Xo. U. D 
(d+X-Xol d-D. 
see U. 
First lens .:WS09 -0 0 17' 44" .
OS09 +.19191 
Second lens .29648 -1 57 55 .

)669 -.09669 
Third lens .23998 3 33 æ .240H +.05956 
Fourth lens .22785 2 22 IS .
2804 -.U2804 


The sum 
(d - D)d
 can now be worked 
out for any available glasses of the assumed 
refractive indices. For the glasses used in 
the analytical solution Cha
ce'S list gives 
.N I - 
 c for the crown as '00836, for the flint 
as .01729. Using these with the above values 
of d - D for the several lenses it is found that 

(d-D)dX = - '000004 cm. = - ,08 wave-length. 
.As the tolerance is .5 wave-length, this minute 
over-correction may be allowed to pass. If 
the residual had proved larger it would have 
been necessary to search the glass li
ts for a 
crown with slightly higher or for a flint with 
slightly lower dispersion. The great advantage 
of the (d - D) method is that it is nearly 
always easy to establish sufficiently exact 
achromatism by merely ringing the changes 
on available meJtings, provided of course 
that the rough design was arri,-ed at with 
due regard to approximate fulfilment of the 
chromatic condition. 
The test for zonal chromatic aberration by 
the paraxial form of the (d - D) equation is 
next carried out by the formula given above. 
It was found to give the paraxial residual 
= + .000048 em., or under-correction amount- 
ing very nearly to one wave-length. As the 
" tolerance" was fixed at two wave-lengths 
the objective is found to be satisfactory. 
Zonal spherical aberratiun must then be 
determined by the trigonometrica.I OPD m 
equation (10**). Employing 20,000, the 
approximate num b(,f of wave-l('ngths in one 
centimetre, as an additional factor so as to 
obtain the OPD directly in appro
illlate 
wave-lengths, the results are 


OPD 1 = - .35 
OPD 2 = + 14.84 
OPD 3 = -11'04 


üPD-1= + .003 
OPD s = +3.32 
OPD 6 = -6.12, 


and their algebraical sum = + .ßG wave- 
length represents the lead with which the 
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marginal ray nwet!'; the axial ray at the final 
focus. As the prpsent Systf'lll ineludf's no 
very large angles or curvatures this residual 
may safely be interpreted as indicating simple 
zonal aberration, for which a tolprance of two 
wave-lengths was established. The result is 
therefore highly sati
factor'y. 
It may be of interest to add that the whole 
of the analytical and trigonometrical work 
involved in arriving at this final design was 
carried out in less than ten hours The 
objective would be described as a 2! inch of 
KA. 13.3, for English tube-length. If made to 
two-third scalp it \\ ould be suitable for a I 
 
inch for Continental tube-length. 
In the higher powers of three or more 
separated components the attainment of the 
desired correction depends almost entirely on 
empirical trials guided by experience and 
instinct, the latter being most easily acquired 
by progressive studies beginning with simple 
achromatic lenses and gradually advancing to 
more complex forms. The calculation of the 
OPD values should never be omitted, for 
experience has shown that if the differences 
of optical paths arising at anyone surface 
exceed 30 or at most 50 wave-lengths the 
fulfilment of the Rayleigh condition for the 
whole aperture is rendered almost impossiblc. 
Similarly the sum of all the positive OPD 
amounts should not exceed 100 or at most 
200 wave-lengths for anyone complete system. 
In systems with the usual thick plano- 
convex front lens the form of the latter which 
leads to correction of the longitudinal spherical 
aberration and of the coma for the computed 
marginal ray can always be determined by a 
practieally direct solution. Refraction at the 
final plane surface does not change the ratio of 
sin V' to u/, as both are derived from their 
values before refraction by multiplication with 
the relative refractive index. Therefore the 
sine condition must he fulfilled by the VÞ and 
lI' of the first, spherical face of the front lens, 
and the requisite radius can be quickly found 
by a few trials based on this criterion. Pro- 
vided that this radius leads to spherical over- 
correction of the refracted pcncil (if it does not, 
then spherical correction will be impossible) 
the necpssary thickness of the front lens can 
be found by a direct solution. Let the inter- 
section lengths of the rays issuing from the 
convex surface be l' and LÞ =1' + (L' -l'), and 
let d be the sou
ht thickness. The inter- 
section lengths of the rays arriving at the 
plane face will be lÞ - d and t - d + (L' - l') 
rm;pectively. The corresponding intersection 
Ipngths after refraction are to be equal (so 
as to remove the splH'rical aherration) and 
arc determinerl by 1>1(3p)* and Pl(3)* respect- 
ivdy. Hence thC' condition 
(t -:- d)NÞ = [(l' _ d) + (L' _l')]N' ('os TTÞ 
N N cos U ' 


in which V represpnts the obliquity of the 
marginal ray arriving at the plane and UÞ its 
valu9 after refractiun as obtained from the 
equation by sin U Þ = sin F. N(S'. This equa- 
tion immediately gives the solution 
d=l'- (LÞ-l') 
(cos VI cos UÞ) -1' 
"\Vith this convenient solution any number 
of front lenses can be found for given back 
combinations and the best one picked out 
by the criterion of zonal aberrations. This 
represents the strongest argument in favour 
of calculation of microscope objectives in the 
reverse direction. 
In objectives of a numerical aperture 
exceeding about .25 the spherical aberration 
of the cover-glass usually employed in micro. 
scopy has to be allowed for. As objectives 
of these higher powers always have a plano- 
convex front lens this allowance is easily made 
without any laborious calculation by diminish- 
ing the thickness of the front lens calculated 
by the last equation by the thickness of the 
cover-glass. This simple procedure is legitimate 
even when the refractive index of the front lens 
differs very considerably from that of the 
cover-glass, for it is founù b,v direct calcula.tion 
that the aberration of a thin pIano-parallel 
plate is almost independent of its refractive 
index in the region of usual glass indices. 

 (21) EYEPIECES. I-The image produced by 
a microscope objective is usually further mag- 
nified by an eyepiece inserted in the upper 
nd 
of the tube. 
The cones of rays issuing from the objective 
towards the primary image have a common 
base at or near the back lens of the objpctive; 
it is convenient and usual to assume that thig 
common base of all the image-forming pencils 
coincides "vi th the second fucal plane of the 
objective. Anyone of these peneils is rdracted 
by the lenses of the eyepiece as indicated in 
Fig. 16, and should, for a normal eye with 

 
- U FIG.16.. , 


relaxed accommodation, emerge as an inclined 
bundle of parallel rays. The angular magnifica- 
tion of the eyepiece is then defined as the ratio 
tan VÞ/tan U, U being the angle at which the 
central or principal ray of the ohlique pencil 
leaves the second foeal poin1 of the objective, 
and U' the corresponding angle after passage 
through the eyppiece. The angular magnifica- 
tion so defined represents the numher engra\'cd 
on many eyepieces-more esppcially on com- 
ppnsating ones-and is the most eonvenient 
onc for the designC'l'. From the general theory 
of lensefl. it follo\\ s that if D l'C'IH'psC'nts the 
1 
ee also " .ErelÜeec
." 
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distance from the upper focal plane of the 
ohjecti'
e to th(' lower focal plane of the 
eyepiece (=the so-called optical tube-length of 
the microscope), f the equivalent focal length 
of the eyepiece, and 
IA the angular magnifica- 
tion as defined above, then 


-D 
l\IA= yo 
The values of D used by Abbe for the 
compensating eyepieces have been widely 
adopted; they are D = 1
0 mm. for the 
" Continental" and D = 270 mm. for the 
" English" stan<Ìard tube-length. English 
makers, however, more usually adopt 10 inches 
as the value of D on which their magnification 
numbers are based. 
The order of importance of the various 
aberrations is quite different for eyepieces 
from that for objectives. The reason is that 
the individual image-forming pencils passing 
through the eyepiece are very slender, their 
convergence ratio as they leave the objective 
rarely reaching even fl16. Consequently the 
longitudinal spherical and chromatic aberration 
of the individual pencils is unimportant and 
may usually be ignored altogether. On the 
other hand pencils like the one shown in Fig. 16 
aiming at image-points near the margin of 
the field of view pass the eyepiece lenses at 
large angie'S of incidence (frequently exceeding 
30'\ and at the contact surface of achromatised 
eye-lenses e,-en 50 0 ), and these large angles 
may lead to verv serious amounts of chromatic 
difference of 
agnification, of distortion, of 
astigmatism, and even of coma. These are 
the aberrations which cdl for the attention of 
the designer. 
The chromatic difference of magnification 
is most easily dealt with. It arise; from the 
dispersion of a white principal ray into its 
constituent colours by the prismatic effect of 
the pxtra-axia.l parts of the eyepiece lenses. 
Such a ray will be dispersed by the :first or 
field-lens (a) 
s indicated in Fig. 17, and if a 


Violet 
Fa . 
(b) 
Ja) 
.FIG. 17. 


singlo lens "" ere used as an eyepiece the violet 
and red images would be seen in the reverse 
direction of the corresponding emerging rays 
and" ould not coine-ide: the red image would 
appear decidedly smaller than the violet one. 
This defect is nh)
t usually corrected by placing 
a..second lens, the eye-Ien::-; (b), at a considerable 
dIstance from (a). The violet ray then 
traverses this second lens closer to its centre 


than the red ray and suffers les::-; deviation, 
anù a means is provided to secure parallel 
emergence of the different coloured rays. As 
was pointed out in discussing the objectÏ\
e, 
the latter may itself supply primary images 
with a chromatic difference of size, the violet 
primary image being larger than the red one. 
The eyepiece then must compensate this 
difference in addition to correcting its 0" n. 
The following para
ial solution is usually 
sufficient to determine the data of an eyepiece 
consisting of two thin lenses so as to establish 
equal magnification in all colours : 
Let C be the compensation constant of the 
objective "ith which the eyepiece is to be 
used, calculated as C = 1 - (size of red primary 
image)/(size of blue primary image), the red 
image corresponding to the C-line of the 
spectrum, the blue image to the F -line. For 
most of the apochromatic objectives C = .012. 
In the case of eyepieces for general use with 
ordinary objectives it would be advisable to 
introduce 0 = .004: or .003 as a compromise. 
Let f be the desired equivalent focal length 
of the eyepiece, fa the focal length of the 
field-lens, fb that of the eye-lens, k = fb/fa the 
adopted ratio of the two separate focal lengths, 
a usually suitable numerical value being k = ,5. 
Further let Va be the glass-maker's v-,.alue 
for the material of the field-lens, Vb the 
corresponding value of the eye-lens, 
IA the 
required angular magnification, a1\, ays a 
negative number, and d the sepa.ration (air- 
space) between the two thin lenses. Then 
the problem will be so!\?ed by calculating 


h = f[P:t 
 / p2 - Q], 


in which 
- ] k( v a + JIb C ) 
P - 1 + 2 
IA . --;; - + . JI a , 


Q= (1 +
\IA. k)( 1 +k
:), 


and then 
fa= 'f, and d=fa +fb - fib . 
For eyepieces without coml)ensation (0=0) 
two pIano-convex lenses of ordinary cro" n- 
glass will usually give fairly satisfactory 
results. If the H uygenian type is to be 
adhered to fur compensating eyepieces, good 
results are only ohtainable by making the 
field-lens of dense flint-glass (Xd = l.û2 or 
better 1.63) and the eye-lens of light crown- 
glass, or better still by using an aehromatised 
eye-lens (vb = oc). 1;'01' compensating eye- 
pieces fur high values of XA Abbe introduced 
chrornaticallv over-corrected close combina- 
tions on acc
unt of thp grC'ater distance of the 
eye-point obtainable "ith this type. \\ïth 
Huygenian eyepieces of high magnification the 
eye has to be brought very close to tIlt' eyp-ll'a
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in order to see the wholf' field, and this proves 
irritating, especia.lly to observers "ith long 
and stiff eyelashes. 
The modification of an eyepiece design with 
a view to reducing the other aberrations men- 
tioned involves the whole theory of pencils of 
finite obliquity and aperture and cannot be 
usefully dealt with in the available space. 

 (22) TIlE ILLUMINATION OF 
hCROSCOPIC 
OBJECTS.-From the point of view of geometri- 
cal optics it ought to make very little difference 
how the illumination of an object is effected" 
provided it is of suitable intensity for com- 
fortable observation. If aberrations are absent 
the instrument should yield a perfectly sharp 
image of every point in the object regardless 
of whether the whole aperture of the object- 
glass is filled with light or whether only a part 
of the aperture transmits light. :l\Ioreover, 
such an absolutely sharp image should bear 
unlimited magnification. This was in fact the 
view taken until about 100 years ago; if 
the instrument failed to give sharp images 
when a certain magnification was exceeded, 
the explanation was sought in uncorrected 
aberrations. Certain observational experi- 
ences which demonstrated that with the same 
instrument and the same magnification sharper 
images and higher resolving power could be 
obtained sometimes merely by changing the 
direction from which the object was illuminated 
were explained as shadow-effects of the type 
which renders visible under oblique illumina- 
tion countless small craters on the moon of 
which not a trace can be seen in the full 
moon. The improbability of any appreciable 
shadow being produced by the usually frail 
and highly transparent microscopic objects was 
ignored. 
The undulatory theory of light supplied the 
means of explaining this obvious breakdown 
of the purely geometrical explanation of 
optical images. Airy's determination of the 
form and size of the spurious disc produced 
by interference of the light arriving at the 
geometrical focus of a perfect instrument 
solved the problem to a considerable extent. 
Although his result was obtained nominally 
for the telescope it is equally applicable to 
any other perfectly corrected optical instru- 
ment, for the diameter of the spurious disc 
is found to depend only on the wave-length 
of the light (to which the diameter of the disc 
is proportional) and on the aperture of the 
object-glass, if the diameter of the disc is 
measured in angle, or on the ratio of aperture 
to focal length if the diameter of the disc 
is measured in linear measure; the diameter 
of the disc in either case is inversely pro- 
portional to the aperture. As two discs will 
cease to be separated by a dark space whf'n 
their distance a part is equal to their diameters 
it follO\\ s that the least distance at which two 


points in the image can he resoh-ed is equal 
to the diameter of the ::;purious di::;c, no matter 
in what unit the latter is measured, and also 
t.hat this distance is inversely proportional to 
the effective aperture of the object-glass and 
directly proportional to the wave-length of 
the light employed. 
\Yhen applied to the microscope, Airy's 
theory of the spurious dise explains some of 
the observed phenomena fairly satisfactorily. 
As the smallness of the image depends on the 
effective aperture, i.e. that part of the lenses 
which is really filled with light, there should 
be a maximum uf resolving power when the 
object-glass is completely filled with light and 
a reduced resolving power if only a part of 
the full aperture is utilised. This is qualita- 
tively in accordance with experience, but nut 
quantitatively, for it is found that a micro- 
scope objective retains one-half of its maximum 
resolving power if only a very small axial 
illuminating penûil is employed; by the 
theory the resolving power should be reduced 
to a very small fraction of its maximum value. 
Light scattered by the structure of the object 
and thus slightly utilising the space not filled 
with direct light was naturally adduced in 
explanation: but it is impossible thus to 
account for the fact that-with all kinds of 
objects-the resolving power is just half that 
obtainable from the lens \vhen completely 
and uniformly filled with light. 
Another and even graver objection to the 
application of the Airy theory in the case of 
the microscope arises from the fact that the 
theory is only valid, firstly, if all the light 
arriving at anyone image-point is coherent, 
that is, derived from one original point-source 
and, moreover, if this light approaches t.he 
image-point as a truly spherical wave train; 
secondly, if other image-points in the immedi- 
ate neigh bourhood of the one first considered 
receive no light from the source illuminating 
the first, otherwise there would be secondary 
interferences between adjacent image-points 
and the form of the individual images would 
be profoundly modified. These fundamental 
conditions could only he fulfilled if the objects 
unùer observation were rendered self-luminous, 
say by making them white - hot, which is 
manifestly out of the qnestion in all hut most 
exceptional cases. It used to be thought 
(Helmholtz was the last responsible scicnti
t 
upholding this vif'w) that the objection could 
be met by projecting upon the object under 
examination the sharp image of a self-luminous 
source by means of a highly corrected con- 
denser. But no condellser yet made has the 
requisite freedom from aberrations, and even 
if one were produced it would still depict each 
point of the source as a tiny spurious disc with 
attendant interference-ring!'!, all conHisting of 
coherent light covering an appreciable area 
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of the object and so defea.ting the theoretical 
req uirenwnts. 
.Finally the Airy t.heory can give nu reasun- 
able explanation of any kind of the results 
obtained by lighting objects with light of such 
obliquity that the direct illumination cannot 
enter the objective of the microscope, that is, 
the theory fails entirely for dark - ground 
illu mina tion. 

 (23) ABBE THEORY.--Abbe was the first 
physicist who clearly realised these short- 
comings of the Airy theory when applied to 
the microscope. He overcame the difficulty 
in the wa v which is rendered obvious the 
moment it; n:tture is recognised, by studying 
the nature of the image produced when the 
object is illumina.ted by a single point-source 
so that all the light falling upon the object is 
necessarily coherent and capable of inter- 
ference. If an extended self-luminous source 
is subsequently substituted, each point of it 
Tfill produce an image of t he type determined. 
and as the vibrations of different points of a 
self-luminous source are independent and in- 
capable of permanent interference the final 
ima.ge "ill everywhere have the simple sum 
of the inten
ities of the elementary images 
"ithout any complications due to secondary 
interferences. 
If a minute hole measuring only a small 
fraction of a \vave-length in diameter is pro- 
duced in an opaque film and illuminated from 
a distant point-source, then there will be no 
RCOpP for sensible interference effects, and the 
hole \\ill send out light in all directions on 
the principle of Huygens and will behave 
exactly as if it were itself self-luminous. This 
is the only case in which the theories of Airy 
and of Abbe lead to the same result. It is 
approximately rpalised in the "ultra-micro- 
scope," by which minute particles are seen 
exactly like stars in a telescope; in fact, if the 
instrument is well corrected the spurious disc 
\\ith its surrounding diffraction rings is clearly 
seen. 
But if the light-transmitting aperture attains 
a size of the order of a wave-length or if there 
are a number of apertures "ithin small dis- 
tances of each other, then there "ill be 
interference effects bptween the lig:ht from 
differpnt points of the aperture or 
pertures, 
resulting in the producing of some type of 
diffraction spectra. In the vast majority of 
cases the result is hopelessly complicated and, 
moreover, inac('e
sible to theoretical discussion, 
inasmuch as the latter would require the 
minute strueture of the object to be known 
with absolute certainty. In the case of deli- 
cately structured natur
l objects only known by 
miC'roscopical observation an obvious vicious 
circle would be involved in using such objects to 
test a theory. This also was clearly realised 
by Abbe and avoided by devi8ing a large 


number of hig-hly ingeniou
 experiments on 
artificial 
illlple oLjects such as finely-dra\\ n- 
out glass threads, and especially on grü tings 
ruled in a silver or carbon film and used either 
singly or two crossed so as to produce dot- 
patterns. By observing fmch ol)ject
 of accu- 
rately known structure Abbe proved pxperi- 
mentallv his theoretical conclusions that 
refracti
n or reflection of light by the object 
('ould not explain the image, but that the 
image could be fully accounted for by the 
diffraction spectra produced by the object, 
and that the verisimilitude of the image 
depended on the extent to "bich the diffracted 
Jight was admitted by the objective of the 
microscope. For a fuller account of this 
Abbe theory reference must be made to 
Dippel's handbook of microscopy, and for a 
more detailed study of the application of the 
theory to the conditions usually prevailing in 
the actual use of the microscope to t" 0 papers 
by Conrady.1 
All that is required to establish the theory 
of illumination is to consider the distribution 
of the diffraction spectra in the case of a 
simple grating of straight and equidistant 
slits. If such a grating is illuminated by 
parallel light from a distant point-source a 
number of diffracted beams are produced, and 
as the angles at which these proceed obey a 
sine law whilst a microscope objective also 
must satisfy the optical sine condition, it easily 
follows that, no matter in "hat direction the 
source of light may be placed, the diffracted 
beams are depicted in the upper focal plane 
of the objective focussed on the grating as a 
series of equidistant points if the light is 
monochromatic, the distance from point to 
point being inversely proportional to the 
spacing of the grating and to the \\ ave-length 
of the light, and the line formed by all the 
diffracted light-points being at right angles to 
the direction of the grating-8lits. If at least 
two consecutive diffracted beams are trans- 
mitted by the objective, then their interference 
in the final image plane (usually on the retina 
of the obf'errer's eye) "ill produce an alter- 
nation of bright and dark lines coinciding "ith 
the image of the grating which would be 
deduced by geometrical optics. 'Yith an ob- 
jective of limited aperture only a part of the 
complete set of diffraction spectra "ill be 
admitted. Referring to Fig. 18, in which the 
direct liaht is distinguished hv a small circle, 
the flanking diffraction spect;a by crosses, it 
i
 easily seen that if the source of light were 
placed 
upon thp optical axi
, an objective of 
small aperture (A) miaht admit only the dirpct 
liO'ht and no resolution \\ ould be obtainpd. It 
"
mld require an aperture B to admit the 
direct light and the two nearest diffraction 
1 JOllTn. R. JIicr. Soc , InO-l, pp. 610-633, 3ml1905, 
pp. 5U -553. . 
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spectra with axial illumination and to secure 
resolution. But if the source of light were 
moved to one side of the optical axis-thus 


B 


-ß- 
f 
producing oblique illumination-then the aper- 
ture A would just be capable of admitting the 
direct light and the nearest diffraction spec- 
trum (C) and resolution of the grating would 
result. The increased resolving power with 
oblique illumination is thus explained; also 
the two-to-one ratio of resolving power with 
extremely oblique and with axial illumination, 
respectively. 
But a very grave objection to simple oblique 
illumination is also easily deduced. As a rule 
the observer will be ignorant of the direction 
of the lines of the structure under obr:;ervation 
or there may be in the same field specimens 
having lines in various directions. Now with 
oblique light arranged according to case C and 
a structure producing a row of diffraction 
spectra of the same, or even a closer, spacing" 
but on a line nearly at right angles to that 
first considered, only the direct light would be 
admitted (D) and no resolution would result. 
To avoid this pitfall it is therefore absolutely 
necessary when employing simple oblique 
illumination to try it in all azimuths, either 
by rotating the object by means of a mechan- 
ical stage or by producing a corresponding 
change in the illuminating pencil by a rotating 
eccentric diaphragm of the substage-condenser. 
But a method which nearly always deserves 
preference is to produce oblique light in all 
azimuths simultaneously by means of a con- 
denser opened to a suitable aperture to secure 
the desired degree of obliquity with a large 
"solid cone" of illumination, or to accentu- 
ate the higher resolving power of oblique 
light by adding a central stop below or 
above the condenser-iris which cuts out the 
central part of the illuminating cone and so 
produces "annular illumination." Evidently 
the essential requirement is that the illumina- 
tion should be perfectly symmetrical with 
regard to the optical axis, that is, strictly 
concentric with the latter. Looking down the 
tu be of the microscope the observer should 
see either a uniformly bright and nicf'ly centred 
disc of light or a ring of light of uniform 
hrightness and bounded by cirdps concentric 
with the axis of the micros{'ope. These are 
the conditions which are hoth neCf'ssary and 
sufficient to secure truthful and reliablf' images 
of microscopic objects no matter what their 


-x 


structure may be. rrhe realisation of these 
conditions is not difficult if a uniformly bright 
source of light of large area, such as the sky 
or a large flame, is available, and excellent 
results are then obtainable with condensers of 
the sImplest type. But when the source is 
small and eEpecial1y when it is almost linear 
like an incandescent lamp filament, then the 
conditions can only be adeq uatf'ly satisfied 
with a condenser carefully designed so as to 
be fairly free from spherical and chromatic 
aberration and accurately focussed so as to 
project a sharp image of the source of light 
upon the object under observation. Con- 
densers of this kind closely resemble micro- 
scope objectives of corresponding numerical 
aperture and are de8igned by the methods 
described in earlier sections: the tolerances, 
however, may be safely extended to two 
or three times the amounts stipulated for 
objectives. 
The Abbe theory also leads directly to a 
formulation of the proper conditions to be 
fulfilled in dark-ground illumination. If a 
regular structure is illuminated by light of 
such obliquity that the direct light cannot 
enter the microscope objective, then the 
image will be produced entirely by diffracted 
light and at least two diffraction spectra 
must be admitted in order to secure an image 
of the structure. Pig. 19 shows at once that 
the maximum of re- 
solving power will be 
secured if the first and 
second diffraction spec- 
tra can just enter at 
opposite margins of the 
aperture. Evidently 
the direct light will 
then he three times as 
far from the axis as 
either diffraction spectrum, and this maximum 
can therefore only be realised if a condensC'r 
is available which has three times the nunwrical 
aperture of the objective to which it supplies 
dark-ground illumination. As the numerical 
aperture of a condenser cannot exceC'd 1,5, it 
follows that the full resolving power of ob- 
jectives over .5 NA cannot be realiscd by 
dark-ground illumination; the latter therefore 
implies a disadvantage in the case of all 
objectives of high NA. On the other hand, 
there may be present in the same field coa.rse 
structures which give closely spacC'd fliffra{'- 
tion spectra. In order that the hÜtpr may bc 
admitted, it is necessary that the ring of 
dark-ground illumination
 should extend in- 
wards as nearly as possible to the aperture of 
the objective in use. HC'llcc a second im- 
portant rule: that the dark-ground stop should 
be only j u
t large enough to secure a dark field. 
Thi,;; rule cannot usually he sati
fa,ctorily ful- 
filled if a high.power condenspr has to be used 
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in order to secure illuminating cones of great 
obliquity. The reason is that in practically 
all existing condensers of high X.A. the di
- 
phragm and dark-ground stop are placed far 
below the anterior focal plane, with the result 
that a real image of both is formed close above 
the object under observation (Fig. 20). If thi;:; 


. Light 


FIG. 20. 


image of the dark-ground stop is only just 
large enough (as it ought to be) to stop direct 
light from the alial object-point from entering 
the microscope objectÌ\
e, then it wilJ stop out 
an oblique cone of similar angle from extra- 
axial object-points, "ith the result that from 
the latter direct lhrht "ill be admitted on the 
side of least obliq'iuty of the inclined hollow 
illuminating cone. The field thus is dark only 
in and near its centre, \\'ith rapidly gro"ing 
illumination towards its margin, and the effect 
is totally spoilt. This grave drawback can 
only be removed by placing the diaphragm 
and central stop close to the anterior focal 
plane of the condenser: unfortunately the 
present design of microsc0pe stages and sub. 
stages renders the fulfilment of this important 
condition very difficult. The various types of 
reflecting condem::ers (paraboloids, et
.) are 
attempts to overcome this difficulty: it would 
be decidedly preferable to have oil-immersion 
condensers "ith correctly placed diaphragms, 
and it is therefore to be hoped that designers 
will give earnest attention to this desideratum. 
A. E. C. 


'IICROSCOPE EYEPIECES. See "Eyepieces," 

 (ü); also ,. Jlicroscope, Optics of the," 
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IICROSCOPE OBJECTIVES, C_-\LCULATIO
 OF. 
See ,. 
Iicroscope, Optics of the," 
 (2) 
et seq. 
Testing of. See "Objectives, Testing of 
Compound. " 
:\IICROSCOPIC OBJECTS, PROJECTION OF. See 
" Projection Apparatus," 
 (16). 



IICROSCOPY 'YITH ULTRA- \TIOLET 
LIGHT 

 (1) IXTROD"GCTIOx.-The evolution of the 
mo
lern . microscope has been a process in 
whIch llllprO\
ements of importance haye 

lte
a
ed "ith long periods of apparent 
machnty. It has in general followed the 



ame lines as other optical instruments, that 
15, so far as methods of correcting for spherical 
:nd. chromat
? aberratio
 are concerned (see 
)hcroscope). The mtroduction of im- 
mersion len:-;es by Amici in IS':;.3 marks one 
of the great optical improvements that has 
had a pr
found influence on its development, 
although It was at a much later date that full 
advantage was taken of the method. Xot 
until the latter part of the last century 
largely O\\ing to the researches of Abbe"', 
 
were 
he factors governing resoh-ing power 
recogmsed and understood. It \\ as realised 
as the result of these researches that there 
exists a limit beyond which reso1\ ina power 
cannot be increased. The practical result 
ther
from was the computation and pro- 
ductIon of apochromatic objecti\-es, in "hich 
colour correction was of a higher order 
than had at that tillle been achie\
ed in any 
optical instrument. Since that period the;e 
has been no real ad\-ance in microscopic optics. 
There are two distinct methods of in\Testicra- 
tion in modern microscopy, one in which 
enhanced visibility is the main purpose in 
view, no Ì1úormation as to the form or 
tructure 
of minute objects being secured, and the 
other the more usual one of the resolution 
of structural details. In the former case 
objects are rendered self-luminous, appearing 
as bright bodies on a dull ground. The 
method is known as ., dark-ground illumina- 
tion " when bodies \\ ithin the resolution limits 
are being observed, as ., ultra
microscopy " 
"hen small particles beyond these limits are 
made visible. 2 Considerable confusion has 
arisen 0" ing to the use of the term "ultra.- 
microscopy" in describing both modes of 
observation. In their fundamental physical 
aspects the method of dark-ground illumina- 
tion and obsen-ation "ith the ultra-micro- 
scope are identical, as both serve to enhance 
the visibility of an object. The practical 
difference is in the type of object under 
observation and the manner in "hich it is 
o bserved, rather than in the difference net ween 
the character of the appliances used for the 
purpose. "
hen objects seen in a dark field 
show structural details or well-defined contours 
we are dealing "ith simple dark - ground 
illumination. "
hen. on the other hand, the 
field is seen to contain particles in which there 
is no trace of detail or evidence of structure, 
and which appear as mere point;:; of light, the 
case is one of ultra-microscopic observation. 
It is obvious that both types of image may be 
seen at the same time; the fundamental 
diffeN'nce is therefore dependent on the size 
I Ahbe, A.rrhi)' f. mil..,. Allat.. 18;:3. ix. 413; 
JOIlT1l. Roy. Jlicr. .I.,ociet,ll, June 1&"1, p. 3:'3. 
2 ::;iedcndotf, JOIlT1l. Roy. JIicr. Soc., I flO:
. p. '>;:3 ; 
Allll. d. Phys., 1 n03, pp. I-3ft: Bal. 1.-1;11. Wrhllsrhr., 
1D04; Zs. f. lI'iss. J1il.-ros., 190;, p. 38
; Faraday, 
Proc. Roy. Inst., 18.34, p. 310. 
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of the object, whether it is aboye or below thp 
resolution limits, and on the distance between 
neighbouring visible units. It is in the 
direction of obtaining increased resolution 
that the greatest need is felt in practical 
mICroscopy. 

 (2) RESOLVI
G POWER.-It is well known 
that the smallest distance separating two 
points in an object-such as a grating-is 
given by the relation 
d= 
^ , 
SIn a 


where ^ is the wave-length of the light used 
in the medium surrounding the object, and 
a is the angle subtended at any point in the 
object by half the effective angular aperture 
of the objective. 1 This is usually written 
d= J
_, 
,u sm a 
when ^o is the wave-length in aIr, and ,u the 
refractive index of the medium. It follows 
that the value of d, the distance between any 
two elements of recurring structure, is de. 
pendent on the wave-length of the light used 
and on the product of ,u sin a, which is known 
as the numerical aperture (N.A.) of the 
illuminating and observing optical system. 
This relation is applicable in the case of a 
grating illuminated by a beam of the greatest 
possible obliquity, ensuring that the essential 
diffraction spectra are within the limits of 
the objective aperture. It is reduced to 
d - _ ^o_ 
- ,u sin ct' 
when axial illumination is resorted to, a 
condition that applies to most observational 
work. It is in this connection important to 
renlember the well- founded view of Abbe 
that "the diffracted light emanating from 
the object may utilise the whole aperture of 
the system, although the incident cone of 
light, if it were simply transmitted in the 
absence of an object, would fill only a very 
small portion of the aperture." It follows 
that greater resolution can be obtained either 
by reducing the wave-length of the light used 
as the illuminant or by increasing the N.A. 
of the objective. \Yith dry lenses the greatest 
attainable N.A. is '95. This can be increased 
by using immersion lenses, the resulting N.A. 
in the case of water being approximately 
1.2.'5, cedar-wood oil 1.50, or monobromide 
of naphthaline 1,60, the latter being used 
only in metallurgy, or in cases where flint 
cover-glasses of the necessary refractive index 


1 Ahhf>, Ahñrmrlll'1I!1('n Übn rli(' Theorif> rif>S llikro- 
.c;kops, I HOl; Rayleigh, I,orcl, Phil. J[ (1(1., 1 R
)6, p. 4ô7 ; 
.'ourn. RO}I. lIJicr. 80l'., 1003, p. 4-t-7; Porter, Phwdcal 
Rf>!'if>w, 1905, p. 386; Glazebrook, Trans. Optical Soc., 
1007-1908, p. !)4. See also "Microscope, Optics of 
the," Introduction. 


can be utilised. The actual resolution obtained 
with white light with a mean wave-length of 
,).30 ,u,u, when a grating is illuminated by 
oblique rays and with N.A. 1, is therefore 
about 92,000 lines per inch. The use of oblique 
light is necessary to obtain the utmost resolu- 
tion \yith such an object, as otherwise the 
diffraction spectra which are essential to the 
formation of the image cannot be em braced 
by the objective. I t has to be recognised 
that such an image is not. of necessity a true 
representation of the ohject; it is in most 
cases no more than an inuication of the 
periodicity of the structure. Tlic so-called 
resolution of diatoms may be cited as an 
example, in which the structure may give 
rise to an image coni"isting of parallel lines or 
bars. Such lines are known to be merely an 
indication of a regular sequence of depressions, 
perforations, or excrescences of the same 
periodicity, and this constitutes the only point 
of similarity bet,veen the object and the 
image. To obtain a real image the object 
must be illuminated with a solid axial cone 
of light, and under these conditions resolution 
falls to one-half of the value stated. It 
would therefore be of the order of 46,000 
lines per inch in white light. Johnstone 
Stoney 2 states that with an immersion 
ohjective of N.A. 1.35, and an immersion 
condenser of N.A. 1,30, using a suitable stop 
to securp oblique illumination in a direction 
at right angles to the direction of the lines 
of the grating and with blue light of 450 mm. 
wave-length, the practical limit of separation 
is about 0'20,u. He has also demonstrated that 
a pair of objects may be resolved when t.hey 
are separated by about five-sixths of the 
interval between the elements of a row of 
such objects or points; in other ,vords, that 
resolution is increased appreciably when only 
two neighbouring elements of structure are 
being observed. The com})utat.ion by Abbe 3 
of apochromatic objectives has resulted in 
the production of systems for visual work 
with the highest attainable N.A., and in which 
spherical and chromatic correction arc of a 
high order. Their chief characteristic is that 
they are perfectly corrected for three colours 
in the spectrum, and approximately for all 
colours in white light. Their superiority 
over any achromatic system is dependent on 
their computation and not on the use of any 
particular material, such as fluorite, in their 
construction, although this material has 
optical constants which are essential in the 
computation of such objectives, no suitable 
optical glas':! yet being available. By using 
light of short wave - lengt.h in the spectro- 
scopiC' region of the green, Llup-grC'C'n, or hlue- 


2 .Johnstone Rtone
T, Journ. Roy. JIicr. S()c., 1903, 
p.564. 
3 Abbe, Journ. Roy. JJicr. Soc., 1879, p. 377. 
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violet, the greatest attaina.ble dsual resolution 
is secured. The most useful illuminant for 
this purpose is the mercury. vapour lamp, ad 
it is possible by using suitable colour screens 
to utilise the bright lines in the orange, green- 
blue, or violet. E,en when used "ithout a 
screen thi.s illuminallt has the advantage 
possessed by no other, that the mean wa Ye- 
length is reduced, as no red radiations enter 
into its composition. It is obvious that even 
under these conditions resolution is strictly 
limited. The only practical method of obtain- 
ing increased resolution that ha.-s been evolved 
since the researches of 
\bbe, with pro- 
portionately increased magnification, which 
constitutes a definite advance, is in the use 
of ultra-violet light, a method which open:;: 
up a wide field for investigation. The shortest 
wave-length that has sufficient luminosity in 
the visual spectrum for direct observation may 
be regarded as bemg in the region of wa ,e- 
length -! 7,) J.LJ1, but if it is possible to utilise 
ultra-,iolet radiations of a wave-length as 
short as 220 J.LJ1, resolution will, other 
things being equal, thereby be doubled. 
There is the self-erident objection to such a 
method, that the image can no longer be a 
,limal one, and, further, that the optical system 
must be composed of materials which are 
transparent to ultra-,iolet light. 

 (3) QL-\RTZ OPTICAL SYSTE:\IS. - The 
transparency of any optical gl
 is not 
sufficient for work with the more refrangible 
portion of the spectrum, e,en a borosilicate 
. crown-glass transmits but a small percentage 
of light of wa,e-length 300 J.LJ1. Schott of 
Jena has made optical glass particularly 
transparent to the ultra-TIolet light, but at 
wa,e-length 2ôO J.LJ.L a specimen 1 mm. thick 
only transmits 50 per cent of the incident 
light, and with shorter wave-lengths it is 
practically opaque. The only materials a,ail- 


It-60, while Boys in England, in or about 
lðð3, suggested the suitability of fused quartz 
for this purpose. It "as not until 1900 that 

I. ,on Rohr 1 of Jena succeeded in construct- 
ing a quartz-fluorite objective of about 4: mm., 
equi,alent focus X.A. 0.30. This may be 
regarded. as experimental, as it was supplanted 
in I
04 by a series made entirel, of fused 
quartz. These objectives were term
d " mono- 
chromats," as they are computed for a "a,e- 
leñgth of 27.3 J1J.L, although they can be used 
satisfactorily o,er a considerable range in the 
ultra-nolet region, prorided that the light is 
monochromatic. The equivalent focal lengths 
are as folloW's : 
6 mm. dry lens X.A. in white light 0,35. 
2.5 mm. glycerine immersion X._\. white light 0-8.5. 
I. 7 mm. glycerine immersion X.A. white light 1.25. 
The efIecti,e X.A. of these lens?s when used 
with ultra-riolet light may be regarded as 
double the values indicated. being respectively 
0.70, }.70, and 2,:50, this being the approximate 
relation of the mean W'a,e-Ien
th of "hite 
light to that of ultra-violet (275 f.LJ.L). The 
immersion fluid is glycerine and water with a 
refractive index 1-44i {D. The immersion 
fluid must be sufficiently transparent to ultra- 
nolet light, and in this respect glycerine fulfils 
the purpose, but precautions mm
t be taken 
in practice to ensure that its refracti,e index 
remains constant, a short exposure to atmo- 
spheric influence causing apprecia.ble altera- 
tion. 
Fi,e oculars for projecting the image on 
to the photographic plate ha,e been computed, 
and these are made from crystalline quartz. 
Their initial magnifications are 5, i, 10, 14, 
and 20 when used at a mecha.nical tube- 
length of 16u mm. The maximum magnifica- 
tions obtainable are set out in the following 
table: 


Objective. II . . I 5 
I EyepIeces 
6mm. " Optical camera length '1 30 em. 
X.A. 0.70 )Iagnifieation . . :?50 
2.3 mm. Optical camera length '1 30 em. 
X-A. 1....U II 
lagnificatíon . . 600 
1.7 mm. I Optical camera length .1 31 em. 

I.A. :?'50 , )Iagnifieation . . 900 


able therefore are quartz, either crystalline 
or fused. and fluorite. Fused quart.z is 
rather less tran.:.parent than crystalline, but 
in carefully selected pieces which are free 
from impuritie
 the difference for the l)urpo
(' 
in view is not important. Fluorit.e" as first. 
u:o,ed in the construction of microscope object- 
ive'i by Spencer in America as long ago as 


7 10 14 I
 
34 eIll. 30 em. 3-1 em. I 30 em. 
400 .wu Ron lOttO 
30 em. 31-5 em. 30 em. 31'5 em. 
800 I :!(IO 1600 2 -!tJU 
æ em. 31 em. 31 em. 31 em. 
1300 1 bOO 2500 3600 


The term ., optical camera length " is the 
distance of the sensiti,e plate from the upper 
focal point of the microscope, th
 being for 
all practical pUI1JOses the cap of the eyepiece. 
The suLstage condenser is of quartz and is 
made "ith t" 0 intercha.ngeable top kn"'c
, 
1 Kohler and ,on Rohr. ZpitRclirift f. 11lstru7nffl., 
1904. . 
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The use of optically worked slide's and 
cover-gla::;::;es of definite and consta.nt thick- 
ness is esgentia.l, as otherwise the difficulty 
of adjusting the apparatus would be greatly 
increased. In 
visual work the 
adj ustment of 
tu be-length to 
correct fur spheri- 
cal aberration 

 
introduced by 
cover - glasses of 
varying thickness 
is eSRf'nt.Ïal, but 
this would be a 
I matter of con- 
18idcrablc difficulty 
, 0 
 '::
 
,"J
ìJ 
p!1 "?' t
" 


so that the illuminating beam may be of 
such N.A. as is desirable with each objective. 
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FIG. lA.-Showing the whole Apparatus in Action. 


FIG. l.-)Iicroscope and Camera ready when using ultra - violet light. For the 
for Photographing, same reason it is essential that the object 
A, Fluorescent searcher eyppiece. n, Fluorescent should be immersed in as thin a layer of 
uranium glass disc. C, Right-angled quartz prism. mounting medium as possible, otherwise the 
effect on the performance of the objective is 
\Vithout either top lens the condenser is a the same as that resulting from the use of a 
dry one suitable for use with the 6 mm. I thicker cover-glass. 
objective. The complete con- D The object, or element of 
den::;er is used with the im- structure under examination, 
mersion lenses, and is itself must in fact be nearly, if not 
also immersed with glyce'rine. quite, in contact with t.he 
An iris diaphragm is provided under surface of the cover- 
as in all substage illuminators. glass. There are certain limi- 
The illuminating heam is de- tations as to the type of the 
fleeted in the direction of the object that can be dealt with 
optic axis of thE" microscope by this method -limitations 
by means of a right-angled which are determined in large 
quartz prism which replaces the part by the transparency of 
mirror on an ordinary microscope. the object to ultra - violet 
The essential parts on the micro- light. The tprm "trans- 
scope are therefore the same as for parency " us('d in this sense 
visual work, except that they are all is a relative one, as many 
of quartz. substances that in thicker 
Figs. I, IA. and 2 show the micro- layers are completPly opaque 
scope and camera and the arrange- become very translucent when 
ments for illuminating the object in thin microscopic laycrs. 
respectively. Some micro - organisms, for 

 (4) OBJECTs.-The object to be instance, which in the direc- 
photographed must he mounted on FIG. 2. tion of their breaùth are 
a quartz slidp and covere'ù with a beyond th(' limits of micro- 
quartz cover-glass. The object-slides are of I scopic resolution, have entirdy baffled all 
crystalline quartz, ground at right angles effO'rts to photograph them by means of 
to the optical axis, and are 0.5 mm. thick. ultra - violet light. The radiations pass 
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completely through, and no image is fornlPd 
on the photographic plate. This, how- 
eyer, is probably a question of wave-length. 
Radiations of shorter wave-length, when 
they can be utilised for the purpose, will 
probably do all that is required, and these 
'-er:,
 smal1 organisms can then be dealt witl]. 
The objects best suited for this method are 
bacteria., yeasts, or any cellular structure 
which can be o"hserved as separate units or 
in thin layers. Apart from the difference 
obtained in the image as the result of differ- 
ences of thickness, there is a differentiation 
of structure due to differences of organic 
constitution wÞich is shown in thp resulting 
photograph. Spore - forming organisms, for 
instance, result in a somewhat striking 
picture; the organism itself may be somewhat 
translucent, but the spores are almost in- 
variably quite opaque to ultra - violet light, 
although they are of similar dimensions. The 
same applies to granular contents in yeast 
cells and other cellular structures of a similar 
character. 
The method therefore acts as a staining 
reaction "ithout the necessity of carrying 
out any proce:;st:'s which might result in 
alteration in the appearance of the structural 
elements. Objects must in all cases bp un- 
stained. They must not be treated by any 
of the well-known methods used in bacterio- 
lo
y or cytology, in which fixation, hardening, 
or drying takes place. These processes prob- 
ably cause some change in organic tissues, 
and in most cases they result, in the method 
under disC'us
i()n. in the tissues becoming 
opaque to the radiations used. It is obvious 
therefore that the results are a reuresentation 
of the tissues or micro-organism l
nder actual 
living conditions. 
In practicp the preparation of the object 
presents no difficult;\'. The only pnint is that 
it must he mounted between its cover-glass 
and slidf' in some fluid which is transparent 
to ultra - violet Jight. Such fluids are not 
numerous; but distiHed water, glycerine, or 
glycerine and water, Ringer's solution. normal 
saline, or castor-oil are amon a the substances 
availahle. To inhibit motionOin living organ- 
isms a 
 per cent solution of agar may be 
use!"l, l)t:' a dilute solation of gdatine. This 
procedure is, however. to be avoided if 
possible, and it i
 preferable to rely on thin 
layers of material so that motion is in- 
hibited by the short distance, and consequent 
small free path, betwppn slide and co\'er-glass. 
The ordinary nutriti,'e media, as used bv 
bacteriologists, are in some cases suitabl;, 
but they ma
.7 be diluted to about one-fifth 
or (JIle-sixth their ordinary strpIl!rth. Rections 
ma,y h(' pass('d from xdol to 
-aRPline oil or 
castor-oil, but it is ncc
ssarY to see that the 
xylol is completely remov;d. as that suh- 
VOL IV 


stance is opaque. In general, scrupulous 
cleanliness is essential, as other\' ise the dus1 
particles which occur in nearly all prepara- 
tions hecome all too evident. The quartz 
slides and cover-glasses must be boiled in 
bichromate of potash and sulphuric acid to 
ensure perfect cleanliness, and should then 
be heated in a Bunsen flame bdore they are 
put into use. 

 (.3) LIGHT SorRC'Es.-The source of light 
is a high-tension spark discharge bet" een 
metallic electrodes, usually magnesium or 
cadmium. The necessary characteristics of 
the light are, that it should emit ultra-violet 
radiations in sufficient quantity. and that its 
spectrum should mainly consist of a few 
intense bright lines, or groups of lines, The 
lines must not be too close together, so that 
any individual line may be isolated by spectro- 
scopic methods, and utili sed as the source of 
light. 
Few metals conform to the necessary con(li- 
tions. Iron, for instance, is quite unsuitable, 
although it emits ultra-violet rays freely; 
but the large number of lines in its spectrum, 
and their closeness together, make it im- 
possible to utilise it. Cadmium and magne- 
sium are the most suitable, their spectra. 
consisting of a few inten
e "ell - separated 
lines. Recent experiments indicate that sih-er 
and beryllium may prove of value where 
intervening waT"e-lengths are required. The 
length of spark required is about 5 mm., but 
it must be what is usually referred to as a 
" fat" type of spark of high intrinsic brilliancy. 
It appears that there is 8 definite limit to the 
amount of energy that can be used in this 
direction. The conditions are comparable to 
that of an arc, in which increase of current 
results in a greater volume of light 0\\ in,g to 
the increased size of the luminous crater, hut 
does not materially alter the intrinsic brillianc
.. 
The coil used is therefore one that gives a 
heavy discharge at a relatively low voltage. 
An oil-immersed condenser, which has heen 
found superior to a Leyden jar, is connected 
in parallel "ith the spark, "ith the result 
that a rapidly alternating discharge takes 
place between the metal points. Either an 
electrolytic or a mercury break may be used 
as an interrupter; but it has been found in 
practice that the latter gives better results, 
as it runs for a long period "ith greater 
regularity. 

 (6) )IETHODS OF OBSER\T-\.TlO
. - The 
spectro
('opic arrangements for projecting the 
nece
sarv monochromatic light into the micro- 
scope foÌIow the lines in general of an ordinary 
spectroscope, "ith the exception that theI'(' 
is no slit. In front of the spark. and at a 
suitahle dista.nf'e from it, a (Iuartz J('m
 of 
about 18 cm. focal length i::; placed. fo'O that 
an image of the spa,rk is projected at the 
R 
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plane of the iris diaphragm in the micr.)scope 
substage. A pair of crystalline quartz prisms 
of opposite rotation are arranged so that the 
light is decomposed, and are set at minimum 
deviation for the particular wave-length it is 
desired to use. The light passes from the 
prisms to the right-angled quartz reflecting 
prism underneath the microscope, and is, by 
means of that prism, deflected in the 'direction 
of the optic axis of the instrument. In the 
plane of the iris diaphragm on the microscope 
a disc of uranium glass, on which is engraved 
a small circle, is placed. A fluorescent image 
of the spark can be observed within this 
circle, and must be sharply focussed and 
accurately centred so that the ultra-violet 
rays pass into the substage condenser when 
the uranium glass is removed. ,rhen this is 
secured, the first condition essential for satis- 
factory adjustment is satisfied. 
The accurate focussing of the image is the 
most difficult part of the process, and until 
considerable experience has been gained cannot 
be performed with certainty. There are two 
methods available: in one, reliance is placed 
on the fluorescent screen already described, 
but it must be admitted that this is uncertain. 
The difficulty is increased when lines in the 
spectrum are being used which are not of 
great brilliancy; and, in any case, the 
appearance of the image varies with each 
object. 
The object must be examined beforehand 
by visible light, so that its appearance under 
these circumstances is known; then small 
elements of structure that are fairly easily 
seen must be selected for focussing purposes. 
If these are in the same plane as unknown 
structural elements the result is satisfactory, 
but the element of chance is too great for 
the process to be regarded as a reliable 
one. 
In the second method the image is observed 
by means of a quartz objective and ocular, 
the ilJuminant being one of the lines, either 
in the region of the blue or the violet, emitted 
by a mercury vapour lamp. Thus hy using 
suitable SCleens, which are commercially 
obtainable, any desired wave-length is trans- 
mitted and the image at once observed and 
accur
tely focussed on any desired plane, 
The illumination is then changed to the 
particular ultra-violet line that it is proposed 
to use for photographic purposes. Either bJ 
calculation or by trial and error, the difference 
between the focal planes of the wave-length 
which is used for observation and that which 
is to hC' used for photographing is detC'rmined. 
Thc fine adjustment of the miC'rosC'ope is 
thC'l1 movC'cl hy this prC'(IC'termin('d amount., 
an(l the photogr'aph at on('(' taken. In 
practice it is found that this method is quite 
satisfactory and yields almost invariably good 


results. Its accuracy is mainly dC'pendent on 
the mechanical perfection of the fine adjust. 
ment on the microscope, but the ability of 
the observer to focus an object illuminated 
by light of short wave-length is also a factor. 
It is found advisable to use a dark slide of 
repeating type, so that three photographs can 
be taken successively. on one plate without 
any readjustment of the apparatus. A 
slight adjustment of the microscope fine 
adjustment above and below the required 
focus is then made for each photograph, so 
that, if there is any slight lack of adjustment, 
either one or the other of the photographs 
will be satisfactory. The photographic plates 
used must be of fine grain and with the 
smallest possible quantity of gelatine on its 
surface. Experiments have been made with 
plates of the Schumann type, that is, as used 
for photographing the far ultra-violet; but 
they have not proved so satisfactory as a 
slow photographic plate with a minimum of 
gelatine and the nmximum quantity of silyer 
that the gelatinc will hold, Deyeloplll('nt is 
carried out to obtain the greatest amount of 
contrast, and a developer used which will 
give as fine a grain as possible. No printing 
process docs full justice to the negath-es, as 
the images are of necessity somewhat thin 
and the elements of structure often result in 
but small differences of denRity. To fully 
appreciate the advantage of the method the 
original negatives must be seen. 
It has to be admitted that the whole process 
is one of con
iderable rliffieulty; it involv('s 
considerable acquaintance with spectroscopic 
methods as well as those incidental to ordinary 
microscopy. At the same time the results 
that have been secured are an advance on 
anything that can be done by any other 
method. In the present state of knowlcd
e 
there is no indication of any optical improve- 
ment being effected which will h(' a suhRtëu1tial 
advance in microscopic nl('thod, hut if radia- 
tions of sufficiently short wave-length can he 
utilised, it is difficult to see what limits can 
be placed on the microscope. The illustra- 
tions chosen are of simple, well-known objects, 
so that the differences in appearance can he 
appreciated. Figs. 3, 5, and 7 are photo- 
graphs of living organisms illuminated under 
the best possible conditions by means of a 
dark-ground illuminator. Figs. 4, ß, and R 
are the same organisms photographed in 
ultra-violet light. In each case there is a 
suggestion of structure in the dark-ground 
image, hut ther(' is no comparison wh('n careful 
examination is made l)('tween th(' t.wo images. 
On theoretical as well as practical grounùs 
th(' (lark-ground method is usdul ('nough for 
th(' ohs('rvation of SOHl('wha.t gross stl'u('tUl'(,S, 
but it utterly fails wll('n r('solution of a high 
order is needed. 
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FIG. 3.-Saccharomyces Pastorianus. X 2000. 


FIG. -t.-S. Pustorialllls. . :!OOO 
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FIG. 5.-Bacillus anthracis. X :!OOO. 


FIG. 6.-B. (lllthruciÄ. .... 
OOO. 


. 


. 


- 
. 


\ 


. 


. 


, 


FIC.. 7.-Bacillu8 megatherium. x 17:>0. 


FIG. 8.-B. megatherillnl. x 1 j;)O. 
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 (7) VISUAL l\IETHODs. - As a means of 
microscope rcsearch, the method so far de- 
scribed suffers from the disadvantage that it 
is purely a photographic pr;ocess. The visual 
image obtained upon the fluorescent observing 
screen, which is used for the location of the 
image and approximate focussing, affords no 
indication of the ultimate value of the results. 
Thcre is only one method by which a visual 
image can be obtained, which is indicative 
of structure, and that is by observing the 
fluorescence that occurs in certain animal 
tissues and other substances when they are 
illuminated by means of ultra-violet light. 
It is well known that fluorescence is brought 
about principally by the ultra-violet rays; 
the rays of the visible spectrum being much 
less active. The microscopic observation of 
the fluorescence of animal and vegetable 
tissu("s differs in practice from that hitherto 
described. There are two sources of light 
available, either an electric arc or a quartz 
mercury vapour lamp. The electric arc is 
preferable, and can be useù either with 
ordinary carbons or with one or hoth carbons 
provided with a core of copper, iron, or nickel. 
Carbons impregnated with carbonate of iron 
also form a satisfactory light source, as the 
resulting radiations consist in large part of 
light in the ultra-violet region. The necessity 
for a spectroscopic arrangement to decompose 
the light does not arise, as the particular 
wave-length of the radiations employed is 
not of moment. In addition, the loss of 
light resulting from the use of a pair of quartz 
prisms to isolate the ultra-violet region of the 
spectrum is so great as to render the observa- 
tion of some fluorescent images difficult, if 
not impossible. The fluorescence that occurs 
is characteristic of the fluorescing body, and 
is practically independent of the wave-length 
of the exciting light. It follows therefore 
that, if ultra-violet only can be used as an 
illuminant and all visible light excluded, a 
satisfactory light source is at once obtained. 
This isolation of the ultra-violet portion of 
thc spectrum was not practicable until R. 'V. 
\V ood of Baltimore 1 found that nitrosodi- 
methylaniline in aqueous solution of one in 
fi ve thousand to ten thousand would transmit 
a considerable portion of the ultra-violet 
spectrum while cutting out part of the visible 
spectrum. A quartz or uviol glass ce]] can 
therefore be filled with this solution of a 
thickness of about I em., and this acts as an 
absorbing screen. 2 In ad(lition, a piece of 
blue uviol glass, togeth("r \\ith a cell containing 
a 20 per cent solution of copper sulphate, is 
used. The purposc of the sulphate of copper 
is to <,ut out tlH' extreme red. whiC'h is other- 
1 Wool1, Phil. .11(/(/., 1 !)O:3, vi. 2;)7. 
2 Lehmann, " \ FiltPf for rltra- nnld Ray!'!, and 
it
 U!-;('
," Va/mlldl. d. f)('llf.'i('!lrl1 [)I/!/.'iil.-. O".<If'II.<;('I/((/t. 
W LO, No. 21 : PfWgers ArchÙ' j. Ph!Jsiologw, cxlii. 


wise transmitted, and it also absorbs invisible 
heat waves. A quartz lens of suitable focal 
length is placed in front of the arc, so tha.t a 
parallel beam is projected on to a right- 
angled prism of quartz which takes the place 
of the ordinary mirror on the microscope. A 
quartz condenser similar to tha.t used in the 
case of ultra-violet light photography is IJlaced 
in the substage. The object itself, .which must 
be in thin section, is mounted on a quartz slide 
in any suitable fluid which is transparent 
to ultra-violet light; but it may be cO\Tered 
with an ordinary cover-glass, as the fluorescent 
light emitted by the object is in the region 
of the \Tisible spectrum. The only precaution 
necessary is to ascertain that the particular 
glass used does not itself fluoresce. Recently 
-:\Iessrs. Chance Brothers have introduced a new 
kind of glass \vhich is transparent to ultra- 
violet light while transmitting but little visible 
light. If used in conjunction with a sulphate 
of copper screen, as already described, it 
forms a very efficient meallS of obtaining 
ultra-violet light, the region transmitted being 
between 300 and 4UO micromillimetres wave- 
lengths. The effects obtained when unstained 
microscopic objects are illuminated in this 
way are very beautiful, and in many cases a 
range of colour is produced which extends 
over a considerable portion of the visible 
spectrum. In vie\\' of the subtle differences 
of tint that occur in the fluorescent image, 
the value of the result is largely dependent 
upon the power of the observer to detect 
colour differences; the colour sensitiveness of 
the eye is in fact the determining factor. As 
all solid bodies which fluoresce in ultra-violet 
light also have a definite phosphorescent 
period, it is probable that an application of 
Becquerel's pho:sphoroscope might be found 
to be of considerable value in these observa- 
tions. Tissues are best observed in as fresh 
a condition as possible, and sections are 
preferably cut frozen to avoid the necessity 
of employing embedding processes, which may 
cause structural changes. The section itself 
must be thin, because if there are superimposed 
elements of structure the underlying ones 
which fluoresce cause a considerable amount 
of light diffusion. All animal cells and 
tissues, except those which are pigmented, 
have the po\ver of fluorescing in ultra-violet 
light. Haemoglobin, or its derivatives, does 
not fluoresce. The following are a few 
typical examples of the colours "hich cer- 
tain animal tissues exhibit as the result of 
fluorescence: 
enpigmented hair: intense light yellow. 
Pigmented hair, such as black: no fluorescf'nce. 
Skin: intense light blue, the blood. vessels 
appearing dark and non-fluoreRcent. 
Teeth: intense whitc, somewhat bluish in 
tint. 
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:l\Iucous membrane of small intestine: light 
green. 
Spleen: dark bro" n. 
Liver: dark brO\\ n, somewhat greenish. 
Kidney: dark yellow green. 
Section of lung: dark brown, somewhat 
greenish; transverse sections of the larger 
vessels of bronchi fluoresce light blue. 
Aorta: intense light yellow. 
:Muscles: intense light green. 
Fat: light green. 
Bones: light blue. 
Cornea and lens of the eye: intense light 
blue. J. E. B. 
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)IILLILA::\IBERT: one - thousandth part of a 
Lambert (g.,..). It is a unit of brightness 
equal to IOr7l" candles per square metre-i.e. 
to 0.92 equivalent foot-candles. See" Photo- 
metry and IJIumination," 
 (2). 
)IILLIPHoT: one-thousandth part of a phot 
(g.t'.), and therefore equal to 10 lux or 
0.92 foot-candles. See "Photometr) and 
Illumination," 
 (2). 
)Inm GASES, DETECTIOX OF, BY BEA.TS. See 
" Sound," 
 (53) (ii.). 


:\IIRRORs, HALF-SIL YERED. See " Silvered 
)Iirrors and Sih-ering," 
 (5). 
)!rXTCRE CURVES: the curves sho\\ ing the 
proportion of the three primaries of a 
trichromatic colorimeter required to re- 
produce the colours of the spectrum. See 
" Eye," 2 (10). . 


)IODULATIOX: a term used 
denote change of key or 
course of a piece of music. 

 (4). 


in music to 
mode in the 
See .. Sound," 



IOXOCHRO)IATIC ILLL"::\I1X.-\.TOR: an instru. 
ment for separating the constituents of a 
white or complex light and illuminating an 
object wit,h light of one \\ a,"e-Iength only. 
See "Spectroscopes and Refractometers," 

 (21). 
MOSELEY'S Lnv OF _-\TO::\IIC STR(rCTL"RE. The 
positive charge on the nucleus of an atom 
is X units, where X is the atomic num ber, 
'i.e. the sequence number of the element in 
the periodic table, and there are X electrons, 
each of unit negath-e charge, surrounding 
it, to ('ounterbalance the nucleus and form 
the atom. See" Crystallography," 
 (
()). 
l\IoToR r -\.R HEADLIGHTS. PHOTO::\[ETRY OF. 
See" Photometry and Illumination," 9 (1l3). 
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NAK.UIURA.'S POLARDIETER. See "Polari- 
metry," 
 (II) (ii.). 


NAUTICAL ASTROKO:\IY. See" :Kavigation and 
Navigational Instruments," 
 (18). 


NA YIGATION A
D NAVIGATIONAL 
IXSTR U.:\IENTS 


I. I
TRODUCTION 

 (1) .:\IETHODS EMPLOYED. - The principal 
demand that the navigator of a ship makes 
upon physical science is for instruments that 
will enable him to determine his position upon 
the surface of the earth, and for instruments 
that" ill enable him to determine the direction 
in which his ship is moving. 
Until a recent date methods of navigation 
could be classified either under the heading 
of "dead reckoning" or else of nautical 
astronomy. In addition, methods of deter- 
mining position from the bearings of recognis- 
able landmarks, and of identification of position 
fr()ID a series of soundings, occupy a subsidiary 
})lace in the science of navigation. Recently 
an entirely new method of position fixing has 
been developed, namely directional wireless 
telegraphy, a method which has such great 
possibilities that it is conceivable that in 
time it will entirely displace astronomical 
methods. 

 (2) LEADING l\IARKs.-The simplest of all 
methods of position fixing is by leading marks 
when in sight of a coast. A shoal can be 
marked and avoided by beacons set up on 
shore or by natural landmarks noted as being 
in line when just clear of the danger. By 
watching the relative changes of bearing of 
these marks the navigator keeps his ship in 
safe waters. An extension of this method 
(which requires the use of four shore objects) 
is to utilise three only and the angles they 
subtend at thê ship. If three points, A, B, 
and C, can be identified on the chart and if the 
angular distance from A to B is a and the 
distance from B to C is ß there is a unique 
position determined by the point of intersection 
of two circles. The instruments required for 
such position fixing are a sextant to measure 
the two angles a and ß and, to avoid the 
trouble of geometrical construction, a station 
pointcr to layoff the position on the chart. 
Another met hod is to take the bearings of 
two knmvn objects by means of the azimuth 
compass. Lines of hearing in the reversed 
directions from those observed are then drawn 
through thc objects upon the chart and their 
point of intersection gives the position of the 
ship. 'Vith one object only the fix can only 


be made by taking two bearings at different 
times and laying down upon the chart the 
" run" of the ship in the interval. For such 
a fix the navigator must have means of 
determining the direction and speed of the 
ship through the water, and these data, com- 
bined "ith the observed leeway and the set 
and drift of the tides as given by tide tables, 
enable him to complete the fixing of his 
position. Speed is measured by log line, 
.which in its primitive form was simply a log 
of wood dropped over the stern and line paid 
out as fast as it would run, speed being 
measured by the n um bel' of knots of the line 
that ran out in a specified time, usually 
fourteen or twenty-eight seconds. The modern 
form of log indicates continuously the distance 
a ship has run. For rough purposes the 
rapidity of revolution of the })ropeller is also a 
measure of the speed. 

 (:3) ASTRONOMICAL l\IETHODS.-Such 
methods as have been described above are 
applicable only when the ship is in sight of 
land. For cross-seas navigation the position 
is known provided the course, i.e. the direction, 
and speed are continuously and accurately 
knmvn. But an error in the determination 
of the course or an error in the estimation 
of the speed will have a cumulative effect 
upon the ship's position. so that it is clear 
that dead-reckoning methods cannot be relied 
on to give accurate information to the 
navigator for any length of time. Besides the 
inaccuracies of the log and the inaccuracies 
of steering or of the compass itself, there are 
also unknown effects from wind and from ocean 
currents. From time to time, therefore, it 
becomes necessary to have recourse to 
astronomical methods in order to fix the 
position and so obtain a new and accurate 
point of departure from which a new dead 
reckoning can be made. Ordinarily the 
navigator likes to have an astrononUcal fix 
at least once a day; in a ship running at high 
speed sights are taken more often still when 
the weather permits. 'Yith an overcast sky 
nothing, until the advent of directional wire- 
ICRs tele
raphy, was available to the navigator 
but dead-reckoning methods. 
Every astronomical observation for position 
is a measurement of the angular altitude of a 
heavenly body above the horizon at a noted 
time. The altitude is measured by a 8extant 
and the time obtained from a chronometer 
wnose error on Greenwich 1\1ean Time is 
known with sufficient accuracv. Formerly 
this error used to be 0 btained fro
 the known 
error when the ship was last in port, and from 
the rate determined from a previous error. 
Nowadays a ship l\ith wireleAs can ohtain 
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the f'rror of her chronometers by time signal 
in almost all parts of the world. 

 (4) THE SU:UXER LI
E.-A sight having 
been taken, the observed altitude and time 
give the navigator a means of drawing upon 
his chart a certain linc of position or " Sumner 
Line. " The position of this line can be realised 
irom Fig. 1. Let X be the subsolar (substellar 


D.R. 
position 


E 


FIG. 1. 


or sublunar) point, that is, the one point 
upon the earth's surface at which the sun's 
centre is at the zenith at the time the sight 
is taken. The earth being treated as öpherical, 
the su bsolar point is that place at which a line 
drawn from the earth's centre to the sun's 
centre will cut the ea.rth's surface. Such a 
line being a radius of the earth is a vertical 
line at this point, and the sun, at that point 
.:1nd at that time, has an altitude of 90 0 ahove 
the horizon. The latitude, XD, of the subsolar 
point is the sun's df'clination and the longitude, 
GD, is the Green,,,ich apparent time converted 
into angle. For the case of a star the latitude 
is the declination and the longitude the star's 
Greenwich hour angle at the time. 
If a circle of 60 sea miles radius be descrihed 
l'Ouncl the subsolar point, its circumference 
contains all those points on the surfaC'e of the 
earth whm:.e verticals are inclinerl at an angle 
of onf' degree with the vertical of X. Hence 
at thp instant in question this circle is the locus 
of all points for which the altiturle of the 
sun is 89 0 . If the cirde has 120 sea miles 
radius it hecomes the locus of points for 
whieh the altitude is 88 0 and so on. The 
curves of constant altitude are in fact a series 
of 8mall circles drawn round the subsolar 
point as pole and spaced in exactly the same 
way a
 the parallels of latitude round the pole 
of the earth. The deductions that can there- 
fore he made from an ordinary navigational 
" sight" are simply that the ship's position 
is Romewhf're on a certain small circle that 
can be drawn, if need be, for its pole and its 
radius are known. 
As thp navigator always kno\\s the position 
of his ship with approximate accuracy, he is 
concerned '" it h a small portion only of this 


smètll drcle, namely that part of its circum- 
ferenC'e which is in the neighbourhood of his 
dead-reckoning position. For such length of 
the circumference as he usually has to consider 
it is sufficient for him to treat the curve when 
projected on to the 
Iercator chart as being 
straight, and such a line is called a position 
line or Sumner line, after Captain Sumner, an 
American merchant-service captain who first 
called attention to the use of them. 
The methods by which the position of the 
Sumner line can be determined are various, 
but the method of false positions devised by 
::\Iarc St. Hilaire is the one now most commonly 
practised. A position is adopted which is 
known to be not far ùifferent from the ship's 
actual position, and the altitude of the sun or 
other heavenly body is calculated for that spot 
and for the instant at which the sight was actu- 
ally t
ken. A comparison is made between this 
calculated altitude and that measured by the 
sextant, and the difference between the two, 
measured in minutes of are, rf'prf'
ents the 
distance, mf'asured in sea nilles, separating 
the assumed position from the Sumner line. 
If the observed altitude is the greater, then 
the Sumner line is nearer to the suhsolar 
point than the assumed position and vice 
rersa. The Sumner line is always dra,,, n at 
right angles to the true bearing or azimuth 
of the heavenly body observed, so that the 
distance of the assumed position from the 
Sumner line is alwaYR measured in the direction 
of the true bearing. 
9 (5) SOURCES OF ERROR. REFRAC'TION.-As 
in all instruments for precise measurement, 
one of the main considerations in the design 
is the errors that are likely to arise and to be 
present in the measured 
 values. The effect 
of an error in the measurement is veryapparent, 
as each minute of error moves the Sumner line 
one sea mile parallel to itself. The accuracy 
nith which the position line can be laid down 
upon the chart is precisely the accuracy 
(apart from errors of drawing) "ith which 
the sun's altitude can be measurpd. Errors 
enter into the final result either from errors 
of the sextant or inaccuracies due to external 
causes, of which the only one which. needs 
consideration is the ,-ariable atmospheric 
refraction.! This will affect both the position 
of the sun in the sky and the apparent position 
of the horizon, and it is obvious that thp latter 
will be the more displaced of the Ì\" o. The 
denression of the visihle horizon in minutes 
of.L arc, if the atmosphere had no refractive 
effect, is 1.063 ,'Ji, where h is the hr-ight of the 
observer's eve in feet. Atmospheric rf'fraction 
reduces H1Í
 amount by approximately 8 per 
cent, and the tables for dip, as the depression 
of the horizon is also called, are calculated 


1 See" Trigonomptrical Heights," ('tr., Yo1. III. 
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frum the furmula O-DS ,,'h. For ahnormal 
states uf the barometer anù temperature 
eurrecting tables are given, and in the majority 
of cases the resnJts are sufficiently close for 
the ship's navigator. Circumstances may, 
however, arise in "hich these dip tables are 
nidely erroneous. The most likely conditions 
for error arc a calm clear day "ith a warm air 
and a coMer sea. There "ill then be an 
inversion of temperature in the lower layers 
of the atmosphere, and the refraction faetor 
in the flip being based on the supposition 
that the atmosphere is in a state of equilibrium 
in which the temperature falls uniformly at 
the rate of 1 0 C. per 600 feet is in these 
circumstances quite false. In special cases 
errors in the dip tables have been known to 
be so great that the sea horizon is refracted 
above the true horizontal and the sea as 
seen from the deck of the ship appears saucer 
shaped. Errors of four or five minutes under 
the conditions quoted above appear to be 
common; several reliable reports have been 
made of the dip being as much as twenty 
minutes in error. 
\Yhen, as in cable laying or in marine 
surveying, accurate position fixing is nf'eded, 
it is customary to combat errors of refraction 
by taking sights in a series of azimuths and 
determining the position from the Sumner 
lines so obtained. Sometimes fmbsidiary in- 
struments are used to measnre the dip at the 
time of the observation. Thf'se are described 
later. 
Errors in refraction do not affect the 
heavenly body obse-rved to the same extent 
unless its altitude is very low. Usually if the 
altitude is not less t.han 20 0 any inversion of 
temperature in the lower levels of the atmo- 
sphere will hardly affect the apparent position 
of the body in the sky, and the tabulated 
values of the refraction in altitude will be good 
enough. 

 (6) OTHER SorRCES OF ERROR.-Other 
errors which affect the accuracy of the 
position line are thosf' of the sextant itself, 
namely the first order zero error and the 
seconù order perpendicular error, side error, 
and collimation error. These are explained 
in the description of the sextant. 
The possibility of the navigators being able 
to take any sight
 at all depends upon the 8eft 
horizon being visiblp. Frequently it is 
obscured by low-lying banks of mist. At 
night-time it is always difficult to distinguish 
it except in bright moonlight. \Yhen a 
telescope is uc;;ed with the sextant the difficulty 
is greater still. Only a portion of the exit 
pupil of the telescope is occupied by light 
from the horizon, and there is always loss by 
internal reflection at the various glass air 
surlaces of the telescope. Taking both these 
into consideration, it is found that the intrinsic 


brightncsð of the horizon is less than half whell 
viewed thruugh the telescope f)f what it is 
when viewed. by the unub
truded naked eye. 
Through such reasons as these it has become a 
very common practice uf navigatur
 to limit 
thcir star obsprvat.Ïons to morning and e'
ening 
twilight during the half-hour or so w}lf'n the. 
horizon is still reasonably clear and the brighter 
stars can be picked up without difficulty. One 
direction in which many attempts to solve 
these difficulties of the navigator haye been 
made is the provision uf something which 
\\ill replace the sea horizon as a basis of 
measurement of altitude. All these attempts 
have been made with the idea of prm'iding 
some sort of level or ve-rtical controllf'd by 
gravity. The reason for their failure is 
referred to in the description of the sextant. 
9 (7) FIXING POSITIoN.-From what has 
been stat.ed it "ill be seen that observations 
of two hpavenly bodies, or two observa- 
tions of the same body separated by a 
distinct lapse uf time, are nel'essary for 
the de-termination of a fix. During tllf' day- 
timc the second course has to be adoptC'd. It 
is true that occasionally the muon ('an be 
used, but for some reason, possibly because 
the corrections are troublesome, few navigators 
make use of it. The planet Venus, when at 
her greatest distance from the sun, can also 
be uspd at times, but it needs a very skilIed 
navigator to pick the star up in broad daylight 
and to measure her altitude. 
Attempts have also been madf' to obtain 
a bearing of the sun with sufficient accuracy 
to enable the position of the ship on the 
Sumner circle to be identified. ]f tllf' bearing 
can be taken with the certainty that the error 
does not exceed a quarter of a degree, then the 
ship's position on the Sumner cirele can be 
limited to a length of a few miles, the amount 
depending upon the altitude. But it is diffi- 
cult to get a magnetic or gyro compass to 
maintain such accuracy, and the error cannut 
be measured to that precision at sea except 
by Polaris, the only star whose be-aring can 
be sufficiently accurately calculated when the 
ship's position is only roughly known. 
Another direction in which improved aids 
to navigation are likely to be forthcoming 
is from the extensive experiments in sound 
ranging that have been carried out in the 
recent war. These experiments have covered 
a very wide field and have achieved many 
valuable succeSSCR. Among these may he 
instanced directional hydrophones, by means 
of which distant submarine signals can he 
located in direction at rangf's up to fifty miles. 
For approaching a coast in foggy weather the 
peace time uses of such devices are obvious. 
Again, the experience uf war has shown that 
it is possible, by cxploding a charge under 
water, to time the echo reflected back from 
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another ship "ith 
u('h a ni('f' df'grce of 
accuracy that her range can be calculated 
frum it. It i
 likely that such re3earch "ill 
make it possible to takf' deep-sea soundings 
"ith infinitely less trouble than was attendant 
upun the uld method
, 
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 (8) )IETHODS OF DEAD RECKOSIXG.- 
'Yhen the navigator has determined his 
position (latitude and longitude) at a certain 
instant, and subsequently knows his courses, 
speeds, and lengths of time running on those 
f'uurses. he has sufficient information to supply 
him "ith the position at any time afterwards. 
The new position can be determined either by 
plotting the track upon the chart or by working 
out a ,. tra,-erse," "hich means that each 
element of the distance run must be resolved 
into its north-south anù east-west components. 
The algebraic sum of the former gives the 
., diff. lat." from his previous position, the 
latter his ., departure" from the same spot. 
The ,. departure" being found, the difference 
in longitude is deduced from the relation 
Diff. long. = Departure x secant mid latitude. 
The whole of the resolution of the different 
elements of the run into components can be 
done bv the traverse table. 
The . accuracy of the final estimation of 
position depends upon the accuracy of the 
arguments-course and distance-"ith which 
the tra,-erse table is entered. "Course" is 
rendered inaccurate by unsteady steering, 
and by erroneous estimation of the leeway 
made. .. Speed" has errors due to inaccur- 
acies of the log. 
The two instruments concerned with dead- 
reckoning estimation of position are the 
Compass (magnetic or gyrostatic) and the 
Log line. 

 (9) THE )!AGXETIC CO:\IPASS. (i.) De8crip- 
tion.-The magnetic compass is undoubtedly 
the most impoJ.'Ìant instrument of navigation 
in U8e in the ship. It consists of a circular 
card, divided into degrees and "points," to 
"hich is attached a series of magnetic needles. 
The "hole, balanced upon a central pivot 
and kept in a horizontal position through 
the weight bf'ing below the point of support, 
turns under the earth"s maanetic force so 
that the needles lie in the ma
netic meridian. 
The reading of the card against a "lubber- 
line" in the buwl then indicates the direction 
of the ship's head. 
Compasses arc either of the liquid type or 
else of the dry -card type. In the former case 
the wholt> bowl is filled with a mï-x:ture of 
alf'ohol and water, the formula for naval 
compasses being urùinarily G7 per cent distilled 


water and 33 per cent pure aleoJto1. For air 
purposes, wherc much lo\\cr temperatures are 
encuuntered, pure alcohol is used. The object 
of the liquid is to increase the damping effect 
and cause the compass to settle down more 
quickly if by any chance it is disturbed. 
The support of the card is usuall
" in the 
form uf a sapphire cap resting on an agate 
point. 
The needles in most cases are disposed symmetric- 
ally in two parallel bundles on either side of the 
centre and at such distances as \\ill gi, e the whole 
equal moments of inertia about any diameter of the 
card. "Cnless this equality ðists the principal 
moments of inertia \\ ill lie. from considerations of 
svmmetry. in the north-south and east-\\est lines. 
If such 
 compass is subj('('t on board to a forced 
oscillation about anv othér diameter of the card 
than a cardinal one: an oscillation of the card in 
its 0\\ n plane \\ ill be set up \\ ith a period \\ hich 
increases as the difference bet\\ een the two principal 
moments of inertia is lessened. As forceà oscillations 
of this description are very likely to result from the 
vibrations of the main engin('s or of other machinery, 
the equality of the t\\ 0 principal moments of inertia 
is of considerable importance. With two single 
needles the distance apart should be equal to the 
length of the needles divided by, '3. 
The relative values of the strength of the 
horizontal component of the earth's magnetic 
field, the visco:5ity of the liquid, friction of the 
pivot, etc., and the moment of inertia about 
the a
is determine the period at which the 
card "ill oscillate about its equilibrium 
position and the rate of decay of the ampli- 
tude of this oscillation. Usually with a 
liquid compaEs the period for the latitude of 
Green"ich is from 10 to 18 seconds from 
rest to rest and the decay factor, i.e. the 
ratio of a half-swing from r
st to rest to the 
one preceding it, about one-half for each 
successive half-s\\ ing. 
In certain compasses used in aircraft the damping 
has been inoreased and the moment of inertia reduced 
to such an extent that the compass is 
periodic 
and goes directly back to the meridian "ithout 
oscillation. 
The direction of the ship's head, as sho\\ n by 
the compass, requires correction for variation 
and deviation. The former term denotes 
the angle between the magnetic and the 
geographical meridians and is obtainable 
always from the Admiralty charts, in which 
the amount at the date of publication and 
the annual change are indicated. The devia- 
tiun of the com pass is the angular deflection 
of the needle from the ma!!Iletic meridian due 
to the influence of the perr'ïlanent and induced 
magnetism of the iron and steel used in the 
construction of the ship. 
(ii.) H i.'1tarica1. -The origin of the magnetic 
compass is lost in obscurity. It is apparently 
referrcd tu in Chinese and Siamese manuscripts 



250 


N.AVIGATIOK 
\.XD KAVIGATIOXAL IKSTRU'IEi\TS 


of the fourth century. Pos:sibly it antedates 
the Christian era. Unqupstionably it remained 
a very crude in::;trument indeed until the 
fourteenth cpntury, when the .Neapolitan 
Flavio Gioia made very considerable improve- 
ments in it, but even then it ,vas so very 
a.pproximate in its indication of the north 
point that it was always believed to indicate 
the true north, and it was not until 15.3,), when 
Martin Cortez of Seville published a book on 
navigation, that any mention is made of 
magnetic variation. Twenty years later mag- 
netic dip was discovered by 
orman, and from 
data supplied by seamen curves of magnetic 
variation and dip were gradually constructed. 
Towards the end of the seventeenth century 
differences in the variation as supplied by 
different ships began to be manifest. Denis 
in lß66, and Dampier in 1691, instanced 
anomalies of a similar kind, and 'Vales, who 
was astronomer to Cook's expedition to the 
South Seas, first asserted that the direction 
of the ship's head affected the compass. 
In 1794 
Ir. Downie, master of H.l\I.S. Glory, 
observed that" the quantity and vicinity of 
iron in most ships has an effect in attracting 
the needle." In 1801 Captain Flinders, whose 
name is still preserved in connection with the 
"Flinders bar," found that a change in the 
position of the binnacle affected the compass, 
and as a result of his representations to the 
Admiralty a series of experiments was made 
at Sheerness on several of H.:M. ships, but 
the scope of the work was too limited to 
permit of really general deductions being 
drawn. Professor Barlow, after an extensive 
course of experiments, proposed in 1819 to 
counteract the effect of large masses of iron 
used in the construction of the ship by a 
circular plate suitably placed in proximity 
to the compass, and in 1835 Captain Johnson, 
the Admiralty Superintendent of Compasses, 
found during an investigation into the 
applicability of Barlow's plate to the compasses 
of the iron ship Garryowen, that the ship 
herself was permanently magnetic and that 
the plate failed to correct the resulting 
compass error. As a result of Johnson's 
experiments the Admiralty commissioned 
Airy, then Astronomer-Royal, to make further 
experiments on board the iron vessels Rainbow 
and 1 ronside.s, and his conclusions from these 
experiments were that the permanent 
magnetism of the ship could be counteracted 
by the location near the compass of suitably 
placed permanent magnets. 
'Vhile these investigations were being made 
in England, Poisson was al
o engaged in 
similar work in France. His work, which 
was of a more acade-mic character, was 
pn>sented to the Academie des 
ciences in 
1824. This celebrated memoir on the Theory 
of l\Iagnptism is generally recognised as 


forming the foundation of the Theory of the 
Deviations of the l'ompas
. III U
:
8 he 
CI mtributed a seeond memoir in "IJÍ<.:h, 
although recognising the p08sibility of per- 
manent magnetism being present, he yet pre- 
sumed that it was of very sUlall amount, and 
omitted it in his solutions. 
Unlike Poisson, Airy started with the 
recognised necessity of dealing with the 
permanent magnetism, but the deductions he 
made from the I ron.sides experiments "ere 
not fully justified, and subsequently a serious 
di vergence of opinion arose between Airy 
and Scoresby respecting the validity of the 
former's conclusions. The main point at 
issue was whether the rules devised by Airy 
for the correction of the compass applied 
only in the IJlace at which the corrections 
were made or whether they could abo be 
considered reasonably accurate for changes 
of latitude. Scoresby also affirmed that the 
so-called permanent magnetism of the ship, 
proùuced by hammering, etc., during construc- 
tion
 was only sub-permanent; that a large 
part of it disappeared during the early voyagps ; 
and that it might be very largely changed by 
the buffeting that a ship might receive if she 
continued on the same course for any length 
of time in heavy weather. The loss of an 
important ship, the Taylor, on her first voyage, 
in 1854, a loss which was in some qumters 
attributed to the defects of Airy's conclusions, 
led to t.he formation of the very important 
Liverpool Compass Committee, which issupd 
three reports on the Deviations of the Compass 
-in 1856, 1857, and 1861. l?ollowing these 
reports the Admiralty ordered further in- 
vestigation, and a mathcmat.ical examination 
of the subject was carried out by Archibald 
Smith, very largely based on Poisson's 
original work. Subsequently, under the dirpc- 
tion of Captain F. J. Evans, R.
., Super- 
intendent of the Admiralty Compass Depart- 
ment, and of Archibald Smith, the .Admiralty 
JJ1 anual of tlte Deviations of tlte Compas8 was 
published in 1862, and passed thruugh succes- 
sive editions in 18ß3, 18ü9, 1874, 1882, 1893, 
1901, and 1912. 
The Admiralty JJlanual, with its investiga- 
tion and rules for correction, is now looked 
upon as the standard work on the subject, 
and has been adoptf'd as the basis of 8imilar 
publications in other countrif',). 
Very few changes were necessary in the 
first five editions, but in the sixth, bruught out 
in 1893, certain modi fica tions of detail had 
to be introduced on account of the greater 
use of steel in 
hip construction; but in 
principle there is little change since the work 
firRt appearpd, and the- only controvf'['sial 
points that have aroused any discussion have 
been such matters as the comparative tnPJ'its 
of the liquid as against the "dry - card " 
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compasr-;, the construction of the cap and 
piv(lt, and the most suitable period of 
oscillation. 


\Yith the advent of aeroplanes and airships the 
need of compasses for their special use became 
apparent, and experimental "ork is still in progress 
for the purpose of evolving the best type. One of 
the principal difficulties in this connection lies in the 
fact that an aeroplane in turning is subject to very 
large horizontal acceleration, and the compass card 
" banks" in consequence at angles of possibly 60C" 
or ïo
 with the horizontal. rnder such circum- 
stances the vertical component of the earth's 
magnetism may have as much or even more effect on 
the needle than the horizontal. In particular it is 
quite possible, when turning away from north, for 
the com pass to go off in the \Hong direction. \Yhen 
in sight of the ground this is comparatively un- 
important, but when flying in cloud the unreliability 
of the compass in indicating turn can easily result 
in the pilot's getting his machine into a "spinning 
nose dive." It appears impossible to provide a 
compass that will fulfil all the requirements of the 
air pilot, and up to the present the "aperiodic" 
previously referred to seeIllB to be the best 
compromise. 



 (IO) )L-\.THE
B.TICAL THEORY OF THE ('O
I- 
PASS. (i.) Deâation Error. - The mathe- 
matical theory of the deviations of the 
compass has to take account of the permanent 
magnetism of the ship, of the induced 
magnetism of soft iron changing with each 
change of course, of the varying values of 
the earth's magnetic fif'ld in different latitudes, 
and to include the effects that are due to the 
rolling, pitching, and yawing that the ship 
may be subject to in a seaway. Of these 
three types of motion that of rol\ing is the 
most important. In the days of sailing ships 
the vessel "ould be heeled over to leeward 
for long periods, and the "heeling error" 
was of primary importancp. In a steamship 
rolling takes place about the upright position, 
and consequent deviations due to heeling are 
of alternate sign, so that their relative import- 
ance is less than it was in sailing-ship days. 
As the whole of the investigation of heeling 
errúr has been made on a statical basis, it is 
quite probable that the formulae obtained 
are not true for a ship -with a considerable 
degree of roH when dvnamical considerations 
enter into the questio
. 
For the purpose of considering the quantita- 
tive valu
s of the deviation, take as axes of 
reference Ox in the fore and aft line (ahead) 
through the compass. Oy in a horizontal 
athwart ship direction (to starboard), and Oz 
in a \?ertical direction downwards, the 
aðsumption being that the ship is for the 
present on an even keel {see Fif}. 2). 
Let X, y, and Z be the components of the earth's 
fidd at the origin, and P, Q, and R the components of 
the ship's field (permanent magnetism). 


Th.en the t{)tal fkld \\ ill.have components 
X'=X+aX +bY +cZ+P, 
Y'=Y +dX+eY +jZ+Q. 
Z'=Z+gX+hY +l'Z-+ n, 


where a. b, c, d, e, J, g, h, k are parameters dependent 
upon the distribution of soft iron in the ship. These 
equations are due to Po
on. 


y 


Z 
FIG. 2. 


If Hand H' are the horizonta.l force of the earth 
and the horizontal force of the earth and slup 
respecti.ely, 0 the dip, t the magnetic course, r 


:1 Ò 


the com pass course, and ó (= t - 5') the de\ia tion, 
we have (see Fig. 3) 
X=H coo t, Y= - H sin t, Z=H tan 0, 


X' = H' coo 5', Y' = - H' sin 5' ; 


by substitution and reduction we obtain 


H' d - b ( P ) . 
H sin ô=2 + c tan O+Ïf sm t 


( Q ) a-e. <- d+b 
+ j tan 0 +îI coo t+T sm:!
 + 2" COB 2t, 


and 


H' a+e ( P ) 
H cos ô=l +7 + r tan O+iï COB t 


( Q ) a-e ')<- d+b . ()<- 
- j tan O+H sin t+T cos:.! -T sm -!. 


The former of these equations gi\-es the strength 
of the couple tending to turn the compass needle 
eastwards, the latter the stITngth of the couple 
tending to turn to north The mean yalu(' of the 
former is (d - b )''2, \\ hich is usually, but not neces- 
sarily zpro' the mean value oftheother is I +(a +e) :!, 
This' 
\e d;note by X. In iron vessels ^ is nearly 
always less than 
nity. Thc quantity \H, \\ hich 
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is the mean value of H cos D, or of the componC'nt 
of thC' earth and ship dirC'cted to magnetic north. is 
usuallv known as " mean forct' to north." 
If we \uite 


1 d-b 
- - -=tl 
^ 2 ' 


I d +b (' 
À 2=
"'I. 


1 a-e 
- - 
='" 
^ 2 -, 



 (c tan O+
) =ill, 
(ftan O+
) =8. 


we obtain 
t1+áB sin t+2 cos t+'3' sin 2t+& cos 2t 
tan D=-- - --_. -- --- , 
l+áB cos t-e sin t+';3) cos 2{-& sin 2f 


which gives the deviation on any magnetic course 
when the coefficients d, etc., are known. 
III terms of the compass course the expression 
for the deviation is more complicated, but can be 
written in the form 
o=A+B sin t' +0 cos t' + D sin 2t' +E cos 2
'-' 
+ F sin 3S....' + G cos 3t' + H sin 4t' + K cos 4r' 
+L sin 5t'+)1 cos 5t'+N sin üt'+ . . . 
in which A, B. C . . . are derivable from a, ill . . . 
In view of the fact that ill, (E" ';3) are small quantities 
of the first order, t1 and [9 small quantities of the 
second order, and if we go to terms of th(' third 
order, we find 


A=d 
( 5) ill 2 e 2 '1)2 ) &e 
B=@3 1-"2+8+8+-4 -2' 
c=e ( l+
+ áB2 + e 2 + 5)2 ) _ Sill , 
2 ü 842 
D=
, 
E=[9+t1
, 
ill
-e& ill 3 áBe 2 3ill
2 
}'-== 
2 24+T---g' 
e'1)+ill[9 e 3 eill 2 3e
2 
G 2 + 24 -g-+-S' 

2 
H= -, 
2 
K = 
&, 
3 ill ';3) 2 
L=-, 
8 
3e
2 
M=
, 
8 


N=1
3. 
Succeeding coefficients would all be of fourth or 
higher orders. Similar expressions for AJ' B l , 0 1 , 
etc., when the expansion is made in terms of the 
magnetic course can also be obtained. 
In actual practice it is not necessary to 
go further in the expansion than the first 
fi ve terms, and provided the value of D does 
not exceed about 20 0 we can write 


ò=A+ B sin t' + C cos t' + D sin 2t' + E cos 2
'-'. 


The deviation thf'n con:-.ists of a constan
. 
part A, a semicircular part B sin t' + C cos t, 
and a quadrantal IJart ]) sin 2S"" + E (:os 2t'. 
The constant part A is always small for a 
compas!" placed on the fure and aft line of thf' 
ship provided the ma::;ses uf soft iron are 
symmetrically placed, as most usually happens. 
The spmicircular deviation is due partly to 
the perrnanent magnetism of the ship and 
partly due to induced magnetism; the 
quadrantal dpviation to induced magnetism 
only. The correction of the former is made 
by suitably placed permanent magnets and 
by the "Flinders Bar"; of the latte-r bv 
suitably placed masses of soft iron, usually 
two spheres placed one on each side of the 
binnacle. The next term of the expansion, 
the sext.antal deviation, represents the effect of 
magnetism induced in the soft iron (ill effect, 
in the correcting spheres) by the magnets 
of the compass itself. In the particular case 
of spheres symmetrically disposed, the Sex- 
tan tal term becomes zero provided the 
distance between the two needles is equal to 
the length divided by ",/3, a conùition which 
fortunately is satisfied owing to the need of 
the card to have equal moments of inertia. 
It appears, thpn, that after the compass 
has been approximately corrected by ppr- 
manent magnets and spheres the approximate 
value for the outstanùing dpviation is that 
given just above. 
(ii.) Heeling Error.-'Yhen the ship is 
inclined from her normal position, modifica- 
tions in the formula for the deviation have to 
be made. If i be the angle of heel to star board 
(see Fig. 4) the new deviation Di can be shown 


x 


FIG. 4. 


to exceed the deviation D in the upright position 
by a quantity consisting of a con::;tant part, a 
semicircular part, and a quadrantal part. 
'Yhen i is small, and when the soft iron of 
the ship is symmetrically placed, this relation- 
ship becomes 
c-g. J . r' c+g. 2 ' 
Di=D+-2

+ 
cos
 - 2À 
cos t, 


where 


J = 
 ( e - k - 
) tan O. 
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The constant part i{c - g)j2\, and the 
quadrantal part - i{c+ g) cos 2!.Jj2\, when 
taken together are equivalent to 
c i sin 2 i.J _ g
. cos 2 ;-, 
À' .3 \ .3 , 
"hich will only be zero for all courses prodded 
c = 0 and g = o. These conditions are not 
usually obtained, but the values of c/"^ and 
gj"^ are ordinarily smalJ, and the error repre- 
sented by these two terms mav be safely 
neglected: 
. 
The semicircular heeling error cannot be 
so neglected, and the error rppresented by 
this term has to be specially dealt "\\ith in 
corrpcting the compass. 
The quantity - J i
 u
ually spoken of as 
heeling coefficient, - J i as heeling error. The 
correction is made by vertical magnets placed 
directly below the compass bowl. 
(ill.) The Six Coefficients.-O\\ing to the 
symmetrical disposition of soft iron relative 
to the compass, four of thf' Poisson parameters, 
viz. b, d, f, and h, become zero, and hence ..A 
and E are zero. The coefficients Band C 
of semicircular deviation then depend on 
.ill, 
, and
. The value of the last term 
'3) is in all ordinary cases positive, and can 
be diminished by soft iron correctors placed 
on either side of the compass. In a perlectly 
corrected compass D, and therefore '
, must 
be zero to eliminate quadrantal de,-iation, 
and the semicircular will then only disappear 
pro\ided 
B =0 and 2- =0. Both these co- 
efficients are compounded of permanent and 
induced magnetism effects, as is seen from the 
equations 


áB _{c tan O+PjH ) 
"^ ' 

 (ftan 0+ Q/H) 
e - "^ ' 
and if perfect correction is required in all 
parts of the world, it is necessary that c and 
f should be zero and P and Q sh
uld be zero. 
The parametpr f is zero from symmetry and 
c is made zero by means of the Flinders bar, 
a n'rtical bar of soft iron placed before or 
abaft the compass according to whether the 
coefficient is negati,-e or positive. The 
remaining parts of 
B and -2 are correC'ted 
by permanent magIwts placed respectively 
fore and aft and ath" artships for the purpose 
uf rpdu('ing both P and Q to zero. 
The heeling coefficient - J "hich can be 
written ' 
( D + 
 - I ) tan 0, 
" here I k R 
!J. = + + Z ' 
i:'l z.f'r
 in. a f:hip for which the quadrantal 
d
nah()n I
 COTrf'cted provided !J. = À. X ow 
.u=I+k+R/z, À=I+!{a+e), and since a=e 


is t
e. condition for cOffPction of quadrantal 
deVIatIOn the above equations rf'duce to 
R 
K + Z = e, 


a condition that cannot be uni,-ersally satisfied 
unless K = e and R = o. A cOffection is 
however, possible in any particular magneti
 
latitude by vertical magnets placed below the 
compass. 

 (II) DETER
II:XATIO:X OF THE ERRORS OF 
A C.O
IPAss.-By '" s"inging" a ship it is 
possIble to determine in several ways the 
amount of the dp,-iation. One of the simplest 
of these ways is to turn the ship while making 
repeated bearing observations of a distant 
point of land. The ship's head is steadied 
on each point of the compass while the 
observation is made and a Ciurve of errors 
subsequently constructed. The diameter of 
the turning circle of the ship must be small 
in comparison with the distance of the land. 
mark observed in order to avoid parallactic 
errors, and the exact magnetic bearing must 
be obtained by measurempnt from the chart, 
or other"ise, in order to discover any constant 
error (A) of the compass. 
If the ship is swung at sea out of sight of 
land corresponding obsen-ations can be made 
of the sun, but in this case it is simpler to 
determine the deviations by noting the time 
of each observation and thence calculating 
the true azimuth. 
..An alternative method "hen close to land 
is to set up an azimuth compass on shore at 
a place free from magnetic disturbance and 
take reciprocal bearings between the landing 
compass and the ship.s instrument on each 
point. Differences of bearing thpn represent 
the deviations. 
If the ship is swung in an upright position 
no indication is obtained of the y-alue of 
the heeling error when rolling, but sufficient 
information is forthcoming if the values of 

 and .u ('an be obtained. The former of 
these, À, is the ratio of the mean horizontal 
dirpctive furce to north at the compass to the 
horizontal directive force on shore. It is 
detprmined from the timps of oscillation of a 
horizontal magnet spt to ,ibrate first on 
shore and the'--n on board in thp binnaclp 
after the compass howl has bepn removed. 
If the horizontal force on board wpre thp samp 
in all azimuths, we should havp À =H'jH, 
but since H' changps "\\ ith the line of the 
ship's head it is necp
sary to use a correcting 
factor, giving rise to the gpnpral e:\.pres
ion 


H' cos ô 
À= - ----- 
H . I + 
B cos f- 
 sin t+ 
"'cos 2t-
; sin 2( 
The values of 
B. 2, 
, and 
; are obtained 
from the analysis of the curve of de,iations. 
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Thp second constant fJ. is obtained from 
measurements of the vertical component of 
magnetislll. I t is the ratio of the mean value 
of the vertical force on board to the vertical 
force on shore. The measurcment is made by 
means of a dip circle, which is a magnet 
mounted so as to turn about a horizontal axis. 
By turning the whole instrument in azimuth 
the needle can be made to hang vertically, 
and the ratio of the squares of the times of 
oscillations ahout its equilibrium position on 
board and on shore leads to the value of 
Z' /Z. As in the previous case, the value of 
Z' changes with the direction of the ship's 
head, and for prpcise determination of its 
value it is necessary to make the observations 
on a num her of different directions. A second 
method of evaluating fJ. is by means of the 
heeling error instrument, in which a magnet 
can also rotate about a horizontal axis. This 
magnet is exactly balanced before being 
magnetispd and is gravitationally in neutral 
equilibrium. Hence, when placed so that the 
needle is free to move in the plane of the 
magnetic meridian, it would set itself in the 
line uf the dip. A small aluminium weight 
can be attached to the needle and adjusted 
so that t.he needle takes up a horizontal 
position. The moment of the weight about 
the axis thus balances the moment of the 
vertical force. By adjusting the weight for 
the instrument firstly on shore and secondly 
on board in the compass bowl the ratio of 
Z' to Z can be obtained. The angle of dip 
can also be determined for this instrument. 
Having obtained the values of x, fJ., and 0, 
and knowing also 
 from the deviation curve, 
the coefficient of heeling error (
 - 1 + f.L/'^) tan 0 
is found. 

 (12) CORRECTIONS OF THE DEVIATION.- 
In practice it is desirable that a ship's compass 
should be as nearly as possible corrected on 
all courses and in all latitudes. It is not 
possible to obtain this state of affairs with 
absolute exactitude, partly from the inherent 
difficulties of the problem and partly from the 
fact that the so-called permanent magnetism 
is only subpermanent, and it is therefore 
e'1sential that the navigator should make 
frequent azimuth observ
tions of the sun or 
a star for the purpose of determining the 
deviation for the course he is actually steering. 
The order in which the corrections are carried 
out is 


(i.) Quadrantal deviation. 
(ii.) Heeling error. 
(iii.) SemicirC'u]ar deviation. 


(i.) The Qnadrantnl np1.int;n11.- ThÜ
 consists 
almost pntirdy of the te-I'm D sin 2
, and tllE:' 
coeflkicnt n in an uncorrpctec1 compass (a) 
does not change with change of latitude, 
(b) is always positive, and (c) remains constant 


for a great lpngth of time. The corrpction of 
D is performed by means of soft iron spheres 
placed on the port and starbuard sides of the 
binnacles, experience of previous ships of a 
similar Jesign suggesting the size of the 
spheres and their position. The ship is thpn 
swung with the spheres in position and the 
new D determined from the table of deviations 
so obtained. 
If this new D has a positive sign the spheres 
must be moved inwards or smaller spheres 
provided; if negative the opposite must he 
done. The necessary data are. supplied in 
Table IV. of the _ldmiralty 111 anual. 
For compasses out of the fore and aft line 
or between decks in the neighbourhood of 
unsymmetrically placed masses of iron, a co- 
efficient E may exist. This can be corrected 
by moving one sphere ahead and the other 
astern of the athwart ship line. 
Before touching the heeling error corrections 
it is usually dpsirable to take out all or as much 
as possible of the soft iron semicircular devia- 
tion by mean!i3 of the Flinders bar. This 
consists of a portion of 
, viz. (c/X) tan 0, 
and a portion of e, (fIX) tan 0, the latter 
being zero through the symmetrical wsposi- 
tion of soft iron. The Flinders bar therefure 
corrects the coefficient c, and the magnitude 
of c in an uncorrected ship is knmvn from 
previous experience. Should it not be so 
known it can only be determined from value 
of the semicircular deviations in "idely 
separaterllatitudes. 
(ii.) Heeling Error.-The next error needing 
correction is the semicircular heeling error, 
consisting of a part due to soft iron and a 
part due to permanent magnetism. The latter 
part is much the more important, and no 
separate means are usually provided for 
elimination of the soft iron part. The correc- 
tion is made by means of vertical magnets 
below the binnacle adjusted up or down 
until the vertical force in the binnacle is 
the same as the vertical force on shore. 
The ratio fJ.: Ì\ is thus made unity, and since 
- J = (
 + fJ./X - 1) tan 0 the heeling error is 
thereby corrected, but will require a new 
adjustment of the vertical magnets if the 
ship makes a big change of latitude. 
(iii.) Semi{'ircular Error.-Excppt for con- 
stant deviation A, there remains only the 
permanent magnetism part of the semi- 
circular error. This is neutralised hy means 
of permanent magnpts, some fore ami aft and 
some athwartship placed below the binnaclp, 
the numbers and sizes hping adjusted until 
the deviation is zero on each of the four 
cardinal points. 
The constant A (=(d-b)/2X) ought to be' 
zero since by symme-try d and b arc both 
zpro. Tn actual fad thpre is usually a small 
A in an uncorrected ship, and this can be most 
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easilv eliminated bv a small displacement of 
the Ìubber line. . 
Ha ving ma(le the above corrections as far 
as can be done, thf' ship has to be s" ung and 
the valuE's of the de\iation (now small) used 
to compile a de\'iation ta ble, "hich is checked 
frum time to time, and the compass readjusted, 
a thing which is particularly necessary after 
large change of latitude or after heavy weather 
while steering for a considerable time on the 
same course. 

 (13) THE GYRO CO:\IPASS. (i.) General 
Principles.-Gyro compasses in a practical 
form first appeared some two or three 
years before the European \Yar when they 
"ere put on the market by \.nschütz of 
Germany, and by Sperry in the -enited States. 
The underl)ing principles were the same in 
both compasses and were the practical develop- 
ment of ideas which had been suggested many 
years predously by Foucault and by Lord 
Keh-in. The lattE'r described to the British 
As:-;ociation in 188-1 a gyroscopic modE'l of a 
spring balance, which contained gyros instead 
of springs, and a gyroscopic model of the 
mariner's compass, in which a gyro took the 
place of the magnetic needle. 
The cruef points to notice in the behaviour 
of a spinning flywheel or gyroscope mounted 
freely so as to be capable of turning in any 
direction are: (i.) that it offers considerable 
resistance to any force tending to deflect the 
axis of spin from its original direction, and (ü.) 
that in the case of a force at right anglE's to 
the axis, when the axis does )ield it moves, 
not in the direction of the force but at right 
angles to it. Thus, if the spinning axis is 
initially horizontal, a vertical force will only 
result in a change of azimuth; but any couple 
in the horizontal plane "ill produce a change 
of tilt and no horizontal motion. It has been 
sUf!gested that the first-named property of a 
gyro, its pOWE'r of resisting disturbing forces, 
might be used to produce a compass, or at 
least a direction indicator: the gyro being set 
\\ith its axle in some given direction at the 
start, and maintaining that direction through- 
out the trip. lJnforhmately it has, so far, 
becn impossible to pro"ide a mounting so free 
from friction that the gyro "ill not slowly 
drift away from its original direction. Except 
for certain aeronautical purposes where accur- 
acy \\ithin a couple of degrees is required for 
periods of only half an hour or so, this type of 
"compa..;s" has therefore never been of any 
practical USE'. . 
EvelY gyro compass which has mE't "ith 
any Success up to now has heen definitely 
north-Sf'E'king. and, if forciblv deflE'cted from 
thc meridian, "ork
 it
 way'back by a 
E'riE'S 
of damped osC'illations like a. magnetid compas
. 
but mu.ch more slowlv. This is accomplished 
by ta.kmg advanbge of the earth's diurnal 


rotation and causing the gyro to be affected 
by it. This rotation has an influence on the 
gyro compass which is analogou8 to the effect 
of terrestrial magnetism on a magnetic com- 
pass. The earth's rotation may he regarded 
as an angular movement of the vertical in 
space, and is made use of by causing the gyro 
to be sensitive to any change in the position 
of its axis of spin relatively tu the local vertical. 
The obvious method of doing this is to mount 
ihe gyro "ith its a"\..is horizontal in a pendulous 
frame. The gyro tends to maintain its direction 
in space while the vertical shifts; its a
s thus 
in general acquires a tilt from the horizontal 
position, and the pE'ndulousness of the frame 
then supplies a couple \\ hich causE'S the gyro 
to "precess" or mo'
e in azimuth. If the 
axis points north and south, the shift of the 
vertical does not alter the angle het" een it 
and the axis, "hich still remains horizontal; 
thus no couple is produced and the a),.is 
continues to point north and south. This is 
the principle of Foucault and of Keh-in, 
applied by Anschiitz, Sperry, and others. It 
is the only principle on which a successful gyro 
compass has yet been constructed. 
(H.) Early Form.
 of Compass.-Trials of 
Anschi.itz and Sperry compasses were carried 
out bv the British Admiraltv about 1910, but 
it wa.s found that although otherwise fairly 
satisfactory they both showed large dedations 
when the ship was rolling, unless at the same 
time the ship's head was towards one of the 
four cardinal points. This" Inter-Cardinal 
Rolling Error," as it is called, "as overcome 
in about a year by both makers. Anschütz 
redesigned Ìús co
pass entirely and added 
two more gyros of the same size as the primary 
gyro, making three in all; at the same time 
he adopted an entirely new method of damping 
invented by Schuler, a German. Sperry, 
however, adhered to the original form of his 
compass, but added one smalJ subsidiary gyro 
called the " Floating Ballistic Gyro" to over- 
come the deviation formerly caused by rolling. 
The increasing use of large masses of iron 
and of elE'ctrical machinery in modern ships- 
particularly in submarines-had by this time 
greatly impaired the reliability of the ma
netic 
compass, so that thE' advent of a gyro compa
 
which would not be affected bv stray magnetic 
fields, anrl which promised to indica'te th; truE' 
north at all times, was particularly timely. 
After experience "ith both Anschütz and 
Sperry compasses under senice conditions, 
the British Admiraltv decided to adopt the 
latter in the !\a,-y. À.ll submarinE's and first, 
class ships" ere accordin
ly fittE'd "ith Spprry 
compasses bet"een Hn1 and the end of thE' 
war. 
The Patent Office rpcords sho" that thE' 
gyro compass problem attractE'd th(' attention 
of many other inventors, but only three 11('('(1 
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be specially mentionpd here. In 1917 Pro- 
fpslSor Perry and S. G. l
rO\"n produccd a 
compaes for sea trials which contained some 
novel and useful featurps. A great advance in 
eliminating undesirable friction was attainpd 
by causing the gyro frame to oscillate in its 
bearings by an intermittent flow of oil. It. 
was claimed that the rolling error was elimi- 
nated by making the gyro and its casing 
strictly non-pendulous, while producing the 
requirpd couple by mechanically transferring 
oil from the low side to the high side whenever 
the compass was tilted. This transfer was 
accomplished by an air-blast relay controlled 
by a pendulum. The damping was effected 
by the same relay and was similar in principlf> 


I French, and HaHan "arships, and has a per- 
formance which is fairly repre:sentative of 
gyro compasses in general. the following pages 
refer more particularly to this apparatus. 

 (14) THE SPERRY CO
IPAss.-The main 
features of the Sperry compass may be under- 
stood from Fig. 5. 
The gyro is simply a flywheel 12 in. 
diameter weighing 50 11s., and spun electri- 
cally by 3-phase current at a rate of 81)00 r.p.m. 
It is enclosed in an airtight aluminium case ú, 
which is exhausted to a good vacuum to 
prevent air friction and consequent h
'ating. 
Thi'3 case is supportpd in a vertical ring d in 
which it is free to tilt about the horizontal 
axis c. The ring can turn about its vertical 


C 


SUSPENSION HEAD 


BINNACLE 
OUTER RING 


INNER RING 


to that proposed by SchuJer for the Anschutz 
compass. This compass was installed in a 
British light cruiser, with the result that an 
order for a further number was placed by the 
Admiralty. Before thpse could be delivered 
the Armi
tice was declared and, owing to the 
consequent stoppage of new construction, they 
have not yet been put into sprvice. 
A somewhat similar fate hpfell a compass 
with two gyros invented by H. L. Tanner in 
New York and made by the Sperry Gyroscope 
Co. It was a radical departure from previous 
models and was noteworthy for the merit of 
its electrical equipmf>nt. The Armistice spoilt 
the chance of this cum pass also, su far as the 
British Navy was concprned, as it had only 
been installed in two warships. Both thp 
Perry-Brown and the Tanner compasscs have, 
however, met '" ith con
iderable success in the 
mercantile marine. As the Spf>rry compass, 
more or less mudified as will hC' described later, 
is almost universal in the l
ritish, 
\merican, 


FIG. 5. 


axis 1ft, in an outer vertical ring g, and carries 
the gyro case ,,,ith it. The bearings f and II 
are merely guidC' bearings and do not support 
the weight which is borne by a stranded wire 
attached to the outer ring. This outer ring, 
called the Phantom Ring, is pmvpr-driven by 
a small electric motor 111, controlled by contacts 
on the inner vertical ring. The arrangements 
are such that the plane of the phantom ring 
follows faithfully the plane of the inner vertical 
ring. The wire e therefore never gets twisterl, 
ami there is no movement of the bearings f 
and 11' except for a small oscillatory motion 
of the phantom. The cuntacts have no " off " 
position; the motor is always running in one 
direction or the other, so the plane of the ring 
g is constantly hunting about a mean position 
coplanar with the ring d, with an amplitude 
of about a quarter of a dcgrC'C'. This allows 
the ring rl to turn about its vl'rtical aJ\.is Ifl' 
almm!t '" ithout frietion. One may Llow oncc 
on the side of the gyro case and cause it to 
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make several revolutions if the wheel is not 
spinning. 
The gyro case h; as nearly as possible 
in neutral equilibrium and the necessary 
pendulous moment is given to it by the 

eparate mass p called the bail, "hich is hung 
independently on the phantom ring, and 
connected to the bottom of the gyro case at 
the point 8. In order to avoid inter-cardinal 
rolling error, it is arranged that this point 
shall always be in the same position relative 
to the true vertical line through the centre 
of the gyro, even when the gyro case and its 
supporting rings are being swung east and 
west by the motion of the ship. The connection 
at s is therefore made by t" 0 rollers on one 
stem, the upper one sliding in a groove in the 
case and the lower one sliding in a ;:;imilar 
groove in the bail. The roller stem is hung 
at the bottom of a short pendulum suspended 
from a. Thi::, pendulum, having a quick 
period, would itself be set s"inging by the 
ship's motion if it were not stabilised by the 
small auxiliary gyro attached to it and known 
a
 the" floating ballistic gyro." The compass 
card 0 is carried by the phantom ring, and 
below it are arranged an automatic device 
f.lr correcting the speed and damping errors, 
and an electrical transmitter for transmitting 
the corrected indications to a number of 
su bsidiary dials in various parts of the ship. 

 (13) THEORY OF THE SPERRY GYRo.-The 
theory of the gyro compas
,l written by H. 
Crabtree for ::\le8sr8. Elliott Bros.' handbook 
of the Anschiitz compass, has been reprinted 
in that author's Spinning Tops and Gyroscopic 
J[otion. The matter is also dealt "ith by 
Klein and Sommerfeld in Theorie de.'l lÙeisels. 
Rir George <ireenhill de'\""otes a chapter to the 
Gyro Compass in his Report on Gyroscopic 
Theory. All these" riters, however, deal "ith 
the oriQ'inal single - gyro Anschütz compass, 
which is now ob::,olete. So far as is kno" n, no 
similar mathematical explanation of the Sperry 
compass has yet been published. although it 
i
 in use to-day in all the principal navies of 
the world. A brief outline of the mathematics 
of the Sperry compass is therefore given here. 
(i.) R-eneral Eqllations.-Let the axis of the 
gyro make an angle a "ith the meridian and 
t3 with the hori
ontal. Then if ß is small 
the e:trth's diurnal rotation of w radians per 
second has components in latitude À. 
w cos ^ cos a about the gyro axle, (1) 
w cos \ sin a about the gyro tilt axis c, (2) 
w sin \ a bout the local ycrticaL (3) 
The component (l) haR no visible effect on 
the gyro, but if it maintains it
 direction in 
space, the axle has apparent motions equal 
1 rO! a 
fn('ral ac('Ount of the theory of a guostat 
see arhdc Gyro;:;.cope," Y 01. I. . 
VOL. IV 


to (2) and (3) relatively to the earth "hich 
increase ß and a respectively. 
As the gyro casing is not in perfectly neutral 
equilibrium. let C be its pendulous moment; 
to this is added B the pendulous moment of 
the baiL These t" 0 parts tilt together, 80 
that the torque about the horizontal a
is c 
of the gyro case is p(B + C). From the funda- 
mental gyroscopic law 2 this produces a 
precession in the horizontal plane at the rate 

(B + C)/H, "here H is the angular momentum 
of the flywheel. The apparent precession 
relative to the meridian is, ho" ever, 
B +C . da 
ß-II--w;:;mÀ=- df ' (4) 
Therefore, when the gyro remains at rest in 
azimuth it must have a tilt whose steady 
value is Hw sin \/(B + C). ., 
In practice it is desirable for the gyro to 
settle "ith its axis perfectly horizontal as 
shown by spirit levels attached to the ,case. 
This is arranged by a latitude adjustment 
which sets the gyro and bail tilt axes out of 
alignment so that when the gyro axis is level 
and ß = 0, the bail has a tilt 130 = Hw sin XI B. 
The torques about the horizontal axis c 
are now Cr3 due to the case and B(ß + ßo) due 
to the bail. 
Equation (4) may then be written 
Cß + B(ß + ßo) - Hw sin À= - H
;, 
or since the terms B,30 and Hw sin \ cancel, 
da 
- H dt =ß(B + C). . (4n) 
d 2 a dJ 
Then - H dt 2 = (B +C)ât. (5) 
If the gyro has a de ria tion angle a, 
c:;: = w cos \ 
in a from (2). (6) 
Substituting in (5), treating a henceforward as 
a small angle, and "riting a for sin a, 
d 2 a 
H dt 2 + (B +C)wa cos \= O. (7) 


Equation (7) shm,s that the compass s"ings 
in azimuth "ith an oscillatory motion of period 


H 
T= 27T' \ (B +f')w cos \' . (8) 
(ii.) Damping of the Oscillations. - Xo 
account has vet been taken of the damping 
arrangement,. "ithout which the compaE
 
(being only ,-ery slightly dampen by bearing 
friction) would oscillate perpetually about 
the meridian. To pre,-ent thi
. the point 
s is set sliahtlv to the ea
t of the vertical 
line througl
 a. ., Let r =the angle flas. a small 

ec artic}(' .. Gyroscope," 
 (6), Yolo I. 
S 
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angle of about 1 0 . Then the couple due to 
the bail may be resolved into components 
approximately 


B(ß + ßo) about the horizontal tilt axis c, 
r B(ß + ßo) about the vertical axis fil 
The latter affects the ratf" of change of ß, 
so that while equation (5) remains unaltered, 
(6) becomes 
dß (ß +ßo) 
dt = w cos À . a - r B - .a--' 


. 


and instead of (7) we have 
d 2 a Bda 
H ;itl. +r(jf + (B +C)w cos À. a 
= (B +C)rw sin À. (9) 
Thus in the steady state, when d 2 a/dt 2 and 
da/dt are each zero, the compass has a 
deviation 


a o = r tan À. 


. 


This deviation is due to the method of 
damping, and is therefore known as the 
"Damping Error" or sometimes as the 
"Latitude Error," because it varies as the 
tangent of the latitude angle. It is corrected 
in the readings shown by the compass, by 
shifting the lubber's mark out of the fore-and- 
aft Hne by an appropriate amount. 
Since in equation (9) r 2 B2 is numerically 
less than 4Hw cos À (B + C), the solution is 
-TBt/2H. ( B +C, r2B2 ) l 
a-ao=Ae sm -HwcosÀ- 4H2 t, 


the equation of a damped harmonic oscillation 
with period 
47T' H 
T d = - -. 
{4(B +C)Hw cos À -r 2 B2} l 
The ratio of successive swings is given by 


-TB 
f=e 4ïI Td 


The value of f is normally about! to !. 
(iii.) Speed Error.-The above applies to a 
compass stationary ashore. In a ship moving 
over the earth's curved surface with a 
northerly velocity v milE's per second at the 
equator, the apparent axis of the earth's 
rotation is shifted by an angle ò whose 
tangent is vfRw, where R is the earth's radius 
in miles. If the ship's speed is V on a course 
K degrees from north and the Rhip is at 
latitude À, we may write (since ò is a small 
angle) 


ò= y cos K 
Rw cm; À. 


If V is given in knots and ò is required 
in degrees, 
ò= 
 Y' cos K - 0'OG4 V cos K . 
57r COS À cos À 


This "Speed Error" deflects the com pass 
to the west on northerly courses and to the 
east on southerly courses. Its amount is 
about 1 0 for eac
h 10 knots in British lati- 
tudes. It will be noticed that this error is 
entirely independent of the design uf the 
compass. Speed or course error is inherent 
in any north-seeking gyro compass, although 
mechanical means may be arrangcd to 
correct it. Such an arrangement has been 
embodied in the Sperry compass, which has 
a latitude dial and a dial to he set by hand 
to the ship's speed. An ingenious mechanism 
then automatically corrects the readings by 
shifting the lubber's mark by the amount 
required fur the course the ship is steering. 
\Yhile the ship is actually changing its northerly 
velocity, the acceleration d1'jdt produces a shift of the 
apparent vertical, as shown, for instance, by a plumb- 
line, through a small angle whose circular measure 
is (dvjdt)fy, where g is the acceJeration of gravity 
in miles per sec. 2 . As the case and bail do not aJtt'r 
their tilt relative to the horizon, this is equivalent 
to a change in the value of ß, tllC tilt relative to the 
vertical. The pendulous moments of the bail and 
case then cause the compass to deviate in azimuth 
at the rate 


da 1 dv (B+C) 
dt =g at . 
' 


wl1Ïch must be multiplied by the cosin(' of the course 
if the acceleration is not along the meridian. By inte- 
grating over the period during which the acceleration 
persists (which ii3 supposed short) 


V(B+C) r 
a= 
 cos 1\... . 


(II) 


This is the"' ballistic deflection," and for a northerly 
accelC'ration it is to the westward, and therefore of 
the same sign as northerly speed error. By making 
the amount of this deflection equal to the change 
of speed error the acceleration will move the compass 
dead-beat to its new resting position without any 
oscillation. Thus with the co-operation of the correc- 
tion mechanism referred to above the compass ,\ill 
indicate true north before, during, and at the end of 
the acceleration. To secure this desira blc result, 
ò in (10) must have the same value as a in (II), then 


gH 
B+C . 
Rw cos À 


. (l
) 


(10) 


By substituting thiR valm-' of B +C in equation (8) 
the periodic time of the undamped compass must be 
T=27r ,....' Rjy , or about 85 minutes. 
The damping-for f= l-increases this pf'fiod to 
about 90 minutes, and practically all gyro compasses 
are now constructed to oscillate in this time. 
It will be noticed that the value of B +C in (12) 
is dependent on the latitude. Previous to 1918 
, compas
es were designed to be correct in latitud('s 
of ahout 40 0 to fiO o , leaving a rf'siduaJ ('rror out
ide 
those limits which grew to be' ra tllN s('rious in high 
latitudes. A modification of the f'perry eompa
s 
patented by Commander G. R. Harrison and A. L. 
RawJings of the Admiralty Compass Department, and 
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which will be described bpJow, contains a means of 
aJterin<1 the value of B to make the baJJistic deflection 
approximately correct in any latitude. 
(iv.) Further Effects of Change of Course.- 
Owing to the excentric connection between the 
bail and gyro ca8e (8 in Fig. 5) the couple produced 
bv the acceleration is not confined to the vertical 
plane. The component in the horizontal plane 
deflects the gyro axle slightly from the level position, 
and this causes the compass to wander slightly back 
from the correct azimuth after it has been placed there 
by the ballistic df"flection. This disturbance has been 
n
med "ballistic tilt," and the resulting temporary 
deviation, which attains ib maximum value about 
a quarter of an hour after the acceleration which 
produced it, is about 2 0 for 40 knots change of 
northerly speed. It may 
be reduced by making the 
excentricity less, i.e. by 
reducing the angle r. This 
of course reduces the 
damping also. 
pcrry 
compasses, in which each 
swing was one-third the 
amplitude of the preceding 
one, have been altered to r 
make this ratio one-half -0 
with marked succes&. The 
ballistic tilt effect was 
halved and no noticeable 
disadvantage was found 
\\ ith the lighter damping. 
In compasses damped 
by other means, such as 
those of Anfo:chütz and 
Bro" n, a precisely similar 
deviation has been found 
due to disturbance of the 
damping oil. Bro\\n has 
introduced an automatic 
cut-out to get ovpr this 
difficulty. 
In the caSe of thp 
Sperry, the deviation is 
slightly greater if a turn from north to south or 
south to north is made through west, and rat,her 
less if made through east. This is due to the 
p
centric connection- being swung over as the turn is 
made in spitc of thc ballistic gyro. A similar effect, 
but c
chan
ing east for west, has been observed 
witl
 the Harrison-Rawlings modification. 
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(v.) Recent Improvement8.-The sensitive
 
nes..
 of the ballistic gyro to east - west 
accelerations is occasionaUv the cause of 
serious de\iations. If the 
hip rolls badly on 
a meridional course, thp ballistic gyro may 
B\\ing ql1ite clear of the grooves in the 
bail and case and put the compass out of 
action. This was overcome to some extent 
by adding a weight to the hallistic gyro frame 
above ifs point of su
pen
ion so as to increa
e 
its natural period and make it more stable, 
but the .A(lmiralty and thf' Sperry roo ha \?e 
now adopted the Harrison-Rawlings modifica
 
tion, \\ hich does away \\ ith the ballistic 
arrangement entirely. 


In this device the Sperry bail is replaced by 
a large U-tube containing mercury and opening 
at the ends into east-iron boxes (see Fig. 6). 
\Yhen this is tilted by the gyro, an excess of 
mercurv accumulates in the 10\'\ er box and 
applies 
 a couple which is opposite in sign to 
that of the pendulous bail. By reversing the 
spin of the gyro. ho\\ ever, the precession is 
made in the right direction, and the compass 
functions as usual. The inertia of the long 
column of liquid in the l.!-tube keeps it com. 
paratively steady while the ship rolls and 
so eliminates rolling error. The above equations 
for the Sperry compass can be applied to the 
Harrison-Rawlings modification by making H 
and B buth negative 
and neglecting C, the 
pendulousness of the 
case, which is zero in 
this arrangement. The 
quantity denoted by B, 
.which is the "pen- 
dulous moment" of 
this form of bail, de- 
pends on the area of 
the free surface of the 
mercury to the boxe
. 
A simple device is fitted 
which makes this area 
adjustable by turning 
the knob seen at the 
right-hand side of the 
box, and the compass 
can thus be set to give 
a correct ballistic df'- 
flection in any navi- 
gable latitude. 'Yith 
this arrangement the 
compass has been found 
proof against any 
weather, provided that 
the rolling is not so severe as to s\\ ing the 
gyro against the gimbal rings. 
(vi.) Acc'if racy.-In conclusion, some idea 
may be given of the accuracy to be expected of 
a gyro compass under average conditions, and 
the probable causes of any deviations which 
may be met with. Either the original Sperry 
compass, or its modification just described, are 
liable to change of settling-point \\ ith a minute 
change in the balance of the gyro case. An in- 
crease of temperature causes the case to e
pand 
unequally, making it generally .Korth heavy; 
change of atmospheric pressure \\ ith varJing 
barometric height has a similar effect, a
 also 
has any variation of the vacuum maintained 
in the case. 'Year of thf' bearings on which 
the" heel spins or on which the case tilts is 
a further cause of change of balance. The 
effect of any of theg(' is 
"mall" anti it would 
be very um
sual for their combined action to 
chang
 the settling-point more than 2 0 if the 
balance" as not othen\i::,e disturbed.. As the 
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master-compass is kept below at a fairly 
constant temperature, no rapid changes of 
balance are likely to occur. Hence, if no 
correction by true bearings were available for 
periods of a week at a time, the compass might 
be relied on to keep within 1 0 of its settling 
position during the interval. Large deviations 
may be caused by wrong adjustment of the 
suspension wire by which the vertical ring is 
su pported. This should be installed quite 
free from twist and checked from time to time 
to see that it remains so. The deviation due 
to a twisted suspension is, however, practically 
constant and does not introduce any uncer- 
tainty. The elcctrical arrangements of the 
master-compass and the transmis
ion to the 
repeaters, when entrusted to an intelligent 
electrician, have proved very reliable, and the 
gyro compass equipment as an aid to naviga- 
tion has justified its inclusion in the equipment 
of modern warships. 
S (16) THE LOG LINE.-In its old form the 
log line consisted of a wooden board of 
approximately triangular section, weighted 
on one side so that it would float upright 
and present the greatest possible resistance 
to being dragged through the water. The 
log line is made fast to the centre of the 
board and runs out from a reel. The 
determination of speed is made by noting 
how many" knots" of the line run out in a 
definite interval, mmaUy 14 or 28 seconds. 
Steamshi ps, in which the course remains 
constant for great lengths of time, always 
now use some form of patent log. an instrument 
which measures distance run rather than speed. 
A log of this type is made of approximately 
cylindrical shape with spiral vanes fixed to 
the curved surface. It is towed astern of 
the ship, and as it travels through the water 
the vanes cause it to rotate on its axis. The 
rotation twists the tow-line and the latter 
turns a counting mechanism fixed to the 
taffrail, so that the distance run can be read 
off. In some patterns the log is practically 
upon the surface, in others it sinks to some 
distance below. 
If there is a surface current both types 
show, in general, inaccuracies. A log towing 
at considerable depth may be completely 
below the current, and will thus indicate 
the speed of the ship over the ground; a log 
towing on the surface would show the speed 
of the ship relatively to the water, provided 
the current extended to a depth well below 
the keel of the ship. In still water both types 
are equally reliable. 
S (17) :\IETHoDs OF POSITION FIXIXG. (i.) 
The Station Pointer.-One of the commonest 
methods of fixing position when off a coast 
is hy the measurement by a sextant of the 
two angles between three recognisable marks 
on shore. 


If A, B, and C (Pig. 7) are these points 
and P the position of the ship, the angles 

\PB (a) and BPC (ß) are measured Thc 
position can then be graphically constructed 
upon the chart by drawing the circle AP.B 
to contain the 
angle a, and 
the circle CBP 
to contain the 
angl4 ß. Since 
the two circles 
must have the 
point B in 
common, their 
other point of 
intersection P :FIG. 7. 
is uniquely determined. The construction 
of these circles being laborious and difficult 
when their curvatures are fiat, 
.he station 
pointer is used to achieve the same end. 
The instrument consists of a graduated circle 
,,,ith three arms, of which the chamfcred 
edges are radii of the circle. One of the arms 
is fixed and the other two can be rotated, one 
to the right and the other to the left. The 
scale of graduations has the zero on the edge 
of the fixed arm, and the graduations extend 
from 0 0 to 180 0 on either side. The measured 
angles are set on the instrument by means of 
the two movable arms, a vernier being avail- 
able for accurate setting. The instrument is 
placed upon thc chart and moved about until 
the edges of the legs pass accurately through 
A, B, and C. The centre of the circle must 
then be the point P, which can be marked 
down upon the chart as the ship's position. 
Accuracy in the determination of a position 
by this method is very largely a question of 
proper choice of the three shore marks. 
If it should happen that the angle BCA, as 
in Fig. 8, is 
qual to the observed angle a, 
then a circle can be drawn 
through the four points A, . B 
B, C, and P and the ship's 
position becomes completely 
indeterminatf'; it may be 
anywhere on this circle. The 
two circles of Fig. 7 coalesce, 
and any point on the circum- 
ference fulfils the conditions FIG. 8. 
as regards the magnitudes 
of the angles APB and EPC. The criterion 
of the suitahility of the three marks dp- 
pends upon the rdative positions of A, B, C. 
and P. In particular, the "fix" is a good 
one if the middle object is on the nearer 
side of the line joining the two outside ones. 
The errors of position obtained by this method 
are dependent upon the errors of measurement 
of thc two angles, errors of setting the two 
arms, and err01 s of locating tll{' f'tatiou poiut('r 
on the chart. Probahle valucs for eaeh of 
these errors could be obtained and combined 
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so a;-, to J!Ï\"e a pro ba ble errur of po
iti()n of 
each of the h\ 0 position lines, in this case a 
small part near P of the circumferences of 
the circles PBA and PBC. The most probable 
position is then the point P. The probability 
of position, per unit area of the chart, 
diminishes as "e move away from P, but 
diminishes at different rates for differen1 
directions. This probability of position per 
unit area is constant around the circumference 
of an ellipse" hose centre is P and of \\ hich 
the tangent lines at P to the two circles are 
conjugate dia- 
meters (see Fig. 
9). One of these 
ellipses is such 
that the prob- 
ability of the 
po
ition lying 
"ithin it or out- 
side it is one- 
half. An ellipse 
of three or four 
times the linear dimensions gives something 
closely appro)..imating to certainty of position. 
It should be nOÍ(>d that similar results hold 
in all cases where a position is fixed by means 
of two position lines, each of which has a 
definite probable error of lateral displacement. 
"\Yhen three or more position lines are found 
for the purpose of determining a "fix." and 
they do not pass through a point, the most 
probable position must be determined by the 
method of least squares, but it is not possible 
to make any simple statement as regards the 
way in "hich the rate of decrease of the 
probability of position per unit area varies 
\\ith variation in direction. 
This method of position fixing is almo
t 
always used for fixing soundings when making 
a survey. The se)..tant used in such case is 
of special construction, and is called a 
sounding sextant. (For description see under 
" Sextants," 
 (20).) 
(ii.) The Bearing Plate or Pelorus.-O\\ing 
to the impossibility in many cases of obtaining 
an an-round view from the standard compa!':s, 
it is necessary at times to employ subsidiary 
means for taking bearings when the standard 
compass cannot be used. The bearing plate 
used for this purpose consists of a circular 
brass circle, divided into degrees. slung in 
J!im bals so as to remain horizontal when the 
ship rolls. A concentric circle fitg inside the 
hrass one, and is also graduated. This is used 
like a compass card, and is set so as to sho" 
the course by Rtandard compass against the 
zpro of the brass circle, used as a lu b bel' 
line. The ship's hpad must of course be 
kept stead v while an observation is beina 
made. \. 
ight \ane fits over the bras
 circl
 
and is u
('(l in the same \\ av as the azimuth 
circle uf the standard cO;llpass. "'hen a 
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h(>aring i
 tak(>n it can be read relatiyeh. to 
the ship's head on the outer circle or relatï'yely 
to the standard compass on the inner one. 
(iii.) Sounding Jlachines.-'Yhen soundings 
are required in "ater too deep for the ordinary 
hand lead a sounding machine is used. It 
consists of a framework supporting a drum 
round which is wound about 300 fath01l1
 of 
7 -strand "ire. The drum can reyolve freely 
on its axle, can be braked, or can be "uun
l 
up either by hand or by electric motor. The 
"ire is led from the drum through a block 
at the end of a spar 30 to 40 feet long, pro- 
jecting beyond the ship's 
ide, and at the 
end of the "ire is a short length of hemp 
rope to which a 24-lb. lead is fixed and also 
a bra,..;:; guard tube, the latter being about 
6 feet above the lead. A dial indicator on 
the machine shows how much the "ire has 
run out. 'Yhen sounding from a ship at rest 
the length of "ire run out gi\es the depth 
immediately, but when the ship is under \\ ay 
the lead does not sink straight do" n but trails 
away aft. In such case the depth is deter- 
mined by the ,. chemical tube "-a glass tube 
open at one end and sealed at thp other. The 
inside of this tuhe is lined \\ith chloride of 
silver, coloured red. The tube ih placed 
inside the guard tube open end downwards, 
and the sea-water has acces
 to it through 
holes in the guard tu be. As the lead sinks 
water enters the tube compressing the air, 
and the length of the tube thus filled is 
connected "ith the pressure, and therefore 
"ith the depth, by a simple extension of 
Boyle's la". This length is immediately 
visible" hen the lead is hauled up, as the part 
of the chloride of silyer that has been in 
contact "ith sea-water is turned "hite and 
can be measured. As a check upon the 
accuracy of the sounding, as found by the 
chemical tube, the amount of ,Üre run out, 
which is a function of the depth and the 
speed. can be used. 
In very deep water great ad\ances ha\e 
recently been made by sounding: by acoustical 
methods. If a smaH charge be e
ploded near 
the ship's side the reflected sound wa\e from 
the bottom of the sea can be easily detected. 
"\Yith suitable means for accurate measurement 
of the time b(>t\\ een the explosion and the 
echo it is possible to determine the depth with 
a very close degree of accuracy. 

.\nother and somewhat similar method is 
to drop o\erboard an explosive charge" hich 
sinks at a uniform speed which is hnown. 
The charge p)..plodes on .5triking the bottom, 
and the elapsed time before tlw explosion 
is heard lead'! to a determination of thp 
deuth. 

 (18) 
IETHODS OF XAT:;TICAL ASTR050)IY. 
-\Yhen out of !i:ight of land the navigator 
has from time to time to obtain his !>o:-;ition 
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by means of 0 ùSe'rvations of the sun or stars. 
A meaSUrf'ment i8 made bv a sextant of the 
angular altitude of the he<
venly body above 
the sea. horizon, while the time is noted by a 
chronometer whose error on G.:\!. T. is known. 
Astronomical observations are also necessary 
to check from time to time the error ûf the 
compass. To this end an azimuth mirror 
is fitted to the standard compass for the 
purpose of taking the bearing. The time 
being noted when the bearing is observed, 
and the latitude and longitude of the ship's 
position being known with sufficient accuracy, 
the true bearing of the sun can be calculated 
and the compass error determined. 
Occasionally special instruments are used 
for the purpose of measuring the depression 
of the visible horizon below the true horizontal. 
Tabulated values of this depression are avail- 
able, but are sometimes inaccurate owing to 
abnormalities of the refraction. 

 (19) THE SEXTANT. (i.) De8cription.- 
After the mariner's compass the next mosi 
important inst,rument that the nayigator uses 
is the sextant. 'Vith It he measures the 
angular altitudes of the sun and of the stars 
above the visible horizon. From these observa- 
tions his position on the earth's surface is 
determined. 'Vith the sextant also he 
measures horizontal angles between visible 
terrestrial objects from which his position 
when near land can be plotted upon the chart. 
Simple in principle and simple in construc- 
tion as the sextant is, it waS not invented 
until nearly the middle of the eighteenth 
century, and earlier navigators had to measure 
altitudes by the cross-staff, a wooden apparatus 
resembling a T-square with three sliding 
crosses of unequal lengths. The instrument 
was held with the long arm of the T horizontal, 
and the 0 bserver looked along this and 
maintained it so as to be in the direction of 
the horizon. One of the crosses was then 
moved until its upppr edge was in line with 
the sun's centre and the altitude read off from 
a scale of tangents. A modified form was the 
back staff, in which the observer turned his 
back upon the sun and held his instrument 
so that light from the sun passing through 
one slit fell upon another. If at any time the 
observer could through this second slit see 
the sea horizon his sigL-ht was correctly made; 
if not, the slit nearest to the sun needed setting 
up or down. The cross-staff, or fore staff, and 
the back staff were the principal measuring 
instruments in use by all the great navi- 
gators of the l\IÜldle Ages. Cabot, Columbus, 
Hawkins, Drake, Raleigh made their great 
voyages by no other aid than theirs. Chrono- 
meters, as we know them, that will keep a 
fairly steady rate for months on end, had not 
been designed. The lunar distances of stars 
were not then tabulated, so that they could 


make no observations for longitude', and their 
" sights " conF:Ü;;ted merely of the determina- 
tion of the latitude at noon. About Iüü4 a 
reflecting form of back sight was invented 
bv Hooke, but a cursorv examination of its 
d
sign shows that it 
va8 not properly a 
sextant. inasmuch as a small tilt of the 
instrument in the vertical plane would throw 
the images of the sun and the horizon out of 
contact. Presumably for this reason it \\ as 
never used, and although rein vented by 
Grandjean in 1732 (Fig. 10), and approved 


by the Académie Iloyale ùes Sciences de 
Paris, it was not until a double-mirror instru- 
ment was designed a few years later that 
the navigator possessed anything correspond- 
ing to the sextant as we now know it, an 
instrument that can be tilted in the vertical 
plane and yet maintains contact between the 
image of the sun and the image of the horizon. 
This condition can only be realised provided 
both images are formed after an even number, 
or both after an odd number of reflections. 
Customarily the bun is reflected twice and the 
horizon not at all; but several designs have 
been produced jn which each is reflected once, 
or in which one ie. reflected once and the 
other three times. As to who was the first 
designer of the sextant is not known with 
certainty. Popularly it is ac;;cribed to Hadley 
in 173]; but Newton certainly designed one 
independently about the same time, and 
there are claims of one designed by an 
American merchant captain of an ev{'n earlier 
date. 
In all these earlier forms of sextant the 
main principle is shown in F
'g. 11. It 
consists of a framework or limb A to which 
is attached a fixed mirror H, the horizon glass. 
The limb is in the form of a sector of a circle, 
and a movable arm R. the index arm, can 
rotate round the centre of this circle. Fixed 
to th-e index arm and rotating with it is 
the index glass I. The horizon glass is usually 
silvered over half its area, so that the observer 
looking horizontally into the horizon glass 
can see the twice-reflected image of the sun 
in the silvered portion and then also see the 
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horizon directly through the unsikered 
portion. By w;ing a small telescope T 
attached to the limb these two images become 
superp(lsed, and, the telescope being usually 
of the inverting type, the field of view is as 


FIG. 11. 


shown in Fig. l
. 'Yhen exact cuntact is 
made the measure of the sun's altitude is 
t\\ice the angle between the two mirrors, 
and can be read off from a scale engraved 
on the arc of the instrument. By cutting 
this scale in ,. sextant degrees" -i.e. 7
Oo to 
the complete circle-the altitude measured can 
be read direct. 
The u-;e of the instrument requires consider- 
able practice before the observer can become 
proficient. The sun is first of all "brought 
down " to the horizon. To do this the index 
arm is set f'Oille\\ here near zero and the 
sextant held in a vertical plane, but \\ith 
the sight line directed towards the sun instead 
of horizontal. Two images of 
the sun \\ill then be seen- 
one in the silvered and one in 
the unsilyered portion of the 
J.orizon glass. The sextant is 
now brought slowly down to 
its nurmal position, mO\.Ïng 
FIG. 12. the index arm an the time 
while this is bping done in 
order to keep the reflected sun in the horizon 
gla!;
, until ultimately the horizon appears 
through the un
ih-ered portion. " Bringing 
the sun down" is usually carried. out \\ ith the 
telescope removed so a
 to {Ti,e the observer 
a !!reater an(!ular field of vie
\.. 
'Yhen the- sun and horizon are both visible 
in and through the horizon glass the index 
arm is clamped to the limb and the telescope 
shipped, the final adj ustment necessary to 
make contact being done by means of the 
fine - motion screw' or "ta;íTent screw" F 
attached to the arm. The final adjustment 
in itself requires care. If the sextant is 
" k I " . . 
roe "C( -t.e. gIven a small angular rotation 
round the axis of the telescope-the sun "ill 
mm.e relatively to the horizon as shown in 
Fig. 12, and the adjustment is only correctly 
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made provided that in its motion across the 
field of \'ie\\ the sun s\\ings just to touch the 
horizon anù just does not dip into it. To 
keep the sun in the field of YÌew "hile this 
rocking motion is being made, tbe whole 
instrument has to be suitably tunled in 
azimuth. By acting as described abuve, the 
navigator makes a measurement of the 
apparent altitude of the sun's lower limb 
above the visible horizon "ith an accuracy 
of observation normallv of about 30". 
The sextant has, in
 addition to the parts 
described, other fittings that need to be referred 
to. Shades S are placed between the two 
mirrors in order to reduce the brightne8s of 
the sun. They consist of pieces of dark glass 
"ith parallel faces and of different densities. 
If not made "ith thpir two faces exactly 
paralle] they "ill refract the light passing 
through them, and a consequent error in the 
measurement results. 'Yith a shade that is 
prismatic this deviation "ill be greatest if the 
edge of t11e prism- i.e. the line of intersection 
of the two plane faces-is at right angles to the 
limb, and "ill be zero if the edge is parallel 
to the limb. As the shades need to be 
mounted loosely in their frames on account 
of the Yariation
 in temperature that a se
tant 
has to withstand, and as the circular form is 
the most convenient to make, the shades 
have ordinarily to be made of glass so nearly 
parallel that light passing through it is not 
deviated by more than 5". The shades are 
usually four in number and of densities such 
that the transmission ratios are 1 in 40, 1 in 
400, 1 in 7000, and 1 in 35,000, but such 
figures are very appro
imate. 
Three shades and sometimes four are also 
placed behind the horizon glass. The sextant 
has at times to be used "ith a Recund image 
of the sun reflected in a mercury trough, 
instead of with the sea horizon. There is 
also frequently a good deal of reflected light 
from the surface of the sea, and a special light 
shade is included to cut off some of this glare. 
Sometimes also a Xicol prism is placed behind 
the horizon glass to cut out the polarised light 
reflected from the" ateI'. 
(ii.) Errors.-The sextant in use is always 
subje('t to errors of varying amounts. The 
mirrors are not rigidly held, and change their 
position: and an examination of the value 
of the zero error. which is the most important 
of the first-order errors is necessary from day 
to day. The determination is mad; by the se;' 
horiz
n, or by the measur('ment of the sun's 
diameter "on and off the arc." Another 
first - order ('rror is that of centring. the 
scale being cut from a point which is not the 
working centre. Sextants are tested in this 
respect at the Xational Physical Laboratory. 
The amount of decentration which i:;; allow- 
able in orùer to comply with the X.P.L. 
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tC::5t, that the enol' UlU::;t 110t excceu 40 sccomls 
of reading, lies bet\\een about one-thousandth 
of an inch in the direction of the middle 
wading and about three-thousandths in the 
direction at right angles, with a sextant of 
7 -inch radius. 'Yhether the value of the 
centring error as given in the X.P.L. certificate 
is permanent is a very dou htful point. The 
sextant in use is exposeù to hot sunlight on 
one edge of the limb whilc the rest is in shadow. 
Some sort of deformation of thc limb must take 
place, and it is quite po::,
ible that an additional 
minute or two of centring error is introduced 
cvery time the sextant is used in the tropics. 
Makers of sextants have frequently contributed 
to the risk of tllÌs trouble by finishing the 
lim b a dull black, hut of late there has been 
a tcndency to make sextants in which the 
metal \\ ork is much lef:'s absorbent of heat. 
First-order errors also arise from the shades 
and mirror being made from non-parallel glass. 
The worst effect on the reading occurs when the 
" edge" of the prism is perpendicular to the 
plane of the limb, no error being caused when 
this edge is parallel to the limb. If shades 
were mounted so as to be non-rotatable the 
prismatic error would always be of the same 
magnitude and might be included in the zero 
error, although it wou]d involve a separate 
correction for each shade. 
A prismatic horizon mirror gives rise also 
to a constant error, but \\ ith a prismatic 
index mirror the resulting correction is 
different for each reading and increases rapidly 
towards the higher angles. As a consequence 
it is necessary that mirrors should be made 
with a high order of accuracy in parallelism. 
In addition to absolute error there is also 
trouble in the duplication of an image if the 
mirror is of non-parallel glass, one image 
being formed by light reflected from the first 
surface of the mirror, the other by light 
reflected at the back. A si m pIe practical 
test for parallelism of the mirrors is obtained 
by obscrving through the highest - power 
telescope the image of a star seen after reflec- 
tion at the two mirrors, the index mirror 
being set to the top enù of the arc. If undpr 
these conditions no duplication of the image 
is noticeable the mirrors are quite good enough 
fOI' the purpose. 
The second-order errors of a sextant are 
ùue to three princiral C[lUReS, viz. want of 
perpendicularity of the two mirrors to the 
plane of the limh and want of parallelism of 
the line of sight to the' 
ame plane. "Then all 
these three defects occur together the resulting 
error in the reading can be sho\\ n to be 
f=2 cOSec R :a 2 cos (d+ 
R) cos (d - iR) 
+ ß2 cos d cos (d - 
 R) - 1'2 sin 2 
H, 
- 2þ)' sin -
 R sin (d - 
 R) + 2)'a sin d sin 
 n 
- 2aß cos d cos (d - 
 l-t); , 


where R is the vahtt' of thc rcadíllp-, d the 
"sextant angle," viz. the angle behvcen 
the normal to the horizon mirror and the 
axis of thc telescope, and a, ß, )' arc the 
errors of the indpx mirror, horizon mirror, and 
]ine of sight respectively. If R is zero the 
value of f is not zero unless a=- ß. This fact 
is clearly 0 hvious, as, without this condition, 
tbe two mirrors cannot be moved so as to 
he parallel to one another, and the two 
images of thc same point cannot be maùe to 
pass over one another. 
All sextants are provided with means to 
adjust the second-ordel' errors. The procedure 
is, usually, to set the infle
 mirror so that its 
plane approximately bisccts the arc. One 
end of the arc can then be seen directly and 
the other by reflection in the inde-x mirror. 
The latter is then adjusted until the two views 
of the arc are coincident. 'Yhen carefully 
done the value of a should not exceed two or 
three minutes. Having set up the index 
mirror, the horizon mirror is then adju
ted 
so that the two images of a distant point 
can be made to pass over one another. As the 
telescope can be used for this Imrpose, a and ß 
can be made equal to within ten seconds or so. 
The adjustment of the collimation error is 
much more troublesome. The Ìf>lescope is 
sometimes mounted in an adjustable collar 
with two small setting screws, but the adjust- 
ment is hard to make at sea and, indeed, is 
not often attempted. The weakness of the 
rising piece and the unsubstantial design of 
the framework of the limb arp 80 considerable 
in some sextants that slight pressure hptween 
the ocular end of the telescope and the side 
of the nose may cause a temporary collimation 
error when the instrument is in USf'. In 
addition the observer may take his observation 
away from the centre of the field, so that the 
value of Î' is of necessity higher than a or ß. 
If we take a and ß equal and comparativdy 
sman re]atively to )', the approximate value of 
the error is 
= _)2 tan 
R + 4)1a sin!R cos (a - !R) sec 
 R. 
The value of this is negligible at small angles. 
At 90 0 it becomes -1'2+2'}.3ya, and at 130 0 , 
which is about the maximum observahle 
angle, - 2.}4y2 + 4.8.3ya. 
It will be seen from the abovc that if the 
errors of the mirrors are cardully eliminated 
the error of the rcading is inconsiderahle 
except at the high angles, and. that for sea 
work, where alt.itudes do not ex('eed 90 0 , 
collimation error of a dqrree is not serious. 
On the other hand, if the mirrors arc out of 
adjustment an error of reading of four or 
fivc minutes is quite possible. . 

 (20) FOR:\IS OF SEXTA"NTS.-Ko VCl} great 
change has bcen made in the desi
ll of se
tants 
since thc time' of Hadley. 'Yith improvcmcnts 
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in the methods of cutting the scale and \, ith 
the use of more accura,te verniers for reading, 
it. ha.s been possible to reduce the radius of the 
limb "ithout any loss in accuracy. Older 
pattC'rns frequently had a radius uf as much as 
lJ inches as against the 7 -inch radius that is 
customary nowadays. Telescopes have been 
improved and have now better definition and 
larger field of view than formerly, but there is 
a limit to what is possible in the latter respect 
owing to the difficulty in increasing the size 
of the mirrors. Some improvempnt is possible 
if the mirrors are replaced by reflecting prisms 
in which the refractive effect of the glass can 
be utilised to give an enlarged aperture. For 
example, if a prism of angle
 43 0 , 4.)0, and !JO O 
(see Fig. 13) be uRed, a reflection can be 
obtained when the 
incident light is 
parallel to the re- 
flecting face and at 
the same time the 
breadth of the re- 
flected beam is about 
aqua rter of the 
FIG. 13. length of the reflect- 
ing face. If a mirror 
had been used in this way the breadth of the 
reflected beam would be nil. 
A prism used for reflection in place of a 
mirror need not have its angles exactly 45 0 
and 90 0 , but the two base angles should be 
equal. For ordinary sea work the difference 
bet\\een the two base angles should not 
exceed half a minute, although an error up 
to ten minutes is permissible. prO\Tided a suit- 
able correction is applied to the reading. 
The value of the latter is yery similar in its 
magnitudes tu a centring err
r, and if the 
centre is made adjustable it is quite possible 
to throw t he workin
 centre out so that the 
tnle centring error thus introduced neutralises 
the prism e
ror and leaves a balance of error 
below twenty seconds for all puints of the 
arc. 
The use of a prism in place of a mirror 
on the index arm gives another advantage. 
In order to obtain a "ide range of readings 
(up to 1300) the sextant angle needs to be 
kept down to about 15 0 . This involves 
considerable space being left beÌ\\een the end 
of the telescope and the horiznn mirror and 
between the latter and the index mirror in 
orùer to a void any cutting off of light. The 
more these distances are increased the more 
difficult it is to obtain a wide external 
field of view. \Yith the use of a prism 
to replace the index glass the sextant 
angle' can be made larger and the spacing 
of the different parts much reducerl with- 
out any luss in the working rangf' of the 
sextant, and with actual gain in aperture 
at the high angles. :\lod('rn improvements 


in the produetion of pl'i
llls may pos:;;ihJy 
re::;ult in their replacing mirrurs entirdy in 
sextants. 
Another direction in which tentative ('fforts 
at improvements in design have been made 
lies in the method of reading the arc. "Cnder 
good conditions of illumination and \\ ith 
plenty of time to spare there is no great diffi- 
culty in reading a 7 -inch sextant to ten or 
twenty second::;:, but at night-time at sea it 
is much more difficult, and efforts have been 
made on the Continent to provide the navigator 
with a sextant which is ea
ier to read and on 
the whole good enough for his needs. The 
usual form that this improvement has taken 
is the provision or" a worm gearing round the 
edge of such a pitch as "ill gi\Te 720 teeth to 
the complete circle. The head of the worm 
is didded into sixty parts and a reading can 
be made" ith great ease. Xo great diffieulty 
is experienced in obtaining accuracy within 
a minute, although there is always danger of 
burring the teeth of the gear by accident. A 
circular rack-and-pinion muyement has also 
been tried for the same purpose, but not with 
the same success. 
In addition to the ordinary sea uses of 
measuring the altitudes of heavenly bodies, 
sextants are sometimes required for the 
accurate dptermination of latitude and longi- 
tude of places on shore, or for the determina- 
tion of the errors of chronometers at a plaee 
whose position is accurately l..nown. In such 
cases the measurement of the altitude is made 
between the sun or star and its reflected image 
in a mercury trough. Usually a higher degree 
of accuracy is required "ith such an obsen'a- 
tion and the sextant is fitted" ith a telescope 
of higher power and has an arc of larger radius 
cut sometimes to .) seconds. }'ur the purpose 
of this type of observation the se}..tant is 
usuallv muunted on a stand, "hich is a light 
three-Ìegged pedestal with a universal joint 
at the top to which the sextant is clamped. 
After an observation has been made a sextant 
has to be turned up to tal\.e the reading. and 
various stops are sometimes fitted to the 
stand so as to permit of the sextant being 
immediately turned hack again to precisely 
the same position as before. In order to 
reduce errors of observation the narigator 
generally likes to make three observatiuns at 
sea and at least five on shore, the mean of 
tlIP altitude being assumed to correspond 
with the mean of the time. To avoid d('lay 
in having to read the sextant after eaph 
observation, various devices have been em- 
ployed. In one such de\.ice the tangent se'rew 
is fitted with a J'atchet anfl the pite'h of the 
screw chosen so that each tuoth of the ratchet 
i.;; equivalent to one or t\\ 0 minutes change 
in altitude. 'Yith such an arrangement the 
navigator can obtain a set of oh:-;crvatiolls 
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and does nut need to read the sextant until ' 
they arc completed. 
Another device is by the use of a reflecting 
prism of small angle which is placed beyond 
the horizon gla

. The edge of this prism is 
pprpemlicular to the plane of the limb, and 
according to 
whether the 
prism is placed 
base up or base 
down the hori- 
zon is lowered 
or raised. A 
set of three 
observations 
can be made 
(i.) by using 
the prIsm base up (see Fig. 1-1), (ii.) by 
remoying it entirely (see Fig. 15), and (iii.) 
by using it ba
e down (see Fig. 16). The 
mean of the three altitudes will be the sextant 
reading irrespective of the angle of the prism. 
Another use to which sextants are frequently 
put is the 
measurement of 
horizonta 1 angles 
between two 
fixed marks. In 
a hydrographical 
survey the posi- 
tions of sound- 
ings are usually 
fixed in this way, 
two horizontal 
angles between three fixed objects being 
measured as nearly as possible simultaneously. 
The IJosition of the sounding is subsequently 
plotted on the chart by means of a station 
pointer set at the measured angles. The 
sextant used for this purpose differs only 
slightly from 
the ordinary 
pattern. It 
usually has a 
shortcr radius 
as a smaller 
degrce of ac- 
curacy is neces- 
sary, the shades 
are abolished, 
and the tele- 
scope i:::l of the Galilean variety so as to 
give an erect image. Efforts have been 
made to give the observer as wide a field 
ûf view as possible and al.so to make the 
sextant easy to read. Various types of 
"double angle" sextants have been tried in 
which the two angles can be measured at the 
same time, so as to avoid the objection of a 
lapse of time while the first angle is being 
read. 

 ,21) BUBBLE AND PENDULUM SEXTANTS.- 
Owing to the difficulty that is frequently 


FIG. 14. 


FIG. 15. 
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experipneed at sea of seeing any horizon, 
attcmpts have bepn madp many times to 
replace the sea horizon by some f("I'm of level 
or vertical that is controlled by gravity. In 
some of these dpvices the method adopted is 
to reflect into the field of view the image of 
the bubhle of a spirit-level whieh indieates 
the direction of thp vertical (see Fig. 17). The 
observation is made by bringing the centre of 
the sun to the centre of the bubble. In others 
a horizontal line moves up and down in the 
field of view under the control of a pendulum, 
and is exactly opposite a fixed puinter when 
the telescope is puinting towards the true 
horizon, so that when the sextant is held true 
and steady, observations of the sun can be 
made down to this artificial horizon in the 
same way as it is usually brought du" n tu 
the visible sea horizon. . 
Of the two arrangements the bubblc is 
preferable as it is self-damping if the liquid is 
sufficiently viscous, and there is an aùditional 
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advantage that, .with proper optical arrange- 
ments, the images of the sun and bubble ,,,ill 
follow one another across the ficld even when 
the instrument is tilted in a vertieal plane. 
Such an instrument can properly be called a 
sextant. The pendulum instruments are, more 
strictly speaking, clinometers. 
All sextants of this type are very sevcrely 
handicapped by the movement of the ship 
and consequent horizontal acceleration of the 
observer and the sextant together. The 
bubble ur pendulum sets itsclf undcr such 
circumstances not in accordancc with the true 
vertical but wit.h the false dynamical vertical 
compounded of earth's gravity and horizontal 
acceleration. Horizontal acceleratiuns of 1 ft. 
per sec. per sec. are common. Such accelera- 
tions are only very approximately periodic, 
and the observer finds that if he brings sun 
anù bubble together at noon, the former will 
wander up and down relatively to the lattcr 
by the amount of a degree or two on either 
side, and generally so slowly that it is im- 
possible to form even an approximate idea of 
the mean position. Any mcthod of damping 
that is practically available serves only to 
damp out tÌ1e rapid vibrations of the observer's 
hand and leaves the slow oscillations un- 
touched. In ordinary weather in the Atlantic, 
where the ship necessarily rolls and pitches, 
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and has further alternating horizontal ac- 
celerations due to the H send " ("If eaeh sue- 
ceeding "aye, the probahle error (eyen chance 
error) of a single such observation taken from 
the bridge may be put at about 20 minutes 
of arc. This must be multiplied by four to 
give the naYigator something approximating 
to certainty, with the result that, haring taken 
such an observation and laid down his position 
line on the chart, he has then to draw two 
others eighty miles on either side, and his 
" sight" tells him that it is reasonably certain 
that the ship's position is somewhere on the 
160-mile strip so drawn. 
The above statement explains how it is 
hat 
bubble sextants which have an accuracy of 
h,o or three minutes "hen used on shore, and 
perhaps ten or fifteen minutes when used on a 
cross-channel voyage where alternation of 
acceleration is more rapid, fail entirely w-hen 
used in open sea. Xothing can possibly 
succeed there except a gravity controlled 
pendulum whose period of oscillation is con- 
siderably longer than the periodicity of the 
ship's acceleration, and the only practical form 
is some sort of gyrostat. 
One such device has already been tried with 
a certain amount of success, Admiral Fleuriais' 
gyro sextant. The mechanism is complicated 
and need not be descri bed in detail. The 
gyro is spun by an air blast from a pressure 
tank pumppd up by hand. .An optical arrange- 
ment produces in the field of view of the 
telescope a spot of light which is reflected 
from the case of the gyro. The speed and 
weilIht of the gyro are in:5ufficiently great to 
glxe the requisite length of period, and although 
the probable error of a single observation is 
distinctly lo\\er than 20 - minute value of 
the bubble, it is still not low enough 
for the instrument to be of real practical 
utility. 
There appears to be no reason why the 
master gyro compass should not be modified 
so as to gi"\""e an approximately horizontal 
leyel that can be reproduced on the bridge 
by the repeater mechanism. A mirror at- 
tached to the repeåter could then be used in 
a similar manner to the mercury trough used 
on shore. 

 (22) THE ARTIFICIAL HORlZO:X. - "-hen 
taking sights on shore "ith a sextant the 
angular measurement is made between the 
sun or star and its image in a trough of mercury. 
The latter has usually a surface of about 
3 by 3 in., and is covered by a glass shade to 
prutect it from being di
turbed by thp wind. 
The glas.'I of the shade should be made with 
its faces accurately parallel, but mTing to the 
difficulty of doing this it is customary to 
eliminate the error by taking two sets of 
observations, the shade being turned end for 
end between the two sets. 


Di8turbance uf the mercury surface can be 
preventpd by using a very 
 shallow pool ùf 
it upon a flat copper plate \\ hich has been 
amalganlPd and levelled. Surface tension in 
such case permits of the u
e of a pool less 
than a millimetre deep, and if the copper 
plate is amalgamed only on its upper 
surface there is no risk of the mercury 
running off. 
This arrangement is also yery suitable for 
cleaning the mercury, which can be done by 
passing a glass rod lightly over the surface, 
when all the impuritif-s of the mercury arp 
collected on the rod. 

 (23) THE AZDl"CTH )IIRROR. - In order 
that the navigator may be able to take bear- 
ings of distant objects on the horizon or of 
heavenly bodies, the standard compass is 
usually fitted "ith a special arrangement to 
enable him to do so. The earliest form of 
this consisted merely of a foresight and back- 
sight that could be trained on the object. 
The reading of this direction on the f'ompass 
card could be approximatí'ly accomplished at 
the same moment. 
For bearings of the sun a vertical shadow 
pin was fitted over the centre of the card anrl 
the bearing of the shadow read directly. 
An improvement of these two methods is 
the Kelvin azimuth circle, in which a reflect- 
ing surface, usually in the form of a prism, is 
mounted above the compass. This prism ið 
capable of a rotating movement round a 
horizontal axis, "hich has to be turned in 
azimuth so that it is at right angles to the 
vertical plane through the centre of the 
compass and the object (terrestrial or celestial) 
that is being observed. By turning this prism 
round its axis to a suitable position light 
from the object is reflected to a direction 
making about sixty degrees upwards from the 
horizontal, and the image so seen can be made 
ta appear to the observer to be clQse to the 
nearest edge of the prism. In Fig. 18 a 


o 


FIG. 18. 


vertical c;ection of the arrang<,ment is 8hm, n, 
the plane ("If the paper being taken to be the 
vertical plane in which the object lies. Thp 
horizontal a:xis of rotation P is perpendicular 
to thp plane of the paper. J..ight frolll the 
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h,Hl,v S is reflected in the fal'e FE, and the 
observer can move his head into sueh a 
position th:tt the object is seen close to the 
ed
e E. Below the prism is a lens L. whose 
axis also in the plane of the paper passes 
through the divisions D of the compa
s card 
DD'. The focal length of the lens is LD, so 
that the image of the divisions appears to 
the observer to be at infinity. Provided the 
focal length is also equal to the radius of the 
card, the angular breadth of a division as seen 
by him will be 1 0 . This is of importance, as 
otherwise two objects on the horizon 1 0 
apart cannot be placed against two con- 
secutive divisions of the card at the same time, 
and a sideways movement of the obRerver's 
eye will have a parallactic influence on the 
bearing as he reads it. Further, it is clear 
that for observations of objects on the horizon 
it is not essential that the object shall lie 
exactly in the plane through the centre of 
the compass at right angles to the axis of 
the mirror. For objects not on the horizon, 
however, the case is different. Two objects, 
each at altitude a and differing in bearing 
by 1 0 , arp distant lOcos a apart, and therefore 
cover this area on the image of the compass 
card. \Vhen one object appears on a division 
of t.he card the other will he at a distance 
1 0 (1 - cos a) from the next division. In 
thpory, therefore, it is necessary tn turn t.he 
azimuth mirror round so that the object 
I) bserved lies in the correct vertical plane. 
If the azimuth mirror is directed K O wrong 
in azimuth the error in rpading ,,,ill be 
1(0 (1 - cos a). The limitations of size of the 
mirror and lens make it impossible to see the 
object if K O exceeds 10 0 , and navigators, as 
a rule, are chary of trusting to bparings of 
heavenly bodies of greater altitudes than 30 0 , 
hut, even so, there is a possibility of error lIf 
nearly I! 0 in the hearing. \Yith an altitude 
of 4.3 0 this error is increased to 3 0 . 
..A further source of error at sea lies in the 
fact that when the ship is rolling or pitching 
neither the compass card nor the compass 
bowl, to which the mirror is fixf'd, is correctlv 
horizontal, but is probably pprpendieular t
 
the false vertical of the moment. Azimuths 
are then being measured with reference not 
to the true vertical or horizontal but to the 
false, and the error made nill be zero 
only when the false vertical is in the 
plane containing the ohject and thf' true 
vertical. 
A second method of using the Kelvin mirror 
is available for objeets on the horizon. This 
method involves the rf'flection of thp card by 
the mirror, so that the observer has to look 
directly at the distant object and read its 
bearing against the divisions of the card as 
seen after transmission through the lens and 
rl'flpction at tllP prism (Fig. in). 


A some" hat similar instrulllf'llt i::; the 
Admiralty azimuth mirror used on the gyro- 
compass repeater. A vertical sectional new 
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FIG. 19. 


of this arrangement is shown in Fig. 20. 
The card is viewed through a lenticular prism 
A, two faces of which are plane while the third 
has a curve worked upon it. This pri:,;m 
becomes in effect a lens whose focal length is 
approximately the radius of the card, so that 
divisions of the card are projected to infinity 
p 


o 


:FIG. 20. 


and two adjacent marks subtend 1 0 at the 
eye. Light. from the sun or a star is reflected 
at the face EF of a prism capable of rotation 
about an axis perpendicular to the plane of 
thp paper. 
As in the Kelvin azimuth circle, errors arise 
in the case of bearings of objects not on the 
horizon, the amount of the error being pxactly 
the same as before. 
Various other types, similar in principle to 
the above, are also in use at spa. [n an of 
them, in addition to the errors mentioned, 
there are defects in construetion to be reekonf\d 
with which make the total error somewhat 
more complex than the expression K(l - cos a) 
that has been considered. The fun investiga- 
tion of these prrors is too long for it to be 
possible to make a detailed examination of 
them here. 
The azimuth mirror is in constant use at 
sea for the purpose of obtaining the de,"iation 
of the compass .when out of sight of land. A 
"time azimuth" observation is made, and 
the navigator calculates the true bearing that 
the sun or star had at the mOlnent of his bight. 
To do this with absolute accuracy requires 
exact knowledge of his position on the surface 
of thf' globe, and this exact knowledge he 
seldom has; hut, in general, his position is 
known to "ithin a few miles, and the hue 
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bearing can be calculated with a precision of 
a quarter of a degree. If this type of sight 
could always be made on Polaris or some star 
very dose to the pole, whose bearing changed 
only slightly during t\\enty-four hours, very 
large errors could be allowed in his knowledge 
of his position without appreciably affecting 
the result of his calculation. 
The true bearing being calcula ted, the 
observed bearing give"! him tbe total compass 
error. 

 (2-1) 
IEASlJRE)IE
T OF THE DIP OF THE 
SEA H ORIZ05.-All methods for the measure- 
ment of the depression of the dsible horizon 
are based on the assumption that the amDunt 
is the same on all azimuths. Hence, if' the 
angular distance is measured between two 
points on the sea horizon differing by l$ü"' 
in azimuth, this angular distance "ill be in 
defect of 180 0 by twice the dip. 
In Fig. 21 is shown the general optical 
plan of an instrument used specially for the 
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purpose. Two object glasses of equal focal 
lengths are placed at the right- and left-hand 
ends of the in
trument. In the centre are 
two pri
llls C, cemented together, which 
reflect the light coming from the h\o object 
glasses upwards. The t"\\ 0 object glasses have 
a common focal plane on the upper horizontal 
face of these two prisms, so that the cemented 
interface is seen a::. a dividing line of the field 
in sharp focus. A refracting prism P can 
be moved longitudinally between the right- 
hand OG and the central prisms, and its motion 
causps the images of the sea 
horizon to be displaced re- 
latively to one another (see 
Fig. 22). The prism P can 
thus be adjusted so as to 
bring the two spa horizons 
into line, and the distance of 
P in front of the common 

ocal plane is thus a measure of the dip. The 
Instrument has to be made sliO'htlv more 
.. 
 L 
comIHlcated, as "\\ith this arranuement it is not 
possible to measure down to 7;1'0 depressions. 
A mod
fication is made by interposing a fixed 
re
ractmg pri
m between A and C. and by 
thIS means bringing the zero position of P to 
a point between C and B. 
. Another method of measurement of the dip 
IS by meanR of a prism, desÍ!wed bv Lieutenant 
Bli
h of the r.S. Xavy, wh(ch ca
 be attached 
to the se.\.tant, as shown in F
'g. 23. If the 
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two reflecting faces, A and B, are exactly at 
right angle8 to one another the image o{ the 
back horizon. as seen by "ay of the prism. 



> 


FIG. 23. 


over the observer's head, is displacN} lðU{". 
The observer consequently sees two imaues 
of the sea horizon-one e;'ect and the other 
inverted-which he can bring together by 
adjusting the index arm of the sextant. If 
there is no zero error of the 
extant the sextant 
reading under such circumstances is t" ice the 
dip. In actual use thi:::; reading has to be 
corrected for zero error and for error of the 
prism from 9u
. 

 (2.3) )!ETHODS OF DIRECTIONAL 'YIRELESS 
TELEGRAPHy.-During the European 'Yar the 
development of the detection of the direc- 
tion of travel of "ire less waves made very 
great advances. l Directional \\ireless stations 
"ere set up in various parts of the country, 
and by their means the direction in ,\ hich a 
wa ve reached a station could be determined 
\\ith an accuracy of the order of half a degree, 
even when the intensity of the wave was only 
very small. "
hen two stations, say a hundr('d 
miles apart, picked up, directionally, the same 
"ireless signal, a short comparison between 
the two observed bearings enabled the position 
of the sending station to be fh;:ed \\ith an 
accuracv of a mile or t" 0, and a vp
sel at 
sea in dounts as to her position had only to 
send out a "irdf'ss signal for the shore stations 
to pick up and to communicate the position 
bac k to her. 
In the earlier part of the war this method 
was u
ed by German;\- for the purpose of 
navigating her Zeppelins across the Xorth 
Sea during their raids on England and Scot- 
land: but ultimately the method was abandol1l'd, 
as British stations, als0 picking HI> the signals. 
had a more accurate knowledgE' than Germany 
of an airship's position. Britigh \\ (uships in 
the Xorth Sea "ere in a 8imilar situation in 
1 
pe "Wire}(,..,.. Tl'legraphy .-\pparatus," 
 (11), 
Yo!. II. 
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respect of the German directional stations, 
and it soon became highly dangerous for a 
British ship to use wireless except in close 
proximity to our own coast!';. 'Vi thin fifty 
miles or so of our own stat.ions, however, 
directional wireless had a very extensive use 
even in wartime, and ships were const3-ntly 
given their position and guided into harbour 
in thick weather. 
Owing to the danger, from a military stand- 
point, of the ship at sea sending out wireless 
signals, attempts were made to install a 
directional receiving apparatus on board, but 
not wit.h complete success. The passage of 
the wave across the metallic structure of the 
ship produces a local disturbance in directi')n, 
so that the" wireless compass" has to reckon 
with a table of deviations more complex than 
those of the magnetic compass. In addition 
the effects of the electrical installations on 
board, being at very short range, may com- 
plete.}y mask the reception of signals. 
\Vith aircraft greater success was obtained 
in the use of the directional wireless receiver, 
and towards the end of the war the larger 
machines were equipped with navigational 
apparatus that enabled them to fix their 
positions by " cross- bearings" of any stations 
that they were able to recognise. 
Several forms of receiving apparatus were 
tried, In one of the earliest the receiver was 
merely a circular or rectangular coil in a 
vertical plane capable of orientation in azimuth. 
The maximum current is set up in such a coil 
when its plane lies in the direction in which 
the wave is travelling. By turning the coil 
until the noise in the telephone receiver 
connected with the coil has its maximum 
intensity the direction of the signal is deter- 
mined. It is impossible, however, to do this 
with anything like sufficient accuracy. No 
difference in intensity can be noticed for 
quite 20 0 on either side of the maximum 
position. - 
\Vhen the plane of the coil is at right angles 
to the direction of travel of the wave the 
intensity is zero, but it is not possible to pick 
up this direction by trying for silence in the 
telephone receiver, as on account uf the noise 
of the engines nothing at all can be heard over 
a considerable angular range. 
Two coiJs wpre then tried, with planes both 
vertical and at right angles to one another, 
which formed a primary and a secondary 
circuit. Suitahle switches made it possible to 
listen-in on one coil or on both. The primary 
was first directed as nearly as possible so as 
to lie in the plane of travel of the wave by 
listening for maximum intensity. If, in such 
a position, the current in the primary is A, 
and that in the secondary 13, then by a suitahle 
arrangement of switches the current A+ ß or 
A - B can be passed through the telephone 


receiver, and the ear has a much nicer dis- 
criminat.ion of the difference in the two in- 
tensities than in the seaJ:'ch for a maximum. 
It was found possible to pick up in this 
manner the direction with a precision of about 
half a degree under the best conditions. 
In determining the actual direction in which 
the wave is received a magnetic compass b 
also needed. The bearing of the wave relative 
to the fore-and-aft line of the machine is read 
on a circular scale attacb.ed to the movable 
coils. This bearing requires correction for 
wireless deviation, which is approximately of 
the quadrantal type. The compass direl'tion 
of the machine's head requires the ordinary 
corrections for magnetic de\Tiation and varia- 
tion. \Yhen flying directly towards or away 
from a station the magnetic compass is un- 
necessary, as the machine has only to be steered 
so that the main coil is in the fore-and-aft line 
when correctly receiving the bearing. This 
statemeht requires modification if the machine 
is making leeway. In such case, although the 
machine's head is always directed towards t.he 
station, her actual track will be of a spiral 
form, and she will ultimately reach the station 
coming up wind. 
9 (26) POSITION FIXING BY DIRECTIONAL 
'V IRELESS. - 'Yhen making a fix by cross- 
bearings of two visible objects, all that the 
llayigator has to do is to draw through thpm 
on his chart straight lines in the requisite 
direction, and his position i
 their point of 
intersection. Visible distances do not exceed 
twenty miles as a general rule, and for that 
dist.ance t.he effect of the earth's curvature 
is inappreciable. For wireless crOS8- bearing 
distances may go up to a thousand miles. and 
for such ranges the curvature effect is con- 
siderable. 
Different means of taking account of this 
curvature effect have to be adopted according 
as whether the directional receiving apparatus 
is in two fixed shore sta t.ions or in the ship 
or aeroplane. In the former case the simple 
method is to plot the bearings on a gnomonic 
chart upon which great circles are represented 
by straight lines. A special "rose" has to 
be constructed round each station, as in such 
a chart, except at the centre, angles are not 
the same as those measured on the earth's 
surface. As wireless waves travel, in w'neral, 
on great. circles upon the earth"s surface, the 
two straight lines drawn through the two 
stations to correspond with the two received 
bearings intersect in the position of the ship. 
In the case of directional reception by the 
ship t.he problem is more compJicaterl. Let 
B (see Fig. 24) be the position of the sending 
station and C that of the ship. Ordinarily the 
latter will be using charts constructpd pn a 
Mercator projection so that thp gre3.t-circle 
track of the wireless wave will be BGC, a 
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curve which is hollow on the side towards tbe 
equator. 
The straight line BRC is the rhumb-line 
track from B to C. 
It will be seen from the figure that the 
direction at which the wireless wave starts, 
viz. TBX with the meridian, differs from the 
direction at which it arrives 
at C (TÞCS with the meridian), 
which is the direction that C 
recei ves, this difference being 
the sum of the two angles 
TBR and T/CR. 
For ranges not exceeding 
S 500 miles the )Iercator pro- 
jection of a great circle may 
bp considered to be of constant curvature along 
its len!.!th, so that the two angles TßR and 
T/CR are equal and of a value which may be 
shown to be approximately ! diff. long. x sin 
mid-lat. 
The ship's navigator usually knows his 
position within thirty or forty miles, so that 
the difference of longitude between Band C 
is known to less than a degree. Hence it is 
po
:sible to estimate to within a degree the 
value of the ,. conversion angle" T/CB that 
will alter the great. circle bearing that he 
receives to the rhumb-line bearing that he 
can plot. In this manner he is able to fix 
hi
 position upon the ::\Iercator chart. 
Strictly speaking, having constructed the 
rhumb line, the navigator is not entitled to 
assume that his position is somewhere upon 
it. The lOCllS of all points on the earth's 
surface for which B has the same true bearing 
is a curve whose shape is more or lesR that 
shown by BIe. 'Yithin the ranges under 
consideration this isoazimuthal (or isaz) curve 
has the same curvature as the great cirf'le, 
but moves in the oppo
ite sense, so that BGC 
and BIC are reflections of one another in the 
rhum b line. 
The navigator's position line is consequently 
not a piece of the great circle CG, nor of the 
rhumb line CR, but of the is9.Z CI. For all 
practical purposes, and within the limits of 
accuraC'y with which bparings can be taken, 
the rhumb line is good enough. For distances 
over 500 miles and up to 1000 miles the 
curvatures of the great circle and the i
az 
curves can no longer be looked upon a Q constant 
along thpir length, and a second-order correc- 

ion i.;; necessa;y dependent upon the Rquare 
of the rangf'. 
In addition to errors in directional wireless 
bearings due to lack of sensitivity of the 
receiving apparatus, to quadrantal deviation 
due to the 
tructure of the ship or aeroplane, 
crrf)rs arise from a species of refraction effect 
\\ hen the track of the "a.ve runs more or 
Ie..;..... along a coast line. Ko very precise state- 
ment can be made as to the amount of this 
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effect, but as a general rule there appears to 
be a drag on that part of the waye "hich 
passes over the land as compared with that 
part which passes over the water. It \\ ould 
be anticipated, for instance, that a \\irele;o.
 
bearing of Pnldhu in Cornwall, taken from a 
position nf'ar Dover, would corne in from a 
direction more south than it ought to be. At 
the same timf' it is difficult to dogmatise on 
the point, as possibly inter\7ening land, like 
the Isle of 'Vight, might alter the effect 
completely. 
This refractiv.e effect has often been noted, 
and has usually been found to be more marked 
at ground level than up in the air. On 
Salisbury Plain, for example, bearings of 
Stone haven taken from the ground are 
ordinarily about 
o in error. From an 
aeroplane at 2000 feet the error has almost 
disappeared. 
In addition to errors resulting from the 
configuration of the land, serious atmospheric 
effects have to be reckoned \\ith. Their causes 
are extremely obscure, and a great deal of 
observation and investigation is still necessary 
before the navigator can make any allowance 
for them. At times there appear to be definite 
tracks of the a tmosphere, sometimes in the 
form of long lanes extending for considerable 
distance'3, along which wireless waves travel 
with greater ease than in any other direction. 
At times of sunset and sunrise very serious 
deviations occur, errors of 20 0 in direction 
being of common occurrence. 
Such disturbances are far more serious than 
lack of sensiti\ity of the receiving apparatu'3, 
and probably it "ill not be for SOIlle years 
thr"t the causes "ill have been sufficiently 
invpstigated for the method of directional 
wireless bearings to be completely sufficient 
for a ship on a long ocean voyage. Apart 
from this question, and apart from the quad- 
rantal deviation produC'ed by the metallic 
structure and the unscreened electrical gear 
on board, it would seem that the sensitivity 
of the receiving apparatus has already ad- 
vanced to the point that the probable error 
of a single observation is of the order of half 
a degree, and that a ship fixing her position 
by cross-bearings of three stations each 300 
miles distant can do so \\ith a certainty of 
being upon a circle of some four or five miles 
radius. T. Y. B. 
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XEWTOX'S RINGS: tll(' circular illtprfprpllce 
fringes formed between two surfaces of 
different curvature when illuminated. They 
were described by Newton, OptÙ's, 1704, 
and eXplained on the undulatory thpory hy 
Thomas Young, 1802. '''hen formed by 
monochromatic light they can be employed 
to determine the curvatures of the surfaces. 
See" Spherometry," S (7); "Light, Interfer- 
ence of," 
 (8); ""rave-length, 
Ieasurement 
of," 
 (1). 
NICOL PRISM. See -, Polarised Light and its 
Applications," 
 (10). 
NODAL POINTS AND PLANES OF A LENS. See 
" Objectives, Testing of Compound," 
 (1); 
also" Lenses, Theory of Simple," 
 (7). 
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OBJECTIVE, KI
E)iATOGRAPH, construction of, 
and aberrations req uirillg reduction. See 
" Kinematograph," 
 (9). 
Microscope. See" :l\Iicroscope, Optics of," 
S (1). 
Telescope. See" Telescope and Telescope 
Lenses," 
 (5). 


OBJECTIVES, THE TESTING OF 
COl\IPOU
D 


THE compound optical systems known as 
" objectives" may be divided into three main 
classes, namely, telpscopf" objectives, photo- 
graphic objectives (or camera lenses), and 
microscope 0 bjectives. The methods of 
testing their optical constants and general 
optical performance vary considerably in 
these three classes, but such variations are 
to a large extent due to differenC'es in the 
dimf"nsions (apcrturp, focal length, etc.) of 
the ohjectives. Although the present article 
is mainly concerned with the first class, I 


namely, telpscope objectives, a number of the 
methods of test to be described will be found 
a pplica ble to. one or Loth of the other two 
classes. 1 
The optical performance of any given 
compound system may be computed by 
means of theoretical methods if all the optical 
data of the system are known to a high degree 
of accuracy.2 
It is not, however, usually convenient to 
separate an objective into its components and 
measure their constants. In the case of an 
objective in which one or more of the surfaces 
are locally figured it would be practically 
impossible to determine its general performance 
by dissecting it, hecause it would be difficult, 
for example, to measure the variations in 
1 For more detailed treatments of thpse cla
ses 
SC'C' articles on .. Camera 1.(,1Ises, The Testing of," and 
.. 1\1 kros('ope, Tlwory of t hC'." 
2 For methods of mC'mmring the optkal constants 
of the compon(,lIt
 of a, COlllllOUlHI systf'IH. such as 
curvatures and rf'fractÍve indices, 
('e articlf's on 
.. Spherometry," "HpN'troscopes and" Refracto- 
meters," and" Immersion Refractometry. 
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curvature of its surfaces, and e, en if tt.ese 
could be obtained, the theoretical computation 
would be very complicated. As a general rule, 
therefore, it is necessary to employ methods 
whereby an objective may be tested as a unit. 
The chief optical data to be determined in 
the case of telescope 0 bjecth es are (1) focal 
length, (2) aberrations, and (3) general 
definition. 

 (1) FOCAL LE
GTH )IEAS"CREl\IE
T THEORY. 
-A great number of different methods of 
measuring the focal lengths of compound 
lenses have been devised; some of these can 
only be used in particular cases, while others 
are" of more general application. All the 
methods are based on the properties of the 
focal planes, unit planes, nodal points, and 
conjugate points of an optical system. The 
fundamental definitions and relations, 1 proofs 
of which nut"\" be found in any text-book on 
Ueometrical "Optics, may be "summarised as 
follows. A brief account of them is given in 
the artich-. on " Lens<:s. Theory of Simple." 
(a) A lens is a portion of a refracting 
medium bounded usually by parts of two 
spherical ::5urfaces. The axis of the lens is the 
line joining the centre of these surfaces. 
(b) Prin('ipal Foci.-There are two points 
on the axi
 of a lens known as principal foci. 
the one in the image and the other in the 
object space, which possess the properties 
that 
(i.) Rays of light in<:ident on the lens 
parallel to its aÀis pass after refraction 
throue;h a principal focus; 
(ii.) Rays of light diveqring from a principal 
focus in the case of a convex lens, or converg- 
i'-lg to it in the case of a concave lens, are 
rdract<:d 
o as to hecome parallel to the axis. 
(c) Conjugate Points and Planes.-Conjugate 
points are two points on the axis such that 
the image of a small object at the one is 
fornl<:d at the other. 
('onju
ate planes are plane
 at right angles 
to the aÀis through the conjugate points. 
(d) ['nit Points and Planes. - The unit 
points are two conjugate points for which the 
magn
fication produced by the lens is unity. 
The unit planes are planes at right angks 
to the axis through the unit points. 
Thus the image of any point in one unit 
r1ane li<:s in the second unit plane. and the 
line joining the point and its image is parallel 
to tllf' axis. 
Cnit planes &re thus planes of unit mag- 
nification. 
(e) X()rlrzl Points and Planes.-The nodal 
pointH are two points on the axis such that a 
ray through the onf' nodal point, after refrac- 
tion through the lens, passes through the 
s{'coml nodal point. and is parallel in direction 
to the incident ray. 
I 
ec a.lso h Optical Calculations:' 
VOL. IV 


The nodal p]anes are planes at right angles 
to the axis through the nodal points. 
(f) Principal Points.-If the media on the 
two sides of the lens, in the object and image 
space respectively, he the same, the Unit and 
'Koda] Points coincide, and are kno" n as the 
Principal Points. (They" ere introduced by 
Gauss, who was the first to place on a finn 
foundation the consideration of lenses and 
consequently of lens systems.) 
The Cnit and Xodal Planes similarly become 
Principal Planes. 
(g) The first and second focal lengths, 
usually denoted by f and 1', are the distances 
between the focal planes and the unit planes 
in the object and image spaces respectively. 
If the first and final media are the same, f= 1'. 
The cases in which the first and final media are 
air, are most commonly met with, a notable 
exception being that of microscope immersion 
objectives. 
(h) If the sizes of an object (normal to the 
optical axis) and its image are y, y', and the 
angles which the 0 bject and image su btend at the 
corresponding foci are 0, 0' respectively, then 
/ = t :
 0 and f' = ta 
 0' " (1) 
(i) If the distances of an object and its 
image from the corresponding foci are x, x' 
respectively, and the magnification y',y be 
denoted by m, then 
x= ! f and x' = -mj', (2) 
rn 
where the sign notation is the same as is used 
in the usual system of co-ordina tes. 2 }'rom (2) 
it follows that 


xx' = - ff', 
or, in systems where the first and final media 
are the same, 


xx' = _/2. 


(3) 


In applying these relations to the practical 
determination of focal length it is of the 
utmost importance to be able to find the 
positions 3 of image planes as accurately as 
possible. For very rough measurements it is 

ften sufficient to form the image on a piece 
of ground glass and to estimate its correct 
position by means of the naked eye. For most 
purposes, however, it is essential to adopt 
more refined methods. It is usua.l to employ 
a microscope of conn'nient power for focu
sing 
on an image; the power which one chooses 
depends, of course, on the nature of the ohject 
used, the kind of optical system under test. 
.and the accuracy with which the po:-ition of 
the image plane requires to be determined. 
In the case of certain optical systems there 
\I In the general cal'e the two focal length-- are 
a
suml'(l to he of the :-;anw sign. 
3 For detai1
 a
 to the methods of making 
Cìme of 
these measureml'uts, sec " Leuses. Tl'4ing ot 
imlllt>." 
T 
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is a considerable depth of focus and it is 
sometimes very difficult to focus accurately 
on the image. In order to eliminate errors 
due to the range of accommodation of the eye 
it is advisable, when using a microscope, to 
employ a Ramsùen eye-piece and to place 
cross-wires or a graduated scale at its focal 
plane. In the case of a low-power eye-piece, 
or in making naked - eye observations, the 
position of focus may be determined by moving 
a system of cross-wires until no relativ.e dis- 
placement between the image and the cross- 
wires can be detected on moving one's eye 
from sidp to side across the field. The position 
of focus may also be found by covering the 
a perture of the system under test in such a 
way that light can only pass through two 
portions 1 at opposite ends of a diameter. 
Then two im
ges will be observed unless the 
microscope is correctly focussed on the image. 
plane. In this case it is assumed that the 
system is free from spherical aberration. A 
somewhat similar method, due to Hartmann, 2 
is to allow two narrow excentric pencils of 
light to p
:tss through the system and to 
measure the distances d 1 , d 2 between the 
centres of the diffusion circles in two planes 
at some distance on either side of the image 
plane. If the distances D 1 , D 2 of these planes 
from some arbitrary point are also measured, 
the distance D of the image plane from that 
point is given by the relation 
d t D - Dl D - Dl d 1 
-=--or - 
= - 
d 2 D 2 - D D 2 - D 1 d 1 + d 2 ' 
tha tis, 


D dl 
= Dl + d d (D2 - D 1 ). . 
1+ 2 


Another accurate method of determining the 
position of the image plane of a system was 
devised by Foucault; 3 in this case an 
observing microscope is not used. A small 
illuminated pin-hole is employed as the object 
and the eye is placed in approximately the 
position of the image. When 
a suitable screen, for example 
e. diaphragm with a sharp 
knife-edge, is moved in front 
of the eye in a direction 
normal to the optical axis, 
the aperture of the system 
will darken suc1(lenly and uniformly only if 
the screen is in the plane of the image. 
In making focal lcngth measurements it is 
necessary to choose convenient objects; in 
the case where magnification methods are 
used the finely divided scales, engraved on 


M 


a 


1 The sizes of these portions should be chosen 
snfliciently hrgC' to prC'n'nt the definition being 
spoileù by diffrartion effC'rts. 
2 .f. Hartmann, Zeit,ç. lnstrumentenk" 1900, xx. 51. 
3 L. Fourault, Ann. I'Qb.ç('Tmtoirp rip (>rtri,ç, 1 R!)9, v. 
1!)7 ; Recueü des tramux s('ientij. Paris, 1878, p. 232. 


(4) 


gl1ss discs, which are sold by microscope 
makers are found to be extremely useful. In 
order to determine the magnification of the 
observing micfJscope it is essenh.tl to use one 
of these scales in the focal plane of the eye- 
piece. For methods which depend on focussing, 
the most convenient objects are pl
\,tes of 
sil vered or pIa tinised glass having fine scratches 
or rulings on the metallic deposit. 4 

 (2) FOCAL LENGTH l\IEASURE
IENT EXPERI- 
MENTS. 
 The chief methods of focal length 
determination may now be considered in de- 
tail. In all cases it will be assumed that the 
first and final media are air, so that the first 
and second focal lengths are equal. 
(i.) jJfethods depending on the Use of Parallel 
Light.-(a) The position of the second focal 
plane of an optical system may be found by 
using an object which is so far away that the 
rays which come from it may be considered 
parallel. The sun or a star may be taken as 
infinitely distant, but it is noi always con- 
venient to use such an object. For most 
purposes it is sufficiently accurate to make 
use of a terrestrial object, such as a distant 
church steeple; if the system under test has 
a long focal length it may be necessary to 
make a correction for the finite distance of 
the object. 5 
It is more usual, however, to make use of a 
collimator in order to obtain parallel light, a 
suitable object being placed accurately at the 
focus of the collimator. The image plane of 
the system is then determineù by focussing 
the observing microscope on the image of thi3 
object. This process may be reversed by 
moving an object, placerl in the neighbourhood 
of the focal plane of the system, until its image 
coincides with the focal plane of an obsen'ing 
telescope which has been previously focussed 
for infinity. Another alternative is to make 
use of an auto-collimating method; a simple 
way in "\vhich this may be applied is illus- 
trated diagrammatically in Fig. 1. One half 
of a scale S (preferably ruled on silvered or 


s 
D.J p 
*L 


H- 


FIG. 1. 


platiniGed glass) is illuminated from the side 
by a lamp L with the aid of a small right- 
angle prism P. If the sf'ale is in the focal 
plane of the objective 0, the image of the 
, ('f. t.he Abbp trst platr, for a ùescription of which 
see .Jlwroscop!J, by K J. 
pitta. 
5 If .f is t.he foral length awl v is the clist.anre 
hetween the seconll nOllal point anll t.he image plane, 
the ohject being at a ùistanre u from the system, then 
t:-f=f
 
U 
p:-o"\-ided that the difference l'- f is small. 
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illuminated portion, formed by light whieh 
is reflected back from an optically plane 
surface A placed normal to the axis. will 
coincide with the image of the other portion 
of the scale as seen in the obserYing micro- 
scope )1. 
Th
se methods only sen.e to determine the 
position of the second focal plane and the 
back focal length (the distance between the 
last surface and the focal plane) of the system. 
In order to obtain the focal length one may 
employ two methods. The first is a direct 
one; the objective is IUOlmted in Buch a way 
that it can be rotated about a fixed axis 
normal to the optical axis. The whole By
tem 
is then moved along the optical axis until 
there is no lateral displacem
nt of the image 
of a distant object when the objective is 
rotated about the normal axis. "'hen this 
is the case, the normal axis passes through a 
point, called the nul point, which divides the 
distance bet"\\een the nodal points into parts 
whose ratio is equal to the lateral magnifica- 
tIon. If the incident light is parallel, the nul 
point coincides with the second nodal point; 
the focal length is then given by the distance 
between the normal axis and the focal plane. 
The principle of this method is made use of in 
the testing of camera lenses on the Bec k 
bench. 1 
The second method is an indirect one and 
d
pends on the fact that the ratio of the back 
focal length to the focal length is equal to the 
ratio of the size of a mark placed on the last 
surface to the size of its image. This relation 
follows from equation (2) above, for if fb is 
the back focal length, the equation 
X - " d t fh - -y' 
- -mJ r
 uces 0 I -m-y' 
where y' is the siz(' of the mark and y the size 
of its image. It is sufficient, therefore, to 
measure the dimensions of the mark as seen 
direct and through the system. ThE' focal 
length can then be found if the back focal 
length is known. 
A simple method of measuring the focal 
length of a photographic lens which can be 
divided into two parts, each capable of pro- 
ducing a real image of a 
distant object, is as follows. 2 
Let f, l' be the focallengthR 
of the two components and 
F that of the complete lens. 
An image of a distant object 
is focu
sed on the grounrl- 
glass 
ereen of the camera for four different 
cases: (1) the complete lens placed normally 
in the camera, (2) the front componenolt 
remoyed, (3) the compl
tE' lens reversed in 
canwra, and (4) thC' component now at th(' 
1 S
p art.id
 on .. Camf'ra I ensp
. The Testing of." 
T. Snuth, PhY8. Soc. Proc., 1915. xxyii. 1 i1. 


r 
p 


front remoyed. If d is tre distance between 
the positions of the scre
n for (1) and (2) and 
d' the distance between the positions for (3) and 
(4), then 


_IF _f'F 
d- r andd- 7 . 
,- f d 
Hence F= ,dd. also r= \ (J,' 
These relations follow from the fact that the 
positions in which the images are formed by 
the separate components are conjugate foci 
for the complete lens, namely, that pair of 
conjugate foci for which the beam of light 
between the two components is parallel. 
(b) A method of finding the focal length of 
a system follows at once from equation (1) 
a bove, for according to this equation the 
focal length is equal to the size of the image 
(in the second focal plane) of an object at 
infinity didded by the tangent of the angle 
subtended by the object at the first focal 
point. The focal length may thus be obtained 
by measuring the size of the image and the 
apparent angular size of the object. The 
reverse process may also be employed; in 
this case the apparent angular size of trLe image 
of an object of known length, placed in the 
focal plane, is measured. This method is 
a pplica ble to telescope, camera, arid micro- 
scope objectives. In the case of short focus 
objectÌ'\es an object of known length y at a 
finite distance D maybe used; the focal 
length f is then given by 
y' y' 
J=- / D=- D. 
y Y 
where y' is the length of the image. This 
method can con'\enientlv be carried out on an 
ordinary microscope sup.plied with a graduated 
scale in. the focal plane of the eye-piece. 
(ü.) J1 fthods depending on the Properties of 
Conjugate Points.-'Yhen the positions of the 
first and second foci of an 0 bjecti'\e are not 
known, the focal length may be determined 
by finding the positions of a number of pairs 
of axial conjugate points. 
(a) If the distances of conjugate points P, 
pi (Fig. 2) from some fh:ed point Q, such as a 


t Q 
 I I 
F F' p' 
FIG. 2. 


I mark on the mOlmt of the objective 0, are 
I denoted by 
, t, and the distances of Q from 
the foci are denoted by 1], 1]' respecti'\ely, it 
folIo" s from equation (3) abo, e that 
xx' =(
 -1])(t' -1]') = -1 2 . 
Xow this equation contains three unkno"\\n
. 
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7]. 7]' and f. Thus the focal length, and the 
positions of the foci, may be found by 
measuring the distances h, 
t'; 
2' 
2'; 
3' 
3' 
of three pairs of conjugate points from a fixed 
point. 
(b) If N, N' are the nodal points of the 
objective, 


7]' -7]=2f+d, 
where d= X
'. Thus in cases where d is 
known or may be neglected it is sufficient to 
determine the distances 
l' 
l'; 
2' 
2' of two 
pairs of conjugate points. This method is 
most easily carried out by keeping the positions 
of the 0 bject and image planes fixed and 
moving 0 along the axis into the two positions 
for which the image falls in the latter plane. 
The distances of object and image from Q are 
then measured for the two positions, Q being 
kept fixed relatively to O. 
(c) The distance D between conjugate points 
is given by 


D= -x+x'+2f+d. 
Now it follows from the e:]\lation xx' = - f2 
that -x+x' is stationary when -x=x'= -tf. 
The negative sign gives the two nodal points, 
while t"he positive sign gives two points on the 
opposite sides of the foci from the nodal points 
and at distances from the foci equal to f. In 
this case 


D=4f+d. 


Thus if d is known or may be neglected, the 
focal length may be found by moving the 
objective until the distance between object 
and image is a minimum. 
It may be noted that in method (ü.) (a) the 
focal length may be found by measuring 

 r 
for one pair of conjugate points if the positions 
of the foci F, F' are known, that is, if 7], 7]' 
are known. A knowledge of f then enables 
one to det.ermine the distance d between the 
nodal points by means of methods (ii.) (b) 
or (c). 
The methods in group (ü.) can be carripd 
out most C'onveniently on an optical bench. 
They are specially applicable to objectives 
of medium foeal length. The chief objection 
to employing them in the case of long focus 
objectives is the great length of space required, 
the minimum distance between conjugate 
points being, as we have seen, approximately 
four times the foca I length. 
(iii.) .111 agnifiration },J ethods.- There are a 
number of methods of determining focal 
length which depend on the measurement of 
the lateral magnification. The most important 
of these are as follows. 
(a) The magnification is measured for two 
positions of the object, the system under teRt 
being kept fixed. Then, if Xl' X 2 are the dis- 
tanc>es of the object from the first principal 
focal plane and ?n l , m 2 are the magnifications 


for the two positions, it follows from equation 
(2) above that 
1 1 
Xl =- f, X 2 = f. 
1n 1 1n 2 


Thus 


f Xl - X 2 
= I Im l-=-l 1 m 2 . 


It is only necessary, therefore, to nwasurc the 
distance Xl - x 2 through which the object has 
bf>cn moved, in addition to the magnifications. 
The focal length may also be found by l.eC'ping 
the system fixed, moving the image plane a 
distance Xl' - x 2 ', and measuring the corre- 
sponding magnifications. In this case 
Xl' = - mlf. x 2 ' = - m'2f. 


Thus 


f=
/

2
. 
m 2 - m I 


A simple direct reading method based on this 
relation can be employed in finding the focal length 
of a camera lens. The image of a very distant object 
is focussed on the ground-glass scref'U of the camcra 
and the screen is then racked hack through a distance 
d until the image of a scale, mounted near the Ims 
in a plane at right anglcs to the optical axis, is 
focussed on it. The length of the portion of the 
scale, whose image lies between two marks separated 
by a distance d on the screen, is then the focal length 
of the lens. 


(b) The distance 
l of the object from a 
fixed point Q (Fig. 2) on the objective is 
measured and the objective is then ren'rsed 
and moved along the optical axis until the 
same magnification is obtained, the object 
and inìage l)lanes being thus interchanged. 
The distance of the original object from Q is 
now measured. Since t.he positions of F and 
F' are interchanged owing to the reversal of 
the system, it follows that 



l= -D+x'+7]', 
2=X-7]'. 


Therefore 

1+
2= -D+z+x'= - D+ 1 f-mf 
m 
f = - D + (
l + 
2) . 
?n - 11m 


or 


If, in the seeond position of t hf> r,ystem, 
the distance 
2' of the original image plane 
from Q is measured, then 


f= - 
 l + 
2' 
?n - 11m 


(c) The magnifications m l and m 2 are 
mpasurpd for two values DI and D 2 of the 
distance between the object and image planes. 
If, for example, the distancc is increased by 
an amount d, wc have 


D 2 -D I =d=( -X 2 +X 2 ')-( -XI+X I '), 
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since D = - x + x' + FF' and FF' remains con- 
stant. Thus 


d=( -2 2 f- 1n 2/) - (- 
l /-ml/) 


= f r ( 1n - m,, ) + ( 
 - 
 ) '- 
l 1 
 m l m 2 J 


dm l 1n 2 
or /= (ln l -m.z)(m l 1n 2 -1)' 
(d) The system is kept fixed and the 
positions of the image are determined for 
which the magnifications are - 1, - 2, - 3, 
etc. The corresponding distances of the 
ima2es from the second focal plane are then 
giYe
 by 
x/ =1, X 2 =2/, xa' =3/, etc 
Thus the image has to be moved through a 
dist.anc0 equal to the focal length in passing 
from one magnification to the next. Similarly 
the distances of t.he object from the first focal 
plane, corresponding to the magnifications 
-I, - i, -1, etc., in the image plane, are 
given by Xl = -f, x 2 = - 2f, Xa= - 3f, etc. 
In t.his case, therefore, the object is mOH'd 
through a di5tance equal to the focal length 
in pas"ing from one magnification to the next. 
It is most convenient to make use of an 
opt.ical bench in connection ,,,ith the methods 
of group (iii.). The methods, like those of 
group (ii.), are especially applicable to the 
case of objectives of medium focal length. 
(iv.) Jletlwds applicable to tile Jleasllrement 
of Short Focal Lengths.- There are two siml)le 
microscope methods which can be used in the 
case of microscope objecti,es and eye-pieces; 
they really come under the pre,ious groups, 
but may for convenience be dealt "\\ ith 
separately. 
(a) A short focus collimator, ha\ing a suit- 
able scale in its focal plane, is fitted under the 
st.age of a microscope, and the objective or 
eye- piece under test is placed on the stage 
with its axis collinear "ith the coJIimator 
and microscope axes. The microscope, fitted 
with a micrometer eye-piece, is then focussed 
on the image of the collimator scale. If 
11' f2' fa are the focal lengths of the collimator 
objective, the system under test, and the 
microscopp objective respectively, the magnifi- 
cation observed in the lower focal plane of 
the micrometer eye-piece is gh.en by 


/2 
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where j is the distance between the upper 
focal plane of the microscoJ)e objecti\e and 
the micrometer scale. The method maybe 
mad!' a direet reading one by choosing the 
values of fl' 13' and j, 
o that .1 = fd3' 
The magnification oLs('rn'd io:; tlwn numerically 


equal to the focal lengt.h of the systcm under 
test. 
(b) The objecth-e or eye-piece to be te
ted 
i;-; fitted to the end of a microscope tube and 
a suitable scale is placed on the microscope 
stage. The magnifications of the scale are 
then measured ior two different tube-Iengt.hs 
by means of a micrometer sca)e in the eye- 
piece. The focal length of the sy
tem is 
then given by the difference of the tube-lengths 
di\ided b,
 the difference of the magnifications. 
This follo
s at once from the relation 


1 = Xl' - x;/. 
111 2 - m l 
The Abbe focometer I is an instrument 
which is specially designed for carrying out 
such tests. 

 (3) :\IEASLRE)IE::\T OF ABERRATlO"Xs.-In 
desiuning compound objectives it is not pos- 
:sibl;' to '-'obtain systems \\ hich are perfectly 
corrected; there are always certain amounts 
of residual aberrations present. In a \\"('11- 
corrected system these are usually very 
small, so that it is necessary to employ velY 
sensiti,-e methods for measuring them. The 
chief quantities which require to be determined 
are spherical and chromatic aberrations, coma, 
distortion, and curvature of field. In the case 
of telescope objectÏ\ es it is mainly the first 
two which are of primary importance; the 
measurement of the other quantities is dealt 
with in the article on "Camera Lenses, The 
Testing of." . 
Practically all the methods of measunng 
the aberrati
ns of an objective depend on the 
use of an accurately parallel beam of light. 
If a collimator is employed for this purpOSf" 
it is necessary tl'at the collimator objective 
itself should 'be as free from aberrations as 
possible, other"\\ise the results will be vitiated. 
It is usual, therefore, to employ a well- 
corrected collimator objective of larger aper- 
ture than that of the objecti,-e under test. 
This howe,er is not alwaY
 pos
ible, e
peci- 
ally 
hen it is' nece
sary to' test largp aJ}erture 
lenses; in such cases one or ot.her of the 
following methods may be used. 
(a) 'Yhen one is dealing '" ith an astronomical 
telescope objecti,e, it may be fitted on a telescope 
mount and the measurements made with a star as 
the object. This gets rid of the necessity of using 
a collimator, but the method can only be used" here 
special equipment is a,ailable. 
(b) If the objective has not a very long focal 
length, an illuminated pin-hole mounted at a con- 
siderable distance may he used as the objPct. In 
this case, hm\e,er. o
ly apprm..imate \alues of the 
aberrations can he obtained o\\ing to the fact that 
one is not dealing \\ ith strictly parallel light. the 
process of introducing corrections for the finite 
distance of the object heing rather lahorious. 
1 
. ('zap
ld. 7('if'l. T".'1fmmellfl'llk., J80:?, X}i. J
;); 
bec aho C. y. Hufe, Zf its Tfcl'll. Pliy.'I., It)
l), 1. 191. 
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(c) \YhC'rp an object.ive of similar construction 
to that of the one under test is available, it may be 
used as a collimator objective. Then, if the aberra- 
tions of each objective are of the same sign and 
of about the same dimensions, the values of the 
measured aberrations will be approximately double 
those of each objective taken separately. 
(d) If two additional objectives of similar dimen- 
sions are available, the three objectives may be 
tested in pairs, each one in turn serving as the 
collimator objective. The aberrations of each may 
then be deduced from the measured aberrations of 
the combinations, even if t.he t:ormer differ con- 
siderably in the three cases. 
(e) In the case of large objectives, when a suitable 
collimator objective is not available, a convenient 
method is one which is now being used at the 
Reichsanstalt. 1 
The principle of the method is illustrated in Fig. 3, 
which represents a horizontal section of the arrange- 
ment. A well - corrected 
collimator objective C of 
relatively small aperture, 
having an illuminated pin- 
hole S at its focus, is set 
up with its axis in the 
plane of, and at right 
angles to. the axis of the 
objective 0 which is to be 
tested. A good G.uality pen- 
tagonal prism P is mounted 
on a slide in front of the 
collimator objective so that 
it can be moved along the 
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FIG. 3. 


collimator axis across a diameter of the objective 
o into positions such as P', PH. Since the direction 
of the rays which emerge from P is not altered by a 
slight rotation of the prism about a vertical axis, 
the rays will be parallel to the objective axis in all 
positions. Any tilt of the prism about a horizontal 
axis may be prevented by using a level on the top 
of the prism and adjusting the prism, if necessary, 
in its different positions. The method allows one to 
determine the position of focus for different portions 
of the aperture. If it is necessary to measure the 
aberrations along different diameters, the objective 
may be mounted so that it can be rotated about its 
axis. 
(j) An auto-collimating method (cf. Fig. 1) may 
be employed, if a sufficiently large optically plane 
surface is available. This has the advantage of 
double sensitivity, but for very accurate work the 
mirror surface used must be plane to a high degree 
of accuracy. 
There are three main methods of measuring 
the aberrations of an objective. In considering 
these it will be assumed, as already indicated, 
that a well-corrected collimator objective of 
larger aperture than that of the objective 
under test is employed, though any of the 
above-mentioned devices may be used instead. 
1 Zeits. lnstrumentenk., 1920, xl. 9G. 
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(i.) Jlicroscopc Jlethod.-The ohjcetive, the 
collimator, and a suitaLle obspr\'ing microscope 

re set up in such a way that their optical 
axes are collinear, the microscope being 
placed behind the focal plane of the objective 
and mounted on a slide so that it can be 
moved along the axis of the system. A 
minute pin-hole 2 is fixed at thf" focus of the 
collimator objective and is illuminated by a 
strong source of light. The image of the 
pin-hole which is formed in the focal plane 
of the objective C'onsists of a bright circular 
disc surrounded by a series of concentric 
diffraction rings. The relative number of 
rings and the colour visible in planes at 
small equal ÙÏstances inside and outside the 
focus give a qualitative estimate of the spherical 
and chromatic corrections of the objective. 3 
In order, however, to determine these abprra- 
tions quantitatively, it is necessary to find 
the positions of best focus of the central disc 
when different zones of the objective and 
different wave-lengths of light are used. For 
spherical aberration determinations the aper- 
ture of the objective should be divided into 
about 4 or 5 concentric zones of equal area, 
and a series of opaque stops made of such 
sizes and shapes t.hat each one only allows 
light to pass through one of these zones. 
If the slide, on which the microscope is 
mounted, is provided with a scale and vernier, 
or, preferably, an accurate micrometer motion, 
the axial differences of focus for the different 
zones can be measured. 
In order to measure the chromatic aberra- 
tion a similar procedure is adopted, colour 
filters being placed, one at a time, between 
the pin-hole and the source of light. or between 
the eye - piece of the microscope and the 
observer's eye. The positions of the micro- 
scope, for which the image of the pin-hole is 
focussed for each of the filters, then enable 
one to determine the positions of the foci for 
different colours and hence the chromatic 
porrection of the objective. It is advisable 
to choose colour filters which are approxi- 
mately monochromatic and to determine the 
predominant wave-length transmitted byeach. 
A series of Kodak colour filters, giving about 
5 wave-lengths fairly evenly spaced along the 
spectrum between red and violet, is found 
very suitable. For very accurate work, how- 
ever, colour filters may be diRpensed wit.h and 
a monochromatic illuminator placed between 
the source of light and the collimator pin-hole. 
In this way monochromatic light of any given 
wave-length may be employed. 
The chromatic differences of 
pherical 


2 A brightly Hluminatec1 small bicycle ball form
 a 
v<>ry good sl1hstit.l1tf' for an illuminated pin-hole. In 
some casC's it. is pr<>ferable to employ fine cross lilies 
or a sl1itahle scalf'. 
3 S{'{' The A djw:trnent rlnd Te.
tilln of 7'd('.Ç('opic 
Objectires, by !\Iessrs. T. Cooke & Sons, Ltù., of York, 
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aùerratIon may be determined by })lacing 
concentric stops in front of the objective 
dihl measuring the positions of focus for the 
different zones and the different wave-Iengt.hs. 
(ii.) Shadow JIetlwd.-This method, to which 
reference has already been made in dealing 
with the methods of finding position of focus, 
was introduced bv Foucault 1 in connection 
with the figuring of optical surfaces. In 
order to apply it to the measurement of 
aberrations a narrow illuminated slit is placed 
in the focal plane of the collimator objective 
and a diaphragm with a straight edge is 
mounted behind the objective under test. 
The diaphragm is adjusted until its edge is 
parallel to the slit, the plane of the diaphragm 
being normal to the axis. If the aperture is 
covered exce})t for one particular zone, and 
the obsenyer's eye is placed near the focus of 
the objecti\Te, this zone will be seen illuminated. 
If, now, the diaphragm is moved across the 
optical axis in front of the observer's eye, the 
zone becomes darkened gradually, unless the 
diaphragm is in the focal plane corresponding 
J IiO the zone, in which case it becomes darkened 
suddenly and uniformly. Thus by a method 
of trial the positions of fo('us for different 
zones and different wave-lengths may be 
found. From these the spherical and chromati(' 
aberrationd of the objective may be deduced. 
The writer has employed a more symmetrical 
way of applying the shadüw method to the 
testing of objectives. .A small illuminated 
pin-hole is fixed at the focus of the collimator 
objecti\-e and, instead of the diaphragm with 
the straight edge, a small opaque circular 
disc on a glass plate is used. It is convenient 
to employ a small point image on a photo- 
graphic plate, its size being approximately 
that of the diffraction image of the illuminated 
pin-hole. By means of this arrangement it is 
possi ble to find the three co-ordinates of the 
focus for any zone or to combine the shadow 
method with t he following method (Hart- 
mann's) by measuring the co-ordinates of the 
points where the pencil of rays from any given 
region of the objective aperture cuts two 
planes, one inside and the other outside the 
focus; in this latter case the plate with the 
opaque point must be mounted on a mechanism 
capa ble of recording measurements in three 
mutually perpendicular directions. 
)Iethods (i.) and (ii.) are, of course, only 
a-pplicable to the case of visual measurements. 
\Vhere it is necessary to determine the aberra- 
tions of an objective designed for photographic 
work, the chromatic corrections being made 
for wave-lengths in the actinic region of the 
spect.rum, the following method is practically 
the only one that can be employed; it can bp 
used in the ca
e of any large aperture object.ive. 


1 L. Foucault. Ann. de Z'Obsen'atoire de p"..i.<l. IP59, 
v.197: Rerueililrstraraux sclmtif. Paris,18ï8,p. 23
. 


(iii.) llart11lann'.ç Jl ctllOd.-In this method 2 
the positions of the foci for diffcrent zoncs of 
the objective are determined indircctly. An 
illuminated pin-hole is nwunted axially in the 
focal plane of the collimator objectÍ\Te, and an 
. opaque diaphragm, containing a number of 
circular holes arranged in concentric rings, 
is placed symmetrically in front of the 
objective. A photographic plate is mounted 
at right angles to the optical axis in a plane 
at some distance outside the focus and an 
exposure made. The plat.e holder is then 
moved to a position inside the focus and 
anot.her plate exposed. Thus records are 
obt.ained of the diffusion circles in which 
the narrow pencils of light, passing through 
the holes in the diaphragm, meet the two 
planes in which the plat.es were placed. Th
 
co-ordinates of the centres of these diffusion 
circles can then be obtained by measuring the 
plates, 3 and if the distances of the two planes 
from some fixed arbitrary point have been 
carefully measured, the positions of the foci, 
relative to that point, for different zones may 
be deduced from the relation (4) given above. 
Chromatic aberrations may be obtained by 
making a series of measurements with light 
of different wave-lengths. 
If earefully carried out, this metho(1 is a 
very accurat.e one, but it suffers from the 
disadvantage that a considerable amount of 
time is required in order to complete a ßeries 
of measurements. 
In addition to the above methods the 
aberrations of an objective may be measured 
by means of interferometry.4 

 (4) DETERMI
ATIO:X OF GEXERAL DEFI
I- 
TIOX. - The general definition gi\-en by an 
objective depends on the degree to which the 
system is corrected for the various aberrations. 
It is difficult, however, to deduce from measure- 
ments of the residual aberrations how good 
the definition will be, for, generally speaking, 
there are no dat.a a'Tailable which give the 
maximum amounts of the different aberrations 
that may be present wit.hout spoiling the 
definition. A good idea of the definition 
may, howe,Ter, be obtained by placing a 
suitable test object (a fine graduated scale 
or a microscopic test object may conveniently 
be cmployed) åt the focus of the collimator 
objective and examining its image in the 
focal plane of the objectÌ\ye under test by 
means of a microscope. As definition is 
partly a subjectÍ\Te quality, it. is alwa
's 
a(h-isable t.o compare the definition of any 


2 J. Hartmann, 7eit.
. Instrumentenk., 190{l, x
. 
51. 
I InRtead of making photographic recorrls the 
co-orrlinatrs may be determined b
' means of direct 
....isual obsHyation<;. 
"
ee article on .. Interff'ronlf'ters : Technical 
Applications" ; also E. Waetzmann, Ann. d. l'II.lJsik., 
1!H2, xxXÍ"x. 1042; F. Twyman, Brit. JOtlTll. (If 1'1101., 
1918.lxv. 556, 567. 
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given objpctivc wit.h that of a similar oLjl'ctiH> 
whose gencral optical performance iR known. 
The detinition of a telescope objective may 
also be tested by an examination of the 
extrafocal diffraction images of a distant 
point source.! The resolving power may be 
determined by observations on double stars. 
J. S. A. 


OBJECTS, l\IOUNTING OF, for microscopy with 
ultra- violet light. See "Microscopy with 
Ultra- violet Light," 
 (4). 
OBOE: a wind - instrument, played with a 
small dou ble-cone reed and having a conical 
tube. See" Sound," S (35). 
"O
DE DE CHOC." See" Sound Ranging," 
S (4). 
OPAL GLASSES, :MANUFACTURE OF. See 
" Glass," 
 (35). 
OPHTHAL:\I1C DYNAMOMETER, LANDOLT'S: an 
ophthaLnic instrument for determining the - 
maximum of convergence of a subject's 
eyes. See "Ophthalmic Optical Appa- 
ratus," 
 (3). 


OPHTHAL:\IIC OPTICAL APPARATUS 

 (1 ).-Until the introduction of cylindrical 
lenses for spectacle use, ophthalmic optical 
apparatus was of the crudest, and consisted 
mainly of sets of pairs of spherical lenses 
fitted into horn frames known as "triers." 
\Vith cylindrical lenses and the necessity for 
rotation of the lenses, came the full trial- 
case, the ophthalmoscope, ophthalmometer, 
and retinoscope. 
Ophthalmic instruments may be divided 
roughly into a subjective class, where the results 
are ohtained from the answers of the subject 
or paticnt rdating his impressions of what he 
actually 
ees by means of the instrum('nt, and 
into an objective class, where results are arrived 
at by deductions being made from what is 
seen by the observer in or of the eye of the 
patient without reference to any questioning 
of the patient. 

 (2) SUB.JEC'TIVE I
STRUME
TS. - Among 
subjective instruments we can include: 
Phorometers for testing and exercising the 
Rtrength, deviation, and direction of thc 
external ocular muscles. 
Perimeters and scotometers for plotting and 
measuring the field of vision. 
Photometers for light perception. 
Chromo-optometers fur colour perception. 
Ophthalmic lenses. 
TeFlt-cases of trial lenses (the Dond('rs 
method). 
TeRt-types for measurement of visual acuity 
and form perception. 
1 foi('(' Tlir A friU.-:tU7I'lIt ((nd TP.';tiu(l of Telescupic 
O
jectil'es, by 
le88rf'. T. Cooke & :-:ions, York. 


Diffusion-area instruments relying U]JI)fi 
the distortion or aberration produced by 
ametropia.. 
Optometers, a term given to if'Rt.rulUents 
generally of telescope design, and dependent 
upon a personal adjustment of focus by the 
patient. 

 (3) PHOR01\IETERS. - Phorometric instru.- 
ments deal with the measurement of ocular 
muscular want of balance, and the muscular 
exerci
es for its correction. The muscles of 
a normal pair of eyes are so balanced that 
the eyes involuntarily converge upon any 
fixed object, each eye conveying to tll(' 
brain a similar picture. The exact super- 
position vf these two pictures creates a single 
picture with stereoscopic relief. Rhould t.here 
be some difference in the size or definition of 
these two pictures due to difference in the 
focal strength of the eyes, or should a single 
picture be obtained with difficulty. the reHldt. 
is either that a strain is thrown upon the extra- 
ocular muscles in an attempt to secure single 
stereoscopic vision, or else failure to secure sUf'h 
vision results in a more or less pronounced 
squint or strabismus, with a temporary sup- 
pression of vision in one eye, in order to avoid 
confusion. It is obvious that, if two separate 
images are seen by the two eyes, a fusion of the 
images can be obtained by placing in front of 
one eye a prism, which will cause one of the 
images to deviate and superpoRe itsf'lf over the 
other image. and thus secure stereoscopic 
vision. 
Supposing always that the eye refraction 
has been corrected, and pictures of equal 
ize 
and definition secured, it is one of the simplcst 
of optical procedures to find a prism which 
will give the required deviation. The first 
thing is to make on(' of the images seem so 
aIt.ered or diRtorted that the brain no longer 
attempts to associate it with the ot.her image, 
and consequently ceases to make any muscular 
effort to superpose thp two images. This 
distortion is usuall.v effected by glass rods 
or cones or similar distorting contrivances. 
One of the most pffeetive of these is the 
IV[addox set of rods or grooves (Fi(l. 1). which 
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FIG. 1. 


consists of a set of short coloured conve:': 
cylindrical thin glasFl rods, or concave cylin- 
drical grooves fixed Hide by sid(' in a slllall 
disc for use in the oculist's trial-frame. _\ 
bright small light seen through one of these 
rods produces a small finc line as an image, the 
sev('ral rods or grooves making in continuation 
a lung decided line of light '" hH.:.Ïl can eaiily be 
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fixed by the patient. This line is HO different 
from the image of the object seen by the other 
eye that there is no effort on the part of the 
p
atient to secure superposition or overcome 
what is called his "dynamic strabismu
." 
Successi\Te prisms are now placed before one 
of thc eyes until this streak of light arpears 
to coincidc in position" ith the original light. 
The Ri
ley or Herschell prism, which con- 
sists of two equal-powered prisms superposed 
and rotating at equal rates in opposite direc- 
tions, is often used in order to obviate the 
necessity of tr
ing successive prisms. 
Another method of correcting the defect 
is that of the Stevens phorometer, which 
consists of two equal prisms (one before each 
eye) rotating in opposite directions. 'Yith 
either of such instruments, or some similar 
phorometer, the strength of the external eye 
muscles may be measured. There are many 
varieties of this class of instrument, varying 
chiefly in the numher of small trial-ease 
accessories attached to save time in adjust- 
ment. 
Xearly all in
truments for testing the ocular 
muscles depend upon their ability to create a 
diplopia which \\ill not be overcome mentally 
by the patient, and having created it to in- 
dicate the pri
m giving fusion or a single 
image. 
In order to induce diplopia, Thorington 
uses an ingenious form of truncated cone 
ground in t" 0 7 'OO-dioptre prisms, separated 
by an interval of plane glass 3 mm. "ide, 
which produce the combined effect of a )Iaddox 
rod and doubling pri
1ll in one piece of glass, 
\\ith the important addition of a centre light 
as a starting-point. 
An excellent but little-known instrument is 
the Remy Diploscope, "hich consists of a "ide. 
short, hollow cylinder blackened on the inside, 
28 em. in length and 9 cm. in diameter, 
open at the eye-end, and closed at the other 
eml hy a disc "ith four round holes about 
2 cm. in diameter, two of which are 4 cm. 
apart, and the others 1 cm. apart. By 
revolving a shutter, one pair of holes is kept 
dosed while the other pair is open, and by 
rev(lh
ing the di!':(' the pair which is open 
'1lay be set at an angle which is required for 
a test. Tn front of the open end of the 
cylinder therp is a black square frame to 
block out stray rav
 of liaht and a bhck bar 
at the top of the frame 
n 'be either Íowered 
ver.tically across the opening, mow.d at an 
anQ'le to one or the other side or lifted awa, 
altogether. This cylinder is 'mounted on 
 
long rod \\ith its a:Àis parallel to the rod so 
that the disc containin!! the holes is midway 
hpt\\('(>n the two f'll(ls. 'The knath of the rod 
is 120 ('m., t.hp disc is t.hus 60 
('m. from tllP 
p
.e, \\ hil(' t.he di
tan('p het.wepn the ('ent-res of 
one pair of holes i
 approximately equal to the 


distancc hCÌ\H'en the eYes. At the other end 
of the rod is a test-ea;'d carrying four letters 
arranged horizontally at di
tanccs of about 
6 cm. apart. If a patient "ith binocular 
vision looks at thc holes he "ill see all four 
letters. Each eve sees a different letter 
through each of the t'\\o holes. If he suffers 
from convergent squint only two letters "ill 
be visible. By employing the second disc 
with the holes doseI' together and a second 
test-card on which there are two letters one 
abo\
e the other, further tests can he made. 
.Another popular instrument used in the 
Briti:-:h army is " Bishop Harman's Diaphragm 
test. " This is the reverse of .J a yal' s "ell- 
kno\TIl bar-reading test. Instead of a bar 
there is a screen "ith a single hole in it (FÙj. 2). 
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Into this hole the patient can look '\\ith bllth 
eyes \"ithout suspecting the test to which his 
vi
ion is being subjected. The instrument is 
held with the end of the bar against the face 
and a screen with a suitable design is mounted 
in the holder at the other end of the bar. 
The pat.ient sees part of this screen with thc 
right eye, part "ith the left, and a small 
central region "ith both. as shown in the 
sketch. From the extent and location of these 
various fields the nature and amount of the 
squint, if any. ('an be deduced. 
The difficulty of fitting prisms to cure the. 
defect does not lie in the manipulation of 
the instruments, but rather in the inability 
of the patient, as a rule. to wear anything 
approaching the prism or )Iaddox correction 
which gives peIÍect fu
ion, pc,;5sibly due to an 
inconstant variation in convergence on the 
part of the patient, and also to the distortion, 
astigmatism. and chromatic aberration insepar- 
a ble from prisms of any strength. It is also 
possible that the exact relation between a 
prism !!iying fusion, and the correction of 
eve-strain and strahismu
, has not :vet been 
s
tisfê1ctaTihT settled. \Yhen this 
question 
of fitting p'risms and lenses has reached the 
certainty of determination of that used in the 
prescription of spherical and cylindrical lenses, 
a ne\\ and unÍ\
ersal type of spectacle lens 
mu:-:t. imme(liately follow. 
In Enaland co
siderahle attention has heen 

 
given to the question of muscular anomali(.s. 
Of late year
 thp tendenc\' ha
 been to recom- 
mend 
llls('ular eÀer('i
(:s for the cure of 
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st.rabismus or squint, rat.her than interference 
by surgical operation. Nearly all instrumcnt.s 
that are used are based, more or less, on the 
principle of the stereoscope. 
For determining the maximum of converg- 
ence, an instrument known as Landolt's 
Ophthalmodynamometer may be used. This 
consists of a metal cylinder blackened on the 
outside placed over a small light or canùle 
flame. The cylinder has a vertical slit 0,3 mm. 
wide covered by ground glass. The luminous 
vertical line is the object on which attention 
is to be fixed. Beneath the cylinder is a 
tape measure graduated in cm. on one side, 
and on the other in a corresponding number 
of meter angles. The cylinder is gradually 
approached towards the patient until double 
vision of the line of light occurs. 
An instrument for testing latent torsion is 
the Optomymometer of the Geneva Optical 
Company, which consists of two tubes about 
20 in. long, one of which is moved horizontally 
only, while the other can be elevated or 
depressed to any angle. At one end of each 
tube is a rotatable disc in which a slit is cut. 
On looking down the tubes, one slit is seen 
with each eye; by adjusting the inclinations 
of the tubes one slit may be made to appear 
vertically above the other, and by rotating 
the discs they may be made to appear parallel. 
There are many variations of this instrument, 
one of which is t,hat of the clinoscope of Cooper, 
and the more recent one of Stevens. 
9 (4) PUPILOMETERs.-The size and shape 
of the pupil and its position in the centre or 
otherwise in the iris field is a ma,tter of some 
importance both in discussing pathological 
questions and also in accounting for the un- 
certain results sometimes obtained in the 
estimation of refraction. It has been found 
that the visual axis rarely passes through the 
centre of the pupillary opening. Various 
methods have been devised to measure either 
the size of the pupil or its position. The 
simplest, and the one in common use, as in 
Fig. 3, is to have a series of various-sized 
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black dots on a card, and to compare them 
with the actual pupil, or to make similar 
comparisons with an ordinary wedge-shaped 
gauge. The other methods have been con- 
fined to the laboratory, and have consisted 


chiefly in the u
e of ophthalmometers with 
the duubling prisms remuved, and by ad- 
j usting the size of the images of the mires 
or bringing them into contact on the cornea 
until they just cover it, an estimate of 
thp rliametcr of the pupil has been made. 
Another ingenious method due to Landolt was 
to use a Fresnel doubling prism, and so adjust 
the distance between the two images until they 
just touch. Photography to scale has also 
been employed. 
S (5) PERDIETERs.-PerÍmeters or scoto- 
meters are for the measurement of the field 
of vision from the macula to the peripheral 
parts of the retina, and the plotting out of 
portions of the retina which are totally or 
partially atrophied. The measurements can be 
made for the colour as well as the light field. 
Roughly the field of vision can be ascer- 
tained by making the patient look fixedly at 
a spot, such as the eye of the surgeon. A 
test 0 bject, such as a small ball, is then placed 
in front of the eye in various pusitions until 
the limits of indirect vision are determined. 
Usually elaborate instruments are used, 
allowi
g the travel of a test object along an 
arc having the patient's eye as its centre. 
Such instruments are generally furnished with 
mechanism for the silent and un\)bserved 
movement of the object, and the simultaneous 
recording of the limits of vision by a puncher, 
pricker, or pencil on a graphic chart behind 
the instrument. 
Aubert and Forster constructed an inst.ru- 
ment in 1847 upon which most of the subse- 
quent perimeters have been based, amongst 
which are the l\IcHardy, Skeel, Dana, Stevens, 
Schweigger, Landolt, Bardsley, anù Priestley 
Smith perimeters and scotometers. Th('se 
vary chiefly in the mechanism for the test- 
object carrier and the method -of making the 
chart. Fig. 4 shows the l\IcHardy instrument. 
Tomlinson, in order to a void the large and 
cumbersome arc, designed a system of a tilting 
mirror which gives an imaginary movement 
to the object. 
Many surgeons use the Bjerrum screen, 
which consists of a large sq uare black screen 
2 metres in breadth, at a distance of 2 metres 
from the patient. This system has the ad- 
vantage of increasing all the measuremcnts- 
the hlind spot, for instance, measuring 20 cm. 
on the screen instead of about 2! cm. with 
the ordinary perimeter. Beyond 45 0 , measure- 
ments on a flat surface are not of much use. 
R. H. Elliott has recently made considerable 
improvements on this method. He uses in 
front of the Bjerrum background a movable 
disc in which there are small illuminated 
objects. 
In the Campimeter of De "recker the 
patient fixes a small cross in the middle of a 
black screen on which are marked radial lines ; 
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the test object is moved from the periphery to 
the centre, the limits of recognitiun being 
marked on each line in turn. The points on 
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the various radiating lines are then joined, 
showing the area of the visual field. 
The same principle applies to nearly all the 
perimeters. In some like the Priestley Smith, 
the )IcHardy, the Skeel, etc., the test objects 
travel on an arc centred round the patient's 
eye, instead of at a tangent, as in the case 
of the \Yecker and Bjerrum screens. The 
diffen\nces in the many arc instruments are 
rather in details of workmanship and mechan- 
ism than principle. 
Hand perimeters are rather for clinical or 
bedside use. 
The uncertainties of perimetry are due 
chiefly to the tendency uf the patient to allow 
his eye to wander away from the fixation 
point and also to the various degrees of intelli- 
gence on the part of the patient. 

 (6) PHOTO
1ETERS. - Until the war and 
recently, comparatively fmv experiments had 
be
n made as to the perception of light in the 
eshmation of refraction and eyesight. The 
prevalence of night-blindness, the possibilities 
of malingering, and insurance pro blems, 
brought into use some of the many well-known 
photometers. l Perception scales such as those 
of Parinaud, which consist of ten graded 
squares of grey colour from white to black or 
a black background on which various colour 
shades are outlined in small squares to be 
counte
 hy the patient, constitute probably 
the qUIckest anel simplest method. 

 (7) CIIRO
IO-OPTO
IETERS. - Since atten- 
tion has been drawn by the Board of Trade 
I:;ee " Photometr
' ami Illumination." 



 


an<l A<lmiralty to the necC'f;f;ity for strictpr 
tests, the examination f(lr colour ,'isiun has 
become a much more general practice. Some 
observers employ the confusion test of a 
series of coloured wools (Holmgren), "hile 
others, such as Butler-Harrison and Edridge- 
Green, rely upon the use of lanterns sho\\ ing 
by rotation and superposition a series of 
colours which the patient is called upon to 
classify or compare. 
Another useful test is that of the bead-box 
of Edridge-Green, "here a variety of coloured 
beads is giV"en to the patient to classify. 
An ingenious instrument is that of Chibret, 
in which a plate of quartz ground parallel to its 
gxis is placed between .Kicol prisms. The 
plate is seen coloured, and the colour depends 
on the thickness of the quartz. If the Xicol 
analyser is rotated, the colour changes. At 
43 degrees the field is white, on rotating thf' 
prism to 90 degrees one obtains the comple- 
mentary colour which increases the intensifica- 
tion of colour. By replacing the analyser 
with a bi-refringent crystal, in the form of a 
prism, one of the images has the com ple- 
mentary colour to the other. In the instru- 
ment of Chibret, by varying the obliquity of 
the prism, it is possible to obtain the whole 
range of colour and intensities. The patient 
is asked to regulate the instrument so that at 
any degree of intensity he is sure to secure 
equal colouring of the two fields. Failure 
to do this indicates his degree of colour 
sensiti veness. 
9 (8) OPHTHALMIC LEXSES. - Ophthalmic 
spectacle lenses differ from photographic, pro- 
jection, microscope, or "hat may be termed 
image-forming lenses or systems, in that they 
are usually of approximately one diameter 
or aperture, one thickness, and except in the 
cases of special bifocal and cemented lenses, 
they are thin single lenses uf two surfaces 
only. 
Spectacle lenses are made of ordinary "hite 
glass similar to that of a guod windO\\- glass, 
The English glasses are generally V"ery white 
but softer than the French or St. Goban glass. 
Recently Schott of Jena have manufactured 
a hard 
nd dense glass for better class meniscus 
lenses. 
Until about twenty years ago. the more 
e},.pensive lenses were made of Brazilian 
pe b ble or "rock -crystal." It was claimed 
that the extra densitv of the crystal allowed 
a thinner lens, and c
oler to the eye; but on 
the other hand there were many faults, such 
as that of double refraction: striae, and 
surface imperfections in working, that made 
them inferior to ordinary good white glass. 
The introduction of cylindrical and prism 
lenses resulted in comparatively few lenses 
being made of pebble 0" ing to the difficulties 
and expense of working the surfaces. . 
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\\ïth spectade lenses a hu'gc vil,riety of 
surfàces and combinations, useful only in 
ophthalmic lens worl\.., are employed. 
(a) The pIano-spherical, where une side is 
plane, the other convex or concave spherical. 
(b) The bi-spherical, where both sides are 
spherical, either convex-concave or else con- 
cave or convex. 
(c) The pIano-cylindrical, where one side is 
plane and the other is a simple cylinder. 
(d) The periscopic, a term given in the 
trade, of which one surface is concave, the 
other convex, and in which the concave side 
is about 1.2.3 to 2 dioptres in strength, the 
other side having an excess of convexity to 
secure the necessary focus. 
(e) :\Ieniscus lenses, practically deep peri- 
scopics, where the concave surface ranges 
from ü'OO to even 12.00 dioptres. 
(f) Ordinary sphero-cylinders, where one 
side is convex- or concave-spherical and the 
other a convex or concave cylinder. 
(g) Toric lenses, where the one surface is 
that of a segment of a torus, or anchor 
ring. A good illustration of a toric surface 
may be taken from that of a bicycle tyre 
which has two differing curves, one at right- 
angles to the other. The advantage of a toric 
lens is that it provides a sphero-cylindrical 
lens in the form of a meniscus combination. 
Prisms are also used with any of the above 
lenses or combinations. If the prism re- 
quired is comp:uatively weak and the spheri- 
cal power fairly strong, this may be secured 
easily by decentration of the lens in the spec- 
tacle frame, but if the prism required is fairly 
strong, without a corresponding increase or 
ratio of strength in the spherical, then the 
spherical curves are usually worked upon a 
prism or wedge-shaped glass. 
There are some forms of special spectacle 
lenses which call for special mention, not only 
for the special purpose for which they are 
intended, but on account of their very beautiful 
workmanship, such as the bifocal, aspherkal, 
and cataract lenses. 
(i.) Bifocal Lenses.-The bifocal is a spec- 
tacle lens having two different powers or foci 
set in the same eye- wire or spectacle frame; 
the upper power or focus being used for dis- 
tance and the lower for reading or close work. 
A bifocal lens is generally useful in the case 
of a person who is ametropic and who requires, 
on account of age, two separate foci, one for 
distance and one for reading, and wishes them 
to be in the same spectacle frame in order to 
avoid having two pairs of spectacles. 
There are many forms of hifocals, the 
oldest being the Franklin bifocal, made of 
two half lenses of different foci joined together 
with a straight joining line. The drawback 
to this pattern is that the half-lenses are liable 
to jump out of the frame, the junction retains 


I dirt, "hile the lowcr half presents inconyeni- 
ence, and is usually too large for the purpose 
for \\ hich it is intended. This is sometimes 
avoided by placing the lower half into a curve 
cut out of the upper piece. Very many 
suggestions and patents have been taken out 
for bifocals, but most of them have been 
discarded on account uf the difficulty of 
securing good centring and also because 
the dividing line or ridge is generally in the 
way. The commonest form of bifocal con- 
sists uf small thin segments of additional 
powers cemented on to an ordinary lens of 
the focus required for distance. The segment 
is usually so thin as to be almost imper- 
ceptible, but is liable to become disturbed 
through heat, strain or concussion. One very 
modern form is generally known as the fused 
solid bifocal, which is made by glinding or 
gouging out a small depression or curve in 
the lower part of the distance lens, "hich 
should be of low refraction. Into this de- 
pression or curve or small basin is dropped 
and fused another small lens of very much 
denser refraction. The difficulty in manu- 
facture is to secure a perfect foin between 
the two surfaces without introducing air 
bubbles. After fusing, the whole surface is 
then ground to a specified curve, in a ppear- 
ance one lens only, although there are two 
separate foci. The process requires such 
extreme care in manufacture that the lenses 
have become almost a proprietary article. 
Another equally modern form is that. of the 
solid bifocal, where two separate curves are 
ground on the same surface. A small but almost 
imperceptible ridge is formed between the two 
parts of different foci, which are ground out of 
the same piece of glass and therefore do not de- 
pend on two different refractions. The method 
of manufacture calls for a kind of optical grind- 
ing that has not been used in any other kind 
of optical work. All opticians are aware that 
all optical lenses are surfaced by means of 
optical tools having the same curvature, and 
by means of emery and rouge are polished 
afterwards on the same tools ,dth a piece 
of cloth. This bifocal is ground quite a 
different way, in that the surfaces of all the 
lenses, no matter \\ hat the foci, are ground 
by means of a thin ring tube about half the 
diameter of the part to be ground out from 
the lens. The end of this tube rotates at a 
different rate from the lens, which is fixed on 
a shaft, and the difference in rotation results 
in varying curves, spherical curves of e},.tra 
curvature bcing ground. Theoretically the 
one tool grinds every curve. The difference 
in the rate of the abrasion betwcen the outer 
and inner edges of the cutting tube produc('s 
the curve desired. 
(ii.) Asplierical Lenses.-The optical for- 
m ulae of ordinary spherical lcnses arc uf tlIC 
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simplest and do not require discussion. Yon 
Rohr has pointed, out that the formulae hold 
gooù only in the case "hen the axis of the 
spectacle lens is directed towards that parti- 
cular object-point that is the principal object 
uf contemplation, which "Would mean that in 
order to realise such conditions "We should 
haTe to mo\ye our heflds continually in looking 
around: this is avoi ..Led in the ordinary "Way 
by moving the eye instead of the head and 
thus getting what is called direct vision. 
The result is that "When the eye moves and 
looks towards the edge of the lens, fresh 
optical conditions are set up which result in 
aberration. It has not been found possible 
in actual practice to correct vision by the 
usual combinations ðuch as are met with in 
photographic cemented objectives on account 
of the expense, weight, fragility, and liability 
of the lenses to become ullcemented. Any 
attempts made to correct this aberration have 
been in the direction of gi\-ing definite form 
to the surfaces of meniscus lenses, according 
to the resultant focus required. \Y ollaston, 
Ostwalt, Tscherning, Percival, Gullstrand, and 
\Vhitwell have at various times drawn up a 
definite series of tables defining the curves 
which are likely to give the least amount of 
aberration with certain foci. The problem 
has naturally been more difficult in the case 
of toroidal 
r c
ylindrical lenses. Gullstrand 
has dmised an aspherical surface of revolution 
where the meridian curve is different from the 
arc of a circle, and includes such surfaces of 
revolution as elliptic, parabolic, and hyper- 
bolic surfaces. "Cnùoubtedlv tIlls is an ideal 
form of curvature and is 
 limited only by 
difficulties of manufacture. 
(iii.) Cataract Lenses.-As lenses for aphakic 
patients are generally above 13.00 D in 
strength, the weight of the lens is a great 
dra\\ back. Attempts have been mach" to do 
away "ith this by cementing on an ordinary 
pIano-lens a small convex lens, which does 
away \\ith weight and reduces the aperture 
and consequently the aberration. 

 (9) TEST-CASE OF TRIAL LEXSEs.-There 
is probably no piece of ophthalmic apparatus 
which is more unÌ\Tersallv used or relied upon 
by both oculists and opticians than the test- 
case of trial lenses. Ko matter what method 
or instrument may be used, almost invariably, 
at some stage of the procedure, use is made of 
the test-case and trial-frame. 
The Trial-frame. -Lenses when used for 
testing a patient's vision are usuallv mounted 
in a trial-frame, of which there ar
 numerous 
patterns \\ith adjustments to suit the patient 
and to rotate the len
es. Fig. 5 iHustrates 
one form. 
A test-case con
ists of a series of the lenseH 
forming the \Tarious combinations possible of 
spectacle lenses. They are nearly always 


circular, 38 mm. in diameter, unmounted or 
mounted in metal rings v. ith handles. Some- 
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times they consist in their simplest form of a 
small series of about 50 single spherical lenses 
for use in retinoscopy in the dark room, or 
they may include a full case of pairs of convex 
and conca \Te sets of spherical and cylindrical 
lenses grading by 0.12 interyals up to about 
3.00 D, by 0-2.; intervals up to about 4,00 D 
and 0..30 interyah to about 8.00 D. The larger 
cases generally contain very many accessories, 
such as a full set of prisms, blanks, J)inholes, 
and stenopaic slit discs, together "ith a full 
range of coloured glasses. Some trial - case
 
also contain extra smaller sets of bifocal and 
cataract lenses. Almost any combination 
can be made by combining one, two, or three 
lenses together. although the distances from 
the eye and the separation of the lenses must 
be taken into account when ordering the 
actual spectacle lenses. 
For that reason, the ideal test-case should 
consist of pIano-spherical lenses rather than 
bi -spherical. 
The Optical Society set up some years ago 
a set of standards for trial-cases, and lenses 
are tested to tbese stand>lrds at the Xational 
Phvsic1,l L'l boratorv. 
The pinhole disc
 consist of small various. 
sized perforated discs which afford a speedy 
means of determining whether impedect 
yision is due to ametropia or to other condi- 
tions. In pure ametropia, the pinhole re- 
duces the circles of diffusion and gi\ es good 
vision with a certain 108;:; of illumination. In 
other cases it makes the \ision v. orse. The 
cases in willch it is likely to be misleading 
are of an unequal surfaced or faceted cornea 
or conical cornea, where better vision is some- 
times secured by a pinhole disc and yet no 
suitable correcting lens can be found. 
The stenopaic slit acts very similarly in 
cases of astigmatism, where the diffusion areas 
on the retina are greater in one principal 
meridian than in another. The stenopaic slit 
limits them at right angles to its length. 
The ordinary use of test-Iense's is to test 
each eye sep'arately, 1!i\-ing the Btronge
t 
cOIn-ex lens in the case of hypermetropia, and 
weakest concaye one in the ca
e of lllyopi
, 
con
istent in each case with hest d:;ion. In 
simibr fashion, but applicable to one mcridian 
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only, use is made of cylindrical lenses fur 
astigmatism. The difficulties likely to be 
encountered in the subjective use of the trial- 
case arise chiefly through having to rely 
upon the answers of the patient and the 
tendency there is to excite the accommodative 
a pparatus of the eye. 
Sume operators use, in order to save time, 
apparatus consisting of a series of test-lenses 
revolving before the eye of the patient. These 
are sometimes termed refractometers, or by 
various proprietary names. 
Subjective testing, or the use of trial lenses, 
cannot be regarded as thoroughly satisfactory 
until the conditions of the lenses in the trial- 
frame on the patient's face approach those of 
the actual spectacles. To this end the lenses 
should be very thin; if acorn bination of two 
is used, then each trial lens should be half 
the thickness of the spectacle lens. The trial- 
lens should be pIano-spherical or plano- 
cylindrical. The two pIano surfaces of these 
shuuld face each other; the separation between 
them should be almost nil; and the distance 
of the farthest lens from the eye and its tilt 
should be the same as the actual spectacle 
lens worn. These conditions of course are 
difficult to fulfil, although instruments have 
recently been devised to measure the distance 
of the spectacle lenses from the eye, and also 
of the trial lens, and to make comparison. 
)Iany users of test-cases prefer to estimate 
the refraction by such objective methods as 
retinoscopy, ophthalmometry, and ophthal- 
moscopy, putting up an approximate com- 
bination into the trial-frame and then by 
slight adjustment or alteration determining 
the final correcting glasses. Some, however, 
prefer to rely entirely on subjective methods 
and more or less adopt a definite system and 
rigiù routine in its use. 
A careful operator who relies principally 
upon his test-case without preliminary object- 
ive findings nearly always uses some kind 
or othcr of " fogging" method. This consists 
in blurring the vision by a positive lens of 
powcr in excess of that required for correction 
and interposing negative lenses of gradually 
increasing power until distinct vision is 0 b- 
tained. By approaching the desired correc- 
t.ion from this side the patient's accommoda- 
tion is preventell from coming into play and 
producing an apparent increase in myopia. A 
fan line diagram or similar test chart should 
be used, otherwise mixed astigmatism may be 
overlooked. 
One such modern subjective system consists 
of the use of the mmal set of test-letters, a set 
of fan lines and a block or series of parallel 
lines capable of being rotated to any particular 
meridian. The procedure is to use the test- 
letters only to ascertain the visual acuity 
before and after testing, and to rely upon 


fitting separately the two principal meridians 
,vithout further reference to the test-Iettcrs. 
The patient is asked to state which lines in the 
fan are the clearest. The set or bluck of 
parallel lines is then fixed at right angles to the 
clearest line and therefore at the worst positioll 
at which they can be seen. Convex spherical 
lenses are tried upon this, and if the vision is 
im proved are increased in strength until the 
best result is obtained; the fan lines are then 
again resorted to and the patient is asked to 
pick out the best set; a suitable cuncave 
cylindrical lens is then put in the triål frame 
and turned until the fan lines appear equal in 
clearness. Should, however, convex spherical 
lenses not improve the block lines in the first 
instance, the procedure is repeated from the 
start with the block lines at the opposite' 
meridian or axis. If convex sphericals are still 
useless, concave sphericals are tried and the 
same procedure followed. If the block is still 
seen most clearly without the aid of a lens, it is 
assumed that that particular patient is emme- 
tropic and that a concave cylinder with its 
axis properly oriented is alone required. The 
advantage of such a system is that the most 
difficult complicated cases of astigmatism are 
gradually eliminated at the outset; there is 
little tendency to excite the accommodation, 
and by the use of concave cylindrical lenses 
only instead of convex the best form of 
periscopic lenses is secured. Any system which 
does not allow of an exact placing of the 
cylinder in the trial frame is haphazard and 
casual. 
9 (10) DIFFUSION - ÅREA INSTRUMENTS. - 
These instruments depend upon diffusion 
areas for the estimation of refraction. The 
Culbertson prisoptometer in optical construc- 
tion is rather like an ophthalmometer in that 
it has a double prism which can be revulved 
through the various degrees of the scale. The 
patient looking through the circular opening in 
the centre of the instrument sees two circles. 
If, when the instrument is adjusted, the circles 
are just in contact, the caSe is one of emme- 
tropia; if they overlap each other it is myopia; 
and when they separate it is a case of hyper- 
metropia. Theoretically, it is a very ingenious 
instrument, but as the intelligence of the 
patient is called into play, exactness and 
accuracy do not always follow. 
Another ingenious diffusion instrument is 
the ametrometer of Thomson, which consists 
of two very small flames or sources of light, 
one stationary and the other movable on a 
graduated arm, revolving about the first flame 
as a centre. The method is to move one flame 
along the arm until the two flames appear to 
fuse. The approximate strength of the lens 
req uircd is marked on the scale. 
Pnder the head of different tests may come 
that of the Cobalt-blue lens. Fur the purp8ses 
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of this test a cobalt-blue glass, which appears 
dark blue but contains as much red, is fitted in 
the trial- frame. Cobalt-blue glass has the 
power to exclude all but blue and red rays. 
Blue rays are more refrangible, and therefore 
focus sooner than red. If such a glass is placed 
before the patienfs eye and a small flame used 
as a test object an emmetropic patient "ill see 
a small circle composed of t" 0 colours equally 
mi
ed-that is to :5ay, purple-but a hyper- 
metropic patient "ill see a red ring of light 
v.ith a blue centre, and a myopic patient will 
see a bhu' ring "ith a red centre. 

 (11) OPTO)IETERS.-Optometry is a term 
sometimes applied to all ocular methods of 
estimating the refraction of the eye. \Ye 
confine the application here to that generally 
accepted in Europe, i.e. to instruments "here 
an adjustment of lenses is made by the patient 
in order to obtain the clear image of an object 
and the result recorded on the metric scale. 
Hence the term. Prior to the introduction 
of retinoscopy and phorometry, the opto- 
meter was almost the only method of estimating 
the refraction other than the' trial case of 
lenses. There are probably more varieties of 
optometers than of all other ophthalmic 
instruments put together, probably due to 
their construction being so closely allied to that 
of the ordinary optical bench. In actual 
practice their use has been almost entirely dis- 
continued, chiefly o"ing to the uncertain 
accommodation of the patient which so easily 
confuses the result. This involuntary act of 
accommodation is due to the fact that all such 
optometers are provided "ith a small eye- 
piece aperture; and this, combined "ith the 
need to rely upon the ability of the patient to 
decide yery accurately as to comparisons of 
clear focu
. call::; into play the accommodation 
and imagination. 
The most of the older optometers rely upon 
the "ell-known principle of Scheiner's experi- 
ment that if a card in "hich two small holes are 
pierced at a distance from each other less than 
the pupillary diameter is held in front of the 
eye, a luminous point seen from a distance "ill 
appear to a normal-sighted person as one light, 
"hereas to one "ith defective TIsion, it "ill 
appear as two lights. 
De la Hire, Porterfield, Thomas Young, 
Helmholtz, Bull, and manv others followed on 
,\ ith modifications of instruments, all based 
on this principle, but while all of them are 
optically interesting they are unsatisfactory in 
actual practice. 
Rub:-,equently Cocci us, Donders, De Graefe, 
Perrin, Badal" Hardy, Dè Zeng. and many 
others designed optometers to obviate the 
effects of accommodation. :\lost of these 
employ a fi
ed conv{'x lens serving as an 
eye-piece and a movable illuminated object. 
The patient places the object where he sees it 


most clearly and notes its position relative to 
the principal focus of the lens. If it be between 
the lens and the principal focus the rays which 
enter his eye are divergent, he is short 
sighted; if it is beyond the principal focus, he 
is long sighted. The difficulty of obtaining 
accurate results is that while optically accom- 
modation may be eliminated, yet the mental 
effect on the patient of seeing something at a 
distance "hich really is close to upsets his 
judgment and he gives inaccurate positions 
for that of the clearest ,ision. 
Optically the best of these is the instrument 
of Badal, whpre a fixed single biconve
 lens 
is placed so that its principal focus coincides 
either "ith the nodal point of the patient's 
eye or with its ant.erior focus. In either ca
e 
the size of the retinal image of an object 
situated at any distance in front of the lens 
is unaffected by mo,-illg the object nearer or 
further away. This destroys the sense of 
varying dist.ance and pre,-ents the accom- 
modatÍ\Te efforts which result from this. This 
optometric syst.em is the best if one can rely 
upon the accurate judgment of comparison by 
the patient. J. H. s. 


OPTIC AXIS: a direction in a crystal along 
which there is no separation of the 
ordinary and extraordinary rays. Crys- 
tals hadng one such direction are kno" n 
as uniaxial; those ha,-ing t" 0 such direc- 
tions as biaxial. See" Polarised Light 
and itd Applications,". 
 (;)). 
Primary and secondary. See ibid. 

 (7) (ii.) 
and (18) (iii.). 
OPTICAL ACTIYITY: the power possessed by 
certain substances of rotating the plane of 
polarisation of a beam of light passing 
through them. See" Polarised Light and 
its Applications, " 
 (20). 
OPTICAL BE:xcH, for testing of lenses. 8ee 
"Camera Lenses, Testing of"; "Lenses, 
Testing of Simple." 


OPTICAL CALCCLATIOXS 

 (1) TRIG050::\IETRICAL )IETHoDs. - The 
methods employed almost e
clusively in the 
past in the computation of optical systems 
ha ve consisted in tracing step by step the 
paths of a few rays selected according to rules 
" hich are largely empirical in charadeI'. 
From the point of view of the computer this 
system has much to recommend it. The 
a'mount of calculation in ,-oh-ed is limited, 
and \\ith a certain amount of past expenence 
to indicate in "hat direction modifications 
intenrlcd for the improvement of a system 
already apprm..imately determined are most 
likely to prove satisfactory, the evolution of 
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systems attaining such a degree of correction 
as has in the p
st proved necessary is possible 
in not too prolonged a time. The methods 
most extew
ively employed are trigonometric ai, 
and it will be convenient to record here the 
sY8tems of equations very commonly used for 
tracing rays through a series of coaxial 
spherical refracting surfaces. In the first 
example the ray lies in a plane passing through 
the axis of the system, and the problem is 
simply two - dimensional. This case covers 
by far the greater part of the calculations 
normally made. In the second case the ray 
does not lie in an axial plane, and the portions 
of the path lying in three successive mrdia 
will not usually be coplanar. 
Suppose that there are n spherical refracting 
surfaces havinC7 their centres of curvature 
o . 
on a straight line coincident with the x aXIS 
of co-ordinates. Let the surfaces be distin- 
guished by the n numbers 1,2,3, . . . 'In, . . . 
n, the order of the numbers being that in which 
the surfaces are met by a ray of light traversing 
the system from the object space to the image 
space. The radiu8 of curvature of a surface 
is denoted by r, to which is added as a suffix 
the number of the particular surface. The 
sign convention adopted, which is almost 
universally accepted, requires r to be regarded 
as a positive quantity when the light is 
incident on the convex side of the surface, 
negative when incident on the concave side. 
Thus with a positive radius of curvature, 
and with the light represented in diagrams 
passing from the left to the right, the centre 
of curvature will be situated to the right of 
the vertex or point in which the refracting 
segment of the sphere meets the axis. Each 
surface marks the separation of media of 
different refractive indices, and it is convenient 
to U8e numbers to distinguish these 
lso. 
The total number of these media is n+ 1, 
and they will be denoted by the numbers 
0, 1, 2, . . . n. Thus the number of any 
medium is the same as that of the surface 
which bounds it on the left or object side, 
and is less by unity than the number of the 
surface forming the boundary on the right or 
image side. This notation is an easy one to 
rempmber, but several others are commonly 
employed. In some cases even numbers are 
used for surfaces and odd numbers for media, 
in others the converse arrangement is adopted, 
while yet another system involves the 
introduction of half integers. Such variety 
in the notation is apt to lead to mistakes, 
and that here adopted, which is less clumsy 
than most alternatives, will he generally 
followed in the article
 of this Dictionary. 
All the quantities required to 
pecify the 
p08ition of a ray or the configuration of the 
refracting Hystem can he divided into two 
groups, in the first of which the quantity is 


naturally referable to a particular surface, 
"hile in the second it is associated with the 
medium. In the former group the quantity 
bears the suffix corresponding to the surface, 
in the latter case the suffix of the medium is 
used. Examples of the former are the co- 
ordinates of the point of refraction at a surfaee, 
or the angles of incidence and refraction; 
and of the latter the refraCtive index, the a
ial 
separation of the two bounding surfaces, and 
co-ordinates giving the direction of a ray in 
the medium. 
The refractive index throughout the present 
article will be denoted by fJ-. The axial 
distance between the vertices of two surfaces 
is denoted by t, and will for con\Tenience be 
referred to as the thickness whether this 
distance is the actual thickness of a lens or 
the axial separation of neigh hom'Ïng surfaces 
of two lenses. The distance bet" een the 
centres of curvature of two surfaces may be 
denoted by a, so that if t is regarded as 
essentially positive, and (( is pOf'itiye if the 
centre of curvature of the surface of 10\\ cr 
suffix is to the left of that which follows, the 
relation 


r m + am = t m + r m+l . 


(I) 


will hold in all cases. In trigonumetrical 
calculations the formulae present themselves 
most readily ill a form suited for logarithmic 
computation when the centre of curvature is 
taken as a reference point, and the :5eparation 
of successive centres of curvature must be 
determined from this equation. 
Symbols are required to denote the quantities 
by which the position of the ray is determined 
in relation to the refracting surfaces. The 
angle made by the ray with the axis of sym- 
metry of the system will be denoted by ý; "ith 
the addition of the suffix of the medium. 
The angles of incidence and refraction at any 
surface will be represented by ø and ø' 
re!=;pectively, with the surface suffix. "Theil 
the ray lies in an axial plane the point in 
which it meets the axis, together ,vith ý;, will 
fix its pO:5ition. This point is referred to the 
centre of curvature of the surface, and conse- 
quently the surface suffix is used. The 


.( 


I 

 


-u 


,... 


(Ii stances from th(' centre of ('urvaturc. 
measnrpd in th(' li,!!ht diredion, to the cr\Jssing 
points of an incident and the corresponding 
refractell rav will be denoted by u and v 
respectively (Fig. ]). 
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For a single surface it is evident that 


u. 
SIll lþ = - - sm tþ 
r 


is the equation from "hich ø" ill be found 
"hen the position of the incident ray is given. 
cþ' is, of course, determined from the refraction 
relation 


}J.' sin lþ' = fJ. sin lþ, . 


and since the distance on the surface of the 
point where refraction takes place from the 
axis is given by either r(lþ - ý;) or r(cþ' - ý;'), 
the inclination to the a
is of the refracted 
ray is obtained from the angular relation 


Ý;' =Ý; - lþ + cþ'. 


The remaining quantity v required to specify 
the po
ition of the refracted ray is derived 
from 


r sin q/ 
-v-- - 
- sm tþ' . 


For a series of surfaces these formulae, together 
with one additional relation transferring the 
reference point for the refracted ray to the 
centre of curvature of the succeeding surface, 
take the form 
. 11m . 
:::;ill CÞm= -- - sm tþm J, 
r m 


fJ.m sin cþ'm = fJ.m-1 sin lþm, 


Ý;"n=Ý;m l-lþm+lþ'm, 


r m sin Ø'm 
-1'm - . ,I, ' 
SIn ym 


U m +-1 = Z'm - am. 


These equations are obviously well suited 
for logarithmic work, and the only details 
requiring special attention are the signs. 
For paraxial rays 1 the same formulae are 
generally used by trigonometrical workers 
\\ith the sines of the angles replaced by any 
convenient multiple of the angles themselves. 
,rhere this system is used tables of logarithmic 
sines based on the decimal division of the 
radian are much to be preferred to those in 
ordinarv use. 
The 
hief weakness of this system is that 
when a radius becomes infinitely great an 
entirely distinet set of formulae must be 
used, and that when any radius is relatively 
large an increase in the number of significant 
figures is neces
ary to avoid loss of accuracy. 
To obviate this latter difficulty special formulae 
for long radii are frequently introduced. For 
an account of these reference may be made to 
Applied Opt irs, Steinheil and Volt, translated 
by .French. 
f J l.t'; rays always ('lose to the axis at the time of 
re ractlOn and onl
' slightly inclined thereto. 
YOLo IV 


(2) 


The process of tracing rays tIigonometrically 
when the
 do not lie in an aÅÎal plane b much 
more troublesome. The system most generally 
used is due to von Seidel, and is discussed in 
the work just mentioned. The formulae may 
be readily verified by refer- 
ence to the accompanying 
figure. 


(3) 


(4) 


FIG. 2. 


(5) 


The incident ray PO encounters at P a refracting 
ëphere of radius r and centre C. PO' is the 
refracted ray. The plane through C normal to 
the a:xis cuts these rays in 0 and 0', and the 
normal to it through P in Q. An arbitrary refer- 
ence plane through the axis cuts QO 3nd QO' in 

 and !\'. C, 0, 0' are collinear, and the line 
determined by them makes angles X and X Þ with the 
incident and refracted rays. Denote the lengths 
CO and CO' by land l' re::;pectively. Let 
 be the 
a!lgle made by the lines 00' and XX' which meet at 
C, and let QOX, QO'X' make angles () and 6' "ith 
(xX'. Other letters retain the meanings already 
applied to them in considering a ray in an axial 
plane. The formulae to be used suppose that 1. t, 0, tþ 
are given and that the corresponding quantities for 
the ne:xt refraction are to be found. They arc 
coo À=sin tþ cos (()- t), 


r sin lþ=l sin \, 
fJ.' sin lþ' = fJ. sin lþ, 
X' =^+ cþ- lþ', 
l' _ r sin ø' l}J. sin ^ 
- sin 'A' = fJ.' -;i
" 
sin tþ' sin (0' - t) sin tþ sin (0 - t) 
sin A' sin 'A ' 


sin '1/ cos (()' - t)=cos 'A'. 
These give 1', ()', ý;'; it is evident that tis unchanged. 
For the next incidence introduce the suffix 1. Then 
simple projection gi, es 
1 1 sin (()l - tl) =1' sin (()' - t), 
11 coo (()l- tl)=l' coo (()' - t)-a tan 'II', 
"hich completes the solution on noting that 
()l=()', tþ1=1þ'. 
A number of other distinct solutions have been 
evolved by various \\ orkers, but into thesc it is 
unnecessary to enter. This e:xamp
e ilIm:tr
tes 
fairly the complexity of the ù('
t tngonometncal 
methods of tracing skew rays. 


u 
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9 (2) ALGEBRAIC )IETHODS.-Such methods 
of calculation as have just been described, 
essentially trigonometrical in character, were 
for a period the only means of obtaining 
results of high accuracy for general optical 
systems. The recent development of machines 
for the mechanical performance of arith- 
metical operations has largely altered the 
prospects, and at the present timE" calcu- 
lations of this kind can be carried out 
much more expeditiously without employing 
logarithms at all. The old formulae for 
the most part seem to be still used with 
the new tools, but this course is not to 
be recommended, for greater accuracy and 
more valuable information become avail- 
able by an entire 
change in the basis 
of the calculations. 
There is no need 
,vith the new for- 
mulae to employ 
a trigonometrical 
notation, for tables 
need not be used, though in certain cases . 
they may be introduced as an inde- 
pendent check on a series of operations. It 
is convenient to have a separate name for 
these newer methods, and the distinction 
just noted provides the convenient distinc- 
tive name "algebraic" as opposed to 
" trigonometric" which describes the older 
methods. 
In developing these algebraic methods it is 
desirable to conform as far as possible with 
the conventions generally adopted in analytical 
geometry of three dimensions, and in some 
branches of mathematical physics. All points 
and lines "ill accordingly be referred to a 
right-handed systèm of orthogonal axes, of 
which the axis of x is assumed to coincide 
with the axis of symmetry of the optical train. 
The light in general travels in the direction 
of x increasing. The co-ordinates of a typical 
point on an incident ray may be denoted by 
(x, y, z), and those of a point on a refracted 
ray by (x', y', z'). The direction cosines 
of a ray may be represented by L, ::\1, N. 
The point on a surface at which refraction 
takes place may be represented by (
, 7], t). 
It is convenient to introduce R, equal to 1/ r , 
to represent the curvature of the refracting 
surface. Consider for the moment a system 
consisting of a single surface. The general 
problem awaiting solution is the determination 
of a set of six quantities (x', y', z', L', ::\1', N') 
for the refracted ray when any set (x, y, z, 
L, :1\1, K) has been given for the incident 
ray. The origin may conveniently be chosen 
as the intersection of the axis with the refract- 
ing surface, so that the equation to the surface 
is 


Now since (
, 7], t) is on the given ray, the 
co-ordina tes are of the form 



=x-Lp 1 
7] = y - Mp t, 
t=z-Np , 


l7) 


where p is the distance along the ray from the 
surface to the known point in the positive 
direction of travel. The substitution of thes<;, 
values in the surface equation gives 


2(x- Lp) = {X2 +y2+Z2_ 2p(Lx+l\Iy+Nz) +p2} R 
as the equation from which p is to be found. 
The solution to be chosen is that in which p 
tends to zero with x, y, z: thus 


p=L(z-r)+My+N!- [(L(r- r) +My + Nz}'- z'-y'- z'+2x7]1 I 

 Ü
 -- rH 
[y- + N;-+f; 


 
 : 

y; N z}' - z' - y' - z' + 2xr]1 . f 
' (8) 
2x- ( x 2 +y2 +z2}R 
L - (Lx+
lu+Nz}R+[{L- (Lx +1\IU + Nz}R}2 +2xR- (x
 +y2+Z2}R2]! ) 


2ç = (
2 + 7]2 + 
)R. 


the last form being always determinate. 
The point where refraction takes place is thus 
known. It is next necessary to find the 
direction of the refracted ray. To obtain 
this in a suitable form for algebraic calculation 
consider the triangle PUV (lNg. 3), where P is 
the point of refraction and PU and PV lie 


u 


FIG. 3. 


along the incident and refracted rays. If these 
lengths in some convenient unit are made 
proportional to the refractIve indíces, the law 
of refraction shows that UV will be parallel 
to PC the normal to the surface at P. Pro- 
jecting the triangle PYU on the a
es of co- 
ordinates in turn, and noting that the direction 
cosines of PC, and therefore also of UV, arc 
1 - 
R, - 7]R, - t R , 
p.'L' - UV(l-
R) - p.L=O, 
.u'
I' - UV ( - 7]R) - p.:1\I =0, 
p.'N' -- {TV (- tR) - p.N =0, 


or since 


UY = p.' cos lþ' - p. cos lþ, 


the refraction equations take the form 


J.t'L' - p.L 
l-
R 


p.'
I' 
 p.l\I_ J.t'N' - 

 
-7]R - -
It 
= J.t' cos q/ - p. cos ø. (9) 


(6) 
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Thih equation requires </> and </>' to ha'
e been 
previously determined. The eq uations for 
these are 


from which it is evident that linear relations connect 
any three of the four members of the groupd 
J.to::\I o , r/I, I1n:\In, 77n, 


and 


/1-' sin </>' = /1- sin tþ. 


(10) /1-o
o, tl. Pn X ". tn. 
(3) the coefficients being linear functions of the various 


cos tþ=L-(L
+)I77+Xf)R 


Finallv the co-ordinates of any point on the 
refracted ray are of the form 
x' - t _ y' - 77 _ z' - t - ' ( 11 ) 
-I} - -)1' - N' - P , . 


where p' is the distance of the point selected 
from the place of refraction. 
Although the equations as they stand 
provide a complete solution of the problem, 
they are not in the best form for numerical 
calculation since an unnecessary amount of 
work is involved. From (10) and (7) 
cos </>=L-(Lx+::\Iy+Xz-p)R 
=[ {L - (Lx +::\Iy +Xz)R} 2 +2xR 
- (x:! + y2 + z2)R2]i (12) 
by (8), a result more directly obtainable 
from a figure in the form 
::;in2 tþ =(1 - XR)2 + (y2 + z2)RZ 
- {L - (Lx + )Iy + Nz)R} z. (13) 
The use of this equation and the square of 
(3) enables the last of the equal quantities of 
(9) to be calculated on the machine by extract- 
ing two square roots. Of these, that represent- 
ing cos 1> is the square root which appears 
in the final form in equations (8). The 
complete solution thus depends upon these 
two square roots and direct multiplication. 
'Yhen a series of surfaces "ith their ccntl'{'S of 
curyature on the axis of x are substituted for the 
single surfaçe, the values of 
, 77, t for one surface 
may be taken as the x, y, z, with a correction t for 
the x co-ordinate, for the next surface. It is thus 
only necessary to repeat the process described for 
{'ach f'lurface in turn. The problem may, however, 
be much simplified by noting that no attention need 
be paid to the y and z co-ordinates. Suppose that m 
denotes a typical member of a train of refracting 
surfaces nu
bered. from 1 to n. Denote by Km the 
quantity 
(/1-m COS tþ'm-/1-m-l cos tþm)R mþ . (14) 
and let T m be the length of the ray int!ercepted between 
surfaces m and m + 1. A
sume for the moment that 
all the T'S and K's are known. The y and z equations 
in (9) and (ll) take the form 


/1-m::\lm=Pm-l1\Im-l-1]m K m 


nnd 


Tm 
77 m+ I = 77m + pm:\Im- 
pm 
J.tmNm=J.tm-IXm-t- tmKm 
rm'I=(m+,umNm Tm 
.. /1-m 


. (15) 


K's and T'S. The forms of these coefficients may 
easily be found by induction. Construct the 
quantities 
K ('K.,n êKt,n Ô 2K t,n 
I,n, êK l ' ch.--;-' êKl(h 
 


from the equations 
K -K K êKI,m 
I,m - l,m-l + m 
 K 
C m 
êKt,m rKl,tn-l K C 2 Kt,m 
ôK l êKl + m êKtêKm 


I 
," (16) 


ÕKt,m 
cKm 


êKI,m_1 
êKm-l 


Tm-l K 
I,m-l 
/1-m-l 
Tm-I êKt,m-l 
J.Lm-l êK l 


ÔZKt,m ô 2 K I ,m_l 
éKlêKm =ôKlêKm-l 


by putting m in turn equal to J, 2 . . . n. The 
initial values are 


K IOI =K l ; K1,o =0; 




I'
=l . 
cKt ' 


"2 K 


1= 0 
êKll . 


(17) 


Since the equations are linear the quantities thus 
defined by separate symbols justify the differential 
form selE."Cted. which indicates how the four quantities 
to which the equations lead are related to on
 another. 
It is important to note that the four are not in- 
dependent in value. For, on combining the first and 
third of the equations, 

 ( Tm-l 
 ) _ 
 éK hm J 
KI,m= 1- -Km Kl,m_I+Km 
K ' 
/1-m-l C m-J 


and similarly from the sE."Cond and fourth 
êK hm ( Tm-l 
 ) êKI,m-l +K ê2K 
, m_ a_ 

= l--K m 
}- m
 K 
 K ' 
cKI /1-m-l C \..1 C l( m-l 


and therefore on simplification 


cKt,m . ôKt,m _ K _ ê2Kr,tn 
êK J êKm l,mêKlKm 


êK hm - 1 êKt,m-l K ê
KI.m-l · 
êKl . (K m - l - I,m-l éK 1 ê K m-l 


and is therefore independent of the value of m. 
On putting 7n= 1 the left side reduces at once to 
unity and thus the relation 


êKl,n . êK1,n _ K ê 2 K.,n = 1 
êKl êKn I,n (' KlêKn 
connects the four quantities. 
Returning now to equations (15), say the first pair, 
assume that for some value of m it has been sho" n 
that 


. (18) 


and 


êKI,m } - ) 
Pm)Im=/1-o1\Io- 1 ---771 \.I,m 
l \..1 
(\2KI,m ('K 1 . m f ' 
77m= - ,uo
IO 
K 
K +771 
 K 
C I( m (m 


. (19) 
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both of which are evidently true for m = 1. From the 
second of equations (1.3) 


{ (}2KI,m Tm êKI,m } 
':' m+ 1= - ,uo1\'l o ;;O-r
 l - - - - -,c- K - 
()
\..IC "-m ,um ( I 


r ôKI,m Tm '\ 
+1]1) 
 K -;--- -KI,m f 
\. C m ,um 


1 (}2KI,m+1 êK I ,fì1+J 
= - Po
 o '"' K 
 K -;:--+171 '"'K ' 
r IC mtl C m+J 


by (16). Hence also 
1\ , ÔKl,m K (}2KI,mtl } 
Pm+l:Mm+l =,uoJ.f1o l -(}k
+ m+l eK l êKm+l 
{ I T K êKI,m+l } 
-1]I
I,m -+ mtl " K 
( m+1 
êK),m+l I T 
= ,uoMo ---'- K -1]I
IJm+1 
C 1 


by the same equations, thus verifying the accuracy 
of the forms assumed in (19). Evidently another 
relation of the same form holds if Nand f are sub- 
stituted for 1\1 and 1] respectively. The calculation 
of the four quantities thus defined therefore serves 
to determine the direction of the emergent ray, 
since two direction cosines are found, and the position 
of the point in which the ray meets the last surface, 
since this is known from two of the co-ordinates. 
The ray is thus completely determined. 
Before considering how the K's and T'S are to be 
found, it is desirable to note the symmetrical char- 
acter of the K's found from formula (lû). If the ray 
already considered were retraced through the system 
in the reverse direction the individual K's and T'S 
would be unaltered. This is evident as regards 
the latter, since they represent lengths which are 
essentially positive. As regards the former the first 
factor changes sign since the various refracting media 
are encountered in the reverse order; this change of 
sign is compensated by a change in the sign of the 
curvature, for the surface which was before convex 
t') the incident light is now concave, and 'l,'ice versa. 
The individual powers, like the individual T'S, thus 
remain unchanged. It follows that the various 
quantities to be derived on retracing the path of the 
ray will be identical with those already obtained if 
KI,n is symmetrically composed of the component 
K's and T'8 with respect to the two ends. 'Vhen n 
is small it is easy to see that this is the case. For 
instance, if n = 2, 
K) 2=K l +K 2 - 
KIK2 
, /1-1' 


3.nd if n=3, 
r K K K TI K K ( T 1 T2 ) K K 
K 13 = 1+ 2+ 3-- I 2- -+- 1 3 
, U l /J.l ,u2 


7 2 7 1 7 2 
--K 2 K 3 +- -K I K 2 K 3 
#2 PI #2 


when written out in full. To show it in general 
construct the quantities 



K' 
K' 
 
1,71, (1(1' 


êKÞt,n (j2K'I,n 
(K--:-' ê K l íK1I 


by l'E'peated application of 


'\ 
I 
t. 


, -, _ ('K'm,n 
K m,n = K m+l,n + Km
 I - 
( \..m 

 K ' 
 K ' 
o m,n _ C m+l,n 7 m l -, 
-, 1 - 
 l r -- \.. m+l n 
(' \..m C \..m+-l Pm ' 
ÕK'_m. n êK: m+I,n +Km !
K 
:n 
eKn eKn cKm,'Kn 
02K'm,n _ 02K'm+l,n Tm (1(' m+l,n 
êKmêKn èKm+l,êKn - Pm - ê
 ) 


(.20) 


It follows exactly as before, that 


(}K'I,n 
-ð K l 



K' ':I2K' 

-K' u l,n 
êKn l,n ôK1êKn 


1,. (21) 


and that 
M 1\1 CK'I,n I r , 1 
#0 o=#n 71 
 K +1]n\..ln 
en' , 
(}2K'I,n êK'I,n J ' 
1]1 =,un1\In oKIÔKn +1]n (1K l 
as may indeed be inferred by analogy on noting that 
the 1\1's and N's are changed in sign with the reversal 
of the ray, while the 1]'8 and Ç's are unaltered. Now 
eliminate 1]n from (22); thus 
M OK'I,n K ' ' 1 
/J-o 0 aK I -1]1 I,n =Pn...' n 


(22) 


by (21); similarly on eliminating .M n 
02K'I,n êK'I,n 
- /J-o.Mo 
' K 
r + 1]1 "' K ---::-- = 17n, 
o lC
\..n r n 
with similar relations between the N's and rs. 
Comparison of these relations with (19) shows that 
Kl,n and K'I,n are identical. 
It still remains to find the individual K's 
and T'S so that four co-ordinates sufficient to 
determine the final ray can be found from 
(19) and the corresponding equations ,,,ith N 
and r substituted for :\1 and 1]. Formulae for 
this purpose may be arranged in many different 
forms, each of which has its own special 
advantage. In general the simplest forms for 
the purposes of numerical work are open to 
the objection that they assume indeterminate 
forms for flat surfaces and cause loss of 
accuracy for surfaces of slight curvature. 
On the other hand, forms may readily be found 
of universal applicability which involve no 
loss of accuracy, but they require a slight 
extension in the number of operations at each 
surface. 
It is not pORsibJe in the space available for this 
article to discuss thoroughly any of these forms, 
but since accuracy is usually more important than 
brevity one of the many possible arrangements of 
the second class may be noted. Let the square 
of the distance of the point of refraction from the 
vertex of the surface be denoted by 2X, and the 
lengths intercepted on the incident and refracted 
rays between the feet of perpendiculars to them from 
the vertex and the point of refraction be respectively 
p and p'. X is invariant on refraction, and by (C) 
t = XU, 
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and therefore from (9) p and p' are connected Ly the 
relation 


from the surfaces 
so that their co- 


JLÞp' = JLP - X K, 


. (
3) 


while' the inclination of the ray to the aÀis after 
refraction takes the form 


L' =cos ø' +p'R. . (24) 
It is at once evident that to complete the system for 
tracing rays it is only lleceß:3ary to derive equations 
giving the values of X, p, and cos 1> for the next 
surface. Equation (12) gives 
sin21>m+l=(1+tmRml-l)2- {Lm(l +t m R m+l) 
- p' 7ßRm+l} 2 - 2XmQmRmR2m+I, (23) 
a result easily derived directly from a figure. Since 
amRmRm H = Rm - Rm+1 +tmRmRm+l, 
every term in the equation is always finite, and 
cos cþm+l, cos 1>' m+l, and Km+1 are derived in the 
usual way after the extraction of two square roots. 
From equation (8) the value of Tm is found- 
tm(2+tmRm+I)-,2 X m'lmRmRm+l . (2ü) 
Tm Lm(l+tmRm+I)-P mRm+t+cos Øm+l 


and other obvious relations are 
Pm+1 =p'm +Tm- ImLm,. (27) 
Xm+I(2+t m R m + 1 )=Xm(2- tmRm) +T,ß(Pmt-l +p'm). 
(28) 

 (3) ADVANTAGES OF THE ::\IETHoD.-The 
whole process, though quite straightforward, 
is somewhat tedious, but experience shows 
that in this respect it is in no way inferior 
to the logarithmic method generally used in 
the past, for the references to tables which 
that system involves, and '" hich take up a 
large part of the total time, are completely 
avoided. The advantages of the algebraIc 
method do not, however, end here, for the 
results not only give the point of intersection 
of the emergent ray with the assumed image 
surface, but it is seen at once whether tht} 
whole of the imagè in the neighbourhood of 
the point to which the rays relate is free from 
defects. In the most usual case both object 
and image surfaces are required to be planes 
norm&,l to the axis. If aberrations are absent 
in the image of the point from- which the rays 
considered have been traced, the condition 
for freedom in the neighbouring portion of 
the image plane is that the values of KI,n 
for all these rays shall be identical. Further 
important info;mation is derivable from the 
way in which the value of 1(1,n depends 
upon the position of the object point from 
which the ray has been traced. 
The significance of KI,n and the derived 
quantities is made clear by considering the 
co-ordinates of points on the ray in the 
object and image spaces at selected distances 
(measured along the ray) from the first and 
last surfaces. Let these distances measured 


in the positive direction 
be denoted by p and p', 
ordinates satisfy 
Y = '171 + ::\Iop, 
Z=tl +XoP, 


y' = '17n + 1InP', 
z' = tn +XnP', 


and therefore by (19) 
, ( P' K êKI,n ) 
y + y JLn I,n - oKn 
I f!.. i K _ P- fKhn 
o lJLo . J.Ln I n JLo CKn 
+É- êK
,n _ 
02
l'
 } 
P.n êKI cK,cKn 


= J.Lo:\I 


_ JLo
lo { ( f!.. K 

I,n ) ( LK _ o KI,n ) + 11. 
- K I,n + ,.. êK I,n -. K J 
I,n JLo I J.Ln C n 
(29) 
by (18). A similar relation holds ü z and 
 
are substituted for y and 
I. Xow considera- 
tions of symmetry show that we should expect 
to find the image point in the same axial 
plane as the object point, or 
y' z' 
-=- =G, say. 
Y z 
 
If the image is plane and free from aberrations 
G is obviously its linear magnification com- 
pared \\ith the object, and will be positive ü 
the image is upright, negative if the image is 
inverted. 'Yithout assuming that aberrations 
are absent we may conveniently regard G 
as a magnification associated for a gi\?en 
object point with this particular ray. 

 (4) CO:NJUGATE POINTs.-Equation (29) 
shows that if by conjugate points we mean a 
pair of points on the ray, one in the .obje
t 
space and one in the image space, whICh lie 
in the same axial plane, their distances from 
the end surfaces are connected by the relation 
1- i K _ -E- êK_I.n +É- a

,n _ (J

I'
 - 0 
JLo . JLn I,n JLo êKn JLn cKI thlCKn 
(30) 


and that in terms of the magnification G, 
_ P K _ êKI,n _ 
 I 
- I,n - 
 K G 
JLo C I . 
p' K - êK
 _G 

 I,n- oKn 
Particular instances of these results of great 
importance in the theory of optical instruments 
are that the image of the first surface of the 
instrument is within the image space at a 
distance 


(31) 


?
'l{I,n / êKl,n 
J1n?K
c K-: (1K 1 
from the last surface, and that for light 
tra veIling in the rever::;e direction the image 
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of the nth surface is in the first medium at a 
distance 


Ô 2 KI,n / ('K I . n 
,uO èKl(JK 
, oKn 
from the first surface. Again, if the ray 
traced is a member of a pencil which is refracted 
telescopically, so that KI,n =0, the magnifica- 
tion is independent of the distance of the 
object if this is finite, and is equal to OKhn/oKn, 
or l/(éKl,n/ôKl)' It is important, however, to 
note from (30) that the fact of a systpm being 
telescopic does not mean that the image of 
an object at a finite distance is not itself 
at a finite distance. On the contrary, the 
peculiarity of the telescope is that it .is o
ly 
objects which are themselves at lnfimty 
which have an image at an infinite distance 
from the instrument. 
Conjugate points have so far been defined 
as the points in which a skew ray meets an 
axial plane. It is important to extend t.he 
definition in such a way as to have a defimte 
meaning when the ray lies entirely in a plane. 
Equation (30) would serve as a basis for this 
purpose, for this equation remains determinate 
whether the ray lies in a plane or not. An 
alternative definition of importance which is 
consistent with this is obtained by eliminating 

 o K / :'\K and î,K I / 2K n from (31) by means 
1011. u 1 ,n 
of (19) and (22). Thus 


,uo1\I o - G,u,n1\In = GyKl,n =y'K1,n ) 
,u,oN o - G,u.nN n =GzK1,n =z'K1,nf' 
or eliminating G, 
K - ,u,ol\I o _ ,u,n1\I n = ,u,oN 0 _ 
nMn (33) 
l,n - y' y z' z' 
If a ray lies very nearly in an axial plane, say 
the plane z =0, all the N's and ç's will be small 
quantities of the first order, and K will differ 
from the value for a ray actually in this plane 
by a second order quantity. It follows that 
the conjugate points for a ray in a plane 
are the points of intersection of the ray with 
the focal line which lies in the axial plane when 
the image is not free from aberration. 

 (5) PARAXIAL RAYS AND COLLINEAR 
IMAGEs.-An example of the first importance 
of the application of the above formulae is for 
rays which meet each surface near its vertex 
and which always make small anp-Ies with the 
axis. In such cases, if second order quantities 
are neglected, every cos tþ and cos tþ' may be 
replaced by unity and every T reduces to t, the 
axial thickness. It is convenient to denote the 
special value of the K in this instance by K, 
so that 


Km = (,u,m - JLm-! )R m , 


and the four fundamental Gaussian constants 
of the system are derived by applyin
 equations 
modelled on (16) or (20). The quantity K!,n 


is called the power of the system, and its 
simplest interpretation is expressed in terms 
of the change of curvature an incident 
paraxial wave front undergoes on traversing 
the sy
tem. 
Since Kl,n is invariable for all paraxial rays, 
whether skew or plane, it follows that the 
image of any plane object normal to the 
axis formed by such rays itself lies in a plane 
normal to the axis, and since all these rays 
enter and leave the system at points indistin. 
guishable from points in the tangent planes to 
the first and last surface8 at their vertices, 
there will be no aberrations in the images 
formed by the rays, and the image will be 
identical .with that which would result from 
collinear theories of imagery. This result, 
however, cannot in general hold for non- 
paraxial rays. ]'or suppose there is no aberra- 
tion over the whole plane image of a plane 
object when the magnification is G. By 
analogy with (31) the object and image planes 
for paraxial rays for magnification G' will be 
displaced along the axis by 
,u,o (1/G'-1/G) and ,u,n G - G ' 
Kl,n Kl,n 


(32) 


from those for magnification G. p', at onee 
follows from (31) that if Lo and Ln are the 
cosines of the inclination of the ray to the axis 
before and after refraction the magnification 
for the point in which this general ray meets 
the new object plane is G", where 
( 
,, -
) K

-= (6' -
) LO
I,n ' 
and its conjugate point is not in the new 
image plane for paraxial rays, but at a perpen- 
dicular distance from it equal to 
,un(G - G') {G( LnKl,n - K1,n) +G'(LoKl ,n - K1,n)} 
Kl,n {G1C 1,n + G- ' (LoKl,n - K 
n)} . 
The conjugate point will therefore only coincide 
with the co1linear image point if 


Lo =Ln = Rl,n , 
Kl,n 


(35) 


(34) 


a relation which cannot hold for wide pencils 
of rays. It follows that collinear imagery 
in general is impossible, but that where an 
approach to it is of importance, as in photo- 
graphic objectives, the most satisfactory results 
will be obtained by so arranging the stops that 
rays shall, as far as possible, lie after refraction 
parallel to their incident directions, or, in other 
words, the centres of the stops should lie close 
to the nodal points. 
The impossibility of collinear imagery is 
seen more readily from (31) if the result given 
earlier but not yet proved is assumed, that 
K I ," mu
t have a constant value for rays 
pa'3sing through any given point of the aberra- 
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tionless p
ane image. These eq nations at 
once show that the conjugate puints for some 
other value of the magnification lie on the 
surfares of spherical shells with the points 
in this plane as centres. The confused 
character of the image elsewhere is at once 
apparent on considering the aggregate of these 
surfaces. Evidently the more unequal the 
inclinations of the rays to the axis before and 
after refraction the more complete is the 
confusion out of the proper image plane for 
,....hich the system is corrected, and hence 
follows the supreme importance öf exact 
focussing 
ith microscope objectives of large 
numerical aperture. 

 (6) PR
CIPLES OF bIAGE CORRECTIOX.- 
Equations (31) and (35) show that it is to 
be expected that KI.n, while agreeing in sign 
with K1,n' should be numerically smaller in the 
case of all rays concerned "ith images in the 
outer parts of the field of view. On the other 
hand, for a. single surface at which the devia- 
tion is ô equations (9) give 
( K ) 2 _ 1 2p.p.'(1-cos ô) 
- - + , 
K (p.' - p.)2 
80 that at every surface K tends to be greater 
than K, which is its minimum value in refrac- 
tion. This natural tendency to bad correction 
is accentuated where T tends to be smaller 
than t, as in a simple con,-erging lens. It 
can evidently be corrected in two ways: 
either there must be in the system some 
surfaces having powers differing in sign from 
that of the complete system, and at which the 
incidence of the marginal and oblique rays 
tends to be greater than in the case of surfaces 
of like power to that of the entire system, or, 
alternatively, the system may be constructed 
of separated lenses so arranged that the T'S 
for the marginal and oblique rays exceed the 
corresponding fs to an extent which more 
than compensates for the increased values of 
the K's due to the oblique incidence. As a 
rule where the principle of separation is 
employed the alternative principle is intro- 
duced as well. These two princi pIes will 
provide a key to the design of many optical 
systems. 

 (7) THIX LE
SES.-It will not be possible 
here to attempt any detailed discussion of the 
general problem of lens design, but on account 
of its importance in physical instruments 
some consideration will be given to the theory 
of "thin" lenses and the application of the 
results to lenses which it is possible to construct 
and which may be called " close" lenses, from 
the consideration that while their thicknessps 
are not negligihle, yet they are kept as small as 
the attainment of the required aperture and 
power will allow, some margin being allowed 
in addition to secure the minimum substance 
necess9.ry both for strength in use and for the 


rigidity in working on which the attainment of 
surfaces of good figure depends. 
Consider, in the first place, a single len'3 of 
material of refractive indeÀ p. immersed in 
air. Suppose that the axial thickness is 
small, though not necessarily zero. The 
curvature'3 of the surfaces are Rl and R 2 . 
For convenience write 
 for IIp.. Then if p 
and p' are the distances from the two surfaces 
of the conjugate points for which G = 1, 
equations (31) give 


pK 1 ,2=1;JTK 2 , P K 1 ,2= -1;JTK 1 , 


and similar formulae apply to paraxial rays 
with K and t substituted for K and T. If T 
is not large, and the inclination of the ray to 
the axis is small, the distance of the ray from 
the axis will be approximately equal at the 
intersections wi.th the surfaces of the lens 
and at the unit points as defined above. 
Denote the sq uare of this distance by 2X. 
Then these points ,"ill lie on spheres of curva- 
tures (T and (T' through the axial unit points, 
where - 
R 1;JTK2 1;JtK 2 
X l+
=-+Xt1, 
1,2 Kl,2 


and 


R wTKt wtK l , 
X 2-- = - - +xu ; 
K1,z Kl,Z 


also 


XRl +T=t+XRz, 


and therefore, neglecting to this approximation 
the differences between the K's and K'S as 
well as the squares of t and T, 
u - (T' =(Rl - Ra)(l- w), 


= W"IJ2, 


(36) 


if the thickness is neglec1 ed. 
The unit surfaces therefore cannot both be 
planes in a thin lens. It should be noted 
that their relative curvature has the opposite 
sign to that of wave surfaces refracted par- 
axially, for the curvature of the refracted 
wave exceeds that of the incident wave by 
K 1 . 2 . Thus the statement sometimes made 
that a wave front, which at some instant 
coincides "ith some object surface "ill at 
some subsequent instant after refraction 
coincide with the corresponding image surface 
is incorrect. On the simplest general grounds, 
the idea that the time taken to form the image 
of, say, a plane surface is independent of the 
part of the image considered is evidently 

ithout foundation. 
From (31) it is easily seen that if the suffixes 
1 and 2 are used to denote two different pairs 
of conjugate points on a ray 
p/ -P./ _ PI - P2 G G 
- - I 2' 
P.n J.Lo 
It follows that the magnification in the 
I immediate neighbourhood of these surfaces 
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is unity in all directions, and that the curvature 
of any object near the first surface exceeub 
that of the image by the constant amount 


WKI,2' 
It remains to be seen how the exact value 
of the curvatures of these unit surfaces depends 
on the shape of the lens itself. :From sym- 
metry the curvatures will become equal and 
opposite in sign when the same is true of the 
refracting surfaces of the lens. On adding 
and simplifying, the equations giving (j and 
(j' lead to 


(j + (j' = (RI + R 2 )(1 + üJ), 
so that the increment of the curvature of each 
surface of the lens by a given amount increase
 
the curvature of each unit surface by (1 + üJ) 
times that amount. If the lens is thin and 
the curvature of each surface exceeds that of 
the equiconvex form by SK 1 ,2 the curvatures 
of the unit surfaces are 


HW +8(1 + üJ)} KI,2 and {-!w +8(1 + üJ)} KI,2 
respectively. These results can be readily 
derived from the consideration of a positive 
lens of small thickness the surfaces of which 
intersect \"vhen the aperture is small, if it is 
assumed thât unit surfaces exist, that they 
are spherical and pass through the axial unit 
points and the circle in which the lens surfaces 
meet. It is evident from (31) and (32) that 
the shape of the unit surfaces, and hence the 
shape of the lens, affords means of altering 
the relation between 1\1 0 and 1\:1 2 or' No and N 2 
while maintaining a constant value for the 
paraxial power. 
The conclusion that the unit surfaces are 
not planes prompts the inquiry whether a 
similar conclusion is true for images remote 
from the lens. The investigation is made 
most simply by considering a lens of zero 
thickness, and regarding the rays which are 
refracted at the common vertex of the 
surfaces. At the first surface 
cos cþl = 1- H
Io2 + N o 2), 
cos 4>/ = 1 - 2 1 (Mo2 + N o 2) approximately, 
f.L2 
and thereforð 


( r.r If 
KI = KI II + 2 (l\.L o 2 + N o 2) + 


. . . }. 


Similarly at the second surface 
K 2 =K2 ( 1 + ;C\Tl +N 2 2) + 



 
. J' 


but since refraction is at this point through a 
thin parallel film l\I 2 = 11 0 , N 2 = No' Thus for 
the' lens as a whole 


K 1 ,2 = K 1 ,2{ 1 +.
(l\102 +N o 2} + 


.}, (37) 


and for magnification G the object surfëwe in 
the neighbourhood ùf the axis is a sphere of 
curvature 


(1 + üJ)K 1 ,2 
1 - IjG ' 


and the image surface a s}Jhere of curvature 


(1 + r.r)K 1 ,2 
I-G 


The curvature of the object surface thus 
exceeds that of the image surface by the 
constant amount 
(1 + üJ)l\ú!, 
a result which It is easy to extend to the 
image of any spherical object since (30) takes 
the form 


-.!-
-K 
p' p - . 


(38) 


It will be borne in mind that in this discussion 
we have interpreted the "image" as the 
intersection of the ray with the focal line 
contained in an axial plane. It will be 
necessary later to consider the surfaces in 
which the focal line normal to an axial plane 
meets the ray, and the corresponding results 
will be found to differ from those derived 
above only in the numerical coefficients to be 
assigned to the characteristic terms. 
It is desirable to extend these results to a system 
consisting of any number of thin lenses in contact 
with one another on the aÀis. For an oblique ray 
refracted through the system at the common vertex 
equations such as (37) and (38) apply to each 
individual lens, and since the K's are directly 
additive the above results may be at once applied 
to the complete system by su bstituting 
(1 +wI,n)K.,n 


for the special case with n=2, (.)I,n being defined Ly 


r.:r1,nKJ n=
wmKm,m+l, 


. (39) 


where the summation includes each thin lens of the 
system. 
The results first estalJIished relating to the shape 
of the unit Rurfaces may now be extended. It is 
not permissible, without further examination, to infer 
that the üJ appearing in the expressions for the 
curvatures of these surfaces in the case of a single 
lens may be generalised for a group of lenf'lcs according 
to the law expressed by (39). The axial thickness 
will be taken as zero, and the values of the T'S for a 
non-paraxial ray sufficiently small for the product 
of any two or more T'S to be negligible. The assump- 
tion that we are treating rays which traverse the 
system approximately at a constant <listanc(> from 
the axis gives 


ím=X(R m + l - R m ), 
and if the c'íternal media are of unit refractive index 


XCT=XRI +p, 
X CJ ' =XRn +p'. 
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To the a?proximation here required 
êKI,n 1 .... 
éKl = - -{;:rmTm"m .\...I,n. 


êK hn 1 .... .. 
-
 K = - _wmTmKI,m, 
C n 


KI,n = K I,n, 


and therefore 
0-=R 1 + --.!..- 
GJ'm(Rm+l- R m)Km+l,n ) 
"1, n . 
1 
0-' =Rn - - 
Wm(Rm+l - Rm)Kl,m 
KJ,n 


where the summations extend over the internal 
media, i.e. from m = 1 to ?n = n - 1. Considering 
fu-st the curvature difference 


0-- 0-' =R I - Rn +
liJm(Rm+l- Rm) 


n 
= 
Rm(liJm_l- (i)m) 
1 


11 
>=
Kmz;jm_i1':Jm 
1 


= {;:r l,nKI,n, 


. (41) 


by (39) since we are regarding, as we may do without 
any loss of generality, that every alternate medium 
Ü:I that in which the whole system of thin lenses is 
immersed, and thus has its {;:r equal to unity. 
By addition (40) gives 
0-+0-' =Rl +Rn 
--

wm(Rm+l- Rm)(KJ,m - Km+J,n)' 
KJ,n 


It is com"enient to group together the curvatures in 
pairs, taking together each odd In \\ith the next 
hiuher even inteuer. Each w of even suffix is unity. 
The equation th:n reduce.s immediately to 
(o-+o-'}KJ,n = 
(Rm + Rm+J)"m.m+J(1 + {;:rm) 
+ 
wmKm,m+J(KI,m-l- "m+2,n), 


where the summation is taken for all the individual 
lense"" In having all odd values from 1 to n - 1 
inclusive. Since 0- and 0-' have the dimensions of a 
curvature, we may \\rite 


0-+0-' =ßK 1 ,n, 


. (4
) 


where p is a pure number, and if we take Sm as the 
deformation of the typical lens from its symmetrical 
form we find, \\ ith a slight alteration in the notation, 
ßKll,n=

Sm(l +liJm)K m ' 
+
wmKm(Kl,m - Km,n), (43) 
where now Km is the power of a complete component 
lens, and not of a single surface. 
If the curvature of every surface in the system is 
increased by the same amount SK 1 ,n, it is e.ident that 
p 1'3 increased by 



S( 1 + w J,n), 


a result in complete accordance "ith that found for 
a 8ingle lens. It is not difficult to establish the 


(40) 


generalised results (41), (4:!) from those for the single 
lens in their general form by so bending the system 
as a \\ hole that the corre
ponding unit surfaces of 
the component.s ha.e the same cur.ature while the 
required difference of cur.ature in the boundaries of 
the air lens is main tained. 
It would be quite possible to take as the standard 
form for reference in this compound system that 
configuration in \\ hich the curvatures of the unit 
surfaces are equal and opposite, but it is found more 
convenient to adopt the form determined by the 
condition 


ßKJ ',n = 
:)m'im I, 


. (45) 


(44) 


for reasons which \\ ill shortly be apparent. In the 
lens combinations found in actual instruments the 
values of ß determined by this condition are invariably 
small. 
The fact that the curvatures of the unit 
surfaces have been found in a form "hich 
only involves the powers for paraxial rays 
sho" s that the results obtained apply for all 
rays, whether skew or otherwise, which 
satisfy the assumptions made in this investiga- 
tion. In particular no distinction need be 
drawn between the two focal Jines, the results 
thus diffpring markedly from those which hold 
for the images of objects at some distance 
from the lens. The unit surfaces in the 
neighbourhood of the axis of a thin lens 
are entirely free from astigmatism, and 
indeed it is this fact which makes the pres- 
ence of astigmatism elsewhere unavoidable. 
It appears necessary for astigmatism to be 
present throughout the field of such systems 
as are of practical importance. "ith thp 
possible exception of limited regions, and to 
obtain freedom from astigmatism "here it 
is required, as in photographic lenses, it is 
necessary to introduce it in the neighbourhood 
of the lenses themselves. It is for this reason 
that in systems where the correction of astig- 
matism is desired a number of lenses well 
separated from one another are employed. 
Such systems tend to be the reverse of compact, 
and m
ch skill is called for in comhining to as 
great an extent as is possible the contradictory 
requirements of a compact lens and a field 
corrected for astigmatism. 

 (8) THI5 LE:XSEs-DETAn.ED CO:XSIDERA- 
Tlox.-Having now located the unit surfaces 
for any thin system it is next necessary to 
consider how K J . n varies not merely "ith the 
obliquity of the ray but also "ith the distance 
of its point of incidence from the axis. Ap- 
proximate values of the T'S are known, and it 
has been shown that the difference betwpen 
the K for any surface and the corresponding 
K depends upon 1 - cos ô, "here ô is the devia- 
tion at this surface. It is important that all 
the new terms should be expresspd in terms 
of the e
.ternal independent variables, and 
equations (19) and (22) "ill first be- trans- 
formed to express the direction and position 
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of the ray at an intermediate stage of its 
passage through the system in terms of its 
initial and final co-ordinates. Let 1] and t 
without any suffix indicate the co-ordinates 
derived from (31) by putting G = 1. Then 1] 
and t may rehte at will to either the object 
or the image space. Equations (32) give 


1J K I,n = IL o l\1 0 - ILn1\ I n \. (46) 
tKI,n=ILoNo-lLnNn J' . 


Equations of the form of (19) and (22) pro- 
vÏlle independent sets of equations for any of 
the intermediate quantities, and on simplify- 
ing by using well-known relations there result 
the relations 
IL
"MmKI,n = ILol\:oKm+l,n + ILnl\I:KI,m ì ,.. 
K 1\ 1 cKm,n 1\1 CKI,m J -' (4/) 
1]m I,n = ILo:..t 0 êK
 - ILn n aKm 


with similar equations for 
m and !tn' 
For the special case of a thin system it is con- 
venient to rearrange these equations, substituting 
K'S for K's in the form 


2ILml\Im = .uol\I o + ILnl\l n -1](K I ,m - "m+l,n), 
so that 


ILm - ILm-l [ 
2P 1 m - M m _ l ) - (ILol\Io + ILnMn) 
ILmILm -I 
+1] {KI,m - Km,n - Rm(ILm +ILm-I)}] 


and therefore 


Km =Km + 8 Km [(,uoMo + ILnl\In) 2 + (ILoN o +ILnNn)2 
,um,um-I 


- 2 {(ILoM o +,unl\In)1] + (ILoN o +ILnNn)t}, 
X {KI,m - Km,n - Rm(ILm +ILm-l>} 
+(1]2 + t 2 ) (Kl,m - Km,n - Rm(,um +,um-I)}2J. 


Now introduce the conditions that the external 
media are of unit refractive index, and suppose also 
that the same is true of the media m-I and m+l. 
Then after slight simplification 
Km+Km+1 = Km,m+1 
+ 
 :(:\1 0 + 1\1n)2 +(
o +N n )2} {;JmKm,m+1 
+!{(Mo+
ln)1]+(No+NnH'} :(Rm+Rm+I)(J +wm) 


- (KI,m-1 - K m + 2 ,n){;Jm} "m,m+1 
+1(1]2+ t2){4Rm2Km +4Rm2+IKm+1 
- 2(R m +Rm+I)(KI,m-1 - Km+2,n)(1 + {;Jm)Km,m+1 
+2(Rm - R m + I )(1 + {;Jm)KmKm+1 


+(KI,m-J - Km+2,n) 2w m K m,m+J 
+wm(Km 2 +Km 2 -t J)Km,m+I}. 


The simplification of the last term will not yield the 
correct coefficient for (1J 2 + t 2 ) on summing up for 
the component lenses, for KI,n is less than 
Km 
by the amount 


.....Tm 

-KI mKm + 1 n 
ILm' , , 


and the terms in thi.::l sum which involve Rm and 
Hm+1 arc 
!(1]2 + t2)[RmKI,m_IKm,n 
+(Rm+t- Rm)wmKI:mKm+l,n - Rm+IKt,m+tll.m+2,n] 
=k(1]11 +t 2 )[(R m - Rm+l)(I- {;Jm)Kt 2 ,n 


- Rm(KI,m_t - Km,n)2 
- (Rm+t - Rm)wm(Kt,m - Km+bn)2 
+Rm+t(Kt,m+t - Km+2,n)2J 
=1(1]1 +tl)[Wm {Kt 2 ,n - (Kt,m-I - K m + 2 ,n)2} 
+2(Rm+ R m+t)(l +{;Jm)(KJ,m_t - Kmt2,n) 
- (Rm - Rm+t)Km.m+1 
+(1- wm)(Rm +H m + J )2]K m ,m H' 


On taking these terms into accour
t, it is found that 
KI,n =KI,n +1 {(Mo +1\I n ) 2 +(N o +Nn)lI} {;JI,n"l,n, 
+! H1\I o +1\I n )1] +(N o + Nn)ç} ßKI2,n, 
+i(1]I+t 2 )(')'- {;JI,n -1)"t 3 ,n, . . (48) 
where, since 


KI3.n.=
Km3 +3
(Kt,m - Km,n)2Km, 


')'KI3,n = 
{ ( 1 
:m ) II +4(1 +2wm)Sm2Km2 
- 8(1 + {;Jm)SmKm(KI,m - Km.n) 
+(3 + 2wm)(KI,m - Km,n)2 J Km, (49) 


and each Know relate.s to a separate thin lens. 
'Vhen the curvature of every surface in 
the system is incrfmsed bv the same amount 
SK t . n , 
 {;Jt,n remains const
nt, and the change 
in ß has already been considered. The increase 
in 'YKI3.n is, by (49), 
1s;aKI2,n
(1 +2wm)Km 
+ 8SKI,n
 {(I + 2Wm)SmKm2 
- (I + {;Jm)(Kt,m - Km,n)l\m} 


or 


4(1 + 2Wt,n)S2Kt3,n + 8(ßKt2,n - 
SmKm2)Sl\t,n, 
and the meaning of the selection of condition 
(45) for the determination of the standard 
form is that we are choosing the configuration 
for which 'Y is a minimum. Any general 
curvature change from this form alters ß 
according to a linear and ')' according to a 
parabolic law. 
It is easy to discover a meaning for the new 
quantity 'Y. Consider a bea.m of light arising 
from a point on the axis placed to give an 
inverted image of a small transverse object 
equal to the object itself for paraxial rays. 
To the approximation here required the re- 
fracted ray lies in the direction determined by 
:Mo+l\I,,=No+Nn=O. Let A (Fig: 4) be the 
object point, B its paraxial image, and B' the 
point in which a non-paraxial ray meets the 
axis. Let this ray meet the unit surfaces 
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whose vertices are at C, C' in the points P, P' 
and the spheres through C and C' with centres 


p' , 
, 
A B 
/ / 1"", 
-MK q (j 3'tK 


}'1G.4. 


A and B in Q and Q'. Then Q, P, P', Q' lie 
on spheres of curvatures 


- !K I,n, q ,q',!K I,n, 


so that 


QP= !(!KJ,n + q)(1l + tz), 
P'Q' = !(!KI,n - q')(1]2 + t 2 ), 


and 


1 1 1 1 
AP + P'B = (2/ <<I,n'- + 
P + (2/KI,n) + P'QÞ 


= KI,n - !(Kt.n + q - q')K l z ,n(1]z + 
Z) 


=Y.,.,n - !(1 + WI,n)<<13,n(1}2+
) by (41); 
or, on comparison ",ith (48), 
l.B'BII. 2 - 1 _ 1 _ 11 ')1Z + ]-'l ) "V K 3 
4 t ,n - P'BÞ 1" B - 8\'1 
 I I ,n. 


sho"\\ing that ì' is a numerical measure of the 
spherical aberration for the magnification - 1. 
"
hen 'Y is positive the axial intersection 
point B' is displaced towards the lens from 
the paraxial position B, and the aberration is 
cûnventionally described as positive or under- 
corrected. 
If "Y=O the axial aberration is removed for 
this image point, and K falls as the aperture 
increases. The apparent contradiction between 
this result and that given in 
 (3), to the 
effect that K should be constant for all rays 
from a given object point, is due to the im- 
possibility \,ith a thin lens svstem of achiev- 
ing an aberrationless plane image of a plane 
object. 
Since the variation of the power and the 
shapes of the unit surfaces have been expressed 
in terms of three quantities-w, ß, -y-these 
suffice to determine completely to this order 
of 
ccuracy the properties of the system for all 
object positions. The calculation of anY thin 
system therefore re,;olves itself into the pr
blem 
of securing for these quantities arbitrarily 
assigned values, and it is important to kno
' 
\\ hat values must be adopted tû attain the 

ffects required. A slight generalisation of the 
mvest.igation into the meaning of "Y "ill suffice 
for thlq purpose. lf the object and image sur- 
faces for magnification G are considered and it 
is assumed that these have uniform cur
atures 
8 and 8', the length of the ra v between the 
unit surface at !(1]2 + t 2 )o-, 1], ta
d the object at 
(1/G -1)/K +!(y'2+ Z '2)8/G2, y'/G, z'/G being p 


and the corresponding image length between 
!(1]2+ t 2 )o-', 1], t and (I-G)/K+
(y'2+zÞ2).CJ', 
y', z' being p', it is readily seen that 


1 1 
,--=K 
P P 
I(J 
- 2(1'- GrJ to- Gz - q' +K(1 +G +G2)} (1]2 + t
) 
- 2K(1 +G)(1]Y' + Sz') + (K - 8 +8')(y'Z +z'Z)]. 
Also from (32) and (46) 

r + M = 2y' -1](1 + G ) K 
..LcJ l:n I-G · 


with a similar equation for the :X's, and the 
substitution of these values in (48), on replacing 
the K's by their approximate K values, yields 

 K 3 [ 4w 
K=<<+- _(y'z+z'Z) 
8 (1 -G)2 
+ 1 
 G (ß - w 
 
 g ) (1]Y' + !zÞ) 
+ {1'- w-I-2ß 
 
g +w ( 
 
g ) Z}(1]Z + 
)J' 
The relation (38) then gives, as the necessary 
conditions for an extended object-image rela- 
tion between the spherical object and image 
the spherical aberration condition, 


_ 1 + G '> ( 1 + G ) Z _ 
l' 4ß 1 _ G +(3+....w) I-G -0, 


(50) 


a second condition, which "ill subsequently 
be identified with the sine condition, 


ß-(2 +w) 
 
g =O 


(51) 


and the curvature relation 


8-8' - (1 +w)K=O. (52) 
The discrepancy between (41) and (52) should 
be particu!arly noted. The explanation is 
evident if it is noted that, whatever G may be, 
(52) holds if 1] = t= 0, and that it is assumed in 
obtaining this relation that tbe rays involved 
are those which are incapable of predicting 
wbat the curvature of the unit surfaces "ill be. 
lf the value of ß determined by (51) ia 
substituted in (50) it is seen that 
"Y - (5 +2w)( 
 
g ) - =0. . (53) 
Introduce now the special convention as 
regards ß and 'Y that the addition of the 
suffix 0 signifies that the coefficient relates 
to the system in its zero configuration. Then 
if the curvature addition from this form is 
S"I,n 


1'= "Yo +4(1 + 2w)SZ, 
ß=ßo+2(1 +w)S. 
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If in this form ß and )' have thf" values 
required by (51) and (53) the elimination of 
S gives 


( 1 +G ) 2 1 +G 
I-G +2 I _ G (I +2lV)(2 +lV')ßo 
- (1 + 2w )ß02 - (1 + ü:r)2)'0 = 0, 
showing that bending the system as a whole 
will in any given case only yield two object 
positions, other than contact with the lens, 
for which the satisfaction of the sine condition 
is consistent with the removal of spherical 
aberration. 
These two solutions are both imaginary 
unless 


(1 +2lV)(5 + 2 ü:r)ßo 2 + 'Yo 


is positive, and this condition cannot be 
satisfied with most combinations of two 
glasses to form a cemented achromatic doublet. 
Although both these conditions should be 
satisfied in such a system as a telescope 
objective, it frequently happens that the sine 
condition is deliberately ignored because the 
use of other glasses simplifies the construction 
from the manufacturing standpoint, and the 
faults present are not very conspicuous when 
the field of view is small. 

 (9) THE CEl\IENTED DOUBLET. - On ac- 
count of the great importance of lenses of the 
cemented doublet class it is desirable to 
consider them in some detail. 
The powers of the component lenses are 
determined by the assigned focal length or 
power of the combination and the colour 
conditions which are to be satisfied. It is 
therefore assumed that these powers are 
known. 
From equations (43) and (45) it is evident 
that the common curvature addition required 
to attain the standard form is 


- ( - 1 1 2 - ) 
.: (1 + 2wm)SmKm 
+ü:rK1 ( ) " 
- T.1 m K1,m - Km,n I "m, 


where in thf' absence of a suffix I,n is to he 
understood. It at once follows that 


n 
ßo(1 + 2lV)K 2 = 
(lV - T.J m )(2S m Km - KI,m + Km.n)'{m. 
1 


and since the range of indices of available 
glasses is very restricted the first factor on 
the right is normally emall, and ßo is a small 
quantity. The 
mall range in the possible 
values of lV and ßo involves thp conclusion 
that the main problem concerns the attain- 
ment of a suitable value for )'0' either by the 
initial selection of suitable variptips of gla
s 
or by an arbitrary divÜ;;ion of the system. If 
Qm is writtf'n for 2SmKm - KI,m + Km.n' k m for 
(1 + 2W m )Km, and jm for KnJ(I- w m ), and the 
dou ble suffix notation is used to denote 



ummation, the equations for ßo and 'Yo may 
be written 
2ß _I'Ç Q I.... Q 7. 
oK--;(.... mKm-k.... mh.m, 


(54) 


'YoK3 = 
 {jm2Km + Qm2J;m - 2Qm(K 1 ,m - Km,n)Km} 
- 
 {:
:Qmh'm} 2, (55) 
where the suffix I,n is to be understood when 
none is given. It is evident by inspection 
that the equation for ßo is unaffected by making 
any common addition to all the Q's, and the 
same becomes obvious for 'Yo by writing the 
last equation in the form 
'YoK3 = 
 {jm:!Km + }.kzkm(Qz - Qm)2 
+ 2(Qm - Qm+I)K1,mKm+l,n}. 
Now assume for Qm the form 


- Qm=P1,m-I-I>m,n-1 +jl,m-jm,n, 


where Ph P 2 , - . . P n - I are (n-I) unknown 
quantities and the double suffix carries its 
general additive meaning. Substituting for 
the Q's and j's in terms of the S's and ,,-'s 
gi ves 
Km n S K"
+1 
SmKm - 2 (l1m _ 1) = ..L m + m+1Km+1 + 2(
t:-=- 1) 
and 
KI S Kn 
SIK 1 + 2(111 _ 1) + nKn - 2(l1n _ 1) - 0, 
showing that the curvatures of the extreme 
surfaces of the system as given by the Q's are 
equal and opposite, and that Pm is the curva- 
ture difference between the consecutive 
surfaces belonging to lenses m and m+l' For 
a cemented system the P's .will all be zero, 
and 'Yo may b; calculated from 
'YoK3 = 
{jm2Km + 
kzkm(jz,m-l + jZ+I,m)2 
+2(jm +jm+I)K1,mKm+l,n J. 
,V hen the system consists of only two memb('fS 
convenient expressions for numerical use are 


ßOK2/.:= - (lV l -lV2)K1Iíâ, . (36) 
which illustrates the genpral rule that unlike 
lV' and 'Yo' which are unaltered, ßo changes 
sign when the system is reversed, and 
'YoK3 = j l 2 K1 +j22K2 + 2jKIK2 + h'tk2P/k. (57) 
In an achromatic objective one component 
is positive and one npgative, while K, j, k 
agree in sign. Thus only one of the terms 
gives a positive contribution to 'Yo' which has 
a strong tendency to be negative. In this 
respect a doublet is in marked contrast with 
a single ]ens, which necessarily has a positive 
'YI). 'Vhile this difference enables the com- 
bination to be corrected for spherical ahprra- 
tion, it usuaHy prevents the simultanf"ous 
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correction of spherical aberration and the 
sine condition. From the condition obtained 
earlier it is evident that for the 8imultaneous 
correction "Yo when negative must be numeri- 
cally small. It is seen on considering the 
res
lts for a cemented doublet and a single 
lens that the fault lies in too great a difference 
of refractive index between the two glasses 
employed. 
To obtain a general idea of the kind of 
variation of "Yo implied by the above expression, 
assume that the rf'fractive indices of the two 
glasses are given and that the power of the 
cemented combination is unity. Consider 
the change in "Yo as the power of one component 
falls from a large positive to a large negative 
value, and the other consequently rises from 
a large negative to a large positive value. 
Let component 1 have the lower refractive 
index, that is WI> w 2 . At the extremes the 
sign of "Yo is given by the highest power of 
"1 - K 2 and is obtained by writing !("1 - K 2 ) for 
"1' and - H"l - K 2 ) for "2' The result is the 
value 


(K l - K2)3(Wl - w2)(1 + 8WIW:J 
, 
16(1-wl)2(1 - {;J2)2 
sho"ing that "ith powerful lenses of opposite 
signs 'Yo tends to assume a positive value when 
the component with the higher index is of the 
same sign as the combination, and a negative 
value .when the component "ith the same 
sign as the combination has the lower index. 
These extreme values illustrate the general 
tendency of the change in the serieR, and agree 
.with the wen-known construction for telescope 
objectives in which the combination and the 
lens of lower refractive index are posith-e 
or converging, and the system is corrected for 
spherical aberration by bending to an extent 
dependent on the magnitude of the negative 'Yo' 
It must not be thought, however, that the 
variation in "Yo is throughout uniform in 
direction. For taking the series in the 
direction from 'Yo negative to 'Yo positive we 
reach 1(2 =0, 1(1 = 1 before "1 =0, "2 = 1. In 
these cases 'Yo reduces to the single-lens formula 
'Yo=(1-wt 2 , and since 0<{;J<1 and w1>w 2 , 
the value of 'Yo in the earlier case exceeds 
that in the later. There must therefore exist 
within the range positions where 'Yo becomes 
stationary. In the neighbourhood of K2 =0 
equation (57) gives 
1 [ 21\2 ] 
')'0= (1 _ Wl)2 1- 
((;jl - W2) . . . , 
showing that stationary points exist out!"ide 
the region in which both components have 
the same sign. The stationary point near 
thig region for which "Yo is a minimum would 
be of great importance if "Yo reached values 
in the neighbourhood of zero, but this is found 
not to be the case. A typical curve exhibiting 


the variation of 'Yo in the region of practical 
interest is shown for WI = i, {;J2 =.g., corre!"pond- 
ing to P-I = 1.5, P-2 = 1.6 (Fig. 5). The values of 
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"Y/) at the stati()fiary points do not differ much 
from those when one component falls to zero 
power. 
If a number of curves of this kind are con- 
structed, "ith one of the glasses of fixed index 
while the other is variable, it becomes possible 
to exhibit the variation of "Yo for cemented 
doublets, when one independent variable is the 
refractive index that is not fixed, or a con- 
venient function of this index, and the other 
determines the relative magnitude of the 
powers of the hyo component lenses, by draw- 
ing lines on a chart, in which these variables 
are represented by distances measured in perpen- 
dicular directions, through the points which have 
common values of "Yo. The contour map in 
which one of the variables is (1(1 - K 2 ),(1\1 + 1(2) 
is most instructive, but for practical use 
in detailed work it is more convenient to 
substitute log ( - 1\1/K2)' The two maps are of 
course quite dissimilar, and it is not easy 
with the latter variable to trace the effect 
of a continuous variation of one of the com- 
ponent powers from positive through zero 
to negative values. Its special advantage is 
that it enables an important group of problems 
to be solved rapidly by shO\dng which pairs 
of glasses are suitable for the purpose in hand. 
It is supposed that the colour conditions are 
given in a form which fixes the ratio of the 
component powers in terms of the "con- 
stringence" of the glasses, i.e. the coefficient 
v. If, then, two charts are prepared, one 
exhibiting the contour lines for 'Yo' and one 
representing by points the various glasses 
known to be available, both charts ha,.ing 
the refractive index represented on the same 
scale, and the other variable being in the first 
case log ( - Kl/1(2)' and in the oth
r log v1/v2 or 
other appropriate representation of the colour 
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condition required, the best pair of glasses 
can be selected by superposing the two charts 
and moving them in slide-rule fashion over 
ùne another, provided the upper one is drawn 
on transparent material. The accompanying 
figures show such a pair of charts for finding 
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glasses fully corrected for colour. The fixed 
refractive index is 1,62, but the same charts 
may be used for a considerable range of values 
for this index. It will be noted that to secure 
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simultaneous correction for colour, spherical 
aberratíon, and coma in a thin cemented 
objective the precise dense flint selected 1
 
of little importance, but that in the crowns 
the index of the ordinary silicate glasses is too 


Bmall while that of the dense barium crO"ì1S is 
too great. Of intermediate glasses the medium 
barium crowns are suitable, as are also 
the phosphate crm\ì1S introduced in 1886 
at Jena, but since withdra\\ì1 on account of 
their instability, and also the fluor crowns 
introduced in 1913. 

 (10) E-X:TENSION OF THE CEMENTED 
DOUBLETS. - "Then suitable glasses are not 
available to meet the conditions that must 
be satisfied, two courses are open, both of 
which have as their object the securing of an 
additional degree of freedom. One of the3e 
consists in removing the restriction that the 
inner curvatures of the two components are 
to be complementary, so that the lenses may 
be cemented together; the other retains the 
condition that the inner surfaces are to be 
cemented, and secures the required freedom 
by dividing the total power to be con- 
tributed by one of the two glasses into two 
arbitrary parts, the final lens thus consisting 
of the lens of the other glass cemented 
between two lenses of the glass that has 
bændi
&
 
 
Considering first the case in which the 
requirement that there shall be no air-gap is 
abandoned, the value -ÿo for 'Yo when an air- 
gap P is present is given by 
(..yo - 'Yo)K 3 k 1 k 2 k= (2Pk 1 k 2 + h 1 K 2 k + J..'lkâ)2 
- (K 1 K 2 k + klkâ)2. 
In the cases of practical importance k has 
the same sign as K, and lC l and k 2 differ in 
sign. The introduction of the air - gap thus 
gives a limited opportunity of increa::sing 'Yo, 
and offers a theoretically unlimited range of 
smaller values of 'Yo' It is thus obvious that 
when an air-gap may be introduced anyone 
aberration condition can always be satisfied, 
a result which dops not apply to a cemented 
objective of two components, and as a rule 
two conditions can be complied with. The 
problem reduces in all cases to the solution 
of a quadratic equation, since one condition 
gives a linear and the other a quadratic relation 
between the amounts to which the two com- 
ponents must be bent, or, what is equivalent, 
between the bending of the complete lens and 
the air-gap curvature. 
'Vhen one of the lenses is to be divided tÌ1e 
cemented system that is to be determined may 
either be regarded as 
wo achromatic cemented 
lenses cemented together with their like glasses 
in contact, 1 or treated directly as a triple lens 
without air-gaps. If K 1 , K 2 , K; j1' j2' j; k 1 , 
k 2 , k have exactly the same values as they bore 
for the doublet lens, the elements for the 
triple lens may be represented by "1(1 - f)), 
K:/., KIf); j1(l- f)), ,12' j1 Ð ; h' l (1 - f)), ]..'2' k/J, 
and the values of the Q's will be j - j1(J - f)), 


1 See Proc. PlIlIs. Soc. Lond. xxvii. 495. 
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- jl(1 - 20), - j + JIB. The substitution of aberration, and where possible from coma also, 
these values in (54) and (33) leads at once to I for an object at infinity, with 


ßo= ßo(1 - 20) . 


and 


10 - A' = ()'o - A'}(1 - 20)2, 


where 
A K 3 = (KK 1 + jk l )j2 +jIZK 1 + j2 ZK Z + KIKâ 


=PK-jJ2(Wl-W2)(j +j.JWlJ . (60) 
and the coefficients with a bar above relate 
to the triple lens, while those "ithout refer 
to the cemented doublet. It "ill be noted 
that the last three terms in the tÌrst expression 
for A' have been found in e\Taluating "'/0. 
The meaning of A' becomes evident at once 
on putting 0 =!, which gÍ\Tes ;:;0 = A'. Since 
the lens is then quite symmetrical in con- 
struction, and .:ÿo =0 is the condition for 
freedom from spllerical aberration at magni- 
fication - 1, it follows that A' =0 is the 
condition that a parallel beam incident on the 
second component of the doublet with the 
external surface flat should be brought to a 
focus '\\ithout aberration. 
The corresponding result when the second 
component of the doublet is dirided to form 
two external lenses may be written down by 
analogy. If the three components are KlJ, 
"-I' "-2(1- ()) equation (.38) is unaltered, and in 
Uj9) A' must be replaced by A where 
ÅK 3 = (KK2 + jk,Jjl +jl !K 1 + ilK',!. + KIKâ 
= j2K +j.j2(-WI - W2}(j +jl)"':iJZ, 
and represents the spherical aberration for an 
object at infinity when the light is incident on 
the cemented doublet 1, 2 with the first 
surface plane. 
It is evident that a triple lens may have 
any value of "Yo on the same side of A' or \, 
as the case may be, a'S the "Yo of the cemented 
doublet. As a rule it will be possible to 
satisfy two conditions, and four solutions will 
in general be fOlmd for any given problem, 
t"o of which have external lenses of one glass, 
and two of the other. 
These results may readily be generalised to 
yif'ld simple equations for the solution of any 
problem \\ith two given glasses when the lens 
is to consist of any number of thin com- 
ponents cemented together, the two glasses 
occurring al t ernately.1 In all cases a solution 
may be ohtained by solving a quadratic 
equation. 

 (11) A TELESCOPE OBJECTIVF FREE FRO)I 
SPHERICAL ÅBERRA TIO
 AXD CO)IA. - As 
examples of the application of the foregf1ing 
expre
slOns let it be required to find the 
curvatures for lenses free from spherical 


1 See Proc. P}1YS. Soc. Lond. xxx. 31. 


l.38) 
(59) 


}.I.1=1.5, J1.',!.=1.6, 
Then 


KI = 3, 


K --') 
2- -. 


WI=i, W2=-
' jl=9, j..!.= _J:)\ k 1 =7, k 2 = --t. 
For a cemented dou blet 


w=3x!-2xj-=1, 
ßo = i x J:l x :l:r x 3 x 2 = .H, 
"Yo = 243 - .!l

 -44 - 8
 
= - 271!, 
illustrating the sma]] value of ß o Rnd the 
tendency to negati\e values of "Yo' In the 
standard form the curratures of the end 
surfaces are 


i:!(j - K) - 2
 
Qmkm' 


or 


+4_19 
- "S" "3"1\7 


or .ltí and -l8- respectively. The equation 
for S, the curvature addition required to give 
freedom from spherical aberration, is 
- 27!
 + 108: - 

 -148 +3 +i=O, 
which has the two solutions 


s=! +
 v4f. 
1 U - 30 
The first solution corresponds to the "ell- 
known form in which the curvature of the 
last surface is sma]]. \Yhen the lens is 
reversed so that the parallel beam of light falls 
on the second component, the signs of the 
third and fourth terms must be changed. 
The solutions for this case are therefore '-' 


s = _ 
 + 2 , 590 . 
10 - 30 
The extent to which the sine condition is not 
satisfied is measured by the value of the left 
side of (51). In the four cases just con- 
sidered these values are, with lens 1 leading, 
1 i: 14 ,'41 
15 
and with lens 2 leading, 
20 + 7 ,'590 
- 30 ' 
all large errors "ith the signs differing in the 
two members of each pair. 
Consider next the removal of this aberration 
by the introduction of an air-gap between the 
two components. The conditions to be satisfied 
are 


and 


"Y= 5 +2w 
ß= i:(2+t;j), 


thp sign depending upon whether the first or 
the second component is met by the parallel 
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beam of light. Instead of making use of 
!3pecial formulae for this case it is shllpler to 
solve from (43) and (49) for 81K. and 8 2 1\2' 
The firRt condition gives 
28(8 1 1\. _J
Q-}2 -18(8 2 1\2 -Ji
)2 + 1 82l!6 =0, 
and the second 
408 1 K 1 - 268 2 K 2 -I = :t II, 
and the solutions are, with lens 1 leading, 
8.K. = 5.8-a ) d 8.Kl = - 1.351 \. 
8 2 K 2 =8.324J an 8 2 K 2 = -2'541)' 
and with lens 2 leading, 
8 1 K 1 =4.2:32) d 81Kl= -2.932) 
an 8 -. 
8 2 K 2 = 6.896) 21\j! = - 4.157 j 
Finally, cemented objectives built up of three 
lenses may be considered. From either of the 
formulae given the values 
A= _ 4
 A'= 1
1 
18' !) 
may be found. The equation from which 8 
has been eliminated may be used to find 1 - 20 
directly. The general equation with the first 
lens divided is 


{('Yo-A')(I +'(;1)2+ß02(1 +2'(;1)}(1-20)2 
I+G 
- 2(1 + 2'(;1) (2 + '(;1) 1 _ G ßo (l- 28) 
+A'(I +'(;1)2- ( 
 
g )2=0, 
and the curvature to be added to the standard 
form is 


1 r ( 2 1 + U " ,_ 
2( 1 + '(;1) l', + '(;1) 1 - G - ßo(1 - ...,0) ) , 
the curvature of the end face of the standard 
form being of course 
:t !(j - K) + (I - 20)(j 1 k 2 - j 2 1.-.)/2l. 
Applying these expressions to the solution of 
the present case, the values found are, with the 
first lens divided, 
1- 2D= '5117, 
with extreme curvatures, 


and 


1.741 and - 0.925, 
1- 20= - '5545, 


with extreme curvatures, 


2.328 and - 0.138. 
'Vith the second lens divided the solutions 
are imaginary. 
Any other problem in the calculation of thin 
objectives is solved by a method exactly 
comparable to that illustrated. For the 
discussion of the equations to be used in other 
pro blems reference must be made to other 
sources. 


The problem un(krtakcn is not theoretically 
complete. Any actual lens will not be " thin," 
but what may be termed a " close" lens, the 
separation-s between the surfaces being such 
as to give the required aperture wi.th a suitable 
additional substance to enable the glass worker 
to secure surfaces of good figure. The curva- 
tures obtained from the solution in which 
thicknesses have been neglected require 
therefore to be modified in consequence of the 
departure from correction due to the intro- 
duction of thicknesses. Consideration has 
also to be given to the character of the correc- 
tion which it is possible to achieve, on which 
the mathematical conditions that should be 
obeyed must depend. In general it is found 
that the first order aberration must not be 
entirely removed, as the errors of higher 
orrlf"rs tend to produce over-correction. The 
type of correction exhibited by a well-designed 
objective thus shows small positive aberration, 
which rises to a maximum and falls to zero 
for rays which enter near the margin of the 
aperture, and the procedure adopted must 
secure the satisfaction of this condition. It 
is found on investigation that for relative 
apertures such as are normally employed 
this condition is satisfied by making no altera- 
tion in the curvatures of the surfaces, with the 
exception of the small change in a shallow 
surface necessary for the attainment of goorl 
colour correction. Owing to this fortunate 
coincidence the calculation of telescope 
objectives by the algebraic method described 
is much to be preferred to the more laborious 
trigonometrical methods. 

 (12) 8YSTEl\IS WITH l\IORE THAN Two 
GLASSES.-A problem which arises much less 
frequently than any of those already discussed 
relates to the calculation of systems in which 
more than two different glasses are used. 
\Vhen there is one lens of each of n glasses 
they can be arranged in n! orders affording 
in! cases to be investigated if a complete 
examination is to be made into the properties 
of the various systems. In accordance ",ith 
what has been said of thin cemented systems 
in general, the most important problem is the 
determinat.ion of the values that 'Yo may take, 
and particularly the effect on this quantity 
of variations in the order. It is not difficult 
to show that when there are three separate 
glasses the extreme values of 'Yo are obtained 
by putting a lens of extreme index in the 
middle, whether the value is the highest or 
the lowest depending upon whether an odrl 
or an even number of components differ in 
sign from the complete lens. 'Yhen there 
are four components extreme values usually 
result by placing a1] the positive lenses to- 
gether in the order of their indices, and aU 
the negative lenses together also in order. 
Such complex systems usually arise from 
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attempts to reduce second order chromatic 
a berrations. 1 

 (13) SYSTE:\IS IX WHICH CURO:\IATIC .rl.BER- 
RATIOX IS SOT hIPORTAXT. - Systems arc 
occasionally required for use in circumstances 
where chromatic differences may be neglected, 
and it is thus possible to construct them using 
only one kind of glass. Lenses so constructed 
afford good examples of one or two principles 
of importance, and they are of practical 
interest since they may be made to ha"\"'"e 
very small outsta;;'ding 
 aberrations for even 
exceptionally large relative apertures. 
'Yhen a single lens is employed to form an 
image of an object placed so that the paraxial 
magnification is 0, the sl)herical aberration 
vanishes when 


1 1+0 
(1 - w)2 +4(1 +2w)8 2 - 8(1 + õJ )8 1 _ G 
( J + G ) :I 
+(3+2;:;J) 1-G =0, 


and when this cannot be made to vanish the 
left 
ide may be put in the form 


1 I ( 1 + G ) 2 
(I - wp - 1 + 2;-; 1 - 0 
4 ( 1+0)2 
+ -1 (1 +2w)8-(1 +w)- - , 
1 +2;;; l I-GJ 


which attains its minimum value when 


S_I+w I+G 
- 1+2w ' I-G ' 


It is usually said that at this position the lens 
acts like a prism at minimum deviation, the 
air or glass angles between the ray and the 
two normals being equal. This is 
incorrect ; 
for to the order of accuracy here required the 
ratio of the sine of the an!!le at the first surface 
to that at the second is '-' 


_ 28 -(1 +G)/(1-0) + 1/(1- w ) 
2
 -(1 +G)/(l-O) -1/(1- w)' 
and when 8 has the value for "hich the 
spherical aberration i.;;; a minimum this ratio 
becomes 


2,u+ 1-30 
3-0(2JL+ I)' 


which shows that the supposed law is onlv cor- 
rect in the special case G = - 1, for whic'h the 
system is symmetrical. Since (1 + 2w)/(I - w)2 
exceeds unity for all positive values of w 
less than 4, there is always positive spheri- 
cal aberration for all values of (I +0)/(1-0) 
between the limits :t 1, that is, for all real 
images of real objects. It is possible, however, 
to eliminate this aberration bv substitutinrr 
for the sinf!le lens anum ber 
f thin lense
 


1 TrullS. Opt. Soc. xxii. 111. 
YOLo IV 


of the same glass in contact. 
combination (-13) gives 
p,,2= 2(1 + ltJ)
Sml\m2, 


}'or such a 


and (49) 
1 
)'K 3 = (1 _ltJ)2 :::: Km3 +4(1 +2w)
SmZ"m3 
- 8(1 + ltJ)
SmKm!(Kl>m - K m . n ) 
+ (3 + 2w)
Km(KI,m - Km,n):I, 
so that the spherical aberration at marrnifica- 
tion G is measured by I:) 

 [ 
...,. 3 + 1, ""( (1 2 )8 
K 3 (1- wp-Km I +2rJ 
 L + W mKm 
1 +0 ) ) Z 
- (1 + W)(/'I,m - Km,n + KI = G j Km 
K 3 - 
''''m3 K 3 ( 1 + 0 ) Z ] 
- 3(f+2fir)- (I +2w) 1-0 . 
Assuming that the powers of all the component 
lenses hare the same sign as K, the minimum 
value of this expression is 


I [( 2 +ltJ ) Z 
Km3 ( 1 +0 ) :l J 
3(1 +2w) l-w 
-I-3 i -G ' 


and the first coefficient being large compared 
with the ot.her terms, removal of the aberra- 
tion "ill be best effected by making 
Km 3 
as small as possible compared "ith K, that is, 
by making the power of every component 
equal. If the number of elements is given, 
s:ty n, the aberration is removable for aU 
values of w below that which satisfies 



 ( ? +w ) Z _1_3 ( 1 +G ) Z =0. 
n Z 1 - ltJ I - G 


The smallest number of components for 
correction is evidently obtained for distant 
objects, and the great
st number is necessary 
when the object and image are equal in size. 
If 0 = 0 is taken as a con venien t reference case, 
twice as many components will be required 
for the same value of W when 0 = - 1 and 
approximately 1.4 times the number when it is 
about - i'1' For 0 = 0 the lowest refractive 
index that may be employed is evidently 
2)t -I- 1 
JL=2 (n-1)' 
special values being JL > -i for n = 2, p. > t for 
n = 3, JL > -! for n = 4, and JL> Y. for n = 5. For 
the limiting index all the S's are positive and 
increasing from the first member of the series 
to the last, the system assuming the form of a 
series of meniscus len.3es in contact on the axis 
,rith air gaps between them towards their 
edges, the curvature differences of the air 
gaps being equal. 
It "ill usually be necessary for a lens of this 
kind to sati::;fv the sine condition in addition 
to being fr
e from spherical aberration. 
X 
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Substituting in the expression for ß the 
value of SmKm which results in minimum 
spherical aberration, it is found that 
(1 +lV)3 1 +G 
ß=2 1 +2 l;J . I-G- 
I+G lV I+G 
or ß-(2+w}I _G +1 +2
 I _G =O, 
and the sine condition is only fulfilled when 
the object and image are equal. Evidently 
this must be met by an increase in the 
minimum refractive index for a given number 
of components. Let S7IIKm be given the value 
I+w 2+w I+G 
V m + 1 +2z;;.(K 1 ,m - Km,n) + 2( 1 + w/l- G ' 


where V m is a variable whose value is at present 
undetermined. The sine condition is satisfied 
if 



VmKm=O, 


and the spherical aberration coefficient becomes 


] r ( 2+W ) Z
Km3 I } 1 ( I +G ) 3 
3(1+2w}l l--w 
- - (I+w)3 1-0 
4(1 2 ) 
VmZKm 4w 1 +G
t'mKm 
+ + w.....-+-.-...J-, 
K 3 1 + lLY 1 - 0 K 3 


and the lowest value of the index ",ill be 
obtained by making all the v's zero and all 
the powers equal. The equation from which 
the limit is to be found is 



 ( 2 + lV ) 2 -1 
n- l-lV 


3(1 + 2(;:<} ( 1 +G ) 2 =0, 
(I +w}2 I-G 


which gives when 0=0 and n=4 the approxi- 
mate solution w = .648 or P- = 1.543. 
If the lens determined by this approximate 
solution has thicknesses inserted without 
change in the curvatures, the spherical 
aberration ",ill be very slightly over-corrected, 
and the departure from the sine condition 
appreciably over-corrected. The latter is 
remedied by increasing all the curvatures by 
a common value, making the lenses more 
decidedly meniscus, but in so doing the 
spherical aberration will be over-corrected. 
This is remedied by a further increase in 
refractive index, solving for the minimum 
spherical aberration and suitable under- 
correction of the sine condition. For a relative 
aperture of about f/l a suitable refractive 
index is approximately 1.6. The zonal 
variations in the spherical aberration and in 
the sine ratio for evpn so large an aperture 
as this will be found extremely small. 

 (14) MORE COMPLEX SYSTEMS.-It is not 
possible in the space available for this article 
to enter on a discussion of the way in which 
the principles applied above in considering 
thin objectives may be extended so as to 
cover systems of complex construction for 
large apertures such as microscope objectives, 


or photographic lenses where large apertures 
are required to be comhined "ith a large field 
of view. It must suffice to say that, by the 
aid of theorems which assume a very neat 
form, it is possible to determine the conditions 
which each lens should satisfy on the assump- 
tion that it may be regarded as a thin lens 
finitely separated from its neighbours, and 
that a definite treatment applied to this 
sim plified lens will yield the correct data for 
the real lens. The importance of this procedure 
lies in its automatic evasion of attempts at 
the theoretically impossible, to which pursuit 
the designer \"ithout some such guide is very 
apt to devote a great part of his time. Indeed 
little experience of lens calculationð is required 
to force home the conviction that almost 
every attractive scheme for the removal of 
aberrations involves direct conflict with 
Fermat's principle. Before concluding, it is, 
however, desirable to mention briefly a few 
general results which have many applications. 
It was shown in equations (15) that the 
resolved eq uations governing the passage 
of light through the system are of the form 
p- m l\l m -P-m-IMm-1 +17 m K m =O, 
17m+1 -17m - P-m::\lm T m lV m = O. 
Let another set of such quantitips be dis- 
tinguished by the introduction of accents. 
Then, whatever meaning these quantities may 
bear, the value of 

17m(P-' m
[' m - P-' m_Il\I' m-l + 17' mK.' m) 
- 
P-m-:\lm(17' m+l -17 Þ m - p- Þ ml\IÞ m T ' m lV ' m) 


- Z17" m(p-ml\I m - P-m-IMm-l + 17m K m} 
+ 
p-' ml\I' m(17m+1 -17m - P-mlUmTmlVm) 


is identically zero. In other words, 


n 

17m17' m(K' m - Km} 
1 


n-l 
+ 
 p-mMm,u'mM' m(T' m lLY ' m - Tmwm} 
1 


= 17' nP-n1\I n -17nP-' n)I' n -17' l,t.t o l\I o + 171P-' ol\Y 0' 


or 


n 

17m17' meR' m - K m) 
1 


n 
+ 
P-mMmP-' ml'rI' m(T' m lLY ' m -Tmwm} 
o 
=y'nP-nMn -Ynu'nM'n -y'oP-ol\'lo +Yo,u'ol\1'o, (61) 
where Yu' Y1t' y' 0' y' n are arbitrary points in the 
external media on the two rays, distant TO' 
Tn' T'O' T'n from the points in which the first 
and last surfaces are encountered. 
These expressions give at once the conditions 
that paraxial rays relating to light of differpnt 
colours should form images free from colour. 
Special rpsuIts of importance are obtained 
by com;;idering the case in which both raYR 
are initially parallel to the axis, so that 
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1\1 0 = ){' 0 = 0 and Y nand y' 71 are made to 
yanish bv selecting as the final end points 
the inte
ections of 
the ray with the a:xis. As 
the rays are paraxial r m = r'm = t m , and since 
it mav be assumed that the difference of 
index "is small enough for the rays never to 
become appreciably separated if they are 
initially coincident, the second expressjon 
gives 


n n-l 

1]m2Ò"-m + 
 fLm'i
Im2tmòwm + :\ln2òvn = 0, 
1 1 


where the last medium is non-dispersive and of 
unit index. It is permissible to divide through- 
out by 1]1 2 and" rite for the 1]'S and 1\1's their 
values in terms of the direct paraxial ray, with 
the result that 



 ( CKl,m ) 2 n
l 2 
K 2 Òl.'n +- 
 ÒKm + - fmKl,m ÒWm=O 
1 CKm 1 


gives the change òV n in the position of the 
second principal focus as the colour changes. 
The corresponding expression for the first 
principal focus may be written down by 
analogy. To find the variation of the power, 
assume :\1 0 =)1'71=0. The right side of (61) 
is then yoY'1!(K' - K). Dividing throughout 
by y"y' n and neglecting differences between the 
colours in the coefficients leads to 


71 
 
 n-I 
..... CKI,m f"K ",,71 Ò ..... t Ò 
Ò"- = -
 -;:;--- Km - - mKI,mKm+l,n Wm. 
1 (K m CKm 1 



 (13) CHRO
IATIC ABERRATIOy.-"Then the 
system is a thin lens the equations reduce to 
the single condition 


n 

ÒKm = 0 
1 


for freedom from all chromatic aberrations 
for paraxial rays, as would be inferred from 
the fact that when K is known the paraxial 
rays are all determined. For a discussion of 
the properties of glass as regards variation of 
index for colour, reference should be made to 
the article on "Optical Glass." For present 
purposes it "ill suffice to mention that the 
principal characteristic of any glass is given 
by a coefficient v which gives the difference of 
power for the C and F lines of hydrogen in 
terms of that for the D sodium lines in the 
form 


K 
D 
K F - K C =-;;' 


and the ra) s for the C and F lines .will thus be 
refracted alike if 


K 

-E= O. 
v 


".hen this condition is satisfied the outstanding 
chromatic aberrations are those generally 
eonsidered most satisfactory for images to be 
examined visually. For photographic use it 


is usual to secure agreement between the D 
and G' lines. 
The condition for a thin dou blet lens is 
automatically satisfied by giving K1 and K2. 
the values 


K 
K 1 =V,-, 
", -,,
 


K 
K2= -v 2 -. 
"1 -"2 


\Yhen three glasses are employed it is generally 
expected to remove the second order differ- 
ences of colour, and the solution of the problem 
is easy when once suitable glasses have been 
chosen. The properties of all glasses hitherto 
manufactured approximate very closely to a 
law which results in the lens having zero power 
when the appropriate conditions are satisfied. 
It is easy to see that a higher degree of correc. 
tion is attained if the glasses vary in such a 
way that when the changes of index between 
two pairs of reference spectrum lines are chosen 
as variables, the points representing the 
glasses when these are plotted in perpendicular 
directions are collinear. For manufactured 
glasses, however, these partial ratios are 
practically linear functions of the v's "ith the 
consequence stated above. A way out of the 
difficulty is afforded by the use of transparent 
crystalline materials, of which fluorite is much 
th
 most important. This substance exhibits 
no double refraction, and its representative 
point on the chart lies aJmost on the straight 
line about which normal glasses group them- 
selves, while the linear relation between the 
dispersions and the v values does not hold 
when fluorite is one medium and glasses are 
selected for the other two. By means of such 
a chart all suitable combinations of glasses 
may be obtained in a few minutes, and when 
the remaining conditions are specified the 
field of choice can quickJy be reduced to one 
or two alternative combinations.! 

 (16) ABERRATIO:X FORl\IuLAE.-Equation 
(61) interpreted in the broadest way forms a 
sufficient basis for the construction of formulae 
for aberrations to any required order of 
accuracy. Such formulae may be arranged on 
man

 plans, but, though they have what many 
workers will regard as peculiar disadvantages, 
there is much to be said in favour of a de- 
velopment which remains entirely symmetrical 
in the variables for the initial and final media. 
An illustration of a symmetrical development 
will be afforded in the brief consideration given 
later to the application of Hamilton's method 
to optical problems. The preceding dis- 
cussion of the properties of thin lenses also 
is symmetrical in character, and the three 
quantities in terms of which the aberrations 
have been expressed are capable of immediate 
application to the system used in the reversed 
I Trans. Opt. Soc. xxii. 99. 
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direction with as much ease as in the original 
direction. This is a comparatively minor 
matter when only first order aberrations are 
under discussion, but it becomes extremely 
important when higher order effects are 
under consideration in order to secure the 
greatest economJT of labour. 
In a number of problems in which (61) 
might be employed it is advantageous to return 
to first principles. As an example, the formula 
giving the positions of the primary or tangen- 
tial focal lines may be taken. Suppose a ray 
is refracted at the origin on a sphere which 
has its centre of curvature on the x axis, and 
assume that the ray lies in tbe plane z = O. 
Consider the length of the path from a point 
on the surface near the origin to the point 
p cos cþ, p sin cþ, O. The point on the surface 
is approximately !R(7]2 + (2), 7], (and the dis- 
tance between the two points is 
7]' ( COS I cþ ) 
P - 7] sin cþ + 2 ----p- - R cos cþ 
'-1 ( 1 ) 
+ L - - R cos cþ +. . ., 
2 p 
and thus the ray through 7], ( from 
p cos cþ, p sin cþ, 0 to p' cos ç/, p' sin cþ', 0 ex- 
cees)s in optical path the ray through the 
origin by 
- 7J(fJ.' sin cþ' - fJ. sin cþ) 
7]" ( fJ.' COS2 cþ' fJ. cost cþ K ) 
+- 2 ' 
p p 
+
(
-
-I()+ . . . 


In the ordinary instrument there is no uniform 
change of path from point to point of the 
surface, so fJ.' sin cþ' = fJ. sin cþ, the ordinary 
law of refraction, is satisfied, which gives 
merely the direction in which the wavelets will 
reinforce one another. The following terms 
indicate the distances in these directions in 
which special concentrations will be found 
corresponding to the foci of geometrical optics. 
The meaning is obviously that considerable 
latitude may be given to ( without producing 
any appreciable change of path in the positions 
given by the law hitherto considered exclu- 
sively, and similar latitude to 7J at positions 
given by the new law 
fJ.' CO
2 cþ' fL cos 2 cþ = K. (62) 
p P 
Since the former law may be derived by 
considering a single ray alone .without refer- 
ence to neighbouring rays, it is evident that 
(62) represents the differential of that law, 
and it will be expected that relations derived 
from (62) will exhibit this form when com- 
pareù with those obtained from the earlier 
law. 


A simple application of this law of import- 
ance relates to rays passing near the axial 
point of a thin system of lenses. There are no 
changes in the angles of incidence between 
the two surfaces bounding any medium, since 
all are met where they are normal to the axis, 
and the equations for the individual surfaces 
are thus directly additive, giving, since 
]\1 0 =]\I m No =N n , 


IlK 

 - p: - 1 - ! {(:\ I
]\ln)2 + (No + N n)2}' 
so that the change is equivalent to replacing 
the t;J in the expression for K, when 7] = (= 0 
by 2 + ur. It at once follows that the relation 
between the curvatures of primary conjugate 
surfaces corresponding to (52) for the secondary 
surfaces is 


8-8' - (3 +ur)K=O. 


(Ú3) 


The interpretation of the two results may be 
expressed in a variety of ways; one of the 
simplest, which holds for systems in general 
and not solely for thin systems, is that the 
paraxial region of any image surface is most 
simply referred to a surface whose curvature 
is less than that of the object surface by urK, 
and that the relative distances; of primary and 
secondary foci from this surface are in the 
ratio 3 to 1. 
It may readily be seen that the defect known 
as coma, which is a manifestation of failure 
to satisfy the sine condition, shows a similar 
ratio of 3 to 1 for errors in and normal to the 
plane containing the principal ray. Careful 
consideration will show that simple laws 
which may at firF;t appear to relat.e to the 
larger errors in fact must be interpreted in 
relation to the smaller, and the corresponding 
laws for the former will assume differential 
forms. The results already quoted will be- 
come evident in the discussion of Hamilton's 
method. 

 (17) A SYSTEM OF THIN LENSES.-It has 
been assumed in discussing the properties of 
thin lenses that reference to the unit surfaces 
provides a convenient means of distinguishing 
one ray from another. 'Yhen a succession of 
separated lenses have to be considered, or a 
stop at a distance from the lens limits the 
aperture so that rays from different parts of 
the object meet the lens at different pads 
of its aperture, it is necessary to adopt 
, 
different reference system. The results already 
established on change of variables give aber- 
ration coefficients !òl' 
Ò2' !{3ò 3 + w(S - G)2}, 
!{ò 3 +ur(S-G)2}, !ò 4 , !ò s for sphcrical aber- 
ration, coma, primary curvature, secondary 
curvature, distortion, and stop aberration 
respectively, where S is the magnifica- 
tion for the stop in tho entire system, n 
the magnification for the image, and the 
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quantities 01' 02 . . . Os are defined by the 
equations 
401(I-G)-4=-y-4fl
+(3+2lV)
2, 
40 2 (I-G)-3(l-S)-1=-y-ß(3é1 +
) 
+ (I + lV)Ð 3 + (2 + z:r)

, 
403(I-G)-I(I-S)-I=-y-2ß(
 +
) 
+2(1 +lV)

+
I, 
40
(I-G)-'(I-S)-3=-y-ß(
 +3
) 
+ z:r

 + (3 + w)
'2, 
40s(1-S)-4=-y-4ß5 + (3 +2lV)
2, 

 I +G ... 1 +S 

= I-G ' è:>= I-S ' 


where 


The fact that the three middle expressions do 
not transform into one another by the inter- 
change of G and S is of great importance, since 
it involves very severe restrictions on what 
may be achieved by systems built up from 
thin lenses. This property may be regarded 
as a direct consequence of Fermat's principle. 
The expressions that have been obtained for 
ß and -y show that the o's for a complex system 
are consistent "ith the additive laws 


5-r r-l 
(fOr)l,n= 
(for)mG m+l,n Sm+l,n, 


where f is the focal length of the part deter- 
mined by the suffix: outside the bracket, and 
G m + hn , Sm+ltn denote the magnifications of 
the image and stop in the portions of the 
system follo"ing lens Tn; that is to say, they 
ûre the continued products of the subsequent 
magnifications at indh
idual lens or surfaces. 
These additive laws hold generally, and may 
be established from first principles "ithout a 
knowledge of the expressions from which the 
aberrations are to be numerically computed. 
As an example, spherical aberration may be 
taken. The section of the caustic resulting 
from the presence of this aberration must for 
the lowest order be of the form of a semi- 
cubical parabola 


X 3 = y2fo, 
where 0 is a numerical coefficient measuring 
the amount of the aberration, andfis the focal 
length introduced in order that the coefficient 
o may be of zero dimensions. If now a system 
is divided into two parts I and 2, in each 
of which aberration of this type is present, the 
coefficient for the complete lens will depend 
upon the coefficients for the two separate 
portions, since it must vanish if both of these 
are zero. If the first part is without aberra- 
tion the linear coefficient fo for the whole will 
obviously be identical \\ith that for the second 
lwrtion alone. If, on the other hand, the 
second part i8 free from aberration the final 
image mll be the image uf the caustic formed 


after the light has traversed the first part, 
and this image "ill be formed according to 
paraxial laws. Thus if G 2 is the transverse 
linear magnification for the second part uf 
the system Y2 =G 2 YlJ X 2 =G 2 2 xl , and 
x 3 (G IX )3 X I 
(fÔl)1,2=
3= (G 2 Y \3 - G24
=G24(fol)1' 
Y2 
2 1 Yl 


Since the errors considered are first order 
effects, the law of addition ia linear, and by 
combining the two cases the general law must 
be 
(jOl)1,2 = (jÔ 1 )lG 2 4 + <jOl}2' 
and by repeated application the result already 
given is established for r = 1. It will be noted 
that when the system is divided by surfaces 
instead of by lenses, so that the refractive 
index is not necessarily unity at the points 
of di \ision, the factors require modification. 

 (18) HÅ:\nLTo
's 1IETHoD. - Brief con- 
sideration must now be given to the very 
elegant method of inyestigating problems 
in reflection and refraction described by Sir 
,Yo R. Hamilton before the Royal Irish 
Academy in a series of papers covering the 
years 1824 to 1832. E
sentially t.he principle 
is the use of a potential function of certain 
variables the partial derivatives of which 
determine all remaining unknowns in terms of 
these variables. Theoretically the method is 
extremely powerful and its application in other 
fields has proved of extraordinary importance. 
It is thus particularly noteworthy that in its 
application in the field for which it was 
primarily designed it should be generally 
considered to have failed to justify expecta- 
tions. One reason doubtless lies in the nature 
of the subject itself, which requires all problems 
to be investigated with a minuteness not called 
for or appreciable in other fields. Another 
contributory cause is perhaps that Hamilton 
himself, like most mathematicians, "as more 
interested in the broad problems to which his 
discovery was applicable, and in deriving 
general results to which it led "ith great ease, 
than in the tedious task of constructing 
expressions which gave a numerical measure 
of the effects so readily investigated qualita- 
tively, and that this task has proved a formid- 
able one in less able hands. \Yhatever the true 
cause may be, the result remains that no 
notable use was made of the method in the 
first fifty years after its publication. Perhaps 
the best testimony to this failure is that it 
was largely forgotten that it was to these 
optical problems that potential methods were 
first applied, with the result that Bruns in 
Germany believed that he was breaking entirely 
new ground in so applying Hamiltonian tools, 
and published a very extensive and heavy 
investigation which. for the most part, con. 
stituted a duplica.tion of Hamilton's original 
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work. To the potentiëtl function which he used 
for the greater part of his investigations 
Hamilton applied the name ,. Characteristic 
Function"; but use was also made of another 
function, with different variables and allied 
properties, which was designated the "Allied 
Characteristic Function." Bruns, with char- 
acteristic thoroughness, investigated all the 
functions which could be utilised for the 
purpose, and proposed for them the generic 
title of "Eikonal." It is convenient to retain 
Hamilton's name in the sense in which he 
used it, and to restrict" Eikonal " to a parti- 
cular function which, like the characteristic 
function, is symmetrical in its variables, and 
takes for these variables the direction cosines 
of a ray instead of the co-ordinates of a point. 
In both cases the function has the dimensions 
of a length, and in the case of the characteristic 
function represents the length of the optical 
path between the points whose co-ordinates 
are taken as variables, and in the eikonal 
the length of the optical path between the feet 
of perpendiculars to the ray from two selected 
points in the object and image spaces respect- 
ively. Instead of introducing the full number 
of variables, since all that is required is the 
identification of the initial and final portions 
of a single ray, one of them in each space 
may be absent, and intersections with fixed 
planes will be derived. 
Assuming that the system is symmetrical 
about an axis, it is convenient in the case 
of the characteristic function to adopt y, z 
and y'. z' as variables, the axis of symmetry 
coinciding with the axes of x and x'. If then 
V is the optical length of the path between 
fixed planes expressed as a function of the 
points in which the ray intersects these planes, 
the direction cosines of the ray before and 
after traversing the system are given by 
p.l\I= - ?V , p.N = - 
V z ' 
oy v 
p.
I' = 

 , p.'N' = 

 . 
vy cz 
Similarly with the eikonal E, if the optical 
path is expressed as a function of ::\[, N, ThI', N', 
the reference points being on the axis, the 
co-ordinates of the points in which the ray 
meets the planes normal to the axis through 
these reference points are determined from 


?E 
y = o(p.l\T)' 


ôE 
z= ò(p.N)' 
, aE 
z = - ô(,u'N')' 


, ôE 
y = - o(,u'ß{')' 


Since the system is symmetrical about an axis, 
V will be a function of y2 + Z2, yy' + zz', y'2 + Z'2 
only, and E a function of 
J2 +N2, ::\I
I' +NN', 
ThI'2 + N'2 only. Put (I) = p.2(l\[2 + N2), 
(2) = ,up.'(l\!)!' + NN'), (3) = p.'2(U'2 + N'2). Then 


E is a function of (I). (2), (3), and these may 
be transformed into other variables as found 
convenient for discussing particular problems. 
8uppose that it is desired to consider the 
conditions for freedom from aberration for 
magnification G, the reference points being the 
axial points of the object and image planes. 
Let there be a stop for which the magnification 
is S. Introduce the variables I, II, III de- 
fined by 
1 (8-G)2=(1)-2G(2)+G2(3) 1 
II (8-0)2= (1)-(G+S)(2)+G8(3) j -' (64) 
III (8-G)2=(I)-2S(2)+8 2 (3) 


80 that 


(1)=S21-2GSII+G2II1 , 
(2)=sr-(G+S)I1+GJII J - ; 
(3)= I -211 +111 


((;5) 


then, denoting differentiation by a suffix, 
y(8 - G)2 = (p.1I - G,u'M')(2EI + En) 
+ (,u:\I - 8p.'l\I')(E n + 2E uI )' 
y'(8 - G)2 = (,u::\[ - Gp.'Thf')(2G Ex + SEn) 
+ (p.
I- 8,u')I')(GE n +2SE uI )' (ßß) 


so that 


(y' - Gy)(S - G) = (1.<:\1 - G,u'l\!')En 
+ 2(,u
I - Sp.':M')E 1lIJ 


and similarly 
(z' -Gz)(S -G)= (,uN -Gp.'N')E n 
+2(p.N -S,u'N')E nI . 


Now if the image of the plane object falls 
on the plane and is free from aberration, 
y' - Gy =z' - Gz =0 for all rays. Thloreover, in 
general M/N =1=1\1' IN', since this implies that the 
rays are restricted to the axial plane containing 
the object and image points. Consequently 
Ell and E III must vanish identically; that is, 
E must be a function of I only, and all rays 
arising from the same object point must have 
identical values for p.ThI - Gp.'.M' and p.N - G,u'N'. 
This is a generalised form of the well-known 
sine condition, and reference to (33) shows 
that it involves the result stated earlier, 
that K must have the same value for all 
rays arising from the same point of this 
object plane. 
The sine condition as usually given relates 
only to rays arising from a point on the 
axis. Equation (66) shows that in this case 
p.::\I - Gp.':NI' must be zero- E 1 cannot vanish, 
for its constant term is the focal length of the 
system. The result may, therefore, be stated in 
the form that the ratio p.M/p.'M.' must be con- 
stant for all rays through the axial point 
and equal to the linear magnification for par- 
axial rays. 
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The connection between K and E is readily 
found from (32) and (66), . 
I
 = (S 

 
)2EI= - E(2) by (64), 
and it i
 easy to verify that this relation is 
always true. Thus - E 2 is the focal length 
for the ray determined by the values given 
to the variables. El and E3 serve to fix the 
pusitions of the principal foci on this ray. 
The relations between the two systems enable 
t.he results of calculation madf' by one of them 
to be readily stated in terms of the other, and 
in particular they show that phase relationship 
at and near the foci may be directly obtained 
from ray tracing by simple (usually graphical) 
integration. Notwithstanding the simplicity 
of direct calculations 'of phase differences, 
it "ill be found that the advantage lies "ith 
this graphical method. Incidentally it affords 
a con\incing demonstration of the very small 
differences in the conclusions to which different 
theories lead for the location of the best focus 
in the presence of aberration, and thus justifies 
the recognised practice of usually disregarding 
the wave theory in calculating the details of 
construction of an optical system. 

 (19) THE COSIKE COXDITIox.-Investiga- 
tions have been made of the meaning to be 
attached to definite departures from the sine 
condition, and the problem is of great import- 
ance in economising in the volume of calcula- 
tions. Some of the conclusions derived are 
invalidated by erroneous assumptions made in 
the course of the wurk, and it "ill not be 
superfluous to inq uire into the problem here. 
It is not necessary to assume that the system 
is symmetrical in a.ny sense, and any reference 
planes may be chosen for thA object and 
image spaces. 
Consider three neighbouring ra)'s (a), (b), and (c) 
which have respectivf"ly the initial and final direction 
cosinæ 


(a) L, 1\1, X ; 
(b) L, 1\[, X; 
(c) L+ðL, 1\1+ð)J, N +ð
; 


L'+ðL', )I'+ð)l', K'+ðX': 
L', M', K': 
L' , 
[' , X' . 


and which intersect the reference planes in the points 


(a) 0, 
(b) 0, 
(c) 


y, z; 
y+ðy, z+c5z; 


-., 
0, y' +c5y', z' +c5z': 
0, 11 z'. 


Add to E the suffixe!'< a and c when )1' +ò11', X' +òX' 
are tD be substituted for M' and X', and 
I + òM, 
N +òN for:M and X respectively. Then 
êE êEa 
p.òy = ê)1 - 
i ' 


and expanding Ea by Taylor's theorem in terms of 
E and its derivates 
"2E 
 2E 
p.òy= - ê
l ê)I-,õ:
I' - ô
êX,õ: 
' 
+ higher powers of ð
I' and õX'. 


Similarly 


also 



2E "IE 
Ò c "'
 l ' 0 Ò ,-Þ 
P. z= - "'1\_ _' 1 , 0... - 
v'---,
, 
,+ .. , 
C
,(-' c
..c...... 
'ò ' cE ('E c 
p. y = - àjP+(ijî' 

 !E 
 2E 
= 
 l 
' l , ò:\l + 

 '" ,ò
 + 
0' c. c.......cA 


and 


"ê 2 E è 2 E T 
p. ÒZ = 
' l 
'
, ò:\l t- 
'T
Y,õ: 
 + 
c
 c...... c
,c...... 
Jlultiply these four expressions by òM, ò.K, o:\!', oX' 
and add. Then 
JLòyòJ1+J.LozòX +J.L'óy'ò:\I' +J.L'òz'òX'=O (67) 
to at least the third order in the small quantities 
0)1, ÒX, ò
I', òX'. This relation contains the general 
result to be ('sta blished since the directions of the 
axes are quite arbitrary, but it may be clearer to 
eÅpress it in a somewhat different form. 
If rays (a) and (c) satisfy a relation of the form 
COB 0 =p cos 0' +q,. . (68) 
where 0 and 8 Þ are angles made with fixed straight 
lines in the object and image spaces respectively 
ha"\ing direction cosines " m, 11 and l', m', n' respect- 
iyely, the expreRsion of these two conditions in 
terms of t he direction cosines g
ves 
lõL+mò
! +nòX +p(l'òL' +m'òJl' +n'òN') =0. 
Now a general point on ray (a) is 
pL, y+pJl, z+p
, 
and if this ray is dispiaced without rotation through 
a distance d in the direction " m, n a point on the 
displaced ray is 
pL+dl, y+p:\!+dm, z+pX +dn, 
and a particular point is 
0, y+
(Lm-Ml), z+
(Ln-Xl), 


and if this di..placed ray is identical with (b) 
òY=
(Lm- 1\11), ò;;=
(Ln-l\l). 
Similarly if ray (c) coincides mth (b) wheD displaced 
through a distance d' ",ithout rotation 
d' d' 
òy ' - - ( L'mÞ - :\1'1' ) òz' - -- ( L'n' - K'l' ) 
- L' ..., - L' . 


Substitute these yalues in (67). Then 
,ud(lóL + mòJ! +nòX) 
+p.'c1'(l'òL' +m Þ õ)l' +n'òN') 
= ,udl (LôL+ )lòJf +l\òN) 
L 
, d'l' 
+,u L' (L'òL' +)I'óJr +X'òX') 
+third order quantities in òJI, òN, ò:M', ÒX'. 
It follo\"\s that if these quantities are small all rays 
selected bv obedience to the condition (68) \"\ ill. if 
displaced "in the object space a small distance d 
parallel to the fi
t direction, be displaced 
hro
gh 
the distance p . p.dJJl.' parallel to the second dIn'chon 
in the image space. As the condition \\ ill in general 
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define an object and an image caustic, theRe caustics 
may be displaced without rotation or deformation 
in the gi\Ten directions, provided the ratio of the dis- 
placements has the required value. 
The cosine condition (ü8), w hie h has been established 
without any assumption relative to the aberrations 
present, includes as particular cases the various 
theorems described previously. If the system is 
symmetrical about an axis, the rays from points at 
the same distance from the axis in a given object 
plane \\ill be refracted similarly, and thus if z=z' =0, 
(òz'/òz) = (y'/y). For such a case equation (33) may 
be applied, showing that }J.;
I/p.'
I' is the magnification 
perpendicular to the plane containing the ray, and 
Ji.ÒMfp.'òM' is by (Gï)l the magnification in that plane. 

 (20) l\IAGNIFICATION FOR DISPLACEMENT 
ALONG THE AXIS. - Another case of im port- 
ance relates to the magnificútion for displace- 
ment along the axis. If the axis itself is 
included as one of the rays of the group to 
be considered, q must have the value 1- p, 
and the axial magnification is p.pfp.', where 
p = (I - cos 6)/(1 - cos 6') = (sin 
6fsin !6')2, 
and for paraxial rays this becomes (p.'Gfp.) 2, 
where G is the transverse magnification. If, 
therefore, no change is to be made in the 
spherical aberration for a small axial displace- 
ment the condition to be satisfied is 
p. sin (6/2) 
p.' sin (6'/2) - G. 
It has been found that when there is freedom 
from aberrations at magnification G, E is 
an arbitrary function of 1. This evidently 
implies that there is one degree of freedom 
remaining in the way in which the aberrations 
of eycry order are correeted, and this freedom 
may be interpreted in terms of the spherical 
aberration in the image of the stop. If these 
aberrations are assigned in addition to the 
position of the stop the properties of the 
entire system are fully determined. The most 
important case is when S = I and the stop is 
free from spherical aberration. In this cage 
EK= {I-G)2 "'/ 1-1 ' 
G." , 
for if the reference planes are moved to the 
stop planes E becomes E', where 
E'K= - (I-G)I ,' 1-1 
G 
I-G /_ ,_ 
+-a,I-(I)-(I-G),'I-(3), 
and when 
I=::\I', N =N' this gives 
E'=y=y'=z=z'=O 
for all rays. It will be observed that there 
are here three points on the axis for which 
spherical aberration of all orders is removed 
1 It should be p:uticlllarly not('d that for use in 
the ordinary notation the third and fourth tf'rms of 
(67) mu
t have thf'ir signs ('hanged, because the 
differentials of the direction cosines helon
 to onf' 
ray ÍC'r the object space and the other ray for the 
image Apace. 


-one for magnification G and two coinciùent 
points for magnification unity. The equation 
for freedom from spherical aberration of any 
order is necessarily of even order in tho 
magnification, so there is at least one other 
point where the aberration of any assigned 
order disappears. In general there is no other 
position for which the aberration vanishes for 
all orders. The first order aberration, for 
example, vanishes for the magnification 
I-2G 
-- 2-G ' 
and the corresponding value for EK is 
(I-G)2 I-GI_ 
- -U- / \ / 1 - I + (1 _ 20 )G JI - (I) 
I--GI _ 
+ 2 -G .,/1 -(3), 
from which it readily follows that spherical 
aberration of higher orders is present. 

 (21) STANDARD FOR:\IS FOR ABERRA'rrON 
EXPANSIONs.-The fa.ct that entire freedom 
from aberrations for magnification G requires 
E to be a function of I only shows that all 
terms which have pIN' - )I'N) as a factor 
must vanish. This enables a number of con
 
ditions to be written down without reference 
to the magnification, and these conditions will 
be found to restrict severely the types of 
system that can satisfy the conditions. The 
condition for the first order aberrations, for 
instance, is (jJ = 0, and this condition has been 
associated with the name of Petzval. The 
difficulty of satisfying this and other conditions 
simultaneously is illustrated by the general 
experience that in even the most highly 
corrected systems a compromise is necessary 
in consequence of which this condition is 
usually far from satisfied. The example 
given of a case in which E is expressed in a 
finite form suggests that in systems which are 
well corrected there should be no question 
about the convèrgency of E or of its dcrivates 
when expanded in a series of ascending powers 
of (I), (2), and (3). It follows that the evalua- 
tion of the coefficients of the terms in such an 
expansion should in such a system give a 
reliable measure of the outstanding aberra- 
tions. The converse, however, may in some 
instances not hold; it is quite conceivable that 
a system which has small values for the co- 
efficients of the terms of low orders may not 
be satisfactory through the corresponding 
expansion for a part of the system being 
divergent. It is therefore important that 
systems of novel construction calculated by 
means of the expression for these coefficients 
should be checked in a way which does not 
assume the validity of such an expansion. 
Such a check is furnished by tracing selected 
rays through the system and comparing the 
results with those found from the earlier work. 
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It is convenient tD have a 
tanùard form for such 
('xpansions, and it is highly advantageous to keep 
it svmmetrical in form. For this reason, instead of 
choosing as the reference planes a pair of object and 
image planes, the planes normal tD the axis through 
the principal foci are selected. Apart from an 
additive constant. which is of no interest, E then 
takes the standard expanded form 


EK= - (2) - UA'(I)II- 4B'(I)(2) +4C(2)2 
+2(C + w)(1 )(3) - 4B(2)(3) +A(3):I] 
- terms of higher orders. 
Evidently if the light is reversed in direction, to 
secure similar results it is only necessary to inter- 
change A and A', Band B Þ . From their definitions 
e and w will be symmetrical with respect to the two 
directions. Assuming that the external media are 
of unit index, the value of E when the reference 
points are in the planes for magnification G is found 
/- /- 
by adding - (I/G) , 1- (1) - G , 1- (3). Expanding 
and suootituting from (65) gives 
EK= (8- 0)11 1_ t [ OlIIIII- 40aII III 
2G 
+403II2+2{oa+w(8-0)Z} 1 HI 
-40,,1 II+{ o
- (8-G
83-G) }IIIJ 


. . . , 


where 


0 1 =A-0(4B+l)+2G2(3C+Uí) - 03(4B' +I)+O
A', 
02 =A - G(3B + 1) + G2(3C + r.:r) - G3B' 
- 8{B - G(31'+w) +G2(3B' +1)- GSA'}, 
0 3 =A - 0(2B + I) +G2C - 28 {B - G(2C + liJ) +02B'} 
+8 a {C- G(2B' +1)+G2A'}, 
o,,=A- G(B+l)- 8{3B- U(3C+w)} 
+8 2 {3C+w- 3Gß Þ } - 8 3 {B' +1- GA'} 
0
=A-8(4B+l)+2S2(3C+w)- 8 3 (4B' +1)+8
A'. 


Alternatively, substitution from (64) gives 
83- 0 8 2 GII 
A=G-G3 (s_ 0)3 +2W (8_ 0):1 
(0 1 ,0 2 ,0 3 , 0", 05ö"S-G)
 
+ (S- a)
 ' 
B= -02 83-G w SG (S+<21 
(8-G)3+ (8-0)11 
(0 1 - O 2 , O 2 - 0 3 , 0 3 - Ot, Ot - 0 6 ])S- O)S 
+ (8-G)
 ' 
83._G SO 
C= - G (::,_ G)3 +2w (S_ 0)2 
(0 1 - 20\1 +la 3 , O 2 - 20 3 +0", 0 3 - 20
 +OS JrS - G)II 
+ ( 
 - G)
 ' 
, SS-G S+G 
B =---+w-- 
(
-G)S (S-G)II 
(0 1 - 30 2 +30 3 - 0", O 2 - 30 3 +30
 - 05
R- G) 
+ -- (8-G)
 · 
A' 1 8 3 -0 1 01-402+603-40,,+05 
= G - (8-=-0)3 +w( ð_ G)I + (8- G). 


and the same method readily e
presses the aberra- 
tions ",hen 8 and G are given in terIllB of the aberra- 
tions for other values 8' and G'. 
Comparison of 0 1 and 0 5 shows that the meaning 
of the latter with relation to the stop corresponds 
to the meaning of the former for the object. Differ- 
entiation shows that 
1\1- CDI' 
.= y' K, N - GX' -=-;- Z' K 
in accordance with what has been found in (32). The 
first term gives the well-known paraxial laws, and 
the remaining terms correspond to aberrations. 
'Yriting 7)' and 5' for points in the final stop image, 
which will be given by 
M- s.
1' =7)'K, X - SX' =5'K, 


the image defects are given approximately by 


K 2 
y'-Gy=- -[OI7)'(7)'Z+f'I) 
2(
- 0)3 
- O 2 {27)'(7)'Y' + f'z') +y'( 7)'2 + f'1)} 
+ 0 3 {7)'(y'2 +Z'II) +2y' (7)'1/ + f'z')} 
+ w(8 - G ) 27)'(y'l +Z'2) - Oty'(y'll +Z'II)], 
with a corresponding expression for z' - Gz. 
Assuming that a point in the object plane z =0 is 
under consideration, z' may be replaced by zero 
on the right, giving 


K II 
y' - Oy= 2(8 _ G)3 [017)'(7)'2 +f'2) - 02U'(37)'1I + f'2) 
+ {30 3 + w(S - 0) 2{ 7)Þ y'lI- o"y'S], 
K' 
z' = - [01t'( 7)'1 + 5'2) - 02"2y' 1]'5' 
2(S - 0)3 
+ {os+w(8-G)2}ty'2], 


from which the character of the various aberrations 
is readily seen. All are familiar" ith the exception 
of that. involving O 2 , the coma aberration, which is 
generally regarded as a rather mysterious effect. 
The displacements are directly proportional to the 
distance of the image point from the axis and tD the 
square of the distance from the axis at \\ mch the 
aperture is traversed. The introduction of polar 
co-ordinates at the stop shows the character of the 
defect more readily, the y and z displacements being 
then proportional t.o 
Y'(7)'2+f'2)(2+ cos 28), and Y'(7)'I+f'2) sin 28 
respectively. A detailed discussion of this aberra- 
tion will be found in the text-books on advanced 
geometrical optics. 



 (22) ABERRATJOX COEFFICIEXTS FO"()XD BY 
THE HA:\IILTOXIAN )!ETHOD.- The comparison 
of the curvature terms with tho
e found earlier 
shows that the characteristic relations for 
thin lenses in air are 


A-2B +C= 1, B-2C+B'=
, C-2B' +A'= 1, 
and further comparison "ith the terms in 01 
and O 2 gives for this case 
ß=B'-B, 'Y=4C+2w+1. 
The Hamiltonian methods are sufficient in 
themseh'es for the determination of the aberra- 
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tion coefficients, by building up th05(, for a 
compound system in terms of the elements. 
If the system is divided at the foot of the 
perpendi
ular to the ray from an intermecliate 
axial point, it follows from the definition of E 
as a length that 
E-E I -E 2 =O. 
:M:oreover, if the ray mf'ets the plane through 
this intermediate point in y, z, these are given 
by the equations 
rEI èEI 
y= - o(
 
I) ' z= - a(tLN)' 
as well as 


oE 2 
Y = c(ILl\I)' 


ÔE2 
z= Ô(ILN) ' 


and therefore, since E is a function of other 
variables than 
I and N, which concern the 
intermediate medium alone, 
å(:)Ij(E - EI - E 2 )= O(;K) (E - El - E 2 )=O, 
and these give two equations for ILM and ILN 
in terms of the external variables. A similar 
process may, if desired, be applied to the 
external media. The substitution of the 
values for 1Ll\-! and ILN given by these equations 
in the equation for E solves the problem. 
The process is tedious rather than difficult, 
and one reason why other methods have been 
more successful in practice at once becomes 
apparent-the equations present themselves 
in a form requiring reduction, whereas other 
methods give them directly in their lowest 
terms. 
The same process may be applied to the 
characteristic function, and indeed the forms 
of the two expressions are very similar, and 
when one is known the other can be written 
down at once. They each have special 
advantages as well as special disadvantages. 
The eikonal is particularly con venient in 
dealing with problems concerning thin lenses, 
hut fails when the system becomes -telescopic. 
If the eikonal is regarded as built upon the 
power K, a symmetrical construction which 
remains finite for a telescope may be founded 
upon 02 K /O Kl (1K n , but this breaks down in the 
case of a thin lens. The advantage rests 
with the system that has been followed here, 
as it is never essential to deal ",ith a telescope 
as a unit, but a suitable division of the system 
may always be maue in which the two parts 
are of finite focal length and the aberrations 
of which require to be suitably related. 
A convenient system of equations for the 
calculation of the coefficients of the eikonal is 


A= 
g2h, 
B = "J:.(][J'h, 


A' = 
(]'2h', 
R' = 
gg'h', 
1..." K'ffI, 
UJ=-.o.J-, 
K ILm-IlLm 


c= 
g'2h= 
gZh', 


where the summations extend o'"er all 
mrfa('('s, 
and 
R OKI,m 1> CKJ,m 
(J'ffI,= 1L'ffI,-1 "m
 - Kl,m-I = ILmD.m----S- - Kl m 
CK'ffI, ('K m " 


, R OKm,n R OKm,n 
Ym=lLm-1 m
+Km.n=tLm m
+Km+:,n, 
UKm (K m 


h = OK l . m ( Kl''ffI, _ Kl,m-I ) 
m OKm 1L'ffI,2 ILm 2 -I ' 


h'm = 
Km,n ( K'ffI,;n _ Km+
n ) . 
OKm ILm -I fJ.-m 



 (23) :METHOD OF CHECKING THE RESULTS. 
-In checking the reliability of the con- 
clusions reached by the approximate methods 
that have been described, it is convenient 
to have the terms representing aberrational 
effects separated from those which are in 
accordance with paraxial laws. As a rule 
it is only necessary to consider rays which lie 
in a plane containing the axis, and these rays 
may be rapidly traced by means of the formulae 
sin cþ = sin ý; + JzR, 
IL' sin 1>' = IL sin 1>, 
h' _ Jz= 4
 (sin 1>-f:in 1>')(sin q>' +sin If) 

 sin 2 Ý;o' + (cos ý; +cos 1> +cos 1>')2 l' 
sin ý;' = sin tf;o' - (Jz' - Jz)R, 
and on transference to the neÀt surface 


Jzm t-J = Jz'm + t m sin tf; m, 
where 1-2 and Jz' are the perpendiculars to the 
ray from the vertex of the surface before and 
after refraction, and sin tf;o' is the approximate 
value of the sine of the inclination after 
refraction given by the paraxial law 
sin tf;o' = sin tf; + sin 1>' - sin 1>. 
It will be noted that the aberration terms 
are those involving Jz' - Jz, and the terms in 
the numerator of the expression for this 
quantity are the first order aberration terms. 
The magnitude of the denominator in com- 
parison with its paraxial value 8 gives the 
ratio of the terms of higher orders to the first 
order values. Rays traced through by this 
method indicate directly where departures 
from the approximate expressions occur and 
what measures should be taken to secure the 
most satisfactory com promise or, where possi ble, 
to secure thorough correction. The only 
ta bles needed are a single-page, four-figure 
sheet giving the cosines from the sines. It 
will be noted that the differences between the 
cosines and unity occur as a small correcting 
factor in the aberrational expression, and the 
four figures give approximately a degree of 
I accuracy comparable with that obtainable- 
from six. or seven-figure logarithms using the 
ordinary trigonometrical method of ray tracing. 
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A consideration which "ill appeal strongly 
to the computer who is working continuously 
at ray tracing is the reduced mental demand 
the use of this method involves. It has been 
devised particularly for use where calculating 
machines are available, and it is only under 
these conditions that its special advantage 
"ill be realised. 


T. S. 


OPTICA
 COSSTA
TS, TABLE OF, FOR TYPICAL 
OPTICAL GLASSES. See" Glass," 
 (23). 


OPTICAL GLASS 

 (1) PROPERTIES OF OPTIC>\.L GLAss.-The 
material most generally used for the construc- 
tion of the prismatic and lenticular portions 
of optical instruments is glass. This is 
available in many varieties, all specially 
manufactured for the purpose from the purest 
material
 obtainable, and 80 treated that the 
finished product is as transparent as possible 
for the whole visible spel'trum and the con- 
tiguous spectral regions, is homogeneous, free 
from internal strain and from certain other 
defects. In certain types of glass the entire 
removal of some of the minor defects has not 
been found p{}ssible. For example, dense 
baryta crowns almost invariably contain 
throughout the whole mass of the melting 
a number of bu b bills. If these are small 
and not too numerous they are of little conse- 
quence in instruments in which the employ. 
ment of these glasses is of special importance, 
and the glass-maker contrives to cut out the 
larger bubbles and any pieces in which the 
bubbles are too numerous before moulding 
the remainder into plates or discs for the use 
of the lens - maker. Again, certain glasses 
which in other respects possess properties of 
great value are very liable to tarnish or even 
to decompose after prolonged exposure to the 
atmosphere, and their use is practically 
confined to combinations in which they can 
be cemented between two lenses of more 
durable glass. A few very dense flint glasses 
begin to absorb light strongly before the violet 
end of the spectrum is reached, and in consider- 
able thicknesses they are practically opaque 
to .blue light. Their use is consequently 
confined to the construction of very small 
lenses, such as the lenses of mi
roscope 
objectives of high power, where the short 
length of the path of light within the glass 
renders its strong absorption almost innocuous. 
Apart from the presence of objectionable 
qualities such as those just mentioned, 
particular types of glass are selected solely 
for t4eir purely optical properties. The 
optical computer could desire the liberty to 
select arbitrarily the two principal properties 
of the glass he would use, the dispersion 


which controls the chromatic aberration, and 
the refractive index for a selected colour 
which determines the spherical errors of the 
instrument. rntil new glasses were manu- 
factured at Jena by Schott u. Gen. the choice 
was limited to glasses of a linear series. If 
fJ. is used to denote refractive index, and a 
suffix is added to distinguish the spectral line 
to which it relates, the dispersion is measured 
by the magnitude of II where 


(fJ.D - I) 
fJ.F - P-c = ------;--. 


(I) 


The older glasses obey a relation of the form 



+è=l, 
P-D ." 
where a and ß are constants having the same 
values for all the glasses. 
Consider now an object glass made up of a 
num bel' of thin lenses in contact, each kind 
of glass satisfying the above relation. Let 
R be the difference in the curvatures of a 
typical component, and write K for R (fJ. - I), 
adding a suffix when P- carries one. From 
equation (I) 


(2) 



KF 


KD 

KC = 
-, 
II 


(3) 


showing that the C and F rays will only be 
similarly refracted if 


K 

 
 = 0, 
v 


(4) 


which is the usual condition for achromatism 
in a telescope objective. 
lu1tiplying both 
sides of (2) by K D , 


.....KD .....KD_..... 
a._- + ß-- - _KD' 
P-D II 


(5) 


It is ordinarily essential for the condition (4) 
to be closely satisfied, so that the term in ß 
disappears from (5). The quantity on the 
right is the power of the system, and the 
coefficient of a is the quantity which determine:;; 
the curvature of the field. It follows that 
with such glasses there is no power to vary 
the curvature of the field of a thin objective. 
The realisation of the limitations implied 
by the relation (2), together with another 
property of optical glasses to be mentioned 
presently, induced a number of experimenters 
to search for glasses outside the region to 
which known types belonged. Among these 
Vernon Harcourt and Stokes may be men- 
tioned. Their investigations achieved only a 
partial success and led to no results of practical 
utility. It turned out that they just missed 
success, largely through the want of such 
technical advice as a glass-maker could afford. 
Abbe, working in conjunction \\ith Schott, 
an experienced glass manufacturer, succeeded 
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in overcoming the difficulties of making seyeral 
novel varieties of glass in about two years. 
The results of their work were of such im- 
portance that the J ena glassworks were 
founded for the manufacture of the new 
glasses. A first list of forty-four types of 
glass was published in 188H, of which nineteen 
represented glasses of novel optical position. 
Other lists have been issued since at various 
da tes, and taking all the lists together glasses 
have been listed in the regions indicated in 
Fig. 1, which shows a very different state of 


60 
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jJ. 
FIG. 1. 


affairs from the hyperbolic line which repre- 
sented the glasses obtainable earlier. 
The most important of the new varieties 
ha ve been : 
Phosphate crowns ì 
Barium phosphate crowns , 
Boro-silicate crowns f First introduced 1886 
Dense barium crowns 
Borate flints 
Baryta light flints First introduced 1888 
Telescope crowns . H)02 
Telescope flints 1905 
Fluor crowns . 1913 


Of these glasses much the most remarkable 
in their properties were the phosphate glasses 
and borate flints of the first list. These have 
all been found to be unstable and have been 
withdrawn. In successive lists it will be 
noted that there has been a general tendency 
to continue to withdraw the more extreme 
glasses, and it may be inferred that stable 
glasses ha ve not yet been made ha ving 
extreme properties in desirable directions. 

 (2) IRRATIONALITY OF DISPERSIoN.-The 
production of glasses not constrained by the 
normal relation between refractive inde-x: and 
dispersion is the most notable permanent 


1.9 


result of the "ork of the Jona glassworks. 
But though the importance of this achieve- 
ment was not unappreciated, neverthf'lcs
 it 
was not the prime motive which inspired the 
researches ûf Harcourt, Stokes, and Abbe. 
:Much more attention was given in these 
investig ttions to the production of glasses 
with a considerable difference of dispersive 
power, but with a similar division of the 
dispersion for various parts of the spectrum. 
If two prisms are mad.e from an ord.inary 
crown and an ordinary flint so as to produce 
as closely as possible the same angular dis- 
persion in the neighbourhood of the region of 
the spectrum to .which the eye is most sensitive, 
it will be found that the crown prism will 
have the greater dispcrsion between this 
region and the red end of the spectrum, "hile 
the flint will produce the greater dispersion 
between this central region and the blue end 
of the spectrum. The conseq uence of this 
irrationality of dispersion is that a telescope 
objective, instead of bringing light of all 
visible wave-lengths sensibly to the same focus, 
has a minimum focal length for some wave- 
length which may be chosen by the designer, 
and for wave-lengths towards the ends of the 
spectrum the position of focus is so different 
that images in light of these colours wil1 not 
be seen. l\Ioreover, the longer the focal length 
the greater is the defect, so that it is parti- 
cularly serious in all large refracting telescopes. 
The relatively advanced degree of develop- 
ment of astronomical instruments at an early 
stage in the evolution of optics led to early 
recognition of this fault, and thus it naturally 
called for the attention of those who sought 
to improve optical glass. The importance of 
the other direction in which freedom was 
desired, the removal of the restriction expressed 
by equation (2), was only recognised as of 
considerable importance with the develop- 
ment of photography. 
From equations (I) and (3) it is evident 
that in a system for which C and F have 
a common focus, so that equation (4) is 
satisfied, the focus for some other line, 
say X, will coincide with C and F if an the 
glasses have the same value for 


fJ.x - fJ.c 
fJ.F - fJ..c 
A ready index of the suitability of two glasses 
for producing very perfeet colour correction 
will thus be afforded by tabulating these 
ratios where X is made to agree in turn with 
a number of spectral lines. Such ratios are 
gi ven in the lists issued by glass- makers, the 
usual ratios chosen being 


fJ.D - fJ.A' 
-, 
fJ.F - fJ..c 


fJ.o' - fJ..F 
fJ.}' - JJ.c 


fJ..F - fJ.D 
-, 
fJ.F - fJ.c 
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It is not easy, however, from an examination 
of these figures, which must be given to three 
decimal places to be of practical utility, to 
realise what has actually been achieved. An 
alternative method "\\ill" therefore be adopted 
which "ill show the degree of uniformity 
clearly with the aid of the minimum number 
of figures. The method has the further merit 
of leading directly to a number of conclusions 
of considerable importance. 
A rough examination of the figures of the 
glass lists "ill sho\\ that the change of ilis- 
tribution of the dispersion runs fairly uni- 
formly with.". 'Ye may, therefore, fit a 
formula of the type 
J1. - J1.D = (J1.F - J1.c)( a + bv) 


to the glasses as a whole for the various 
spectral intervals, and tabulate the outstand- 
ing corrections which must be made to the 
calculated dispersions to equal those observed. 
It is preferable to apply this method to the 
actual differences of refractive index rather 
than to the calculated ratios, for the former 
are likely to be more accurate and the errors 
of the measurements are approximately 
constant in index differences. As a basis it 
is important to employ a list which includes 
many varieties of glass, both ordinary and 
new types, and the list should be critically 
examined for any internal evidence of un- 
reliability in the figures. The various Jena 
glass lists, though not entirely free from error, 
will be found the most satisfactory for the 
purpose, and these lists have been utilised in 
preparing the following tables. 
The formula for the refractive index of any 
given wave
length now becomes 


J1. - J1.D =a(J1.F - J1.C> + b(I1D -I) + 
 x 10- 5 , (6) 


where a and b are functions of the wave- 
length only and 
 is the divergence from 
normality_ "Then the wave-length for the D 
line is substituted into the formulae for a and 
b they must both vanish. Moreover b has 
the same value for the C and F lines, and for 
these lines a has values differinO' by unity. It 
is found that the outstanding 
al'Ues or" 
 are 
small if the following values are adopted for 
these constants: 


Line. Wave.length. a. b. 
A' 0.768:? - .544 - -00167 
C 0.(i563 - -
69 - .00043 
D 0.5893 0 0 
F 0.4861 .731 - .00045 
G' 0.4341 1-404 --00:!:!3 


It is important to notice the meaning to 
be attached to b in lenses composed of glasses 


having 
 =0. By addition for the various 
gl asses (6) gives 

K=a(
KF-
KC> +(1 +b)
KD. (7) 
Thus in a system achromatised for C and F 
the po
\"er for any particular wave-length is 
1 + b tunes that for the D line. Thus b 
measur
s 
he. so-called secondary spectrum, 
and thIS IS Invariable for combinations of 
normal glasses forming a thin lens. It will 
be seen later that b assumes small positive 
values somewhat on the short wave-Ienrrth 
side of the D line, so that the extreme variation 
of the focus is some" hat greater than the 
preceding figures suggest. By simple trans- 
formation the reference position may be chosen 
at any ?ther part of the spectrum in place of 
the D line, and the precise type of chromatic 
correction may also be chosen arbitrarily 
without altering the general character of th
 
chromatic relations. The equation to the 
secondary spectrum can reailily be found 
under any assigned conditions by expressinO' 
b as a function of the wave-length. 0 

 (3) REFRACTIVE IXDEX AXD "T AyE _ 
LEXGTH.-
Iost attempts at fitting a formula 
t
 express the refractive index of glass as a 
function of the wave-length appear to have 
been baspd upon the study of a few gla::;ses 
for which the indices have been observed for 
a large number of lines_ Such a method is 
doubtless satisfactory for the particular glasses 
to which the formula is fitted, but it almost 
invariably happens that these formulae fail 
seriously when applied to normal glasses in 
general. The fact that a formula such as (6) 
expresses a relation which holds "ithin narrow 
limits for such glasses indicates that a high 
degree of accuracy can be attained from a 
formula which involves only two distinct 
functions of the wave-length. To determine 
these functions let the term in (J1.D - 1) be 
eliminated from the equations, and to obtain 
a good distribution of the observed points let 
only J1.A" J1.c' J1.F' and J1.o' enter into the equation 
so obtained. The relation is evidently 


(b G , - b F )(J1.e'- J1.A') - (be - b A' )(PG' - J1.F) 
+ {(ae-aA,)(b G , -bF)-(a G -aF)(be-b A ,)} 
(J1.F - J1.C> = 0, 


or, numerically, 


178(J1.e - J1. A') + 122(I1G' - J1.F) = 131(J1.F - J1.C>. 


A shorter very approximate relation is 


17 (J1.e - J1. A') + 11 (J.lG' - J1.F) = 12(J1.F - J1.C>. 


Now the glasses have two quite distinct 
degrees of freedom, but aU obey this relation. 
It follows that each function of the \\ave- 
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lengths must obey this relation separately. 
The great majority of the functions that may 
be proposed may be ruled out of court at 
once since this relation is not satisfied by them. 
A class of functions which may be considered on 
account of their simplicity is that where the wave- 
length occurs to some power n. As n is given different 
values, the value assumed by 
178 (< .65(3)" - (.i682)"} - 131 {( -48(1)" - (.6563)"} 
+ 122 {( '434-1)" - ('4861)"} 


or 


122( .4341)n - 253( .48(1)" + 309( .65(3)" - 178( .7(82)" 


may be plotted. It is found that the resulting curve 
(see Fig. 2) crosses the zero line for two values of n, 1 
viz. - 0.91 and - 3.40. The corresponding formula 
for the refractive index is readily seen to be 


p, - P-D 
A -91_ AD -.91 
= {.226(P-F- P,c> + 'OO62(P,D -I)} À -.91 A -.91 
F - C 


À -3.4_ A -3.4 
+ {.774(P-F- P-c) - .0062(P,D - I)} À -3.4 : - 3.4' 
F - C 
and from this the equation to the secondary spectrum 
fur any type of correction is deducible without 


f.1. A -f.1. c 
J.l.C-P,F 


280 
540 550 


with b = +0.00008, anù when D and G' aro united 
as for photographic purposes, b takes the values 
b.A.' = - .ÜU:!53, b F = + .00071, 
be = - .00088, b G , =0, 
b D =0, bm>lx. = + .00071 at À = .4972p,. 
The formula found above shows (Fig. 3) that of 
those hitherto proposed Conrady's 2 second form 
P-=P,o +a\ -1 +bÀ-
 
is that of most general utility when only two functions 
are employed. If the Cauchy form 
P-=P,o +aA -2+bÀ-4 
were assumed, the relation 


494(p-C - P-A' > + 245(P,G' - P,F) =300(P,F- P-c> 
would be obeyed; it may be shown that no glass 
obeys this law, and the formula will therefore be 
60 
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unreliable when applied to the dispersion of glass. 
Other formulae may reaùily be found which will 
obey the actual law as accurately as that already 
determined, but in view of the simplicity of this 
result and the present degree of accuracy in refracto- 


600 
J.l.F - J.l.o' 
Jlc - J.l.F 


650 


F=}'luorite. 


FIG. 3. 
R=Rock salt. S=S
'lvite. 


difficulty. \Vhen C and F are brought together the 
minimum focus is found at wave-length À =0.5558 
1 The solution n = 0 is, of course, valuel('s!). 


metric observations there is little gain to be expected 
therefrom. 


I ]IIonthly Notices, R.A.S. lxiv. 460. 
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 (4) TABLE OF PROPERTlEs.-In the follow- 
ing tables the glasses, as usual, are arranged 
in the order of their v values. The type 
number is given first-O. indicates that the 
ordinary procedure is followed in manufacture, 
S. that the glass is made in special pots on 
a small scale only. As the history of the 
glass is of interest, the date of introduction 
is gi ven, and if the glass has since been 
withdrawn the date of "ithdrawal also. 
For brevity the lists are denoted by letters, the 
dates being as follows : 


1886 . 
1888 . 
1892 . 


Type. 


O. 225 
O. 6781 
O. ü500 
s. 40 
0.82 
O. 3:!9t.i 
O. 3:!58 
O. 2188 
O. 7185 
O. 3467 
S. 30 
0; 8u:! 
ÜY. 3199 
S. 15 
0.144 
O. 383:! 
O. 3848 
0.599 
O. 3512 
0.57 
O. 2388 
O. 3390 
O. 6367 
O. 3ü55 
0.40 
O. 2122 
0.337 
O. 4817 
0.374 
O. 622:1 
O. 3453 
0.546 
o. ()Ü 
Q.138 
S.52 
O. 4125 
O. 6G34 
O. 5(;7 
0.20 
O. 2118 
0.227 
O. 3712 
0.610 
O.20:J 
O. :.!O71 
O. fin8 
O. 312 


. A 
. B 
. C 


Description. 


L. P. Cr. 
F. Cr. 
F. Cr. 
)1. P. Cr. 
BS. Cr. 
BS. Cr. 
Cr. 1. fJ.. 
BS. Cr. 
F. Cr. 
Cr. 1. fJ.. 
d. Ba. P. ('I'. 
BS. Cr. 
rv. Cr. 
D. Ba. P. Cr. 
BS. Cr. 
BS. Cr. 
BS. Cr. h. fJ.. 
BS. Cr. 
BS. Cr. h. fJ.. 
L. S. Cr. 
T. Cr. 
BS. Cr. 
BS. Cr. 
T. Cr. 
S. Cr. 
D. Ba. Cr. h. v. 
S. Cr. 
S. Cr. 
S. Cr. 
S. Cr. 
S. Cr. 
Z. S. Cr. 
S. Cr. 
S. Cr. h. fJ.. 
L. B. Cr. 
S. Cr. 
S. Cr. 
S. Cr. 
S. Cr. 1. fJ.. 
Cr. 1. fJ.. 
Ba. S. Cr. 
D. Ba. Cr. 
('I'. 1. fJ.. 
O. K Cr. 
D. Ba. Cr. 
S. Cr. 
S. Cr. 


1902 
1905 . 
1913 . 


. D 
. E 
. F 


Intrcducc'.:l and 
withdra wn. 


A:D 
F 
F 
A:D 
D:E 
E:F 
D:F 
.D 
F 
E:F 
A:D 
C 
E 
A:D 
A 
E 
E 
B 
E 
A 
D:E 
E 
F 
E:F 
A:D 
D 
B 
F 
B:D 
F 
E 
B 
A 
A 
A:D 
F 
F 
B 
A:D 
D 
A 
E 
B:D 
A 
D 
B:D 
B:D 


Where two letters appear, the earlier indicates 
the list in which the glass is first mentioned, the 
latter the first list from which the glass is omitted 
In the descriptions of the glasses the following 
contractions are used: 


Ba. Barium 
B. Borate 
BS. Boro-silicate 
Cr. Crown 
d. Dense 
D. Densest 
.1. Dispersion 
E. Extra 
F. Fluor 
FI. Flint 
G. Glass 


h. High 
1. Low 
J... Light 
1\1. Medium 
O. Ordinary 
P. Phosphate 
K Silicate 
T. Telescope 
UV. Vltra-violet 
Z. Zinc 


JI. (I-'D - 1)10 4 . (I-'F-l-'c)10 s . f'A'. f'{'=f'F. f'G'. 
- - - 
70.0 . 
5159 737 + .J - 1 - 2 
69'9 4933 706 - 1 - . + 3 
67.1 4711 702 - 2 - 1 - 1 
66.9 G590 835 + 2 + 2 + 5 
66.5 494-! 743 - 9 - 2 - 2 
66.5 499J 750 - 8 - :2 - 1 
65.9 4782 726 -11 - 2 - 6 
65.9 5013 760 - 1 . . + 2 
65.6 4637 707 - 2 . . . . 
65-6 46-!9 708 - 8 - 3 . . 
65.2 5760 884 + 7 + 2 + 7 
64.9 4967 765 - 5 - 3 - 6 
64.4 5033 781 - 5 - 2 - 6 
64.1 5906 9.)0) + 9 + 1 + {) 
6-!'0 5100 797 . . - 1 - 2 
64.0 51(33 806 - 3 . . - :2 
63.5 5199 818 - 5 - :2 - 1 
62.3 5069 813 - :2 - 2 - :2 
62.3 5301 851 - 5 + 1 - 2 
61.8 5086 823 + 3 - 1 . . 
61.7 5254 852 + 2 + 3 + 7 
61.2 5170 84-! + 1 + 1 + 3 
61.0 5088 835 - 6 - 1 - 5 
61.0 5285 866 + 2 + 1 + 5 
60.9 5166 849 + 3 - 1 - 2 
60.8 5899 970 + 5 . . - 1 
60,7 5144 847- + .) 
. . . . 
60.6 5028 830 + 1 . . . . 
60.5 510D 844 - 3 - I + 1 
60.5 5118 846 . . . . - 1 
60.4 5191 8(j0 + 4 . . - 1 
60.2 5170 859 - 1 . . - 1 
60.2 5179 8öo + 1 . . . . 
60.2 5258 872 + .J . . + 1 
60.0 5047 840 -19 - 4 - 14 
60.0 5223 871 + 1 . . + 1 
59.7 5127 858 - 1 . . . . 
59.7 5134 8;,)D - 1 . . + 1 
59.6 5019 842 - 1 - 1 . . 
59.4 509.3 858 - 5 . . + 4 
59.4 5399 90D + 3 - I - 3 
59.3 6053 1O:! 1 + 1 . . . . 
59.0 5063 858 - 1 - 2 - I 
59.0 5175 877 . . - 2 - 1 
58.8 6098 lO:n + 1 - 1 . . 
58.G 5152 H7D + 2 . . - 1 
58.6 5192 88G + 1 + 1 + 1 


ill 
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I Type. I DCRcription. Introduf'cd and (I-'D -1) 
withdrawn. v. 
I 
O. 2lül Cr. 1. p.. D 58.4 510' 
O. 13 Pot. S. Cr. A:D 58,0 522 
O. 15 Z. S. Cr. A 58.0 530 
0.211 D. Ba. S. Cr. A 57.5 572 
0.709 Z. Soda Cr. C:D 57.3 512 
O. 3376 Soft S. Cr. E 57.3 518 
O. 3;)51 Z. S. Cr. E 57.2 512 
0.153 f;. f'r. A:D 57.2 5IG 
O. 1209 D. Ba. Cr. a 57.2 611' 
O. 5970 D. Ba. Cr. F 56.9 620 
0.114 Soft S. Cr. A 56.6 515 
0.197 B. S. G. A:D 56.5 525 
O. W15 D. Ba. Cr. D 56.4 608 
O. 2994 D. Ba. Cr. D 56.4 613 
O. 7550 Ba. L.Fl. F 56.0 569 
O. 3961 D. Ba. Cr. F 55.8 611 
O. 733ü Ba.L.FI. F 55.7 568' 
O. 3775 D. Ea. Cr. E:F 55.7 611 
UV.32....8 UV. Fl. . E 55.4 533' 
O. 46:
 Ba. L.Fl. B 55.4 564 
0.202 D. Ba. S. Cr. A:D 55,3 604 
S.35 B,Fl. A:D fi5.2 550 
O. 5878 D. Ea. Cr. F 54,9 613 
O. G08 Cr. h. .1. B 54.6 514 
O. 3419 T. FI. h. v. E:F 54.6 515 
O. 4679 D. Ba. Cr. F 54.1 GIG 
0.252 B. Fl. A:D 53.8 5521 
0.722 Ba. L.Fl. a 53.8 5797 
O. 5799 D. Ba. Cr. F 53.2 6.)0) 
O. 846 Ba. L.FI. a 53.0 5521': 
O. G02 Ba.L.Fl. B 53,0 567 
O. 2001 T.Fl. D:E 51.8 5211 
O. 3439 T.Fl. E 51-6 528( 
0.381 Cr. h.
. B 51.3 526' 
O. lfi2 S. G. A 51.2 536 
0.583 Ba. L.Fl. B 51.2 568 
O. 3422 T.Fl. E:F 50.9 5257 
S. 8 B. Fl. A:D 50.8 573 
0.543 Ba. L. FI. B 50.6 5637 
0.527 Ba. L. FI. B 50.4 571 
O. 3338 T. Fl. l. v. E 49.9 548 
O.W4 BS. Fl. A:F 49.4 550. 
O. 2015 D. Ba. ('r. h. j,. D 49.4 6041 
0.575 Ba. L. Fl. B 49.3 568' 
0.214 S. (
. A:D 48.7 536 . 
0.522 Ba.L.FI. B 48.2 555 
O. 7821 BS. Fl. F 48.1 570: 
O. 726 E. L. Fl. a 47.3 539 
O. 6241 O.L.FI. F 47.0 5595 
O. WI BS. Fl. A:F 46.7 567 > 
0.578 Ba. L.FI. B 46.4 5825 
0.378 E.L.Fl. a 45.9 5473 
O. 364 BS. Fl. D:F 45.9 575 
O. 6296 O. L. FI. F 45.4 558 
S. 7 B. Fl. A:D 44,3 G08G 
O. l
li6 Ba.L.FI. D 43.8 604' 
0.154 a.L.Fl. A 43.0 571 
O. 376 O.L.Fl. B 42.9 566 
0.230 S, Fl. h. p.. A:D 42.5 <501 
O. 276 O. L.Fl. D 42-2 580 
O. fi69 O.L.Fl. B 41-4 573 
0.340 O.L.Fl. B 41.4 577 
O. lR4 O.L.Fl. A 41.0 fi90 
S. 17 d. B. FI. A:D 40'(i 64fi7 
0.748 Ba. FI. e 39.1 6235 


10 4 . (fJ.F -l-'c)10 5 . 


2 873 
8 9(H 
8 915 
6 99;3 
8 894 
9 904 
7 897 
o 904 
2 1068 
7 1092 
I 910 
o 929 
o 1078 
o 1087 
4 1017 
9 1897 
2 1020 
6 1098 
2 964 
6 1020 
o 1092 
3 996 
9 lIl7 
9 943 
4 914 
7 1140 
1026 
1078 
3 1170 
i) 1042 
6 1072 
1007 
) 1025 
2 102G 
8 1049 
8 llIO 
1032 
6 Il29 
II 15 
8 1133 
3 1099 
3 1114 
1222 
2 1151 
G Il02 
4 1153 
J 1185 
8 Il42 
1192 
G 1216 
1255 
1193 
3 1254 
4 1230 
1375 
2 1381 
o 1327 
o 1319 
4 1415 
o 1373 
8 13R5 
4 139G 
o 143R 
1591 
1599 


fE A ,. fEe = E: F . fE G ,. 
- - 
+ I + I + 4 
+ 5 + 2 + 4 
- 1 - I 2 
+ 7 + 1 
- 3 - 3 
+ I 
- 3 - I 
+ 2 - I - 2 
+ 3 
+ 4 - 2 
+ 4 
- 6 - I - 2 
+ 3 
+ll + I ] 
+ I I 
+10 + I I 
+ 3 2 
+ 4 + 2 + 4 
+ 2 - 1 2 
+ I 
+ 5 I 
-20 - 4 - lü 
+ 3 + I 
+ 4 
- 9 2 - 4 
+ 4 + I 
-17 - 3 - 13 
+ 2 - I 2 
+ 4 + I 
+ 2 - I 2 
+ 3 + I 2 
- 4 - 3 - 11 
- 8 - 2 7 
+ 2 + I 
+ I 
+ 3 - 2 
-10 - 3 - 8 
-18 - 4 - 18 
+ 2 
+ 6 
- 5 - 2 7 
-12 - 4 - 11 
+ 3 + I - 2 
+ 3 + 1 
- I - 3 
+ 2 + 1 + ] 
- 4 - ] - 4 
- 4 
2 2 
- 6 - 3 - 12 
+ 3 2 
+ I 1 
- 9 - 3 9 
- I 2 
-14 - 4 - 19 
+ I I 
- 2 - 1 
- 2 
+ 2 + 2 I 
2 - 1 + 6 
- 4 + I 
- I 
- I - 3 - 4 
-lü - fi - 2!i 
+ 9 + I + 
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Trpc. Descri l)tion. Introduced amI <fJ.D -1) 10 .t.I<fJ. F - fJ.e)10 s . I 'C
'F 
withdrawn. v. fE A ,. fE G ,. 
0.318 O.L.FI. B 38.3 G031 1375 - 2 . . - I 
E,. 10 d. B. FL A:D 38.0 tii97 1787 -II - 5 - 24 
O. 118 O.FL A 36.9 GI:?9 1660 - 1 - 2 - 2 
O. W7 O.FI. A 3G.5 6W9 lG91 - 3 - 2 - 2 
O. 3
lifJ D. Ba. FI. D 3t.J,3 ü5iO 1809 + 1 + 2 + 8 
O. 103 O. FL A 3().2 G202 1709 - 1 - 1 . . 
O. 38li:3 O.Ft. E:F 35.9 (j

3 1731 + 3 + 2 + G 
0.93 O.FL A 35.8 6245 1743 . . - 3 - 2 
O. 6131 O.L.Fl. F 35.7 6246 r-') + 2 + 1 + 3 
'0_ 
O. 919 O.Fl. D 35.7 ti315 li70 + 5 + i + 7 
0.2G6 O. :FI. B:D 35.4 6287 Jï75 - 1 + 1 + 4 
0.335 d. Fl. B 34.S 6372 1831 + 3 - .") + 3 
O. 1O:? d.Fl. A 33.8 6482 1919 . . - 2 + 3 
O. 19:? d. Fl. A 32.0 f>734 2104 + 2 - 1 + 5 
0.41 d. Fl. A 29.5 7174 2434 + 5 + 2 -I- 13 
0.113 d. Fl. A 28.4 7371 2600 +ll + 3 + W 
! 0.165 d. Fl. A 27.5 7541 2743 -+-11 + 3 + 21 
0.198 D. Fl. A 26.5 7i82 :?941 +11 -r 5 + 3:? 
S.2::!8 D. Fl. D:E 21.7 9044 4174 +28 +12 + 90 

. 57 D. Fl. A:D 19.7 9626 488:? +iO +22 +159 


It should be noted in considering the values 
of the E'S that the dispersions are supposed to 
be correct to :t 2 units in the fifth decimal 
place. ..An error of this amount in the meas- 
ured value of P-F - P-c would introduce an 
error of 3 in the calculated value of P-G', and 
as there might be an error in the measurement 
of P-G' - ftD of 2, it is possible for an error of :5 
units to appear in the last column without 
any actual deviation in the glass from normal 
behaviour. The figures suggest that errors 
only reach such a magnitude in one or two 
isolated cases, a check being obtained by 
comparing the behaviour of any glass "ith 
the normal properties of other glasses of the 
same type, and particularly with those of 
neighbouring optical position. If glasses of 
higher index than 1.7 be excepted in addition 
to those that have been \\ithdra" n on account 
of their instability, there remain very fe\\ types 
whose departure from the normal distribution 
of the dispersion exceeds the experimental 
errors of the measurements. It may thus 
be said that, apart from unstable types, practi- 
cally no success has been achieved in the 
manufacture of glass suitable for the elimina- 
tion of secondary spectrum. For an stable 
glasses the dispersion formula already men- 
tioned is sufficiently accurate, but for special 
glasses such as borate flints an additional 
term in the formula is necessary. 
It is not unimportant to note what values 
are required in the E'a for two glasses to be 
used for a thin achromatic lens to enable the 
secondary spectrum to be eliminated. Let 
the outstanding E'S be divided into two 
portions, the one proportional to the medium 
dispersions of their glasses, the rest propor- 
tional to the refracting power but of opposite 
YOLo IV 


sign in the two glasses. The former portion 
may be neglected, since it simply gives a 
corrected value to a in formula (6). The 
indices may now be written in the form 
{ a v-v' } 
ft -1 =(P-D -1) 1 + -+b +c---, , 
V v+v 
, "a v - v' 1.. 
P- -l=(P-D -1) l l+-,+b-c-----; j , 
v v+v 
and therefore 

K=(l +b +C)
KD 
for an achromatic combination. There \\ ill 
be no secondary spectrum if b + c = 0 for all 
colours. Since b is nega ti ve for the reference 
lines other than D, the E'S must be positive 
for the crown lens and negati\ye for the flint. 
Taking 1.5:5 as a mean value for both indices, 
the E'S of each lens must depart from the 
normal to the following extents for the v 
values shown to bring the focus for the lines 
indicated to the same position as that for the 
D line: 


v. 


, 
v. 


'CdF. 1_ 'G
 


E 
A' 


70 
65 
60 
55 


30 
33 
40 
45 


37 
28 
1
 I 


10 
7 
5 
2 


50 
37 
23 
12 


Since there are no cro\\ n glasses a vaila b
e 
which are above normal even as much as is 
indicated in the last rows of figures, the 
greater part of the correction "ill have to 
be borne by the low \
alues of the flint glass. 
These figures indicate clearly that a v difference 
of approximately 10 was the extent of the 
achievement reached for objectives "ithout 
secondary spectrum even \\ith unstable glasses, 
y 
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The follO\\Ìng table gives the mean values of results obtained by various observera (Landolt-Börnstein Tables, 
made at the Heichsanstalt (Z.f. Inslrumenlenkunde, 1920, xl. 91); they are for a temperature of 20 0 C. and refer 
rock salt and sylvite are for a temperature of 18 0 C. For particulars \Üth regard to the positions of infra-red 
TABLE I.-H.EFRACTIYE I:KDICES 
o = ordinary ray. 


.. 
Calcite (l'al'Ü a ). .Fluori 
Wave-length. O. E. 'Yavc-Icngth. 
/J f.L. f.L f.L . 
Al 199.0 . . 1.57796 Al 185.4 1.51006 
Au 200.1 1.90281 1.57ü19 Al 193.5 1.50137 
Au 201.5 1.88212 1.57081 Al 199.0 1.49G28 
Au 208.2 1.867:J3 1.5Gü40 Zn 202.5 1.49::123 
Zn 210.0 1.8ti081 . . Zn 20G.2 1.49033 
Cd 214.4 1.84384 1.55990 Zll 210.0 1.48753 

 Cd 219.5 1.83082 1.55511 Cd 214.4 1.484ül 
Q; 
Õ Cd 22ü'5 1.81:103 1.54924 Cd 219.5 1.48154 
.
 Cd 231.3 1.80245 1.54554 Cd 226.5 1.47758 
r;j 
b Ag 24-:1:.G 1.779ü6 1.53731 Cd 231.3 1.47522 
:3 Cd 257.3 1.7ü035 1.53017 Ag 244.6 1.4ü9(i!) 
Cd 274-9 1.74152 1.52272 Cd 257.3 1.4fi481 
Sn 303.4 1.7H);)9 1.51365 Cd 274.9 1.4:3967 
Zn 330.3 1.70315 1.50746 8n 303.4 1.45338 
Cd 361.1 1.69317 1.50224 Zn 330.3 1.44907 
l . . Cd 361.1 1.443:J 
. . . . 
f.L /J. . f.L f.L . 
( Al 396'2 1.68330 1,49777 Al 396.2 1.44219 
I H 434.1 1.67551 1.49-:1:28 H 434.1 ] .43962 
H 486.1 1.6G785 1.49073 H 486.1 1.43707 
Cd 508.6 1.66527 1.48959 Cd 508.6 1.43G2 
Fe 527.0 1.6G341 ] .4887] Fe 527.0 ] .43557 
d Cd 533.8 1.66276 ] .48842 Cd 533.8 1.4353 . 
:3 Pb 560,9 1.6GO-:l:6 ] .48735 Hg 546.1 ] .43497 
:
 Na 589.3 ] .658::17 ] .48(i41 Pb 560.9 ] .434f>7 
;,.... H 65G.3 1.6f>440 1.48458 Na 589.3 1.4338;- 
Li 670.8 1.65::169 1.48431 H (1)6.3 1.432.31 
He 706.5 I.G3207 1.48353 Li 670,8 1.4322 > 
K 768.2 1.64974 1.482!J8 He 70G.5 1.43171 
l{b 793.0 1.64886 1.48216 K 7G8.2 1.4309 
I , . . . . . . Rb 795.0 1.430G 
f.L. p.. 
0.8325 1.64772 1.48176 0.8840 1'4298J 
0.9047 1.()41)78 1.48098 1.178G 1.42788 
0.9914 1.64380 1.48022 1.3756 1.42li90 
}.0973 I.G4lG7 1.47948 1.5715 1.42;)9G 
1.2288 I.G392G 1.47870 1.7G80 1.42505 
1.3070 l'ü:n89 1.47831 1.9153 1.42434 
1.39.38 I.G:J(i37 1-47789 2.0G26 1.42358 
1.4972 1.63457 1.4ï744 2.3573 1.42204 
-d 1.6087 I.G32ßI . . 2.G519 1.4:WI7 
:l) l'ül4li . . ] .47G95 2.94Gli 1.41824 

 1.7487 1.47G38 3.2413 1.4llill 

 . . 
1-0 1.76]4 1.62974 3.5359 1.41377 
'+-< . . 

 
jooooj 1.9085 I 1.47573 3.8306 1.41119 
. . 
1.f).t-;,)7 I.G:W02 . . 4.12[,2 1.40854 
2-0.331 1.62372 . . 4.714G 1.40237 
2.0998 . . 1.474!I2 5.303G 1.::19528 
2.1719 I.H209!) . . 5.8932 1.38717 
2.3243 . . 1.47392 G .482.3 ] ,;37817 
. . . . . . 7.6/iJ2 J ':J.'í(iRO 
. . . . . . 8.8398 1.3:1079 
L . . . . . . 9.4291 1.3lli12 


te (CaF :J. 
I Wave-length.' 


f.L p. . 


4 


o 


/J. /J.. 
Hg 404.7 
Hg 435.8 
He 447.2 
Zn 472.2 
H 486.1 
He 501.8 
Cd 508.6 
Hg 546.1 
Hg 578.0 
Ka 589-3 
Zll G3li .2 
Cd G4::1.9 
H G56.3 
He 706.5 


1.44151 
1.43949 
1.43887 
1.437li4 
1.43704 
1.43(j4:
 
1.43Gl7 
1.4
49(ì 
1,43410 
1.4338::1 
1,43:?84 
1.43271 
1.4:{248 
1.43lG9 


1,43088 
1.43037 
1.4
919 
1.42835 
J .427!1!) 
1.42787 
] .42658 
1.425li5 
1.421)20 
] .42504 
1.42373 
1.4229::1 
1.42222 
1.42]97 
1.4:?08ü 
1.42008 


li 


;) 


G 


4 
4 


/J.. 
0.7707 
0.819] 
0.9(nO 
1.0922 
] .1!iliO 
1.178G 
1.44lG 
1.6382 
1.7::140 
1.7(.i79 
2.034:
 
2.1843 
2:3121 
2.3572 
2.5450 
2.5754 
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4th ed., UH2, 9li9-973). The second column of values for fluorite are the results of recent measurements 
to air at 20::> C., 760 mm. pressure, and 9 mm. absolute humidity. The other values for fluorite and those for 
absorption band:'! and the limits of transmission reference should be made to the Landolt-Bärnstcin Tables. 
OF TR -\XSPAREXT CRYSTALS 


E = extraordinary ray. 


I Quartz (Si0 2 ). Rock 
alt (XaCl). Sylvite (KCI). 
Wave-length.' O. E. Fused. Waye-Iength. Wave-length. 
p.p.. p. p. . p. p.. 
Al 185.4 1.67580 1.68997 1.574G4 Al 185.4 1.89332 Al 185.4 1.82704 
Al 193'.3 I.G5996 1.6734:3 1.56003 Al 193.5 1-82809 Au 197 1.73114 
Al 199.0 l'û3090 1.66396 1.55201 Al 199.0 1.79580 Al 199.0 1.72432 
Zn 206.2 . . . . 1.5427 I Au 200.1 1.79016 Au 200.1 1.718G4 
Cd 214.4 1.63041 1-64265 1.53392 Au 204.5 1.7G948 Au 204.5 1.69811 
Cd 219.3 I.G2496 l.li3701 1.52910 Au 208.2 1.75413 Au 208.2 1.68302 
Cd 226.5 . . . . 1.52305 Cd 214.4 1.73220 Cd 214.4 1.66182 
Cd 231.3 1.61400 I.ß2360 1.51937 Cd 219.5 1.7lïlO Cd 219.5 1.64739 
Ag 244.6 . . . . 1.51096 Cd 226.5 1.69906 Cd 224.0 1.63606 
Cd 237.3 1,3962-:1: 1.60713 1.30371 Cd 231.3 1'68
43 Cd 231.3 1.62037 
Cd 274.9 1.58752 1.59812 1.49613 Cd 237.3 1.64611 Au 242.8 1.60041 
Sn 303.4 . . . . 1.48688 Cd 274.9 1.62692 Cd 237.3 1.58119 
Zn 330,3 . . . . 1.48061 Cd 298.1 I.G1226 Cd 274.9 1.56380 
Cd 340.4 1.56743 1.57739 1.47877 Cd 340.4 1.58620 Al 308.2 1.54130 
Cd 3tH. I 1.56347 1.57322 1.47511 Cd 361.1 1.57861 Cd 340.4 1.52720 
. . . . . . . . . . . . Al 358.7 1.52109 
p. p.. p.p.. p. p.. 
Al 394,4 1.55846 1.56805 . . Cd 441.4 1.55962 AI 394-4 1.51213 
Al 39G.2 . . . . 1.47054 H 486.1 1.55340 H 434.1 1.50493 
H 434.1 1.55397 1.56340 1-46688 Fe 527.0 1.54915 H 486.1 1.49835 
H 4SG.l 1.54967 1.55897 1.46317 Hg 546.1 1.54745 Cd 508.6 1.49lH 0 
Cd 508'f) 1.54822 1,55,46 1.46190 Pb 560.9 1.54629 Hg 546.1 1 49313 
Ff> 527.0 . . . . 1.4fJ099 Xa 589.3 1 .54432 Pb 560,7 1.49212 
Cd 533.8 1.54680 1.55599 1.46067 H 656.3 1.54068 Xa 589.3 1.49038 
Pb 560.9 . . . . 1.45951 Li 670.8 1.54002 H 6;)6.3 1.48721 
Ka 589.3 1.54-:1:24 1.55334 1.45846 He 706.5 1.53863 Li 670.8 1.48663 
H ()56 .3 1.54189 1.55091 1.45640 K 768.2 1.53G66 K 768.2 1.48374 
He 706.5 1.54050 1.54949 1.45516 . . . . . . . . 
K 768.2 1-53904 1.54797 1,45389 . . . . . . . . 
Rb 795.0 1.53851 1.54742 1,45340 . . . . . . . . 
. . . . . . . . . . . . . . . . 
p. p.. p.. 
0.8007 1.53834 1.54725 . . 0.8840 1.53401 0,8840 1.48132 
0.8671 1.53712 1.54398 . . 0.9822 1.53245 0.9822 1.47998 
0-9400 1.53583 1.54-:1:64 . . 1.1786 1.53037 1.1786 1.47821 
1.04:17 1.53442 1.54317 . . 1.5551 1.52821 1.584 1.4765 
1.1592 1.53283 1.54152 . . 1.7ß80 1.52744 1.7G80 1.4,379 
1.3070 1.53090 1.53951 . . 2.3573 1.52585 2.3573 1.47465 
1.368.5 1..33011 1.538G9 . . 3.5339 1.52317 3 '5339 1.4729.3 
1.4219 1.52942 1.53796 . . 4.1252 1.52164 4.125 1.4721 
1.4:9,2 1.52842 1.53692 . . 5.0092 1.51898 5.3039 1.46991 
l.n087 1-52G8, 1.53529 . . 6.4825 1.51355 6.482 1.4678 
1-6813 1.52583 1.53422 . . 7.6611 1.50832 7.080 1.4ô60 
1.7614 1..5241)8 1.53301 . . 8,8398 1.50204 7.661 1.4G4.) 
1.9457 1.52184 1..53004 . . 10.0184 1.49472 8.8398 1.4G076 
2.1719 1.51799 1.52609 . . 12 ,9650 1-47172 10.0184 1.43G62 
2.59 1.5101 . . . . 14.1436 1.46055 12.965 1.44336 
3.03 1.4987 . . . . 15.3223 1.44749 14.144 1.43712 
3.40 1.4:879 . . . . 15.9116 1.-:1:-1103 15.912 1.42607 
3,80 1.4740 . . . . 17.93 1.4151 17.68 1.41393 
4,09 1.4620 . . . . 20,.57 1.3737 20.60 1 .3882 
56 2.18 . . . . 22.3 1. 3405 22..50 1.3tJn2 
. . . . . . . . . . . . . . . . 



324 


OPTICAL GLASS 


and that appreciable reduction "ith present 
glasses can only be obtained by the use uf 
abnormally steep curves. They further in- 
dicate the character of the chromatic focal 
relation to be expected in objectives corrected 
for secondary spectrum. In the outer parts 
of the spectrum there will be a tendency to 
approximate more closely to the normal type. 
Thus there is a general flattening of the focal 
curve, with four points in which the selected 
plane is crossed, not three as is usually stated. 


objective that can be marle. The alternative 
is to have recuurse to lenses of more complex 
structure in which an essential part in the 
correction is played by the separation., of the 
components. That correction may be achieved 
in this way is readily seen. For consider a 
system built up of a number of thin achromatic 
lenses of ordinary glasses, separated from one 
another. Each of these produces a similar 
secondary spectrum, that is to say they behave 
as lenses all of the same kind of glass with 


TABLE n.-REFRACTIVE INDICES OF SPE(,IME
S OF OPTICAL GLASS 


Type of Glass. 


o.
.
 


Wavt'- 
length. 


O. 1151. 


S.179. 


O. 46!1. 


S.204. 


O. 451. O. 1442. 


- 
p.p.. 
( 276.3 1.56027 . . . . . . . . . . . . . . 

I 283.7 1.55648 . . . . . . . . . . . . . . 
288.0 1.55437 . . . . . . . . . . . . . . 

I 298.0 1.55005 1.57093 . . 1.65397 . . . . . . . . 

 308.1 1.54625 1.56!)58 . . 1.644.")3 . . . . . . . . 

, 313.3 1.54444 1.56307 1.64024 1.65254 

I . . . . . . . . 
326.1 1.54046 1.5,3770 1.59138 1'63134 1.64754 1.73245 . . . . 
I 340.4 1.53660 1.55262 1.58776 1.62320 1.64271 1.71968 1.8!)487 . . 
346.6 1.53509 1.55068 1.58632 I .62008 1.64077 1.71485 1.84731 . . 
\.. 361.1 1.53195 1.54664 1.58330 1.61389 1.63683 1.70536 1.83263 . . 
p.,u. 

r 434.1 1.52092 1.53312 1.57273 1.59355 1.62320 1.67561 1.78800 1.94493 
467.8 1.51769 1.52903 1.56949 1.587ï2 1.61891 . 1.66725 1.77609 . . 
480.0 1.51662 1.52782 1.56847 1.58594 1.61770 1.66482 1.77256 . . 
486.] 1.51610 1.52715 I 1.56794 1.58515 1.61706 1.66367 1.77091 1.91890 
508.6 1.51447 1.52525 1.56643 1.58247 1.61504 1.65979 1.76539 . . 
.
l 
en 534.9 1.51287 1.52327 1.56476 1.57973 1.6]292 1.6i)(ìOl 1.75995 1.90262 
> 589.3 1.51007 1.52002 1.56207 1.57524 1.60956 1.64!)85 1.75130 1.88995 
656.3 1.50742 1.51712 1.55957 1.57U9 I .60644 1.64440 1.74368 1.87893 
768.2 1.5042() 1.51368 1.5.")651 1.5ßß69 1.60277 l'ü3820 1.73530 1.86702 
p.. 
r 0,8 1.5044 1.5131 1.5555 1.5659 . . 1.6373 1.7339 1.8650 
1.0 1.5009 1.5096 1.5522 1.5615 . . 1.6315 1.7264 1.8541 

J 1.2 1.4979 1.5069 1.5497 1.5585 . . 1.6277 1.7215 1.8481 
1.4 1.4950 1.5048 1.5476 1.5559 . . 1.6246 1.7180 1.8433 
1.6 1.4919 1.5024 1.5452 I 1.5535 . . 1.6217 1.71!)1 1.8396 
I
 I 1.8 1.4884 1.4999 1.5424 1.5512 . . 1.6193 1.7127 1.8364 
2.0 1.484.3 1.4973 1.5390 1.5487 . . 1.6171 1.7104 1.8334 
I I 2.2 . . . . . . 1.5463 . . 1.6150 1.7082 1.8310 
2.4 . . . . I . . I 1.5440 . . 1.613] . . 1.8286 
, \.. 


The failure of the attempt to manufacture 
stable glasses which will enable the secondary 
spectrum to be eliminated leads to the con- 
clusion that, apart from new discoveries, two 
methods remain open for the construction of 
apochromatic objectives. The one consists 
in the employment of natural crystals of the 
cubic system for at least one component of 
the lens. .Fluurite has been generally em- 
ployed, and it is easy to see from the values of 
its dispersion given elsewhere that by its aid 
such objectives can be built. This method 
imposes severe limitations on the size of 


very small dispersion. If now the com- 
ponents are given the separations which would 
enable simple lenses all of the same glass and 
of the right powers to be chromatically 
corrected to the first order, it is evident that 
the condition for the removal of the secondary 
spectrum ",ith the achromatic lenses is satisfied. 
That systems using only one glass may be 
chromatically corrected is wen known, but 
they are of limited utility. A discussion of 
the procedure to be followed in applying 
either of these methuds lies outside the scope 
of this article. 
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References.-A great deal of information is 
to be found in various journals on optical 
glass. 
Iuch of the work that has been done 
on J ena glasses in particular has been collected 
by Hovestadt, whose book has been translated 
into English by Professor and :Miss _\. Everett, 
and published under the title Jena Glas8, and 
reference to this book is recommended for 
further informatiun. For recent work, refer- 
ence should be made to the Journal of the 
Society of Glass Technology, both for special 
articles and for iIÚormation on material 
published elsewhere. 
Table II. gives the results of a 8eries of measure- 
ments on typical specimens of optical gla
s manu- 
factured by Schott & Gen., Jena (H. Th. Simon, 
Ann. d. Phys. u. Chem., 1894, liii. 555). 
The results of measurements on the temperature 
coefficients of refractive index in the case of trans- 
parent crystals vary ('onsiderably. The values 
obtained by a number of observers at various mean 
temperatures are given in Table III. (Landolt- 
Bomstein Tab]es, 4th ed., 1912, p. 97û). 
The "flow temperature" given in Table IV. 
is the minimum temperature at which the glass is 
in a fluid state. It depends on the duration of the 
heating process and on the size of the specimen. 
The following values are for specimens in the form 
of cu bes, the length of the side of which is 
5 mm. 
The results refer to specimens of optical glass 
manufactured by the Sendlinger Optische 'Yerke, 
Zehlendorf, near Berlin. In the first column the 
figures refer to the refractive indices and JI values of 
the glasses. Thus 51Ojû34 shows that the specimen 
has a refractive index (for sodium D) of 1.510 and a 
JI value of û3.4 (F. 'Veidert and G. Berndt, Z. f. tech. 
PhIj8., 1920, No. û). 


TABLE IV 
:MELT
G TEMPERATURES OF SPECIl\IEXS OF 
OPTICAL GLASS 


Flow Temperature in 0 C. for 
Analogoui! tùree times of Heating. 
Type of Glass. Schott 
Type. I 
i Hour. I 2 Hours. 6 Hours. 
-\- 
Kron 51Ojû34 0.144 850 815 775 
Kron 5lû íû40 O. 3832 810 795 780 
Flin t 549,4û1 O. 378 740 72.3 685 
Barion 573/575 O.211 910 885 8ÛO 
Barint 580,538 O. 722 845 805 785 
Barion 590 û121 O. 21:!2 84.3 830 795 
I Barion 009;389 1 O. 
071 870 835 820 
Flint 613 369 O.1l8 730 695 680 
Ba
on 6
4j.3û41 O. 
994 840 815 800 
Barrnt û:'û,393 O. 748 780 730 68.3 
I Flint û49/338I O.lO
 (ìÛO I û45 630 
I 
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::t 
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õ 
C,j ...... 
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 x 


 


Table V. gives the tensile and compres
ive strengths 
of different types of optical glass (Landolt-Bämstein 
Tables, 4th ed., 1912, p. 54). For the results of more 
recent measurements reference should be made to 
G. Berndt, VeTil. d. D. PhY8. Ges., 1917, xi
. 314; 
Z. f. lnstrumentenkllnde, 1920, xl. :!O, 37, 5û, 70. For 
the elastic constants of tranRparent crystals s('e 
Landolt-Bümstein TableR, 4th cd., 191
, p. 50. 
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TABLE V 


ELASTIC CONSTANTS OF SPECIMENS OF 
OPTICAL GLASS 


-5 _.ci 
--0;0 

 S;
 

. '

1 

à 0-<1,) 



 
Type of 0 lass. 
8 

.ê. 'ë rn c1.J 
UJ....... 
<1,)"; -<I,) . .
 

 
:;: Ez 
 
8c1.J
 +:I..... _ 
<11"'- 
i:1 
t
 

 

 
-- - 
Soda alumina borosilicate 6.76 1:?6.4 18.7 
Dc:nsest lead silicate 3.28 60.6 18.5 
Alumina lead borosilicate 5.66 105.7 18.7 
Soda alumina borate 4.93 81.2 16.5 
Baryta zinc borosilicate 7.21 84.0 1l.7 
Dense potash lead silicate 6.01 77.5 12.9 
Soda zinc silicate. 7.84 97,8 12.5 
Potash alumina phosphate. 5.46 71.7 13.1 
Potash baryta soda silicate 6.09 91.6 15.0 
Soda lead zinc silicate. 6.42 99.0 13.4 
Potash lime silicate 7.52 68.3 9.1 
Baryta alumina phosphate. 7.42 75.0 10.1 
Potash zinc silicate 8.09 73.9 9.1 
Dense lead silicate 4.97 67'3 13.5 
Soda lime zinc silicate. 7.46 112.9 15.1 


T. S. 
J. S. A. 


OPTICAL GLASS, l\IANUFACTURE OF. See 
" Glass," 
 (17). 
OPTICAL IMAGE: ITS DEFECTS. See" Optical 
Parts, The \Yorking of," 
 (3) (i.). 


OPTICAL PARTS, THE \YORKING OF 

 (1) INTRODUCTlo
.-For the production of 
an optical instrument the coHaboration of 
the designer, the computor, and the optical 
worner is essential. Particulars of the function 
of the proposed instrument and the conditions 
to be fulfilled having been determined, the 
designer is able to prepare a general scheme 
of the mechanical and optical arrangement. So 
far as the optical portion is concerned, this 
involves a general knowledge of the limitations 
of computation and the accuracy attainable 
in the practical working of the parts. 
'Yhere possible, the designer avoids the 
introduction of extreme angular apertures 
that might necessitate the use of very special 
types of glass or increase the computational 
difficulties. But the tendency must always 
be towards the imposition of increasingly 
drastic demands, and frequently for one or 
more details of the optical system the designer 
must finally rely upon the utmost skill of the 
computor. Close collaboration between the 
computor and the workshop is also essential. 
Thus, for example, it may be desirable to use 
particular types of glass that happen to be 
in stock or standard test plates and tools. 


It is the function of the optical worker, \\ ith 
whom tlJis article is mostly concerned, to 
form the parts to the specified dimensions, 
to polish the surfaces, to examine the perform- 
ance of the finished work, and .when possible, 
to compensate the defects whether of surface 
or substance. 

 (2) l\IETHODS.-As to the methods employed 
in the workshop, much depends upon the 
character of the work. Large astronomical 
objectives for which the demand is extremely 
small are invariably produced singly and 
involve the exercise of very speciaJ craftsman- 
ship. 
One renowned manufacturer 1 has stated 
as regards design that object-glasses cannot 
be made on paper. The empirical method 
of producing such parts consists in the 
computation of the objective by means of 
the simplest formulae with a view principally 
to the elimination of chromatism, and the 
determination of the desired focal length, and 
then in the removal of residual aberrations, 
and more particularly spherical aberration, 
by mechanical local retouching based upon 
optical examinations of the images formed 
by different zones and portions of the 
objective. From the point of view of the 
perlection of the objective t.his empirical 
method appears to be justified by the excellence 
of the results attained. Other makers of 
large astronomical object - glasses 2 advocate 
the alternative method. By rigid computa- 
tion they determine the curves, thicknesses, 
separations, and apertures of the parts, and in 
the workshop they endeavour to attain the 
desired degrees of freedom from the several 
aberrations by the least possible departures 
from the calculated data. Local retouching, 
however, can hardly be avoided in the produc- 
tion of large optical parts. Peripheral or 
central zones of one or more of the surfaces 
may have to be retouched in order to produce 
an aspherical surlace for the compensation 
of spherical aberration. Regular cylindrical 
retouching may be necessary for the correction 
of astigmatism. Surface imperlections, defects 
of homogeneity, defective annealing, constraint 
during working processes, and thermal effects 
may all involve irregular retouching. 
But the organisation of most optical work- 
shops is arranged principally for the production 
of moderate]y small lenses and prisms, of 
which comparatively large quantities have 
usually to be produced, as, for example, in 
the manufacture of binoculars and cameras. 
For reasons of cost, retouching of suC'h parts 
is not permiesible, and indeed rarely necessary, 
if the materials are well selected. Thpy must 
be produced within limits specified by the 
1 H. Grubb, "The Production and Testing of 
Telescope Objectives and Mirrors," Nature, 1886, 
xxxiv. 85. 
I S. Czapski, Zeits.f.l1u
tk., ]887, vii. 101. 
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designer and computor, and defective elements 
are rejected. Trial and eITor methods play 
but little part in such an organisation. Each 
step is based upon precise measurements. 
There is an intermediate class of multiple 
work involving parts the size and cost of 
which are such as to make a certain amount 
of retouching necessary, although such re- 
touchinf{ must always be regarded as un. 
desira ble. 
At the present time the technique of the 
optician is in advance of that of the glass-maker. 
By machinery it is poseible to produce surfaces 
that may be regarded as optically perfect. 
A prism, such as is used at the pnrls of a 
rangefinder, having perfect optical surfaces 
will not nf'cessarily give a well-defined image, 
owing to small imperfections of the glass, 
such as defective annealing or homogeneity. 
The larger the piecf' the greater is the difficulty 
in obtaining glass that is sufficiently homo- 
geneous to suit the requirements of the 
optician. 
In such work it is customary to form and 
polish the pieces by machine, to test the 
perfection of the definition of the parts, and, if 
necessary, of their individual surfaces. Those 
that faiÌ to pass and that exhibit certain 
types of imperfect definition may be saved 
by hand retouching, or, in the more regular 
cases, by machine. Of the remaining defective 
pieces, some may rf'q uire re-annealing. The 
others must be finally rejected unless they can 
be utilised in instruments of lower power or 
inferior quality. 
There is another class of work, such, for 
example, as condenser lenses and to some 
extent spectacle lenses, in which no great 
accuracy either of form or surface is required, 
and which will not be further considered. 
It "ill be evident from the above general 
remarks that the production of high-quality 
optical parts cannot be reduced entirely to 
purely mechanical operations. A certain 
amount of hand "ork is involved, not onlv 
because of the need for the irregular touchin
 
of surfaces, but also for the production of 
certain delicate and accurate details for which 
suitable machinery has not yet been e
aborated. 
In the most highly organised workshops 
there may therefore still be seen in operation 
the early hand processes elaborated hy such 
pioneer workers as Huyghen
, Hooke, Xe" ton, 
Father Cherubin, Herschel, and )Iolyneux. 

 (3) THE OPTICAL bIAGE. (i.) Its Defects.- 
\Yhether for the purpose of final or work-in- 
progress inspection, or for retouching, it is 
necessary to analyse the definition of the 
image produced by the optical part or system 
in question, and to diagnose the probable 
defects with a view to their possible correction. 
It is not sufficient to make the broad state- 
ment that the definition is bad, because it 


may be possihle to compensate the defect 
in the case of large and costly parts without 
much additional expense. Suppose the optical 
part to be examined is a thick parallel plate of 
glass whose transmission surfaces have been 
opticaUy worked and may be regarded as 
being unquestionably true, and suppose the 
part is p]aced in the parallel beam before the 
objective of a telescope which is directed 
upon a collimator or test image comprising 
small holes or lines. If t he glass is perfect, 
its insertion in the path of the light should not 
affect the appearance of the collimator imaQe. 
If. to obtain a sharp image, a readjustment 
 of 
the telescope eyepiece is necessary, the parallel 
p]ate has a focus error. It is equivalent in 
its action to a very weak len3. Examination 
by means of the 
 interferometer may reveal 
a regular change of uptical density from the 
centre out" ards as represented by the circular 
bands of Fig. 1 (a). The defect in question 
may be due to imperfect annealing, or a regular 
defect of homogeneity. Dou ble refraction 
resulting from imperfect annealing of the 
glass may be tested by inserting a half-wave 
plate and observing the extent to which the 
bands are displaced as the half-wave plate is 
rotated. 
If the defect is due to internal stresses, the 
glass should be re-annealed, but if thf' substance 
itself is at fault the definition may be corrected 
by making one of the surfaces spherical. In 
the case of a prism a transmission face would 
be chosen for the operation in preference to a 
reflecting surface, since oblique reflection at 
a curved surface neces.
arily introduces astig- 
matism, which again might require to be 
compensated by working one of the trans- 
mission faces to a suitably orient.ed cylindrical 
form. 
If the image appears sharply defined but 
oval shaped, the defect is one of astigmatism. 
The interferometer appearance of the glass 
may be as indicated in Fig. 1 (h). A cylindrical 
surface suitably oriented "in suffice to 
compensate the defect, but if it is the glass 
that is strained it should be re-annealed. 
Instead of a single clearly defined image a 
complex multiple image may be produced. 
This defect is due to heterogeneity of the 
glass, the structure of which when viewed 
by means of the interferometer may appear 
as in Fig. 1 (c). Such a structure might result 
from imperfect solution of the constituents, 
the nudeus of a sphere, in a soda lime glass, 
for instance, being quartz, having an ordinary 
refractive index of }.54-, and t he various layers 
being silicates of gradually diminishing re- 
fractive index, approximating to about 1,5, 
which is the index for sodium silicate. Each 
sphere acts as a small aperture len
 and 
forms a separate part of the multiple image. 
Local retouching may sometimes suffice for 
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the compensation of thesE' multiple imagE' 
defects. 
If the spheres are distorted and merge into 
one another as indicated by the interferometer 
appearance in Fig. I (d), the image produced 
wiII be indefinite or "fuzzy." Retouching in 
such a case is usually impracticable and the 
part must accordingly be finally rejected. 
These several defects may appear singly or 


(a) 


(c) 


in combination and in various degrees. Thus, 
for example, in practice pnre astigmatism is 
seldom found in opticaJIy parallel plates of 
thick glass. Usually the appearance of the 
image is attributable to lenticular and astig- 
matic defects which may be compensated 
by working one surface to a suitable cylindrical 
and the other to a spherical form. 
It should be remembered that in the 
estimation of the various types of definition 
it is necessary that the inspector should 
know to what extent the errors are attribut- 
able to the defects ùf his eye, or to the 


apparatus employed, which f;houl<1 inyolve 
the sma]]est possible num hpr of uptical parts. 
Vpins, if not numerous, and if unaccompanied 
by other defects, have no serious effect upon 
the definition. A vein is usua]]y an extremely 
fine thread of glass richer in silicate of alumina 
than the surrounding substance. Each 'Tin 
is equivalent to a long astigmatic lens of 
extremely short focus, and the separate 


(b) 


FIG. 1. 


(d) 


image formed hy it is usuaIly so diffused as 
to be invisible. But if the test object is a 
fine line, then by a movement of the eye the 
image may he momentarjly occulted by the 
paRsage of the vein in front of it. A number 
of parallel veins may give rise to a rippling 
appE'arance of the image, and be sufficient 
cause for the rejection of thE' part. Often, 
however, the veins in glass are an indication 
of defective homogeneity, and in the bf'st 
work the use of such glass should be avoided. 
(ii.) Spherical Aberration. - For thp in- 
vestigation of spherical aberration errors 
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Foucault's 1 original knife - edge method is 
still frequently employed, especially in the 
case of large object-gla:sses. If the eye of the 
observer is placed close to the focal point of 
the object - glass and receives all the rays 
falling upon it from a star or its equivalent, 
the whole aperture of the object - glass will 
appear illuminated. If then the focus is cut 
transversely by means of a knife edge, which 
should be mounted upon a fine operating 
screw, the .whole aperture will become dark 
at the instant the knife edge pë-tsses the axis, 
if the objecti,
e is ideally perfect. If all the rays 
from the objectiye do not pass through the 
ideal focus, a number of rays will escape past 
the edge and still reach the eye, and the 
aperture will be partially illuminated, the 
distribution of the light affording an indication 
of the extent and distribution of the aberration. 
In the direct focusl':ing method 2 the eye 
receives the focal image, formed by the 
objective, of a natural or artificial star, which 
appears as a system of diffraction rings 
surrounding a central spot of light. By 
examining the image out of focus on the near 
and far sides, the nature of the spherical 
aberration either over the whole surface or 
over zones may be deduced from the change in 
the distribution and character of the rings. 
Irregular defects of the surfaces or of the glass 
may be indicated hy distortion of the rings. 
Thus an oval-shaped system would denote 
astigmatism. Chromatic aberrations may also 
be investigated by using homogeneous light 
of various wave-lengths. These two methods, 
and particularly the former, give qualitative 
results rather than quantitative. The latter 
method in the hands of a skilled observer is 
more precise and the appearances may be 
more directly interpreted. 
Special forms of 1Iichelson's Interferometer 3 
are now freqüently employed for the examina- 
tion of prisms and lenses, and even of complex 
optical systems, althoup:h the interpretation 
of the results is then difficult. \Yhen a simple 
prism or object-glass is examined in this way 
the surface "ill appear uniformly illuminated 
if the piece under test causes no relative 
retardation of any portion of a plane wave 
front, assuming, of course, that the optical 
l)arts of the interferometer itself have been 
accurately compensated. 
A concentric ring apl)earance would indicate 
curvature of one or more of the surfaces or a 
regular variation of the material. Irregulari- 
1 Foucault's method is discussed in the handbook 
On the Adjustment and Testing of Telescope ObjxtÚ'es, 
by T. Cooke &- Son!', 189fi. 
2 On the Adjustment ani! Testing of Telescope 
ObjertiJ'e.<I, T. Cooke & 
on
, 1896. 
3 F. Twyman, On the Use of the lntl'r..feromrtrr for 
Testin(l Optical Sustems. Traill Taylor Lcrture, 
Roy. Photo 
o('., HH8; Phil. JIag. yol. XXXV., Jan. 
lD18; .. f'orrcrtion oÎ Optical 
urfaCf's." Astro- 
Ph!lR. ,Tournai, xlvii., So. 4, 1918; Michelson, .Astro- 
Phys. Journal, June 1918. 


tics of surfaces or su bstance would be indicated 
hy a distortion of the system of rings. 
The interferometer does not discriminate 
between retardations attributable to the glass 
and to the surfaces, except those due to 
defective annealing, which may be detected 
by observing the shift of the rings as a half- 
wave plate inserted before the eye is rotated. 
It is the resultant retardation that is indicated 
by the interferometer, and by the use of the 
interferometer alone it is not possible to 
allocate the component defects to the particular 
elements, But in practice it is sufficient to 
compensate the resultant defect by retouching 
one of the surfaces, and for this purpose a 
contour of the ring system as seen by the 
observer is l)aintecl upon the surface selecterl 
for the retouching operation. B:y polishing 
away the high portions and repf'ating the 
observations a comparatively uniform distribu- 
tion may ultimately be obtained. and the 
definition he thereby greatly improved. Only 
large prisms and objectives can be subjected 
to an expensive process of this kind. For 
the production of aspherical surfaces the 
method is particularly 'Valuable. 
(iii.) Chromatic Aberration. - Chromatic 
aberrations may be inyestigated by the Y ogel 4 
method, provided the aperture is not so small 
that a large shift of the eyepiece is necessary 
to detect a difference of focus. It is also 
necessary that the chromatic effects duf' to the 
eye and the eYf'piece or other parts involved 
should be previously determined. 
In the eyepiece there is mounted a direct 
vision prism which forms a spectrum of the 
star ima
e formed in the field of view through 
the intermediary of the part to be tested. 
If the correction is perfect, the spectrum, 
when the eyepiece is focussed, will appear 
as a thin line of uniform width, but if thf're 
is any chromatic aberration of particular 
colours the corresponding portions of the 
spectrum will be broader than the remaining 
parts. A measurement of the aberrational 
df'fects may then be obtained by observing the 
shift of the eyepiece necessary to reduce the 
various widths to a minimum amount. This 
method indicates only the general chromatic 
defect. It can hardlv discriminate between 
zones, and if the aperture is reduced by 
stopping out the peripheral portions, the 
usefulness of the method is diminisherl. 
Precise mf'asurements of the various a ber- 
rations are obtainable even in the case of 
objectives of small aperture by the Ahbe 
Focimeter method. 5 
But rroba hly the most complf'te and precise 
investigation of the spherical and chromatic 
aberrations of any optical part is obtainable 
· B. C. Vogel. J[onat.<:hnichte d. Berl. Ak., 1
80. 
r; S. ('zap:;ki, .. JI('thod(' und Apparate zur Restim- 
mung von Brennweiten nach Abbe," Zeitsch. j. 
Instrk., 1892, xii. 18
. 
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by the Hartmann method 1 hy Hwans of which 
the final positions of particular rays are located 
in a manner comparable with the trigono- 
metrical computation of the paths of rays. 
Symmetrically arranged holes in a diaphragm 
determine the portions of the optical part to 
be traversed by the fine bundles of rays which 
are finally received upon photographic plates 
situated at symmetrical positions before and 
after the focal plane. From the spacing of 
the images on the photographic plates in 
comparison with the spacing of the holes in 
the diaphragm the aberrations can be deter- 
mined. Separate observations with light of 
different colours are made for the determina- 
tion of chromatic aberration. The original 
method of examining the optical performance 
of an objective by means of selected rays is 
described by Father Cherubin,2 who also de. 
monstrates the effects of defective centring 
and emphasises the importance of accuracy in 
this respect. 
From a consideration of the light intensity 
at a focal point Lord Rayleigh 3 has stated 
that" in general we may say that aberration 
is unimportant when it nowhere (or, at any 
rate, over a relatively small area only) exceeds 
a small fraction of the wave-length (À). Thus 
in estimating the intensity at a focal point 
where in the absence of abeITations all the 
secondary waves would have exactly the same 
phase, we see that an aberration nowhere 
exceeding åÀ can have but little effect," and 
again, "An important practical question is 
the amount of error admissible in optical 
surfaces. In the case of a mirror reflecting at 
nearly perpendicular incidence there should be 
no deviation from truth (over an appreciable 
area) of more than *À. For glass, }.t -1 =} 
nearly; and hence the admissible error in a 
refracting surface of that material is four 
times as great." This estimated value of 
Lord Rayleigh of the permissible phase differ- 
ence is generally confirmed by practical ex- 
perience. 

 (4) TEST PLATEs.-Test plates are very 
commonly used for the examination of the 
surfaces not only during the progress of the 
work, but also in the final testing, with a view 
to the allocation of any observed defects of 
defini tion. 
Sir Isaac Newton 4 has dealt very ex- 
haustively with the colours of thin plates, 
which had previously been observed, but not 
completely described by other workers. 


1 J. Hartmann, " ObjektivuntersucnUTI!!en," 
Zeitsch.J. Instrk., 1904-, xxiv.; H. Fassbender, Zeitsclt. 
f. InRtrk., 1913, xxxiii. 177. . 
2 Pi"re Chern bin, Vision parfaitf', ii. 109, also p. 
2:>; 'Villiam Molyneux, Dioptrics, 1692, part ii. 
chap. iv. p. 222. 
3 Lord Rayleigh, Scier/tific PapPTs, iii. 100, 104-; 
also L. Silberstein, .. I.ight Distribution round the 
Focm; of a Lem;," Phil. Mag., 1918, xxiv. 35. 
II Sir Isa
c Newton, Optif'ks, 1704, book ii. part i. 


Although it is eyident froUl Newton's dE'- 
scription that he realised that these colours 
afforded an indication of minute irregularities 
of thickness of the intervening layer, it is not 
so clear that it was his practice to test the 
surface being operated upon in comparison 
with a test plate having a yery perfect optically 
flat surface. 
These test plates which are the most valuable 
of the practical optician's appliances are 
usually made of quartz. But for reasons of 
economy glass test plates which from time to 
time must be compared with the standard 
quartz plates are employed. Quartz has the 
primary advantage of hardness. The frequent 
cleaning of the test surface that is essential 
soon impairs the definition in the case of a 
. glass plate, and eyen in the case of quartz a 
I good worker handles the surfaces with the 
greatest care. 
For flat work the parallel quartz plate, 
having an approximate thickness of about one- 
fifth its diameter, is polished on both sides 
and worked as perfectly flat as possible on 
at le3.st one side. 'Yhen the test plate su.rface 
is placed upon the surface to be tested, if the 
latter is the larger and the more rigid, a thin 
layer of air is endosed between them. Diffused 
white light which is reflected from the two 
surfaces uf the air film gives rise to interference 
colours which may be viewed by a suitably 
placed eye. If monochromatic light is u
ed 
numerous fine interference Jines are visible, 
indicating minute variations that cannot be 
detected when usi
g white light. Since the 
temperatures of the work and of the test 
plate will most probably be unequal, several 
systems of Newton's rings more or less distinct 
will be visible. As the temperatures equalise 
the rings will broaden, and in the course of 
5 to 30 minutes, or more according to the 
volume of the parts, if the surface is periect, 
a uniform straw yellow appearance may he 
obtained by skilful manipulation of the plate. 
If the surface is regularly curved concentric 
rings will be seen, and the greater the curvature 
the closer will he the spacing of the rings, 
provided the surfaces are clean and dry and 
the test plate is properly handled. Distorted 
rings or bands indicate irregularity of the 
surface relatively to the test plate. If when 
the test plate is gently pressed eccentric-any 
by means of a po in ted piece of wood, and not 
the finger, the centre of the rings moves 
towards the point of application; the surface 
under test is convex. It is very important 
that the adjacent surfaces of the work and 
the test plate should not only be thoroughly 
clean and free from the minutest specks of 
dust, but that they should also be free from 
any trace of moisture, the capillary action of 
whieh would locally distort the pieces and give 
a false indication. 
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.For the best fJ. ua-lity of work great skill is 
necessary in the use of a test plate, the indica- 
tions of \\ hich require careful interpretation. 
Flat surfaces may be finally tested by an 
analysis of the reflected image in the manner 
described in 
 (2). The reflection test is the 
more reliable, but the test plate has the merit 
of great convenience, and for the greater part 
of the work the optician is called upon to 
perform it is thoroughly reliable and invalu- 
able. For curved work one surface of the test 
plate is worked to the appropriate curve and 
the other surface is made flat. The radius of 
the curved test surface is' measured by means 
of a spherometer or the radius or focus may be 
determined optically. It wilJ be understood 
that the primary function of the test plate is not 
to obtain absolute measurements, but to de- 
termine the extent and nature of the difference 
between the worked surface and the test pIa te. 
To indicate the permissible amount of irregular 
distortion. is hardly possible. If there is any 
noticeable irregularity the surface should be 
reworked. Slight regular ellipticity may be 
permissible when the astigmatisms of two 
transmission faces are normal to one another. 
Curvature to the extent of one and a half 
to hvo complete rings is generally regarded 
as being just permissible. It might be 
thought that such a statement would require 
extensive qualification according to the size 
of the part, its function, and its position in 
the optical system, particularly as regards its 
distance from a focal plane. Practical ex- 
perience, however, shows that this limit of 
two rings, which accords with the practice of 
at least one large German firm,! covers a very 
wide range of work. Factory conditions render 
it practically impossible to adjust the limits to 
suit the requirements of individual parts. The 
tendency is towards the adoption of approxi- 
mately one general and high standard of 
optical quality. 

 (5) OPTICAL PROCESSEs.-For practical 
reasons it is customary to divide the process 
of working optical surfaces into three stages: 
\I) The forming stage in which the size and 
Bhape of tile part is accurately determined; 
,2) the smoothing stage; and (3) the polishing 
stage. 
Stages (1) and (2) involve the use of abrasives 
and these operations are accordingly performed 
in rooms quite separate from the polishing 
departments, where fine meclia only are em- 
ployed. But it must not be assumed that the 
polished appearance of the surface as distinct 
from regularity of surface is a phenomenon 
that only takes place as a result of the polishing 
process. Actually a certain amount of polish 
is associated .with the use of the roughest 
abrasive. 
1 'V. Zschokk(', Festschrift, Yirma C. P. Goerz, 
p. 140. 


It is only within comparatively recent y('ars 
that the molecular regularity of polished sur- 
faces has received recognition. The earlier 
conception is very clearly expressed by Sir 
Isaac K ewton 2 in the following words: 
" For in polishing glass with sand, putty, or 
tripoly, it is not to be imagined that these 
substances can, by grating and fretting the 
glass, bring all its least particles to an accurate 
polish, so that all their surfaces shall be truly 
plain or truly spherical and look all the same 
way so as together to compose one even surface. 
The smaller the particles of those substances 
are the smaller will be the scratches by which 
they continually fret and .wear away the glass 
until it be polished, but be they never so 
small they can wear away the glass no other- 
,vise than by grating and scratching it and 
breaking the protuberances, and, therefore, 
polish it no othen"\ ise than by bringing its 
roughness to a very fine grain so that the 
scratches and frettings of the surface become 
too small to be visible." 
There is no indication here that Newton 
regarded the surfaces as being molecularly 
regular or comparable with the surface of a. 
liq uid. 
Subsequent writers have not hesitated to 
accept without question and to repeat the 
statement of so authoritative an observer as 
Newton. Thus, for example, Coddington,3 
Sir J. F. ,,
. Herschel, 4 and Sir David Brewster 5 
use practically the words of Ke",ton when 
describing a polished surface. 
If polishing were merely a continuation of 
the grating and fretting of the surface pro- 
tuberances it should be possible to observe 
a continuous sequence of appearances from 
coarse conchoidal fractures to a grain of 
ultramicroscopic character. But if the opera- 
tion of polishing a smoothed surface is p('r- 
formed under the microscope it will be 
een 
that numerous patches of perfect polish akin 
to the still surface of a liquid are formed 
almost instantlYJ and that these patches exhibit 
no intermediate structure other than accidental 
scratches and kindred defect". 
Lord Rayleigh 6 in a lecture on "Polish" 
appears to have been the first to describe 
their appearance. He states that, "In ,icw 
of these phenomena we recognise it is some- 
thing of an accident that polishing processes as 
distinct from grinding are needed at all. and 
we may be tempted to infer that there is no 


Newton's 01Jtick!':, 1704, second hook, p. ü8. 
Coddington's Optics, ltì2G, p. 32. 
Sir J. F. W. Herschel, Encydopaedia l11etropolitarw, 
1830, .. Optics," p. 447. 
r; Sir Dayid Brewster, Optic!':, p. 15!:). 
· Lord Rayleigh, .. Polish," Uoyal Institution, 
March 29, HJOI. 
re also Lord Rayleigh, .. Inter- 
ference Bands and their Applications," Royal 
Institution March 24, 1903. Also .. Polishin!:! of 
Glass 
urf
c
s," Proc. Opt. Com'ention, Ko. 1, 1005, 
p. 73. 
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essential difference between the operations. 
fhis appears to have been the opinion of 
Herschel (as expressed in the Ene. Jlet., art. 
, Light,' 1 pp. 447 to 830), whum we may 
regard as one of the first authorities on such 
a subject. But although perhaps no sure con- 
clusion can be demonstrated, the balance of 
evidence appears to point in the opposite 
direction." . . . "Under those conditions which 
preclude more than a moderate pressure it 
seems probable that no grits are formed by 
the breaking out of fragments but that the 
material is worn away almost molecularly." . . . 
And later he states: "But so much discon- 
tinuity as compared with the grinding action 
has to be admitted in any case that one is 
inevitably led to the conclusion that in all 
probability the operation is a molecular one 
and that no coherent fragments containing a 
large number of molecules are broken out. If 
this were so there would be much less difference 
than Herschel thought betwee
 the surfaces 
of a polished solid and of a liquid." 
Although the nlolecular character of the 
polishing operation and the similarity of the 
surface produced to that of a liquid are quite 
definitely expressed, and although Lord Ray- 
leigh has referred in other of his papers to the 
remarkable pool-like appearance of elementary 
polished patches of a glass surface, it is not 
quite clear whether he regarded the result as 
being due to the removal of the substance 
molecule by molecule as distinct from the 
remuval of minute aggregates of molecules or 
as being due to a molecular rearrangement or 
flow of the surface molecules as in the case of 
a liquid. 
This latter conception is attributable very 
largely, if not entirely, to Sir George Beilby, 
who has developed it in a series of papers 2 
dealing principally with metal surfaces, the 
tenacity of which is such that the surface 
amorphous layer is capable of bridging over 
surface cavities even when these are nut 
completely filled with debris. It - is very 
dou btful if any such bridging over of even 
minute cavities occurs in glass owing to the 
small cohesion of the silicates as compared 
with that of the metals. 3 
According to the molecular flow 4 theory of 
1 Herschel's description is practically a rcprtition 
of Newton's earlkr observations. 
a Papers, G. T. Beilby: "Surfacc Flow in Crystal- 
line Solids under Mechanical Disturbances," Proc. 
Roy. Soc., 190a, lxxii. 72: "The Effect.. of Heat and 
of Solvents on Thin Films of :\Ietal," Proc. Roy. Soc., 
1903, lxxii.; "The Hard and :-'oft 
tates in Metals," 
Phil. .J..llag., Aug. ]904; .. The Influence of Phase 
Uhanges on Tenacity of Du('tilc Metals," etc., Pror. 
ROll. Soc., 190;;, A, lxxvi.; .. The Hard and Soft 
States in Ductile MC'tals," 1907, A, lxxix.; .. Surface 
Flow in Calcit.f'," Proc. Roy. Soc., 1907, A, lxxxii. ; 
.. Transparence or TranslucC'nce of the Surface Film 
produced in Polished Metals," Proc. Roy. Soc., 1914, 
A, lxxxix. 
3 .. Some Notes on Glass Grinding and Polishing," 
J. 'V. French, Opt. So('., HH6, xvii. No.2. 
4 See also " Solids, The }<'low of," Vol. V. 


polishing, the forces eÀer<'Ïsed by the polisher 
upon the surface molecules of the glass suffice 
to overcome the cohesive forces binding them 
together, with the result that the molecules 
rearrange themselves uniformly under the 
action of their surface tension forces. Thus 
it would appear that the grain of a polished 
surface, being molecular, is much finer than 
is actually required for the regular reflection 
of even the shortest visual ra vs at normal 
incidence. 
 
Polished layers may be produced in several 
ways although in all cases the action is 
fundamentally the same. Fire-glazed surfaces 
result from the thermal agitation and conse. 
quent flow of the smface molecules. Chemical 
forces produce a similar result. Provided 
precautions are taken to prevent the accumula- 
tion of fluoride crystals, very perfect light- 
reflecting glass surfaces may be produced by 
the action of hydrofluuric acid. 5 
'Yhen a piece of glass is fractured the forces 
at the cleavage edge so profoundly disturb 
the molecules that they are able to flow and 
form the characteristic polished appearance 
of a fractured surface. 
It is hardly possi ble to fracture a piece of 
glass so suddenly that its surface is not 
polished. rnder the microscope a rough 
ground surface is seen to consist of numerous 
conchoidal depressions the surfaces of .which 
are all light reflecting, and which may indeed 
be made to act as so many separate lenses of 
poor quality.6 Closer examination will dis- 
close a rounding of all the ridges ,vhcre the 
conchoidal surfaces intersect that can only be 
attributable to viscous flow. The ridges have 
a characteristic yellow-green culour whether 
the glass is flint or crown. \Yhere these ridges 
intersect onf' another elementary polished 
patches are found, and if an attempt were 
made to polish a rough ground surface of this 
type, it would be seen that t.hese elementary 
patches would be extended until they joined 
one another with the ultimate formation of a 
continuous polished surface. 
9 (6) ABR.\SIoN.-In order that the work. 
shop processes may be more fully understood, 
the features characteristic uf abrasion and 
polishing must be considered in detail. 
Suppose a small steel ball is pressed upon 
the polished surface of a glass cube the trans- 
verse faces of which are also polished so that 
the stresses introduced may be viewed by 
means of a polariscope. 7 '''hen the pressure 


r; Lord Rayleigh, " Polish," Royal Inst., March 29, 
1901. The writf'r has confirmrd Lord Rayll'Ï
h's 
eÀperiments, and hag reduced by nwans of hydro- 
tIuoric add thc surface of a polished plate to t.hr 
extent of about 50 f-l- without adversely atfecting its 
optical pC'rfrction. 
6 I
ord Rayleigh, "Intrrfrrrncc Bands and thcir 
Applications," Royal Inst., March 24, 1893. 
7 .T. 'V. li'rrnch, .. PC'rcm;f>ion .FigureH in Isotropic 
Solids," Nature, :Kov. 20, 1919, p. 312. 
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is very light the appearance between the I 
crossed Kicols is as in Fig. 2. The central 
black cone has an angle of about 20 0 , which 
appears to he practically indppendent of the 
pressure. The cone of strain b, b has an angle 
of about 90 0 . Some surface light is visible at 
d, d. At low pressures the dark cones c and a 
merge softly into b. As the pressure is in- 
creased the interfaces become more intensely 
defined, but the angles do not alter appreciably. 
Further gentle increase of pressure causes the 
surface layer to rupture as in Fig. 3, which is 
a photo-micrograph of an etched polished 
surface repeatedly ruptured by gentle impact. 
If the 
icols are paralleled black rays will 
be seen proceeding from t he edge of the crack 
as in Fia. 4, their direction indicating that the 
crack is normal to the surface. The character 
of Fig. 2 is not appreciably altered. 
A new phenomenon makes its appearance 
when the pressure is a
ain increased. Immedi- 
atelv under the ball there appears as in Fig. 5 
a sphere pierced by the filament of the cone a, 
and having a black outline tinged with red 
on the outside. The interior is filled with 
green - blue light; otherwise the general 
appearance of Fig. 2 is unaltered. If nm, 
the Xicols are paralleled, it will be seen that 
the well-kno-wn type of conical fracture 1 has 
been produced as indicated in Fig. 6. The 
coloured sphere of Fig. 5 is a certain indication 
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coloured spheres indicative of subsidiary 
planeò may be observed as in Fig. 9. 
X ow the grains of an abrasive such as 
carborundum are nodular in part::; and hard and 
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FIG. 3.-Surface etche(l aftE:'f rupturing. 
:\Iagnification 40 diameters. 


akin to the steel balls used in the experiment. 
But a rough ground or smoothed glass plate 
exhibits practically no cone fractures, not\\ith- 
standing fhe vast number of impacts that 


FIG. 2. 


FIG .,1. 


of the existence of a cone fracture. Examina- 
tion with the Xicols in an intermediate po::-;ition 
shows that the cone fracture which follows the 
surface of b is tangential to the sphere which 
covers it. If the pressure is again increased 
the crushing point is soon reached. The glass 
under the ball collapses almost explosively, 
a distinct click being audible, and the ball 
sinks deeply through the surface. At the 
moment of this collapse, the cone of light b 
broadens out 0" ing to the extension of the 
area of pres
mre. The cone fracture also 
may extend horizontally like the brim of a hat, 
thus definitely terminating the depth below 
the surface, and the space "ithin the cone 
becomes cleft by one or by two fracture 
planes normal to one another and ha ving 
their line of intersection on the axis of the 
dark cone a, as in Fig. 7. The diametral 
planes may be extended to the brim as in 
Fig. 8. Lnder crossed Xicols two new small 


1 .. L'Éclatement." Ch. de Fr6minville, Rerue dÆ 
Jlétallurgi
, Sept. 1914, sect. ,ii. p. 66. 


FIG. 5. 


FIG. 6. 


FIG. 7. 


must have occurred in the operation. Only 
if the tool carrying the abrasive is lowered 
sharply on to the glass surface will a number 
of cone fractures probably be formed. 
From this it seems evident that the grinding 
of glass is not the result of any such normal 


FIG. 8. 


FIG. 10. 


FIG. O. 


pressure of the grains, and another explanation 
must be obtained. In the experiments \\ith 
the steel ball as described above the forces 
were symmetrical about the vertical axis. 
'Yhen the pressure is applied near the edge of 
the surface, the new appearance corresponding 
"ith the stage illustrated in Fif}. 2 will he as 
illustrated in Fig. 10, from wbich it "ill be 
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seen that the central cone is now deviated 
towards the side. Its axis along \\ hich fracture 
finally takes place follows the characteristic con- 
choidal section. It is presumably the impact of 
the abrasive grains on the edges of cavities 
that produces the conchoidal splintering of a 
ground surface as indicated in Fig. II. 
As it is the transverse movement of the tool 
relatively to the glass that forces the hard 
grains against the edges of the cavities, it is to 
be expected that the rate of grinding will 
depend upon the speed 
of movement of the tool 
relatively to the work, 
and also upon the press- 
ure e"'{erled by the grains. 
This is confirmed, so far 
as the effect of relative 
speed is concerned, by the results of carbo- 
rundum abrasive tcsts which indicate that the 
weight of glass removed is directly proportional 
to the relative speed, 1 the other conditions being 
maintained constant. To eliminate the effect 
of loss of cut fresh abrasive must be applied 
at intervals of about one minute, and pre- 
cautions must be taken to ensure constancy of 
the gencral conditions throughout the tests. 
From an examination of the previous Fig. II, 
.it will be seen that the larger the grain the 
deeper, in general, will be the point of im[>act 
and the larger the splinters removed. The 
rate of grinding is therefore dependent also 
upon the size of the grain. Thus by reducing 
the coarseness of the abrasive at each stage 
of the grinding operation, a surface of any 
desired degree of fineness may be obtained; 
and indeed the surface may be highly polished 
by means of the same material as is used for 
the rough grinding, provided a sufficiently fine 
grain of a suitable character is obtainable. 
Prior to the time of Antheaulme 2 it was the 
practice of the earlier opticians 3 to make the 
polishing process merely a continuation of the 
grinding stage, the sand first used bcing ground 
down sufficiently in the operation to serve 
as a polishing medium in the later stages. 
Highly polished optical surfaces have also 
been produced by the use of very fine grades 
of carborundum. As much more suitable 
polishing media than fine carborundum are 
available, this experiment is mainly of interest 
as emphasising that there is no strict line of 
demarcation bet" een abrasion and polishing, 
The removal of material and the production 
of the amorphous polished layer occur simul- 
taneously, although to different extents. Thus 
in the coarsest grinding there is removal of 


Tool 
'
 
Glass 


FIG. 11. 


1 .. )Iore Not.es on Glass Grinding and Polishing," 
J. 'Yo French, Trans. Opt. Soc., Jan. HH7, xviii. 
2 1I istoiTe des mothématilJ.ues, ::\Iontuc1a, vol. Hi. 
part v. book ii. p. 498. 
3 Rrnati Descartes Opera PhUosophwa, "Diop- 
trkh
," lûj6, cap. x.; Johannes Zahn, Oculus Artifiri- 
alis Teledioptricus, 1702. 


material and only very slight surface flow 
along the ridges between the concavities of 
the surface, since the cleavage flow over 
the depressed surfaces of the conchoidal 
fractures does not contribute except in the last 
stage to the finaJ surface. 4 As the abrasive 
becomes finer the splin ters decrease in size 
and the material removed diminishes, while 
the amount of surface flow over the network 
of ridges increases. 
If in the grinding process the flat grinding 
tool is so hard that it riùes over the grains, 
the im paets would be more normal to the 
surface and undesirable cone. fracturing woulù 
occur. The finer the abrasive the harder may 
be the smoothing tool. Lead, zinc, copper, 
aluminium, brass, and cast iron have an been 
used for various kinds of work and various 
abrasives, but fine-grained cast iron and brass
 
free from surface defects, are most generally, 
and indeed almost universally, employed. 
Steel is too hard for even the finest grades of 
abrasive. 
After the surface has been ground to the 
necessary degree of fineness, polishing may be 
commenced, the purpose of the process bcing to 
promote the greatest posRible amount of surface 
flow while a voiding the conchoidal splintering 
characteristic of the grinding process. 
A very small amount of material is removed 
during the polishing action, but the nature of 
the abrasion, if it can be so termed, is character- 
istically different from that during grinding. 
:i\Iinute grooves are ploughed through the 
amorphous surface layer, and small portions 
of the amorphous substance become dis- 
engaged by the action of the polisher and are 
removed. These fragments may be recovered 
by dissolving away the rouge and resinous sub- 
stances. The residue has a sparkling snow-like 
appearance and consists of extremely minute un- 
resolvablp particles cemented loosely together 
possibly by surface fusion along their edges. 

 (7) POLISHING.--A clear distinction must 
be drawn between a polished surface and 
one that is at the same time optically regular. 
This will be more easily understood by 
considering the action of a cloth polisher as 
compared with that of a pitch polisher. 
Suppose in Fig. ] 2, A is the fine ground 
surface greatly magnified composed of flat 
elementary areas with numerous conchoidal 
depressions. A surface of this kind is said 
to be grey, the. appearance being due to 
irregular reflection or scattering of the light. 
B is a laver of soft cloth or felt cemented to 
the reguÌar surface of the metal runner C, 
which may be of aluminium, brass, or iron. 
Over the flat areas of A the drag, and con- 
sequently the reduction of the general level, 
will be greatest. Over the surfaces of the 
" .. Some Notes on GlasR Grinding and Polishing," 
J. 'Y. French, Trans. Opt. Soc., Nov. HH6, xvii. No.2 
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depressed areas into which the felt partially 
sinks there will be a certain amount of drag 
and polishing action, combined with the 
removal of material not only from the flat 
portions but to some extent from the depres- 
sions also. There will be a p:eneral rounding 
off of the irregularities, but, as is confirmed by 
practice, the irregularities cannot be eliminated 
by the use of a soft polisher, although a small 
amount of original greyness is rendered less 
conspicuous to ordinary vision, and a false 
appearance of complete uniformity and polish 
may be produced more quickly by means of 
a soft polisher. Suppose a harder type of 
polisher such as a pitch polisher is used. 'Yhen 
using the same polishing medium, such as 
rouge, the amount of drag and polishing 
action over the flat portions will be greater 
than when using cloth, and, further, as the 
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pitch will not sink into the depressions to the 
same extent, the rounding and particularly 
the remov-al of material from the depressed 
portions will he less. 
'Yhen using a hard polisher a uniform 
polishell surface free from all greyness is 
obtained by the removal of the surface 
material stage by stage until the surface is 
reduced below the lev-el of the deepest con- 
choidal depression. 1 
Pnder the action of the polisher, according 
to the flow theory, the disturbance of the sur- 
face molecules i
 such that thev are able to I 
rearrange themse]vps or flow ,
'ith the con- 
sequent formation of a polished amorphous 
layer. )Iinute aggregations of the rouge or 
other medium plough away the surlace layer, 
and it is conceivable that there may be also 
Borne swaging action, material being 
 removed 
from the higher portions and welded upon the 
adjacent depressed areas. As the amorphous 
material is removed in this way thf' underlyinO' 
moleculf's are acted upon by the polisher, and 
the proce3s is repeated layer by layer as in- 
dicated in Fig. 13. 
If rouge is employed in the last stage it is 
generaJly posqihle by special illumination of 
the surface to detect an open network of thesp 
fine grooves; but if no medium othf'r than a 


1 .. Polishing of Glass Surfaces," I.ord Rayleigh, 
Proc. Opt. Convention, 1905, i. 75. 


Yf'ry fine film of water is used for the final 
polishing operation, the prf'sence of grooves 
"ill hardly be observable. 'Yhen a surface of 
this kind is etched with hydrofluoric acid a 
network of grooves will reappear,2 and it has 
Metal Tool 
1// / //$/#////// 



' // //ì7///J?77// "'" 



 
':f 


+- Pitch 
Polisher 


r 


- 
 -
 =----- 


---.... 
\ 



 


'-:::'0... 


Glass 


FIG. 13. 


been assumeù that just as in the case of metals 
the original grooves have been bridged over 
by the amorphous layer and are uncovered 
when the surlace layer is dissolved away. 
K umerous experiments, however, seem to 
indicate that the cohesion of the amorphous 
silicates is too small to permit of the bridging 
of the finest surface cracks that can be 
produced. 3 That grooves produced during 
the rouge-polishing stage become filled up 
during the final water-polishing stage may, 
however, be accepted. Thus it is 
probable 
that the groove A in the surface layer bpcomes 
filled up possibly in stages at each stroke in the 
manner indicated in Fig. 14. On the assump- 
tion that the expenditure of energy upon a 
substance tends in general to reduce its chemi- 
cal stability, it is to be expected that the 
material filling the groo"\es would be rapidly 
acted upon and that the grooves produced by 


Residual Groove 8 

 


FIG. H. 


etching are really reproductions of the original 
grooves. The course of the original grooves 
will in any case be indicated by a very :fine 
groove B, which would be extf'nded by the 
acid to form a deeper groove occupying the 
place of the original one. 
The various stagf's in the grinding and 
polishing of a glass surface may be summarised 
briefly as follows: 
1. The removal of material by the breaking 
away of splinters, the size of which i
 reduced 
in stages by the use of finer grades of abrasive. 


I .. Interfcren('e Bank;;; and their Applkations," 
I
ord Rayleigh. Royal Inst., )[ar('h 2.1, 1
f\3. 
3 .. Some .sates on Glass r.-rinding and Polishing." 
J. W. French, Trans. Opt. Soc" SOY. 191ß, xyii. 
I 
o. 2. 



336 


OPTICAL PARTS, THE ,rOHKIXG OF 


2. The production of an amorphou
 or 
surface flow layer and the gradual removal of 
these layers by groo\
ing as distinct from the 
splintering of the' first stage, the removal of 
material being effected by means of a v('ry 
fine abrasÎ\Te or polishing material such as 
minute aggregates of particles of rouge. 
3. The elimination of the grooves produced in 
stage 2 by the use of a continuous medium such 
as a film of water in place of the discontinuous 
medium such as rouge, there being during this 
stage the maximum production of surface flow 
and practically no removal of the surface layer 
material and no splintering action whatever. 

 (8) POLISHI:NG MATERIALs.-An abrasive 
to be effective must possess several well- 
defined characteristics. The grains, which 
must be hard, should have an irregular form 
presenting many strong edges or rounded 
points that will transmit the impact forces to 
the glass to be abraded. 'Yhen the grains 
break down the fragments should be of the 
original form in order that the action on a 
finer scale may be continued. An abrasive that 
breaks down into lamellar fragments is said to 
lose its cut. Diamond, :;;plinters of .which are 
illustrated in Fig. 15, is the most effective of 
abrasives, but owing to its cost it can only be 
used for special operations such as the slitting 
of glass where the quantities are small. 
Carborundum (SiC) is a compound of carbon 
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FIG. Ij.-Diamond Splinters. Magnification 
15 diameters. 


and silica, resulting from thp fusion of car- 
bonaceous materials such as coke or charcoal 
with sand in the electric furnaC'e at a tpm- 
perature of about 2000 0 C. Its hardness on 
1\1ohs scale is about 9, diamond being ] O. 
From Fig. 16 it will he seen that the grains 
are of the' desired irregular shape, whieh is 
retained as they break down. 
Other important abrasives are obtained 


by the combination of alumina and silica in 
the electric furnace, such, for example, as 
corundum, alundum, and aloxite. They are 


I
 


\ 
.' 


" 


FIG. 16.---Carborundnm. l\Iagnification 
40 (liamrters. 


most commonly employed in the form of grind- 
ing wheels. As loose a brasi ves tlH'y are not 
so effective as carborundum. 
Emery is a natural form of artificial corun- 
dum, being a silicate of alumina containing, 
however, oxides of iron and other impurities 
irregularly distributed. It breaks down more 
readily than carborundum and loses its cut. 
The loss of cut is only temporary, however, as 
after wasÌ1Ïng the material can be used as a 
finer grade of emery. 
Sand is sometimes used for rough abrasion, 
more particularly in establishments where no 
facilities exist for the washing and recovery 
of the more expensive types of abrasive. Its 
grains are frequently rounded and water-worn 
as indicated in F1'Y. 17, and it readily breaks 
down and loses its cut. 
Separation of an ahrasive into the various 
grades of fineness is generally done by a process 
of settling and levigation. Thus three-minute 
emery is the material obtained from the liquid 
that is decanted after a settling period of three 
minutes. For carborundum it is necessary to 
use sieves of various finenesses in conjunction 
with settling, except in the finest stages, for 
which sufficiently fine flieves are unprocurahle.1 
A comparison of the abrasive powers of 
carborundum, emery, and sand of approxi- 
mately equal size of grain is obtainable from 
Fig. 18, which also shows how in thE' case 
of each abrasive the rate of abrasion is directly 
proportional to the prE'ssnre when fresh abra- 
si\Te is supplied continuously. 
If the abrasive is not frequently renewed, 
1 .. The Grading of Carborundum for Optical 
Purposes," J. 'V. French, Trans. Opt. Soc., Oct. HH7. 
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grades 3, 4, and 5 the curve bends at the highf:f 
loads suggesting the need for more frequent 
I renewal of the abrasive, due possibly to clogging 
arising from an admixture of glass powder in 
these intermediate grades. 
A simi]ar series of abrasive curves for 3 
minute, 1.5 minute, and 40 minute emery is 
1'E'
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the rate of 
riading would not increase 
regularly with the load owing to the loss of 
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and. Magnification -10 diameters. 


cut and a certain clogging action, especially 
at the higher pressures. This is illustrated in 
Fig. 19, from which it will be seen that when 
using Xo. 3 carborundum ha\-ing an average 
grain diameter of 0.1 mm. the rate of abrasion 
is directly proportional to the load when fresh 


...... 
0, 
 
cu..... 

 :: 3.5 
cu.::: 

 e 

 
 3 
s:: Q. 
g- 
 2.5 

 È 

 E 2 
II 
 


 
.p _
 1'5 
>.::'
 
::. 
 
CI;) '- 
...... <S 1 
Q
 
t:: Q 

 
 '5 
"" ts 
Q;; 


4 


o 0'2 0'4 0,6 0-8 1 1.2 1'4 1.6 
Grammes trtm. 2 
Load per square millimetre 
FIG. 18. 


material is applied every ha1f minute, whereas 
there is actually a reduction of the rate at high 
loads when the intervals between the applica- 
tions are of five minutes' duration. 
The series of curves in Fir!. 20 shows how the 
rate of abrasion varies with the size of the 
grains and the load on the tool. Fresh abrasive 
was applied every ha1f minute, and it will be 
seen that for the coarsest No. 1 carborundum 
having a grain diameter of approximately 
0.2 mm. the abrasion is directly proportional 
to the load. In the case of the carborundum 
VOL. IV 


o 0'2 0'4 0'6 0'8 , 1-2 "4 
Grammes mm. 2 
Load per square millimetre 
No.3 Grade (washed) Carborundum (0.1 mm. diam.) 


FIG. 19. 


illustrated in Fig. 21. Between the 3 and 
15 minute curves there is a considerable 
interval which corresponds, however, with the 
grain dimensions, which are 0,13 mm. and 
0.01 mm. respectively. 
From the various diagrams it "ill be evident 
3.2 


...... 
.., 
 


 
... ::s 2-8 
.... 
 

'- 

 E: 
:.::: ... 2'4- 
::::
 
E:
 
..., 
tJ- cu 2.0 
.., e 

e 

 
 "6 
u
 


 
t:! 
 ,.'2 
'S,.- 
....
 
:s.
 
CI;) ... 0.8 
.....
 
Q
 

Q 

 <:þ 0'4 
... ..... 

c:s 
Q: 


o 0.2 0'4 0.6 0'8 '.2 1.4 ,.6 
GrammeS mm
 
Load per square miJIimetre 


FIG. 20. 


that the rate of abrasion of a particular type 
of glass depends upon: 
The nature of the abrasive. 
I ts grade of fineness. 
The load upon the tool. 
The relative speed and to some extent the 
freq uency of renewal. 
The material of the tool itself. which has 
some bearing on the rate of abra':iion, is 
Z 
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practically determined by the type of abra- 
sive, the materials of widest applicJ.tion being 
fine-grained cast iron and brass. 
Rates of abrasion afford a general but not 
definite idea of the quality of a ground surface, 
because the same weight of material may he 
removed by the production of large shallow 
splinters or by smaller and correspondingly 
deeper ones. In the grinding process it is 
sought to produce a surface of uniform texture 
free from isolated deep pits which often deter- 
mine the thickness that must be finally 
removed. A record of the texture may be 
obtained by observing the reflecting power of 
the ground surface. l If the surface is viewed 
so obliquely that the irregularities are fore- 
shortened to such an extent that even the 
longest red rays are reflected, a perfect white 
image of, say, an incandescent filament may 
be seen reflected from the surface. The image 
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may be as clear and rnstinct as if viewed by 
means of a polished silver mirror. As the 
reflecting plate is rotated so as to decrease 
the angle of incidence, there will be observed 
an apparently abrupt change from bright 
white to dull grey, followed at a Rmaller 
incident angle by a change to red, which later 
suddenly disappears. These three changes 
take place sufficiently abruptly to provide a 
general record of the surface. Thus in the case 
of a piece of hard crown glass, ground with 
3 minute emery, the respective angles of in- 
cidence, the readings of which can be repeated 
to within half a degree, were 80 0 , 78 0 , and 75 0 . 
For similar glass ground with an abrasive 
wheel, the corresponding figures were 66 0 , 61 0 , 
and 46 0 , thus indicating a much finpr texture. 
In Fig. 22, which gives a comparison of the 
surfaces produced by a series of carborundum 
abrasives, abscis
ae represent the size of the 
respective grains. and ordinates the cosecants 
1 .. More Notes on Glass Orincling and Polishing," 
J. W. I.'rench, Trans. Opt. Soc., HH7 (Jan.), vol. xyiii. 


of the angle betwpen the surlace and the line 
of sight. This is equivalent to the projection of 
the texture in a plane normal to the line of 
sight, thus enabling the irregularities to be 
compared directly with the lengths of the 
waves regularly reflected. As is to be ex- 
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pected from the previous abrasion diagrams 
the curves are straight lines, the projected 
dimensions of the texture being directly pro- 
portional to the size of the grain when the 
other conditions such as load and speed are 
maintained constant throughout. 
Fig. 23 shows the corresponding results 
obtained when using the three grades of emery 
commonly employed, namely 3 minute, 15 
minute, and 40 minute emery. If the condi- 
tions can be controlled with sufficient accuracy, 
similar straight line curvps may be obtained 
for most abrasives, but in the case of such 
abrasives as powdered glass which break down 
readily and lose their cut, the conditions cannot 
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be easily controHed and the curves generally 
fall away towards the coarser graùes. 
Smoothing operations in the caRe of a single 
piece may be regarded as a continuation of the 
rougher grinding processes, their purpose being 
to reduce as much as possible the amount of 
material that has to be removed in the polish- 
ing process, but when a number of pieces after 
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being formed are mounted in one block so that 
they may be polished together, the smoothing 
process preparatory to polishing is necessary 
in order to reduce any irregularity of the sur- 
face levels due to slight errors in the laying 
down of the pieces. 
'Yhether the surface desired is plane or 
curved the final form of the piece must be 
produced before the polishing operation is 
commenced. Any important alteration of the 
form is impracticable during the polishing 
process, the functions of which are the forma. 
tion of the brilliant amorphous light reflect- 
ing surface layer, and the production of a true 
figure, that is, the correction of minute errors 
of form not exceeding one or two wave-lengths 
over the VI hole surface. Greater errors of form 
must be corrected by a repetition of the 
smoothing or fine grinding operation. 
Almost any substance in a fine enough state 
of division, and pro"\ided its grains are not 
lamellar in form or soluble in the liquid 
employed or liable to weld upon the surface 
of the glass, may be used as a polishing 
medium. Thus glass can be polished readily 
with fine charcoal, but hardly at all with 
graphite. 
But in practice the choice may be limited 
to a very few substances, the principal of which 
is rouge, that is oxide of iron (Fe 2 0 3 ). ::\Iany 
substances are slow in their polishing action. 
Putty powder, that is tin oxide (Sn0 2 ), which 
at one time was extensively used, is now 
excluded for reasons of health. 
Manganese dioxide C\In0 2 ), altbough an 
excellent medium, is very black and is difficult 
to remove from the hands and 
clothing; from the point of 
view of general cleanliness its 
use is often a voided. Other 
media again cannot be 0 b- 
tamed in a consistently uni- 
form condition, and although 
the variety of au bstances is 
great, there are really few that 
ha"Ç""e all the advantages of 
rouge, which is so extensively 
used, except for the "Ç""ery 
cheapest kinds of optical 
work. Comparisons of the 
poJishing media can only be 
made if the conditions are 
carefully standardised, and 
particularly if the texture of 
the original smoothed surface 
is the same in all cases. The 
rate of polishing, so far as 
polishing is determined by the 
removal of material un til 
the bottoms of the deepest 
depressions are reached, depends upon the I Putty Po\\ del' and the various pre- 
follo\\ ing : cipitated media are Letter suited to dath 
The original state of the smoothed surface. polishers than to pitch polishers, but the 


The character of the polishing-tool surface, 
which may be, for example, of cloth, 
pitch, wax, or paper. 
The polishing medium. 
The lubricant. 
The load. 
The relative speed of the tool and the surface 
operated upon. 
The typical chart, Fig. 24, shows how the 
time of polishing and the rate of removal of 
glass are affected by the load on the tool. 
In this particular instance the rate of removal 
of material varied directly with the pressure, 
the tool being covered vtith a mixture of 95 per 
cent of beeswax and resin and 5 per cent pitch. 
It is not possible to make any definite 
comparison of the numerous substances that 
may be used as polishing media, because the 
results are greatly influenced by the conditions. 
8u bstances that are only moderately good 
when a pitch polisher is used may be much 
more effective when the polisher is of a different 
type, such as cloth. 
To obtain consistent results it is also very 
necessary to control the conditions, the most 
important being the original state of the 
smoothed surface to be operated upon. 
Table I. shows the times of polishing when 
using a variety of typical polishing materials 
under the particular conditions specifi('d. 
In all casesJhe original surface was smoothed 
with fine carborundum having an average grain 
diameter of about 1/200 mm., the reflection 
values of the surface being 80 0 grey, 73.5 0 red, 
and 64 0 loss of red. Pitch polishf'rs were used 
throughout. 
TABLE I 


)lachine typE', reciprocating arm. 
Revs. of 8pindle, 78 r.p.m. 
Speed of arm, 190 strokes per minute. 
Length of stroke, 1.25". 
Diam. of worked surface, 3". 
Diameter of polisher, 3". 
Load on polisher, ! lb. per sq. inch. 



ledium. Polishing Qualit
 . 
Time. 
Hours. 
Precipitated rouge 3 } 
Commercial rouge 4 Good polIsh. 
Glassi te 4.1 
Very fine carborundum 8 Fair. 
Putty powder (8n0 2 ) 11 Surface cut and not good. 
Precipitated 
ilica (Si0 2 ) . l
 t 
Precipitated chromium oxide , 14 Surface not good. 
(Cr 2 0 3 ) J f 
Precipitated alumina (Al z 0 3 ) . 14 
Precipitated ferrous carbonate l(j } Very slightly grey. 
Precipitated hydrous Mn0 2 22 
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superiority of the first three media is still 
marked when used on cloth. 
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FIG. 2-1. 


Very many substances have been used as a 
covering layer for the polishing tool to hold the 
polishing medium. 
Huyghens 1 polished his 
glasses upon the metal tool 
itself, using a specially pre- 
pared mixture of Tripoli as 
a medium, which was reduced 
to a firmer and finer state 
by wiping away the marginal 
portions from time to time. 
To Sir Isaac Newton. 2 is 
attributable at least the sug- 
gestion that a pitch layer 
might be used for the polish- 
ing operation. In his Opticks 
he states that: "An object 
glass of a fourteen foot tele- 
scope made by one of our 
London artificers I once 
mended considerably by 
grinding it on pitch with 
putty and leaning very easily 
on it in the grinding, lest 
the putty should scratch it. 
\Yhether this way may not 
do well enough for polishing 
these reflecting glasses I have 
not yet tried." 
It is quite clear from a 
previous paragraph 3 that 
Newton actually used pitch 
for both the grinding and the 
polishing of metal reflectors, 
for in the same work he 
states: "Then I put fresh 
putty upon the pitch and 
ground it again till it had 
done makine- a noise, and 
afterwards i;ound the object metal upon it 
as before, and this work I repeated until the 
metal was polished. grinding it the last time 
with all my strength together for a good while, 
1 C. Hugenii. Opera Reliqua, ii. 21
, anù 
mith's 
Opt-k.<;. 
2 Newton, Opticks. p. 78. 


and frequently breathing upon the pitch to 
keep it moist without laying on any more fresh 
putty." The application of water alone in the 
final stage is of particular interest as being 
an important detail of present-day }Jractice. 
Father Cherubin 4 lined his polishing tools 
with a variety of materials of fine and uniform 
texture. More particularly he refers to the 
use of very fine thin leather, fine English 
fustian, fine Holland or any fine linen, silk 
taffety or satin. He describes at great length 
the rrocess of lining the tools with paper 
and the method of removing little lumps or 
irregularities, but the previous use of paper 
is attributable to Antheaulme,5 who used the 
grinding tool itself when lined" ith paper as 
the polishing tool, the medium employed 
being Venetian Tripoli. 
At the present day pitch, wax compounds 
and cloth are the materials most commonly 
TABLE II 


SURFACE LAYERS OF POLISHING TOOLS 


Material worked, glass-hard crown. 
Surface smoothed with fine carborundum. 
diam. of grain a bout 1/200 mm. 
Spindle speed, 124 to 130 r.p.m. 
Arm speed, 100. 
Stroke, 1.25". 
Polishing medium, rouge and water. 
Load on polisher, ! lb. per sq. inch. 


Polisher. 


Time of 
Polishing. 


Hours. 
90o
 pitch with 10% beeswax , 
1.5 
and resin J 


Remarks. 


Good surface. 


I Fair surface, pitch hard- 
1.75 t ness 0.5 at 37 0 C. 


Very hard pitch. 
Beeswax and resin with 100/0 
pitch 
Pitch 700/0 with 30% rubber 
com pound 
Pitch 700/0 with 300/0 rouge 
Soft pitch. . 


Ebonitc with 100/0 pitch. 
New cloth 
\Yell-singed cloth 


Brown paper. impregnateù with 
beeswax and resin 
Very thick felt 


Cork 


'Vood, deal. 


3 Ibid. p. 77. 


\ 1.75 
j 
, 2 
J 
2 
( 
2.75 I 
3.5 i 
l 
4.5 
6 
6 , 
\ 
6 / 
l 
) 6 
f 
12 


Good surface. 


" 


Fair surface. 
Goodsurface. pitch hard- 
ness 16 at 38 0 C. 
Poliehed, but cut, contact 
obtained with difficulty. 
Gooù surface. 
Poor surface, cut. 
Fair surface. slightly cut 
owing to bad contact. 
Cuts, owing to difficulty of 
obtaining good contact. 
Fair surface. 

urface grey anù mottled. 


used. Comparisons of a variety of materials 
.when using a particular pnliRhing medium 
can be obtained from Table] L, which shows 


· Le Pi're f'hcrubin, La Dioptrique orulaire, 1671, 
part iii. chap. ii. . 
Ii Montucla, Histoire des mathématiques. vol. iii. 
part v. book ii. p. 498. 
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the time required to polish a piece of cro\\ n 
glass smoothed in all cases to the same 
standard. For the pu
pose9 of comparison 
comparatively slow speeds and loads were 
employed. From the previous diagrams it 
will be understood that the time of polishing 
would be reduced hy increasing these factors, 
and the relative positions of the various 
materials might be slightly modified by the 
use of another polishing medium such as putty 
powder. 
Since the time of X ewton, over two hundred 
years ago, hand-polishing methods as practised 
to some extent in most high-class workshops 
have remained unaltered, except possibly in 
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production of an optically flat surface; if 
two are ground together the respective surfaces 
will become convex and correspondingly con- 
cave, the tendency in practice being for the 
upper tool to become concave. If one of 
these tools, say the convex Xo. 1, is then 
ground with 1\0. 3 tooJ, the latter wiJl become 
correspondingly concave, more or less like 
Xo. 2. If then the two concave tools Sos. 2 
and 3 are ground together, their concavities 
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FIG. 2j.-Hand Working. 


so far as the materiaL'! employed are more 
uniform in quality. 

 (9) POLISmSG TOOl.s.-Some idea of the 
essentials of the actual flat or prism surface 
polishi
g operations may be obtained from 
Fig. 23. The pedestal (1), which must be 
rigid, has at its upper end a standard nose- 
piece upon which the tools may be screwed. 
['"nder the work bench there will be observed 
two flat tools (2) and (3) of close - grained 
and well-annealed cast iron, and on the bench 
another (.3) lying face downwards "ith a 
wooden operating knob screwed into the boss. 
On the pedestal is mounted the tool or runner 
(4) as it is called, which has a uniform flat 
surface layer of pitch, and on the bench there 
is a similar runner (J 1), the pitch surface of 
which is exposed to view. 
Three plane tools are necessary for the 


will both be reduced. By grinding No. I on 
No.2, then Xo. 1 on 1\0. 3, and No.2 on 
No.3 in this way, and repeating the sequence 
of operations as long as may be necessary, 
all three tools become optically flat and may 
be kept in this condition by an occasional 
repetition of the process. 
Sir Joseph 'Yhitworth's name is generally 
associated with this method, which he applied 
to the production of standard surface tables, 
but although the principle may not previously 
have been clearly expressed, the method 
appears to have been known to the earlier 
opticians. 
The work is ground or smoothed upon one 
of the metal tools, fine grades of carborundum 
or emery being used as the abrasive medium. 
It is eSRential that the surface should be 
ground and smoothed to the desired curvature 
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or flatness, as the time of polishing depends 
upon the perfection of the smoothing opera- 
tions. Removal of material during the polish- 
ing process occurs very slowly, and it is then 
impracticable to effect an alteration of the 
sha pe other than a change of the figure 
involving a removal of material to a depth of 
a few wave-lengths. 
For the polishing process the surface of 
the metal runner, which itself need only be 
approximately true, is covered with a layer 
of pitch about 12 mm. thick, the runner being 
heated gently to ensure good adherence. 
The pitch surface is then moulded by one of 
the flat tools that has been heated just 
sufficiently to soften the pitch upon which it 
is pressed. "Then the pitch is cold, the 
whole surface is divided into small squares 
by deep grooves which may be cut more cleanly 
under water when the pitch is of a brittle 
type. Over the pitch surface there is then 
stretched a piece of open texture muslin 
which is squeezed into the pitch by means of 
the hot flat tool, and is then peeled off, 
leaving its network impression on the surface. 
''''hile the deep grooves help to preserve 
the flatness by breaking the continuity of 
the layer and thus preventing the centre 
parts from being squeezed towards the 
periphery, their principal function as well 
as that of the fine network is to destroy the 
suction that would hinder the free movement 
of the work over the moist pitch surface. 
The grooves also serve to retain any excess 
material that otherwise might collect and 
produce sleeks, that is, minute furrows on 
the surfacf' of the work, or even cuts. 
After the pitch surface has been prepared 
in the manner described, it is rubbed with one 
of the optically flat metal tools until it also. 
is optically flat. Rouge and water are 
commonly used as the working medium, not 
only in the preparation of the pitch surface but 
also in the operation of polishing the work. 
By means of the soft brush (7) fine, well- 
levigated rouge and water from the pot (9) 
are laid in streaks on the pitch surface of 
the tool (4), and the harder brush (6) is em- 
ployed to spread the medium uniformly over 
the whole surface upon which the part to be 
worked is laid, the sponge (8) being used 
throughout the operations to wash away 
excess material from around the edge of the 
tool. 
The operator, whose attitude is illustrated 
in Fig. 25, controls the work around its peri- 
phery by means of the fingers and thumbs, 
and, while gently pressing it into contact with 
the pitch surface, he moves it to and fro. At 
frequent intervals, after a few such repeated 
strokes, the 'work is given a wide-sweeping 
movement over the pitch surface and 
is occasionally rotatec1.. At intervals the 


operator also steps round the pedestal, or, 
alternatively, the lower tool may be slowly 
rotated. 
The purpose of these movements is to avoid 
any regular repetition of strokes that would 
tend to local wear of the tool or work, and 
the production of irregular surfaces. If the 
to-and-fro movements in one direction were 
repeated for too long a time, a broad depression 
would be formed on the tool surface, the 
optical flatness of which would accordingly be 
destroyed. 
From time to time the pitch surface is 
reworked or formed by means of the metal 
tool (5), the flatness of which is preserved by 
occasional working with the tools 2 and 3. 
Towards the end of the process watcr only is 
used as a polishing medium and the operation 
is continued until the water is almost entirely 
dried up, which is evidenced by a char- 
acteristic squeaking noise. In this way the 
greatest possible viscous flow of the surface 
molecules is obtained owing to the close 
contact between the work and the polishing 
tool. 
Surface defects such as sleeks are detected 
by examining the surface with a low-power 
lens, the necessary illumination being obtained 
from the lamp (10). Defects of flatness are 
detected by means of the test plate (12), which 
is placed on the surface of the work lying upon 
a black cloth. It is essential that the tempera- 
ture of the parts should be allowed to equalise 
before attempting to form a definite decision 
as to the character of the surface under test, 
and before using the test plate the parts 
should be thoroughly cleaned with a linen 
cloth or selvyt (13), and also freed from dust by 
means of the soft brush (14). 
At night it is convenient to use mercury- 
vapour lamplight, which is approximately 
homogeneous and produces black interference 
rings that may be very readily observed. 
lUuch skill is necessary to obtain the correct 
figure or form of the polished surface within 
the limits essential to the production of 
well-defined images, and each operator has 
his own particular method of controlling the 
figure, which indeed to some extf'nt depends 
upon individual characteristics such as the 
temperature of his hand.s. Two methods are 
frequently employed. In handwork, with the 
tool below the glass which has the smaller 
area, if the surface becomes concave the 
stroke should be reduced within the limits 
of the polisher. If the surface becomes con- 
vex the stroke should be widened until the 
defect is corrected. On machine work, with 
the tool having now the smaller area above 
the work, these operations should be reversed, 
a wide stroke, and especially one that overlaps 
the polishing tool, being employed to reduce 
any concavity of the surface of the work. 
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In the ('asp of large surfaces, such as are 
usual in machine multiple work, the position 
of the polishing tool may be so altered that 
it acts more around the periphery or over the 
centre, as may be desired to correct the figure. 
The second method consists in ringing 
the tool, that is, in broadening the furrows 
or scraping the tool surfaces, and thus re- 
ducing the effective polishing area at the 
centre or towards the edge, according to the 
req uirements. 
Thus, suppose a block of concave lenses 
is too shallow. To correct the figure it is 
necessary to remove material from the centre. 
This may be done by lengthening the stroke 
of the block so that at the ends of the travel 
it oyerJaps the polishing tool, with the result 
that for a portion of the time the outer 
parts, as compared with the ('entre, are not 
acted upon and are not rpduced to the same 
extent; or the outer portion of the polishing 
tool may be reduced by scraping, or the 
effective surfacp reduced by ringing, so as to 
increasp t hp relative effect of the centre parts. 
A polisher that has been used for a consider- 
able time often becomes glazed and loses its 
effect, so far as the removal of glass is 
concerned, but not as regards the actual 
polishing action if the contact is good. It 
has been suggested that the glaze which 
may be readily scraped away is a more or 
less continuous layer of glasR. 1 
Particular results are also ohtained by a 
proper selection of the polishing layer. 
In the case of pitch, which should be a good 
quality of Burgundy pitch, the hardness must 
be varied by more or less prolonged boiling 
to suit the temperature, and to some extent 
the nature, of the glass and work. 
Thus, unless the workshop temperature 
can be kept constant, which is not easy so 
far as the reduction of the maximum summer 
temperature is concerned, a hard, well-boiled 
IJitch must be used in summer and a softer 
pitch in "inter. 
Some operators prefer the use of wax 
in
tead of pitch, and particularly for the 
polishing of curved "ork. 
From Fig. 26 it will be seen that there are 
characteristic differences attributable largely 
to differences in the viscosities of the materials. 
Abscissa,e represent temperatures and ordinates 
the rates of penetration of a steel disc under 
a constant load. 'Yhereas the pitch yields, 
even at the low temperatures, very little 
change occurs in the beeswax-resin composition 
until a temperature of a Lout 27 0 C. is reached, 
when the viscosity ra'pidly changes. As the 
normal temperature of working rarely exceeds 
22:> C., it will be evident that wax layers are 
not so susceptible to fluctuations of tempera- 
1 ':.The Surface Layer of an Optical Polis]Iing 
Tool, J. W. French, Proc. Opt. Soc., 1920. xxv.l\o. 3. 


ture as pitch layers. "ax therefore retains 
its shape better than pitch, but its form is not 
so easily manipulated when a modification of 
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the figure is desired, and the difficulty of 
obtaining good contact is greater. 

 (10) POLISHIXG PROCESSES. -Only the 
very highest qualities of optical work or small 
quantities of individual parts are made by 
skilled hand methods. For the production 
of parts in large quantities considerations 
of cost make the use of machinery essential. 
Although highly specialised machinery has 
been evolved for the manufacture of particular 
products, such as spectacle lenses,2 there are 
certain well- defined methods and types of 
machinery, a description of which alone "ill 
suffice to indicate the fundamental principles. 
The machine procpsses may be divided, as 
in the C3,se of hand work, into the three 
groups: 
(a) Forming or roughing. 
(b) Smoothing. 
(c) Polishing. 
Frequently the raw glass is supplied in 
the form of plates which are cut to the approxi- 
mate shape by means of saws, as illustrated 
in Fig. 27. These saws are thin sheet-metal 
discs of a soft character. Iron armature 
starn pings are very suitable for the purpose. 
The edge of the saw is notchpd and charged 
with diamond dust mixed with oil to the 
consistency of a fine paste. In Germany 
it is common practice to cut deep radbl 
peripheral slots .about a millimetre broad and 
to fill these with lead. which holds the diamond 
dust more effectively. 
The work, which may be a pile of plates held 
within the jaws of an adjustable holder, is' 
pulled by a weight against the cutting edge, 
the moyement being controlled by the "ith- 
drawal of a screwed abutment. 
2 Schule dcr Optik, Gleidlpn und Klein, 1914, 
practical section by Klein. 
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Turpentine as a lubricant gives the best 
results, but it has the disadvantage of being 
costly. Petrol is very suitable. 'Yater with 
a small admi
ture of soda to prevent rusting 
of steel part::;, although less effective, is 
commonly used. 
An average peripheral speed of the saw is 
about 1200 feet per minute. 
Labour and expense in cutting may be saved 
by the use of glass that has been moulded to 
approximately the correct shape and size, 
enough excess material only being allowed 
to ensure that when all the irregularities of the 
surface have been ground away the sizes will 
not be too small. 
""'hen the quantities involved are not large, 
the actual forming of the work to the required 
linear dimensions and shape within usually 
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:FIG. 27.-Disc Sawing Machine. 


an angular limit of 1- three minutes i
 some- 
times done by hand, as indicated in Fig. 28, 
the angles being tested by means of simple 
adjust3ble gauges 1 or, in the case of lenses, by 
disc gauges turned to the appropriate radius. 
For the roughest grinding, sand or coarse 
carborundum or emery may be used, the 
sand being cheapest but slowest in action. 
If a plant for the washing and grading of the 
ahrasive is installed,2 the use of a single type 
of abrasive such as carborundum, a coarse and 
cheap grade of which only need he purchased, 
is both economical and convenient. 
lVhen two abrasives such as carborundum 
and emery are employed for the coarser and 
finer grinding prof'esses respectively, great care 
1 Handbuch der praktischen Optik, by Halle, 1913. 
Z "The Grading of Carborundum for Optical 
Purposes," Trans. Opt. Soc., Oct. 1917. 


must be exercised to avoid contamination of 
the emery ,dth the harder carborundum. The 
large cast-iron grinding disc in Fig. 28, which 
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FIG. 28.-Rough Grinding 3Iaehinc. 


runs at a speed of about 2.3U revs. per minute, 
serves the d.ou ble purpose of breaking down 
the coarser abrasive preparatory to fine grad- 
ing and of forming the heavier wqrk. 
In the case of multiple work the cost of labour 
generally necessitates the adoption of grinding 
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:FIG. 29.-Glas:-; }Iilling )Iachinc. 


machinery, one type of which is illustrated in 
Fig. 29. Anum bel' of parts are mounted upon 
an adjustable holder on the tahle of the 
machine, the holder being so arranged that 
it can be accurately angled in accordance 
with the indications of a scale. The table 
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runs the work longitudinally G.nder the 
grinding wheel, and at the end of each stroke 
its motion is automatically reversed, the 
"rindina being done during both strokes. At 
the end of each stroke the table is also fed 
trans\erseh 9 , automatically or by hand. 
Either a he
avy cut of about 1 mm. with a slow 
table speed or a light cut of -:lu mm. "ith 
a fast cutting speed of 10 feet per minute may 
be used, but generally it is desirable to avoid 
the heavy forces incidental to a heavy cut. 
The grinding wheel, which is fed down by 
hand as required, is a fine-grade carborundum 
type, such as 220 J, running at a peripheral 
speed of about 500 feet per minute. 
An ample supply of lubricant, such as water, 
is essential to avoid all danger of the formation 
of minute heat cracks. . 
)Iilling cutters in the form of cylinders of 
copper, the surfaces of which are grooved 
longitudinally and charged with diamond 
dust have been used bv some of the more 
imp
rtant German optici;'ns, but such cutters 
now appear to have been generally abandoned, 
except for certain minor operations, in favour 
of carborundum wheels. 
Glass milling
 as compared with surface 
grinding, has the disadvantage of being com- 
paratively slow and therefore relatively costly. 
This will be evident when it is considered that 
there is onlv line contact between the wheel 
and the surf
ce of the work, which for the great 
part 
f the time is therefore not being acted 
upon, whereas in the case of surface grinding, 
material is being removed continuously from 
every part of the surface. 
Surface grinding is usually done by means 
of a cast-iron disc "ith loose abrasive, and the 
parts to be operated upon are mounted in 
accurate multiple jigs, the expense of which 
can only be contemplated when the number 
of pieces to be manufactured is large. 
As the work must be formed practically 
within the final inspection limits, it is necessary 
that the machine should be capable of working 
to an angular limit of about 2 minutes and a 
dimensional limit of a bout in mm. to -lo mm. 
After the individual parts have been formed 
to the exact shape they are subllÚtted to the 
sllioothing processes preparatory to being 
polished. F or this purpose the faces to be 
poli:;hed are placed in contact "ith an optically 
worked tool, Fig. 30, the surface of which has 
been thoroughly cleaned and slightly oiled. 
Care must be taken to ensure that the layer of 
oil between the surfaces of the work a
d the 
tool is not too thick, as other\\ise a very 
slight pressure on one end of the piece may 
suffice to introduce an angular error of a 
minute. ,rith a little practice such errors, 
even in the case of faces of a few centimetres 
length. may be avoided. 
Over the tool there is then placed a circular 


framework, into which is poured a layer of 
plaster of Paris of about 3 mm. thickness. 
After the plaster has solidified the frame is 
filled "ith a special cement whose volume 
remains lwactically constant after solidification. 
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FIG. 30.-Block of Pri:;m. 


Plaster of Paris and cements that contain free 
lime haye the disad\
antage that, owing to 
crystalline changes in the solid condition, the 
volume after solidification increases for many 
months, the grO\\Ìh being comparati\ely 
rapid during the first few weeks. 
In such a case, o"ing to this expansion, the 
smoothed surface of a cemented block of 
prisms tends to warp to an extent that may 
unduly prolong the polishing time, or even 
necessitate re-smoothing. 
Plaster of Paris mi}",tures are suitable for 
blocks of 23 cm. diameter, and can be used for 
blocks of 50 em. diameter if there is no delay 
between the smoothing and polishing processes 
and if the latter is completed rapidly and in 
one operation. For large blocks of 1 metre 
diameter, such as is illustrated in Piy. 31, 
special cements are essential. 
The frame "ith the solidified cement con- 
taining the prisms is stripped from the oiled 
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FIG. 31.-:-.moothing or Poli
h.ing 
Iachine for 
Blocks lllletre diameter. 


surface of the plate, and" hen turned oyer the 
thin layer of plaster of Paris can be removed, 
leaving the surfaces of the prisms project
g 
from the layer of cement, the face of willch 
is cleaned and varnished to make it thoroughly 
waterproof and to preyent fragments from 
breaking loose and interfering with the work 
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of polishing. The thin layer of plaster of 
Paris has no appreciable ill-effect, as its thick- 
ness and time of action are hoth small. 
For the actual smoothing operation a 
machine of the general type, originally devised 
by l..ord Rosse,! indicated in Fig. 31, is 
employed, but although the principle involved 
is generally the same in all C<1ses, the arrange- 
ments vary considerably. 
In a machine tool for the working of metals 
or the forming of glass, such as is indicated 
in Fig. 29, the plane in which the work moves 
and the axis about which the tool rotates are 
both definitely fixed. The accuracy of the 
work is accordingly dependent upon the 
accuracy of the machine. 
As the accuracy requisite for the polishing of 
an optically goorl surface is nearly ten times 
as great as is obtainable with the best type of 
machine tool, it is necessary for the manu- 
facture of optical work to adopt the floating 
tool principle previously referred to in connec- 
tion with the preparation of flat grinding tools. 
In Fig. 31 it will be seen that the flat 
grinding tool rests freely upon the surface 
of the work, the diameter of which is about 
20 per cent greater than that of the tool,2 
and that it is moved by a central pin resting in 
the hollow socket of the tool. For the actual 
movement of the tool various mechanisms 
have been introduced, but that indicated in 
the illustration is the most common. 
All the arrangements 3 are particularly 
designed to sweep the tool over the surface 
in a continually and widely varying path 
that only repeats itself after a great number 
of strokes, and further, to provide simple 
adjustments whereby the action of the tool 
may be distributed more or less over the 
central or outer zones of the work for the 
purpose of regulating the form or figure. 
Behind the machine there are situated two 
vertical shafts each carrying at its head a 
crank - pin the distance of which from the 
centre of rotation is adjustable. One crank 
drives the end of the main driving arm through 
the intermediary of a gimbal connection that 
enables the arm to be raised when necessary 
quite clear of the tool. The other crank 
similarly drives a radius bar coupled to the 
driving arm. As the throws of the crank are 
independently variable and as the point of 
connection of the radius bar with the driving 
arm is adjustable, a large variation in the 
path of the tool is obtainable. It is important 
that the revolutions of the crank spindles 
should not be a whole multiple of the work 
spindle revolutions. A hunting tooth should 
be introduced in the gearing, otherwise a 
portion of the surface will take longer to 
1 Lorù Rossc's Telescopes, 1884, and Phil. Trans., 
1840. 
I Dfut.w'he mech. Zeit., 190!), ix. 81. 
a Handúuch der pra1..tischen Optik, Halle, 1913. 


smooth or polish, thus increasing the time of 
the operation. By adjusting the length of 
the radius bar the tool may be made to act 
more over the periphery of the work, and the 
length of the stroke may be altered by a 
variation of the amount of throw of both 
cranks. These adjustments are necessary for 
the control of the form or figure of the work. 
To determine by calculation the distribution 
of the grinding or polishing action over the 
surface of the work is verv difficult and 
laborious. As was previously stated, the 
action is practically directly proportional to 
the relative speed of the tool and the work. 
'fhen the tool is concentric with the rotating 
work, both rotate together, and there is no 
relative movement or grinding action unless 
a partial brake is applied to the tool. As 
the tool passes from the centre towards the 
periphery its velocity changes, and there is 
then relative motion of the tool and work 
and consequently abrasion. This rotation is 
always in the same sense as that of the work, 
but it necessarily varies throughout the 
cycle, although the momentum of a heavy 
tool acquired when in the concentric position 
tends to make the rotation more uniform. 
The action at any particular point depends 
upon the time the part is acted upon by the 
tool, and this varie::; with the relative positions 
of the tool and the work, as the stroke is 
generally such that the tool sometimes over- 
laps the work at continually varying positions 
and by varying amounts. 
The action is also proportional to the load, 
and this is not constant as the area of the tool 
in contact with the work varies in the over- 
lapping positions. 
From these considerations it "ill be evident 
that the problem of determining the distri- 
bution of the action even under the simplest 
conditions is a very complex one. 
The object of the smoothing process is to 
remove irregularities of the total surface 
arising principally from small errors in the 
laying down or assembling of the individual 
parts and minor distortions of the mass, 
and to rf'move any accidental small holes or 
cuts introduced by the coarser abrasive during 
forming. If the initial work has been wen 
done the amount of material to be removed 
is small but as the rate of removal of material 
during 'the smoothing operation, when fine 
emery or carborundum is used as an abrasive, 
is much more rapid than during the polishing 
stage when rouge is employed, the importance 
of good smoothing will be evident. 
The polishing process is practically a 
continuation of the smoothing, the same 
methods and type of machine bei'n g employed; 
but a polishing medium such as rouge is used 
in the first instance instead of an abrasive, 
and a pitch, wax, or cloth polisher instead 
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of a metal tool. As in the hand-polishing 
process previously described, water only is 
used as a polishing medium in the final stages 
of the operations. 

 (11) POLISHI
G ::\IACHI
E.-Another type 
of machine capable of polishing a block about 
1.5 metres in diameter is indicated in Fig. 32. 
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FIG. 32.-:Smoothing or Poli:;hing Machine for 
Blocks 1.5 metres diameter. 


and the working of a concave block of large 
diameter lenses is illustrated in Fig. :
3. 
Two methods may be employed for the 
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FIG. 3;3.-Bloc1.. oi Concave Len.se::;. 


production of curved work such as the elements 
of an objective or an eyepiece. 
In the first method, which is not extensively 
adopted on account of the accurate jigs that 
are involved, the lens blanks are ground to the 
final diameter to within a limit of about minus 
1/20 mm. Se,Teral piles of discs cemented 
together preparatory to being ground to the 
correct diameter are shown in Fig. 34, which 
also illustrates the carborundum wheel edging 
machine. 


The edgpd blanks after being separated and 
cleaned are mounted in the tool indicated in 
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FIG. 34.-Automatic Edging )lachine. 


Fig. 33, and the curve is then ground true 
with the periphery, provided the jig and 
workmanship are sufficiently accurate. 
In the more common method, the unedged 
and partially-shaped blanks are secured indi. 
vidually "ith pitch "ithin the holder. They 
are then ground and polished in the usual 
manner, and after being removed and cleaned 
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FIG. 35.-Hanù Centring and Edging )Iachine 


the periphery of the lens, if circular, is ground 
true with the optical a
is of the lens. 
This operation is indicated in Fig. 3.3. The 
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lens to be edged is slightly heated and cemented 
to the nose of the hoHow spindle of a small 
lathe head. "Thile the cement is ROft the 
position of the lens is adjusted until the two 
reflections of a light or other object from the 
front and back surfaces of the lens 1 do not 
rotate when the spindle is slowly revolved. 
This occurs when the optical axis of the lens 
coincides with the axis of rotation. The 
cement is then allowed to harden, and the 
grinding of the periphery true "ith the axis 
of rotation, and therefore with the optical 
axis of the lens, is performed by pressing a 
brass plate against the edge while using emery 
or carborundum as an abrasive. 
V arious types of machines are employed 
for special operations and more particularly 
for the production of spectacle lenses. 2 
Astigmatic lenses are produced on machines 
in which a cylindrical tool is made to oscillate 
about the axis of the cylinder, the work itself 
being prevented from rotating. For the 
multiple production of toric lenses in which 
the two axes of curvature are approximately 
at right angles to each other, the lenses are 
worked upon cylinders of the appropriate 
radius and ground by means of tools whose 
cross-sections correspond with the curvatures. 
Ringle and special toric lenses are ground 
individually upon small special machines, but 
in an article such as this, which is concerned 
more with general principles than with the 
mechanical appliances, it is not possible to 
describe in detail the numerous types of 
machine that are employed for spectacle work. 
The most complete information on this par- 
ticularsubject is obtainable from the catalogues 
of the optical machine tool makers or from 
the practical handbooks already referred to. 
J. W. F. 


OPTICAL PATH DIFFERENCE: the difference in 
the total optical path travelled by rays of 
ligh t which pass through an optical system 
at different distances from the axis. Ree 
" l\Iicroscope, Optics of the," 

 (7) and (8) ; 
also "Light, Rectilinear Propagation of." 


OPTICAL ROTATION AND THE 
POLARI:\IETER 
THE rotation of the plane of polarisation 
was first observed in the year 1811 by Arago 
in quartz plates. Further, Biot, and also 
Seebeck, discovered the optical activity of 
some organic substances, oil of turpentine, 
and solutions of sugar and of tartaric acid. 
Biot established the nature uf the pheno- 
menon and its laws in a long series of important 
1 Dioptricks 1602; Molyneux, chap. iv. of 
]1,1 echrzni.ck- Dioptri.cks, p. 220. 
Z Schule der Optik, Gleichen und Klein, 1914, 
Pra ktischer Teil. 


papers which extend over a period of forty- 
seven years (181:
 to 18tiO). 
Fre5>nel published the theory of the proper- 
ties of quartz and introduced the term 
" circular polarisation " in 1831. 
'V. Herschel and J. Herschel recognised the 
significance of certain faces on the quartz 
crystal for predicting the direction of the 
optical rotation. 
An epoch-making diRcovery was Pasteur's 
in 1848. He proved in the case of tartaric 
and racemic acids that one and the same 
active substance may occur in two forms, 
with opposite rotatory power, as well as in an 
inactive modification. 
Pasteur stated that substances which are 
optically active as crYRtals or in solution 
crystallise in hemihedral forms, i.e. the crystal 
and its mirror cannot be superposed. (Pasteur's 
rule is not reversible, hemihedral crystals do 
not always rotate polarised light) (1). 
Pasteur thought that the optical activity 
might be ca1lsed by a lack of symmetry of 
the entire molecule. He imagined that the 
atoms might be arranged in the form of an 
irregular tetrahedron or of a screw. 
No progress of theoretical importance was 
made until 1874, when Van t'Hoff and Le 
Bel, independently of each other, put forward 
the celebrated theory that the optical rotation 
of organic compounds is due to the presence 
of an asymmetric carbon atom. They each 
assumed that the fo
r valencies of the carbon 
atom are directed to the points of a regular 
tetrahedron. If each of these valencies is 
attached to a different atom or radicle it is 
seen that two non-superposable tetrahedra 
result, and these are the left- and right-handed 
forms of the active Rubstance 
Thus the polarimeter has played as cele- 
brated a role in the development of theoretical 
organic chemistry as its essential parts, the 
nicol prism and the quartz plate, have done 
in theoretical optics. 
The rapid progress of synthetical organic 
chemistry in the later decades of the nine- 
teenth century led to the study of a large 
number of new compounds which rotated 
polarised light. 
One of the most celebrated of the prolonged 
researches connected with the polarimeter 
was Emil .F'ischer's on the constitution of 
the sugars, in which the interpretation of 
optical activity played a prominent part. 
The discovery of compounds whose optical 
activity was due to the asymmetry of a 
nitrogen atom was followed by the brilliant 
work of Pope on optically active tin, etc., 
compounds. 
Theoretically, optical rotation could arise 
from asymmetric valencies of elements other 
than carbon. These predictions have been 
realised. "Ve ace now acquainted with sub- 
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stances whose rotation is due to asyrumctric 
nitrogen, tin, sulphur, selenium, phosphorus, 
silicon, chromium, and cobalt (2), English 
investigators, Pope, Peachey, Smiles, Xevillf" 
and Kipping being chiefly concerned "ith the 
first six elements, while \Yerner was successful 
in obtaining the acti,Te compounds of chromium 
and cobalt. 
Besides these inq uiries of fundamental 
importance, the polarimeter was employed 
in a classical piece of research by 'YilhehllY 
in 18.30. He measured the rate of inversion 
of cane sugar and put forward the first correct 
mathematical treatment of the ,elocity of a 
chemical reaction. The extraordinary con- 
'\enience of analysing a solution by optical 
means without altering its composition was 
the moti,Te for employing the instrument. 
)Iuch work has been carried out on rotatory 
dispersion, but the interesting results obtained 
still await theoretical explanation. Technical 
use was made of rotatory dispersion in 1910 
by 
I. E. Darmois, who found that the propor- 
tions of alpha and beta Pinene in rectified oil 
of turpentine could be detern1ined by measur- 
ing the rotatory dispersion (3). 
Jlagnetic rotation of the plane of polarisa- 
tion, discovered by Faraday, was the subject 
of prolonged research by ,Yo H. Perkin, 
s
nior, who showed that it was a property 
depending mainly on constit.
tion, although 
there are some additive relationships. 
'Yhile the study of rotatory dispersion 
prevented a too narrow interpretation being 
placed on the results "ith sodium light, a 
study of the influence of the solvents sho" eel 
that not only the amount but also even the 
sign of the optical rotation could vary when 
the same substance was dissoh-ed in different 
sol,ents. 
Arising out of this purely scientific work is 
an interesting analytical method. The quanti- 
tative estimation of benzene in cyclohexane 
is difficult and troublesome, but 
by taking 
advantage of t.he fact that benzene is almost 
without influence on the rotation of ethyl 
tartrate, whilst cvclohexane exerts a consider- 
able depressing 
 influence, the proportions 
of the two substances present in a mixture 
may be estimated "ithin about 3 per cent 
by the simple determination of the rotatory 
power of a mixture with a fixed proportion 
of the ester (4). 
The influence of the solvent is also clearlv 
shown in an important paper by F. H. Ca;r 
and 'V. C. Reynolds (5) on the rotatory power 
of alkaloids. Thev found, inter alia, that 
hydrastine has a 
strong dextro-rotation in 
':;0 per cent alcohol, while it is inactive in 
9.5 per cent alcohol, and laevo-rotatorv in 
absolute alcohol. These observations suggest 
that indirect determinations of inactive 
substances may often be possible, by measuring 


their influence on the rotation of an admixed 
acti,e substance. It has been known for a 
long while that boric acid and also acetone 
and other substances have a powerful effect 
on the rotation of tartaric acid. For the two 
substances mentioned, there are excellent 
chemical methods available; where this is 
not the cas(' a polarimetric method might well 
be looked for. 
.Although a distinction may be broadly 
made between essential oils, which are optic- 
ally active, and mineral and fatty oils, which 
are optically inert, the exceptions are of great 
importance. Castor oil is the only common 
vegetable oil which exhibits a distinct though 
slightly variable rotation. )Iineral oils were 
thought for some years to be optically inactive, 
but further study has proved that they possess 
a small rotatory power, and this fact has 
supported one of the theories of the origin of 
p('troleum. 
The temp('rature correction may be of 
great importance for the analysis of a mixture, 
thus a mixture of dextrose (+) and invert 
sugar (+ and -, the latter predominating) 
may be analysed at 87 0 C., when the rotation 
of mvert sugar becomes O. 
Starches can be determin('d by the polari- 
meter by Ewen's method and its later modifica- 
tions; thus the products of another important 
industry may be controlled by this instrument. 
The relation between conc('ntration and 
specific rotatory power has been determined 
for a numher of substances "itb a very 
high d('gree of accuracy, notably cane sugar, 
galatose, cocaine, lactose, maltose, glucose, 
camphor, nicotine. "Synthetic camphor" can 
be distinguished from natural camphor, and 
adulteration of inactive oils (such as almost 
all the fatty oils) "ith rosin or rosin oil is 
easily detected. 
The left- and right-handed forms of actiH: 
substances, e.g. sugars, can be separated by 
the action of micro-organi
ms, such as yeast 
and moulds which preferentially destroy one 
of the isomers. The isomers differ also in 
their behaviour with digesti,e enzymes of the 
animal body. 
The explanation generally adopted is that 
the enzymes of fermentation and digestion 
are themselves as'
metric and attach them- 
selves to one optic
l isomer, in ,.irtue of spatial 
arrangements which have been compared to 
the fitting of a key in a lock. 
" The first step in what may prove to be an 
inquiry of considerable significance in biology 
is marked by the preparation of d- and l-form
 
of simple dyes containing an asymmetric 
system. The work has not proceeded far, 
but evidence has already been obtain('d that 
the
e optical isomeride
 ar(' selectÎ\Tely ab- 
sorbed by wool, and th(' prospect is thus opened 
out that they may ultimately be used in the 
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staining of ::;ections so as to reveal more 
completely the chemical constitutions of 
tissues. This field of research has not been 
explored by the chemist, and there is ample 
scope for future developments of great 
importance" (6). F. T. 
J. N. G. 
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OPTICAL SQUARE: a device for deviating a 
ray of light through 90 0 irrespective of the 
angle of incidence. See "Rangefinder, 
Short-base," 
 (9). 
OPTICAL THICKNESS: the product ,..d, where 
p- is the refractive index and t the thickness 


of a plate of refracting substance. If p- is 
not constant throughout the material the 
optical thickness is the line integral of p-dt 
along the path traversed by the light. See 
"Interferometers, Technical Applications," 

 (3). 
OPTO"METRY: a term sometimes applied to all 
ocular methods of estimating the refraction 
of the eye, but generally confined to instru- 
ments "here an adjustment of lenses is 
made by the patient, in order to obtain the 
clear image of an object, and the result 
recorded on the metric scale. See" Oph- 
thalmic Optical Apparatus," 
 (11). 
ORGAN, REED PIPES IN THE. See" Sound," 

 (32). 
ORGAN PIPES WITHOUT REEDS. See" Sound," 

 (33). 
OXIDE OF IRON: a cause of colour in glass. See 
" Glass, Chemical Decomposition of," 
 (1). 
OXIDE OF LEAD: a constituent of glass. 
See "Glass, Chemical Decomposition of," 

 (1). 


-p- 


PARABOLIC REFLECTOR. See "Projection 
A ppara tus," 
 (6). 
And electric search-lights. See ibid. 
 (8). 
And electric signalling lamps. See ibid. 

 (9). 
Used as a headlight for a motor-car. See 
ibid. 
 (7). 
PARALLAX (CHROMATIC): a parallax effect due 
to the chromatic aberration of the eye. See 
" Eye," 
 (27). 
PARAXIAL RAYS: rays of light comprised 
within a narrow pencil close to the axis of 
an optical sYHtem. See" :l\Iicroscope, Optics 
of the," 
 (3). See also" Optical Calcula- 
tions," 
 (5). 
P ARTIAL 
"'LASH: a term applied to the light 
afforded by a projector when only certain 
parts of the front aperture are seen as of the 
same intrinsic brightness as the source; 
this term applies also to systems in which 
certain areas of the front aperture are seen 
filled with a "coloured flash" due to the 
"partial flashing" of certain primary 
colours. See" Projection Apparatus," 
 (3). 
PELORUS OR BEARING PLATE, description and 
method of use. See "Navigation and 
Navigational Instruments," 
 (17) (ii.). 
PENETRO:\IETER: an instrument for measur- 
ing the penetrating power or quality of 
X-rays. See" Radiology," 
 (21). 
PE
TA
E I.-AMP: a flame. standard of 10 
candle-power devis{'{l hy Vernon-Harcourt. 
See" Photometry and Illumination," 
 (6). 


PERIMETER OR SCOTOMETER: an ophthalmic 
instrument used to measure the field of 
vision from the macula to the peripheral 
parts of the retina, and to plot out the 
portions of the retina which are totally 
or partially atrophied. See" Ophthalmic 
Optical Apparatus," 
 (5). 


PERISCOPES 
* (1) PRINCIPLE OF PERISCOPES.-As the name 
denotes, periscopes are optical instruments in 
which the general course of thp rays, instead 
of being confined approximately to the neigh- 
bourhood of a single straight line, is deflected 
once or more into new directions "iththe aim 
of giving an observer a view from a position 
in which it is inconvenient to place his head. 
Among the best known examples are various 
forms of trench periscope, which consist 
esspntially of small f,plescopes with reflectors 
at the top and bottom, or even of a small tube 
only to which mirrors havf" heen at.tached at 
each end, so that the ray paths tend to con- 
form to the shapp of a crude letter Z. By 
the aid of such an instrument the observer is 
enabled to see what takes place, say, on the far 
side of a parapet hehind which he himself is 
protected from bullets. Essentially similar in 
their general aim are the periscopes userl on 
submarine hoats to take observations above 
t he sea while the vessel remains su hmerged. 
These naval instruments are more com piC'""\: 
than those used on land, and as they provide 
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good illustrations of all the features which 
are found in periscopes generally, it "ill be 
convenient to consider the submarine peri- 
scope as the typical instrument of this class. 

 (2) REFLECTING SYST.E:M:s.-Although peri- 
scopes have the bent ray path as their most 
obvious characteristic, optif'ally this feature 
is of no importance. Any refracting telescope 
can be converted into a periscope by the 
insertion of mirrors in suitable positions 
without the necessitv for any modification in 
the construction of 
 the len
es. If reflecting 
prisms are substituted for mirrors the necessary 
changes in the system are very slight in char- 
acter, and may be allowed for in the original 
design by supposing symmetrical blocks of 
glass of suitable thickness to be present. as no 
optical difference would then exist between 
the instrument \\ ith a straight ray course 
and that in which the light path suffers 
de\Tiations. The reflecting and refracting 
systems are independent also in another sense, 
for though_ the size and the accuracy of surface 
necessary in the mirrors may vary greatly 
with their positions relative to the lenses, yet 
these positions are unimportant as far as the 
type of imagery yielded by the complete 
instrument is concerned. For instance, if a 
certain combination of mirrors and a telescope 
produces an upright image of a clock face with 
the hours increasing on a right-handed rotation, 
no image either in\Terted or with left-handed 
rotation will be produced by transferring the 
whole reflecting system so that it is entire1y 
external to the telescope, and either precedes 
or follows it. To decide therefore what mirror 
systems are of value for the construction of 
periscopes, it is only necessary to consider 
whether the tclescope to be employed is of the 
inverting or of the erecting type. 
The commonest reflecting system consists 
essentially of two plane reflecting surfaces 
parallel to one another (Fig. 1). Light 
successively reflected at 
these two surfaces 
emerges parallel to its 
original direction, being 
merely laterally displaced 
by an amount propor- 
tional to the separation 
of the mirrors and to the 
sine of the angle of in- 
cidence. A clock face 
examined by light re- 
flected from such mirrors 
presents the same appearance as when viewed 
direct. Such a system of mirrors in conjunc- 
tion with an erecting telescope gives a correct 
view of the scene examined when the observer 
faces the direction of sight. Another simple 
system consists of two plane mirrors at right 
angles to one another (Fig. 2). Since the 
deviation produced in any ray is twice the 
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angle between the outward dra" n normals to 
the mirrors, the obsen
er must have his back 
towards the direction of sight, and from this it 
follows that an image" ill appear correct to the 
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FIG, 2. 


observer when it is upright, but inverted left 
for right in space relative to the object. Sow 
the two mirrors by themselves, if placed one 
above the other with their lines of intersection 
horizontal, "ill ob-dously produce inversion in 
the vertical but not in the horizontal direction, 
Since an inverting telescope inverts in both 
directions, the com bination of these two mirrors 
with an inverting telescope will yield images of 
the tJTpe required (Fig. 3). If a correct view is 
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----------- 
------------ 


FIG. 3. 


req uired 1\ ith an erecting telescope when the 
observer has his back to the direction from 
which light reaches the instrument, the re- 
flecting system must be of a type" hich returns 
an image of correct appearance to the observer 
when used alone. The best known system 
of this kind consists of three plane mirrors 
mutually at right angles to one another, and 
many others only slightly less simple may 
be devised. A periscope of the reversed vision 
type may therefore be constructed" ith a plane 
upper mirror deflecting the light downwards 
through an erecting telescope at the lower end 
of which is a "roof" prism or t" 0 mirrors 
forming a roof, the edge of which is normal 
to the first mirror (Fig. 4). Roof prisms 
would be utilised very " iddy in optical 
instruments for their valuable properties 
were it. not. that the high degree of accuracy 
req uired in the an
le between the two re- 
flecting surfaces to avoid double images 
makes their manufacture very costly. In 
many cases this difficulty can be avoided at 
the cost of compactness by displacing the 
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roof combinat.ion laterally, so that the light 
always meets the surfaces in the same order. 
Another case in which a roof combination 


FIG. 4. 


may be used is when an inverting tplescope 
is employed wit.h the observer facing the view. 
If the roof prism replace the lower plane 
prism of Fig. 1, the lateral inversion it causes 
compensates the inversion of the telescope 
in the horizontal plane, but the vertical in- 
version is uncorrect.ed. The substitution at 
the upper end of the 
periscope of two mir- 
rors inelined to one 
another in the vertical 
plane at an angle of 
45 0 for the single 
mirror is a possible 
method of completing 
the rectification of the 
image (Fig. 5). An 
alternative of much 
FIG. 5. im portance consists in 
the introduction of an 
inverting isosceles prism. 'Yith this com- 
bination an erect image may be secured con- 
veniently whatever the angle between the 
line of sight and the direction of observation 



 


may be. The best known instrument of this 
kind has an upper isosceles right-angled prism, 
a 100\er roof prism, and an isosceles inverting 
prism placed along the vertical axis of the 


important that the directions of sight and of 
observation should be identical, and as the 
use of roof reflectors is not free from difficulties 
erecting telescopes become necessary. 

 (3) FIELD OF VIEW AND ILLT'l\IIXATIOX. 
-.From the point of view of light deflection 
then the periscope offers no new 
problem at all for consideration. 
Optically its special character- 
istic is that, when the extent of 
the field of view rpq uired and 
the amount of light necessary 
from each part of the field are 
considered, the instrument is 
of such unusual length that 
special forms of construction 
are essent.ial to enable these 
particular featurps to he realis{'d 
in an acceptahle manner. 
(i.) Simple Periscope.s.-Pmp- 
pose that a distant view is 
seen through a long tube of 
length 1 and diameter d. The 
visible field has an angular 
diameter d/l if the observer's 
eye, sit.uated in the position 
marked E in the figures, is 
stationary and the diameter of 
the pupil is small in comparison 
with d (Pig. 7). 
If a lens of dia- 
meter d and focal 
length 1/6 is 
placed. in the 
tube at one-third 
its length from 
the observer's pnd, an invC'rted image of the dis- 
tant view of angular diameter 3d/l wiìl be seen 
at the principal focus of the lens which is at a 
di
tance l/6 from the ohsC'rver's eye (F2'g. 8). As 
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FIG. 7. 


far as the field of view is concerned the eye is 
virtually placed at e, the image of E fornlPd 
by the lens. As exception is taken to a system 
such as the above, which necessitates focussing 
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telescope, so mounted that it rotates through 
half the relative displacement of the upper and 
lower prisms. This arrangement is illustratNl 
in F2'g. 6. 
In submarine periscopes it is considered 


FIG. 8. 


the eye on a fixed near plane, the single lens 
must be replaced by a. telescopi(' system. 
The simplest consists of t\vo single lensps of 
equal foca.llength with their separation dou LIe 
the focal length of either. If these are placed 
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at the ends of the tube the field of view is 
the same as for the vacant tube, but the image 
is inverted (Fig. 9). If the lenses are now 
reduced in focal length and are appropriately 




 


placed in symmetrical positions in the tube, . 
the field can be increased up to four times its 
original value when the lens separation is !l 
(Fig. 10). If the symmetrical arrangement 


fall far short of those required in submarine 
periscopes, and the inverted ima,ge is also 
objectionable. The addition of iurther lenses 
enables both defects to be removed. 


J E 


FIG. 9. 


A particularly simple form of erecting 
telescope consists of three equal lenses spaced 
at equal intervals, the separations being three 
times the focal length of the individual lenses. 
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is a,bandoned, the most favourable disposition 
with two eq uallenses is reached" hen the focal 
length is l15, the distance of the first lens from 
the object end of the tube being 21/5, which 


FIG. 10. 


If such a system were inserted in the tube and 
occupied its entire length, the eye would be 
virtually placed a distance il in front of the 
tube, and the field of vim, would be 2dll 
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is also the distance between the lenses (Fig. 11). 
The image of the eye is then half-way between 
the front of the tube and the leading lens, and 
it is easy to see that a variation of the system 



 
e 


in one direction results in a reduction of the 
field below 5dll through the failure of the rays 
required to meet the aperture of the first lens, 
and a variation in the other direction leads 


FIG. 11. 


(Fig. 12). As the outer lenses are made to 
approach the central lens and the focal lengths 
of all suitably reduced, the field of view in- 
creases, reaching the best value 7d/l when the 
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FIG. 12. 


separations and the di:-;tance from the front 
of the tube to the first lens are each 2l/7 (Fig. 
13). This is not the only form of telescope 
of unit magnifying: power which can be con. 
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to the obstruction of rays between the object 
and the virtual position of the eye by the front 
of the tube. To take an actual example. if 
the tube is thirty feet in length and six inches 
in diameter, the natural field of view is about 
one degree, and the best with two lenses is 
about five degrees. Fields of this magnitude 
VOL. IV 


FIG. 13. 


structed of three equal lenses uniformly spaced t 
for evidently in Figs. 9 to 11 a third lens of 
any power could be inserted half-wa.y between 
the lenses sho-wn in the plane of the real image 
"ithout disturbing the telescopic character of 
the image. The effect of such a lens is merely 
to alter the extent of the field of view. The 
2A 
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insertion of the lens in this system, however, 
does not influence the inversion of the image, 
so that the one system of three lenses presents 
an upright and the other an inverted image. 
(ii.) Six-len8 Periscopes.-'Yhen a greater 
number of lenses is used there is a choice of 
many different separations when the spacing 
is uniform and the lenses are of eq ual focal 
length. Consider, for example, a system with 
six lenses. Two telescopes each having three 
lenses if combined will produce a six-lens tele- 
scope with an upright image, whether the 
image is upright or inverted with three lenses. 


Un the principle of combining t\\O telescopes 
together it is obvious that with twelve lenses 
all these separations would give erect images. 
In addition, with twelve lenses there would be 
six: separations resulting in inverting telescopes. 
The five forms of telescope each containing 
six lenses are illustrated in Figs. 14 to 18 and 
the number of inversions is different in every 
case, the number for each s('paration being 
given in brackets in the above table. Other 
things being equal, the form in which f is large 
in comparison with t is the most desirable, 
since this implies lenses with slight curvatures. 
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FIG. 14. 
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FIG. 15. 
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FIG. 17. 
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Three telcRcop(,s of two lenses each will evi- 
dently combine to form an inverting six-lens 
telescope. In addition there are two new 
forms, both inverting. which cannot be divided 
into separate telescopes. Thus, with six 
lenses each of focal length f the separations t 
may have the values given in the following 
table: 


TABLE I 


Inverting Telescopes. Erecting Telescopes. 
l=(2- ,'3)f (1) t=f (2) 
1=2[ (3) t=3f (4) 
t=(2+ ,'3)f (5) 


FIG. 18. 


But it is by no means- the case that other 
things are equal, for the systems differ from 
one another in the extent of the field of view, 
in the brightness of the image at the centre 
of the field, and in the way in which the bright- 
ness varies from point to point. of the field. 
The system with one inversion, illustrated in 
Fig. 14, is the most desirable as regards the 
curvatures of the lenses, but since the virtual 
eye position is the farthest of the series from the 
leading end of the tube, this form is the least 
satisfactory for the extent of the field of view. 
The systems with three and five in versions, illus. 
trated in Figs. H) and 18 respectively, are thoRe 
with the largest fields of view, the two lwing 
on an equality. Not far behind them is the 
system with four inversions shown in Fig. 17. 
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(iü.) 11luminatioll.-In order to consider 
the illumination at the centre of the field of 
view. the extreme ravs of an incident beam 
parallel to the axis 
 are represented in the 
diaarams bv thicker lines than those used to 

 
 
indicate the extent of the field of view. The 
systems l'Oith one, two, and three inversions 
are on an equality, and transmit to the rear 
of the tube beams of light which on entrance 
and eÀit completely fill its diameter. 'Yhen 
the number of inversions is increased to four, 
and still more when there are fiT"e, the l'Oidth 
of the useful axial incident beam is much 
reduced, and the last two forms are not nearly 


transmitted at the extreme angle is nm\ lebs 
than before. Again, in Fig. 20 a system 
similar to that shown in Fj'g. 17, but "ith 
rather longer focal lengths for the lenses, has 
been displaced towards the eye through a 
distance equal to half the focal length of each 
lens. The field of new is now increa
ed to 
an equality "ith those of the systems l'Oith 
three and five inT"ersions, but, as in these other 
cases, the illumination at the edge of the 
increased field falls to zero. It is clear that 
a much more detailed analysis is necessary 
to determine exactly 1'0 here the balance of 
advantage falls. 
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as satisfactory as those which precede them for 
central illumination. It would thus appear 
that the greatest advantages rest "ith the form 
shown in Fig. 16, but when the illumination 
in the óuter parts of the field of new i
 
considered, it is seen that this form has dis- 
tinctly undesirable features. The forms l'Oith 
four 
nd five inversions alone show no decided 
change in ill umina tion, as the origin of the beam 
of incident rays departs from the axis of the 
tube, but beyond certain angles the brightness 


FIG. 19. 



 (4) THEORETICAL CO:KSIDERATlox.-The 
diagrams just considered show that the field 
of \iew is enlarged by causing any ray of light, 
instead of travelling straight along the tube, 
to be deviated by a series of lenses from side 
to side. The number of lenses to an oscillation 
is arbitrary, and when the number of lenses 
to an oscillation is large, as in Fig. 14, the ray 
path resembles a sine curve. If there are n 
lenses to the telescope, each of power K, the 
separation of successive lenses being t, the 
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of the imagp is dimini.5hed through light 
striking the interior of the tube as in the other 
forms. At the extreme angular field the in- 
k'nsity of the light falls to zero mth the forms 
of Fig,;;. 14, 16, and 18, but is finite mth the 
remaining forms. 
Figs. 14 to 18 are special cases of their 
kinds, as the extreme rays which determine 
the fields of view have be;n assumed to follow 
paths similar to those of rays which limit the 
axial beam of parallel rays. Other results 
as regards the field of view or the variation in 
illumination are obtained by assuming that 
the entire system of lenses is displaced along 
the tube, the eye remaining at the end of the 
tube. It "ill suffice to consider two other 
cases, in which the lenses of the two erecting 
telescopes are displaced towards the eye. 
Fig. 19 represents the same system as Fig. 15, 
but all the lenses ha\
e been moved towards 
the eye through a distance equal to half their 
focal length. The field of view is evidently 
the same as before, but the amount of light 


FIG. 20. 


power of the complete systpm K1,n is deri,ed 
from 


Kl,n=K1+K,+ . . . +Kn 
- K 1 t 1 1(2 - K1(t 1 + t 2 )K 3 . 
-K 1 (t 1 +t.+ . . . +t n - J )lI. n 
- K 2 t.J,Ks - K2{ 1 2 + ( 3 )1(1. . . . 
+ K 1 1 1 1(2 t 2"3 + . . ., 
as is well known. On putting all the I('S and 
t's equal to one another. the coefficients depend 
on the numerical T"alue of the sums of continued 
products obtained by dividing at r -1 points 
a line whose length varies from r to n into 
r parts each of a length represented by an 
integer. The result is 
(n+l)n(n-l) I t 
Kl,n = nK - 3! K 
+ (n_
2) (n + l)n(n -l)(n - 2 )K 3 1 ' 
- r 
a. 


( l ) r (n+r)! r+1tr 
+ - (n-r-I)!(2r+l)!K 


. . ., 
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so that the system is telescopic if Kt is made 
equal to one of the roots of the equation 
( n + r ) , 
..... ( - I ) T . x T =0, 
-r (n - r - I)! (2r + 1) ! 
and, like the ray path, this equation, if written 
in the form 
..... ( _I ) T n (n 2 -12)(na - .22)( nl- 3 2 )... (111- rl )xT =0 
--T (2r + 1) ! ' 
is distinctly reminiscent of circular functions. 
This suggests that the circular functions will 
occur prominently in the theory of systems of 
lenses suitable for the transmission of light 
down a tube of constant diameter, and it is 
readily seen that if the four Gaussian constants 
are suitable circular functions the system may 
have such properties as those found in the 
systems already illust.rated. If these constants 
are denoted for brevity by A, B, C, D, where 
OKl,n C _ OKl,n D _ 02 Kl ,n 
A = Kl,n, B = OK l ' - CKn ' - (;KI0 K n' 


the relation BC - AD= 1 suggests cosine ex- 
pressions for Band C and sine expressions for 
A and D. l\Ioreover, the essential equations 
for the combination of two systems are 
A l ,2 = A 1 B. + A 2 C l 1 
Bl,2=BlB2+A2DJ 
 (1) 
Cl,2=AlD2+ClCa J' 
D J ,2 =BID2 +C 2 D) 
where the quantities are reckoned for a common 
terminal point to the two systems. .For the 
distances x, x' from the selected terminal 
points of a pair of conjugate points satisfy 
the relation 
Axx' +Bx' -Cx-D=O, 
where x and x' are positive when measured 
from the terminal points in the direction in 
which light travels through the system. 
Thus, in this case, if x and x' refer to a first 
system which is to be combined with a second 
system for which the distances are repre- 
sented by ;r;' and x", the two values obtained 
for x' must be identical, so that 
Clx + D 1 B 2 x" - D 2 
Ã lx + H I A 2 x" - C a ' 


or 
(AIB. + A 2 C l )xx" + (B IB2 + A 2 D l )x" 
- lAID. +C 1 C 2 )X - (BID2 +C 2 D l ) =0, 
and this must be equivalent to 


Al,2xx" +- Bl,.X" - Cl,2X - D l ,2 =0. 


Also 
(BIB. +A2 D l}(AlD2 +C 1 C 2 ) 
- (AlBa + A.C l }(B l D 2 + C\D l ) 
=(B 1 C 1 - A I D l )(B 2 C 2 - A 2 D 2 ) 
= 1 = Rl,l'11,2 - AI,. D 1 ,2, 


so that 


AIB2 + A.0 1 = -t Al,h 
BIBa + AIDI = 1: B 1 ,2, 
AID2 + C 1 0 2 = :t C l ,2, 
B 1 D 2 + 02 D l = :t D l ,2, 
and by considering a special case, such as a 
thin lens in which B 2 = C 1 = 1, A I ,2 = Al + A 2 , 
or a lens in which A 2 is gradually increased 
from zero so that A h2 has the same sign as 
AI, it is seen that the upper sif!n must be 
adoptei'. If now 1 denotes a length it may be 
suppospd t,hat Au Bu C J are defined by the 
angles aIJ ßu 1'17 where 
Al = sin aI , Bl = c
Jal 
J
.I) 0 1 = cos (a l - 'Yl) 2 
1 cos ßl' cos 1'1 ' ( ) 
and it then follows from the idf'ntity 
BO- AD= 1 that 
Dl = _ 1 sin (a l - ßl - )'1) . (2a) 
cos ßl cos 1'1 
If now two systems with the same 1 arc 
combined the arldition equations give 
Al 2=
i
_ (al +a 2 ) 
, l 
sin al sin a 2 
+ 1 (tan ß2 + tan 1'1)' 
B 1 a = COs (al + 
2 - ßl) 
, COS ßl 
COS (a l - ßl) sin a 2 (t ß t ) 
+ ß an 2 + an 1'1 , 
cos 1 


c _cos(al+a 2 -1'2) 
1,2 cos 1'2 
sin al COS (a2 - 1'2) (t ß t ) 
+ an 2 + an 1'1 , 
COS 1'2 


Dl 2= _ 1 sin (a 1 +a 2 - ßl -')'2) 
, cos ßl COS 1'2 
1 cos (a l - ßl)( cos a 2 - 'Y2) (t ß t ) 
+ ß ,an 2 + an 1'1 , 
cm! 1 cos ')'2 


and the combined system has expressions for 
the Gaussian constants of the 8ame form as the 
components if 
tan ß2 + tan 1'1 =0, 
that is, if ß2 + 1'1 =0. 
1'he a of the compound system is then the sum 
of the a's of its components, while its ß and "I 
are respectively ßl and 1'2J that is, the external 
angles associated with its components. l\fore- 
over, if a single lens is considered refened to 
its unit points as terminal points, A is arhitrary, 
Band C are both unity, and, if the lens is 
thin, D is zero. Since a 
annot be zero without 
making A zero, it follows that for such a lens 
a-ß=ß,o.-1'=1', 
ß = l' = la. 


or 
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The precedin
 equation for AI'2 may he In- 
terpreted in terms of each component lens 
referred to its o"\\n principal points; if t is 
the separation of the internal principal points 
of the t"\\o components this gives 
sin (a l + a 2 ) sin a. sin a 2 t sin a. sin at 
1 = ----z+ -r - . -Z. ---y-' 


or t = l( tan tal + tan !a2). 
It follows that in a system of n lenses in which 
the power of the rth lens is 


SIn a,. 
K,. =-r ' 


and the separation between the rth and (r + l)th 
lenses is 
tr=l(tan !a,.+tan !a"+I)' . (4) 
the fOUT Gal]ssian constants referred to the 
external principal points of the extreme 
components are giyen by 
A _ sin a 

'"l.- 1 
B _ cos (a -la l ) 
- cos !a l 
c= cos (a - !a n ) 
cos ! an 
D _ _ 1 sin (a -la l -lan) 
- cos la l cos 
an 


where 


a = at + a z +. + an. 


If a is a multiple of 7r the system is evidently 
a telescope of UIÚt power, inverting if the 
multiple is odd, erecting if it is c\
en. 

 (5) GEO)IETRICAL THEORY. - Equations 
(3) and (4) show that the properties of the 
special kind of system which has been considered 
haNe a parallel in polygons described about a 
circle. If radü are drawn (Fig. 21) making 


FIG. 21. 


'\\ ith one another successive angles au a 2 , a 3 . . ., 
the sides of the polygon which touch the circle 
where these radii meet the circumference" ill 
represent the lengths of the section
 into which 
the lenses divide the periscope if the radius 


(3) 


of the circle is T. The focal length,; of the 
lenses are represented by the sides of a rhombus 
haring two sides along successive sidps of the 
polygon and the centre of the circle as the 
opposite vertex. By constructing polygons 
in this "ay the properties of any system are 
investigated more simply than by dra" ing 
detailed diagrams such as Figs. 1-1 to 20. 
It is convenient to extend this construction 
and replace the polygon by a right prism of 
uniform height. The justification for the usp 
to be made of this extension follows from the 
best known properties of simple lenses. Re- 
ferring to Fig. 22, let 0 be a point equidistant 


(5) 


from two planes which intersect in the straight 
line PP'. Suppose that A i'S the foot of the 
perpendicular to PP' from 0, and that FA, 
AF' lie each in one of the two planes, OF AF' 
being a rhombus in the plane normal to PP'. 
If the two planes FPP', F'PP' are regarded as 
axial sections of the object space and image 
space for a thin lens \\ith F, F' as its principal 
foci and PP' for its coincident unit planes. 
any object point is connected to its image 
point by a btraight line which passes through 
O. The angle which the planes make \\ith one 
another is immaterial, and if the image plane 
is rotated about pp' the locus of 0 is a circle 
described about F as centre. Similarly, if the 
I image plane is fixed and the object plane is 
reyolved about PP', 0 "ill move along a 
circular path with its centre at F'. If a second 
lens is introduced \\ hich meets the first image 
plane in QQ', the effect of the second refraction 
may be detprmined through the intermediary 
of the first image plane by project4ng through 
a suitable point 0' on to a third plane which 
contains the straight line QQ'. If the second 
plane is kept fixed and the first and third are 
rotated, 0 and 0' describe coplanar cirdps 
when the two lenses have a common axis, and 
under suitable conditions thpse circles inter- 
sect, and projection from this common centre 
gives all the correspondences that exist. In 
the cases considered here these conditions are 
satisfied, and also further projection from the 
same centre is possible, and the effect of 
many successive refractions may thus be 
exhibited in this particularly simple" ay. 



358 


PERISCOPES 


The height of the prism corresponds to the 
diameter of the tube, that is, to the diameter of 
the lenses, so that the paths of rays may be 
depicted on the surface of the prism. I t is 
at once evident that, since projection through 
the centre gives all correspondences after any 
number of refractions, the complete path of 
any ray through the entire system is deter- 
mined by the intersection of a plane through 
the centre of the circle with the prism surface. 
If a plane rotates about an axis through the 
centre l)arallel to the direction of the object 
space axis, the \vidth of the beam which can 
be transmitted is determined by the inter- 


once from the properties of the polygon or 
prism. For example, when the sections are 
the sides of a regular hexagon the focal length 
of each lens is equal to the distance separating 
successive lenses, and when the polygon is an 
equiJateral triangle each separation becomes 
eq ual to three times the focal length. It i
, 
of course, unnecessary to assume that all the 
sections or the focal lengths of all t.he lenses 
are eq ual. The geometry of the polygon 
shows by itself what relations must subsist 
between the focal lengths and the separations 
for a system which is telescopic of power i I 
to be secured. In any part.icular case, when 
a position for the eye has 
been selected, the extent to 
which the tube may project 
beyond the first lens with- 
out reducing the extent of 
the field is determined by 
producing the side of the 
polygon which corresponds 
to the object space until a 
point is reached as far from 
the field axis as any other 
point on the fundamental 
polygon. The variation in 
brightness as the field is 
changed is determined most 
readily by considering a 
movement of the eye point 
parallel to the axis of the prism, so that 
the field axis is inclined to a principal section, 
and finding the extent of the field for the 
displaced eye position. Considered in this 
way it is at once obvious that the greatest 
extent of field is visible only wIlen the eye is 
on the axis of the tube. 
Figs. 24 to 30 show the polygonal diagrams 
corresponding to the six-lens systems of Figs. 
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FIG. 23. 


Field Axis and Planes 


Aperture Axis and Planes 


section of the plane with the points on the 
prism surface at the greatest distance from 
the axis. Rotation of a plane about another 
axis determines the field of view, the axis of 
rotation in this case passing through the point 
where it is proposed that the eye shall be placed. 
Since the instrUIl1f'nt is assumed to be a 
telescope this point must be on a side of the 
prism parallel to that on which the incident 
light is represented, and the angular field will 
depend upon the angle between the lines in 
which the plane through the centre and the 
eye point meets the plane for incident rays in 
its extreme positions; thest' positions are, 
of course, determined by the requirement that 
the plane must everywhere meet the prism 
surfaces within the limits set by the prism 
height. It is evident that in practice the axis 
for the aperture and that for the field of view 
will be approximately perpendicular. Fig. 23 
shows in perspective the prismatic diagram 
with the extreme planes corresponding to 
Fig. II. In this simple case the diagram 
shows at once that the separation of the lenses 
must be twice the focal length, that the axes 
for apert.ure and field of view are preferably 
at right angles, and that the front section of 
the tube may be equal to that of the middle 
section and twice as great as the third section. 
In the diagrams - corresponding to other 
Himple cases the essential relations between 
geometrical magnitudes may be derived at 


e 
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FIG. 24. 


] 4 to 20. To render the exact character of 
t.he system more evident from the diagrams 
a smaIl separation has been introduf'ed be- 
tween the faces, when these should strictly 
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be represented by coincident lines. In all 
cases but Fig.';. 23 and 27, corresponding to 
systems 1.3 and 17, the axes for aperture and 
field of view are perpendicular to one another. 
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FIG. 27. 


FIG. 28. 
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,FIG. 30. 


FIG. 29. 



 (6) TUBES OF Y.ARIO-':;S DIA...'1ETERs.-The 
preceding theories are chiefly of value in con. 
sidering the best arrangement of lenses when 
it is desired to compare alternative systems 
in a tube of !liven diameter. The actual 
diameter of the-tube is of great importance 
apart from the ratio of the diameter to the 
length, since in actual observation the pupil 
of the eye should be approximately filled "ith 
light, and thus the ratio of the pupil diameter 
to that of the tube enters into the problem. 
The periscope that has been considered may 
be compared with a geometrically similar 
instrument in which the diameter of the tube 
is equal to the diameter of the eye pupil. 
Both have the same field of vieW', since this 
depends on the ratio the transverse dimensions 
bear to the longitudinal measurements. On 
the other hand, the periscope with the larger 
diameter transmits much more light from any 
given object point, the ra.tio depending on 
the areas of t.he cross 
ections of the tubes. 
Some of this "ill enable the larp:er tube to 
present to an ej e on its axis a large field of 
sensibly uniform illumination, while in the 


smaller instrument the intensity will fall off 
directly the ohject point dep
rts from the 
axis. .Much useless light will, however, be 
transmitted in addition in the larger telescope, 
and the instrument can be readily modified in 
a way which enables this unwant
d light to be 
exchanged for an increased field of TIew, or 
alternatively for a system containing a smaner 
number of lenses for a given length of tube. 
Thus, large diameters are of great assistance 
in yie]ding simple solutions of the optical 
problems invol\Ted in periscope desip'll. On 
the other hand, in nearly all military periscopes 
great importance has been attached to a small 
head which renders the periscope inconspicu- 
ous. III su bmarine peri..8copes these two 
conflicting requirements are to some extent 
reconciled hy the ('om bination of a. short 
narrow head with a long main tube of large 
diameter. It thus becomes of interest to 
inq uire how the dimensions of t he system 
vary when a change is made in the aperture 
which the lenses mav have. As a result of the 
change of aperture 
 the complete instrument 
when telescopic need not be of unit magnifying 
power, so that the expressions for Band C 
must be generalised by the introduction of a 
further arbitrary quantity. Bearing in mind 
that the identity 
BC-AD=I 


has to be satisfied, it is natural to consider 
systems in which the four Gaussian constants 
take the form 
A _ sin a \ 
1--l- 
B _ p cos (a -la 1 ) 
1 - cos la 1 
, 
C - cos (a. -lam) J 
I P cos lam 
D = _ l sin ( a -= !?-! = tam) 
1 cos !Ol cos lam 


(6) 


so that when the system is telescopic the 
magnifying power is p. Let these be the 
constants of a first system to which a second 
is to be added "ith va1ues l' and p' in the places 
of I and p. The spcond system referred to the 
terminal point corresponding to the last lens 
of the first system "ill then have constants 


sin a' 
As = -----r-' 


B _ p' cos (a' + tam) 
s- 1 ' 
COS ;!am 


cos (a' -lan) 
C s p' cos !an ' 


D __
:
in(a '+ !am-!an) 
2- 1 1 ' 
COS lam COS "jl"an 
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and by equations (1) the Gaussian constants 
of the comhination of the two systems are 
given by 
AI 2 = sin-.-la + a') , 
, L 


B Pcos(a+a'-!al) 
1,2 = 1 ' 
cos 2"aJ 


C cos (a +a' -!a n ) 
12- , 
, P cos !a n 


L . ( , 1 1 
D 2= __ s
n a+ a -:!a l - 2 .a n ), 
1, cos !al cos !an 


subject to the relations 
1 1 
L = p l'=- 
1)' 
1 f ' 
P=pP'=r 


the latter of which might have been written 
down at once as obvious from the meaning of 
magnifying power. Con::;idcr now a system 
of lenses placed in a tube, of which the first 
portion is of uniform diameter el, a second 
portion in which the diameter increases from 
d to kd, and the third portion of uniform 
diameter I-d. Let the systems which occupy 
these sect.ions be identified by thp numbers 
1, 2, 3 respectively. Since the 1's are pro- 
portional to the sizes of the images that the 
system forms of any given external objects, 
and these for the same angular field must 
vary as the diameter of the tube, the values 
which should be inserted in (7) are 


1 1 ,2 = 1 1 ,3 = kl 1 , . 


in addition to the conditions that the systems 
in the outer sections are of the type used in a 
tube of uniform diameter, that is, 


PI=P3= 1. 


Considering now the com bination of systems 
1 and 2, equations (7) give as a consequence of 
(8) and (G) 


1 2 = kI I , 


I 
P2=PI,2= k' 


. (10) 


If the spcond portion is telescopic t.his merely 
amounts to the statement that the magnifying 
power of this telescope is Ilk. Applying (7) 
now to the complete instrument, which is 
divided into two parts (1, 2) and 3, the first 
eq uation gives 


P 1,2 1 3 = 1 1 ,3, 


or by (8) and (10) 


13 = k 2 l 1 . 


. (11) 


This result is of the greatest importance. 
since it shows that if the diameter is increased 
k times, and conseque'ntly the focal length of 
thc system enlarged in the same ratio, the focal 


(7) 


If'ngths of t.he' individual knses in the enlarged 
portions and their separations will be in('rf'a
ed 
k 2 times.. Thus, if the diameter of the tube 
is halved the lenses must be packed four times 
as closely, and sincp this nlf'ans both a greatf'r 
amount of scattered light and increased 
astigmatism or curvature and a more dispersed 
secondary spectrum, the curtailment of the 
length of the narrow portion of the periscope 
tube to the minimum possible value is evidently 
of great importance. Fig. 31 illustrates the 
modification, as the diameter changes, in a 
system of the type shown in Fig. 15. 
In actual periscopes the system which 
occupies the section where the enlargement in 
the diameter occurs is not usually a telescope, 
but this is not vital to the argument that has 
been employed, for portions of the systems 
which precede or follow may be arbitrarily 
regarded as parts of the intermf'diate system. 
It is, however, always possible to regard this 
section as a Galilean telescope, though, in fact, 
no negative lens is employed. The negative 
lens in this case is supposed to be combined 
with a lens of the system in the narrower 
portion of the tube, the two together being 
either equivalent to a positive lens .or preferably 
to a single lens of zero power, so that no lens 
is rf'quired. In like manner the positive lens 
may be combined .with a lens of the other 
system to produce a more powerlul lens, but 
this course offers no special advantages. The 
powers and separations of the lenses on 
changing the diameter of the tube thpn arf' 
represented by the expressions gi ven in 
Table II., where lens m - 1 is the last of the 


(8) 


TABLE II 


Powers. 


Separations. 


(9) 


sin am-2 


l(tan 
am-2 + tan 
am-d 


sin am-J 


sin am 
kl 


( 1 k - cos am ) 
1 tan2am_l+-.- 
bIn am 


sin a m + l 


( l-kCoSa m 1 ) 
kl . +k tan 2am+J 
SIn am 


kit 


k 2 1(tan 
am+l +tan ta m +2) 


sin am+2 
k 2 l 


smaller diameter and lens m the fi rat of the 
larger diameter. The four Gaussian constants 
when lensps 1n - I, 1n, 'In + 1 have just bCe'n 
included are given in Table Ill. : 
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TABLE III 


I 
n. Al,n. Bl,n. CI,n. Dl n. 
- 
'In-I sin a1,m-l cos(a"m_l- lad cos (a1,m-l-!a m - I ) - 1 sin(a"m_l-!a1-!am_l) 
1 cos !aa cos !a.m-l cos ia 1 cos iam-l 
sin a"m cosJal,
 - }al) sin a1,m - k sin al,m-l _ 
{k cos(al
m-l - !_a!)_-cos (a1,m -iaJ>) 
1>> kl kcos !a 1 sin am cos 
 a 1 sin am 
m+l sin a1,m+l cos(a"m+, - !a,) I k cos(a"m+> - :a m .,) I kl sin(a 1 . m +I -!a 1 - 
am+l) 
kl k cos !a 1 I cos 
a.m+l cos ial cos 
am+I 
I 


All these values take the regular form when 
1.= 1. 
If more alterations than one have taken 
place, or if a previous portion of the system 
does not belong entirely to a regular system, 
so that p is not unity before the diameter 
of the tube changes, it is only necessary to 
introduce the factors for all preceding changes 


by considering three circular a pertures in the 
object space, one limiting the field which is to 
be visible, another the aperture of the objective 
situated at the instrument (the diameter being 
usua1Jy the diameter required for the emergent 
pencil multiplied by the magnifying power), 
and the last an aperture, usually situated 
between the other two, which cuts do" n the 



t
 


into the expres
ions for the Gaussian constants 
and for the pm' ers and separations of the 
lenses as they have been shown to occur in the 
present exam pIe. 

 (7) THE LIGHT PGPILS.-It might appear 
that a kno" ledge of the details of the leading 
lens s\'stem "ould be necessary to enable the 
properties suitable for later len
ses to be deter- 
mined, and hence necessary also in deciding 
what field of new can be included in a system 
of lenses to be inserted in a given tube "h
n the 
num bel' of lenses is fixed. This, howeyer, is 
not the case, and a general view of what is 
physically attainable 
-ith an assigned number 
of lenses under these conditions may be gained 
without paying any regard to the lens system 
by which the result is to be achie\Ted. To 
make this clear it is desirable to approach 
the problem from a different point of view 
from that hitherto adopted. For this purpose 
it is convenient to regard the problem as it 
will appear to a designer who is a
b>d, "ithout 
previous experience of periscope design, to 
devise a system to go into a given body and 
transmit light over a certain field of view, the 
magnifying power anrl the size of the central 
emprgent pencil being assigned, while the 
illumination should be as uniform as possible, 
and in any case the marginal illumination 
must not be less than a known fraction of that 
at the centre. 
These conditions are m0st simply represented 


FIG. 31. 


areas of marginal pencils ...\ithout affecting 
those at the centre of the field. Alternatively 
corresponding conditions may be given for the 
image space. The three apertures determine 
a region of space containing all the "Useful light 
rays, and the instrument should have its 
optical elements of such sizes and in such 
positions that no ray which does not cross the 
boundary of this space i
 obstructed in its 
passage from the object through the instru- 
ment to the observer's eye. It is assumed 
that the apertures are circles l}ing in planes 
normal to the aXL<; of symmetry of the instru- 
ment, and that their magnitudes and positions 
are known for either the object space or the 
image space. In the illustrations to be given 
it will be assumed that the variou
 lenses 
betwpen the objective and the eye lem; may 
be permitted to have an aperture not exceeding 
a common value d. The modification neces- 
sary when the maximum aperture varies 
from lens to lens "ill be obvious. 
Suppose, then, that the boundary to the 
channel containing the rays to be transmitted 
by the instrument is defined by means of three 
circular apertures which are met by a plane 
through the axis in P, P'; R, R'; S, S' 
(Fig. 32). The section of the boundary by 
this plane is the convex he
agon RSP'R'S'P, 
the sides SP Þ a.nd S'P pa.ssing through infinity. 
The image of this hexagon formed by a.ny 
part of the optical systt'm of the instrument 
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will likewise be a convex hexagon, and this 
image '" ill determine the channel for the 
refracted rays. ...\.ftpr every refraction there 
is necessarily some 
part of the bound- 
ary which extends 
to infinity, and this 
may correspond to 
any assigned normal 
FIG. 3
. section of the 
original channel. 
Only that part of the boundary which lies 
between successive lenses is of interest from the 
present point of view. These various segments 
pieced together and regarded as a .whole con- 
stitute repeated outlines of the \vhole hexagon, 
which always presents its convex side to the 
axis, but the outline has an additional angle 
wherever a lens is encountered. At such 
places one section ends and another begins, 
and the angle at their junction is opposite in 
sign to the angles of the hexagon if the lens 
is positive. Lenses are introduced wherever 
necessary to bend back the boundary of the 
channel from encroaching over the prescribed 
bounds. 
Fig. 33 illustrates the effects that may be 
produced by successive refractions, the cross 


p 


p' R ' 


s 


s' P R 


:FIG. 33. 


lines representing lenses. The various points 
of the original hexagon are identified by the 
same letterf::l in their refracted images. The 
only limit to the amount of the initial hexagon 
that may be imaged between successive lenses 
arises from the fact that a pair of opposite 
sides of the hexagon always extend to infinity, 
and it is not possible in consequence to image 
one half of the outline on one side of the 
boundary within a single cell of the body. 
The separation between the lenses limiting 
a given cell is readily found. Suppose that 
the lenses meet thp boundary in planes 
corresponding to AA' and BB' of Fig. 
2. If 
each o{ the transverse lines AA' and BB' has 
its image of diameter d, the transverse magnifi- 
cations are d/AA' and d/BB'. By a we11- 
known elementary theorem the longitudinal 
magnification will be the product 


d a 
AA' . BB" 


and the separation of the lenses will thus be 
d 2 . ab 
AA' . BE" 


where a and b are the axial points of the planes 


AA' and BB'. The total length hetween the 
extreme lenses after any number of refractions 
is found by adding together the lengths corre- 
sponding to the successive intervals. The 
law already derived from different considera. 
tions, that this length will be proportional to 
the square of the diameter of the tu he and to 
the number of lenses, and inversely propor- 
tional to the diameters of the field of view 
and of the external aperture of the system, at 
once follows. 

 (8) STANDARD CASES. (i.) General Spacing. 
-Particular cases which require special 
attention occur when the lenses occupy posi- 
tions corresponding to the limiting apertures 
PP', RR', S8'. If a lens is placed at every 
aperture image the greatest length is attained 
when the hexagon is developed into a straight 
line, so that the rays occupy the whole avaií, 
able space within the body of the instrument. 
The length reached is given by the sum 
d 2 1 sp pr rs 
t 8 S' . P 'P + P'P-:-R'R + R'R . S'S 
sp pr 1 
+ S'S. PP' + PP' :-RH,'+ . . . j' (12) 


where it is assumed that SS' corresponds to 
the position of the first lens. All the terms 
in this sum necessarily have the same sign, 
as changes of sign take place simultaneously 
in the numerator and the denominator. 
Several alternative arrangements suggest 
themselves. Suppose, for instance, that a 
lens is placed at the image of every alternate 
aperture only. The length is then 
d 2 r sr rp 
tss'-. R'R +R'R 
 PJ!' 
+ pp?s S8' + . . .}, 


(13) 


the terms having exactly the same values as 
before but differing in order. If in these cases 
the total number of lenses is a multiple of 
three the lengths of the two instruments 'will 
be exactly equal. 
As anot.her example, suppose there were no 
field lenses, so that no lens is placed at any 
image of the aperture PP'. The sum is now 
d 2 ( sr rs 
l SS' .- R'R + R 'R . SS' 
sr } 
+ S'S . RR' + . .. , 


(14) 


every term being equal to one of the terms in 
(12). The other apertures may be treated in 
the same way, and it is evident that the first 
and second methods of construction will not 
give eit.her the longest or the mORt compact 
instruments if the values of the individual 
terms differ. The estimation of the relative 
values of the terms is thus interesting, and this 
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<,an be done by a very simple construction. 
Let p
 and Ps meet RR' in t and u respectively 
(Fig. 34). 
P 


s 


fJ r S 
R' S' 
P FIG. 34. 


The relative values are in the ratios of the 
products 
ps. RR' : pr . SS' : rs . PP', 
that is, of the triangles 
pRs : pST: rPs, 
which are equal to the triangles 
pRs : pts : pus, 
which are in the ratio of their heights 
RT : tT : UT. 
The lenbrth (12) may therefore be written as 
d 2 . ps f ir ur ir 
pp' . SS' II + Rr + Rr + 1 + RT 
UT \ (1.., - ) 
+ Rr + . . . J . 


a straight line and the lengths of the first 
and third cells will he equal. If the edge 
illumination is increased, the length of this 
cell is diminished, and jf the illumination 
falls, the length may be increased. "
hen 
the" idth of the marginal beam is greater than 
half the central "idth, it will evidently be 
possible to attain a greater length per lens 
when lenses at images of RR' and SS do not 
immedia.tely succeed one another. 
(ü.) [YnifoTln Spaâng.-The case when all 
three cells are of equal length is a convenient 
one to take as a stand3.rd of reference, and 
systems of this type possess great flexibility. 
It is always possible to attain a giyen stand. 
ard extent of field "ith a standard aperture 
and the distribution of illumination charac. 
teristic of the type "ith any giyen number 
of cells. The length per cell thus gives 
complete information about such systems. 
This may be illustrat{'d by the following 
examples. The ceUs begin "ith the first 
objective, indicated by S, and end with 
the formation of a real upright image of 
the object, denoted by P. If the system 
ended "ith P' the final image would be 
inverted. 


TABLE IV 


No. of Cells. Lens Positions. Remarks. 
2 S, R', P Xot divisible into separate tde- 
scopes. 
3 S, p Þ , 8', P Xot divisible into separate tele. 
scopes. 
3 S, P', R', P Xot divisible into separate tele- 
scopes. 
3 
, R', S', P .so field lens. 
4 S, p Þ , R'. S', P 
5 S, R', P, S, R', P I X
:;.
ible into separate tele- 
6 15 solutions A lens coincides "ith at least 
one image of each stop. 
7 35 solutions At least two lenses coincide with 
images of each stop. 


PP' and SS' may be taken 
to represent the actual object 
and the entrance pupil, so 
that the factor outside the 
bracket will be. known. The 
greatest attainable length of 
any cell not bounded at an 
image of the aperture which 
cuts down the marginal light 
has then a definite value. 
The next term gi ves the 
length of a cell bounded by 
an image of the field and of 
the intermediate stop. .A.s ps 
may be always considered 
large in comparison with rs, 
tbe utmost that can be done is to make 
this cell equal in length to the previous one, 
by making the diameter of the ìnwrmediate 
stop image of the same size as the entrance 
pupil. This involyes an immediate fall in 
the light intensity as soon as the object 
departs from the axis. The length of the 
third cell, which is bounded bv imaO'es of 
the intermediate stop and of the entrance 
pupil, depends upon the relative illumina- 
tion at the edge and at the centre of the 
field of view. If the width of the marginal 
beam in the a 'Gal plane of symmetry is 
half that of the central beam, PRs will be 


In general with 2n inversions and p cells the 
number of solutions is 
p ! 
(6n - p - 2)! (21' + 2 - 6n)!' 
where p may ha-ç-e any value from 3n - 1 to 
6n-2. 
It does not follow that because several 
solutions enahle the Sàme length of body to 
be obtained "ith the same number of lenses 
that these are all equally desirable. Other 
things being equally sati
factory, the solution 
preferred will be that "hich in\
oIYes thp use 
of tbe least powerful lenses. It 
hould be 
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immediately evident that the omission to 
place a lens "here an image of a certain aper- 
ture is formed will involve incff'ases in the 
pm"ers of the lenses at the two neighbouring 
images, since the deviations at the margins 
of these lenses must be greater. The failure, 
therefore, to fill completely the space availablf' 
for the rays will be associated with increased 
lens powers, and conseq uently with greater 
trouble due to secondary colour effects and 
increased curvature of field. To determine 
how serious these defects are likely to be, the 
powers of the lenses are required. There is no 
need to consider the refracted light to determine 
these powers, but attention may be directed 
as before to the object space hexagon. If, for 
example, successive lenses are to be located 
at images of PP', RR', SS', the lens at the 
image of RR' is required to deviate the image 
of RS into alignment with the preceding 
image of PR. N ow the angular magnification 
at any plane is inversely proportional to the 
linear magnification, and the angular deviation 
is equal to the product of the lens power and 
the distance from the axis at which refraction 
takes place. It at once follows that the power 
of the lens required is (RR'/d)2 times the 
power of the lens which would produce the 
corresponding effect in the object space 
boundary. This is in reality the same result 
that has already been reached regarding the 
length of the instrument, since the focal 
lengths of the lenses evidently bear a fixed 
relation to the lengths of the cells, but it 
serves to show how great is the advantage 
from every point of view in making the 
diameter of the body as great as possible. 
Various expressions are easily found for the 
power of the lens necessary at RR'. Let this 
be denoted by K(d/RR')2, so that K is the power 
of the lens. required in the instrument. The 
deviation at R is then !(Kd 2 /RR'), and the 
area of the triangle PRS by various expres- 
sions leads to the equations, when inclinations 
to the axis are assumed to be small, 
Kd 2 
RW. pr. r8=2pR. p8 . (16) 
=PP'. rs+RR'. sp+SS'. pr,. (17) 
where p is the point of intersection of Rr and 
PS. Eq uation ( 17) itself shows the result 
reached above in a different way that Kd 2 is 
unaltered by refraction. For it may be re- 
written in the form 
rs sp pr 
RR.'. SF;' + S
' .PP' +PP'. RR' 
Kd 2 = 
pr r8 
PP'. RR' RR'. SS' 


and ea('h term on the right i::; invariant on 
refraction. The expressions of this type for 
the powers of the lenses at images of PP', 


RR', and SS' when no Images are \\ ithout 
lenses are evidently 
d"K RSP ' = d 2 K R ,S'p 
=SS, RR' . sp + SS' . pr + P'P. rs 
r8. 8P 


d 2 K S 'PR =d 2 K SP 'R' 


( 18', 
= p'p tìS' . pr + P'P . r8 + R'R . 8P I 
8P . pr 


d 2 K pRS =d 2 K p 'R'S' 


= RR' PP' . r8 + RR' . 8P + tìW . pr 
pr . rs 


where all the factors are considered with due 
regard to sign. In each numerator two terms 
have one sign and the third the opposite sign, 
in each case giving rise to a positive K. In 
the standard case the terms are all equal, and 
the focal length of each lens is equal to the 
length of a cell. This is readily seen geo- 
metrically by considering the intercepts on the 
third aperture by the line forming the boundary 
between the other two. 
The cases in which an image of an aperture 
is without a lens may be treated by analogy 
with (18), 


d 2 K RSR ' = d2KR'S'R = d 2 K S 'RS 


2RR'. SS' 
=d 2 K SR 'S'=- 
r8 


d 2 K Sp 'S' = dSKS'PS = d 2 K pSp ' 


=d 2 K p 'S'p 


2PP' . SS' 
]18 


, (19) 


d 2 K pRP ' = d2Kp'R'P = d 2 K R 'PR 
2PP' . RR' 
=d 2 K RP 'R'= 
 - 
pr 


showinO' that in the standard case the omission 
of a le

 requires the power of ea.ch neighbour- 
ing lens to be doubled. Again, if a lens is 
omitted on each side of a given lens expressions 
are obtained corresponding to (IS). but with 
every term of the same sign, so that in the 
standard case the power of the lens is three 
times its previous value. The expressions are 


d 2 K pSR ' = d 2 K p 'S'R 
= SS, PP' . 8r +. SS' . rp + R'R . p8 
r8. ,c;p 


d 2 K R 'PS =d"KRP'S' 
= pp, R'R. p8 + PP'. 8r+ SS'. rp 
8p.pr 


(20) 


d 2 K SR 'p =d"IíFJ,'RP' 
=R'R 
S'. rp + R'R-=- p 8 + pp' . 8r 
pr. r8 
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By considering the various cases that may 
arise it is seen that the effect of omitting to 
place a lens at an aperture image is to con- 
tribute for this vacant aperture t\\ice the 
normal contribution to the sum of the powers 
of the lenses, assuming that the standard case 
is under consiùeration. If account is taken 
of a final field lens but not of an eye lens, with 
2n inversions and p cells the sum of the 
powers will be proportional to 12n - p - 3. 
In this respect all arrangements which involve 
the same number of lenses and the same 
number of inversions are on an equality in 
the standard case. 
In the general case the increase in power 
associated with the omission of a lens at an 
image of P is 


(S8' . pr + P'P. rs + R'R. spr l 
d 2 . pr . TS . sp 
the term in the bracket being that in the 
numerator of the fraction in the second of 
equations (18). The corresponding expressions 
for other cases are easily written down. The 
sum of the additions incurred by each separate 
omission gives the total addition to be made 
to the sum of the powers. 
A convenient expression for the increment 
in power in terms of the lengths of the cells is 


,,2l 1 1 2 
Z;-' . 


where " is the power of the lens which it is 
proposed to omit, 1} and 1 2 are the lengths of 
the cells on either side, and 13 is the length 
of the combined cell when the omission is 
made. The three lengths lI' 1 2 , 13 are those 
considered earlier in this discussion when 
the length attainable by a periscope was 
investiga ted. 
It is evident that when weight is attached 
both to the attainment of great length and to 
a minimum value of the power sum, the most 
favourable type of construction is that which 
has been generally adopted for submarine 
periscopes, with a lens at ew'ry image of the 
three apertures. 
(iii.) Adz'anlage of 
Xon-uniform Spacing.- 
In investigating the attainment of great 
length attention was directed to each cell as a 
separate element. It has still to be considered 
whether, when the conditions permit of it, any 
advantage \\ill be gained by deliberately 
introducing inequalities in the lengths of the 
three cells. Suppose the lengths of the cells 
exceed the mean value L by amounts 
1' 
2' 
3' 
where 
1 +
2+
3=0. From (18) 
1 2 + i3 - II 
"I = l';l.13 


with symmetrical expressions for "2 and "3' 80 
that 


"I + "2 + "3 


(21) 


3L2 - 2(
11 + 
22 + 
32) 
La - !L(^II + 
21 + 
32) + 
1
2
3 
3 
12+
21+
31 . 
L - 2L3 - L(
12 + 
21 + 
32) approxImately, 
showing that ineq ua1ities in length tend to 
reduce the aberrations which depend on the 
sum of the powers. In this resppct the standard 
form is the least satisfactorv solution of its 
class, but the advantage to be
gained by uneven 
spacing is small, since it is a second order 
effect. For instance, if the lengths are in the 
ratios 2 : 3 : 4, the reduction in the Dower sum 
is slightly more than 4 per cent. ... 
9 (9) SEPARATION OF hlAGE AXD FIELD 
LEXSES.-It has hitherto been assumed that 
the lenses \\ill be placed in the planes at which 
aperture images are formed. In the case of 
field lenses exact coincidence with the image 
is generally undesirable, and the effect of 
placing the lenses in other planes req uires 
consideration. 0 bviouslv the sizes of the 
lenses are determined by the sections of the 
channel to which their positions correspond. 
Suppose in F1.g. 32 the planes AA' and BB' are 
proposed as lens planes. The relation between 
transverse and longitudinal magnitudes is 


(22) 


AA'. pr=PP'. ar +RR'. pa, 
and thus if the apertures PP', RR', S8' relate 
to a standard form, 
AA'. SS'. pr =(ar. ps +pa. rs)r 
a l 
= as . pr. l' 


showing that a cell bounded by AA' and S8' 
will be of standard length. Similarly 
PP'. BB' =pb. 
, 
and combining the two cases, 
AA'. BB'. ps=pb. as. 
. 


Thus if l' is the length of the cell bounded by 
AA' and BB', 


l ab.ps 
I pb . as 


or 


1 - l' _ pa . bs 
l - lJb . as ' 


showing that if two successiye lenses are not 
in planes corresponding to the angular points 
of the hexagon the length of the cell they bound 
is reduced. 

 (10) COMPLETIOX OF THE IXSTRGMEXT.- 
The theory developed in the foregoing sections 
suffices to enablp the special problem prespnted 
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by the submarine periscope to be solved 
without difficulty in any given case. 'Yhen 
the instrument has only a single magnifying 
power the arrangement of lenses for the main 
part of the tube may first be investigated, the 
objective may be arranged to fit in with this 
system, and finally the eyepiece be added to 
secure a suitable power. The problems here 
involved do not differ essentially from those 
presented by any simple telescope. 

 (11) Br-FocAL INsTRuMEKTs. - Though 
very great importance is attached in sub- 
marine periscopes to the attainment of a very 
wide field at a low power, it is also advantage- 
ous to be able at will to substitute a higher 
magnifying power with a correspondingly 
smaller field of view. In small telescopes 
(q.v.) this is usually secured by the use of a 
variable power eyepiece, but for a submarine 
periscope this method of changing the power 
is unsatisfactory. It has to be rf'membered 
that the brightness of the image is a factor of 
outstanding importance whether the power is 
high or low, and therefore at the high power 
it is necessary for the pupil to be filled with 
light. If the diameter of the eye pupil for 
which the instrument is designed is e and the 
apparent field of view is Ü, the minimum 
diameter of the beam of light which must be 
carried through the instrument is m 2 e and 
the minimum angular field of view to be 
carried to the eyepiece is Olm l , where m 1 is 
the magnifying po" er for the low power and 
m 2 for the high power. The duty to be per- 
formed by the main part of the instrument is 
thus represented approximately by 
eOm z 


m] 
when a variable power eyepiece is used. On 
the other hand, when the power is changed 
by varying the objective the corresponding 
expression is en whatevf'r 'in may be. As m 2 
is usually about four times 1ìl'l' it follows that 
the results attainable with a variablE' power 
objective are approximately four times as good 
as can be obtained from a variable power 
eyepiece. 
As with a telescope, it is essential that the 
change of power shall not necessitate any 
change in the adjustment for focussing the 
eyepiece on the image. Accordingly, when 
the power has been changed the image formed 
by the objective must remain in the same 
plane as it originally occupied; the consequent 
portions of the system ,,,'ill then transmit the 
light under conditions exactly similar for both 
powers. The discussion of variable power 
eyepieces 1 shows that a continuous variation 
of power without a change of image position 
is possible if two lenses move 
mitably relatively 
to the rest of the system. Arrangements of 


1 See" Eyepieces." 


this kind are considered unsuitable in sub- 
marine periscopes, for they not only involve 
a considerable enlargement of the outer tube 
for the accommodation of the necessary 
mechanism where it is particularly desired 
to reduce its diameter as much as pos- 
sible, but also the likelihood of their failure 
to act through distortion '01' slight damage 
to the periscope renders their introduc- 
tion distinctly undesirable in so vital an 
instrument. 
The exclusion of these systems which gi '"e 
a continuous variation of power implies that 
the objective is rapidly t'xchanged for another 
of different focal length, the object under 
examination being momentarily 0 bscured 
while the change is being effected. This 
change has been secured in a variety of ways. 
In an instrument due to :l\Iessrs. Ross, separate 
fixed objectives are used for the high and the 
low powers, and one or the other is obscured 
by shutters. This arrangement involves a 
slight loss of light at the high power, since a 
reflecting prism has to be slightly cut away 
to allow the low power beam to pass. A 
design by :l\Iessrs. Zeiss makes use of the fact 
that ,vith any lens the separation of the object 
and trhe image is the same whether the magni- 
fication is 'in or 11m. Thus, if the ratio of the 
two magnifying powers is 4: 1, values for 
m of 2 and! would be selected; if the moving 
lens is of focal length f and a preliminary 
lens presents to it as an object an image 
distant about tf, this clecond lens will form an 
image twice the size at a distance of approxi- 
mately 3f (Fig. 35). If now the second lens is 


FIG. 35. 


moved a distance if further away from the 
first lens, the resulting second image \\ ill be 
half the size of the first or one-q uartcr the size 
of the original second image, but its position 
in the instrument will be unchanged. The 
movement of a single lens along a tu be in this 
way is not open to the same objections as in 
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thp more complicated movements of the vari- 
able power eyepiece type. The chief objection 
to this system is that unless the instrument 
can be corrected for aberration when this lens 
is of symmetrical construction the lens should, 
in addition to its translation, be reversed on 
moving between its t,,,.o positions. 
An entirely different system is one due to 
Sir Howard Grubb (Fig. 36). In this case two 


I 


FIG. 36 


objectives are mounted in the same frame 
which slides in front of the entrance window, 
so that either lens may receive the light. 
One of these lenses acts as an objective alone 
for one power. For the other power the second 
lens occupies the position of the first, the 
frame being moved parallel to the tube axis 
through the distance separating the lens 
centres. It is evidently necessary that this 
lens shall differ in power from the first and 
that another lens shall be introduced into the 
system, in order that the power shall be dif- 
ferent and the image in the same position. 
In the arrangement used this supplementary. 
lens moves about a hinge near one side of the 
tube, and lies close to the tube "hen the single 
oLjectire is used, but turns through a right 
angle into the optical systpm when the second 
power is employed. By a simple but ingenious 
mechanism a single movement effects .both 
changes. If t 1 is the separation of the lenses 
when the double objective is used, and t 2 is 
the distance from the second of these lenses to 
the image, so that t 1 + t 2 is with sufficient 
approximation the distance from the single 
objective to the image plane, the powers of the 
Jen:;es must be for the single objective 


I 
K=- 
t 1 + t.t 


and for the double objective 


?n ?n-I 
K 1 =--- 
t 1 +t z t 1 ' 


?n - 1 ( I 1 ) 
K-- + 
2-?n t; 4 ' 


giving a power for the combination of 


rn 
Kl,2 = t 1 + t,: 


A particularly attractive means of changing 
the I)ower is that introduced by 3Iessrs. Goerz 
(Fig. 37), in which use is made of the fact 
that an objective composed of a positive and 
a negative lens well separated from one 
another have their principal planes very un- 
symmetrically situated. "Cnder suitable con- 
ditions the mid-point of the actual lens system 
may approximately coincide "ith the point 
midway between the object and image planes 
when the magnification differs appreciably from 
unity. The system is thus a special case of 
the one utilised by 
Iessrs. Zeiss, but the 
translation is converted into a rotation. The 
arrangement actually adopted is to use two 
pairs of positive and negative lenses mounted 
as a whole with two right- angled deflect- 
ing prisms. This complete block is rotated 



 


FIG, 37. 


through two right angles about an axis normal 
both to the vertical tube axis and to the 
horizontal axis of the incident light. The use 
of two separate objective systems may be 
due to difficulties in connection "ith the 
removal of abprrations. This system must. 
be preceded by a fixed negati,ye Ìens to yipld 
a virtual image at the same distance from 
the axis of revolution as the first image 
formed in the periscope tube. If t is tile 
separation between the lenses and d is 
the distance of both object and image from 
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the nearest lens, the system 18 determined I 
from 


I I +m 
K 1 = d + mt ' 


I I +m 
K2=d+
' 


Kl,2= - 
 - (m+ à)
, 


where In of course is negative. 
The most usual powers of bi-focal periscopes 
are I! and G, the former rather than power I 
giving an impression equivalent to a naked- 
eye view when the apparent field of view is 
limited. The value adopted for e is usually 
about 6 mm. and the apparent field may 
exceed GOo. In a 2.3-ft. periscope the narrow 
portion may be 4 ft. in length, and the external 
diameters will be approximately 6 in. and 2! in. 
for the main and top tubes respectively. 

 (12) SKY - SEARCHI
G PERISCOPE. - The 
earlier periscopes provided only for a view 
towards the horizon, and all light entered 
through a fixed window in the side of the tube. 
It became necessary at a later date to provide 
in addition means for searching the sky from 
the horizon to beyond the zenith. The angle 
here in vol ved is too great to make it practicable 
to include the whule in a system with a fixed 
axis. Apart from this, since the definition is 
only at its best near the axis, it is necessary 
to be able to secure at will a horizontal direc- 
tion for the axis. A movable reflpctor accord- 
ingly became necessary at the head of the 
instrument, and the most satisfactory arrange- 
ment consists of two isosceles prisms silvered 
on their bases, ,,,hich are cemented together 
into a frame with their bases parallel (Fig. 38). 


FIG. 38. 


'Vhen the base is parallel to the axis of the 
instrument an axial beam of light continues 
in the same direction after reflection, and, 
as the inclination of the base to the tube axis 
is altered by rotation about an axis per- 
pendicular to the length of the tube, the 
deviation of the light is altered by twice this 
amount. The use of two prisms mounted in 
this way gives more equal illumination for 
prisms which can rotate within a given space 


than is possible when only a single prism is 
used. The window through which light first 
enters the instrument, and which is chiefly 
provided to prevent the entrance of water into 
the periscope, is in this case inclined to the 
axis of the instrument at about 45 0 instead of 
being parallel thereto as in earlier instruments. 
Suppleu1Pntary systems of prisms may be used 
to secure more advantageou8 use of incoming 
light. 

 (13) MISCELLANEOUS. - The foregoing 
description is confined to the optical systems 
which have been actually employed in peri- 
scopes. A great variety of intpresting in- 
struments have been designed, offering, for 
instance, panoramic vie,vs of the whole 
horizon arranged in a circular view with an 
enlarged direct view in the middle, but it is 
impossible in a single article to attempt to 
describe them. Actual periscopes also must 
be provided ,vith much auxiliary eq uipnH'nt 
in order to remain serviceable under the con- 
ditions of use. In somc cases, they are from 
time to time filled with dry compressed air 
to render the ingress of water more difficult 
and to prevent the deposition of moisture on 
any intprnal surface when the temperature 
of the sea is low. The discussion of all 
these necessary but non - optical auxiliary 
features has not been attempted in this 
article. 

 (14) ILLUSTRATIONS OF MODERN PERI- 
SCOPES.-It will be of interest to add some 
illustrations of recent periscopes showing the 
actual appearance of the two ends of the 
instruments. Exhaustive illustration of the 
many variations is impossible, but those that 
are given here will serve not unly tu give an 
idea of the appearance of the instruments in 
actual use, but will also indicate in a few 
directions the developments of which the 
periscope is susceptible. These illustrations 
are from photographs of periscopes made by 
Messrs. Barr & Snoud, by whose courtesy it 
has been possible to include the illustrations 
and descriptions of this and the following 
sections. Incidentally the principle of the 
arrangement for securing two magnifying 
powers which this firm has adopted, and which 
differs from those illustrated in 
 (II), is shown 
diagrammatically in Fig. 42. 
It is not practicable within the limits of 
space imposed by the pages uf this dictionary 
to show either a general outline of ordinary 
periscopes or illustrations of the internal 
mechanism. It may, however, be said that 
the lenf!th of submarine periscopes varies from 
very short instruments for night use which do 
not greatly exceed 3 metres in length to instru- 
ments reaching 15 metres or more in length. 
In many of the recent instruments the reduc- 
tion in the diameter of the top section, which 
in early instruments was a very pronounced 
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Íeature, has be3n mUf'h more 
light or even 
entirelv absent. The rea'3on for this is that the 
instrm
ents are used in a different way. In 
approaching the object of attack the small- 
topped periscopes were kept for some consider- 
able time above the surface of the sea. Though 
the periscope itself might escape observation, it 
was Iound that the presence of the submarine 
was detectable through the track it made in 
the water when used in this way. The more 
general method now is to elevate the periscope 
above the surface at intervals for a few seconds 
only at a time. Vnder these conditions, even 
with a thick top, the periscope usually runs 
little ri:;;k of being seen, and the surface dis- 
turbance created when this method of operation 
is adopted resembles very closely the normal 
surface irregularities, and so is of no assistance 
in detecting the approach of an enemy. The 
possibility of using the thicker head with len&'s 
of larger diameter is of very special importance 
for very long periscope3, since it is in these 
instruments that the loss of light due to the 
large number of len5e5 becomes most serious, 
and the narrowness of the smallest section is 
the chief factor, as has been shown earlier, in 
increasing the number of lenses that are 
necessary. The raising and lowering of the 
periscope is usually performed by hydraulic 
or electrical power. 
The material of which the main tubes are 
made is of much importance. .A periscope 
made of ordinary steel would inevitably be 
strongly magnetic, and would affect the re- 
liability of the indications of a magnetic compass 
in a quite intolerable way. The alternatives 
are to use a bronze or a non-magnetic steel. 
In the early p3riscopes a bronze tube \\as 
employed, but later this was replaced by a 
special nickel steel. At the best, however, 
tubes of the latter material are somewhat 
magnetic, anrl in addition they are slightly 
corroded by the action of sea-water. This 
corrosion is of more importance than might at 
first sight appear since it may cause the tube to 
work stiffly in the long gland where it pierces 
the hull of the boat, and so cause difficulty in 
manipulation. In both of these respects a 
better material is available, and :Messrs. Barr 
& Stroud prefer to utilise Immadium bronze. 
This is completely non-magnetic and possesses 
remarkable powers of resisting corrosion in sea- 
water, its surface retaining its original polish 
after prolonged immersion. Needless to say, 
it possesses the mechanical qualities necessary 
in a material which must withstand very 
severe stresses without any considerable 
deflection. 
Fig. 39 sho"\\s a photograph of the upper end 
of a periscope of the sky-searching type. The 
glass which comes in contact with the watp!.. I 
is a window with fiat surfaces. Inside may 
he seen the prism by the rotation of w hic h 
vor
. IV 


ahout a horizontal a
is the direction of sight 
may be varied from the zenith to below the 
horizon, according to the principle illu<;;trated 
in Fig. 38. 
The lower end of the periscope is illustrated 


'" 
\ 


\ 


FIG. 39. 


in Fig. 40. The handles are used to i'otate the 
instrument about its axis, and so enable the 
line of sight to be directed to any part of 
the horizon as required. The bearing of any 


" 


- 


FIG. 4:0. 


object to which the periscope is directed may be 
read on the scale seen in the upper part of this 
figure. \Yhen the instrument is not in use the 
handles may be foldpd into a vertical position 
out of the way. The eyppiecp, surroundcd by 
a rubber eye-gua.rd, is SCPIl between and slightly 
abovc the handles. The kind of view obt.ainpd 
2n 
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on looking into the eyepiece is shown in Fig. 41. 
In focus together with the image of distant 
external objects, the graduations of vertical 
and horizontal scales are seen. These corre- 
spond to suitable angular intervals by means of 
which the apparent sizes of ohjects may be 
more accurately estimated. The need for such 
measurements will be fully realised when the 
more precise measuring devices described below 
are considered. 
Inset in the top of the field of view, so as to 
be visible without taking the eye from the eye- 
piece, is a vie" of a portion of the bearings 
scale. This is obtained by t,he introduction of 
a small auxiliary prismatic telescope. 
In addition to reading the bearing, it is 
obviously of importance that any desired 
object should be readily brought to the centre 


II 


o 
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FIG. 41. 


of the field under the conditions in which it can 
be best seen, without the observer being under 
the necessity of removing his eye from the 
eyepiece. This evidently involves suitable 
control over the angle of elevation of the line 
of sight in addition to its bearing, and ability 
to adjust the focus, and in special cases to 
interpose or remove rapidly suitably coloured 
screens. In this particular periscopc the top 
prism may be adjusted for elevation as required 
by rotating one of the bearing handles about 
its axis, and the focussing adjustment and the 
light filters are controllcd by means of the two 
milled heads seen projecting from the bottom 
of the periscope in Fig. 40. It will be recog- 
nised that all these controls are placed very 
conveniently for the observer. The colourcd 
glassps are placed within the tube and lie close 
to the eye lens. The focussing is effected Ly 
changing the position in the tube of a movablc 
lens. The principles on which the optical 


systcm is constructed are shown in Fig. 42, 
which is necessarily diagrammatic and not to 
scale. The eyepiece consists of lenses l\I and N, 
of which the former is cempnted to the 10w('1.' 
prism L to reduce the number of glass to air 
surfaces, and thus to ohviate an avoidable los
 
in the amount of light transmitted by the 
instrument. Focussing is accomplished by 
movement along the axis of the collector lens K. 
This lens, together 
with the eyepiece and 
the objective H, forms 
an astronomical tele- 
scope. To transmit a 
sufficient quantity of 
light down the length 
of the periscope and 
secure a suitable field 
of view, this lower 
telescope is preceded 
by another astro. 
nomical telescope com- 
posed of three lenses 
E, F, G. Of these E 
corresponds to the 
eyepiece, F is a field 
lens, and G may be 
regarded as the 
objective. Considered 
in this way this tele- 
scope produces an 
angular magnification 
measured by the ratio 
of the focal lengths of 
lenses G and E. If E 
is regarded as the 
objective and G as the 
eye lens, the way this 
telescope is actually 
used, it a}Jpears to 
diminish ohjects 
viewed through it. 
The combination of 
the t" 0 telescopes of 
course is itself a tele- 
scope, and as EFG 
produces an inverted 
image, and this is 
su bseq uen tly rein- 
verted when viewed 
through the second telescope HK
I
, the 
combination yields an upright image. To 
make the system suitable for use as a 
periscope it is only necessary to insert an 
upper prism B, and before this to place 
a plane surfaced window A to prevent the 
ingress of ,vater into the instrument. This, 
in fact, constitutcs a high - power telescope, 
the magnifying powcr being usually 6 with a 
field of view of 100. A lower power is ohtaÎlwd 
by the very simple device of introducing a 
reversed Galilean telescope in front of the high- 
power Hystem. The negative lens of this 
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FIG. 42. 
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telescope is marked C and the posit.ive D. 
"Then the high power is wanted these are swung 
to one side of the tube as at C 1 and Dr The 
Galilean telescope is ordinarily constructed to 
be of magnifying power 4 when used alone as a 
telescope, with C as the eye lens and D as the 
object glass. As used in the periscope the 
magnifying power is thus!. making the power 
for the complete low-power system I!. The 
field of view is increased in the reciprocal ratio, 
and is thus approximately 40 0 . The diagram 
illustrates the passage of a central and of an 
oblique beam of rays through the low-power 
system, and the reduction of the area of the 
o'blique beam in comparison with the central 
beam is clearly seen. This reduction may not 
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FIG. 43. 


be carried beyond the point at which the 
difference in intensities at the centre and 
margin becomes apparent to the eye- when the 
change takes place continuously from centre 
to margin. 
'Vhen the high-power system is substituted 
the paths of the rays between D and X are not 
affected, but in the upper portion of the 
instrument the paths are modifipd and may be 
found by tracing back the paths between D 
and E. The variation in the illumination from 
centre to margin is substantially the same for 
both powers, for this depends chiefly on the 
separation of t.he two obje-ctives G and H. 
The change of power is effectC'd by rotating one 
of the training handles shown in Pig. 40; the 
other, as has been mentioned, is used to change 
the elevation of the line of sight. In general 


the low-power telescope is employed, and a 
change Í8 only made to the high power when it 
is desired to observe an object, that has been 
sighted, more minutely than is possible with the 
low power. By using the low power, which 
embraces an angular area sixteen times as great 
as the high po\\er, large regions can be observed 
much more rapidly than with the high power 
with its smaller field of view. 
As has been mentioned, it is necessary from 
time to time to dry the air within the periscope. 
For this purpose a desiccating chamber is 
provided in which the damp air from the 
bottom of the periscope is dried by passing over 
calcium chloride prior to being forced by a 
pump to the top of the instrument. The 
connections to the desiccator are made at the 
back of the lower end of the periscope as shown 
in Fig. 43. 'Yhen the desiccator is not in use 
the inlet and outlet are protected by water- 
tight plugs. 

 (15) RAXGE, CorHsE, AXD SPEED 
IEASURE- 
:arENTs.-The periscope as described above 
fulfils functions equivalent to the look-out, 
with or "ithout the aid of a tele
cope, on a 
surface craft. The surface vessel in addition 
makes use of a number of ot.her optical instru- 
ments, such as gun-sights and range-finders. 
Any corresponding instruments for the sub- 
marine must assume a periscopic character, 
and as the power of making accurate measure- 
ments is as imporlant for the under-"ater as 
for the above-water ship, it is natural to find 
that attempts have been made to obtain such 
measurements, in spite of the special difficulties 
inseparable from the peculiar conditions of 
observation from a submerged boat. 
For finding the distance of a visible object, 
one of the simplest methods is to measure the 
angle it su btends "hen the dimensions of t.he 
object are known. The graticule seen in Fig. 
41, the divisions of which have known values, 
enables an approximate value of the range to 
be found. The method can be increased in 
accuracy by using a variable wedge to produce 
a double image by placing it in front of a 
portion of the beam. A convenient arrange- 
ment is one in which the "edges are annular 
in form, as shown in Fig. 44. 'Yhen the 
thickest portion of one wedge is superposed on 
the thinnest portion of the other and t'ice versa, 
the two are equivalent to a plane sheet of glass 
if of equal angle, and the images formed by 
light which has traversed the wedges are not 
displaced to one side of those formed by the 
central portion of the pencil. If one prism is 
rotated in one direction and the ot.her turned 
through an eq ual angle in the other direction. 
the oute-r rays will be displaced in the plane 
perpendicular to that originally containing the 
lines of greatest slopE:'. and this displaceme-nt 
recei\Tes its maximum value when eadi. priHm 
has been turned through one right angle, the 
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position illustrated in Fig. 44. Up to this value 
the separation of the images may be of any 
desired amount. If the lines of greatest slope 
now correspond to the vertical plane the two 
images will be above one another, as shown in 


c 


SA 


FIG. 44. 


Fig. 45, and if the height of the smoke-stack 
above the water-line of the vessel sighted is 
knO"\vn, a setting can be made and thp range 
read with considerable accuracy from the scale 
attached to the prisms. If now the two prisms 
are rotated together through a right angle 
horizontal measurements may be made, as L'1 
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FIG. 45. 


Fig. 46. As the apparent length of a vessel 
depends upon her course relative to the direc- 
tion from her to the submarine, it is evident 
that when both the height and the length of the 
vessel are known the former is a suitable basis 
for the determination of her range, and the 
latter for finding her course when the range 
is known. 
In addition to these particulars it is evidently 
of importance to find the speed of the vessel 
under 0 bRervation. The time taken by the 
vessel to cross any fixed line in space is the time 
she takes to travel her own length, and thus if 
her length is known and the time taken to cross 
any fixed line is observed her speed can be 
determined. It is not satisfactory to take the 
projection of a line fixed relatively to the 


periscope as the line fixed in space for this 
purpose, as the errors caused by movements 
of the submarine and of the periscope itself 
may be considerable. :l\Iessrs. Barr & Stroud 
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FIG. 46. 


have overcome this difficulty by projecting 
into the field of view the image of a line which 
is controlled in direction by a small spring- 
driven gyrostat attached to the lower end of 
the periscope. Fig. 47 illustrates an instru- 
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FIG. 47. 


ment fitted with this device, the handle seen 
at the bottom serving to start the gyro. The 
system employed is shown diagrammatically 
in Fig. 48. A is the gyro pivoted on the 
bracket N, and B is the mark controlled by it, 
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the image of "hich serves for the line fixed in 
space. It is illuminated by the lamp C', and 
the light is introduced into the field of view by 
means of the prism D and the transparent 
reflector F. By means of the lens E, which 
must be arranged to give the proper magnifica- 


c 
Cf? 


A 


FIG. 48. 


tion to the movement of the image of B as seen 
in the periscope, the mark appears focussed at 
G in coincidence with the images of external 
objects. The bracket carrying the gyro and 
the whole optical system are, of course, 
rigidly attached to the periscope. 
"
hen more precise range measurements than 
are possible on the principles utilised in the 
instruments just described are desired it be- 
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FIG. 49. 


comes necessary to derive di:;;tances byobserv- 
ing the difference in direction from two stations 
on the submarine at a knO"\vn distance from one 
another. Either the coincidence or the stereo- 
scopic principle may be used to make settings 
as in ordinary range-finders (q.v.), anù in the 


former case the base may be either hurizuntal,as 
with instruments used on lanù, or vertical, the 
arrangement which the shape of an ordinary 
periscope suggests as the more convenient. All 
these alternatives have been embodied in peri- 
scope range-finders. Fig. 49 shows the upper 
part of a vertical base range-finder, in which the 
two entrance "indows, the separation between 
which is the base from which the measurements 
are made, may easily be recognised. The lower 
end is shown in Fig. 30, the handle on the right 
serving to effect coincidence, and the range 
scale being shown to the right of the eyepiece. 
The appearance of the field of view before 
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FIG. 50. 


coincidence has been effected is shown in Fig. 
.')1. The view seen through the lower "indow 
is brought to the central rectangular strip, and 
is surrounded by that from the upper window. 
An important advantage of the vertical base is 
that coincidence can be effected in spite of 
movements of the image due to the roll of the 
submarine, provided this is not so great as to 
cause the image to disappear entirely from the 
field of view. 
The vertical base is not free from a number 
of objections, and to avoid these a horizontal 
base must be used. The difficulties caused by 
the rolling of the ship are overcome by special 
features in this range-finder which enable the 
image to be kept in the centre of the field of 
view. Fig. 52 shows the lower end of such a 
range-finder haying a base of length 2.7 metres 
and a vertical length of 6 m<>tres. This in- 
strument is intended to be operated by two 
observers, and is fitted with a. number of special 
devices for incr<>asing the rapidity by which 
ranges can be transmitted. The magnification 
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IS 20, and the accuracy under good conditions 
of secing is 24 metres at .:5000 metres, and 1 
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metre at 1000 metres. Of the two eyepieces 
seen, the right is that of the range-finder, that 
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FIG. 52. 


on the left being available when required for 
taking direct readings on the range scale. In 


addition there i
 on the othcr side a pel iscope 
eyepiece for a 
eparat{' trainer. The main 
periscope tube thus contains two separate 
periscopic systems, one for the range-finder 
and on(' for the trainer periscope. 
Fig. 53 i1lustrat('s another horizontal base 
instrument, and gives a general idea of the 
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FIG. 53. 


appearance of a complete instrument of the 
type. In this case the stereoscopic principle is 
employed. and the two eyepieces are clearly 
seen in the illustration. T. s. 


PETZVAL'S CONDITION :FOR FLATNESS OF THE 
.FIELD OF AN OPTICAL INSTRUMENT. See 
" Telescope," 
 (3); also "Optical Calcula- 
tions," 
 (16). 
PHANTOl\I RING. See" Kavigation and Navi- 
gational Instruments," 
 (14). 
PHONODEIK, l\IILLER'S: an apparatus for the 
demonstration and photography of sound 
curves. See" Sound," 
 (GO). 


PHONOGRAPH AND GRA)IOPHONE, THE 

 (1) HISTORICAL.-The first mechanical re- 
production of sound was effected by Edison 
in 1877. He wrapped a sheet of tinfoil round 
a cylinder and obtained a trace upon it of 
the movement of a diaphragm by a point 
which produced a scratch of varying depth 
as the cylinder was rotated. On allo"\\ing 
the point to travel a second time over the 
same groove the sound was reproduced, though, 
of course, very imperfectly. A horn was 
used in reproducing in order to intensify the 
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Bound. In ordel' that the tinfoil might be 
more easily indented by the recording point 
the cylinder had a groove under the foil 
where the trace was to be made. It was 
also mounted on a. long screw so that the 
record was formed on a helix. Edison further 
suggested that the record might be made upon 
a flat ùisc and that both sides might be used. 
In a later machine the recording style was 
short and was carried at the end of a spring, 
which was connected to the thin metallic 
membrane by two rubber buttons, which 
transmitted the \;brations of the membrane 
and at the same time damped the natural 
vihrations of the spring. 
Edison himself dropped the phonograph 
as the result was so poor. It was Graham 
Bell, together with Chichester Bell and C. 
Tainter, who as the Volta. Company went 
on \\ith the idea. It was they who substituted 
Bolid wax for the tinfoil or waxed paper, and 
who cut away the wax \\ith a. sharp sapphire 
point instead of indenting it, and later used 
a chisel-end to produce a flat bottom to the 
groove. They, however, dissolved in 188.3, and 
then Edison, going on from where they left 
off, made a successful machine and created 
the boom. The pitch of the screw was made 
much finer to increase the number of revolu- 
tions that could be made before reaching the 
end of the cylinder. Later the wax cylinders 
were made thin strengthened \\ith ribs, the 
mandril on which they fitted was made taper, 
and they were driven by clockwork. Also the 
cylinders had no traversing movement, but 
the diaphragm was moved along by a screw 
as the cylinder rotated. The diaphragms 
were made of glass and had the stylus attached 
to them directly. Among other interesting 
devices, Edison, instead of black-leading the 
master wax cylinder, co\"ered it \\ ith a film of 
gold by passing an electric current through 
a gold "ire in vacuo, using this film to make 
the wax conducting. 
The chief drawbacks of these instruments 
were the rapid deterioration of the records 
due to their soft material. and the amount of 
space required for their storage: moreover, 
the groove could only move the diaphragm in 
one direction-upwards-the reverse motion 
had to be produced by the spring of the 
diaphragm itself. Thus it had to press some- 
what heavily upon the wax to enable it to 
follow the rapid vibrations of speech. 

 (2) THE PHO:XOGRAPH RECORDER.-These 
defects were largely overcome by making 
the record a transverse one, that is to say, 
one in which the groove, instead of varying 
in depth, is sinuous "ith approximately uni- 
form "idth and depth; thus if a needle-point 
is placed in the groove, it will be moved to 
and fro sideways, the whole movement being 
imparted by the groove itself. The needle 


lies in a plane parallel to that of the diaphragm 
producing the sound-not perpendicular to it 
as in the phonograph; it is pivoted about its 
middle point, and \t hile one end lies in the 


FIG. I.-The Recorder. 


groove the other Î3 connected to the centre of 
the diaphragm (see Fig. 3). 
"'hen obtaining a record the singer (or 
instrument) faces the mouth of a large horn 
L
, Fig. 1, which is suspended by a string 
)1 at the mouth and is connected at the small 
end by a swivelling tube to the recording 
box R. This box is nearly counterpoised 
by a weight P. The box R with its con- 
nections i:3 carried by an arm which can be 
traverSed along a slide C by a screw S. The 
disc of wax upon "hich the record is to be 
taken is mounted on a turn-table Y and 
rotated uniformly by a clockwork usually 
driven by a weight and connected through 
the be,-el wheels B "ith the screw S. In 
this way the stylus cuts a Bpiral groove on 
the wax. 
The stylus CD, Fig. 2, is brazed to thp rod 
AB and strengthened by a rod EF. This little 
framework is pivoted at A and 
E, so as to rock about AB 
(which is parallel to the plane 
of the diaphragm) as axis. C is 
connected by a short wire to 
the centre of the diaphragm, 
which is of glass or mica, and 
to which it is cemented "ith 
wax; the end D is hardened FIG. 2. 
and sharpened and cuts the 
trace on the wax disc. This disc is made of 
a mixture of waxes-ozokerite 2 parts and 
paraffin wax 1 part-or of a soap composed 
of stearic acid, caustic soda, and aluminium- 
hydrate mixed ",ith ceresine or Japan wax; 
it must cut cleanly and not be too soft nor 
too brittle;'"' it is ;,'armed either as a whole 
in an oven or locally (by an electric current) 
"hile it is being cut. The wax disc is next 
black-leaded and an electrotype made from 
it. This electrotype (or a copy of it) is 
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used to form the records. The records them- 
selves are made of a compoRition of an inert 
powder and cotton fluff, with shellac or some 
similar material as a binder. The exact 
formulae used for the wax discs and the records 
are naturaHy kept secret by the manufacturers. 
After the composition for t.he records has been 
well mixed in the powdered form, it. is rolled 
bet.ween hot. rollers into sheets, cut. into suit- 
able-sized pieces. and pressed bet.ween t.he 
heated elect.ros above described. The records 
so made are in the form of circular discs, 
usually either 10 or 12 inches in diameter, 
with a spiral trace having about. four turns 
to t.he mm., commencing about 1 em. from 
the edge and ending about 5 to 7 em. from 
the centre. 

 (3) THE REPRODUCER.-The reproducer or 
" speaker" is very similar in principle to t.he 
recorner. Instead of a sharp st.ylus, a rounded 
needlepoint. 
li(lcs in the groove on the record, 
wit.h which it. makes an angle of about 60 0 . 
This is hinged on a pair of V's against which 
it. is held by two springs, so that it rotates 
through a very small angle about an axis, 
parallel to t.he plane of the diaphragm (Fig. 3); 
the other end is connect.ed t.o 
the cent.re of t.he diaphragm 
by a smaH screw and a touch 
of wax. This dia phragm is 
usually of mica, it has a 
diameter of 4.5 to 6 C111., and 
is mounted between rubber 
rings called " gaskets" to 
prevent it from rattJing, to 
damp its vibrations, and yet 
to allow it to move freely. 
Some diaphragms are made of 
glass, and it has been claimed that zirconium is 
a valuable ingredient in this glass. Others are 
of silk or other flexible material \vith a cork 
or card disc in the centre. The diaphragm 
forms the front of a short cylindrical box of 
magnalium or similar metal; the box has a 
metal tube in the face opposite to the 
diaphragm. This tube is inserted in the end 
of a pivoted conit:al tube called the "tone- 
arm," "hich terminates at its larger end in 
the beginning of the horn. The horn used 
to be a bell-shaped metal one, but it is now 
usually made of thin wooù of rectangular 
section. It is found to gi \
e the best results 
if the passage from the sound-box to the horn 
has smooth bends everywhere. There is no 
mechanism required to cause the sound-box 
to follow the groove as in the phonograph, 
for if the tone-arm is freely suspended the 
groove itself is a sufficient guide. In order, 
however, that the needle may follow the groove 
easily it is obvious that it should always lie in 
a plane tangential to the groove. But as this 
latter is a spiral uf varying diameter this can 
only be approximately achieved. Let P, Q, R 


FIG. 3. 


be points on this spiral of whieh Q is on thE' 
middle ring, draw a tangent at Q, and \\ ith 
a point 0 on it as centre strike an arc of a 
circle, cutting the inner and outer rings of 
the spiral at P and R; it is obvious that OP 
and OR cannot be tangents at P and R. A 
better result is obtained by taking 0 on a line 
making about 14 0 with the tangent as at Q' 
in Fig. 4. This circle will cut the spiral at 


FIG. 4. 


points pi and R', at which tangents will make 
angles which are approximately the same 
with the lines OP' and OR'; thus by .setting 
the plane of the diaphragm at 14 0 with the 
line joining the centre of rotation of the 
tone-arm to the point of the needle, the 
latter will remain more nearly tangential to 
the groove throughout the reproduction. 
It is very important that the angular 
velocity of the cylinder, both in making the 
record and in reproducing it, shall be kept 
perfectly uniform, or the pitch will be affected. 
The linear velocity varies of course according 
to the diameter of the spiral, but as this varia- 
tion of speed is the same in the reproduction as 
it was in the original recording, the resultant 
pitch is unaffected provided the angular velocity 
is constant. The linear velocity varies from 
about 120 em. a second at the circumference 
to 40 em. a second at the middle. By a 
recent invention the linear velocity is reùuced 
to a uniform one of about 40 em. a second- 
both in recording and reproducing the record- 
and thus the length of the record that can be 
made on a disc is greatly increased; the 
scratching noise is also said to be reduced by 
the diminution of the velocity. 
Although the records are sufficiently good 
to afford a fair rendering of a musical com- 
position or song, and so to give pleasure, they 
are far from pedect. The defects most 
commonly met with and the most difficult 
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to eliminate are (i.) a scr3.tching noise, which 
is e:5pecially noticeable in the more delicate 
pieces; (ü.) an unpleasant and very obvious 
nasal tone, due no doubt to the horn; (iii.) 
a 108s of many of the consonants in speech; 
(iv.) an inequality of rendering of the soloist 
and the accompaniment, due, of course, to the 
soloist being stationed immediately in front 
of the horn while the accompani
ent is to 
one side. 
In 190-1 Parsons exhibited to the Royal 
Society a reproducer in "hich the needle, 
instead of being connected to a diaphragm, 
actuated a grid wl1ich covered a series of 
slots in a box, and thus openE'd and closed 
these slots. Compressed air was supplied 
to the box and issued from the slots into a 
horn " hen the slots were opened. Thus 
the record controlled the escape of air and 
produced in it variations which gave a power- 
ful and yet good rendering of the record, 
comparatively free from scratch. From this 
has developed the Auxetophone and the 
Stentorphone. 
The movement of the diaphragm of the 
recorder has also been used, generally with 
the aid of a mirror, to deflect a beam of light 
which was pa:iSing through an aperture on 
to a photographic film, and so to vary its 
intensity (Rankine increased the sensitive- 
ness by projecting the image of one grid upon 
another grid); this photographic trace was 
afterwards used to control the liaht fallina 
o 0 
upon a selenium cell; the resultëlnt varJing 
current was passed through a telephone. A 
great number of attempts have been made 
to use some form of this method for the 
s
multaneous recording of speech upon a 
cmematograph film, but so far without much 
success. 


R. s. c. 


PHORO
1ETRIC IXSTRL
lEXTS: a type of 
subjective ophthalmic instruments used to 
deal with the measurement of ocular 
muscular want of balance and the 
muscular exercises for its correction. See 
" Ophthalmic Optical Apparatus," 
 (3). 
PROT: the unit of illumination on the C.G.S. 
SJ stem, equal to 1 lumen per square 
centimetre, or 10,UOO lux. See "Photo- 
metry and Illumination," 
 (2). 
PHOTO-CERÅ
UC )IETHODS OF GRATICtTLE 
PRODUCTIOY. See" Graticules." 
PHOTO-ELECTRIC CELL: an instrument in 
which the Hallwachs eff('ct is employed 
to measure light. See H Photometry and 
Illumination," 
 (34). 
PHOTO-ELECTRIC EFFECT, application of quan- 
tum theory to. 
ee" Quantum Theon"" 

 (2). 
 , 


PHOTO-ELECTRI( FATIGUE: thr fall in sensi- 
tivity, \\ ith age, of a photo-electric cell. See 
" Photometry and Illumination':' 
 (34). 
PHOTO - ELECTRIC )IETHOD OF SPECTRO- 
PHOTO
lETRY: the method depending on 
the use of photo-electric cells. See" Spectro- 
photometry," 
 (15). 


PHOTOGRAPHIC APPARATCS 

 (I) I
TRoDtTCToRY.-The ordinary process 
for the production of a monochrome picture 
of any object by means of photography con- 
sists of two operations-firstly, the making 
of a "negatiye," and secondly, that of the 
corresponding" positive." 
The negath-e is a record of the form of the 
object expressed, as all monochrome pictures 
are expressed, in terms of gradations of light 
and shade, consequent on the exposure of a 
sensitive surface, composed of particles of a 
silver halide, to an image of the object in the 
camera, the changes induced in the sensitive 
substance being afterwards completed by the 
chemical process termed development. The 
posith-e or print in its simplest form is made 
by exposing to the action of light a similar 
sensitive surface under the negath-e, when 
there results, after development, a picture, 
the light and shade of which corresponds- 
"ithin the limitations of the process-to that 
of the original object. 
The sensith-e substance now most generally 
employed for the purpose of making photo- 
graphic records in the camera is silver bromide 
or bromo-iodide emulsified in gelatine. This 
emulsion is c
ated upon glass or celluloid 
and dried, and the coated plates or films 
come into commerce as -' photographic dry 
plates" or "films" as the case may be. It 
is proposed in this section to consider the 
instruments, other than lenses, 1 by means of 
which photographs are made, and, in the 
main, those which are used for the production 
of negatives. 
A photographic camera in its simplest form 
is a light tight, rectangular box terminating 
in two flat ends which are parallel. In the 
centre of one end there is pierced a very small 
aperture, the pinhole, which is then covered 
by a simple shield that is readily removable. 
If there now be placed inside the box: (under 
suitable "safe" illumination), at the end 
opposite the aperture, a sensitÍ\-e plate, all 
that is necessary for the production of a 
photograph has been pro\ided. If the box be 
placed upon a rigid support in front of a "ell- 
illuminated object, on uncovering the aperture 
an image "ill be formed UI)on the plate. If 
exposure to this image be made for a sufficient 
length of time--if the conditions are suitable 


See" !>}lOtographic Lenses." 
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the period will not be unduly long-the plate 
will yield upon development a negative image 
of the object. 
It is assumed often that satisfactory 
photographs cannot be made by the use of a 
" pinhole" in place of a lens, but this is not 
correct, and well - constructed pinholes are 
sometimes used on modern cameras for su b- 
jects where brief exposures are not necessary. 
Provided that the aperture be properly made 
and its diameter in relation to the plate 
distance fulfils the requirements of the optical 
theory governing the formation of pinhole 
images, little objection can be taken, so far 
as "definition" of the image is concerned, 
to photographs of still life, architecture, and 
landscapes, when meant for pictorial purposes, 
more especially if the photographs are fairly 
large in size. The interest of the "pinhole" 
is, however, mainly theoretical, and in practical 
everyday photography of different kinds, lenses 
are used for the formation of images in the 
camera. 
It would be foreign to the purpose of this 
section to discuss the apparatus specially 
designed for the purpose of employing light 
sensitive materials as recorders in investiga- 
tions in different branches of science and 
technology, for the apparatus varies greatly 
according to the nature of the inquiry which 
is to "be made, and is generally peculiar to the 
particular research. l\Iuch laboratory ap- 
paratus is of standard type and is applicable 
to wide fields of endeavour, as for exam pIe 
the camera in conjunction with the telescope, 
the spectroscope, and the microscope, and 
in these respects other sections 1 should be 
consulted. 
In many instances photographic apparatus 
is employed to record the behaviour of photo- 
graphic material itself, as when the spectrum 
camera is used to ascertain the distribution 
of spectral sensitiveness in a dry plate or other 
sensitive surface, or the camera shows the 
appearance under the microscope of the silver 
bromide grains in a gelatino-bromide emulsion, 
and thus provides a permanent picture of 
certain aspects of its physical state. 
As well as being an aid to a large and 
increasing degree in anum bel' of branches 
of scientific and technical research, it should 
not be overlooked that photography of itself 
is an important industry-either alone or in 
conjunction with other crafts-utilising some 
of the finest products of optical, chemical, and 
mechanical skill. 'Yith its growth there has 
come specialisation, and each branch has 
evolved forms of construction to meet its 
own needs. No one camera will meet con- 
veniently all the requirements in the many 
activities of modem photography. In view 
of the specialisation ordained by these require- 
1 
ce "Telescope," ")Iicroscope, Optics of the." 


ments, it seems desirable that the essentials 
for an ordinary camera in its simple form 
should be stated. Cameras are essentially 
chambers for the purpose of exposing sensitive 
plates to the action of luminous images formed 
by optical means. Diaregarding for the 
moment the precise mechanical form of the 
construction, a camera of simple type as used 
in ordinar.v photography consists of a snpport 
for the lens (the "front "), used to form the 
image of the object; another support (the 
" back ") for the movable receptacle (the dark 
slide), usually employed for holding the 
sensitive plate, and a device (the "bellows") 
for preventing any light reaching the plate 
other than that which forms the image, the 
distance between the" front" and the" back" 
being adjuRtable, while parallelism is main- 
tained. To enable the image to be examined 
and adjustment malle, a screen of ground 
glass (" focussing screen") is arranged in a 
movable frame in the back. To permit these 
adjustments to be made, certain devices for 
movements in the "back" (reversing frame 
and swing-backs) and in the" front" (" rising 
and falling" and sometimes sliding and 
cross-fronts) are provided. During exposure 
the sensitive plate in its receptacle occupies 
the position previously held by the screen 
and therefore receives a similar image. The 
camera is supported upon a stand} by means of 
which its position relative to the object is 
adjusted and maintained. 
The most important items of photographic 
apparatus, excluding lenses 2 and correction 
and colour filt
rs, 3 are 
Cameras, 

""inders, plate-holders, and changers, 
Exposing shutters, 
Stands, 
Enlargers, 
and in every division there are differences in 
type and a great variety of patterns following 
the types. 

 (2) CAMERAs.-Discarding arbitrary dis- 
tinctions as far as possible, and for the purpose 
of description, cameras may be classified as 
follows: 


Stand Cameras. 
Field or portahle. 
Stuùio. 
Copying (including cameras specially ùesigned 
for photo-mechanical photography). 
Kinematograph. 
lland Camera.'1. 
Plate or " cut film." 
Rolla ble film. 


Aerial Cameras. 


:I See" Photographic Lf'nscs:' 
3 See" Light Filters." 



PHOTOGRAPHIC APPARATUS 


379 


This differentiation should not be taken to mean 
that in no case can a camera de:-;igned ",pecially for 
one purpose be used for another. In some cases 
there are limitations, but not necessarily e
clusions. 
A field camera. for example, could be used in the 
!)Qrtrait studio, but it would not be so suitable for 
many reasons a,.<; the studio type. Even though the 
design of the field camera "" ere good it lacks "stiff- 
ness" (due mainly to reduced material) and, in 
consequence, would be strained by the constant 
stress of the lens suitable for portraiture in the I 
studio, "" hich. being of considerable focal length 
and large aperture, is relatively heavy to the lenses 
used normally on a camera of the field type. The 
s\\inO'-backs on the field camera would not be 80 ' 
conv
nient for rapid manipulation as those on a good 
studio camera, and the field camera lacks certain 
desirable accessories as, for example, the repeating 
back. The studio camera of high grade is a heavy 
ricrid instrument of considerable bulk, necessitating 
a 
trong stand of a different pattern to the portable 
camera-and it cannot be folded for transport. It 
would in consequence be extremely inconvenient" in 
the field." 
(i.) Field or Portable Cameras.-Two cameras 
of the ori
inal patterns of this class are shown 
in Figs. 1--1. Figs. 1-2 represent the" square 
bellows, heavy-form,n and Figs. 3-4 the 
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"conical bellows, light - form," instrument. 
The" heavy-form " camera of the best makers 
is still practically the same as when introduced. 
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but the ., light form" has undergone several 
modifications "ith the object of reducing 
weight and bulk. The cameras follo"ing 
these forms differ mainly \\ ith respect to their 


focussing arrangement, which is the governing 
factor. In the "heavy form" the back is 
movable and the front is fixed, the side of the 
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bellows being parallel, whilst in the "light 
form" the front is movable and the back 
stationary, the bellows taking the form of a 
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rectangular cone, and this construction per- 
mits greater compactness when the camera is 
folded. 
The front and back of the camera should 
move to and fro parallel to each other, and 
this is provided for in the construction, the 
movement being generally effected by means 
of a rack and pinion. The "extension" 
should preferably be not less than h,ice the 
length of the diagonal of the largest size of 
plate that the camera is made to take. In 
many cameras greater extensions are possible, 
but the cameras used in that state under field 
conditions are never so rigid as "hen more 
closed, and in some" light-form" instruments 
are unreliable eyen before the limit of the 
extension is reached. The normal position 
for the lens is opposite to the centre of the 
plate; the prolongation of its a
is should meet 
the plate centre and be perpendicular to its 
I surlace. In practice vaIÏations are necessary. 
To give the required movement in a vertical 
direction a panel (rising and falling front) 
fits into a groove in the fixed front, and to 
this the lens is attached, and by this de.dce 
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movement up and down is readily effected. 
The rise should be greater than the fall. In 
the camera sho\\n in Fig. 1, 8! x 6l, the rise 
is 2 in. and the fall 1 in., and in Fig. 4, 12 x 10, 
3 in. and I! in. respectively. To Secure a 
lateral movement (sliding or cross - front) 
another panel is fitted to the vertical front, 
and to this the lens is attached. The rising 
and falling. front is a necessary adjunct, but 
the sliding front is much less important and 
may be eliminated without serious incon- 
venience. :l\1ovements of the lens made by 
means of the cross - fronts are equivalent in 
effect to lateral movements of the plate in 
the opposite directions. To effect movements 
of the plate would mean an impracticable 
complication. The front in a "light-form" 
camera is usually brass strutted to secure 
rigidity, a quite necessary provision in the 
larger sizes. 'Vhere more than one lens is 
used the front should be pierced to take the 
flange of the larger, and the smaller is fitted 
when required by means of a brass adapting 
ring. 
"\Vhen the front of the camera is set back 
to permit the use of lenses of short focal 
distance the conical bellows tends to crowd 
to the back and so cut off image from the 
margins of the plate. This drawback is 
prevented by providing " tapes" on the sides 
of the bellows, by means of which external 
connection is made to the front, and the bellows 
are thus drawn forward. Photographic dry- 
plates are rectangular and are made to standard 
sizes, and with one exception (lantern slide 
plates, British 31 x 31 in.) have dimensions 
longer on one of their sides than on the other. 
To meet this condition cameras are made with 
the backs square and are fitted with a remov- 
able frame carrying an inner (generally hinged) 
frame bearing a focussing screen eq ual in 
size to the largest size plate that the camera 
is made to take. The outer frame or reversing 
back being square and removable, it may be 
placed in the back with either dimension 
vertical or horizontal at will. 
The receptacle (dark slide) for the sensitive 
plate replaces the focussing screen frame, 
which is turned out of the way and generally 
folds over the slide when in position. 
Another movement of importance is the 
swing-back system, by means of which the 
plate can be tilted in a horizontal or a vertical 
direction. The swings in the camera shown 
in Fig. 3 take place from the hinges which 
attach the back to the base. In Fig. 2 the 
back is in two parts. The rear portion-to 
which the bellows is attached-draws out and 
swings from the centre on attachments to the 
fixed part. The vertical swing-back is used 
to correct distortion of perpendiculars due to 
camera tilt. Both swings are used, where 
necessary, as an aid in focussing. 


Several changes have tah.en place in the 
early "light - form" camera. The solid 
baseboard has been reduced as much as 
practicable, the central portion being cut away, 
and in its place there is now fitted a light 
combined tripod head and turn-table. This 
eliminates the loose head which usually 
accompanies the tripod. The front is smaller 
and lighter and is arranged so that it can be 
swung. The rising panel remains, but the 
whole front (which carries the bellows) can 
be raised. This means that a greater rise 
can be obtained without interference by the 
bellows. A distinct improvement resulted 
from the addition of bacl
-extension focussing. 
'Vhen the image is small in proportion to the 
object it is immaterial for all ordinary purposes 
whether the front or the back moves for 
focussing, but where the image is large, as 
when objects near to the lens are to be photo- 
graphed, more particularly when the image is 
to be made to a predetermined size, front 
focussing is impracticable, and such cameras 
can only be used by a device which practically 
makes them back - focussing instruments. 
The duplex system is therefore a great advan- 
tage, and it moreover permits the use of 
lenses of short focal length to 0 bt ain pictures 
em bracing wide angles. 
The result of these changes has been to 
reduce considerably the weight and bulk 
of the camera, but it is proper to observe 
that such instruments are only reliable when 
their design is united with the best possible 
workmanship. 
Cameras of the "heavy" type in modern 
use are exemplified by the "Premier" 
<"\Vatson) and the" Square Bellows" (Ross), 
and of the "light" type by the "Acme" 


FIG. 5. 


(\ratson), the "Century Field" (Ross), and 
the" Sanderson," Fig. 5 (Houghton). 
No departure of moment beyond those indicated 
has been made in portable - stand cameras during 
recent years, and it is probable that the patterns will 
persist. The high pitch of development reached 
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bv the best forms of modern hand camera has caused 
these instruments to satisfy the requirements of 
some of the most exacting workers. The tendency 
since the introduction of the high-class anastigmat 
lens has been to make negath?es of small size, and to 
enlarge the pictures when required, a tendency only 
accentuated as improvements in that instrument 
and in other directions take place. Consequently, 
it is not likely, in view of its convenience and excel- 
lence, that tbe small hand camera \\ ill be laid aside 
in favour of the instrument gen
rally used in earlier 
dayf',. In the more restricted fields of industrial 
photograph
', "ith its generally less adventurous task, 
as well as in many fields of teèhnical work, the 
ordinary portable camera will continue to be 
used. 
(ii.) Studio Cameras.-The cameras of stand- 
ard form are heavily built, back focussing and 
non-folding. The instrument has long exten- 
sion, fixed or movable front, which is provided 
"ith lens panel for slight rise and fall. In 
some of the better forms the front is movable 
by rack and pinion, so that front adjustment 
without moving the camera can be made, 
which is an advantage "hen copying. The 
lens is usually fitted to an inner <, lens board," 
readily removable. behind whieh may be 
placed the exposing shutter, and this shutter 
being invisible enables exposing to be done 
"ithout the knowledge of the sitter for a 
portrait. The arrangement of the back is 
different to that in a field camera. The size of 
camera selected for the portrait studio gener- 
ally permits a fair ran!Se of size:;, say from 
15/12, 12,10, or 10;8 down to i-plate. In a 
particular studio a certain size "ill be more 
used than others, and "ill be generally smaller 
than the full size that the camera is intended 
to take. As it is the common practice in 
good portrait studios to take several pictures, 
and rapid manipulation is desirable, provision 
is made for this by means of an auxiliary 
holder (" repeating-back" type). The focus- 
sing screen for the full-size plate-usually a 
loose frame-is removed, and in its place is 
introduced a larger frame bearing a second 
focussing screen of the smaller size "hich 
sliùes between two parallel bars. The plate- 
holder (" dark slide "), containin
 space for 
two plates side by side, also fits these bars. 
The focussing screen is masked from the front 
by a wooden frame flush \\ith the face of the 
repeating back (and changeable at "ill), so 
that the operator sees on the screen only an 
area corresponding to the plate that \\ill be 
used. This plan is much more satisfactory 
than the ruled lines on the screen sho"ing 
limits (which are sometimes used), and prevents 
confusion. \Yhen the image is focussed the 
screen is moved laterally (though it is some- 
times hinged and is swung out of position) 
and the plate-holder takes its place, being 
" set" so that the first plate is in p08ition. 
After exposure the plate - holder is moved 


along until the second plate is brought into 
position, and exposure is then made. The 
shutter or the plate-holder is fully drawn all 
the time, but no extraneous light reaches the 
plate, the repeating back acting as a shield. 
\Yhen the camera is one made to take large 
plates the repeater form of back may be 
employed, but this means considerable bulk. 
The repeating-back principle is frequently 
applied to cameras not intended for portraiture 
and is capable of considerable application. 
The plate - holders are made square (save 
small holders for repeaters) and plates are 
placed \,ith the major dimension horizontal 
or vertical at will. 
The back of the camera s\\ ings in hoth a 
horizontal and a vertical plane. These 
movements are important, being often required 
when focussing images of objects in relief 
near to the camera when lenses "ith large 
apertures are used, though their use in this 
respect is often abused. The support (stand) 
is frequently combined with the camera, 
which makes for convenience and rigidity. 
Pro,ision is made for raising and lowering, 
by rack and pinion, and for tilting the camera 
out of the horizontal. Castors are provided 
to the feet of the stand for ease of movement. 
Other"ise, independent stands of similar 
construction are used. The combined ap- 
paratus is well shown 
in the "Improved 
Studio" (Ross), 
" Soho" plarion), 
and " Combination 
Studio," Fig. 6 
(\Yatson). 
For special work, 
as in the portraiture 
of children, the reflex 
princi pIe has been 
a pplied, as in the 
"Studio )Iinex" 
(Adams), and twin- 
lens cameras have 
also been used. These 
cameras ha ve the 
advantage that the image can be \Îewed on 
a full-size screen, focussing effected, and ex- 
posure made at the precise moment when 
the arpearance is judged to be satisfactory. 

 (3) COPYIXG CA:\rERAs.-The term" copy- 
ing" is applied to that branch of work which 
deals with the photography of flat surfaces. 
For much copying the ordinary studio camera 
is quite satisfactory. 
In pure photography the most important 
branch of copying is that of making transcripts 
of pictures of different kinds. For picture 
copying in galleries, museums, and private 
coUections, the " heavy - form" portable 
camera, prm-ided that the in
trument i
 an 
efficient one of its kind a.lel a suitahle rigid 
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stand is employed, meets the requirements. I 
Cameras of heavier construction and greater 
refinement, if combined "ith special stands, 
would confer certain technical advantages, but 
the inconvenience and cost of transport would 
mean serious objections. In some continental 
photographic houses where picture copying is 
a feature, apparatus of a special character is 
sometimes employed where the camera is the 
dark room. This camera-dark room (in which 
the operator works) and the picture-supporting 
easel are built on a platform mounted upon 
a "rail
.vay" turn-table, which permits the 
whole system to be rotated to allow for changes 
in the sun's pOðition. 
The greater part of copying work comes in I 
the domain of photo-mechanical photography,1 
which is the branch of the craft producing 
reproductions or transcripts in various forms 
of different kinds of picture-using the term 
in a broad sens
by distinct methods differing 
from those of pure photography, which are 
finally associated with some form of the print- 
ing press (photogravure, photo-lithography, 
collotype, line and half-tone process block 
making in monochrome and colour and com- 
binations thereof), and for this certain forms 
of copying camera have been devised. Grea t 
accuracy is required in the copying of maps 
and plans and of pictures for colour block 
making and photo-lithography, and for this 
work the modern camera has become to some 
extent an engineer's construction. 
(i.) Details of the C
mera.-A camera system 
for the purpose of " copying" should fulfil the 
essentials of parallelism between the " front" 
supporting the lens and the surface of the 
copy board bearing the subject to be copied 
(the "original"), and between the lens 
" front" and the focussing screen. If by 
proper construction these conditions are satis- 
fied, the principal axis of the lens ",ill be 
perpendicular to the surface of the plate and 
to the surface of the" original." If, however, 
negatives laterally reversed are to be made 
(which is necessary in many processes), the 
focussing screen must be at right angles to 
the copy board, and a right-angle reflecting 
prism, silvered on its hypotenuse, must be 
mounted in front of the lens, the reflecting 
surface being at an angle of 45 0 to the lens 
axis. In place of the prism, a plane mirror, 
silvered on its surface, is frequently used. 
The camera and the copy board must be 
supported so that the centres of the focussing 
screen and the copy board, respectively, are 
in line with the lens axis. \Yhen this is done 
the image of an "original" which is placed 
on the centre of the copy board will fall in 
the centre of the focussing screen. If the 
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camera be then rotated horizontally 90 0 (the 
prism being mounted in front of the lens) and 
the board be shifted laterally in a plane at 
right angles to the focussing screen to a suffi- 
cient extent, the image of the" original" will 
again be centred on the screen, but it will now 
"he laterally rev
rsed. Further, the camera 
and CoP) board must be so arranged in relation 
that, at desire, either of these conditions can 
be maintained, whatever be the distance be- 
tween the lens and the" original," i.e. as the 
camera is moved to and fro - by the operator 
for various sizes of image. By arrangements 
conforming to the conditions stated, "copy- 
ing" can be done with accuracy and with 
the rapidity necessary to meet the economic 
and other conditions which obtain. A suit- 
able method for large copying systems, say, 
for plates 36 x 24 in. and below, is to 
mount the camera and the copy board upon 
rigid stands, the feet of these being fitted 
with grooved wheels which engage on parallel 
metal rails laid on the floor of the studio, or 
a pair of rails may be laid at right angles to 
one of the walls of the studio to take the 
camera stand whilst the copy board is fixed 
upon the wall, provision being made for its 
movement laterally for centring when the 
camera is turned into the position (previously 
described) for making reversed negatives. In 
some studios where very large drawings have 
regularly to be copied a large area of the wall 
is prepared as a copy board, and there is then 
sufficient room to accommodate drawings whcn 
the camera is arranged for either" direct" or 
reversed negative l1raking. Great care is 
necessary in the construction of boards to 
ensure flat surfaces which do not warp-a 
problem of difficulty, more especially when they 
are exposed to the heat of powerful arc 
lamps as in artificial light studios. The floor 
of the studio should be laid firmly upon a 
suitable foundation to avoid vibration. The 
camera stands and copy - board stands are 
made of wood (preferably teak) and metal, 
but the most recent practice is to use only 
metal. Cameras constructed for ma p and 
plan copying (which are suitable also for 
general copying) of large size are shown in 
Fig. 7, "Calcutta" pattern (Penrose), and 
the "Prpcision" pattern (Penrose). The 
stand in Fig. 7 is of wood and metal; in 
another pattern a metal stand is employed. 
Both were constructed for the Survey of India 
office and are in use in many similar establish- 
ments. In some studios when large negatives 
are made the "dark room" is the camera. 
The lens is mounted on a suitable panel fixed 
in the wall of the room. The" original " to 
be photographed is supported on a copy board 
fixed upon an easel which travels on rails on 
the floor outside the room, whilst the focussing 
screen (and eventually the sen::;itive plate) 
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rests. in a holder mounted upon a stand ha,-ing 
a similar traverse on the floor of the dark 
room. The holder can be moved upon the 
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stand by means of a screw, and is itself fitted I 
" it had] usting screws for producing parallelism 
with the copy board. Setting for size of image 
is effected by moving the stand, the final 
focu
sing being made by the screw upon the 
stand" hich moves the plate holder. 
A brief allusion has already been made (q. 
..) 
to photo-mechanical printing processes and 
the difference between these and processes in 
pure or ordinary photography. }'or a more 
detailed explanation the reference given should 
be consulted. )'Ia ps, plans, and drawings in 
line (broken tone) of different kinùs, dra"ings 
in colour, and oil paintings, nature photographs, 
where the light and shade is continuous (con- 
tinuous tone), may all be copied in the same 
apparatus (the ordinary camera copying system 
as described), pro,-ided that the positive or 
print method for which the negative is to be 
used is confined to processes of pure photo- 
graphy 1 and to certain others in photo- 
mechanical photography, but not to all. 
Brieflv, the visual effect of the continuous 
shadi;lg or continuous tone in a wash dra"ing 
or a nature photograph, for example, can 
only be produced by certain important methods 
by translating these shadings into " broken" 
tone. This translation may be, and generally 
is, effected by optical means by the application 
of the half-tone principle of Ives. The most 
important proce
s where this principle is used 
is in the ordinary type-high half-tone process 
block which supplies the great majority of 
illustrations accompanying printed matter of 
various kinds. The translation of tone is 
produced in the copy negative, and is brought 
about by placing in front of the sensiti,'e plate 
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during exposure the so-called" ruled screen." 
The ordinary ruled screen consists of two 
r:ectangular plates of transparent colourless 
glass-cemented together in optical contact- 
bearing upon their inner surface alternate clear 
and opaque lines usually of equal width. 
The lines form angles of 1.:5 0 " ith the sides 
of the plates, but in each one of the pair the 
orientation of the lines is the opposite of that 
in the other. In consequence, when the 
plates are in facial contact there is formed a 
series of uniformly distributed transparent 
spaces, rectangular, and of equal size. 
The effect of the screen is to break up the 
continuous tones of the orie:inal into dots of 
various sizes, and in the ;ompleted printed 
picture the illusion of shading is produced 
by optical mixture. 
The surface of the screen when in use must 
be parallel to the surface of the sensitive 
plate, the intenral between the t" 0 being of 
small order. This interval is, however, not 
a constant amount whene\
er a "copy" 
negative is made, but is -varied as required in 
harmony with other conditions, the screen 
distance being only one factor out of the total 
number to be considered. The screen plate 
must be held rigidly in a smooth." orking 
tra versing frame fixed on a support inside the 
camera, "hich frame can be caused to move 
to and fro at right angles to the lens axis and 
accurately set within the limits required. 
The tra';ersing frame holding the screen is 
moved on its support for adjustment as to 
screen "distance" by le\er and micrometer 
screw, the screw providing an adjustable 
limit to the position of the lever. This limit 
is the .correct screen distance or " setting" as 
determined by examination of the image ot! 
the focussing screen, or by the particular system 
of working adopted by the operator, and this 
distance can be read off from the indicator 
scale provi.ded. If the screen distance has 
once been set the lever can be moved to 
throw the screen back out of position, but 
on re\
ersing the direction of the le\
er the 
screen can be brought back with exactitude 
to the original" setting," because the position 
of the micrometer screw pro\ides the limit to 
its movement. A movement of this kind is 
necessarv; because when the screen has been 
set bv e
amination it is necessary to throw it 
back 
 for the insertion of the 'plate holder 
(dark slide), and when the shutter of this slide 
is withdrawn to prepare for exposure of the 
plate the screen must be brought for" ard to 
the predetei'lllined position in front of the 
sensitive plate, and thrown out of position 
when the slide is to be removed from the 
camera. If. on the other hand. the screen is 
" set" to a distance by any other system than 
visual examination of the image, it suffices to 
fix the micrometer screw to the ref{ uired dis- 
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tance by the indicator, and the screen is brought 
up to the required position when the shutter 
of the plate holder in silu in the camera has 
been "ithdrawn. \Yhen not in use t.he screen 
holder is thrown back" out of action," and 
if the camera is to be used for ordinary copying 
without the screen the latter is removed from 
its holder. 
Cameras "ith this provision are termed 
" process" cameras. So far as the camera qua 
camera is concerned the presence of the screen 
gear is not a detriment to its use for other 
copying purposes, which gain indeed from the 
accuracy and rigidity and convenience in 
movements given to the instrument to fit it 
for its special purpose. During recent years 
very great advances have taken place in this 
branch of camera instruction, largely because 
it was recognised from the first that the 
problems to be solved were essentially those 
for the engineer. As far as practicable, wood 
as an element in the construction of cameras 
and plate holders has been replaced by metal. 
To obtain the necessary accuracy in cameras 
of this type and to maintain it, strength 
combined "ith good design and workmanship 
is required. In many studios, particularly 
those situated in hot and moist climates, the 
conditions are extremely trying to apparatus 
and personnel, and these factors are recognised. 
:l\Iodern constructions are made as far as prac- 
ticable to meet the most difficult conditions, 
and the adoption of a standardised pattern 
designed to meet not the normal but the 
abnormal is economically scmnd from every 
point of view, when, as in this instance, it 
means, principally, good design and an in- 
telligent choice of material. 
In modern process cameras of the best 
class the back and front are separately mounted 
on iron base plates which travel upon steel 
runners, the distance apart of the two being 
adj usted by means of screws, and a screw 
and bevel gear is employed for adjusting the 
lens panel. These screws are all worked from 
the back of the camera by means of one 
removable handle. The focussing screen and 
lens board are detachable. The plate holder 
or dark slide is directly interchangeable with 
the focussing-screen frame. The plate holders 
contain adjusting bars for holding different 
sizes of sensitive plate. "Then, however, a 
large camera is not employed for the full 
or the larger sizes of plate for which it is 
constructed, an adapting frame (" Studio 
Cameras," q.v.) is fitted in place of the full- 
sized focussing screen. The ada ptf'r takes a 
smaller focussing screen and a corresponding 
plate holder. This practice considerably 
reduces the fatigue in manipulating large and 
hea vy dark slides. 
The camera stand anù easel for the copy 
board are generally in one construction. The 


precise form varies, but essentially the arrange- 
ment consists of a pair of parallel rails framed 
up in a cradle, which is suspended by springs 
from a second and rigid construction resting 
upon the floor. The easel is fixed at one end 
of the sprung cradle and the camera is sup- 
ported upon a travelling carriage, which is 
provided with a turn-table to enable the camera 
to be rotated into the correct position for 
reversed negative making. The camera in its 
carriage will travel to and fro easily (main- 
taining correct relation with the copy board), 
and the arrangement may be clamped firmly 
in any position. The copy board is of wood, 
articulated, to avoid as far as practicable the 
effect of warping, any shrinking occurring 
being taken up by means of the screws in its 
framing. It runs on the guides which form 
part of the easel, and the board is fitted "ith 
devices for securing parallelism with the 
focussing screen, and, since arc lamps are 
usually used in reproduction studios for 
illuminating originals to be photographed, it 
has been found convenient to attach adjustable 
supports for these lamps to the camera stand. 
The best modern stands are wholly of metal, 
the only wood employed being in the copy 
board. The" springing" of the cradle bearing 
camera and copy board is for the purpose of 
avoiding transfer of vibration from floor to 
camera system, but even the best arrangements 
do not wholly avoid this trouble under certain 
circumstances, and great care is required, 
especially when the exposures are prolonged. 
The" Empire" process camera, Fia. 8, and 
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"Empire All :l\Ietal Stand" (Penrose) (not 
shown), and the" Arc Gear" process camera 
(H unter), Fig. 9, are good modern examples 
of these constructions. 
(ii.) A utomatir Forussina.-For rapidity of 
work it is desirahle that some form of auto- 
matic setting for the respective focal con- 
jugate
 be employed in copying sYRtems, and 
attention has been given during recent years 
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to the best means of using the principle. 
Given the focal length of the lens accurately, 
and the position of its nodes being known, 
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scales can be prepared and adjusted, so that 
by setting the respective index pointers, 
adjusting for size and sharp image, it would 
appear, could readily be done. In practice, 
however, the employment of this plan is not 
so simple. It is, however, practicable to use 
scale setting as a close approximation and 
finally focussing in the ordinary way. The 
scales for any apparatus are conveniently pre- 
pared by trial. Such a system can be made 
to effect a great saving of time. 
Iore satis- 
factory is a linkage system by means of 
which, on focussing, the image varies in size, 
but is always" sharp." This plan is adopted 
in certain forms of camera, but it entails 
considerable cost. 
(iii.) Reversing Devices.-Reference has been 
made to the production of latetally reversed 
negatives which are necessary in certain 
photogra phic processes. In the wet collodion 
and collodion emulsion processes the negative 
may be made direct and reversed by stripping 
the film from the support, turning it over, and 
causing it to adhere to the glass, or by suitable 
procedure it may be converted into an un- 
supported flexible film, and the same plan has 
been largely adopted '\\ith the so-called strip- 
ping dry plates. Reversal, in practice, may 
be also effected by the use of certain celluloid 
films on which negatives are produced thin 
enough to be printed from either side. Another 
method especially convenient with dry plates 
when used in portable cameras employed 
away from the studio is to reverse the 
plate in the dark slide so that the glass side 
instead of film side is towards the lens, allow- 
ance being made when focussing. But the 
general practice is to use the optical devices 
referred to previously, viz. the right angle 
prism or the plane reflecting surface. 
VOL. IV 


There have heen at all times difficulties in 
obtaining as a regular supply, blocks of glass 
sufficiently free from internal ::;train and striae 
to make prisms of more than 3 in. face 
which could be used without detriment in 
conjunction \\ ith high-grade lenses, the pro- 
duction of blocks for larger sizes being often 
a matter of uncertainty and considerable time. 
Prisms have, however, been made of 5l, 6
, 
and even 8 in. faces. The mounting of the 
prism of moderate size is not difficult, "ith 
large sizes by no means easy. Prisms are 
mounted in triangular metal boxes "ith an 
external ring bearing a screw thread which 
engages into the lens mount, the face of prism 
and front combination being as close as prac- 
ticable. The weight of the prism is borne by 
the lens mount, a system to which objection 
might be taken. To adjust accurately the 
face of the prism parallel to the copy board, 
probably the best way is to attach the lens to 
the front by means of a flange supplied "ith 
a rotating collar provided "ith a clamp (Zeiss). 
The same result can be brought about and 
the strain of the prism weight can be taken 
off the lens by means of an adjustable bracket, 
on which the prism mount rests, fixed to the 
lens board. In this way horizontal tilt of the 
prism can be entirely prevented, and there is 
no tendency to " sag." 
)Iirrors are plain glass or metal. The glass 
is surface silvered. The surface of the silver 
tarnishes and requires re-polishing, and being 
delicate is easily damaged. )Ietal mirrors are 
more durable if care be taken, but they suffer 
in acid atmospheres, and especially when the 
air is humid, but are costly, and those produced 
to the time of writing (1922) ha \
e not been 
perfectly satisfactory. Efforts are being made 
to employ chromium steel, and the results are 
promising. Platinised glass mirrors are at 
present the subject of experiment, but the 
difficulties connected with the vitrification ha \
e 
not been overcome. .Mirrors are mounted in 
right - angled boxes of wood, of wood and 
metal, and of metal alone. Boxes of wood, 
which are largely used, are open to con- 
siderable objection. The best form of box is 
of metal with cast frame, and provided with 
adjusting screws to set the mirror with re- 
spect to the lens. The mirror is mounted 
behind the lens. This, although not absolutely 
essential, is necessary in practice. The mirror 
is in this "ay protected from extraneous 
light-a very important condition-and from 
the possibility of mechanical damage. 
A serious objection to the prism arises 
from the absorption of photographically active 
light, which increas('s rapidly as tll(' mass of 
the glass increases. This applies more ('speci- 
ally when the process is "wet collodion" and 
the source of illumination is enclosed arc lamps, 
owing to the particular spectral scnsitive- 
20 
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ness of the silver salt. This C'annot be avoided, 
but it may be minimised by a careful selection 
of the glass. Loss also occurs with metalliC' 
mirrors, especially when tarnished. \Yith 
glass mirrors silvered on the surface the loss 
is appreciable even when the tarnish is very 
slight. 
(iv.) Colour Screens. - Provision must be 
made for the support of colour screens, either 
the correction 61ter-" yellow" screen-em- 
ployed in conjunction with orthochromatic or 
panchromatic dry plates, or for the selection 
filters 1 employed in the three-colour process, 
or any method where the colour luminosities 
of the subject are to be controlled. 
In ordinary photography with portable 
cameras simple screen holders provided with 
caps may be attached to the lens, or the 
filter may be mounted behind the lens board 
by any convenient device, the necessities being 
freedom from stress on the filter and that it 
be supported with filter face at right angles to 
the lens axis. In the case of reproduction 
cameras where filters are made with optically 
worked glass" flats," great care 
s necessary, 
and it is now usual to employ a filter holder 
as part of the lens front, the carrier for the 
filter flat sliding behind the lens. 
(v.) Ruled Screen Carriers for Special 
Purposes.-It frequently happens that a 
picture made by a half-tone (ruled screen) 
process is to be copied in the camera for the 
making of another printing surface by the 
same principle. Thus, for example, the only 
available picture of which a "half-tone" 
block is desired may be itself an impression 
from a "half-tone" block. A translation 
made in this way will always produce a 
" pattern," 2 which" pattern" may in certain 
conùitions amount to a pronounced moiré. 
This phenomenon varies in appearance as the 
angle between the existing screen lines in the 
print, and those in the screen used when 
making the second negative, alters. The 
" pattern" can never be in practice eliminated, 
but the objectionable effect may be minimised 
to an extent that it becomes inoffensive by 
adjustment of the screen when making the 
copy negative. . 
Similarly, when the screen block process 
is employed for producing transcripts of 
pictures in colour, as in the three-colour block 
or other screen process methods, impressions 
from different surfaces in their respective 
colours are superimposed. Consequently, to 
avoid the moiré effect and produce a visually 
negligible pattern, the angles of crossing of 
the screen lines of the components must be 
adjusted. The most convenient plan is to 
1 :-:ee <: Light Filters." 
2 See Lees, R., " On the Superposing of two ('ross- 
line Screens at Small Angles anù the Patterns obtaineù 
thereby," Hem. 
fanchcsteT Lit. and Phil. Soc., 
1918-19, lxiii. 


employ a circular screen fitted in a rotating 
carrier mounted in the screen gear frame, 
when the suitable angular differences for the 
separate negatives can be made. 

 (4) SELF - CONTAINED CAMERA COPYING 
SYSTEl\IS.-Photography is widely employed 
to-day for the purpose of rapidly multiplying 
copies of letters, reports and documents of 
all kinds, printed matter, drawings, and 
matter of a like nature. Hand copying in 
many instances would be slow and expensive, 
and would entail always careful checking, 
whereas the photographic copy is in essentials 
free from error. To reduce operations to a 
minimum, and to enable the work to be done 
rapidly and without photographic skill, the 
apparatus--of which the" Photostat" (Alfred 
Herbert, Ltd.) is the most important example 
-is made complete in itself, and the operations 
of arranging the original, lighting, focussing 
to scale, exposure, development, and fini::;hing 
are practically automatic. The copies are 
rapidly made upon sensitive coated paper 
which is in continuous roll form in thE' ap- 
paratus, negative pictures resulting. In the 
greater number of cases a negative copy 
answers the purpose, but if positives be 
necessary the negative is copied, when a 
positive of the original subject results. 

 (5) PLATE HOLDERS AND CHA
GERS. (i.) 
Holders. -The plate holder or dark slide 
usually employed with portable field cameras 
is that known as the "double book form." 
This holds two plates back to back, separated 
by a diaphragm, and opens like a book. Mov- 
able shutters draw out to expose the plate 
when in the camera, which shutters fold back 
over the slide. 
Solid (non-opening) slides for two plates 
are now largely in use, particularly for small 
sizes, and when well made are satisfactory, 
possessing many advantages-lessened weight 
and bulk, and greater protection of the plate 
from light and from the possibility of acci- 
dental exposure due to careless handling. The 
slides are filled from the front by withdrawing 
the exposing shuttE'rs, and, in this respect, 
with many forms especially, are not so con- 
venient as the book-form slide. The shutters 
are made of hard rubber, ebonite, metal, or 
" compressed fibre," and draw right out of the 
slide for exposure, and in good makes care is 
taken to provide efficient light valves so that 
no harm occurs to the plates when this is 
done. The solid single and double slide is 
also made with flexible "roller blind" or 
"venetian blind" shutters (narrow strips of 
wood in close contact mounted on fabric). 
A prejudice has been shown towards these by 
some photographers, for which there is little 
or no justification, for they met the exacting 
conditions of aerial photography during the 
war when slides were used. For plates larger 
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than 8
 x 6! in., and for standing the wear 
and tear of everyday photography, the well- 
made dati ble dark slides in sound mahogany 
would probably be preferred, because they 
are stronger and more reliable for" register." 
Good double slides for small plates are no,\ 
made in metal, and small "single" metal 
slides are available, and both of these are 
particularly useful for hand camera work 
where it is desired to reduce bulk and weight 
in carrying cases. A refinement and a useful 
one in many slides is a safety catch or indicator 
to ob,iate double exposure on plates. For 
cameras used indoor, single slides of strong 
construction are usually employed, their 
greatest use being in copying and studio 
cameras. For copying cameras " roller blind" 
shutters are almost entirely used, and the 
same applies "ith modern studio apparatus 
save for small sizes. \rhen a slide is to be 
employed for smaller plates than the ma
imum, 
inner frames or carriers are used, but" nested " 
carriers should be eschewed as they are 
liable to' errors in register. In large slides, 
which are often built on a metal framework, 
carrier bars adjustable for different sizes are 
often employed. The essential requirements 
in a plate holder are absolute light tightness 
under the conditions in which it is used and 
accurate "register," which means that when 
the slide is in the camera the sensitive surface 
must be in the same plane as that previously 
occupied by the focussing screen \\ hen the 
image was focussed. The slide should be 
easily attached to the camera back, and the 
junction between the two must be sufficiently 
dose to prevent the entry of extraneous light. 
Cut sensitive coated celluloid films may be 
held in steel sheaths or carriers, which take 
the place of the plate, and adjustment for 
register must be made. 
(ii.) Changing Boxe8.-For holding a number 
of plates magazines termed " changing boxes " 
are often used "ith small hand cameras, 
but their use is not always so confined, for 
changers of different forms ar
 largely used in 
aerial cameras. and some forms have proved 
satisfactory. One of the most reliable for 
use with the ordinary hand camera is the 
simple bag changer. In this the plates are 
held in a box in sheaths (preferably steel) 
and arranged one behind the other, the front 
plate being kept up to the" register" position. 
After exposure the plate is lifted up by a simple 
device and enters the bag at the top of the box, 
and is then grasped-through the bag-at the 
edges and placed at the back of the pile. The 
whole operation is quite simple, and" here the 
hoxes are well made the system is reliable. 
In semi-automatic changing bo
es the 
flexible bag is replaced by a drawer fitted with 
spring detents, and the action of transferring 
an exposed plate from front to back of the 


magazine is effected mechanically by simply 
pulling out the drawer (when the plate is 
projected into the lower part of the box by 
springs or falls by gra yity) and then replacing 
it. when a fresh plate is ready for exposure. 
The device is fitted \\ ith a curtain shutter of 
wood or flexible shutter of metal, which 
protects the face of the front plate when the 
drawer is withdra" n, and a pull-out shutter or 
curtain which performs the same function as 
the 
hutter of an ordinary dark slide. An 
index is provided "hich sl;ows a progressive 
number each time the drawer is pulled out, 
indicating thp, number of plates changed. It 
is necessary to note the number of exposures 
made in one form of box, as the changing 
action does not stop at the last plate of the 
series, but repeats; but in another form the last 
sheath of the series differs from those preceding 
and the dra\\er "ill not operate, thus indicating 
the completion of the series. 
The ease and reliability of the changing boxes 
of this type, and indeed all changers, depend on 
good design and workmanship in the sheaths, and 
the bo
es will not function \\ hen they are deformed, 
especially in mechanical changers. A well-known 
changing box as df'scribed is the "Erncmann" 
(lea Co.), which operates by 8prings. This bo
 may 
be used for small or medium-sized plates. rp to .Jr! 
the type works \\ith twelve plates; above this size it 
is desirable to reduce the number, as the \\eight of 
ilie greater number is a bar t{) easy changing. 
Changing boxes of the gravity t,\pe are \\ell :.ho\\n 
in the .. Uichard" (Jules Richard) and in the 
.. Jacquet" (Tiranty). In this case the platcs are 
small. the boxu;; are made \\ ith precision in metal, 
and the system is seen at its best. The e
perience 
of 
years shows that "ith reasonable care they are 
relia ble. 
All changing boxes require care in usage, and 
some operators are temperamentally unable to 
observe the necessary caution, hence the principal 
difficulties which arise in their use. & tv w}lether 
or not they are desirable must be decided on 
considerations of general convenience. 


9 (6) P AXûRA:\1 CA'}IERAS. - It frequently 
happens that photographs are required 
embracing a large angular ., 
tretch" of 
country. Se,eral negati,es Dlay be made by 
rotating the ordinary portable camera on the 
head of the stand, and prints from these 
negatives may be mounted edge to edge. Such 
pictures, howe\er, "ill not join accurately. 
If, however, tbe camera be so mounted 
that the axis of rotation is "Vertically under 
the node of emission, this fault disappears, 
and cameras so mounted-"hich is quite 
simple-ha\
e been frequently used. Pano- 
ramic pictures may be made on film cun-ed to 
the arc of a circle, the image being formed by 
means of a lens mounted at one end of a tube 
which has a narrow slit opening at the other 
end and coming close to the film. The tube 
s\\ings through the arc of the circle about the 
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node of emiSSIOn of the lens. The image is 
therefore stationary and in focus at all positions, 
and, provided the movement is sufficiently 
rapid, the camera can be held in the hand. 
This principle is utili sed in the "Panoram 
Kodak" (Kodak), two models of which are 
available, giving angular pictures embracing 
112 and 142 degrees respectively. A further 
development is the" Cirkut " camera (Century 
Camera Division, Kodak). In this type a 
mechanism unrolls flexible film past a slit 
opening, and by the same means the camera 
is caused to rotate on the head of the tripod 
stand. Negatives may in this way be made 
from 5 to 16 in. high, and for various lengths 
up to 16 ft., according to the camera and 
the length and width of the film used. 

 (7) FI
DERs.-These are devices used for 
the purpose of indicating the amount of 
subject which would be included on the 
focussing screen of a given camera placed in 
the same position. In consequence, they 
may be employed in lieu of the focussing 
screen when the ordinary method of image 
adjustment by use of the screen is not practic- 
able, and further they are required in the 
photography of moving objects. They are 
essential with all types of hand camera (save 
the Reflex, the focussing screen of which 
renders external agency unnecessary), with 
kinematograph and aerial cameras. 
Finders are employed attached to the 
camera (or may form part of it), but finders 
may be used separately for preliminary 
observation, and are then, strictly speaking, 
to be regarded only as "view meters." The 
simplest device to use as a finder is the d. v. 
view meter, which is a small metal frame fitted 
with cross wires and a centralised rear sight, 
the sides of the frame having the same 
proportions as the camera plate, or is sometimes 
the actual size. The sight is placed at such a 
distance that view angle (plate) equals the 
field angle (subject), which distance may be 
determined by calculation or trial. The eye 
placed at the sight sees the subject through 
the metal frame, when correct pointing of the 
camera can be effected. In practice the eye 
is usually placed a little further away; this 
narrows the angle and gives a margin of 
safety, useful when moving objects are being 
photographed. In lieu of the wire frame 
there is sometimes employed a double or 
pIano-convex lens with a mask showing the 
plate proportions, which requires a fixed 
sight correctly placed. In practice it is 
difficult to keep the eye fixed, and these 
finders are not reliable. 
The instrument most frequently employed 
is the "brilliant finder/' which conRists 
generally of a little box ",ith a small lens 
in the front, a mirror fixed at an angle to its 
axis, and a horizontally placed lens '" hich 


acts as a magnifier to the image produced. 
The view is limited by a mask having the 
proportions of the plate, which mask is some- 
times rotating. Other form:::> of "brilliant 
finders" have been introduced, but the one 
indicated, if well made and accurately adjusted, 
answers the purpose. 
'Yhen the front of the camera is raised or 
lowered the ordinary finder as described is no 
longer reliable. To meet the new conditions 
the front supporting the image lens is made to 
raise and lower, and is in linkage with the 
rising and falling front of the camera, so that 
variation in the camera front automatically 
shows in the finder (" Idelltoscope "), whilst 
in other systems engraved scales are provided 
on finder and camera front, so that after 
arranging the view on the finder, which may 
mean raising or lowering its lens, the scale 
reading indicates the setting of the rising 
front to correspond (" "Cna ") and (" N. & G."). 

 (8) EXPOSING SHUTTERS. - These are 
mechanical contrivances for expo
ing the 
sensitive plate in the camera, generally, for 
brief durations. Several types are in use, of 
which the chief are (a) roller-blind, (b) focal 
plane, (c) between lens, and (d) flap. Both a 
and b are roller-blind shutters, but a works 
at the lens, whilst b is used in front of the 
plate. The rollpr- blind shutter is a flpxible 
opaq ue blind, in which there is a rectangular 
opening travelling vertically across the front 
or the back of the lens, the movement being 
caused by a spring-actuated roller, the tension 
of the spring determining the speed of rotation, 
and in consequence the duration of the 
exposure. The efficiency is increaspd by 
increasing the length of the opening-which 
should never be less than twice the lens 
aperture-but this requires an increase in 
spring tension as compared with a shorter 
length to secure equal exposure duration, and 
high spring tensions are conducive to vibra- 
tion. The blind opening must be wide enough 
to completely uncover the lens during exposure, 
and the framework of the shutter must not 
act as an obstruction, otherwise the margins 
of the plate will receive less illumination 
than the centre. 'Vhen the lens is hooded 
the hood should be removed and fitted on 
the mount as close as possible to the front 
combination, otherwise an unduly large shutter 
is required. This shutter is shown in Fig. 10. 
The focal plane shutter consists of a moving 
blind in which is a rectangular adjustable 
opening-a "slit "-that is slightly greater 
in length than the longer dimension of the 
plate. The blind is actuated by spring roller, 
and when released travels across the plate. 
The duration of the exposure at any part of 
the sensitive surface depends upon the width 
of the slit opening and the rate at which the 
blind moves. The shutter is built into the 
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back of the camera, which must be enlarged 
for the purpose. The construction should 
permit the blind being 
s close as possible to 
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FIG. 10. 


the plate, otherwise the efficiency is reduced. 
T\\ 0 types are in use. In one the adjustment 
for exposure, so far as concerns one de- 
terminant, viz. the" slit," is effected bv remov- 
ing the hlind from its channel and 
 altering 
the \\idth of opening by varying the length 
of the side cords or chains holding the parallel 
edges apart. The tension of the spring roller 
is then adjusted. 'Yith this form of the 
shutter (Fig. 11) care must be taken not to 
open the shutter 
of the dark slide 
before the hlind is 
wound, otherwise 
if the lens be un- 
capped the plate 
,\ill be accidentally 
exposerl. To ob- 
viate this difficulty 
and to simplify 
setting, "self- 
capping" shutters are employed. In this form 
the slit in the blind is dosed until the shutter 
is wound up so that the plate is protected 
from accidental exposure. The slit width is 
determined by an external setting device, 
the effect of which comes into operation 
when the blind is at the end of the wind. 
After exposure thE' slit automatically closes. 
and is ready for re\\inding for a fresh 
exposure. 
Focal plane shutters are necessary for very 
brief exposures. They suffer, howe-ver, from 
many defects - partly inherent, partly con- 
structional. _\ serious defect is that the 
images are frequently distorted, due to the 
fact that the whole plate is not exposed at 
once but in sections, and although these defects 
are not always obtrusive they neverthele
 
exist. 
The" between lens" shutter is 
enerally a 
spring-worked sector diaphragm which opens 
from and closes to the centre, not interfering 
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FIG. 11. 


"ith the ordinary diaphragm for reducing 
aperture. The shutter mount replaces the 
ordinary mount of the lens. 
uch shutters 
are very con-venient in use, but their efficiency 
is sometimes low, and their marked speeds are 
frequently not reliable. 
Flap shutters are described by their name. 
They are used as a convenient substitute for 
the cap for exposures of appreciable duration. 
A flap-generally a light frame covered with 
veh-et-is fitted in a mount which is fixed, 
generally, behind the lens. By means of a 
lever actuated pneumatically or by " antinous" 
release the flap is raised, unco-vering the lens, 
and is lowered after the exposure by releasing 
the pressure. They are sometimes made with 
the flap in two parts to open in the centre, 
which is the better plan. Such shutters are 
generally only used in the studio. As" ell 
as '" flap" shutters, a form of sector shutter 
actuated by pneumatic device is employed 
for this purpose and is to be preferred. 
For the methods of testing shutters, and 
the considerations of their efficiency, see 
"Shutters, Testing of Photographic," VoL IV. 

 (9) STA:XDs.-The support for the camera 
is an essential part of the equipment, and its 
I selection is generally an index of the user's 
judgment. Field or portable cameras are 
usually supported upon stands of the folding 
tripod type, although when employed as indoor 
instruments they are often mounted upon 
the rigid stand-the commonly termed 
.. studio" stand-which will, as a rule, be 
found more convenient. The portable tripod 
is madf' of wood or metal, and ranges in form 
from the massi-ve constructions "ith mechanic- 
ally tilting and rotating heads used for 
cinematograph cameras to the simple rule 
joint folding tripod, which folds compactly 
and serves a less exacting purpose. ".hilst 
wood is the more satisfactory material for 
the portable tripod for ordinary cameras, 
metal may be used, but really good stands 
would be more costly. Excellent tripods are 
made in steel tubing for cinematograph 
cameras. The most suitable wood is good 
well-seasoned ash, but other woods are em- 
ployed-oak, cherry, maple. Rigidity is the 
essential point, and to this other requirements 
must reasonably conform. Tripod legs should 
be long enough to permit of their extension 
to form a wide base without reducing camera 
height below average eye level. For con- 
\-enience th
 "legs" themselves are made 
folding and twofold with one adjustable 
element-usually t
rmed "threefold" -are 
satisfactory if '
-ell made, the strength of the 
mem bers of the stand being proportioned to 
the size and weight of the camera to be 
carried. The H head" should be for relia- 
bility approximate in width to the base of 
the camera. and the terminals of the legs 
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shuuld be fhed to this as far apart as practi('. 
able. Heads are freq uentl,v provided with a 
tilting top, which is useful for architectural 
photography, and with universal heads to 
enable the camera to be levelled when the 
stand is in any position. Small ball-and- 
socket supports are, huwever, unreliable, 
except for tiny cameras. 'Yhatever form is 
adopted, camera and stand should feel as if 
one, and the system should particularly resist 
torsional stress. For cameras used in the 
studio or indoors, permanent stands of the 
rigid tripod or t\vo-pillar form, with tilting 
table and full range of rise and fall, are 
employed, the portable tripod being incon- 
venient and sometimes impracticable. For 
indoor work of a technical character a simple 
rigid tripod with rising pillar support, fixable 
by friction clamp, answers quite well, but for 
portrait work in the studio the requirements 
are greater. 

 (10) ENLARGERs.-Enlarging is a general 
term applied to the process of amplifying 
photographic images. Any camera system 
when the camera extension is sufficient to 
provide for the greater focal conjugate, will 
suffice in principle and is frequently used in 
practice. Actually, the enlarging equipment 
of many photographers is provided by using 
the ordinary camera in a darkened room, the 
instrument with the negative in place of the 
focussing screen (for a simple demonstration) 
being supported with its back before an 
aperture in an opaque screen fitted to the 
window frame. Outside the window is fixed 
a white diffusive reflector at an angle of 45 0 , 
which serves to illuminate the pegative uni. 
formly. Opposite to the lens is arranged a 
board covered \vith white paper upon a simple 
easel. By adjusting the respective distances 
of lens to negative and board to lens a sharp 
image enlarged to a particular amount will 
be formed, and en'ntually this image may be 
c
i,Used to faU upon a sheet of sensitive paper. 
In Fig. 12 an arrangement on this principle 
is shown. A carrier for the negative is fitted 


FIG. l
. 


in the window frame, and the camera (with 
reversing frame removed) is arranged with 
its baC'k close to the negative, extraneous 
light being excluded. The easel centred t,) 


the lens runs on a hoard as sho\\ n, and is so 
fitted as to be parallel with the negative 
lt 
any distance. The apparatus is simple, in- 
expensive, and efficient. 
Special apparatus is, however, designed for 
the production of enlargements, and its use 
involves fewer restrictions. Practical con. 
siderations generally require that the work 
be done by artificial light, at least in those 
countries where atmospheric conditionR are 
inimical to uniformity, and, moreover, the 
necPssity for providing for extended periods 
of work and at all times of the day and season 
require the use of sources of illumination 
additional to daylight. 
The principle of the construction of the 
optical lantern underlies that of the artificial 
light enlarging apparatus, the elements being 
luminant, condenser, negative carrier, pro- 
jecting lens, and screen, but in many in- 
stances an "extended source" of light is 
employed, in which cases the principle is 
simplified by the omission of the condenser. 
A typical enlarging lantern comprises the 
" lamp-house" (containing the luminant), 
which is connected by bellows with the con- 
denser body, beyond .which is the negative 
carrier frame, and this, on the other side, is 
attached by a bellows to the front holding 
the projecting lens. The condenser is fixed, 
but the "lamp house" and lens front can 
be moved to and fro. The condenser and 
projector are mounted in line axially, and 
the luminant can be centred with these. 
l\Ieans are provided for raising and lowering 
the carrier, for its lateral movement, for 
swinging horizontally about a central axis, and 
for rotating it in a vertical plane. 
The lantern as a whole may be conveniently 
mounted upon rails, upon which moves the 
screen easel, so that the two can be moved 
to and fro for adjustment of size of image, 
parallelism being maintained. 
\Yith respect to the luminant. 
It is desirable that this, for optical reasons, 
be small in size, and to secure reasonably 
short "exposures" of the sensitive surface, 
intense. The small "enclosed" arc lamps, 
with right-angle carbon pencils, are convenient 
and efficient, but a " half watt" electric glow, 
with a suitable "concentrated" filament, or 
the tungsten arc (" Po into lite "), have many 
advantages and are more uniform in radiation. 
Acetylene, incandescent mantle (coal gas or 
spirit heated) are used with success. \Tertical 
incandescent mantles often occasion difficulty 
owing to the large size of the illuminated area., 
and its frequent unevenness is a source of 
trouble. The inverted form is generally freer 
from these objections. It is often found that 
an image of the mantle appears on the screen. 
This may be avoided by placing between the 
condens('r and source a piece of ground glass. 
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This then becomes the source, and rightly used 

hould be provided with an adjustment to 
control the distaJlce between itself and the 
light. .From a purely optical point of ,.iew 
its use is to be deprecated. On the other 
hand, optical arrangements are frequently 
considered without taking account of purely 
photographic necessities. The image deposit 
in a negative is, as a rule, appreciably" grainy," 
and this causes "scattering" of the light, 
with the result that the gradations of tone 
in the enlargement are falsified as compared 
"ith those in the negative. Sot only so, but 
flaws of a mechanical nature in the negative 
are often unduly apparent in the enlarged 
image, and the same applies to the marks of a 
spotting brush or retouching pencil. 'Yhen 
the luminant is small these are. if not ex- 
aggerated, often unpleasantly visible; on the 
other hand, when the light is diffused, as "hen 
ground glass is employed, this objectionable 
appearance in the enlargement is not so mani- 
fest, so there is often a gain in departing from 
purely optical dictates. The ground glass is, 
however, something which upsets the action 
of the condenser when employed in the usual 
way, more particularly if placed on the 
siJe next to the negative (n hich is sometimes 
done), and this should be remembered. 
'Yhen condenser systems are employed, it 
is nece
sary for even illumination of the 
negath-e that the diameter of the condenser 
be slightly greater than the diagonal of the 
negati\Te, so that the whole area of the latter 
shall be included in the base of the cone of 
light. In practice this means placing the 
negative as close to the condenser as practic- 
able. The focal length of the condenser 
should be suitable for the projector employed, 
or it may be found impossible even by adjust- 
ing the di::;tance of the luminant to provide 
even screen illumination for every amplifica- 
tion desired. 
If the negative is to be enlar
ed as a whole, 
and it he placed centrally, the raising, lowering, 
and lateral movell1ents would not be required. 
But in practice it is frequently necessary to 
enlarge a portion only of a negative, and this 
not in the centre. It is desirable to place 
thi
 area central to condenser and projector, 
and the movements named are wanted. 
Tilting devices are for the purpose of 
correcting convergent distortion, which some- 
times is produced in photographic negatives. 
For correct restitution similar arrangements 
must be provided to the screen receiving the 
enlarged image. Complete restitution of con- 
vergent distortion is a difficult and complicated 
mattpr, and the arrangements necessary are 
reasonably omitted from the ordinary enlarger. 
being required seldom and greatly increasing 
the cost. 
The rising panel generally fitted to the front 


of the enlarger, by means uf "hich the lens 
can be moved in a vertical plane, is not 
req uired, its u
e being wrong in principle, 
for the axis of the condenser and the axis of 
the lens should be one continuous line; more- 
over, it is quite unnecessary. The focussing 
adjustment fur the front should be ,. fine," 
and it i
 a great advantage to have the means 
of focussing when the user is near to the screen. 
Tilis is sometimes effected with enlargers 
having a central focussing screw (instead of 
rack and pinion at the side) by means Qf an 
extension rod fitted with Hooke's joint 
(" Ensign Premier," Houghton). 
The projecting lens used is frequently that 
provided with the enlarger by the makers; 
equally it may be the one employed in making 
the negative, provided that the aperture be 
sufficient and the focal length suitable to the 
negative and the condenser-with daylight 
enlargers only the negative need be con- 
sidered. The lens should be well corrected, 
and it is desirable that its principal focal 
length be not less than 11 times the diagonal 
of the negative to be enlarged. '{he aperture 
of the projecting lens permissible is largely 
governed by the size of the light source 
-with large sources, as an incandescent 
vertical mantle, a small angular aperture 
would mean inability to obtain an evenly 
illuminated screen. In practice it is desirable 
not to select a lens \\ ith an aperture less than 
F/6. There is no objection to the use of a 
lens having a greater focal length in relation 
to a particular negative than that specified, 
save on the ground of convenience. The 
increased distance required for large magnifica- 
tion may cause practical difficulties, and the 
ordinary condensers of commerce are not 
made for use with such objectives. In many 
respects increase of focal length would be 
advantageous. 
'Yith'respect to scrpen or supporting sensi- 
tive paper. a plain board mounted upon an 
easel pro,.ided with the means for clamping 
on the rails so as to remain where placed is 
generally sufficient. 
The board should be well framed to pre\ent 
warping, and may be covered with cork 
linoleum glued down, upon which a sheet of 
\\ hite paper has been pasted, or, better than 
the white paper, the linoleum can be painted 
\\ith white "water" paint, renewed when 
dirty. There are, however, se\eral special 
forms of easel which are con\enient, and take 
\arious standard sizes of paper. 
'Yhen a plain board easel is used a lens cap 
should be employed, glazed with a .. safe" 
red glass or celluloid, and the paper is ad- 
justed to the image as seen on the easel. 
For makin1! enlarged negatives a special 
easel, with carriers to take the plates, i
 very 
convenient, focussing being effected u!)on a 
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piece of ground glas:i used in the carrier. The 
enlarging lantern is frequently used for the 
purpose vf making" reductions," i.e. pictures 
smaller than the original negative, as in 
lantern slide production. Fur this purpu8e it 
is well to have a special easel with a small 
focussing screen 31 x 31 in., which swings out 
of plane when the image is focuss3ù, when 
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FIG. 13. 


the sensitive plate contained in a similar holder 
takes its place. 
Many efforts during recent years have been 
made to make camera systems, employed for 
copying and enlarging, "self-adjusting" or 
" self-focussing" or "automatic," either by 
setting to scales or, for the adjustment of the 
two focal conjugates, by means of cams and 
other devices. The apparatus is illustrated 
in Fig. 13 (Houghton Butcher). In this, 
focussing is effected by a device which in 
one movement adjusts lens to negative 
and screen to lens. To the lens panel is 
fixed a curved arm attached to one end of a 
right-angle earn, thp other end of the earn 
terminating in a wheel that traverses a curved 
rail graduated to suit the focal length of the 
particular projector. The curved rail is fitted 
to an extension of the base of the easel, which 
is provided with a rack and pinion. As the 
easel is moved to and fro the wheel on the 
earn moves in the curved rail and adjusts the 
distance of the lens front. Focussing is, 
therefore, automatic, following the adjustment 
of the easel for the size of the image desired. 
A further advance in this direction has been 
made by the introduction of the" Projection 
Printer" (Eastman), shown in Fig. 14. The 
apparatus consists of a camera supported 
above a screen upon \vhich the image is 
projected. The camera unit consists of a 
" lamp-house" holùing a 250 watt gas-filled 
metallic filament lamp, supported above the 
negative carrier, the sight arpa of the negative 
being regulated by means of adjustable 
masks. Below this there is arranged the 
projection lens, which is connected with the 
negative carrier by means of a bellows. 
The mechanism for "focussing" (using the 
term in its general sense) "consists of a 


earn and gear, the gear controlling the 
mo'
ement of the lens in relation to the 
negative, and the cam controlling the muve- 
ment of the gear as the printer is raised or 
lowered to alter the size of the negative." 
The swinging arms carry the camera unit, 
the balance being arranged that this portion 
of the apparatus moves 
up and duwn without 
difficulty, and as this is 
done the image varies 
in size, always remain- 
ing sharp. The paper 
is adjusted upon the 
screen below, and the 
margins are controlled 
by two right-angle 
masks. The light is 
controlled by fuot- 
- s\vitch. To clinlinate the 
defect in enlargements 
previously referred to, 
that of blemishes or 
marks in the negative being eliminated or 
reduced in the print, there is provided a series 
of optically worked glass diffusiun discs which, 
placed over the lens, control the definition of 
the focussed image. This beautiful device is 
particularly valuable with portrait negatives 
which have been retouched, for with such 
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negatives there is always unpleasant pro- 
minence given in the enlarged print to the 
marks of the pencil in ordinary artificial light 
condenser enlarging systems. The apparatus 
takes negatives up to 7 x 5 in., and the range 
uf amplitude from this size is fr01Il 10 x 8 to 
56 x 40 in. There is a smaller size taking 
5 x 4 nega ti Yes. 
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If the light source be much enlarged, so that 
it is greater than the negati\
e, the condenser 
mav be eliminated. This is the "e
tended 
sou'rce" system, and is now employed in 
many establishments very satisfactorily for 
the making of enlarged prints, particularly 
from big negatives. Enlarging apparatus 
constructed on this system use a brilliantly 
and uniformly illuminated area behind the 
negative, the Ìight being either" transmitted" 
or ,. reflected." The initial source is gener- 
ally a series of fairly closely placed straight 
mercury vapour tubes, or. for compactness, 
a specially constructed M -shaped tube. The 
light from this relati\""ely large source is further 
diffused by sheets of suitably disposed ground 
glass. The system is shown in principle in 
the simple daylight enlarger shown in Fig. 
12, the illuminated \-ertically arranged ground- 
glass screen taking the place of the opaque 
white diffusive reflector shown. In practice 
an indoor enlarging room is constructed with 
suitable movements for adjusting the lens to 
the negative and easel to lens. If an opaque 
screen be employed instead of the translucent 
arrangement it is generally illuminated from 
the front by carbon arc lamps or, for small 
equipments, by a series of gas-filled half-watt 
lamps, the negative being shielded from the 
direct light of the source employed. 
There are many advantages, technical and 
economic, "\\ith an app:uatus of this character. 
The light source requires no alteration for 
different deíSrees of enlargement-a matter of 
moment in industrial production-whilst with 
a condenser system adjustment' must be 
made whenever there be a change of amplifica- 
tion. Enlargements made on this principle 
are far better as regards photographic quality, 
because the system of illumination by an 
extended diffu
ed source is more suitable to 
the physical condition of the image in the 
negati\Te, and, moreover, the enlargers are able 
to deal \\ ith large negatives which would be 
impracticable by means of condenser systems. 
Extended source illumination enlargers- 
non-condenser systems-are becoming largely 
used in the form of vertical enlargers. Here 
the apparatus is fixed to the wall and occupies 
small space.! 
Enlargements of small amplification, small 
box "fixed-focus" enlargers, are employed 
generally for daylight, and by these an 
enlarged print may be obtained by the 
simple operation of placing a negative at one 
end and a piece of sensitive paper-generally 
heLd in a dark slide-at the other, and exposing 
by turning the negative end towards the sky, 


1 For!'pedal apparatus see" The Printol" (Brown), 
British Journal of Photography, April 2:3, 19
(), p. 
,jï. 
For simple form of thi
 convenient trpe 
ee d' Arc}" 
Power, H.. British Journal of Photo{Jraphy, 1909, p. 
4;5, and 1916, p. æs; and British Joumul oj Photo- 
graphy Almanac, 1910, p. 583. 


or towards a' white screen illuminated by 
daylight or on occasion Ly artificial light. 
)lore convenient enlarging boxes are made to 
work in conjunction "ith particular patterns 
of hand cameras for which they are designed. 
9 (11) HA:SD CA
IERAS. - The hand - held 
camera implies" exposures" of brief duration, 
and these have been rendered possible by the 
speed of the modern sensiti\
e surfaces, and 
the production of satisfactory images by means 
of lenses of large angular aperture, \\ ith the 
subsequent elimination of the tripod and all 
that its use implies. Convenience dictates the 
employment of apparatus compact and easy 
to carry, simple in operation and quickly 
made ready for use, The employment of small 
plates from which enlargements could subse- 
quently be made has reduced the necessity 
for large direct work, and the use of rolla ble 
film has caused photography to appeal to an 
ever-widening circle. 
It is difficult, unfortunately, to find any 
form of classification for hand cameras which 
shall be really helpful and have, at the same 
time. the advantage of a logical justification, 
for hand cameras are the most individualistic 
things amongst photographic apparatus. The 
term" hand" camera is not in itself a distinc- 
tion, and certainly not an exclusion, for any 
hand camera can be used as a stand camera if 
the operator so desires. The most distinctive 
introductions, so far as concerns type, have 
probably been the" Eclipse," which was the 
parent of one important class of folding camera_ 
in use to-da,' the" Reflex," and in respect to 
far - reaching' effect, the folding "Kodak," 
which embodied the idea of rollable film- 
holder and camera in one. 
)Iodern hand cameras are, essentially, small 
picture cameras, the sizes ranging from 2l 1J x 
11 to 5 x 4 in., and occasionaJly 6l x 41 in. 
or "half-plate." They are used for plates 
or cut films, or both, but when the film is 
rollable the camera is generally made for this 
purpose. 
A consideration or general application is the 
method of focussing. Disregarding the reflex 
(and the no\\ seldom used" twin-lens" type) 
camera the actual image to which the plate 
will be exposed is not seen prior to e
posure. 
The amount of subject included and the 
position of any portion therein, say the 
principal object, is observed by means of an 
external instrument--a "finder" (q.
'.). The 
focu::$sing may be done by judging the distance 
of the object and then setting the lens for that 
distance by means of a scale provided. The 
minimum distance of lens to plate ,\ill be 
when the lens is set for an object at " infinity," 
but in practice this position on the sC3.le i8 of 
little value save 3.S a datum line, for the best 
definition is seldom required for objects at a 
considerable distance. If the C3.mera be of the 
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"fixed fucus" type the setting uf the lens 
should he for an object at the hyperfocal 
distance of that lens \\ hen useù at its maximum 
aperture. This plan secures sharp definition, 
for the greatest depth of field and objects 
exceeding a certain minimum distance are as 
well defined as possible with thut particular lens. 
'Vhen the lens is set this way the depth of 
field may he taken, practically, from about 
half the hype ducal distance onward to 
"infinity." The minimum distance becumes 
less if the aperture be reduced and therefore 
the depth of the field increases. 
The "fixed-focus" cameras are advisedly 
only used for small phtes when lenses of 
relatively short focal length may be employed. 
If, as is genemJly the case, the angular 
apertures are small the hYlJerfocal distance is 
near to the camera. 'Yhen, therefore, the 
lens is set for an object at the hyperfocal 
distance, the "near point" being half this 
distance and the" far point" being" infinity," 
the depth of field is well extended. In 
conseq uence, by conforming to certain condi- 
tions such apparatus has considerable useful- 
ness. .By the employment of supplementary 
lenses readily attached to the camera lens, 
objects quite near may be brought into sharp 
focus. It should be remembered that hyper- 
focal distances are " extra focal." 
In the majority of instances, when the 
camera has a focussing arrangement it involves 
the movement of the lens, either the front as a 
whole moves or the lens may be moved by a 
" focussing flange," the front remaining fixed. 
For accurate and easy working efficient 
scaling is necessary, more particularly as the 
negatives are frequently used for enlarging. 
It is desirable that a scale in yards be provided 
for the particular lens, so that when the 
index on the moving portion be set to any 
distance - mark un the scale the operator 
may know that an object at that distance ,vill 
be " sharp" upon the plate. Focussing thus 
becomes a matter of judgment. But the 
production uf the maximum sharpness for 
an object in one plane is unly a particular 
case, although one frequently important in 
practice. ::\lore gener':Llly the operator desires 
to know the setting which will yield the best 
general definition for a series of objects situated 
within a certain range of distance from the 
camera, and for this "depth of fielù " scales 
are necessary. This form of scale can serve 
to some extent for both purposes, but since 
the numbers arc not in simple sequence it is 
better to have in addition a separate scale in 
yards suitably graduated for what may be 
defined as "object focussing," for such work 
often enta.ils rapid decisions, and any 
complication militates against quiC'k conclu- 
sions. The two scales are now provided with 
some of the best types of camera, and can 


always be added to any fOl:usbing camera 
when desired. 
In a reflex camera focussing is performed in 
the usual way. The image formed by the 
lens undergoes a directional change by means 
of a mirror, and is received upon a focussing 
screen at right angles to the plate. 'Yhen 
the camera is held in the ordinary way the 
focussing screen is horizontal, and being 
suitably shrouded from extraneous light the 
operator looking down on the screen sees the 
image formed by the lens. The camera is 
therefore its own finder, and by actuating the 
focussing screen the image may be focussed 
as desired. The shutter release as a first 
action lifts the mirror out of place, and when 
the plate or lens is uncovered the image 
observed on the screen falls on the plate. 
Practical considerations dictate compactness 
in bulk, and folding cameras are the most 
generally used. "'hen the cameras are small 
the term" pocket" is used, but the size is the 
only criterion for this distinction. 
A most useful furm is when the camera 
opens concertina fashion, and the front and 
back are held a-part by means of metal struts, 
or by side wings as in the parent form the 
"Eclipse." The front, when the camera is 
extended, is at such a distance that the plate 
is practically at the" infinity focus" or prin- 
ci pal focal distance of the lens; any further 
extension required for focussing near objects 
is obtained by altering the distance of lens 
to plate by means of the "focussing flange" 
in which the lens is mounted. The exposing 
shutters are either focal plane or "between 
lens." This form is probably the best for 
ra pid manipulation. 
A type of hand camera follows the genC'ral 
style of the "light - form" portable field 
camera (q.v.), where the base board falls, and 
the front-to which the bellows are attached- 
draws out on the base, and focussing is effected 
by moving the front to and fro. Consider the 
focussing screen (where present) protected, and 
that the whole of the movements are enclosed 
when the camera is folded, and there results 
one of the most important forms of hand 
camera. Such instruments are provided "ith 
focussing adjustments, rising, falling and 
swing fronts, reversing back, focussing scales 
and finder. The exposure device is either a 
focal plane or " between-lens" shutter. These 
cameras are employed for plates, held in dark 
slides, or for cut films. Examples are shown 
in the" Una" (Sinclair), "Vesta" (Adams), 
" Sibyl" (Newman Guardia), and "Sander- 
son" (Houghton Butcher). 
The typical camera for roll film is the 
folding kodak (Kodak, Ltd.). This apparatus, 
when closed, is self-contained, the sensitive 
material being held in a spool in the camera. 
The "base
' on release falls and lucks in a 
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hurizontal position, and the front draws out, 
sliding upon parallel guidcs in the base, 
focussing being eff
cted by means yf rack 
and pinion. The e
ential movement:::; are 
provided as in any other camera, but additions 
and refinements are provided in the many 
forms available. A distinctive feature of the 
kodi.tk type is the employment of the" day- 
light-loading.' spool of film, by means of "hich 
the camera can be replenished even under 
open-air conditions, a convenience which has 
had a most important bearing upon the 
diffusion of the practice of photography. 
The sensitive film is changed after each 
exposure by a winding key, and an indicator 
is provided sho\\ing "hen the change has 
been completed. The exposure is made by 
means of a ., between-lens" shutter. In the 
" Kodak" camera known as " Autographic" 
there is pro"\ided the means to inscribe the 
title of each exposure upon the film before 
changing, and the developed pictures bear 
their own record. 
The distincti\-e principle of the "Reflex" 
camera has alreadv been described. 'Ihis 
camera is advisedly the best for the more 
studied work of those advanced photographers 
with whom careful pictorial composition is the 
rule. Although good composition is deter- 
mined by a visual study of the subject itself, 
it is undoubtedly an advantage to be able to 
see the image upon a screen, the same size 
as thp plate, before exposure. Inasmuch as 
the essential requirements of a good camera 
remain constant, there is only the special 
addition to be considered. The ordinary 
reflex employs a focal plane shutter, it being 
neces
ary to protect the plate "held in 
waiting" from exposure until the mirror is 
lifted out of the \\ay, the perfect closing of the 
top of the camera so as to prevent extraneous 
light from entering through the finder screen 
being essential. The drawback in many re- 
spects to the focal plane shutter is that it 
is -not entirely satisfactory for the relatiyely 
slow exposures required in much reflex camera 
\\ ork, especially that of the pictorial kind. 
This drawback has been overcome in the 
"X.S. Reflex," \\ here the focal plane blind 
has been eliminated and a "bet\\ een-lens " 
shutter substituted. A supplementary flap 
protecting the plate follows the mirror when 
the release is pre9sed; this flap, however, 
only comes into action when the lens shutter, 
open for the focussing, has returned to the 
closed condition. By this deYice the plate- 
uncovered ready for ex-posure-is protected 
until the lens is covered, and the mirror having 
risen excludes any light which other" ise would 
enter the camera through the ground-glass 
finder screen. A t this stage the exposure 
takes place. A mogt important necessity in 
the reflex camera is the perfect functioning 


of the release systcm which cuntrols the 
S{>q uence beh\ een" the raising of the mirror 
and the exposure. 
As an e
ample of the reflex camera the 
" Soho " (:\Iarion) may be cited. 
The reflex camera is of necessity somewhat 
bulky and relatively heavy, but \\ith the 
tendency to employ small sizes this drawback _ 
to the use of a beautiful instrument is 
mitigated. To overcome the bulk difficulty 
folding reflex cameras have been made, but 
it may be observed that the folding principle 
does not recei\-e its best exemplification in the 
reflex camera. 
As well as monocular cameras the stereo- 
scopic principle is applied to hand cameras, 
and in these to-day it finds its principal use. 

 (12) AERIA.L CA:\IERAS.-The aerial camera, 
leaving aside the forms employed in survey 
during the last 60-70 years, owes its develop- 
ment to recent military necessities. As 
originally designed for the purpose of recon- 
naissance, the aerial camera was, essentially, a 
simple fixed focus box camera of wood or 
metal provided "ith a lens of large angular 
aperture, a focal plane shutter, and a simple 
finder, the plate being placed at the principal 
focal distance of the lens. The plate recep- 
tacle used was either a changing box or some 
form of single or double plate holder. The 
camera was hand held. The principal focal 
distance of the lenses employed was 8.23-10 in. 
To avoid the many difficulties inherent in 
hand-held cameras, the apparatus was after- 
wards fixed externally to the side of the 
fuselage of the machine, or internally. 
E,-entually the camera was fitted with a 
simple ch"anging device. The plates held in 
steel sheaths were contained in a magazine, 
and were received after exposure in a recep- 
tacle of the same kind. The apparatus was 
operated by hand, the plate being changed 
and the exposing shutter set by one operation, 
exposure follO\\ ing at \\ill by actuating the 
shutter release, and the cycle was repeated 
for the next plate. Subsequent developments 
led to a much improved changer system and 
to the building of the camera "holly of metal. 
The camera was also separable into h, 0 
portions, the upper part or body forming the 
changer system "ith the shutter, and the 
lower-the cone-holding the lens. By the 
use of cones of different lengths it was pm.sible 
to utilise lenses ranging from 4! in. to 20 in. 
focal distance. The shutter \\ as made detach- 
able and of the self-capping type, "ith e
ternal 
adjustments for slit \\ iäth. In this apparatus 
changing the plate and setting the shutter is 
performed by mechanism operated by hand 
or by moti,.e power derived from a small 
independent propeller on the e
terior of the 
aeroplane, drÎ\-en by the current uf air as the 
machine travels through sl>ace. The camera 
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can be used intermittently for single photo- 
graphs or continuously for a series, determin- 
able at will, so long as plates remain in the 
magazine. The camera mechanism can be 
put in or out of action when at a distance 
from the observer by means of a Bowden 
wire. To avoid the effects of vibration the 
apparatus is fitted on a epecial cushioning 
device. The negatives made in small cameras 
(5/4 in., 9 x 12 cm. and 13 x 18 cm.) may be 
enlarged, but, in lieu, negatives of greater 
size may be made in cameras of similar form 
to those indicated, using dark slides or 
magazine changers hand operated, or in 
automatically worked apparatus, all of which 
methods having yielded good results even 
under the relatively trying conditions of aerial 
flight. To avoid the use of plates, roll film 
cameras of different types, automatically 
driven, have been used. Attention has been 
paid in every country interested in aerial 
photography to the design of these cameras, 
and it is probable that in these the main line 
of development will be made in the. future. 
One of the principal difficulties with film 
cameras is the \-vant of planarity of the film. 
In one form of apparatus it has been sought 
to overcome this trouble by pressing the film 
against a phte of glass, and in other instances 
suction devices have been employed to main- 
tain the film flat in the focal plane, and this 
plan offers probably the fewest drawbacks. 
c. W. G. 
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PHOTOGRAPHIC LENSES 

 (1) I
TRODUCTORYo-The lens in photo- 
graphy is employed to concentrate a large 
amount of light of certain wave-lengths in the 
form of an image of external objects on a thin 
layer of sensitive matter which is otherwise 
shielded from all light. Convenience requires 
the sensitive layer to be in the form of a plane, 
and the exceptions to this rule may for the 
purposes of the present article be neglected. 


According to elementary theory a lens pro- 
duces, for light of any given wave-length, 
collinear images of all points, and consequently 
the image of a plane is itself a plane. Accord- 
ing to this tlÏeory any lens, if achromatic, will 
tend to give a plane image of say a picture, 
and this image will be an exact copy of the 
original picture if the axis of the lens meets 
the plane of the picture at right angles. By 
choosing a position for the lens at a suitable 
distance from the picture the image may be 
made as large or as small as is desired, and 
thus any lens which transmits a cone of rays 
wide enough to include all parts of thp picture 
will be suitable for the reproduction of the 
picture to any size required. This conclusion 
has to be modified when aberrations are taken 
into account, but, except with lenses of very 
large aperture, it is sufficiently correct for 
most photographic work provided the lens is 
of good design. 
The case of the plane object, which is almost 
invariably the only one considered in text- 
books, is not the most frequent one in actual 
photographic work. The typical problem is 
the reproduction of a scene out of doors wh
re 
objects at very varied distances from the 
lens are included within the angle of view. 
Some of these it is desired to have recorded 
in sharp focus on the sensitive layer though 
they may be at different distances from the 
lens, and again it may be desired that other 
objects shall, as far as possible, not be evident 
in the reproduction on the sensitive surface. 
Moreover, some of the objects may be in motion, 
and the time during which the surface may 
be exposed to light has therefore to be made 
small. Hence the aperture of the lens is 
required to be large in order to transmit 
sufficient light in small intervals of time. In 
many cases the image is required to cover a 
large solid angle also. All these considera- 
tions introduce special difficulties, some 
tending in their influence on the design of the 
lens in one direction, others in an exactly 
opposite direction. It will readily be appreci- 
ated that under the circumstances considerable 
diversity is called for in the design of lenses, 
and that even so each one represents a com- 
promise between conflicting requirements, 
the aim of the maker being to balance the 
desirable qualities in such proportions that each 
lens he manufactures will be found sufficiently 
satisfactory by a large class of users. 

 (2) CE:NTRAL ILLUMINATION. (i.) The 
Stop.-However small they may appear to 
be, all the objects suitable for terrestrial 
photography must be regarded as of finite size, 
and it follows that in considering the illumina- 
tion at any part of the image the finiteness of 
the size of the image must be taken into 
account. Suppose that the centre of the field 
of view is occupied by a small plane object of 
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area 
 placed normal to the lens a:\.is. If the 
distance between the object and the lens 
is d and the area of the stop is A, the total 
amount of light from the source which passes 
through the lens will be represented with 
sufficient accuracy for our purposes by 
ISA 
d 2 ' 
where I is proportional to the light given out 
by unit area of the object. If the lens is 
properly designed, all this light, \\ ith the 
exception of a proportion which is unavoidably 
reflected or scattered when the light is re- 
fracted at the surfaces of the lens, will I'f"ach 
the sensitised smface. If the area of this 
image is S', the illumination on unit area of 
this surface will be 


ISA 
S'd 2 ' 


If the stop is so placed that its images are in 
the unit planes, that is to say, if the stop image 
a ppears of the same size when examined from 
the front of the lens as when seen from the 
back, and d' be the distance between the 
second unit plane and the image of the object, 
then, since the magnification m is measured 
by the ratio of thf' distance of the image to 
the distance of the object, we have 
d'2 S' 
- = 1n 2 = - -. 
d 2 S 
It follows that the brightness of the image is 
proportional to 


IA 


d'2 ' 


or 


7T'I ( a ) 2 
"4- (f ,. 


where a is the diameter of the stop when this 
is circular. 'Yhen the object is fairly distant 
d' differs by a negligible quantity from f the 
focal length of the lens, and the exposure 
required to produce a satisfactory impression 
on the sensitive surface is therefore propor- 
tional to (fl a ) 2. The sizes of stops a
e most 
generally denoted by numbers which indicate 
the values of fla, and it is customary to 
designate tbe rapidity of lenses by quoting 
the smalle::,t value of this fraction for which 
the lens can be used. Thus a lens maY be 
described as having the rapidity f/"1:, me
ning 
that the diameter of the largest stop it is 
possible to use is equal to one-quarter of the 
focal If'ngth. Such a lens would only require 
an e:\.posure of one-quarter the time necessary 
with one in which the largest stop is f18, or 
one-eighth of that wanted "hen a stop as 
small as fIll is required. 
(ii.) The Effect of Distance.-'Yhen the object 
considered is not very far a way the image is 
removed to a greater distance from the lens, 
so that d' increases; the image falls off in 


brightness though the object remains equally 
bright. This is partly the reason why in a 
photograph of a scene in which both near and 
distant objects are included the former appear 
unnaturally dark. In copying a plane picture 
on any given scale the increasp in the time of 
exposure required is independent of the focal 
length, since under these conditions the ratio 
S : S' is given and d and d' are proportional 
to the focal length. In the case of natural 
objects the re::mlt, ho\\ever, is dependent on 
the focal length, and our standard of com- 
parison is provided by the effects we see "ith 
our eyes, instruments having a Vf:'ry short 
focal length. By a very well known optical 
formula the linear magnification for an object 
distant d from a lens of focal length f is 


(1) 


f 
(f - d) ' 


and therefore (1) becomes 


q(])2(1_
)2, . 


(3) 


(2) 


and the illumination falls off the more rapidly 
the greater thp value of f. Taking 15 mm. 
(0.6 in.) as the focal length of the eye, the 
variations in light intensity due to proximity 
will be at least 5 times as great" ith a lens of 
ï5 mm. (3 in.) focal length as \\ith the eye, 
and at least 20 times as great with a lens of 
20 cm. (12 in.) focal length. This character- 
istic indicates that under certain circumstances 
there may be a considerable gain in employing 
a lens of short focal length and enlarging the 
resulting picture rather than in taking a view 
directly of the size ultimately required. 
(üi.) Scattered L1'yht.-It has been mentioned 
already that a certain amount of light is 
inevitably scattered at each refraction. The 
amount so lost is far more detrimental to the 
production of brilJiant images than the su b- 
traction of the corresponding amount of light 
from the incident beam would indicate, for 
some of the scattered light from intensely 
illuminated objects "ill fall upon part-s of the 
image corresponding to dark objects, with 
the result that a flattening in the tones of the 
image takes place. It i8 important to avoid 
this as much as possible, and it follows that 
lenses which have a small numb.er of glass to 
air surfaces tend to produce brighter pictures, 
as the amount of light scattered is almost 
entirely due to refraction to or from air, 
that dispersed at surfaces" here two glasses 
are cemented together being in comparison 
negligible. 
It should not, however. be supposed that 
the presence of a number of such glass to air 
surfaces is the chief cause of flat photograph
. 
Far more serious sources of trouble in Illany 
cases are due to carelessness in allO\\ ing bright 
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light from a source outside the proper field of 
view to fall upon the interior of the lens mount 
on the one hand, and to an attempt to secure 
undue compactness in the apparatus on the 
other, which leads to the omission of a lens 
hood, and still more serious, to the use of too 
small a bellows to the camera, causing a great 
deal of light to be reflected from the bellows 
on to the plate. .A proper bellows should be 
large enough to allow two or thref' flexiblf' 
stops to be inserted which will intercept light 
that might otherwise cause general fogging. 

 (3) ILLU!\UNATION IN THE OrTER PARTS OF 
THE FIELD.-Suppose now there is in the outer 
parts of the field of yiew another area similar 
to that at the centre, of the same brightness 
and in the same plane. Let the angle madE" 
with the axis by the line joining the centre 
of this area to the centre of the stop be 4>. 
Suppose the object behaves as a self-luminous 
body. Then the amount of light emitted per 
unit area in a direction making an angle 4> 
with the normal to the smface is proportional 
to cos 4>, so that I must be replaced by I cos 4>. 
The stop seen from the object appears fore- 
shortened, its area being apparently _\ cos 4> 
instead of A. This substitution must there- 
fore also be made. Further, corresponding 
to the distance d we have the increased 
distance d sec 4>. Sand S' are of course un- 
changed. Taking all these factors into con- 
sideration, it appears that the illumination 
in the image of an evenly illuminated object 
falls off in proportion to cos 4 4>. The accom- 
panying diagram (Fig. I) exhibits this graphic- 
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ally in the curve AA'. It will be seen that 
when 


4> =20 0 the i11 1 1mination is reduced by 22 per cent. 
4>=2;)0 33 
4>=30 0 44 
4>=35 0 55 


Serious as these figures are
 they by no means 
represent the worst, for it almost invariably 
happens that for object points only a small 
distance from the axis a second limiting 
aperture begins to cut down the light still 
further below the figures given in this table. 
The way in which this comes about is illu
- 
trat,ed in Fig. 2. A central beam is shown 
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80 0 


passing through the lens in section at a, a 
beam at 10 0 at b, at 20 0 at c, 30 0 at d, and at 
35 0 at e. The reduction in cross-section is 
evidently uue to the axial separation betwecn 
the extreme lenses, and its influence on the 
illumination is indicated in the curve BB' of 
Fig. 1. It is quite common to find that the 
illumination at 30 0 is of the order of 15 per cent 
of that at the centre. In spite of the 7 to I 
ratio in light intensity which this represents 
it is not usually noticed in photographs, 
because the eye is not very sensitive to gradual 
changes of intensity. If, however, the angle 
is made unusually large, such as by a very 
liberal use of the rising front of the camera, 
or if a composite photograph is made with 
" straight" prints, the variations are noticed 
immediately. 
\Vhen it is necessary to cover a very large 
angle the most ready method of securing the 
greatest uniformity in exposure is to prevcnt 
the secondary reduction of aperture by stop- 
ping the If'ns down until the whole circle of 
the aperture can he seen from the cornf'rs 
of the imagc it is required to record. In somc 
lenses the stop is so placed that this reduction 
is of no effect, and in a few cases stopping 
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dm, n actually reduces the size of the total 
field of view
 and increases the disparity in 
illumination. Quite frequently it is necessary 
to reduce the size of the stop for this purpose 
to a far greater extent than is consistent \\ ith 
very sharp definition in the image. "
hen 
this expedient is insufficient, recourse must 
be had to special stops contrived to reduce 
the amount of IÍ!!ht at the centre to a greater 
extent than that at the edges. The principle 
employed consists essentially in the co
bina- 
tion of a circular opening in a plane w1th an 
opaque circular stop in another pla
e, or 
alternatively with a conical stop (Fzg. 3). 


#:IG030 #= 


These arrangements date from a very early 
stage in phõ"tographic history, and "ere de- 
veloped by Bow and Sutton. At the present 
time the best known application of this prin- 
ciple is in the case of the Goerz " Hypergon," 
in which a rotating star-shaped central stop 
is used. "
ith this lens cþ may be as great 
as 70 0 . 

 (4) DEPTH OF Focus.-'Yhen the view 
contains objects at different distances from 
the lens, it is not possible for the images of all 
of them to be formed in the sensitive layer, 
and the impression produced is that of a more 
or less badly focussed image. The simplest 
way of ascertaining the effect which will be 
produced is to neglect the depth of the sensiti"\""e 
laver so that only one object plane is supposed 
to L b
 sharply locussed. If P is an o.bject 
point outside this plane, as at PI or P2 (Fzg. 4), 


P, 


FIG. 4. 


a geometrical theory leads to the conclusion 
that P, instead of being represented in tlw 
image by a point, "ill appear as a patch cor- 
rf'sponding to the image of the circle in which 
the cone, whose vertex is at P and whose 
base is the lens aperture, intersects this plane. 
If d is the di<stance of the plane from the lens, 
and d] is thp distance of the plane through P 
parallel to the plane rendered sharply, the 
diameter of the equivalent object circle will be 
E, where 


E _ d l - d 
a - - d 1 -. 
It follows that if the nearest and farthest 
objects to he rendered in acceptably sharp 


iocus are distant d 1 and (/2' the proper distance 
to focus on i.e:; d, where 


2 I 1 
d=il +([' 
1 2 


and the diameter of the circle in the image 
plane which serves as an image of a point in 
either of the two extreme planes is 


a(l/d. - l/ d 2 ) 
'ill=- Ild;- lId:/.' 
where f is the focal length of the lens and a the 
diameter of the stop in use. 
In applying this formula it is u
ually 
assumed that a blurred image of a fh..ed 
diameter may be accepted as a standard, and 
the most usual tables adopt .01 in. as this 
diameter. Probably the assumption of a 
fixed diameter is not unreasonable for lenses 
of focal lengths 8 in. or more, but this criterion 
appears 
nsuitable for photographs taken 
with lenses of very short focal lengths such as 
are now common, where it is reasonable to 
assume that every picture must be enlarged 
to be properly appreciah>d. In these cases 
the diameter of the blur should probably be 
reduced in proportion to the focal length, 
attainincr the value for larger lenses when the 
focal leOnuth reaches approximately 8 in. 
o . 
For securing a sharp impression there IS no 
doubt that in the case of the longer focal 
lengths .01 in. is too large a value to assume, 
at any rate for objects of importance in the 
centr
l parts of the view, and to attain the 
standard reached by the normal eye this 
requires to be reduced to about one-quarter. 
On the other hand, to make sure that certain 
objects will not be distinguishable in 
he 
print, it is desirable that a value exceedmg 
.01 in. should be adopted. 
One of the most important applications 
of the above theory concenlS the focus for 
" infinitv" in sma'u hand cameras. Here, 
if anywhere the .01 in. limit is tolerable, as 
the principaÌ objects in views taken \\ ith 
uc
 
cameras are rarely really distant, and It IS 
only important to ensure that the blurring 
of "\""ery distant objects does not present an 
unnat
ral appearance to the eye. For this 
case the formula becomes 
Distance to obje ct sharply foc ussed for infinity 
Focaf leng th 
Diameter of stop 
= 1 + DI ameter of blur circle ' 
Thus "ith a lens of 5 in. focal length l\ud full 
diameter 1 in. the object sharpl
? focussed 
when the camera is set for infinity will he 
slightly over forty feet away. and the 8pnsiti, e 
surface "ill be a bout .0.3 in. from the plane 
conjugate to infinity. 



400 


PHOTOGRAPHlfi LENSES 



 (5) DEPTH OF :Focus AND PHASE ERRORS.- 
It is intercsting to consider in connection with 
these traditional rules the results which would 
follow from the application of criteria for good 
definition suitable for the telescope, finding 
the depth of focus for instance in terms of the 
phase errors consequent on departure from 
the theoretical focus. Considering a point on 
the axis from which a ray to the rim of the 
lens aperture makes an angle ý; with the axis, 
the difference in path introduced by changing 
the distance of the point from the lens from 
d to d l for this extreme ray is 
(1 - cos ý;) (d l - d), 
and since sin ý; =aI2d, this path difference may 
be written as 


a 2 ( 

 - d ) 
8 d 2 ' 



 ( ! - 
 ) 
8 d d l . 
If, then, 1- c represents the greatest path 
difference consistent with acceptable definition, 
the connections between a, c, the near and 
far distances d l and d 2 , and the distance d 
on which the lens should focus are 


or 


2 1 1 
-=--+- 
d d l d 2 


as before, and 


1 1 16c 
d l - d
-(i2' 
a formula differing markedly from that 
obtained by considering the area in which 
the ray bundles meet the image surface. 
According to this theory the depth of focus 
is inversely proportional to the area of the 
aperture, instead of varying inversely as the 
aperture diameter and the camera extension. 
The connection between the quantities in- 
volved in the two theories may be written 
Path difference 
= 1 diameter of image circle x sin Ý;o' 
where Ý;o is the angle made with the axis by 
the extreme ray in the image space which 
passes through the axial point of the image 
plane. Taking an object fairly distant from 
the lens on which to focus, and assuming 
an aperture of //4.5 and a phase tolerance of 
1 wave-length of yellow light, the diameter 
of the permissible image circle is found to be 
approximately .0007 in. = 1/1400 in. On 
aecount of the finite thickness of the sensitive 
layer and the appreciable size of the grains 
\vhich become developable as a whole when 
affected by light, it is d.oubtful whether so 
small a tolPrance is necessary under ordinary 
conditions. The ware-length theory is, how- 
ever, undoubtedly applicable in considering 
to what extent accuracy in focussing has 


any meaning. Taking, as before, the case of 
a lens focussed on a distant object, it would 
be expected that under the best conditions 
im perfection in focussing would begin to be 
visible when the image plane was out of focus 
by about .001 in., and for other stops the 
distance would increase as the square of the 
f number, and so be proportional to the correct 
exposure. Thus, with an aperture of /18 the 
focussing depth in the present sense would be 
three times that for //4.5. 

 (6) TILTED AND DECENTERED USE OF LENS. 
-It is evident from the foregoing discussion 
that when it is desired to record in good focus 
two objects in different parts of a view which 
are at very unequal distances from the lens, 
the latter must either be used with a small 
aperture, or alternatively the lens must be 
used with its axis inclined to the normal to 
the surface on which the record is to be made 
so that both object
 lie approximately i
 
the plane conjugate to thi:::; surface. Under 
these circumstances the plane containing the 
sensitive layer and that in which the objects 
are situated will be inclined to one another, 
and it is of importance to be able to make 
the necessary adjustment with facility. This 
is almost invariably carried out by swinging 
the back of the camera, with which the 
sensitive surface moves, relatively to the lens 
axis, ",-hich is pointed as usual to the centre 
uf the view it is intended to include. The 
proper adj ustment is indicated by a collinear 
theory of imagery. Since the object plane is 
not normal to the lens axis it "ill meet the 
first unit plane of the lens in a certain line, 
and hence the image plane must meet the 
second unit plane in a corresponding line. 
'Vith almost all lenses the unit planes are 
very slightly separated from O::le another, and 
lie bet\veen the extreme components of the 
system. It is sufficiently accurate for the 
purpose of adjusting the camera back to 
assume that there i:; a common unit surface 
which bisects the lens mount. By considering 
where this plane is met by the plane it is 
intended to have in sharp focus, and directing 
the image plane through this line the correct 
approximate adjustment is easily made, and 
if necessary a final correction can be made 
after the image has been examined. The 
principle followed is illustrated in the accom- 
panying figure (Fig. 5), where VQAP is the 
object plane meeting the common unit surface 
VO in V, and V pag is the image plane. 
Obviously from this figure the view will not 
appear correct in the final picture unless it 
is seen from one side, or, if the object and 
image planes were inclined. to the vertiC'al, 
from above or below. In ccrtain cases this 
effect is very ohjectionable, and in particular 
it must be avoided in architectural subjects 
where the use of a lens with its axis inclined 
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to the horizontal causes n:,rtical lines in the 
ohject to appear to converge in the image. 
The simplest method of dealing "ith such 


subjects when, as frequently happens, the 
desired view cannot be obtained with the axis 
of the lens intersecting the centre of the 
sensitive surface is to decenter the lens with 
respect to this surface, so that, for instance, in 
taking a view of a tall building from the ground 
the lens axis may be several inches above its 
normal position. The parallelism of vertical 
lines is thus preserved in the picture and the 
whole face of the building is kppt in satis- 
factory focus if the image plane is kept vertical. 
This method, in extreme cases, is, however, 
unsatisfactory on account of the poor quality 
of definition in the image in parts remote 
from the lens axis, and also on account of the 
extreme difference thus introduced in the 
effective exposures for different parts of the 
image. In these extreme cases it becomes 
necessary to use the lens in an inclined position, 
and to rectify the convergence of vertical lines 
by re-photographing the original record. 
Referring again to the figure, which shows 
a section in the plane containing the axis and 
the projection of the a""{is on the object plane, 
let Cv be a line, parallel to the object plane 
PQV, through C, the axial point of the common 
unit planes CV, meeting the image plane Vpq 
in v. Then v is the vanishing point in the 
record for the converging lines corresponding 
to the parallel vertical lines of the object. In 
copying this record so to correct this con\?erg- 
ence it is evidently only necessary to ensure 
the parallelism of the line of greatest slope 
of the new image plane to Cv when pq is 
treated as the object. In order, however, 
t.o ohtain a correct relation between horizontal 
and vertical distances in the final picture, the 
axis of the lens in this second operation must 
intersC'ct the first record now serving as an 
object in the same point a as did the axis 
of the lens when the record was made. If the 
final record is to be increased in scale to In 
YOL. IV 


times that of the fìn;t record, the unit plane 
in the principal section must be made to meet 
the record in V where Vv=m. '/:a. If now a 
circle is described on Ya as diametC'r the axial 
point of the unit plane C must lie on the 
circumference, thus making Yf'a a right angle. 
It is evident from this construction that the 
only limitation which must be imposed on 
the lens used for the second operation is that 
its focal length shall not exceed i V a or 
1(1 + m)z'a "here m is considered positive. 
The original lens is, in sUç'h a case as has been 
considered, suitable for the purpose, but one 
of shorter focal length is frequently more 
convenient in order to reduce the axial separa- 
tion between the object and image planes. 

 (7) THE POSSIBLE DEFECTS OF PHOTO- 
GRAPHIC LEXSES. - The matters that have 
been discussed hitherto relate to the correct use 
of a lens, and apply to all lenses alike, whether 
they are well or less \\ ell corrected for aberra- 
tions. The defects now to be considered 
depend upon the design of the lens, and are 
not under the control of the user. 
(i.) Filming.-A defect which is not likely 
to be present in a new lens, but may de\
elop 
in the course of time, is the filming of one or 
more of the glass surfaces. This is particularly 
likely to occur with extreme barium crown 
lenses of the types used in anastigmat lenses. 
'Yhen this filming is slight it is innocuous, 
but in some cases it causes the lens to appear 
of a decidedly brO\\ n tinge when examined 
by transmitted light, while iridescent colours 
may be seen by reflected light. In these more 
exÙeme examples the rapidity of the lens is 
seriously affected, and it is necessary to have 
the lens surlaces re- polished. It is needless 
to say that this should only be done by the 
maker of the lens. 
Somewhat similar colours may be seen by 
reflected light when two surfaces \\ hich are 
supposed to be cemented together have become 
partially or entirely uncemented. The most 
probable cause of this defect is a fall or 
violent shaking. In these ca.ses also the 
lens ought to be returned to the maker for 
correction. 
(ii.) Jlounting Defects.-A lens that has been 
performing satisfactoril)? may be found un- 
satisfactory after cleaning or re-mounting. 
This is frequently experienced after a lens 
formerly carried in the maker's mount has 
been fitted into a between-lens shutter. The 
cause mav be a scratch on the lens surface, 
which sc
tters light in all directions within 
the camera; strain due to screwing up a lens 
too tightly in its cell; changes in the separa- 
tions of components either through a lens 
being loose in its cell or to incorrect adjust- 
ment of thp new mount; the insertion of a. 
particular component the wrong \\ ay round, 
or to interchange of front and back com- 
2D 
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ponents; or to inexact adjustment of the 
axes of the various components into coincid- 
ence. The accuracy necessary in some of 
these adjustments is very often not realised, 
and particular care to see that all is in order 
is essential after any disturbance of the 
lenses from their original position. Even 
when all the parts are in relatively correct 
positions the optical axis may be found 
appreciably inclined to the mechanical axis 
of the screw by which the mount is attached 
to the camera front. The figures already 
given on the accuracy desirable in focussing 
indicate the great nicety to which these two 
axes ought to be brought into paraiblism if 
satisfactory records are to be obtained. 
(iii.) Fault8 of the Gla88.-Defects of a differ- 
ent class are faults in the glass of which 
the lenses are made. Bubbles are practically 
unavoidable in some of the new types of glass 
which are always useù in anastigmatic con- 
structions, but they shoulù not be too numer- 
ous or too large. On these conditions they 
are practically harmless, their chief effect 
being the stoppage of a small amount of light. 

Iore serious are veins anù striae. These 
can only be seen under special conditions of 
illumination if they are slight. The simplest 
arrangement is to point the lens at a small 
source of light, and place the pupil of the eye 
at the image of the source formed by the lens. 
The defects will then become apparent as 
lines where the illumination is not uniform. 
Lenses showing such defects cannot be made 
satisfactory, and should not be accepted as 
good instr
ments. In the physical laboratory 
lenses or prisms showing these defects can 
usually be discovered, and are interesting 
subjects for experiments with the aid of an 
interferometer and in other directions. 
(iv.) Defects of Design. -The remaining 
defects of importance depend upon the design 
of a lens. It has already been mentioned that 
light is reflected and scattered whenever a re- 
fraction from glass to air or vice versa takes 
place. For this reason, other things being 
equal, the design with the smallest number of 
such refractions is to be preferred. Another 
defect which may be coupled with this is the 
liability of a lens to show flare images. These 
images are images of the lens aperture formed 
by light that has been reflected tn-ice at glass 
to air surfaces. As a rule these images will 
not be situated near the image of the object to 
be recorded, but in certain designs onf' or more 
of these images may occupy a position where 
it is clearly seen in the record. A lens having 
this defect is quite unsuited for photography 
under certain conditions of lighting. It is 
well known that one of the best known makers 
of photographic I('nses was compelled to 
withdraw an othE'rwise eminently satisfactory 
lens from the market shortly after its intro- 


duction, owing to its marked failure in this 
respect. 

 (8) ABERRATIONS. 1_ The remaining regular 
defects to which lenses are subject are of the 
cha.racter known to the opticia.n as aberrations, 
and it is to the removal of these defects by 
the use of suitable materials and by the 
selection of suitable forms for the component 
lenses that the designer principally directs 
his attention. 
(i.) Chromatic Aberrat
.ons.-The simplest of 
these defects are those known as chromatic 
aberrations; the images of the object formed 
by light of different wave-lengths differ in 
size and also occupy different planes. For 
any object position there are thus two primary 
defects to remedy, and if images at different 
distances from the lens are to be corrected 
three conditions must be satisfied. The 
crudest lenses fitted to some of the very smaH 
cameras are not corrected for these defects, 
advantage being taken of the very small size 
of the lens aperture whieh renders the fault 
less obtrusive in the picture. In all cases 
where a non-achromatic lens is used a visual 
examinatlon of the image sho\\ s it to be out 
of focus, an improved appearance resulting 
from an increased separation between the 
lens and the image plane. This difference is 
due to thf' fact that thf' sensitive materials 
used to secure a photographic record are most 
sensible to light of a shorter wave-length than 
that to which the eye attaches chief weight, 
and the actinic or photographically active 
image is thus nearer to the lens than the 
visible image. The difference is of the order 
of 2 per cent of the focal length of the lens. 
In more pretentious lenses this difference 
in the position of the image planes is always 
removed by using combinations of positive 
and negative lenses in which the negative 
lenses are constructed from glass having a 
greater dispersive power than that used for 
the positive lenses. The three chromatic 
conditions reduce to one when two thin lenses, 
one positive and one negative, are used in 
contact with one another. 'Vhen the system 
consists of well-separated lenses, or of lenses 
of considerable thickness, attention has to 
be paid to the three conditions independently 
of one another, but as a rule- it will not be 
found that the theoretical conditions are 
exactly satisfied, the designer finding it more 
convenient to reduce the defects to a point 
at which they cease to become evident than 
to eliminate them completely. In one im- 
portant case the three conditions re(lucc to 
two through two of them assuming an identical 
form. This is when the complctf' system 
consists of two Himilar components \\ hether 


1 For a fuller a('('ount of the aherrations of an 
optical sYRtem SPC .. Optieal CalculationR," 9 (7), etc. 
SPC al
o .. )lieroscolw, Optics of the," 
 (5), etc. 
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of equal or unequal focal length. This is a 
simple case where the principle of symmetry 
applies, a principle of which great use is made 
in conneotion with other aberration
. It will 
be considered in more detail later. 
It should be evident that little importance 
attaches to equality in the sizes of images of 
different colours when they occupy different 
planes. Accordingly, the chief attention should 
be giyen to the positions in which the images 
of various wave-lengths are formed, and if 
some latitude is necessary it may be given in 
a slight variation of magnification "ith the 
wave-length. 0" ing to the properties of the 
transparent materials available for the con- 
struction of lenses it will, as a rule, only be 
possible to secure exact agreement of focussing 
plane for two wave-lengths. The two regions 
it has been found most satisfactory to bring 
into agreement are the neighbourhood of the 
D lines of sodium and the G' line of hydrogen, 
the former being not far from the domlliant 
wave-length for visual observation, and the 
latter near the \\ ave-length to which the 
photographic emulsions are most sensitive. 
This method of correcting enables a view to 
be correctly focussed for photographic re- 
cording by visual examination of the image. 
(ü.) Spherical .Aberrations.l-The remaining 
defects are of the type known to the optician 
as the spherical errors. The amount of these 
will also depend on the wave-length. They 
should usually be corrected for a wave-length 
in the neighbourhood of G' rather than for D. 
If this is done the photographic record will 
present a better appearance than the vidLle 
image, and it may be a ma.tt.cr of import[.nce 
to concentrate attention almost entirely 0 1 the 
portion of the image in the neighb
urhood 
of the lens axis when judging the best position 
of focus visually. If the correction were 
made in the alte;native way the visible image 
would appear very pleasing and the photo- 
graphic record distinctly disappointing. In 
lenses for special purposes this consideration 
may not apply. 
(a) Distortion. - In consequence of the 
spherical errors the image of a point in the 
object formed by light of a gi"\""en wave-length 
"ill I!ot on a rar theory be a point, or in one 
case its position, if a point, will be displaced 
from that which it should occupy were the 
image an exact projection of the object. This 
particular defect is known as distortion, and 
the displacpment is necessarily directlv to- 
wards or away from the point' in which the 
image plane is met bv the lens . axis. The 
dispiacement may b
 represented mathe- 
matically by a series of odd powers of the 
distance the point \\ ould be from the a:\.ÌR 
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were the defect absent. Thus, if y, z be the 
co-ordinates of a point in the image plane and 
we take the axis of y parallel to the direction 
in question, so that y represents that distance, 
òy=aly3+a2y5+a3!/+ . .., ôz=O. 

he coefficients aI' a 2 , as . . . may be used as 
measures of the ext.ent to which the defect 
is present, and are named the coefficients of 
distortion of the first, second, third. . . 
orders. If the defect is serious it becomes 
obvious that lines in the image which corre- 
SIJond to straight lines in the object are 
appreciably curved. This" ant of straight- 
ness, as the above equation shows, gradually 
makes its appearance as the shortest distance 
between the line and the point of the image 
plane on the lens axis increases. 
. (b) Spheri-eal Aberration.-Another aberra- 
tion of a very simple kind is central spherical 
aberration, the "central" referring to the 
distincti"\""e property that, though equally 
present in other parts of the field of view, it is 
only aberrations of this group which appear in 
images on the axis itself. This aberration 
consists essentiaìlv in the ravs from narrow 
zones of the apert
re, bounded by nearly equal 
circles centered on the axis, coming to foci 
on the axis which vary gradually from one 
zone to another. The rays which in an ideal 
lens should pass through a single point of the 
axis, in a bns suffering from this defect, will 
touch a caustic surface which has two branches, 
one being a surface of revolution about the 
a:\.is and the other a length of the axis itself. 
If 7], r are the co-ordinates of the point in 
which the ray meets the stop, the intersection 
of the ra

 with the imag0 plane "ill be dis- 
placed f>:om its ideal position given by y, z, 
by a distance whose rectangular co-ordinat-es 
òy, ôz satisfy 
ôy ôz b .. b -4 b 6 
-:;j = I = l r - + off. + sr + 
where r 2 =7]2+ r 2 . A8 before, b I , b 2 , b s 
are aberration coefficients of the first, second, 
third. . . orders. In telescope objectives, 
the removal of this aberration is of outstanding 
importance, but it is common to find appreci- 
able amounts of central spherical aberration 
present in good photographic lenses, the 
reason being that up to a certain point this 
defect is less harmful than some other aberra- 
tions which cannot in the particular design 
be removed simultaneously with this central 
aberration. 
(c) Cur-cature and Comatic Aberratioll.
.-Be- 
tween the two simple aberrations con
idered 
in (a) and (b), there lie a series of others whose 
number and charader depends upon the order 
of the aberration. Sercrètl of th('se have 
received names suggestcd IJ}" the shape of their 
trace in the ima
e plane or by some other 
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out.standin!l character. A very rough classi- 
fication, based only on the aberrations of the 
first order, has been found sufficiently inclusive 
to group these under for testing purposes, and 
will serve for the present discussion. The loose 
character of the classification must, however, be 
borne in mind, as confusion may otherwise be 
caused when a more exact division is called for. 
Under this grouping the remaining defects 
are classed as curvature errors or as comatic 
errors, the formel' class containing those 
members which tend to produee a symmetrical 
deviation from the ideal image point, the 
latter to those in which the departure tends 
to be unsymmetrical. Comparing this division 
with the two spherical aberrations already 
considered, central spherical aberration is 
evidently symmetrical in character, for 
corresponding to any displacement òy, òz in 
a ray from a given object point we obtain the 
complementary displacement - òy, - òz by 
selecting the ray which meets the stop in 
- 'YJ, - s instead of 'YJ, t. On the other hand, 
distortion is an unsymmetrical aberration, 
since òy has a definite sign for all rays from a 
given 0 hject point. The characteristic feat.ure 
of these aberrations in mathematical language 
is that the symmetrical aberrations may be 
represented by terms which contain odd 
funetions of '1) and t, and even functions of 
y and z, while with the unsymmetrical aberra- 
tions the reverse is the case. Taking the first 
order aberrations, from which the classification 
is derived, it m
y be shown that the defect 
known as cðma involves displacements of the 
ray intersection':! given by 
ò'! 
. =2('/]2+ 52) + ('/]2 - 5<'2) 
cy 
,-= r 2 í 2 + cos 28), 
ò
 4]j r 2 . 28 
- -= "1
 =r SIn , 
cy 
when: 'YJ =r cos J, t=r sin 8, 
and t iCJ a constant, showìng that the rays 
which pass through a narrow circular zone of 
the aperture intersect the image in a circle, 
the radius of which is proportional to the 
sq uare of the radius of the zone. The circle 
has the property that light from anyone half 
of the annulus in the stop plane is di
tributed 
over the whole circle; it is thus formed twice 
over by the light from the complete annulus. 
The aberration is most likely to be detected in 
photographic prints by a fuzzy edge to one side 
of a narrow 0 hject, such as a pole, which stands 
out strongly against its background, while thp 
other edge appears much sharper. The removal 
of this aberration is particularly important 
in photographic lenses on account of the 
large field of view involved, to which this 
particular aberration is proportional. 
The remaining first order aberrations relate 


to departures of tho image surfae(' from the 
plane, Two independent constants e, e' uceur, 
so that two aberrations are present, the 
formulae for the displacements bping 
2òr = '/](3e + e') 
y 
2òz r ( ' ) 
2-=
e+e. 
!I 


and 


It can be shown from these expressions 
that for points on a sphere of curvature 
proportional to (3e+ e') having its vertex in 
contact with the plane in which the image has 
been as
umed to lie òy will assume zero value, 
and that similarly òz will vanish for points on 
a sphere whose curvature is proportional to 
( e + e'). These spheres are obviously the loci 
of the focal lines of the pencils which form the 
image. The aberration corresponding to e 
is called astigmatism, since, if e is finite, the 
two spheres are distinct, so that no point 
image exists. The other aberration d<.'noted 
bye' is called the curvature, since this is the 
curvature the image surface would have if 
point images existed in the outer parts of the 
field of view. The form of the expression 
shows that it is only when e vanishes that the 
C'urvature can be represented bye', the possible 
range in other cases lying definitely to one 
side or other of this value, according to the 
likeness or unlikeness of the signs uf e and e'. 
The removal of aberrations of this type was 
for long an obstacle in the way of improvements 
of photographic lenses, and was not realised 
until the introduction of novel types of glass 
had resulted from the work of Abbe and 
Schott at ...1 ena. These new glasses were 
of particular importance in enabling e' to be 
controlled in value. Together with this im- 
provement it is necessary, if e is to receive a 
satisfactory value, for the optical system to 
contain lenses appreciably separated from one 
another. 
(iii.) Aberrnl.ion8 
'n General.-In closing this 
very bnef description of the aberrations to 
which lenses are subject, it is necessary to 
point out that the values of the constants by 
which the defects are measured are dependent 
on the position of the object. It follows that 
a len
 which is corrected for an object in onp 
position will not give so good an image when 
the object is considerably displaced. The 
magnitude of the defects depends largcly on 
the size of the lens aperture, so that a lens of 
large aperture is necessarily less suitable for 
general work than one in which the ap<.'rture 
is smaller. In particular, if a lens correct<.'d 
for an ohject at infinity is reve!'s('d and still 
used for a distant ohject t,he imag<.' will not be 
satisfactory unless the apf'rture is lpss than a 
definite value. An indication of this value is 
afforded by the largest aperture for which 
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symmetrical objectives are offered fnr the 
photography of distant scenes. The advantage 
to a manufacturer of the symmetrical con- 
struction is sufficiently great to ensure his 
utilisin,!! it as far as it can be satisfactory. A 
lens of this type cannot pos
ibly be thoroughly 
corrected except for the reproduction of 
obje.:ts on full scale. Actually, such lenses 
are made for general work up to apertures of 
I, .).6. This affords a direct means of finding 
the standard of accuracy which manufacturers 
find necessary in their objectires. 
It must further be remembered that these 
first order effects are modified in the parts 
of the field of view more remote from the axis 
by the presence of aberrations of higher orders. 
These may tend in many instances to reduce 
the e,il effects of the aberration of lower 
orders; for instance, the surfaces containing 
the focal lines may be caused to depart from 
the spherical form and made to approach the 
ideal ima[!e plane again. This condition is 
fulfilled in several modem objectives, the two 
focal surfaces crossing in or close to this plane 
near the edge of the useful field of view. 
Strictly speaking, this is the condition which 
is held to justify the application of the term 
" anastigmat" to a lens, though, on the one 
hand, this usage is far more free than mathe- 
matical conceptions warrant, and, on the 
other hand, the term is also applied by their 
makers to lenses which do not even attain 
this limited degree of stigmatism. 
The actual appearance of the image in an;\T 
lens depends upon the combined effect of all 
the aberrations which are present, and is also 
modified by the finite wave-length of the light 
forming the image. The classification of the 
defects into a number of separate aberrations 
is entirely artificial, its justification being the 
convenience of dealing with the defects in the 
manner described. 
S (9) TYPES OF LEssEs.-The most varied 
forms have been proposed and used for photo- 
graphic lenses, and it is impossible here to 
attempt any detailed historical treatment 
of the subject. )Iuch interesting matter will 
be found in the writings of von Rohr 1 and 
Gleichen. 2 which should be consulted bv all 
who desire fuller information. A broad di;ision 
of the forms in use at the present day may be 
drawn between the symmetrical and the un- 
symmetrical classes. The former group may 
he subdivided into 
(a) Fully symmetrical; 
(b) Hemi-symmetrical; 
(c) Quasi-symmetrical; 
and in each of these subdivi
;Ïons there may be 
anastigmatic or astigmatic t,}1)es, combina- 
1 Theorie und Geschichte des ph(jtoq7(lj)hÍ!
('hm 
O"je1.1io
. 
2 The TheoTl/ of .lIodem Ojìtical In.<;truments, trans. 
b:r .E1ll:5lc;r anù Swaine. 


tion;:; built upon cemented or uncemented 
components, or on still more complex forms. 
The unsymmetrical forms may be built 
from 1, 2, 3, 4, or 5 components, some or all of 
which may themselves be compound lenses. 
The cases of most importance are 
(a) The single lens; 
(b) The double lens; 
(c) The telephoto lens, a special case of the 
dou ble lens; 
(d) The triple lens. 
As practically all lenses of the symmehical 
type are obtained by combining together two 
systems which are themselves unsymmetrical 
lenses of classes (a) or (c), it apl)ears the 
simplest course to consider the uns) mmetrical 
forms first. 

 (10) UXSY:
ßIETRICAL TYPES. (i.) The 
Single Lens.-This form of lens may be con- 
structed from one or several pieces oÍ glass 
cemented together. All lenses of this type 
are used" ith an aperture stop some distance 
in front of them, and are meniscus in external 
form, presenting their concave smfaces to 
the incident light. This arrangement is 
adopted to secure a pseudo-flattening of the 
image by selecting for different part.s of the 
field of view pencils which have been refracted 
through different regions of the lenf:. The 
de,-ice is only effective when either central 
spherical aberration or coma or both are 
present in the image. The stop must not 
under these circumstances be large, and as this 
method of disguising curvature of the field 
necessarily introduces distortion, systems of 
this kind cannot be used on large fields COD- 
taining numerous straight lines which do not 
lie near the lens axis. It is readily seen from 
the diagrams (Figs. 6 and 7) that the presence 


FIG. 6.-Curyature Correction in the PrE>sence of 
Oyer-correcteù :,pherical Aberration. 


of coma is of greater assistance than spherical 
aberration, and that when either is present 
alone the coma should be under-corrected and 
the spherical aberration over-corrected. The 
sign required for the outstanding coma 
accounts for the use of a lens strongly conca '-e 
to the incident light. 
In some of the more com pie),. modern forms 
a ruling factor in the design is the presence of 
at least two cemented surfaces at which the 
angles of incidence may be large in comparison 
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"ith those at other surfaces, one of these two 
being of positive power and the other of 
negative power, the system further containing 


FIG. 7.-Curvature Correction in the Presence of 
Under-corrected Coma. 


at least one lens of barium crown glass which 
combines a high refractive index with small 
dispersion. :For a fuller account of such 
lenses reference may be made to the treatise 
by von Rohr, already mentioned, or to 
Lummer's Photographic Optics, translated by 
Thompson. The earliest len::;es used in photo- 
graphy appear to have been single lenses of 
one glass of the form devised by \Y ollaston. 
The earliest achromatic lenses were of the 
ordinary telescope form with a double convex 
crow-n lens, but at the present time a form 
with both crown and flint of meniscus shape, 
and with the crown lens nearer the stop, is 
invariably used, as it yields more satisfactory 
images over an extended field. 
(ii.) Systems composed of Two D.issimilar 
Lenses,-Such lenses when separated by an 
appreciable distance comprise one of the most 
important cla,sses of objective. By far the 
most celebrated design which has yet been 
evolved, the Petzval portrait lens (F.ig. 8), 


FIG. 8. 


belongs to this group. This lens was produced 
in the very early days of photography, when 
the need for great rapidity was acute on account 
of the slowness of the sensitive materials at 
that time available, and in many respects 
it has hardly been surpassed by any later 
designs. In either its original form or in the 
modification introduced by Dallmeyer (Fig. 9) 
it is extensively used as a cinematograph pro- 
jection lens at the present day, the relative 
aperture varying from f/3'5 to about f/2. 


These lenses are, of course, made with thc old 
silicate glassC's. 
The form of Petzval's objective generally 
corresponds to that whkh would be indicated 
by basing the design on the conditions for ths 


l!'IG. 9. 


removal of first order aberrations as far as 
this is possible with the glasses available. As 
any actual design involves a balance between 
aberrations of different orders which cannot 
be effected simultaneously, the results given 
by the expressions for these first order a berra- 
tions are subjef't to considerable modification 
in the evolution of the final system. 
The other mem bel's of this class which re- 
quire special mention are anastigmatic lenses, 
and so utilise barium crown glasses. Thevarp 
generally composed of an achromatic 
om- 
bination of the older types of glass, which is 
over-corrected for central spherical aberration, 
on one side of a central stop, and an achro- 
matic combination of a light flint with a dense 
barium crown, which is necessarily under- 
corrected for central spherical abe;ration if 
the surfaces are spherical, on the other side 
of the stop. Both components are meniscus 
in external form, and nresent their concave 
sides to the stop, th
 ordinary achromat 
being of the form usual in single lenses but 
being pla.ced hefore the stop, the other lenses 
resem bling in shape the ordinary telescope 
objective with its flint component next to the 
stop. Under these 'conditions the cemented 
surface of the front component is of negative 
power and that of the back component of 
positive power. The need for 
presenting the concave sides of 
both components to the stop 
arises from the conditions for 
the removal of coma and dis- 
tortion. Among the best known 
lenses of this class are the 
Protars of .Messrs. Zeiss (Fig. 
10). The Aldis lens, which in form is a double 
objective, is most simply regarded as a special 
case of a triple objective. 
(iii.) The Telephoto Objective.-This form, as 
a self-corrected lens in which the components 
stand in a fixed relation to one another, is 
of comparatively recpnt development. The 
essential feature is that a positive lens is 
followed at a considerable distance by a 


@
 


FIG. 10. 
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npgatiY"e lens which increascs the focal length 
of the systf'm without extending the separa- 
tion between the front lens and the image in 
the same proportion. Such a combination of 
a positive and a negative lens, each corrected 
for colour, lends itself very readily to the 
construction of an anastigmatically corrected 
system Among these systems the large 
aperture telephoto lens 
a (Fig. 11) made by 
\T\\ )1essrs. Taylor, Taylor 
JJ)J & Hobson may be 
mentioned. 
FIG. 11. Although telephoto 
lenses made of two 
single glasses are not employed as an un- 
symmetrical objective, such systems require 
mention, as they provide the basis of many 
s
 mmetrical objectives. In particular, the 
Gaussian fornl of telescope objective is used 
in more than one of tbese more complex 
lenses. 
(iv.) Lense-s with Three Component.s.-Among 
the early attempts to improve photographic 
objectives systems consisting of three separated 
components are of frequent occurrence, the 
external components being of positive power 
and the central one of negative power. In 
most instances each component was achro- 
matised independently. Xone of these lenses 
surriY"e to-day, and their present interest is 
chiefly due to the claim they may have to be 
considered as forerunners of the 

 
 Cooke lens (Fig. 12), designed 
by J1r. H. Dennis Taylor of 
:Messrs. T. Cooke & Sons, and 
made by Messrs. Taylor, Taylor 
& Hobson. 'Yhen account is 
FIG. 12. taken of the large number of 
conditions "hich have to be 
satisfied and the simplicity of the means 
adopted to achieve them, the design is one 
which must command general admiration. 
The excellence of its actual peIformance is 
sufficiently attesÍRd by the reputation of the 
lens among photographers. The general form 
of th
 lens, as in other cases, may be derived 
by considering aberrations of the first order 
only. 
Another well-known lens of this type which 
may be considered a slitrht elaboration of the 
Cooke is the Tessar (Fig. 13), produced by 
J1essrs. Zeiss. The chief differ- 

 [ 
 ence between the two lenses is 
that in the Tessar the back 
lens of the Cooke is replaced 
by a cemented doublet. In 
theory at least the additional 
I'm. 13. degre
s of freedom attained 
by the introduction of one 
more glas:; shoul
l enable' a somewhat largt'r 
field of view to be coY"ered with satisfactory 
definition by the TessaI' th2.n by the Cooke: 


whether ill fact the gain, if any, actually 
achit'ved, justifies the complication, is de- 
batable. Some indication of the excellent 
rpsults attaina hIe with the Cooke design is 
provided by the extensive use of such It'nscs 
of large aperture and long focal length by the 
German army in the war for aeroplane photo- 
gra phy. So far as is known to the writer, the 
Tessar was not used for this purpose. The 
only serious drawback to lenses of this type 
appears to be the rapid deterioration in the 
definition outside t.he field "hich the lens is 
intended to cover, so that the extent to which 
the lens can be decent.ered is distinctly small 
compared "ith that possible in some of the 
dou ble symmetrical types "hen a small stop 
i
 used. 
The Aldis lens (Fig. 14) may be rpgarded as a 
modified Cooke, in "hich the first two lenses 
are of substantial thickness 
and are ct'mented together. ill 0 
The reduction in the number 
of glass air surfaces which 
results from this modification 
is of distinct advantagt', but 
the accompanying restriction FIG.14. 
in the number of variables 
at the disposal of the designer greatly increases 
the difficulty of attaining as high a standard 
of definition as \\ ith a true triple lens. These 
difficulties have been ably met, and this lens 
appears to be as close an approach as is 
possible with spherical surfaces to the highest 
triple standard. 

1any miscellaneous types of unsymmetrical 
lenses have been constructed by com bining 
on the different sides of a ct'ntral stop dis- 
similar types of double and triple lenses. 

 (11) S"L\DIETRICAL LEXSES. (i.) True 
Syull/tetrical.s.-Turning now to lenses of the 
symmetrical class, the true s}"'TIulletricals
 
obtained by combining together two exactly 
similar lenses of equal focal length in such a 
manner that one occupit's the position of the 
image of the other in a plane mirror coincident 
\\ith the central stop plane, may be considered 
first. Among the simplest of tht's(, lenses is 
one due to Sutton, in which \\ att'r is the 
refracting agent, this being enclosed between 
two thin concentric glass hemispherical shells. 
The use of such shells enclosing various liquids 
has been repeatedly suggpsted. but, thougb 
satisfactory pictures have 
been produced by their C( : j) 
means, they have not come 
into use fo; obvious reasons. 
Closely allied to this lens is 
the Hypergon of J1essrs. 
Goerz (Fig. 13), consistin
 }'IG. 1:>. 
of two very deep positÍ\Te 
meniscus len:;es of a single gla
, so placed 
that the e
ternal surfact's vt'ry appro
i. 
mately form a sphere. This lens id used 
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with a rotating star stop to equal iRe the 
illumination over the plate, and covers an 
angular field sevpra,l times as great as is 
attempted" ith lenses of other types. For a 
long period the best lens for general purposes 
was 0 btained by using two achromatic meniscus 
lenses of the type described earlier to form a 
symmetrical lens. :l\Iany names were in use for 
such len5Jes (Fig. H>), 
ill 
 though in essentials they 
differed very little from 
_ one another. The names 
FIG. 16. by which they becamp 
best known are the 
"rapid rectilinear" and the "aplanat.," 
the former describing the cha,racteristic im- 
provement on the single lenses used previously, 
and the latter description being justified by 
the improved Jefinition lvhich enabled a 
larger rclative aperture to be employed, 
though in the modem sense in which aplanatic 
is used the term is not correct. 1 
Among modern constructions of the anastig- 
matic types Ulany are of this symmetrical 
class. The simplest elements from which 
they can be constructed in the case of cemented 
cOl
ponents must contain at least three 
different glasses to yield cemented surlaces 
whose powers differ in sign. The commonest 
types have either (Fig. 17) a positive 
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FIG. 17. FIG. 18. 
H = Highe::;t index. 
1\1 = 
ledium index. 
L = Lowest index. 
double convex lens cemented between two 
negative lenses, or (Fig. 18) a double concave 
lens cemented between two positive lenses. In 
either case the refractive indexes of the glasses 
form a descending sequence on proceeding from 
the external medium towards the stop. In 
another form (Fig. 19) a positive meni
cus lens 
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FIG. 10. 


FIG. 20. 


of low refracti ve index is placed betwepn a 
double convex lens of a dense barium crown and 


1 In earlier writin
s aplanatic si
ni1ìes merely 
frcf'dom from centr;ll spherical aberration. Abbl' 
introduceù the mf'anin
 now 
enerally adopted hy 
imposing the additional condition that the sine 
condition must be satisfied, 80 that the krm now 
implies simultaneous eorrection for central spherical 
aberration anù for coma. 


a double concave lens of a light flint., the latter 
of course being nearest the stop. In a fourth 
form (Fig. 20) the central meniscus lens presents 
its concave instead of its convex side to the stop, 
and all the component lenses are meniscus, 
the negative lenses occupying the extreme 
positions. StilI more complex forms are found 
if more than three glasses are userl, and lenses 
of this class having four and five glasses to a 
single component are made. 
In another class of symmetrical objectiye 
the central lC'ns of the third type of triple 
cemented component is replaced by a meniscus 
air lens (F1.g. 21), each component thus con- 
sisting of a double convex dense barium crown 
lens separated from a double concave lpns 
made from a light flint glass. In a limiting 
case this type merges into the triple lens of 
the Cooke class. One furt.her class in which 
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FIG. 21. 


FIG. 22. 


an air-gap is used remains, corresponding to 
a form of triple cpmented component which 
does not appear to have been utilised. In 
this class the objective may be considered 
a derivative of the Gaussian objective, 
consisting of separated positive and l1C'ga- 
tive meniscus lenses. The best known Icns 
of this type is the Homocentric of :Messrs. 
Ross (Fig. 22). A more complex lens con- 
structed for reproductive work and available 
with apochromatic correction is the Planar of 
:I\lessrs. Zeiss (Fig. 23). The cemented lens in 


FIG. 23. 


this construction is composed of two glasses 
with different dispersions hut approximately 
eq ual refractive index. 
(ii.) :J.1heoretical Considerations.-It has often 
been claimed for the symmetrical construction 
that its use automatically removes distortion, 
coma, and all aherrations.of the unsymmetrical 
class, whatever the position of the object lUay 
be. As this question is of very great import- 
ance it is worth inquiring what advantages 
a symmetrical construction does necessarily 
secuI'C. For this purpose it is quite nn- 
necessary to consider the details of the lens 
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constructiun. the symmetry itself being the 
only pertinent factor. 

uppose, then, that C (Fig. 24) is the centre of the 
stop, and thus symmetrically situated "ith respect to 
the two components. Any ra)? through C will strike 
the components in corresponding points and "ill be 
refracted by the separate components into exactly 
corresponding positions. The incident and emergent 
rays "ill tllU
 strike similar and symml'trically 
situated surfaces in points which also correspond. 
In particular, if the intersection with the object and 
image planes for magnification -1 are P and P', 
the distances of these points from the axis are equal, 


and the objective is therefore free from distortion 
for this particular magnification. 
Again consider two paralld rays'ST' and TS' in the 
space separating the components, which meet the 
central stop plane in diametrically opposite points. 
Symmetry again shows that the incident ray corre- 
sponding to ST' is parallel to and correspondingly 
situated with the emergent ray belonging to TS', and 
rice versa. Thus the intersection R of the two 
incident rays is symmetrically Bituatcd with respect 
to the intersection R' of the emergent rays. More- 
over, the previous result shows that the ray from R 
through C passes through R', and the more general 
case is easily established, that corresponding to any 
ray through Rand R' another ray through the same 
two points may be found which is parallel to the 
former ray in the stop space and meets the stop 
in the diametrically opposite point. These results 
are readily interpreted to mean that the lens sym- 
metry automatically secures freedom from all 
unsymmetrical aberrations when the magnification 
i" -1. It is to be observed that there is no need 
for the various pairs of rays Buch as ST' and TS' 
to be parallel in the stop space to QQ' or to other 
pairs of rays arising from the same object point, so 
that the uncorrected character of the half lens is 
of 110 consequence. 'Yhen we proceed to consider 
conjugate planes for a different magnification the 
arguments which have Sf'rved to establish this result 
for the magnification -1 break down. For example, 
in the case of distortion, freedom from this aberration 
evidently involves the absence of aberration in the 
image of C in a single component. To secure the 
absence of all chromatic aberration the single com- 
ponent must bring a parallel bundle of rays incident 
in the stop space to a single focus in the image space, 
and must also form an image of C in the same place 
for the different colours. 
'Yhen coma is considered in a I':imilar way for a 
magnification other than -1 the ravs concerned in 
the formation of the image of a l'artic
lar object point 


which intersect the stop in opposite ends of a diameter 
do not lie parallel to one another in the stop space, 
and in the absence of such symmetry conclusions 
can oIÙY be dra" n when more w is kno';n of the un- 
s) mmetrical aberration'i for the magnification -1. 
Algebraic investigation is in this case more simple, 
and leads definitely to the conclusion that "ith the 
symmetrical construction the only magnifications 
for which the aberrations generally can be removed 
are +1 and -I, the former corresponding to the 
Gtop and the latter to a real image. 
'Yith moderate sized stops thc fact tbat a Bym. 
metrical objective is free from unsymmetrical 
aberration when copying fun size may be taken to 
involve small but not zero values for the unsvm. 
metrical aberrations for objects in other positi
ns, 
but for large apertures the conclusion is unavoidable 
that this construction is undesirable. The design 
of a symmetrical objective for copying the same or 
approximately the same size is particularly simple, 
since it reduces to the design of a half component 
which is free from symmetrical aberrations alone 
for parallel beams incident on the Burface presented 
t0 the stop, together with the correction of the image 
of the point in '\\ hich the gtop meets the axis for 
colour and spherical aberration. The conditions 
to be satisfied are thu3 considerably fewer in number 
than with a compl('te unsymmetrical objective. 
(iii.) H emi-symmetrical Objecth'es.- ThesèâÍ'e 
formf'd by combining together two components 
of similar design but of different focal lengths. 
The position of the stop should di,ide the 
Rpace between the inner surfa('es in proportion 
to the focal lengths of the components, and, 
as in the fully symmetrical systems, the image 
of the axial point of the stop plane should be 
free from chromatic and spherical aberrations. 
The "ant of symmetry" hich exists in the 
paths of other rays shows that we cannot in 
this case infer absence of unsymmetrical 
aberrations for the magnification determined 
by the ratio of the focal lengths of the com- 
ponents, though" hen these focal lengths are 
not extremely dissimilar in magnitude con- 
siderations of continuity lead us to expect 
that aberrations of this kind will not be large. 
Lenses of this type are chiefly used as a 
yariation of the fully sJ.mmetrical type to 
secure a lens of somewhat different focal 
length at the cost of half a lens, one component 
only of the fulJy symmetrical lens being 
replaced by another of the same design but 
of different focal length. 
(iv.) Quasi - symmr.trical Systems. - It is 
e,ident from the preceding discussion that 
for the best results for distant objects "jth 
lar.ge apertures the symmetrical construction 
is unsuitable. In a number of lenses this 
difficulty is o,ercome by introducing slight 
differences between the two components, as 
by altering one or two curvatures and possibly 
a separation also in one component compared 
with the other. In this way the ad,antages 
which the symmetrical construction offers 
to a manufacturer may in part be retained, 
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and the design of th(' lens is also simplified. 
since each component must Le given properties 
which differ in known directions from tlJOse 
which yield correct images for fult-size copying. 
Such lenses may be 
called quasi - sym- 
metrical objectives
 
and among them 
may Le noted the 
Celor (F1.g. 2.3) made 
by :Messrs. Goerz 
with an aperture of 
/13.5, while several 
FIG. 2:>. forms of the Cooke 
lens and of its vari- 
ants may be regarded as special cases of quasi- 
symmetrical lenses. In most of these object- 
ives the outstanding feature of the modifica- 
tion is that the front portion, in comparison 
.with the back, has surfaces more strongly 
convex to light proceeding from external space 
to the stop. 


T. s. 


PHOTOG RAPHIC LE
SES FOR TELESCOPES. See 
" Telescope," 
 (9). 
PHOTOGRAPHIC METHOD OF SPECTROPHOTO- 

IETRY: a method of great value in the 
ultra- -violet part of the spectrum. See 
" Spectrophotometry," 
 (17). 
PHOTOGRAPHIC REPRODUCTION OF GRATICrLES. 
See" Graticules." 
PHOTOGRAPHIC SURVEYING. See" Surveying 
and Surveying Instruments," 
 (9) (vii.). 
PHOTOMETRIC :METHODS OF TEMPERATURE 
DETERMINATION. See" Photometry and 
Illumination," 
 (112). 


PHOTOMETRY AKD ILLUMINATION 


I. GENlmAL PRINCIPI.}
S A
D DEFINITIONS 

 (1) GE
ERAL.-Photométry is that branch of 
applied physics which deals with the quantita- 
tive comparison of light sources and their evalu- 
ation iri terms of some agreed stand!1rd. It 
will be seen from Part III. on " PhotometIic 
:l\Iethods " that this comparison or evaluation 
is always achievt'd by means of a comp::trison 
of the brigbtnesses of surfaces illuminated by 
the sources, and this comparison has always 
to "be made by the human eye. There is 
therefore a natural limit to the accuracy with 
which two sour\Jes of light can be compared, 
viz. the limit bevond which the human eye is 
incapable of pe;ceivin
 differences of bright- 
ne8S. This limit varies with the absolute 
value of the brightnesses compared, any 
difference that may exist b('tween their 
spectral distribution, the state of the eye, 
and other factors which are discussed else- 
wlwrc (see article on "The Eye as an Optical 
Ill1:5trument "). 


] n photnmetry therp is ah\ ays an ordered 
sequence of phenomena each of whieh has to 
bp separately considered. Some object, called 
a "luminous source," l'mits radiation which 
is capablE' of affecting the retina of the human 
eye and thereby producing the sensatiun of 
light. TllÎs radiation, or some portion of it, 
reaches a 
jven surface and then'by " illumin- 
ates" it; the surface reflects some !Jortion 
of the radiation it receives and then is said to 
have a certain" brightness." 
The considE'ration of this sequence leads to a 
system of definitions of photometric terms. 
7'hese may be based on the luminous power of 
the source as the primary conception, 1 or 
alternatively, the rate of flow of radiation (i.e. 
luminous flux) may be regarded as funda- 
mental, all other phenomena, including the 
source, being referred to this as the primary 
conception. 2 

 (2) DEFIKITIO:XS. - The following defini- 
tions of the more important photometric 
quantities may be given. Those marked with 
an astE'risk (*) were adopted by the Inter- 
national Commission on Illumination in 1921. 
* (i.) Luminous Flux.-It is the rate of 
passage of radiant energy evaluated by refer- 
ence to the luminous sensatioil produced by it. 
Although luminous flux should be regarded 
strictly as the rate of passage of radiant 
energy, as just defined, it can, nevertheless, 
be accepted as an entity, for the purposes of 
practical photometry, since the velocity may 
be regarded as being constant under those 
conditions. 
It is measured by the quantity of luminous 
energy falling per second on a surface of unit 
area placed at right angles to the flmv. 
* (ii.) The Unit of Lumino'Us Flux is the 
Lumen. It is equal to the flux emitted in a 
unit sulid angle by a uniform point source of 
one international candle. 
(iii.) A Lumin01is Source, or source of light, 
is one which emits luminous flux. 
* (iv.) The Luminous Intensity (candle- 
power) of a point source in any direction is the 
luminous flux per unit solid angle emitted by 
that sourcE' in that direction. (The flux 
emanating from a source whose dimelU
ions 
are negligihle in comparison with the distance 
from which it is observed may be considered 
as coming from a point.) 
* (v.) The Fnit of L-urninou8 Intensity 
(candle-power) is the international candle, such 
as resulted from agreements effected behyeen 
the three National Standardising LaboratoriE's 
of France, Great Britain, and the rnited 
States, in 1909. 
1 A. P. Trott{'r, Illum. Eng., London, 1014, vii. 
330. 
2 .. Report of the Committre on Nomf'nrlature 
and Standards of thr Illuminating Enginf'f'ring 
Society," Am. Illum. Eng. Soc. Trans., 191ï, xii. 
438. 
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Thi5 unit has been maintained since thcn by 
means of incandescent electric lamps in tllese 
laboratories which continue to be entrusted 
\\ ith its maintenance. 
These laboratories are: the Laboratoire 
Central d'Électricité in Paris, the Xational 
Physical Laboratory in Teddington, and the 
Bureau of Standards in ". ashington. 
The International Candle is thus an arbitrary 
standard in terms of which luminous intensity is 
measured. 
* (vi.) The Illumination at a point of a 
surface is the surface-density of the luminous 
fl.u
 at that point or the quotient of the fluX- 
by the area of the surface, when the latter is 
uniformly illuminated. 
". (vii.f The Practical Unit of Illumination is 
the Lux. It is the illumination of a surface 
one sCluare metre in area receiving a uniformly 
distributed flux of one lumen, or the illumina- 
tion produced at the surface of a sphere having 
a radius of one metre by a uniform point 
source of one international candle situated at 
its centre. 
In view of certain recognised usages. illumina- 
tion may also be expressed in terms of the 
following units: 
Taking the centimetre as the unit of length, 
the unit of illumination is the lumen per square 
centimetre; it is known &3 the Photo Taking 
the foot as the urJ.it of length, the unit of 
illumination i:-, the lumen per square foot; it 
is known as " Foot-candle." 
1 " foot-candle" = 10.764 lux 
1.0764 milIiphot. 
(viii.) The Brightness of a luminous surface 
in a gÍ\Ten direction is the candle-power per 
unit projected area of the surface in that 
direction. It is expressed in candles per square 
miHimetre or per square metre. l 
X.E.-Confusion has been caused in the past by 
the IDle of thf' illumination unit" foot-candle" or its 
modification "equivalent foot-cal1dle " to exprf'ss 
brightnesg. Brightness should preferably be ex- 
pre:;sed in terms of candles per unit area. 
(ix.) The JIron Ilorhontal Candle-power of 
a lamp is the average candle-power in the 
horizontal plane passing through the luminous 
centre (If the lamp. 
It is here assumpd that the lamp (or other 
light source) is mounted in the usual manner, 
or, as in the case of an incandescent lamp, 
with its axis of symmetry vertical. 
(x.) The Average Candle-power of a lamp is 
the ayerage value of the candle-power me<.1.sured 
in all directions in space. It is numerically 
equal to th
 total lumin0us flux emitted bv the 
lamp in lumens dividerl by 411'". This has' bepn 
generally termed the " mpan spherical candle- 
power," and simiJarly the term "mean hemi- 
1 Kormal brightness i
 the brightnc:.", of a suriace 
when viewed in the direction of its normal. 


spherical candle-p(lwer" of a lamp (upper or 
10\\ er) has been w
ed for thp average candle- 
p
wer of a lamp in the hemisphere con.;idered. 
It ic; recommended that for this purpose the 
name of the hemisphere in question should be 
added to the term "average candle-power," 
thus: "average candle-power (upper hemi- 
sphere)." In the past the term "Efficiency" 
has been generally used to denote the per- 
formance of a lamp in terms of the "atts of 
electrical power C'onsumed, divided by the 
luminous intensity in candles. It i
 recom- 
mended that this should be called the" watts 
per candJe " of the lamp. 

 (3) FU
DA:\IEXTAL RELATIO:X OF PHOTO- 
METRy.-From the fact of the rectilinpar propa- 
gation of luminous radiation it at once fol1úws 
that, "ith a uniform point source: (11) the flux 
incident per unit aIea, on a vpry small surface 
normal to the direction of the light, varies as 
the inYer
e square of the distance of the 
surface from the source; and (b) the flux 
incident per unit area, on a very small surface 
at a given distance from the source, varies as 
the cosine of the amde between the norma I 
to the surface and th.....e direction of the light. 
Thus, if the distance between a surface and a 
luminous source so greatly exceeds the dimen- 
sions of both that thef:e may be neglected by 
comparison, the illumination E of the surface 
varies (i.) directly as the 
andle-power J of 
the source in the direction of the surface; 
(ii.) illversely as the square of the distance of 
separation, d; (iii.) directly as the cosine of 


of 
 
I I 
:
------------ d ------------
 


FIG. 1. 


the angle () between the normal to the surface 
and the line joining it to the source (see Fig. 1), 
or, in symbols, 
E=J cos ()/d 2 . 
The second and third of these laws are known 
as the" inverse s
uare law" and the" cosine 
law" of illumination respectively. and it is 
upon the equation just given that the whole 
of the science and practice of photometry is 
based. 


II. PHOTO'IETRIC STAXDARDS 
The standards to be dealt with in this 
articJe include two groups: (a) primary 
tand- 
ards, in terms of "hich the candl{'- pow('r
 of 
all sources are expressed; and (b) secondary 
standards, for practical use in everyday 
photometry. 

 (4) REQUIRE)IE-STS OF PRDIARY STASD- 
ARDS. - The conditions which a primary 
standard should fulfil arp those required of any 
physical standard, viz. ease of reproducibility 
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from specification, maintenance of value 
over long periods, small correction factors 
for change of conditions such as b
Hometric 
prc'3.3ul'e, temperature, etc. In adJition to 
the3e, a standard of candle-power must fulfil, 
as far as possible, the condition that the 
spectral distribution of its light 
hall ap- 
proximate to that of the light sources measured 
by compmison with it. This C'ondition is 
due to the great difficulties introdueed into 
photometry by difference of colour between 
the lights being compared (see 
 (102) et seq.). 


E 


:l\Iany sugge'3tions have been made at 
different times for the production of a satis- 
f
ctory primary Rtandard of candle-power. 
None of these fulfils, even approximately, all of 
the conditions outlined above. :l\Iost are difficult 
to reproduce with sufficient accuracy and are 
greatly affected by change of exterior C'ondi- 
tions. :None fulfils the condition as to 8pect.ral 
distribution, the colour of the light being, in 
every case, much redder t.han that of the 
sourC'es of light in common usp to-day. 

 (5) KI
DS OF STA:NDARDS.-Tl}E' proposed 
standard:::! which have so far received any 
degree of support may be divided into two 
groups: (i.) flame standards, depending on 


the candle-power of a luminous flame burning 
under spee'ified e'onditions: (ii.) incandescencè 
standards, depending on the' cand]e-powf'I of 
a specified area of some bolid or molten material 
at a given temperature. 
Of the flame standardR the most imnortant 
are the British standard candle, the ,r enlOl1- 
Harcourt Pentane I.amp, and the Hefner 
Amyl-Acetate Lamp. 

 (6) BRITISH STA
DARD.-(i.) The British 
candle was set up under the )Iet
opolitan Gas 
Act of ] RHO as the official standard for the 


c 


D 


E 
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FIG. 2. 


purpo
e of testing London gas. It was d('- 
scribed as a spermaceti ('andle weighing one- 
sixth of a pound, and burning at the rate of 
120 grains per hour. 
(ii.) This st3.ndard has now been superseded 
for practical purposeR by the pentane lamp 
rlevised bv V ('mon-Harcourt in 1877. TI1is 
hmp is sh
wn dia
rammatically in Fif}. 2. The 
saturator A holds the fuel, liquid. pentane, 
a highly inflammable and very volatile hydro- 
carbon distilled from petroleum. This 
saturator is filled to ahout two-thirds of its 
capacity before the lamp is iighted. The 
level of thp liquid (observed through the 
wmdow in the side of the saturator) is ne,-er 
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allowed t() fall below one-eighth of an inch 
when the lamp is in usp. The saturator is 
connpcted, hy means of a wide india-rubber 
tube, with the hurner B, which consists of a 
ste
tite ring pierced with :
o holes, and at 
which the i
suing mixture of air and pentane 
vap.mr is ignited. The rate of flow. of the 
mixed vapour, and therefore the heIght of 
the flame, ('an be adjusted by mE'ans of the 
stop-cocks 8 1 and S2 on the saturator. The 
phil1lnev tube ('0 is furnic;;hed near its ba
e 
with a "mi(':), window, upon which iR marked a 
horizontal linp 88 mm. above the bottom of 
the chimnE'v. The chimney is set, by mpans 
()f a cvlind
ical wooden gange G, so that its 
lower 
n(l is exactly 47 nun. above the steatite 
rinJ hurner. Surrounding the chimney CO is 
a c
mcpntric tube D up which a current of air 
is drawn bv the llf'ating of the chimney, and 
this hpatcl ai.r passes into t'-1e hollmv support,. 
iug pillar E and so down throu
h. F to t
e 
centre of the steatite ring where ]t IS used 111 
the combustion of the pentane. It is important 
that the chimney CO be brought centrally ovpr 
the burner B, 
nd three SCrE'WR are providE'd 
at the base for the purpose of making this 
adjustment. H iR a conical shade for protect- 
iner the flame from draught. 'Yhen in use, the 
la
p i3 
et up with the pillar E vertical, and 
thp stop-cocks S::. and S2 are so adjusted that 
the tip of thE' flame just risE's to a level half- 
wav betweE'n the bottom of the mica window 
in CO and the cross bar. (A slight variation 
in thE' height of the flame, however, does not 
affect its candle- pm\Ter.) The mica window 
mURt, of course, b? turnpd away from the 
photometer head, while H is turned so that 
the whole of the flame is -risible from thp 
photometer, except the portion at t
e top 
which is cut off by the lower part of the chImney. 
The saturator _
 is at first placed npon its 
bracket as far from the cpntral column as 
po'\sihle and the lamp is left alight for at lea
t 
a quart
r of an hour before any photometru> 
measurements arp made. If it is found at 
the end of this period that the flame has a 
tendeu('y to fall in hei
ht, the saturator is 
moved slÍ!rhth" towarrls the central column. 
Tn making pllOtomptric measurements all 
distances arp reckonE'd from the centre of the 
flame, i.e. the geometric centre of the steatite 
ring. 
(iii.) The Pentane Lamp as Standard.- 
'YJlPn burnt under standard conditions of 
temperature, pre'3sure, anrl humidity, the pen- 
tane lamp is recognised as haying a c:lndJe- 
pm\er of ten international candle
. For a 
morp accurate and debiled specification of thp 
lamp, anrl of the preparation of the pentane, 
the Sotification of the ::\Ietropolitan Gas 
Referees for the year HH6, ruhlished hy H.:\T. 
Stationery Office, should he consulted. A copy 
of this notification, together with working 


dra"\\ings of the pentane Jamp, is deposited 
at the .Kational Physical Lahoratory, and may 
be thpre consulted. 
The value of the candle-power of the pentane 
lamp depends on the humidity and barometric 
pressure of the atmosphere in which it. is 
burning. Several determinations have been 
made of the effect of these variables on the 
candlp-power of the lamp. Th
 latest is that 
of C. C. Paterson and B. P. Dudding at the 
Xational Physical Laboratory,l and for the 
details of their experiments their origin
l 
w('rk should he consulted. The rpsult they 
obtain is given by the formula 
C. P. = 10{1 + 0'OOß3(
 - e) - 0'0008;3(760 - b)}, 
where C.P. represents the candle-power of the 
lamp when burning in an atmospherp at a 
rre
sure of b mm. of mercury wifh a humidity 
of e Iitrps of w
ter-vapour ppr cubic metre> 
of the moist air. The constants of the abovE' 
equation agree pxceedingly wpll "\\ith those 
given by Butterfield, Haldane, and Trotter,2 
but Rosa and Crittpnden 3 find values for the 
constants which are notably lower than those 
given above, viz. 0.00.)67 and 0.0006. It has 
been suggested that t.his differE'nce in the 
constants may be accounted for on the 
assumption that the lamp really possesses 
a temperature coefficient, but that as humidity 
and temperature arc so closely related in any 
one locality, their separate efEeds cannot be 
determined by the usual method of observa- 
tion. Differences in the relation between 
these two quantities at 'Yashing.ton and at 
Teddington might explain the observed 
differences in the humidity coefficients found 
at these two places. The values of the con- 
stants are obtained from a very large number 
of comparisons with an electric glo"\\- -lamp 
sub-standard of the same colour, observations 
bpin er made undpr all availablp conditions of 
pres
ure and hunÜdiiy. The most probable 
values of the constants are then found by the 
method of lea
t squares. The value for tile 
humidity correction found in 1917 by K. 
Takatsu and :\1. Tanaka 4 waR 0-00638, and 
they 
uggest that the different value found 
in America may be due to the use of a hood 
and ventilating duct, if the effect of this is not 
tbe same at all humidities. 

 (7) THE HEFXER LA
IP.-The standard 
of candle-power adopted as IE'gal in Germany 
and some other European countries is the 
lamp devised in 1884 by von Hefner AltE'nf'ck 
and shown in Fig. 3. It consists of a con- 
tainer 0, made of brass, ïO mm. in diamete>r 
and 38 mm. high. It holds about 113 c.c. 
1 .. The rnit of (';mdl(' Powf'r in White Light," 
Ph!ls. Soc. Proc., HH:;, xxvii. :!81. 
:! JOltT1l. of (;m
-Lightillg, 1911. exv. 88. ..._ 
3 A.m. Ilium. En!!. SO('. Tran.<
.. 1910, Y. ,.)3. . 
t EI('ctro-T('chn. J.aborat., Dept. of Commumca- 
tions, Tok)'o, Oct. 1917. 
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of amyl acetate, a specially pure grade of 
this compound lwing required for photo- 
metric purposes. The liquid should always be 


G 


IJ 


5 


:1"10.3. 
emptied out of the container when the lamp 
is not in use, as otherwise corrosion is liable 
to take place even though the inside of the 
container be tinned or nickel-plated. A thin 
German silver tube T, constructed very 
. accurately to the dimensions of 2;') nun. in 
height, 8 nun. in internal diameter, and 0.15 mm. 
in thickness of metal, holds a wick of 15 to 
20 strands of untwisted cotton which can be 
adjusted in height by means of the screw S. 
G is a gauge consisting of a lens and ground 
glass screen with a h0l1zontal cross-line. The 
lens forms an inverted image of the flame on 
the screen, and by this meåns the tip of the 
flame can be very accurately adJusted to the 
correct height of 40 mm. above the level of 
the tube. The candle-power of the flame 
depends appreciably on its height, and one of 
the chief disadvantages of this standard is 
the fact that the flame is very lambent and 
sensitive to draught, so that in the absence of 
any chimney its use is attended with great 
difficulty for practical measurement. 
Liebenthal finds that a variation of 1 mm. 
in the height of the flame causes 2.7 per cent 
change in candle-powër. The gauge on the 
lamp may be raised 4 nun. to permit adjm
t- 
ment of the flame to a height of 44 mm., at 
which heiaht the candle-power has been found 
to approximate very closely to the unit derived 
from the pentane lamp. 
\\ïth the Hefner, as with the pentane lamp, 
allowance has to be made for pressure and 
humidity of the air. The formula in the case 
of the Hefner lamp is 
C.P. = 1 + 0.006(8.8 - e) - 0.00011(760 - b), 
where e and b have the same meaning as before. l 

 (8) THE CARCEJ
 LAMP. - The flamf' 
standard officially adopted in France for 
1 K Ott, Journ. of Gas-LiqlltÜl(j, 1015, cxxxii. 3ï8; 
and Electriâan, 1915, lxxvi. 227. 


gas- testing is the Carcel lamp, which is a 
lamp burning colza oil with an Argand burner 
and glass chimney. The wick is continually 
supplied with oil by means of a clockwork 
pump, and the correct cand1e-po-wer is ob- 
tained when the rate of oil consumption is 
42 gm. per hour. In actual usp the wick 
is adjusted to give approximately this con- 
sumption, and a correction is applied for the 
departure from this theoretical valuf'. The 
actual consumption is obtained by burning 
the lamp on a form of balance, and noting 
the time at which the lamp loses ten grammes 
in weight. The difficultips attending the use 
of this iamp are very great, and different 
observers are unahle to obtain results either 
consistent among themselves or in agreement 
with one another. 

 (9) THE VIOLLE STANDARD.-Of the in- 
candescence standards which have bpen pro- 
posed two require some description, viz. the 
Violle platinum standard, and the positive 
crater of the carbon arc. The former, which 
was proposed in lR81 by VioUe, is the 1ight 
from one square centimet.re of a surface of 
molten platinum at the temperature of solidi- 
fication. The Violle standard, on aCCOl1nt of 
its obvious theoretical advantages, has bpen 
rf'garded as a promising advance on the exist- 
ing flame standards, and unsuccpssfnl attempts 
have been made at variouC) times to place it 
on a satisfactory practical basis. The most 
recent careful work on this standard is that 
of Petavel,2 who used a semicircular bar of 
platinum heated by an electric current to 
such a temperature that the inner core of 
the bar melted while the outer shell remained 
solid. The second form of the standard on 
,vhich he made measurenwnts was an ingot 
of platinum fused in a crucible of pure lime 
by means of an oxy-hydrogon blow-pipe. The 
metal was first completely melted and then 
heating was stopped and photometric measure- 
mf'nts of the brightness were made at 10- 
spcond intervals during cooling. The readings 
when plotted showed a constant value over 
the region corresponding to the time of 
solidification, and the mean of the observations 
at this period was taken as the value required. 
It was found that the values obtained by this 
method did not depend on the shape or mass 
of the ingot, but that the effect of contaminating 
the platinum with either silica or carbon was 
very marked. Petavpl's final conclusion was 
that the probabJe variation in thp light emitted 
by molten platinum under standard conditions 
was not greater than one per cent, and that 
with more experimental refinements an even 
greater accuracy than this might be attainable. 
It cannot be said, however, that one per pent 
iC) sufficient to bring the Violle Rtandard, with 
its additional disadvantage of rcdn{'ss of light, 
2 Roy. Soc. J>roc., 1809, lxv. 481. 
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into serious competition with the existing I 
standards. 

 (lO) L""G)DJER-KuRLBAU11 STAXDARD.- 
One other platinum standard which has been 
proposed, and may be mentioned in pass- 
ing, is that of Lummer and Kurlbaum. 
This consists of the light emitted by one 
sq. cm. of a platinum strip raised to snch a 
temperature that a layer of water 2 em. in 
thickness transmits 10 per cent of the total 
resultant radiation. This ratio is determined 
by means of a bolometer. Although this 
standard is used at the Phvsikalisch- Technische 
Reichsam;;talt for the checking of Hefner 
lamps, Petavel has found (loc. cit.) that the 
bolometer method of temperature adjustment 
is not sufficiently exact to enable this apparatus 
to fulfil the conditions of a primary standard. 

 (11) CARBOS ARC STASDARD.-The other 
incandescence standard, on which a con- 
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siderable amount of work has been done by 
)Iorris, Forrest, 1 and others, is that provided 
b.y a square millimetre of the positiye crater 
of a carbon arc operating under conditions 
designed to ensure steadiness. In the Forrest 
arc (F1'g. 4) two negatives are employed, each 
at an angle of about 100 0 with the positive. 
Under these conditions, and using carbons of 
8 mm. diameter with a total current of 7 to 
10 amperes, it "as found that the brightness 
of the crater was uniform over the whole of 
its surface, and photometric measurements 
were made of the candle-power per sq. mm. 
by inserting in front of the crater at D a 
small diaphragm of accurately known dimen- 
sions. Forrest found that the arc would work 
quite- silently over a considerable range of 
currents, and that the crater brightness was 
independent of the current under these con- 
ditions. The value he obtained was 172-174 
candles per sq. mm., and more recent work 
on the same lines bv Allen 2 has confirmed 
his general conclusiorî's and gives 176 candles 
per sq. mm. as the intrinsic brightness of the 
positive crater of a silent arc. 
An advantage which this standard possess('
 
1 Elrctrici.an, HH3, lxxi. ï29 and 100;. 
2 Phys. Soc. Proc.
 1921, xxxiii. 62. 


over any other is that the colour of the light 
is bluer than that of most present-day sources, 
a difference which" ill diminish as thp efficiency 
of practical iHuminants increases. 

 (12) BLACK BODY STASDARD.-The pro- 
posal to use a definite area of a total radiator 
(black body) at some definite temperature 
has been made during recent years, 3 and as 
early as 1908 "Taidner and Bur
ess fmg- 
gested the use of one sq. centimetre of a 
black body at the temperature of melting 
platinum. The chief difficulty is that, as with 
all incandescence btalldardR, the light emitted 
varies as a high power of the temperature of 
the radiator, so that the accuracy of the 
temperature measurements needs to be at 
least ten times as great as the desired 
accuracy of the light standard. 

 (3) GLOW - L.UIP SUB - STAXDARDS. - 
Finally, it is necessary to describe the 
electric glow - lamp sub- 
standards which are used 
for daily work in practical 
photometry. Specimens of 
such lamps as used at the 
National Physical Laboratory 
are shm\n in Fig. 5, some 
having carbon and some 
drawn tungsten filampnts. 
In the case of the latter the 
filaments are disposed in 
grid formation so that the 
plane of the whole filament 
can be brought accurately 
over any mark on the 
photometer bench. Such standards as these 
can be operated at any given efficiency so that 
an appro.umate colour match may be ohtained 


III 
J 


FIG. ;). 


with the source 'with which they are to be 
used. Paterson has found 4 that, if not 
overrun, these lamps "ill maintain their 
3 E. Warburg, Zeifs. l'ereines Deutsch. lllg., 191ï, 
xxx. 3-10. 

 lm;t. El. EU(1. JOllrn., l!\Oï, xxxviii. 28ï, ami 
Pliy.<;. Soc. PrfJc" HH;), xxvii. 270. 
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candle-power values for many hours of burning, 
so that if used only for a few minutf's each 
day, they do not need recalibration for long 
periods. 11
or this reason they ha ve very 
largely supprseded the actual primary standards 
in everyday photometry, and standards such 
as these, after comparison with master Rtand- 
ards at a National Laboratory, arc used in 
most photometric laboratories for practical 
work. Since the candle-power of a carbon 
filampnt varies as the sixth and that of a 
tungsten filament as the fourth power of the 
voltage applied to it, it is necessary to make 
the elpctrical measurempnts with 4 to 6 times 
the accuracy requirpd of the candle-power 
measurements. 'Yith proppr battpry supply 
and potential measuring apparatus, however, 
this presents little difficulty. 

 (14) RELATIVE VALUES OF THE STAND 
ARDS.- The following t.able Fmmmarises the 
relative values of the different standards 
above described. 


TABLE I 


- 
Pentane. Hefner, Carrf'l. Viallf'. 
- 
Pentane I II.l 1.05 0.5 
Hefner . 0.09 I 0.094 0.045 
Carcel 0.96 10.6 I I 0.48 
Violle 2.0 22 2.1 I 


Since 1909 thp standard derived from the 
IO-candle pentane lamp has been adopted 
by the National Laboratories of France, 


Great Britain, and U.S.A., and has' 
been subsequently preserved by means 
of glow-lamp sub-standards. This is 
now termed the International Candle, 
and is equal to the old French" Bougie 
décimale. " 


III. PHOTO
IETRIC l\IETHoDs 


As has alrearly been stated in the sec- 
tion on General Photometric Principles 
(q.v.), the comparison of light sources 
is always made by comparing the 
brightness of surfacps illuminated by 
these sources. Thus every photometer is 
essential1y an instrument for the ready com- 
parison of brightness. Photometers may, 
however, he grouped in two classes accord- 
ing as they are primarily intended for the 
comparison of light sources, or for the 


measurement of illumination at a given 
position. 
In the case of the former class the two 
sources are generally placed one on either side 
of the photometer, and their respective dis- 
tances from the comparison surfaces in the 
instrument are then adjusted until equality 
of brightness is obtained. Assuming hoth the 
surfaces to have the same reflection ratif), 
and to be Pqually inclined to the incident light, 
this condition gives the distances at which thp 
two sources produce equal illumina.tions, and 
hence the candle-powers of the sources (in 
the direction of the photometer) are in the 
same ratio as the squares of their resp
ctive 
distances from the photometer surlaces. 

 (1.3) THE BUNSEN PHOT01\JETER.-As a 
convenient example, the simple form of the- 
Bunsen Grease-Spot Photometer may be 
de-scribéd. This c(Jnsists of a sheet of opaque 
white paper rendered translucent over a smal1 
circular region in its centre by the application 
of paraffin-wax. This sheet S (Fig. ()) is 
mounted in a box which is hlackened on the 
inside and provided with two mirrors 
ll\[ 
by means of which the two sidps of the sheet 
may be simultaneously observed. The box is 
mounted between two sources of light, the 
sheet of paper being perpendicular to the line 
joining them, and is moved to and fro along 
this line until the observer obtains an identical 
appearance for the two sides of the paper as 
viewed in the mirrors. The candle-powers of 
the sources are then in the ratio of the squares 


of their dist.ances, di. a 2' from 
the paper sheet in t.he photo- 
meter head, i,e. if J 1 and .J 2 
are the candle - powers of t.he 
sources in the direction of the 
photometer, then 
J} d 1 2 
J 2 = d 2 2 " 

 (16) ILLUMINATION PHOTO- 
METERs.-The principlp of an 
illumination photon1Pter is 
somewhat different. This in- 
strument is used for deter- 
mining the illumination at a given position 
by placing a matt white surface in that 
position and measuring its brightness by 
comparison with that of another surface con- 
tained in the im
trument. The illumination 
of this surface is variable at wiU by the motion 



 


FIG. 6. 
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of some part of the instrument, so that, with 
a scale previously calibrated, the value of the 
illumination of the outside surîace can be at 
once obtained. Fig. 7 shows a typical form of 
ilJumination photometer. 
P is the photometer case containing L the 
electric lamp, 8 2 the surface whose brightness 
can be varied by moving L, and E an eye- 
piece. 8 1 is the other surface placed at the 
point at which it is desired to measure the 


51 


FIG. 7. 


illumination produced by lamp F. The sur- 
faces 8 1 and 8 2 are observed simultaneously 
through E, and the handle H is moved until 
8 1 and 8 2 appear eq ually bright. As the 
movement of the handlp regulates the illumina- 
tion at 8 2 each position taken up by it corre- 
sponds with some definite illumination. These 
illuminations are marked on a scale over which 
moves a pointer attached to the handlp, so 
that when there is equality of brightness the 
scale reading indicatpd by the pointer gives 
at once the va]ue of the illumination at 8 1 , 
which was de<;:ired. 

 (17) MODERX )IETHODS OF PHOTO:\IETRY. 
-:\Iodern photometry, as far as it is concerned 
VOL. IV 


with the comparison of light source:::, and 
their measurement in a given direction by 
comparison with standard sources, depends 
on the use of a comparison photometer of the 
most sensitive type available, together with a 
photometf'J' bench specially designed for the ac- 
curate determination of the distances involved. 

 (18) THE LU:\DIER-BRODHUX PHOTO:\IETER. 
-The form of photometer head generally 
employed for work of the highest accuracy 
with lights of the same colour is the Lummer- 
Brodhun contrast type, the first form of 
which was described in 1889, though it has 
undergone several improvements since that 
date. The principle on which the instrument 
works will be best undez-stood from Fig. 8, 
which shows on the left a plan view of the 
interior of the photometer head, and on the 
right an enlarged view of the prism system P. 
8 is a central screen (approximatf'ly 4 mm. 
thick) constructed of white plaster with as 
matt a surface as can be obtained. The two 
sides of this screen are respectively illuminated 
by light from the two lamps to be compared. 
1\1 1 and )1 2 are total reflection prisms. and by 
means of these the light from the two sides 
of the screen is brought to opposite faces of 
the prism system P. 
This system, as may be more clearly seen 
from Fig. 8A, consists of two right-angled 
prisms placed with their hypotenuses in 
contact. The hypotenuse of the left - hand 
prism, however, is sand-blasted with the 
pattern shown shaded in Fig. 8B, and thus the - 
only parts of the two prisms which are in 
optical contact have the form of the white 
pattern in that figure. The result is that 
light passing into prism PI is transmitted 
without change to prism P 2 in the pattern 
shown white in Fig. 8E, while the pattern 
shown shaded in that figure is the pattern over 
which total reflection takes place in prism P 2' 
i.e. the pattern over which the light from )1 2 is 
seen by the observer at O. In effect, there- 
fore, the observer at 0 sees a pattern of this 
form in which the brightness of the shaded 
portion is due to light from the right-hand 
side of S, while the brightness of the white 
portion is due to light from the left-hand side 
of S. Clearly, when the two sides of Shave 
the same brightness the pattern" ill disappear. 
Disappearance, howeyer. is not the condition 
of which the eye is capable of judging most 
sensitivelJT, and therefore sheets of glass G 1 
and G.) are inserted as sho" n in Fig. 8A, so 
that the liaht formin a each of the rhom boiclal 
o 0 
patches is reduced by 8 per cent, and the 
condition to be arrived at is then equaJity of 
contrast between the patch and its back- 
around in both halves of the fiehI of view. 
The observer is provided with a telescope 
at 0, by means of which the pattern of the 
field is brought into accurate focus for his eyf", 
2E 
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a::; without sharpness of focus it is difficult to 
obtain accurate settings of the photometer. 
The whole of the optical part of the ap- 
paratus is mounted rigidly in a brass box 
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which is capable of rotation about a horizontal 
axis. Further, the screen S can be removed 
for alignment of lamps on the bench, or 
for reversal of screen to eliminate differences 
due to lack of equality in reflection ratio of 
the two plaster surfaces. The photometer 
windows are provided with brass shutters, 


occasions and using the method of procedure 
described later in this section. 

 (19) THE PHOTOMETER BENCH. - The 
photometer bench must next be described. 


FIG. 8A. 


o 


FIG. 8n. 
The pattern designed and used at tbe 
National Physical Laboratory is shm"\'TI in 
general view in Fig. 9. It consists of two 
straight steel bars, 3000 to 5000 mm. long, 
supported rigidly at interval,,;, the distance 
between the bars bf'ing 300 mm. Carriages, 
one of which is shown to a larger scale in 


and thf'se should always be kept closed when 
the instrument is not in use, as otherwise 
both the plaster screen and the glass surfaces 
of the prisms become dusty, anrl the field of 
view is cover('d with specks so that the accuracy 
of the readings is much impaired. 'Vith ex- 
perienced observers. lights of the same colour 
can be compared with this photometer to an 
accuracy of O.} per cent by taking the mean 
of a number of observers working on several 


Fig. 10, support the lamps to be compared, 
and the photometer head. These carriagf's 
consist of aluminium base plates B supported 
on three roUers with V -shaped grooves which 
run smoothly along the bars of the bench. The 
centre upright of the carriage has an adjust- 
ment for raising and lowering the plate P, and 
the latter is also capable of rotation about its 
axis, and carries a Bcale of degrees, so that it 
may be brought to any desired position. 
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Different fittings are attached to the various 
carriages according to the particular apparatus 
which they are intended to bear. The speci- 


FIG, 10. 


men shown in Fig. 10 is designed to hold a 
lamp. Others -are adapted for carrying a 
rotator, apparatus for polar curve measure- 
ments, or a photometer head 
and screening system. 
Sub-standards and com- 
parison lamps are mounted 
in specially designed holders, 
with tubular stems (as shown 
in Fig. ] 1) which fit into a 
central hole in the carriage 
pillar, a slot S at the bottom 
engaging in a key at the base 
of the hole, so that when a 
definite mark on the degree 
scale of the table is opposite 
the pointer the lamp 
is in a definite posi- 
tion with respect 
to the axis of the 
bench. 
Test lamps are 
accommodated in special 
holders which ha ve sockets 
designed to take lamps with 
ordinary standard ca ps. 
These holders terminate in 
tubular stems similar to 
those on the sub-standards, 
5 and they are provided "ith 
FIG. 11. two pain! of leads, both of 
which are soldered to those 
parts of the sockets which make the contacts 
with the lamp cap. One of thf'se pairs of 
le<tds is used for supplying current to 
the lamp, \\ hile the seconrl pair is used 
for voltage measurement. In thi9 way the 
voltage is measured at pcints which are as 


near as possible to the actual lamp contacts, 
and no allowance has to be made for voltage 
drop in the supply leads. Each pair of leads 
is connected at its free end to a special form 
of ebonite holder, which is designed to facilitate 
connection \\ith terminals carried on a small 
ebonite board at the end of the bench (Fig. I:?). 
The carriage bearing the photometer head 
also carries a steel bar along \\ hich are placed, 
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FIG. 12. 


at convenient intervals, a number of blackened 
aluminium screens with varying sizes of 
apertures. The relati\Te sizes of the screens 
and their apertures, and the intervals at which 
they are placed along the bar, are so related 
that the screen of the' photometer head is 
completely shielded from rays of light proceed- 
ing from anywhere but a narrow region 
surrounding the lamp to be measured (see 
Fig. 13). \Yhen the bench is in use black 
curtains are hung on either side of it throughout 
it
 length, and black velvet screens are placed 
behind the lamps being compared, so that, as 
far as possible, stray light is completely 
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FIG. 13. 


prevented from reaching the photometer. 
One source of stray light which is sometimes 
found to give trouble is the specular reflection 
of the light from the lamp by the polished 
surfaces of the steel rods of which the bench 
i
 composed. This may be a,oided byebonis- 
ing the rods (though e\-en in this case specular 
reflection still takes pla('e) or, better, by 
covering the rods at the half-way point with 
a piece of black velvet. The importance of 
adeq ua te screening cannot be overestimated 
in accurate photometric work. 

 (20) PROCEDURE IY l\IAKISG A PHOTO- 
:\IETRIC :MEASGRE:\IE:ST. - The photometric 
procedure adopted at the Xational Physical 
Laboratory may be con\.enìentJy described 
by analogy with the double-balance method 
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of weighing. As in thi:; method the object I 
whose mass is required is first balanced by 
an unknown mass of sand and is then re- 
moved from the scale pan and replaced by 
weights sufficient to balance the sand again
 
so in this method of photometry a lamp of 
unknown candle-power is used on the right- 
hand side of the photometer bene h, and 
this is termed the" comparison lamp." The 
carriage holding this lamp is clamped to the 
carriage holding the photometer head by means 
of a bar of convenient length, so that the two 
carriages may be moved as one unit and the 
illumination on the right-hand side of the 
photometer head remains constant (see Fig. 9). 
To adjust this illumination to 10 metre- 
candles a glow-lamp sub-standard of accurately 
known candle-power is placed in a carriage 
at the zero mark on the left-hand end of the 
photometer bench. The distance of this lamp 
from the photometer head, which gives an 
illumination of 10 metre-candles on the screen, 
being accurately known, the corresponding 
distance for the comparison lamp (termed its 
"fixed distance") is found by photometric 
balance between the two. In actual practice 
this fixed distance is found as the mean of 
observations with four or five sub-standards 
and two or more observers, depending on the 
accuracy of the work to be undertaken. The 
distance between the photometer head and the 
comparison lamp is then fixed, by means of the 
bar, at the value thus obtained, and the bench 
is then ready for the measurement of the test 
lamps. 
A test lamp having been placed in the left- 
hand carriage of the photometer bench, and 
the axis of its filament (or mean plane of. 
filament when dealing with grid filaments) 
having been carefully adjusted to be over 
the zero of the photometer bench, the observer 
makes a number of settings of the photomet.er 
head. An assistant notes these down, and 
the sq uare of the mean distance in metres 
multiplied by 10 gives at once the candle- 
power of the test lamp in the direction of the 
photometer It is generally the case that 
two observers will obtain values for the fixed 
distance of the comparison lamp differing 
by several millimetres in 1300 to 1500 (the 
distance for a lamp giving about 20 candles). 
It is therefore customary to set the fixed 
distance at the value found by one observer 
and to correct the observations of the other 
observers so as to make these correspond 
with the fixeù distances found by them. 
It may be mentioned in passing that the 
observer at the photometer head never sees 
his own readings until thev are all taken and 
entered up, so that he has no chance of heing 
unconsciously biassed in one direction or 
another. For really accurate work, such as 
the standardisation of su b-sbndards, where 


values are certified to an accuracy of a 
quarter per cent, the procedure above outlined 
is gone through on three or four separate 
occasions, as it is found that the relative values 
obtained by hvo or more observers "ill differ 
slightly from day to day, so that it is desirable 
to have the mean results of several days' 
o bserva tions. 
(i.) Errors.-It will be seen that this method 
of photometry avoids four of the errors to 
which a simple comparison of test lamp 
"ith standard is liable. These errors are: (i.) 
photometer screen error, (ii.) zero error of 
photometer head, (ill.) unequal reflections from 
extraneous objects at the two ends of the bench, 
and (iv.) observer's personal error. The first oi 
these errors, due to lack of symmetry in the 
})hotometer head, as has already been men- 
tioned, can be compensated by reversing the 
photometer head, but this does not apply 
to the other errors, which still remain unless 
a substitution method is employed. 
It will be clear that the bench, in addition 
to its millimetre scale, may bear a " square" 
scale so graduated that the position of the 
photometer head, when the illumination is 
equal to 10 lux, gives the candle-po,ver of 
the te
t lamp directly ,vithout calculation; 
for with a reading of 12, millimetres the candle- 
power is (nJI000)2 x 10 candles. It will be 
noticed that no allowance has been made 
above for the thickness of the plaster screen 
of the photometer head. If the distances of 
the two lamps from the photometer are 
approximately equal, or even in the ratio of 
2 to 1, with distances of 1300 mm. or over, 
the error introduced by this neglect does not 
exceed 0.15 per cent. For work at short and 
unequal distances, however, the semi-thickness 
should be subtracted from the distance of the 
test lamp, assuming that the distance of the 
su b-standard has been given as that necessary 
to produce an illumination of 10 metre-C'andles 
on the actual surface of the photometer screen, 
(ii.) Alternative Jlfethod. - It sometimes 
happens that the method of fixed distance 
de
cribed above is not practicable, either 
on account of the high candle - power of 
the test lamp and insufficient length of the 
hench, or when measuring a source in a 
number of positions in which the canellf'- 
power varies over a wide range. In this 
case it is necessary to fall back on actual 
candle-power mea
urements of the comparison 
lamp, and the use of the inverse square 1::1.\\, 
both lamps being held stationary, while the 
photometer head alone is moved. In this 
case, if d is the distance between the t,vo 
lampR, J the candle-power of the comparison 
lamp, and x the distance of the photometer 
head from the test lamp, the candle-power of 
the test lamp is given by the formula 
Jx 2 f(d - X)2. This method, of cours*", involves 



PHOTO)IETRY AXD ILLU)lIXAT[OX 


121 


much more calculation than the fixed distance 
lllet hod. 
For the measurement of very high candle- 
power source" at the K ational Ph} sical 
Laboratory, a 3-metre photometer bench is 
mounted on a ta ble fitted " ith roìlC'rs, 
which move along a rail track 30 mptres in 
length. 

 (21) BEST ILLU}nXATIox.-An important 
factor which has to receive consideration in 
accurate photometry is the degree of illumina- 
tion desirable on the photometer screen. It 
seems to be generally a
reed that an illumina- 
tion of beh, een 5 and 
o metre-candles is tll!
t 
at which the eye is capable of giving the bcst 
results \\ ith the Lummer-Brodhun photometeI 
head. Out
ide these limits the accuracy of 
judgment oi PG. uality begins to climinish. 
(i.) Absorbing Screens. - In the case of 
very high candle-power sources of lig.ht it 
is sometimes inconvenient or impossible to 
place these sufficiently far from the photo- 
meter to gi\-c the desired degree of illu- 
mination, and various methods have been 
proposed for reducing the intensity in a de- 
terminable ratio. One such method, the use 
of a neutral-tinted glass plate (or double- 
we(lge), placed in the path of the li
ht, has 
the disadvantage that truly neutral glass is 
unobtainable, so that in practice it is necessary 
to determine the transmission ratio of a given 
specimen of glass absorber by means of lif:ht 
of exactly the same colour as that '\\ith which 
it is intended to be u
ed. An alternative is 
that proposed by 1-\"'es and Luckeish,l and 
elaborated bv Krüss. 2 This consists of two 
glass plates 
led with fine opaque black lines, 
exactl
- equal in breadth to the spaces between 
them. These two plates slide one behind the 
other, and so a variation in transmission of 
50 per cent to zero can be olJtained. 
(ii.) The Sector Disc.-The most generally 
used apparatus for the purpose, however, is 
the sector disc in one of its many fOlms. 
The pa Uern devi
ed and used by A. bney is 
shown in Fig. 14, and possesses the advan- 
tage that the ang-le of the sector openin!l
 
can be varied whi1e the disc i!': in motion. 
The disc is placed so that its upper portion 
alternately intercents and tran;;;mits the bcam 
of li
ht '\\
hich it fs proposed to reduce. The 
shaft carries near one end a grooved rulley 
driven at any desire"'] speed by an elf'ctric 
motor. At the other end i.... a disc A, of 
which three equal Fectors have been re- 
moved, except by the 
haft and the rim. .\ 
second, exactly similar, dio:::c is placed behind 
this one, and is ri!lidly attachcrl to a flange 
fixed to a sleeve which 
lide8 on the shaft, 
and hac;; a pin engagin!! in a spiral groovc cut 
in the shaft. Thuo:::, the longitudinal position 
1 Phy.
. ReI'., Hill. 
 "Xxii. 5
2. 
I Zeit.
. Instrummtenk., 1917, xxxvii. 1O!). 


of the slee\-e ::tlong the axis of the shaft contro
 
the relative positions of the two discs, and so 
the width of the sector openings is capable 


FIG. U. 


('f {'ontrol by means of a grooved wheel 
attached to the sleeve and a
ted upon by a 
pin in a Itver L, which moves over a clirided 
scale S. It has been shown bv E. P. Hyde 3 
that the transmission ratio of a disc o{ this 
kind, if due precaution be taken to avoid 
stray light, is accurately the same as the ratio 
of the total angle of opening to 360 0 . Of 
cour
e, the small
r the opening the more the 
accuracy (if the transmiss10n ratio depends 
on the accuracy with which the sectors are 
cut, and for this reason it is not generally 
advisable to use openings smaller than 10 0 \\ith 
a disc of ordinary construction. The speed 
of rotation has to be adjusted until all flicker 
of the field di::;appears, and therefore need.; 
to b
 higher the smaller the transmission 
ratio. 

 (22) ERROR Ð{'E TO SIZE OF SO{'RCE. 
-An important consideration in the photo- 
metry of sources of light of large dimensions, 
or where the candle-power is so small that the 
distance from the photometer has to be made 
comparable '\\ ith the dimensions of the source, 
is the limit at which the inverse square law 
may be taken to apply with the necessary 
accuracy. This law i:,. of course, only strictly 
applicable to a point source of light, and in 
the practical case of a source of finite dimen- 
sions, the illumination of the photometer 
screen is the sum of the partial illuminations 
due to all the elementary portions of which 
A 

: .
 - : o 
J. 
 I 
8 


FIG. 15. 


the source is composed. the inverse square 
and cl,
in(' laws being applied to each such 
elementary portion separately. Thus. in the 
case of a circular disc AB (Fig. 13), the illumina- 
:s RUrt'(/l1 of :
tlllid(/rd"l Bull., 1 nUli, ii. 1. 
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tion of an elementary surface at a point U 
along the axis of the disc, due to an element 
of the disc of area a situated at its centre, is 
aIJa 2 , where I is the normal brightness of the 
disc. If the disc is a perfect diffuser, the 
amount of flux it emits in any direction is 
proportional to the cosine of the ang1e which 
that direction makes with the normal to the 
surface. The illumination produced by a 
similar element at A, therefore, is only 
aI cos 2 81A02, for the amount of flux emitted 
by the disc per unit area in the direction of 
AO is I cos 8, and since this meets thp surface 
at 0 at an angle 8 with the normal to that 
surface, the illumination is again subject to 
the factor cos 8. Hence the illumination at 
o due to A is aI cos 4 8Ja 2 . By integrating 
this expression 0 vcr 
the whole disc it is 
found that .the 
iJ]umination at 0 
due to the whole 
disc is 'r 2 E/( a 2 + r 2 ), 
where r is the radius 
of the disc and E 
is the illumination 
calculated on the 
assumption that the 
size of the disc is 
negligible in com- 
parison with its 
distance from O. 
Similarly it may be 
shown that for a 
single straight fila- 
ment of length 2l 
the illumination at 
an elementary 
snrface distant a 
from its centre is 
E/2[all tan-ILia + a 2 j(a"l + 1 2 )], where E has 
the same meaning as before. Clearly, in 
these two particular examples, if the error 
is not to exceed 0.2 per cent, then in the 
first case ria must not exceed 4.5 per cent, 
and, in the second case, 1la must not exceed 
4 per cent. In Fig. 16 are given graphs of 
the percentage errors introduced by assum- 
ing discs or lin
s of various dimensions to 
hehave as ahsolute point sources. These 
graphs give therefore the dimensions of the 
largest Sources for which the inverse square 
law may be assumed to hold to any desired 
degree of accuracy. 
* (23) VARIATION OF CANDLE-POWER WITH 
V OLTAGE.-As has been already stated above, 
the candle-power of electric gl
w lamps varies 
at a much more rapid rate than the voltage 
applied to the filament. Actually it has been 
found that for tungsten filament vacuum 
lamps, a voltage change of I per cent causps 
a 3.7 per cent change of canclle- power, while 
for carbon filament lamps this change is as 


much a5; 5 per cent. For tungstcn filament 
gas-filled lamps the figure is generally not 
much different from that for tungsten filament 
vaCuum lamps. For tungsten the change pro- 
duced by a gi\Ten current variation is approxi- 
mately half that producpd by the :;:ame per- 
centage change of voltage. 
(i.) Voltage Regulation.-From this it will 
be seen that to nttain an accuracy of one- 
tenth per cent in candle-power measurements 
it is necessary to ensure that the l'lectrical 
measurements and regulation shall be accurate 
to at least 0.02 per cent. Either voltage 
or current regulation may be employed; 
the latter has the advantage that it is not 
necessary to ensure that the electrical measure- 
ments are made at the terminals of the lamp, 
but the former 
method has the 
advantage of greater 
sensitivitý, and is 
the method gener- 
ally employed in 
photolllPtric labora- 
tories. 
(ii.) V oltage and 
Current ...11 ea8'llre- 
ment. - For work 
where an accuracy 
of 1 per cent in 
candle-power is the 
best aimed at, in. 
dicating instrumen ts 
of a large scale pre- 
cision type are good 
o enough if constantly 
.02 .04 .06.08 .10 .12 .14 .16 .18 .20 -22 .24 '2'3 '28 .30.32 ,34 .36 checked a!!ainst a 
L or.!:. 
 
a a standard cell and 
accurate potent.io- 
meter. For more 
accurate work, however, a potentiometer 
method of voltage measurement must be 
employed, and it is essential that the volt- 
age of the supply shall bp absolutely free 
from momentary fluctuatioI'ls. In the most 
accurate \york a 
storage battery, of rcasonably 
high capacity for the loads to be taken, is 
essential. The leads from this supply are 
brought through adjusting resistances to the 
current terminals on the photometer bench. 
From the voltage terminals, leads are carried 
to the terminals of a potentiometer, which is 
repeatedly checked during the course of a day 
against a standard 'Veston cell. If meal:!ure- 
ments of the current passing through the lamp 
are also desired, it is necessary to introduce 
into the main circuit of thp lamp an accurately 
measured resistance capable of carrying the 
current without sufficient change of tempera- 
ture to affect the value of the rCRiRtance. The 
voltage across the ends of this standard resist- 
ance can then be measured by means of the 
potentiometer and the value of current deduced. 
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Frequently, when using two electric lamps 
on the hench at the same tim<" it is con \-enient 
to be able to have a constant indication of the 
"\"'"oltage on each lamp, and in thi
 case an 
electrostatic voltmeter may be usefully em- 
ployed on the comparison lamp circuit. This 
lamp has normally to be run for a considerable 
length uf time at a constant voltage, and 
therefore a voltmeter with a sufficiently 
enlarged scale (that used at the K ational 
Ph}'sical Laboratory has a scale of 12 feet 
radius on which one volt is represented by a 
length of 2! inches) 1 may be used for main- 
taining a watch on its voltage. The indication 
of this voltmeter has to be checked at intervals 
throughout the day on account of the slow 
upward creep due to the lag of the suspension. 
'Vith this arrangement, the potentiometer is 


FIG. 17. 


free to give a constant indication of the 
correctness of the voltage on the test lamp or 
sub-standard. A sketch diagram of the 
electrical connections is given in Fig. 17. 

 (24) OTHER TYPES OF PHOTO:\IETER.- 
The above is a general description of the 
methods usually followed when using a com- 
parison photometer of any ordinary type and 
for the purpose of illustration; the Bunsen 
grease spot and the Lummer-Brodhun contrast 
photometers have been described. The method, 
however, is perfectly independent of the 
particular form of photometer head employed
 
and sonl<' of the other types which have been 
devised must now be described. The total 
number of these is very large, and it is im- 
possible to do more than gi,-e a brief outline 
of a few of the best kno" ñ in the space here 
available. For the others, a tE'xt - book on 
photometry, such as that of Liebenthal, 
PraHische Photometrie, or Trotter, Illumina- 
tion, Its Distribution and Jleasllremenf, should 
be consulted. All of them depf'nd, of course, 
on the comparison of brightnes
, hut the 
arrangement of the surfaces to be compared 
and the form of the line of separation differ 
in the clifferent instruments. Further, while 
the majority depend on the law of in,-erse 
1 .. Photometry at the Xational Phnical Labora- 
tor)." Illum. Enu., London. 1908, i. 845. 


squares for the variation of the illuminations, 
some llse other means, Euch as polarisation, 
for this purpose, so that in these latter instru- 
ments the sources and the photometer are not 
altered in relative position \\ hile the measure- 
ments are in progreRs. 
Of the first class, depending on the inverse 
square law, the Rumford, the Harcourt Gas 
Referees, the Ritchie, Conroy, Thomson- 
Starling, J oly, and Trotter types will be 
described, \\ hi Ie the l\Iartens will be taken as 
a model of the polari
ation type. 

 (25) THE RU)IFORD PHOTO:\IETER.-The 
earliest form of photometer ca pa ble of ac- 
curate work was rlesigned hy Count Rumford in 
] 793, and consisted of two vertical cylindrical 
rods Rl R 2 (Fig. 18), contained in a blackened 
box at the meeting-point of two tables. The 
tables carried the two sources to bf' compared, 
and these cast shadows of the cv1inders on a 
white surface at the back of the box. The 
relative positions of the cylinders were so 
adjusted that the two central shadows were 
just in contact at the centre of the white 
surface, while the two outer shadows were 
cast on a blackened surface and so lost. An 
opening in the centre of the front of the box 
enabled an obser\"'"er to compare the intensities 


FIG. 18. 


of the two shadows, and to obtain equality 
between them by moving one of the sources. 

 (26) THE HARCOURT PHOTO:\IETER.-The 
Harcourt photometer used hy the )Ietro- 
politan Gas Referees consisterl, in principle, 
of a box, ha,-ing on one side a circular 
opening covered \\ith translucent paper and 
on the other a diaphragm with a rectangular 
opening 2.3 mm. high and 7 mm. broad. The 
two sources of light to be compared were 
placed on the diaphragm side of the hox, 
each slightly to one side of the line joining the 
diaphragm to the screen (see rliagram Fig. 19). 
In this way each source caused the diaphragm 
to throw a bright rectangular patch on the 
screen'õ!, and by suitably altering the positions 
of the Jights these tWI) patches could be brought 
into juxtaposition, so that their brightne:::,s 
could be readily compared. 'Yhen equality of 
brightness was obtained, the candle-power:; of 
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the two source3 were III the ratio of the square's 
of their distances from the screen S. It" as:, of 
course, essential that the normal to the screen 



 


g. 


FIG. 19. 


should exactly bisect the angle bet\\ een the 
lines joining the centre of the screen to the 
two light sources, and in the actual instrument 
a mirror attachment was provided for the pur- 
pose of making this adjustment. 

 (27) THE RITCHIE 'VEDGE.--The photo- 
meter designed by Ritchie in 1826 consists 
of two inclined mirrors 1\11\1 (see Fig. 20). 
These reflect the light from sources J..I1' L 2 , 
to a piece of translucent paper P. If the 
angle between the mirrors be rather more 
than 90 0 , the hright patches produced on the 
translucent paper may be brought into 
accurate contact, and then balance is obtained 
in the same way as with the Bunsen photo- 
meter by altering the distance pf one or both 
lamps until equality of brightness between the 
patches is obtained. In a modification of this 
photometer matt white surfaces an' used in 
place of the mirrors, and the t.ranslucent 
paper is removed, so that the surfa('es of what 
has been termed the "Ritchie wedge" are 
directly viewed by the observer. 
A very important factor in all photometers 
is the a:3curate placing in exact juxtaposition 
without interval or overJapping (as far as the 
eye is concerned) of the surfaces to be compared. 
Even a fine line of E:eparation, either darker or 
brighter than the surfaces compared, impairs 
the accuracy of equality judgment, though this 
is 'Of less importance in a contrast type of field. 
'Vith the Ritchie wedge, therefore, the front 
edge must be exceedingly fine, and further, on 
account of the cosine law of illumination, it is 
most important that the light shall impinge 


made of dulled Bri:;tol board the error intrù- 
duced by shift of angle is not nearly as gIeat 
as would be expected from the simple co:;ine 
law, owing to the special 
behaviour of this material 
L, 
"hen the light is incident 
at an angle of 3U o to 3,')0. 
An anglë' of 60 0 to 70 0 
is therefore best if the 
Ritchip wedge is made of 
this matpria1. 
Two modified forms 
of the Ritchie weùge 
photometer have been used. The first. of theRe 
was introduced in 188:J by Conroy and the 
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second by Starling and S. P. Thompson in 
1893. They are shown in Figs. 21 and 22 
respectively, and from these diagrams the 


FIG. 22. 


principles of the designs are self-evident. To 
ensure a sharp line of junction in the Thompson- 
Starling pattern, the edges of 
the cards facing the 0 bserver 
should be sharply bevelled. 
9 (28) THE TROTTER PHOTO- 
METER.-Trotter's "Perforated 
Disc" phutometer is shown in 
plan in Pig. 23 The two 
inclined cards A and Bare 
of Bristol board with the 
glaze removed by pas
ing over 
it a damp rag. A has a 
star - shaped hoie cut in its centre, the 
length and height being so proportioned, and 
the edges bevelle'd so th
t the observer at 0 
sees a perfectly sharp-edged and symmetrically 
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on both surfaces at exactly the same angle. 
Trotter has shown,1 however, that for wedges 
1 Illumination, Its Distribution and .Jleasurement, 
p.95. 
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shappd ca\yity behind which 
ppcarR the surface 
of B. A and B being illuminatpd by the two 
sources, it is pos<::ible to obtain an accurate 
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balance of brightness between them when the 
edge of the btar becomes almost invisible. A. 
si
ilar design, independently proposed by 
'Yeber, is termed the .. Roof" photometer. 
frum the appearance of the cards when seen 
from above. 

 (29) THE JOLY PHOTO)IETER.-The photo- 
meter desif!ned by Joly in 18
8 con<sists of 
two blocks of paraffin wax, or translucent 
gla5!-':, placed side by side. Light from 
the two sources fall,;; 
upon the side of the 
blocks which apppar 
to be suffused "ith 
light, and the bright- 
ne
:"'J match is ob- 
tainpd bet" een the 
t \vo sides B 1 , B 2 
(Fig. 2-1). For an 
illumina tion of 10 
lux with paraffin wax 
as the material, blocks 
about 5 Dun. thick 
give a convenipnt 
brightnp::is. If thicker 
blocks are used the 
illumination must be 
increased. "Then 
nearly balanced the 
less brightl
. illumin- 
ated block appears to 
have a grey band 
next to the dividing 
line, and as the point 
of babnce is passerl 
this band appears to shift from one side 
of the linp to the other. The point at 
which this shift appe:us to take place gives 
a very' sen:,iLive criterion of the exact position 
of balanC'e. 


8, 


8 2 


FIG. 24. 



 (30) THE )!ARTExs POL-\RI
ATIO:X PHOTO- 

fETER.- The chief example of a photometer 
emp
oyin
 polali;ö;ahon as the means of vary- 
ing the brightness d the comparison smfat.'t's 
is )Iartf'n:3' Polari::-ation Photometer, :sho\\ n in 
diagrammatiC' 
ection in Fig. 2,3. In thi
 
instrument the light from thp test lamp 
ilJuminate:; a plaster screen Y The light 
from this i!': Jeflpctpd by two right-angled 
pri
ms P, Q throm

 the 'Yollaston prism 'Y, 
and the bi-prism B to the analyspr N. Light 
from a small compari.,on glow lamp G iUu- 
L, 


FIG. :!;). 


minates an opal glaas plate b, and this also i", 
seen after transmission through 'Y, B, and X. 
'Y and B are so arranged that the light from 
the opal plate b which reaches the eyepiece is 
polal'isf'd at right angles to that by which F 
is seen. Hencp, equality bping obtained by 
rotating the Xicol X, the ratio between the 
candle-powers of any two lamps placed suc- 
cessively at equal distances from F is the 
samp as the ratio of the square of the tangents 
of thp angles of rotation of X from the zero 
position. The tube T is capable of rotation 
about the axis passing through thp centres 
of the prisms P, Q. 

 (31) THE AccrR.-\CY OF JIEAsrRE)fExT. 
-The relative merits of the different patterns 
of photometer are very difficult to decide. 
Th
 accuracy obtainabl
 in photometric work 
depends very largely upon the inciividual and 
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each ob
erver will obtain the best results 
with the particular instrument to which he 
is accustomed. Even the same observer differs 
in accuracy from day to day, and \\ ith the 
extent to which his eye has been fatigued by 
previous work. The time taken in making 
a reading differs with different observers, 
but if too long a time is taken, the precision 
fA judgment tends to diminish after the 
first twenty seconds or so. The part of the 
apparatus which has to be moved to obtain a 
balance should be light enough to require 
very little manual effort on the part of the 
observer. It is often found convenient to 
approach the position of balance by over- 

hooting on each side a number of times in 
succession, the amplitude of the overshoot 
being diminished each time. If the eye is 
allowed to see anything brighter than the 
field of view in the photometer, its power of 
accurate balance is destroyed for a time 
depending on the brightness of the object seen 
and the time for which the eye has been 
exposed to it. 

 P2) PHYSICAL PHOTOMETERS. - All the 
photometers hitherto described have depended 
on the comparison of brightness by the 
human eye. It is self-evident that, in the 
case of all measurements of light, the eye 
Dust be the final judge of equality, but since 
individual eyes differ slightly from one another 
in their judgment it is inevitable that the 
results obtained by what may be called 
physiological photometry cannot be inde- 
pendent of the peculiar characteristics of the 
observer, and many proposals have been made 
to place photometry on a semi-physical 
basis-1'.e. to design some instrument which 
will respond to light in the same way as the 
" normal eye" or .the average of a very great 
number of individual eyes none of which 
possesses any marked abnormality as regards 
light perception. 
The instruments proposed for the purpose of 
physical photometry may be grouped in three 
classes according as they depend on (i.) change 
of the electrical properties of a material when 
illuminated, (ii.) the electron emission of a 
metal surface under the action of light, or 
(iii.) the action of light radiation on a thermo- 
pile or bolometer. 

 (33) THE SELENIUM CELL.-Of thp first 
class, the most commonly used substance is 
selenium. It has long been known that the 
electrical resistance of selenium faHs when 
illuminated, and many devices for the auto- 
matic lighting of lamps depend on the ri
e of 
resistance of a splenium cell when the daylight 
illumination faBs. 
One form of selenium cell may be made by 
taking a small sheet of ground glass and 
spreading this with a very thin layer of purified 
a.morphous selenium by means of a hot glass 


rod. If now four strands of fine hare copper 
wire are wound round the plate so that the 
whole of the selenium surface is covered. and 
two alternate strands are then removed, the 
other two strands are left separated for the 
whole of their length by a Apace equal to the 
diameter of a wire. To make the ceB sensitiye 
to light it is heated in an oven to a temperature 
of 180-' C. for about five minutes, when the 
transformation from amorphous to metallic 
selenium should be complete. The resistance 
of such a cell, formed on a plate I x 3 x 0.1 cm.. 
has been found by Pfund 1 to be of the order 
of 2 x 10 7 ohms, and the sensiti'Titv such 
that the resistance is decreased to 
10 per 
cent of this value by an illumination of 1;">0 
to 200 metre-candles. The cells should be 
protected from moisture by being placed in 
a vacuum tube or waxed to a sheet of glass or 
mica. 
A selenium cell is very selective, having a 
maximum of sensitivity at a wave-length of 
about 700 }.L}.L. The most sensitive cell made 
by Fournier d' Albe 2 was capable of detecting 
an illumination of the order of 10- 5 metre- 
candles. He found that. the change of re- 
sÜ;tance of a cell was, for a given period of 
recovery, approximatply proportional to the 
square root of the illumination. 
The chief disadvantage attending the use of 
a selenium cell is its slowness in recovering 
its resistance after exposure to illumination, 
the period taken for recovery increasing with 
the intensity of the illumination to which it 
has been exposed. 

 (34) THE PHOTO - }
LECTRIC CELL. - The 
second class of physical photometer, gener- 
ally called the "photo-electric cell," depends 
upon the Íact, discovcred by Hallwachs 
it
 UsSS, that a body carrying a negative 
charge of electricity loses that charge when 
ultra-violet 1ight falls upon it. Elster and 
Geitel in 1889 3 showed that sodium and 
potassium exhibit this same effect when 
exposed to light in the visible spectrum, and 
they and other workers have devoted mueh 
careful - experimental work to the study of 
this effect and the possihility of its application 
to physical photometry. 
A convenient form of the apparatus for 
fairly high iUumination inten!')ities is shown 
in Fig. 2H.4 The photo-electric cell itself 
consists of a glass globe Z containing a mixture 
of helium and argon at low pressure. Into 
the cent.re of this cell projects a platinum 
wire which acts as the anode of the cell and is 
connected to the terminal K 2 of the photo- 
meter. The eathode consists of a surface 
of potassium which makes contact with a 
silvpr plate Ag and is connected by means 
1 Phys. Re1'., IH00, xxyiii. 324. 
2 Roy. Soc. Proc., HH3-14, lxxxix. 75. 
3 Annal. d. Physik., 1889, xxxviii. 40, 407. 
, Elster and Geitel, Phys. Zeit., 1012, xiii. 740. 
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of a platinum "ire sealed into the glass with 
t.he terminal KI of the photometer. A 
guard-ring 8 1 connected to earth prevents 


R 


FIG. 26. 


leakage over the surface of the glass between 
the two electrodes. The light enters by the 
tube R, which i::; closed by a cap when the 
photometer is not in use, so that the cell is 
completely shielded from light except when 
in operation. I is an iris diaphragm, and )1 a 
plate of matt uviol glass. The box containinf! 
the cell is blackened inside and is capable 
of rotation a bout the axis defined by the 
platinum \\ ire Pt. Thus the whole instrument 
is mounted like a theodolite, and the tube R 
can be oriented in any desired direction. 
L sing a potential differe;;'ce of 40 to 60 volts 
between the electrodes on the cell, the current 
produced by sunlight illumination is of the 
order of 10- 6 amperes. The current d\]e to 
an iliumination of 1 metre-candle is of the 
order of 10- 11 amps., and it has been found 
that if proper precautions are taken to elim- 
inate possible disturbing factors very accurate 
proportionality exists between current and 
illumination over great ranges of intensity 
of the latter (0.07 to 6000 metre-candles).l 
It has been calcula ted bv H. 8. Allen that 
an alkali cell of the 
ost sensitive type, 
used in connection with a tilted electro- 
scope capable of measuring currents of 10- 15 


1 Rir'htmyer, Pllys. ReI'., 1909, xxix. 71, and 1010, 
xxx. 385. 


, amperes, should be capablc of detecting the 
light from a candle at a distance of 2.7 
milE's. 2 
(i.) r arialion of Hensitivity u'ith Jr are-length. 
-One of the chief difficulties in the use of 
photo-electric cells as physical photometers 
is the difference beh\ een the beha,yiour of 
such a cell and the human eye as regards 
response to light of different wave-lengths. 
Kormally, the sensitivity of the cell should be 
greater the shorter the wave-length of the 
light, but although the alkali metals are 
selective in the visible spectrum, their char- 
acteristic curve is far from even approximating 
to that of the eye. so that the photo-electric 
cell in its simple form can only be used for 
the comparison of lights having exactly the 
same spectral distribution. In order to make 
the measurements obtained "ith them of 
absolute photometric value, it would be 
necessary to introduce some colour filter to 
reduce their curve of sensitivity at different 
wave-lengths to approximate equality "ith 
the sensitivity curve of the average eye. 
Y arious metals and alloys have been tried 
in different gases and mixtures of gases. 
Both sodium and potassium have been used 
separately and alloyed, and the hydrogen at 
first employed has been replaced by a mixture 
of helium and argon. Elster and Geitel have 
prepared very sensitive cells by first heating 
the alkali metal in hydrogen to a temperature 
of about 350 0 C. The clear colourless crystals 
of hydride thus obtained are then bombarded 
with cathode rays, large quantities of hydrogen 
are evoh'ed. and the hydride becomes brightly 
coloured. These coloured 8U bstances, which 
Ester and Geitel consider to be the metal 
in a colloidal state dissolved in the solid 
hydride, are from three to four times as sensitive 
as the pure metal surface prepared by distilla- 
tion. The hydride crystals have to be removed 
from contact with hydrogen. and this is re- 
placed by argon or }- elium after the colouring 
has been produced. 
(ii.) Photo-electric Fatigue. - The second 
disadvantage attending the use of photo- 
electric ceUs is the possihility of Joss of 
sensitiveness by what is known as "photo- 
electric fatigue." This fatigue may take 
place when the cell is standing idle and 
s 
fairly rapid in the presence of a gas. Mucn 
work has been done on both the theory and the 
practical effects of this fatigue when the 
pressure of the gas is reduced to that gener- 
allv used in photo-electric cells (1 to 3 mm, 
of 
 IDf"rCury), but no conclusive f"vidence of 
complete a bsenC'e of fati,E"'-le in any particular 
form of cen has been produced so far. 

 (35) RADIO:\IETERs.-The third class of 
physical photometers, tiE-pending on radio- 
metric measurements by some instrument such 
s H. 
. Allen, Plloto-eleetricity, p. 74. 
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as thf" thermopile, has been developed by I ves 
and Kingsbury in America. l 
The Therltlopile. -It is clear that the 
thermopile, since it measures tot.al radiation, 
cannot be used alone to evaluate luminous flux, 
but that some auxiliary device is necessary to 
reùuce the radiation in each wave-length in 
such a proportion that the relative effects of 
the different wave-lengths on the combined 
apparatus may be the same as thf"ir relativp. 
effects on the human eye. An approximation 
to this condition may be arrived at by means 
of a coloured solution which transmits such a 
proportion of the whole incident radiation 
in each wave-length that the effect on the 
thermopile is proportional throughout the 
spectrum to the effect of light of that particular 
wave-length on the human eye. The solution 
arrived at empirIcally by I ves and Kingsbury 
(loc. cit.) is as follows: 


Cupric chloride 
Cobalt ammonium sulphate 
Potassium bichromate 
Nitric acid (1.05 sp. gr.) . 
'Yater to 


f.O '0 gm. 
14.5 gm. 
1.9 gm. 
]8.0 c.c. 
I litre. 


The form of apparatus used by them is shown 
in Fig. 27. T is the thermopile, consist.ing of 


from the Hefnpr lamp to an ordinary tungstE'n 
filament ,-acuum lamp, the agreement
 bf"t\\een 
the yisually and physically determined values 
of transmission ratio of yellow and blue test 
solutions were idf"ntical to one-half of I per 
cent. 
As an alternative to the solution method 
of reducing total radiation to agree with the 
sensitivity curve of the eye, I ves has proposed 2 
the analysis of the light from the source into 
a spectrum band, by means of a prism. This 
spectrally distributed light is then transmitted 
through a sector disc having apertures cut in 
it of such a shape that the relative amounts 
of each wave-length transmitted by the disc 
are proportional to the sensitivity of the f"ye 
at that wave-length. The apparatus is shown 
in plan and elevation in F1'g. 28, where L is 
the light source, S the slit, and P the prism 
producing a spectrum S'. D is the sector 
disc, and it ,vill be seeD from the end view, 
with one aperture passing over the spf"ctrum, 
that the different wave -lengths can be 


D 


s' S' 


1 1 1 1 1 ,: 
J I.III
 
I
:
I \21-- 
lIlli' 


18 hismuth-silver junctions arranged linearly 
in series, and having a total resistance of 26 
ohms. G is a d'Arsonval galvanometer with 
an internal resistance of 12.5 ohms and critical 
damping rel'listance of 32.5 ohms. Its sensi- 
tivity is 33 nun. per microvolt. L is the 
luminosity curve solution (above described) 
in a glass tank one centimetre thick. K. is a 
protective water tank at least four em. thick, 
to cut off infra-red radiation. S is a shutter, 
S', S' tin screens, and D a sector disc. J is 
the source of light, a lamp of 100 candle-power 
placed 2;3 em. from the thermopile. It was I 
found that with this apparatus, the lamp 
running at the colour of a 4 watt per candle 
carbon filamC'nt lamp and giving a candle- 
power of 45 candles, the deflection on the 
galvanometer was 7 em. It ,vas found that 
over the range of cQ}our represented by the 
commoner illuminants and standards, -i.e. 
1 Phys. Rel'., 1915, vi. 319. 


s 


FIG. 27. 


weighted in such a manner that the sensitivity 
curve of the eye is reproduced on the thermo- 
pile T when the transmitted spectrum is 
recom bined by the lenses C, C. 
The chief difficult.y met with in the nse of 
total radiation is that, owing to the vf"ry 
small proportion of the total radiation from 
the source which is in the visibJe spectrum 
(generally le
s than ] pf"r cent), the effect 
of scattered heat radiation is very scriou:;;, and 
speeiaJ precautions have to be taken to ensure 
that this error is avoided. For details of the 
methods by which it has bef"n sought to do 
this, the original papers above referred to 
should be consulted. 

 (36) SPECIAL PHOTOl\1ETF.RS. -- Descrip- 
tions of photometric apparatus specially 
designed for particular branches of photo- 
metric work (e.g. the flicker photometpr for 
heterochromatiC' photometry, the Ulbrieht 


2 Phys. Bel'., 1915, vii. 334. 
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globe for the measurement of average candle- 
power and the various forms of illumination 
photometers) will be found under the sections 
dealing with those particular branches of 
photometry. 


IV. LIGHT VISTRIBUTI05 
The section on Photometric 
Iethods dealt 
only "ith methods of measuring the candle- 
po
'er of a source in onf' single direction, but 
in the case of all sources met with in practice, 


the ordinary squirrel-cage type, the candle- 
power in the dirf'C'tion of the axis of the 
lamp is very much less than that n;easured 
in a direction perpendicular to this. It is 
actually found that the candle-po" er is by 
no means the same in all directions per- 
pendicular to the axis, and Figs. 29 and 29A 
illustrate these statements. These diagrams 
are what are generally termed" polar diagrams 
of light distribution." In these curves the 
length of the radius vector at any angle gives 
the candle-power at that angle, and the curve 



 
i
 
 

 




 
 
 
 

---
-------- 
 
 
 
 
 
 
-- -----
f B 


s 


c==> 


8 


8 


the candle-power varies in different directions, 
and it is therefore impossible to compare the 
performance of two sources by a single candle- 
po" cr measurement unless the direction in 
which that measurement is made has been 
carefully defined. It is partly for this reason 
that sub-standard electric glow lamps are 
constructed "ith the filament in one plane. 
The candlE:'- power in the linE:' perpendicular 
to this planf" i
 the one taken for purposes 
of measurement, and this arrangement has 
the great advantage that a slight departure 
from the true position has practicaJJy no 
effect on the candle-power in t his region. 

 (37) POLAR DIAGRA
IS. - It is, how- 
ever, obvious that in the case. for example, 
of a vacuum glow lamp with a filament of 


FIG. 28. 


of F1'g. 29 shows the variation in candle- 
power at the different angles in a plane 
passing through the axis of the lamp, while 
Fig. 29--\ gives similar information for a plane 
perpendicular to this axis. 

 (38) 
IEA
 HORTZO:XTAL CA:XDLE-PO"\\ER. 
-The different methods by which these polar 
curves are obtained will be dealt "ith in this 
section, but first it is necessary to describe 
a method for finding by a single measurement 
the average value of the candle-power in all 
directions in a plane perpendicular to thf" 
lamp axis. This average, called the mean 
horizontal candlf"-power (m.h.c.p.) of the lamp. 
is a figure very frequently uSE:'n for the rating 
of vacuum lamps of the ordinary type. 
The method consists of rotating the lamp 
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about its axis (placerl so as to be vertical) 
sufficiently fast to obtain on the photometer 
head an average illumination. A speed of 
120 revolutions per minute is generally 


Fig. 30. A is an ebonite disc LE:'a,ring two 
concentric copper rings, which are respectively 
conned-ed to the terminals T, T. From 
these terminals flexible leads are conveyed 


260 270 


190 
180 0 180 0 
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FIG. 29. 


sufficient. The candle-power corresponding 
to this illumination is then called the mean 
horizontal candle-power of the lamp. The 
chief difficultv of this method is to ensure 
a steady contact for current supply to the 
rotating lamp when this is being driven 
sufficiently fast to eliminatE:' flicker in the 
photomet
r. This difficulty has bE:'en over- 
come in the form of rotator, shown in Fig. 30, 


T 


T 


FIG. 30. 


which was designed bye. e. Paterson for this 
purposE:'. 
(i.) The Lump Rotator..- The rotator con- 
sists essentially of two parts, one fixed rigidly 
to the stand, the other capable of rotation 
and carryin
 the lamp. The arrangE:'ment 
is best seen from the sectional diagram of 


FIG. 29A. 


inside the vertical tu be R to the lamp 
holder. Rigidly attached to this tube is a 
so!irl brass disc D which is friction-driven 
by a small wheel driven through a shaft and 
pullE:'Y system from a Rmall electric motor. 
e is a second circular ebonite block hearing 
two annular grooves concentric with thE:' 
coppE:'r rings of A and half filled with mercury 
so t.hat these rings can rotate freely with 
about i-inch of their 10wE:'r edges dipping 
into the mercury. The mercury in these two 
grooves is connected to fonr terminals S, S to 
which are attached the current supply leads 
and voltage measuring leads from the bench. 
'Vith this apparatus, if the mercury troughs 
and copper rings are kept dean. there is 
generallJT no difficulty in maint.aining the 
current through the lamp perfectly steady. 
(ii.) Step
by-step Jlctlzod for Gus-filled Lumps. 
-The above method of obtaining the mE:'an 
horizontal candle-power can only be applied 
to vacuum lamps, as a gas-filled lamp may 
change candle-power by several per cent if it 
be rotated. l [n the case of these lamps, 
therefore, the method of mE:'asurement at 
different positions round the lamp must be 
employed. For finding the polar curve in 
the horizontal plane, 1'.e. the plane per- 
pendicular to the axis of the lamp, supposed 
upright or pendent, it is only necessary to 
rotate the lamp and its holder in the photo- 
meter carriage and take candle-power measure. 
ments every 10 0 . The correct positions are 
easily found by the aid of the degree scale 
on the table fitterl to thE:' carriage (see Fig. 10). 
For the detprn1ination of the polar curve in 
a vertical plane the lamp may be mounted 
] l\liddlf'kauff and Skogland, Bureau of Standards 
Bull., 1915-16, xii. 595. 
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in the fitting 
hown in F1'Y. 31. This consists 
of t\\-O semi-rectangular frames of iron, 
jointed at thp opf'n ends, so that one frame 
can be clamped at any 
desired angle "ith the 
other. A graduated ilial 
is fixed to the lower frame 
(which is made to fit into 
a photometer carriage) so 
that the angle of tilt of the 
upper frame, bearing the 
lamp, can be ascertained. 
By this means a curve 
shm\ing the distribution 
of candle-power of a lamp, 
in a plane passing through 
its axi
, can be obtained. 
A curve thus obtained for 
an ordinary " sq nirrel 
cage" tungsten - filament 
vacuum Jamp is ..hown 
in Fiy. 29A. 

 (39) TIlE )!IRROR Ap- 
PARATUS FOR POLAR 
CURVE DETER)!IXATIOX. 
-It is not possiLle, how- 
ever, to tiJt all light 
sources. Gas flames or 
mantles clearly cannot be 
tilted, and so
e gas-filled electric lamps change 
candle-power appreciably according to the posi- 
tion in which thpv are burning. 1 For such 
sources, therefore,
 it is neces
ary to have 
recourse to some arrangement of mirrors. A 


I source of error in thi" apparatus. If the 
radius about which 
r s\vings be not small in 
comparison "ith the distance of ::\1 from 
the photometer, then the 
light is incident obliquely 
on the photometer disc, so 
that a change in its reflec- 
tion ratio as 1\1 rotates may 
cause a small error. Of 
course, the distance to be 
wõled in computing the 
candle-power must be that 
of the photometer from the 
image of the source as seen 
in the mirror. The reflec- 
tion ratio of the mirror 
must also be aIlowed for, 
as if the mirror only reflects 
SO per cent of the incident 
light, the measured candle. 
powers must be multiplied 
by 1. 
.3. The reflection 
ratio of the mirror may 
be readily determined by 
making a candle - po \ver 
measurement "ith the 
centre line of the mirror 
::\1 in a horizontal plane, 
and then rotating L until 
the pfirt which was originally seen in the mirror 
from the photometer now fa.ces the photometer 
directly. The ratio of the candle-power in 
this position (the mirror being screened) to 
the candle-power prenously obtained, gi,es 


FIG. 31. 
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simple form of apparatus for this purpose is 
shown in Fiy. 32. The source remains fixed at 
L, and the mirror 1\1 rotates about an axis 
passing thrcugh L. If)1 be tilted so as to 
bring the light from the source on to the 



L 


t 


.FIG. 


32. 


the factor by which the mirror measurements 
ha,e to be multiplied in order to obtain true 
values of candle-power for the cur,es. 
(ii.) The Tlir':'e - mirror Apparatus. -The 
error referred to in the preceding paragraph 


M-------------------------
 


1r 


photometer head (the direct light from L being 
screened), then the photometer readings give 
the candle-powers in different directions round 
the source in the plane of rotation of )1. 
(i.) Errors and Corrections.- There is one 
1 )[iddlekautf and Skogland, loco cit. 


FIG. 33. 


is a voided by the use of three mirrors 
arrangf'd as shown in plan in Fig. 33. The 
principle of the method remains the same, 
hut the light proceeds axially from the third 
mirror, and the candle-powers measured, after 
allowing for the reflection ratio of the mirror 
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system, are not affected by changes in the 
reflection ratio of the photometer disc. 

 (40) POLAR CURVES FOR LARGE ROURCES. 
-The apparatus just described can only be 
used on the bench for sources of comparatively 
small dimensions. Yery frequently, hOl\,-ever, 
it is necessary to obtain polar curves for 
sources of large dimensions such as arc 
lamps, or for a lamp in a reflector fitting 
where lamp and fitting must be regarded 
as a single unit for purposes of measurement. 
In cases such as these, eithpr of the methods 
described above may be employed, with th? 
necessary modifications in the design of the 
apparatus. It is, of course, necessary to 
ha ve the mirrors larger than the source or 
unit to be measured, and this sometimes 
necessitates a long swinging arm with con- 
sequent accentuation 
of the error referred 
to a hove in the de- 
scription of the single- 
mirror method. At 
the saIne time, the 
weight of large mir- 
rors and the difficulty 
of arranging a three- 
mirror apparatus for 10 
large sources have 0 
resulted in the use 
of the single-mirror 
method in many 
la bora to ries for 
sources of large 
dimensions. A polar 
diagram showing the 
difference of light 
d.istribution from a 
gas-filled lamp with- 
out reflector, and 
the same lamp with a large shallow reflector, 
is given in F1'g. 34. 
'Vith large sources the candle-power is often 
considerable, and to keep within the best 
illumination range for accurate photometry 
it is necessary to have the photometer head 
at a great distance from the source. This is 
further desirable when working with a single 
mirror, as has been pointed out above. It is 
therefore often convenient to mount the 
source and the mirror on the wall of the room 
in which measurements are to he made, and to 
have a photometer bench of ordinary length 
mounted on a table on castors so that its 
distance from the wall can he vaIied. At the 
National Physical Laboratory, the bench is 
actually mounted on stpel rollers which run 
in a track on the floor, and brass marks are 
fixed close to this track at intervals of a 
metre, so that, by means of a pointer on one 
leg of the photometer table, the bench can 
be moved an accurately known distance awav 
from, or towards, the s
urce. 
 


eo 



 (41) UNSY
ll\IETRrcAL SouRcEs.-In all 
that has been described above, it has been 
assumed that the source is symmetIical about 
a vertical axis, so that a polar curve in one 
vertical plane should be the same for all such 
planes. This, however, is not the case in 
practice, and therefore it must be agreed 
to take the vertical distribution curve in 
some plane, defined with respect to the source, 
or the source may be rotated about its ver- 
tical axis while the measurements are being 
made, so that the candle-po"", er shown for 
any angle e (measured from H.e vertical) 
represents the average value ahng all the 
lines forming a cone with the source as apex 
and semi-vertical angle e. 
'Yhen this is done, the speed at which the 
lamp has to be rotated may be reduced, or 
the flicker at any given 
speed may be lessened, 
by using two mirrors 
symmetrically placed 
with respect to the 
source instead of a 
single mirror. If this 
arrangement be 
adopted it is neces- 
sary to cu t, off the 
o inner corner of each 
mirror so that both 
may be used at angles 
near the vertical. 

 (42) AVERAGE 
CANDLE - POWER OR 
l\i.S.C.P. (i.) The 
Rousseau Diagrmn.-- 
It might be conc1udpd 
from the a bovf' de- 
scription that the re- 
lati ve performance of 
two lamps or lighting units of approximately 
symmetrical distribution could be seen at once 
from their respective polar curves, obtained by 
one of the methods described above; but 
while it is true that this information can 
be deduced, after computation, from these 
curves, the appearance of the curves them- 
selves can be most misleading. Thi'3 may 
be very well demonstrated 1 by a considera- 
tion of the two curves shown in Fig. 35. 
All the radii vectores of the first curve are 
dou ble the corresponding ones of the second, 
so that it is obvious that the total amounts 
of flux emitted by the two lamps must 
be in the rat,jo of hvo to on('. Yet it is 
equally obvious that the areas of the curves 
are in the ratio of four to one, while the 
volumes of thpir solids of revolution about the 
vertical axis are in the ratio of eight to one. 
Clearly neither the area of the polar curve 
nor tile volume of its solid of revolution 
about the vertical axis can give a mental 
1 Mrs. Ayrton, The Electric Arc, p. 454. 
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conception of the relative amounts of flux 
emitted bv the lamps. This can only be 
obtained by computation of the a\-erage 
candle - power of 
the lamp measured 
in all directions 
in space. This 
filZure, known as 
the average 
can die - power 
(a.c.p.) or mean 
spheric.al candle- 
power (m.s.c.p.) of 
a source, can be 
obtained by calC'll- 
FIG. 35. lation from the 
polar curve in the 
case of a source whose candle-power per- 
formance is symmetrical about the axis of 
the polar curve. For, if J be the candle- 
power in a direction making an angle (J 
\nth the vertical, then if we suppose a sphere 
of radius r to surround the source, the area 
of the zone of this sphere from which the 
source appears to have the candle-power J 
is clearly 27T'r 2 sin (Jd(J, so that the average 
"rr 
candle-power is -! I J sin (Jd(J. The value of 
. 0 
this expression may be obtained by a simple 
graphical method due to Rousseau 1 and 
termed the Rousseau diagram. Fig. 36 shows 
on the left the polar curvf" of a source of 
light. At the ends of the radü vectores, 
horizontal lines are drawn through a vertical 
line AB, and from the point of intersection of 
any such horizontal a length is cut off equal 
A 


FIG. 36. 


B 


to the length of the corresponding radius Vf"ctor 
on the polar curve. Thus CD is equal to OL, 
EF to O
t, and so on. A smooth curve is then 
dra\\ n through all the points such as D, F. 
From the mf"thod of construction of the 
diagram it will be dear that the distance 
ex is equal to r cos 8, so that. in the limit, 
1 La Lumihe électrique, xxxvii. 41
. 
VOL. IV 


, CE =7 sin (Jd(J, and therefore half the area of 
the cun-e ADFB gives the average candle- 
power of the source. This area may be 
obtained either by means of a planimeter, 
or by erecting a series of equidistant ordinates 
on AB as base, and using one of the forms of 
Simpson's rule. 
(ii.) R'll."lsell .Angles.-In the above method of 
obtaining the Rousseau diagram it" ill be seen 
that measurements of candle-pm\ er are made 
at regular intervals of 10 0 (or whatever interval 
may be selected), and that' these measurements 
are then spaced to give them their correct 
respective weights in determining the area of 
the curve. Rus
ell's method 2 consists of a 
predetermination of the angles at "hich 
measurements must be made to give equally 
spaced ordinates on the Rousseau diagram. 
The spacing of thesp angles is shown in Fig. 
37, where it "ill be seen that the sphere 


FIG. 3.. 


is divided by the broken lines into 10 zones 
of equal area, and then candle-pm\er measure- 
ments are made at the half-way points of 
these zones. so that the area of the Rous
eau 
diagram may be calculated at once by 
Simpson's rule without an
1 need for the 
diagram to l)e drawn. The Russell angles to 
be used when the sphere is divided into 2U, 
10, and.) zones respecti\-ely are as foUm\ s : 


TABLE OF RUSSELL AXGLES FOR CALCULATIOY 
OF AVER.\GE C.\
DLE-POWER 


20 Zones. 10 Zones. I 
 Zones. 6 Zones. 
2'9 5.7 7.2 9.6 
86 17-5 22-0 30.0 
14.5 30.0 38.7 56.4, 
20,5 44.4 61.0 . . 
26.7 64.2 . . . . 
33.4 . . . . . . 
40.5 . . . . . . 
48.6 . . . . . . 
58.2 . . . . . . 
71-8 . . . . . . 


I Inst. J'leet. Eng. JOllT1l., I U03, xx:\.ii. 631. 
2F 
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 (43) BLO
DEL'S l\l.S.C.P. PHOTOMETERS. 
-The above method of determining the 
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FIG. 38. 
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average candle-power of a source necessitates 
the determinat.ion of the candle-powers in a 
certain number of fixed directions. 
The same information can be obtained 
in a single measurement by the use 
of a form of apparatus \vhich concen- 
trates on to the photometer head 
the light, or a known fraction of it, 
from a circular ring surrounding the 
source. Blonde! 1 has proposE:'d two 
differE:'nt methods of doing this. In 
one of these, shown in Fig. 38, he 
places the source S at the centre of a 
spherical blackened globe GG. This 
globe has cut out of it two lunar 
apertures LL, and the tight from S 
passes through these and strikes an 
ellipsoidal mirror E, from which it is 
brought to a focus at P where the 
photometer is placed. In a modifica- 
tion of this method the mirror E is 
replaced by an annular diffusing ring. 
In each case the inst.rument is cali- 
brated by mE-ans of a lamp of known 
a vprage candle-power. 

 (44) THE 1\1 A TTHEWS - DYKE 
PHOTOMETER.-]\latthews' apparatus, 
as modified by Dyke, 2 is shmvn in 
plan and elevation in Fig. 39. 
EIE:'vE:'n pairs of adjustable mirrors 
1\1 1 l\f 2 are carried on a sE:'micircular 
support A. L is the source placed 
at the centre of the rin,g of mirrors 
1\1 1 . These are 
o placed that the 
light reaching them from L is reflected 
to the mirrors ::\1 2 and from the latter 
proceE:'ds to the photometE:'r head P. 
ThE:' case of this i
 cut away so that 
light may reach the photometer SCTe'en from 
all angles. It wiJI he Rf'en that hy this 


I method the total illumination of the photo- 
I mE:'ter screen is proportional to the. a vera
e 
candle-power of thp source T
, pronded tlus 
is symnlf'tricat For light emitted hy the 
source in a direction making an angle e with 
the vertical, on reaching the photometer, 
makes the same angle "ith its surface) so that 
the illumination is reduced by the factor 
sin e. Provided, then, that the diffuse re- 
flection ratio of the photometE:'r screen do 
not vary with the angle of incidence of thp 
Jight, the photometer will give the 
LYerage 
candle-power directly, if the apparatus be 
calibrated with a lamp of known average 
candle-power. 
The apparatus was used by Dyke to deter- 
mine the ratio of the Rverage to the mean 
horizontal candle- power of a source. 1;01' 
this purpose the light from L is reflpcted hv 
two other mirrors N, :x to the opposite side of 
the photometer head. These are mounted on 
a stand which slides on a graduated scale T, 
A 


A 


1 Compte.'; R('1/(lll.<;, 1f\!):>, ('xx. 311 and 530. 
2 Pltys. Soc. Proc. xix. 399, and Phil. Jl.lag., 1Ð05, 
ix. 136. 


FIG. 39. 


and by balancing the photometer the ratio 
hetwepn thp mpan horizontal and mean 
spherical candle-powers can be obtained by 
a single measurf'mcnt. For the method of 
correcting for the lack of constancy of reflec- 
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tion ratio of the photoIDPter screen, Dyke's 
original paper should be consulted. 
9 (45) ISTEGRATIXG PHOTO::\IETERs.-In all 
the above methods of determining the average 
candle-power it has bepn necessary to assume 
that the polar curve is the same in all planes 
passing through the axis of the lamp, or else 
that this is sufficiently nearly the case for 
rotation of thp lamp to give a true mean. 
In the apparatus now to be describeù this 
assumption is not made. The distribution of 
light from the source may be quite irregular, 
and yet the correct value of average candlp- 
power will be obtained by a single measure- 
mpnt, pro"\ided the theoretical conditions of 
the apparatus be sufficiently closely fulfilled. 
Actually, as will be seen, the departures 
from these conditions rendered necessary by 
practical considerations make the values 
inexact for very unsymmetrical sources, and 
the cause of these errors and their elimination 
will be the subject of the cunduding paragraphs 
of this section. 

 (46) THE 'YHITE
ED SPHERE. - ,Yo P. 
Sumpner first pointed out in 1892 1 that if 
ABCD (Fig. 40) be a principal section of a 
globe, with a per- 
fectly matt white 
interior surface, then 
the amount of radia- 
tion reaching any 
point of the surface 
B from an element 
of the surface A was 
the same whatever 
the relative positions 
FIG. -10. of A and B. For 
if 0 be thp centrE:' 
of the sphere, and F the radiation emitted 
from A in the direction AO, the radiation 
emitted in thE:' direction AB "ill be F cos 0 \B. 
Also this radiation strikes the surface at B 
at an angle from the normal equal to OAB. 
The amount of radiation reaching B i'3 there- 
fore proportional to F cos 2 OAB/AB2. But 
AB =2r cos OAB, and hence this expression 
becomes F/4r 2 . which does not dppend on the 
positions of A and B. Hence the radiation 
received from 
\ 
y all parts of the interior 
of the sphere is the same, since any two 
points of a sphere can be joined by a great 
circle. 
If, then, a source of light be placed inside 
a whitened spJlcre, a certain amount of light 
from it reaches each part of the surface of that 
sphere. The amount diffusely reflected by 
that part to e\?ery other point of the sphere 
is the Rame and if; proportional to the diffuse 
reflection ratio of the surface (for normally 
incidcnt JÍ!rht if the source is placed at the 
centre of the sphere). Thus any particular 
spot un the sphere ff'cei,es, in ad(lition to its 
1 Phys. Soc. Proc., 1892, Àii. 10. 


own share of the direct light from the source, 
a constant proportion of the light received by 
every other point of the sphere, and thus the 
illumination of a given point shielded from 
the direct light is proportional to the light 
received by all the other parts of the sphere, 
i.e. to the average candle - power of the 
source. 
The exact mathematical investigation is a
 
follows: If ø be the amount of flux per 
unit area which reaches the point A from the 
source, and if R be the reflection ratio of 
the surface of the sphere, then the amount of 
flux per unit area which reaches every other 
part of the sphere, due to reflection from A, 
is Rø/7r. 1/41'2, since ø, the flux reflected 
normally by a perfectly diffusing surface, is eq ual 
to the flux received by that surface divided 
by 7r (see section on ., Illumination "). It is 
clear, therefore, that if <Þ be the total flux 
emitted by the source, the amount of flux 
received, per unit area of the sphere, by a &ingJe 
reflection from each other part of the sphere, is 
R'Þ/7r. 1/4r 2 . Similarly, the amount recei,ed 
by two reflections is R2
/7r. 1/,11'2, and so on. 
Hence the total flux recei,ed by reflection 
at any point of the sphere is found to be 
<Þ,t47rr 2 {R+R2 +... to infinity} =<ÞR/47rr 2 (I-R). 
But if J be the average candle-power of the 
source, cþ = 47rJ (see 
 (2), "Definitiuns "), so that 
the above expression reduces to J/r 2 . R/(I- R). 
But J /r2 is the flux per unit area reaching the 
surface of the sphere, supposing all reflections 
ahsent and the source uniform in all directions. 
In the case of a sphere of one metre radius, a 
source of one candle would produce an 
ilIumination by direct Jight of 1 metre-candle. 
If the diffuse reflection fa tio of the surface 
(,f the sphere be 80 per cent, the illumination 
by reflected light is 0.8/( 1 - 0.8) = 4 times as 
great as this, i.e. 4, metre-candles. 

 (47) THE C'LBRICHT GLOBE. (i.) Descrip- 
tion.-The first proposal to use this principle for 
the determination of average candle-power was 
made by 11bricht in 1900,2 and many develop- 
ments of the design and contrihutions to the 
theory of the sphere photometer have been 
made by him and others since that date. 3 
Recentl}: a large photometer of this type has 
been constructed at the Bureau of Standards. 
This consists of a sphere of S8 inches internal 
diameter, built up of reinforced concrete on a 
steel neh
 ork, and finished off inside to a 
truly Rpherical surface. 4 There are two holes 
in the sphere as shown in the sectional diagram, 


I Elfl..:f. Zeit.
.. Inoo, xxi. ;)n5. 
3 rlhricht. Elekt. Zeits.. H
O;), xxvi. 512: l!\OG, 
Àxyii. ,')0. 803: Bloch, Elekt. Zeits.. }f10,') , xxvi. 104;, 
](); 4: l!UJ6, Àxvii. 6:3: ('orsepiu5. Elekt. Zeits.. In06, 
I xxvii. 468: )[onasch. Elekt. Zeits., lÇ1()6, xxvii. ti()Ç) , 
6!),"): Bloch, IlIum. Eng., I,oI](Ion, ] ÇlO
, i. 
"j 4: C'or- 
sepin
. Ilium. Ellg., london, 1908, i. SOl, 
Çlj: :,harp 
and )Iillar, Am. Ilium. Eng. 80r. Trans., HI08, Hi. ;,o
. 
· Uosa and Taylor, Am. Ilium. Ellg. Soc. Trarls., 
1916, xi. 4;)3. 
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Fig. -11. The top holE:' is coverE:'d with a flat 
wooden disc which can he lowered from above 
in annular sections, so that a lamp can be 
suspended inside the sphere from above if 
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FIG. 41. 


desired. On one side of the sphere is a hinged 
door of segmental form with maximum dimen- 
sions 37 x 16.5 inches. In the wall directly 
opposite the door, on the equator, is a milk 
glass window which can be removed at will, 
but which is perfectly flush with the inside 
surface of the wall when in place. By an 
ingenious arrangement of hinged rods carrying 
the lamp socket, lamps can be brought to the 
door of the sphere for changing and then 
automatically returned to their correct position 
within the sphere. At a point about 27 inches 
in front of the window are two vertical rods 
which hold a runner for carrying the screens. 
These are of four sizes, viz. II, 21, 30, and 
37 cm. in diameter. 
As has been stated already, the inside 
coating of the sphere must be as non-selective 
as possible, owing to the number of reflections 
which much of the light has to suffer. In 
many cases a pure zinc white has been found 
satisfactory. In the Bureau sphere the inner 
coating is of Keene's cement, which was 
found to have a reflection ratio of 92 per 
cent. 


The photometric apparatus consists of a 
1.5 metre bench with a photometf'r head 
sppcially designed for the dirf'ct comparison 
of the brightness of the sphere window with 
the brightness of a diffusing glass illuminated 
by the comparison lamp. 
(ii.) Error8.-Test
 were made to determine 
the magnitude of the errors introduced into 
average canclle-pmH'r measurements by lack of 
uniform distribution of light from the source. 
The maximum error found for many sources 
having different types of distribution was 1.7 per 
cent. Thf' percentage reduction of the measured 
value by the presence of black discs in the 
sphere was found to be 10 times their relative 
area (i.e. ratio of area of disc to area of sphere 
surface). For white discs, such as the screens, 
this reduction was about one-third of that 
for black discs. Tests with a source giving a 
beam of light showf'd a maximum variation, 
according to the orientation of the beam, of 
4 per cent. The effect of the distance of the 
source from the window was found to be 1 
per cent with the lamp half-way between the 
window and the centre of the sphf're. \\ïth 
the lamp at a distance of 10 inches from the 
window the prror was 2 per cent. 
(iii.) Calibration.--At the Bureau of Stand. 
ards, the sphere is ('alibrated before each period 
of use, by means of a lamp of accurately known 
average candle-power imærted in the same 
lamp socket as that which subsequf'ntly holds 
the test lamps. This is the method also 
adopted with the cu be photometer used at the 

ationa.I Physical Laboratory, to be described 
later. 
Ulbricht's original suggestion, howpver, was 
to have both test lamp and sub-standanl in the 
sphere during both calibration and test. This 
arrangement is shown in Fig. 42, where J"1 
is the sub-standard, L 2 the test lamp, and 8 1 


FIG. 42. 


and 8 2 screens shielding the window from 
these two sources respectively. A small sercen 
S is also inserted to prevent specular r('flection 
from one lamp \vhpn the other is alight. 
Calibration is effecterl hy halancing the com- 
parison lamp with Lion and L 2 off. The 
tests arc then made with Ll off and L 2 on. 
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If the window of the sphere does not form 
part of the photometer head, the t" 0 must 
be kept rigidly fixed in relation to each other. 
A useful adjunct is an iris diaphragm between 
the two, so that, when using the sphere for 
sources of very high candlp - powers, the 
illumination on the photometer can be reduced. 
Of course, the diaphragm must be at the same 
aperture for both calibration and test. 
(i\?) Correct"olls.-It "ill be seen from the 
theory outlined above that the illumination 
of the window is only truly proportional 
to the average candle-power of the source 
so long as the sphere is perfectly empty. 
The very presence in the sphere of a source 
of finite dimensions is a violation of this 
condition, and the fact that screens ha\Te 
to he introduced to 
hield the window from 
direct light at once introduces a further de- 
parture from the ideal conditions. The error 
caused by the presence of these bodies in the 
sphere is grf:'ater the larger their dimensions 
compared with those of the sphere. Ulbricht 
has laid it down that the diameter of the 
sphere should be not less than six times 
the diameter of the globe of the largest lamp 
to be measured in it. The screens, also, must 
be as small as possible and whitened on both 
sides. "?here Ulhricht's arrangement is 
adopted the approximate error due to the 
screens, Sand S', provided these do not exceed 
5 per cent of the area of a principal section of 
the sphere, has heen gi,-en as (80s - 100s') 
per cent to be added to the measured \Talue, 
where sand s' are the ratios of the areas of 
the screens Sand SÞ to the cross - sectional 
area of the sphere. 'Yhpre the screens are 
largf'r than this, more complicated formulae 
must be employed, and for these "Clbricht's 
original paper should be consulted (loc. cit.). 
"'here the substitution method of calibration 
is used, the error due to the screen may be 
taken as that found experimentally and given 
above under the description of the Bureau 
of Standards sphere. 

 (48) THE \YHITESED CUBE. - Yarious 
modifications of the "Clbricht globe have 
been suggested. One of these consists of 
a whitened hemisphere, another takes the 
form of a "hitened cube. This was suggested 
by Sumpner 1 and has heen adopted at the 
Kational Physical Laboratory. 2 Though 
theoretically less accurate, this form possesses 
the advanta
es of simple construction and 
greater ease of manipulation of the light sources 
inside it, and for the comparison of lamps of 
similar li
ht distributions it has heen found 
to give very accurate results. Buckley has 
sho\\n 3 that for sources ac; dissimilar in light 
di:-;tribution as a tun
sten-filament vacuum 
1 Ililim. Eug., London, UHO, iii. 3
3. 
I Pat('r
on, "?al
h, Taylor, and Barnett, I.E.E. 
Tram'!., HI
O, Iviii. 83. 
3 lust. Elect. Eug. Journ., If1
l, li
. 1-13. 


lamp, unshaded, and a similar lamp of which the 
whole of the upper hemisphere has been covered 
by an opaque shade, the difference introduced 
into the values of average candle-power meas- 
ured by the cube do not e:xceed 4 per cent. 
In all types of the globe photometer and its 
modifications, it is of great importance that 
the reflection ratio of the diffusing surface 
shall be uniform throughout; and if a photo- 
meter of this typf' is much used, especially for 
arc-lamp work, it must be repainted at frequent 
intenTals, as, although frequent calibration 
will avoid error due to an evpn deterioration 
of the whole surface, it will not allow for a 
greater deterioration in one part of the surface 
than another. 

 (49) AVERAGE CA:XDLE-POWER :\IEAsrRE- 
)IE
TS I
 SPECIFIED ZO
 ES. - For cprtain 
purposes it is sometimes more important to 
measure the total amount of light given hy 
a source in the lower hemisphere. This is 
expressed by taking the average of the candle- 
powers of the source measured in all direc- 
tions below the horizontal plane, and is 
termed the a yerage candle-power (lower hemi- 
sphere) or mean lower hemispherical candle- 
power. Its value may be ohtained by ob\ious 
modifications of the methods described above 
for the determination of average candle-power. 
Less frequently used values are (i.) the mean 
upper hemispherical candle - power, and (ii.) 
the mean zonal candle-power, i.e. the average 
of the candle-powers of the source measured in 
all directions within a given zone defined in 
any particular case. 

 (50) GE:KERAL CO
SIDERATIO
s.-There 
can be no douht that the use of an "Clbricht 
globe, 01' one of its modifications, will be- 
come of increasing importance owing to two 
facts. First, the tendency in the design of 
modern illuminants is to pay much more 
attention to the total light emitted by a 
source than to the particular manner in which 
that light is distributed, so that the average 
candle-power is of much more significance than 
the candle-power in any arbitrary direction or 
directions (such a
 the mean horizontal candle- 
power). Secondly. the impossihility of rotating 
many present-day illuminants-even the gas- 
filled lamp changes its candle-power value 
when rotated-makes a photometer such as 
the Blondel or )fatthe\\ s useless for the deter- 
mination of the average candle-power. There 
seems to be little doubt, therefore, that thp 
use of the L"lbricht globe-in comparathyely 
small sizes for the measurement of lamps of 
the size generally employed in interior lif!hting 
-"ill shortly become universal in photometric 
la bora tories. 
A very complete bihliography of the inte- 
grating photometer is gh
en by Rosa and 
Taylor (loc. cit.) and by Glbricht in Dus Kugel- 
plwtometer. 
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V. ILLr:\II:NATIO
 A
D ITS :\IIuSrREl\IE
T 
The previous sections of this article have 
been concerned with the measuren1Pnt of the 
candle-power of a source of light. In the 
present section, however, no attention what- 
ever is paid to the source. All that is dealt 
with is t.he actual illumination received at a 
surface, and this may be due to one or many 
sources of the same or of different kinds. 
A 'Tery frequent error in terminology is the 
confusion of "illumination" with "bright- 
ness." The distinction has been mentioned 
in the definition of the latter term in the 
section on "Definitions," but it may be further 
elaborated hen'. Inumination is concerned only 
with the amount of radiation which reaches 
a given surface. A piece of white paper 
and a piece of black velvet lying side by 
side may well be equally illuminated, but 
their brightnesses will be very different. The 
brightness is concerned only with the luminot1s 
radiation which a surface emits in the direc- 
tion of the eye, and therefore two surfaces of 
different reflection ratios, but equally illumin- 
ated, ,vill have brightnesses which are propor- 
tional to their respective reflection ratios. 
In illumination photometry, as in candle- 
power photometry, the actual comparison is 
always between the relative brightnesses of two 
surfaces, and this necessitates a brief considera- 
tion of the way in which the brightness of any 
given surface varies ,vith the illumination and 
the angle at which it is viewed. 

 (51) .MATT AND POLISHED SURFACES.- 
Surfaces may he very crudely divided into 
two classes, polished and matt. In the case 
of a polished surface, such as a metal mirror, 
very nearly the whole of the reflected light is 
emitted in a single direction, viz. that making 
an angle with the normal equal to the angle 
which this normal makes with the incident 
light. A perfectly matt surface, however, 
returns light according to a cosine rule. This 
rule states that., for a perfectly diffusing surface, 
the radiation emitted in a direction making an 
angle e with the normal to the surface is equal 
to cþ cos e, where cþ is the radhtion emitted 
in the normal direction. Thus if A (Fig. 43) 
be an elenient of a perfectly diffusing surface. 
the polar curve of distrihution of the light 
emitted from A is the circle ABC, for AC equals 
AB cos e. From this rule it results that 
the total flu
 emitted by such a surface is 
Tr 
(2" <þ cos e. 211'" sin ede if <Þ is the flux emitted 
.0 
per unit solid an
le in the normal direction. 
This expression is equal to 1I'"<Þ, so that the 
average candle-power of A is !-<Þ or the mean 
hemispherical candle-power is 
-<Þ, 
The brightness of a surface should generally 
be expressed in terms of candles per unit arpa, 


so that a square centimetre of a surface which 
is emitting <Þ lumens p{'r unit solid angle in the 
normal direction has a brightness of <Þ candles 
per square centimetre 
in that direction. If B 
the direction be not 
normal to the surface, 
the brightness must 
be expressed in 
candles per unit area 
of the surface pro- 
jected perpendicular 
to the direction. For 
a sq uare cen timetre 
vie,ved in a direction A 
making an angle of 60 0 .FIG. 43. 
with the normal pro- 
duces an image on the retina which is only 
half the area of that produeed by a square 
centimetrp of surface viewed normally. 
Hence to obtain the illumination of thp 
image on the retina, the criterion of bright- 
ness as far as visual effect is concerned, the 
radiation emitted per unit projected area must 
be considered. 
It will be seen at once that, since thi
 pro- 
jected area bears to the true area a ratio eglJaI 
to the cosine of the angle of projection, it 
follow
 that a perfect diffuser appears equally 
bright at whate,-er angle it is viewed, for if 
the brightness he <Þ candles per sq. em. in the 
normal direction, the radiation emittpd per 
unit solid angle by unit projected area (i.e. 
see e sq. em.) will be <Þ sec e in the normal 
direction, or <Þ in the direction of vision. 
It is for this reason that matt surfaces, i.e. 
surfaces which approximate as closely as 
possible to perfect diffusers, are always em- 
ployed in illumination photometry. For then 
the angle from which the comparison surface 
is viewed is less important than it. would he if 
a glazed or semi-polished surface were employed. 

 (52) RELATION BETWEEN ILLU:!\lINATION 
AND BRIGHTNESS.-It will be u
efll1 hen' to 
obtain the relation between the illumination 
of a perfectly diffusing surface, its reflpction 
ratio, and the resulting brightness. If the 
i1lumination be E metrp-eandles, the flux 
received per unit area of the surface is E 
lumens. The tot.al amount of flux emitted 
is therpfore RE if R be the reflection ratio. 
Xow if R be the brightness in candles ppr unit 
area, the flux emitted ppr unit solid ang:le 
in the normal direction is B lumens. Hence 
the total amount of flux rpflected is 11'" B 
lumens. Therefore 11'" B = RE or B = RE/1I'". As 
an example, a perfectly diffusing surface 
having a reflection ratio of 73 per cent and 
illuminated to the extent of 10 metre-candles, 
has a hrightness of 7.5/11'" =2.39 candles per 
square metre. 

 (53) PHOTO:MF.TER S(,REE
S.-It has l)('p
 
found that no surface behaves at all angles 
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a
 a perfect diffuser, and in some which are 
generally regarded as matt the departure 
from the cosine rule is very considerable. 
This departure depends not only on the 
direction from which the surface is viewed, 
but more especially on the direction of the 
incident light. There is always some specular 
reflection, and the brightness is always high 
where the direction of vision and the direction 
of the incident light make equal angles with 
the normal in the same plane. Trotter 1 has 
made a large number of measurements of 
this effect in the case of many surfaces. 
He finds that Bristol board, unglazed by 
passing a damp cloth over its surface, or 
"hite celluloid rendered matt by rubbing 
over its surface with pumice powder, gives 
very good results if the cUrec- 
tion of specular reflection be 
avoided, a maximum error of 
3 per cent being found for 
the last-named material. 
In some photometers the 
comparison surfaces, or one 
of them, consist of sheets of 
matt opal glass, and for these 
the rule of cosine emission holds 
very well over quite a wide 
range of angles. 

 (.34) ILLU::\I1xATIo:s PHOTO- 

1ETERS.-.Å general account of 
the principle of \\ orking of 
illumination photometers was 
given at the beginning of the sec- 
t,ion on ,. Photometric )lethods." 
The number of instruments 
which have been designed for 
the mea
urement of illumina- 
tion is very large, and all that 
can be given here is a brief 
description of some of those 
which have been most frequently 
employed by workers in the field of illumina- 
tion engineering. 

 (.35) THE PREECE PnOTO)[ETER.- The first 
photometer to be designed for the purpose 
of making illumination mea
urement.s was 
that of Preece described in 188:3. 2 This con- 
sisted of a box containing an electric glow- 
lamp and furnished at the top with a Bunsen 
grease-spot scrpen. The current through the 
hmp was varied until the grease spot 
disappeared, and the illumination of the 
screen was then known from previous calibra- 
tion against the illumination produced by a 
standard source of IÜrht at various known 
distances. In a nwdïfìcation of this in
tru- 
ment, due to Trotter, the variation in the 
illnmina.tion of the under side of the grease- 
spot screen was ('ffected by alteriy{g the 
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position of the lamp instead of its candle- 
PO\\ er. 

 (56) THE TROTTER ILLt"'MIXATIOX PHOTO. 
l\IETER.-The latest form of the Trotter Illu- 
mination Photometer is sho" n in v('rtical 
ec. 
tion in Fig. 44. L is a small 4-volt glow-lamp 
mounted in a screw socket which is carried on 
a bracket sliding on a vertic-al bar B. By 
this means the distance of L from a mirror 
,[ can be varied to suit the candle-power of 
the particular lamp used in the photometer 
at any time. The light is reflecte(l by ::\1 to 
a matt white celluloi(l screen C which i
 
capable of rotation about an axis perpendicular 
to the plane of the paper. This rotation is 
effected by means of the snail carn _\. which 
bears 011 a
 pin D. This cam is so shaped that 
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1 Illumination: it."! Di."!tribution and Jlea."!uTement, 
p. 93, and lllwn. Eng., London, 1
19, xii. 243. 
:& Roy. Soc. Proc., 1884. xxxvi. 270. 


FIG. 44. 


the angular motion of the celluloid surface is 
much slower than that of the earn at the 
positions where the light from )1 falls \
ery 
obliquely on to [1. For at these position
 it 
follows from the cosine law that the illumina- 
tion will vary very rapidly \,ith the indination 
of C, so that unless a cam such as that. shown 
is pro\-ided, the scale becomes very compre8sed 
at the lower values of illumination. A IÍ!rht 
leaf Rpring E gives just enough friction - to 
hold the screen in any position while yet 
allowing a very free movement of the cam. 
The pin D is held in do!';e contact with the 
cam hy means of a flat spiral spring fixed to 
C. R is a knife-switch bv mean:;;; of "hich 
the lamp I
 can he lighted from a 2 - cell 
accumulator ('onnected to the terminal" T I , T 2 
of the photometpr. At the top of the box is a 
c;;econd matt white celluloid !'mrface P, and the 
photometer is placed so that this surface is 
in the spot at which it is desired to measure 
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the illumination. A plan view of F is shcm n 
in Fig. 44A, and the measurement is made by 
vie\ving C through the slit in F and adjusting 
the hrightness of the 
former by tilting it with 
the cam handle, until F 
and C apI){'ar equally 
o Q bright. lllumina tion at 
F is then given by the 
position of a pointer con- 
nected with the handle 
by which C is turned. 
FIG. 44A. The scale is obtained by 
preyi()u
 calihration with 
known illuminations provided by a Rtandard 
lamp at different fixed distances. To ensure 
that F is always viewed at a constant angle, 
C is provided with two small black pointers. 
These must be juo;;t visible at the ends of the 
slot in F (as in Fig. 44A) when the measurement 
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FIG. 44B. 


is being made. The direction actually used 
is 20 0 - from the vertical. Even with this 
precaution of constant angle of vision, if the 
sheet F is not perfectly matt and the light is 
incident upon it at an angle of ahout 20 0 , 
there is danger that specular reflection may 


8 1 


cause an appreciable error. It is best, there. 
fore, to view thf' photometf'r in a plane perpen- 
dicular to tbat of the in('ident 1ight, as shown 
in Fig. 44B, which also gives a view of the 
complete instrument. 

 (57) THE HARRISON PHOTOMETER. -In 
the Harrison photometer, the surface illu- 


minated by the outside lights consists of a 
disc from which two diametrically opposite 
quadrants have been rC'movcd. This dISC is 
set spinning pneumati('ally, and thus the 
instrument. acts on the flicker principle and is 
adapted for URC \\ith lights of colours different 
from that of the comparison lamp contained 
in the photometer box (see section on " Colour 
Photometry"). 

 (58) THE \YEBER PHOTO
IETER. -The 
\Veber photometer was one of the first illu- 
mination photometers rlesigned. 1 It is shown 
in vertical section in Pig. 45. I-l is a ben- 
zine lamp \\ hich acts as a source of standarrl 
candle-power, S is a translucent screen mov- 
able along the tuLf' T!, its position being 
marked by a pointer moving over a scale 
engraved on the outside of this tube. C is a 
Lummer
Rrodhun cube, and P is a total 
reflection prism for use when the tu he T 2' 
which is capable of rotation about the axi:'i 
of Tl' is used in the vertical }JOsition (as 


T:z 


T 1 
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FIG. 4;). 


shown). The upper end of T 2 is closed by an 
opal giass disc, and this forms the surface the 
illumination of which is to be measured. 

 (59) TH}
 SHARP-
hLLAR PHOTOMETER. 
-A much more elaborate photometer on a 
somewhat similar principle is that of Sharp 
and Millar, descrihed by the latter in a critical 
paper on illumination photometers. 2 The 


H 
FIG. 46. 


F 


plan of this instrument is seen in Fig. 4(t 
L is the lamp, a 4-volt glow-lamp, which is 
capable of mOVf'ment along the box by means 
of an endless wire moved by the handle H. 
The position of the lamp is in(lieated by the 
1 Wied. A1In., 1R83, xx. 3211. 
21 Am. Ilium. Eng. Soc. Trans., 1007, ii. 475. 
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shadow of a pointer on a translucent celluloid 
scale at F. This lamp illuminates an opal 
screen 8 1 , and the brightn{,
-i of this is com- 
pared. by mpans of a Lummer-Brodhun cube 
,-iewed through the eyepiece E, " ith the 
brightne
9 of a second opal glass screen 8 2 
reflected in a 4.')0 mirror, contained in an 
elbo" tube of whicl1 T is tbe plan. The 
illumination to be measured is that at 8 2 , 
and the range of the in
trument is increased 
Ly tbe insertion of neutral glasses, \\ith known 
transmj
sion ratins, between C and either Sl 
or S2' 
This photometer posse&;PS the great ad- 
vantage tbat the test plate S;.! is viewed from 
belo", so that its illumination is completely 
unobstructed hy the per
on of the obserrer 
or any part of the apparatus. This is of 
consirlerable importance, since, 
when the number of sources con- 
tributing to the illumination is 
large, it is often difficult for the 
observer to avoid shading' one 
or more of them from the test 
plate \\ ben this is viewed, as is 
u
ually the case in illumination 
photometers, from above. 
I t is also claimed for this 
photometer that the brightness 
of the comparison disc 
l v-aries 
exactly as the inverse sq nare of 
the distance from it of the lamp L. This is 
probably the case unle!'ls this distance is 
made too Rhort. when the inev-itable effect of 
interior refl.e('tions \\ ill be such as to cause 
dpparture from the exact 
inverse square scale. 

 (60) THE :\L-\.RTEXS 
PHOTO)IETER. - The 
:\Iartens photometer is 
shown in side elev-ation 
in Fig. 4 ï and in section 
along the line AB in 
Fig. 47.-\. L is a benzine 
lamp which is used as a 
comparison source, and 
which illuminates a 
ground glass plate G by 
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FIG. 47. 


reflection in the mirrors )1 and a total reflec- 
tion prism P. S is a white s('reen, the il1umina- 
tion at which is desired, amI compari
on is 
made in the eyepiece between the brightnesses 
of Sand 0. 
A slight modification of the )Iartens polarisa- 


tion photometer dps('ribed in 
 (30) enables 
thia instrument to he used as an illumination 
photometer. The plaster screen F is replaced 
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FIG. -I;.A. 


by an opal glass screen, and the tube T is 
turned so that this screen occupies the position 
where it is desired to measure the illumination. 


PM 


c 


FIG. 48. 



 (61) THE Lt;XO
lETER.-Two ,ery portable 
instnlment'3 employing a test sereen which 
may be quite separate from the photometer 
are the Luxometer, which is a modification 
of thp Trotter photometer, and 
the Lumeter due to Dû\\ and 

Iackinney.l The first of these 
is 
hown in section in Fig. 48. 
L is a small 2.volt glow-lamp 
which illuminates the tilting 
Sf'reen S. Thi
 s('reen is re- 
flected in the mirror 
r and is 
seen in tbp plate f' which is 
silvered over one-half of its 

urface. The test plate T is 
seen by direct vision through 
the unsilvered half of C, and 
tbe two hah-es of the field are 
brought to equality of bright. 
ne
 by tilting ;:;. 

 (62) THE L
)IETLR.-The 
lumeter is seen in plan in Fig. 
49. The 2-v-olt glow-lamp L 
illuminates an opal glass plate 
G. Behind this plate a cylin- 
drical shutter C \\ith a care- 
fully graduated opening is moved by a 
hancUe carrying a pointer which travels oyer 
a scale on the outside of the instrument. 
1 Opt. :Soc. Trans., HHo-ll, xii. lit), (Thi
 paper 
describes the ori!!inal form of the in4rument which 
ha
 now been revived. The cl<,'wriptinn her<, gin>n 
refers to a modifieù form introduced about 191
.J 
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The light from the part of n exposed 
by C iJ1uminates the screpn S, which con- 
sists of an exterior ring of white opaque 
material, and an inner clear circle. This screen 
is viewC'd through the eyepiece, the exterior 
test plate P being seen through the clear 
central portion of S, while the brightness of 
the opaque portion is varied to equality with S 
by altering the position of C. The shape of 
the opening in C is seen in the lower part of 
the figure. The breadth of the larger portion 
is ten t.imes that of the smaller, so that at 
the transition point the scale is enlarged ten 
times. Theoretically the scales should be 
linear, but in practice errors np to 5 per cent 
and more are found with a linearly divided 
scale. t.Tust at the point. where the larger 
opening bpgins to come int,o operation, t.he 
error is, naturally, very large. 



 


p 


l!'IG. 49. 


Both these instruments are adapted for 
measuring low illumina.tions by the provision 
of neutral glasses N, N, of known transmission 
ratiof:, which can be inserted at will between 
the test surface and the eyepiece. In the 
lumeter these consist of dou hIe wedges, so 
that adjustment to convenient ratios, such 
as 0.1 and 0-01, is possible. 

 (63) THE SHARP FOOT-CA
DLE :l\IETER.- 
For rapid approximate measurement of illu- 
mination a portable photometer has beeD 
devised by Sharp and modified by Sackwitz. 1 
It consists of a box containing a trougb, 
over which lips a white screen with a Jine of 
translucent C'ircles in it, this screen being 
iJIuminated from beneath by a lamp placed at 
the end of the trough. The brightness of the 
circles diminishes gradually from one end of 
the screen to the other, and when the hox is 
placed in any position, one of the circles is 
found to disa ppear, those on the right ::;till 
1 
harp Elect. 1r orlrl, 1916, lxviii. 569; Sackwitz, 
Am. Ilium. Bllg. Soc. Trans., IB18) xiii. 292. 


showing bright, w hile tho
e on the left now 
appear dark. Prpvious calibration gives the 
value oi illumination at which each circle 
vanishes in this way, and thus the instrument 
can be used for obtaining quickly an approxi- 
mate value of the i11umination at any point. 
The lamp is supplied from a dry cell con- 
tained in the box, and a sman voltmeter and 
regulating resistance are supplied to enable the 
faU of voltage of the cell to be comppnsated. 
A somewhat similar instrument was de- 

cribed 2 by H. T. Harrison in uno. 

 (64) THE l\IEASUREMENT OF BRIGHTNESS. 
-In hoth the luxometer and the lumeter, 
the test surface is quite separate from the 
photometer, and in fact these instruments 
may be used for measuring brightness as well 
as illumination. For, if the reflection ratio 
of the white card be R, then an illumina- 
tion of n metre- 
candles gives it a 
brightness of nR/7r 
candles per square 
metre. Thus if the 
balance be obtained 
by means of the in- 
strument when the 
test card is replaced 
by some other surface, 
the reading of the in- 
strument multiplied 
by the factor R/7r will 
give the brightness of 
the surface in candles 
per square metre. 
C Similarly, if the in- 
strument be calibrated 
(as is usually the caRe) 
in foot-candles, multi- 
plication by H-f7r gives 
the brightness in candles per square foot. 
It has frequently been the custom to express 
brightness in equivalent foot-candles, 'i.e. in 
tcrms of the brightness of a perfectly diffusing 
surface of 100 per cent reflection ratio, illu- 
minated to the extent of one foot-candle. 
This figure is obtained at once from the 
readings of an illumination photometer 
multiplied by the simple factor R. Pnfortun- 
ately this system has given rise to much 
confm,ion between illumination and hrightness, 
and it is desirable that the latter !Should 
always be expressed in candles per unit 
a rea. 

 (65) VOL'l'AGE REGULATION.-It will havE' 
been noticed that a numbcr of illumination 
photometers depend, for their standard of 
comparison, on a small 2- or 4-voJt electric 
glow-lamp fed from a portable battery. ]\0\\', 
as hac:; been already stated, thc ('andIe-power 
of an electric lamp varies as the fourth or 
fifth power of the voltage, so that constancy 
2 Illuminating Engineer, Londoll) 1910, iii. 373. 
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of battery \ oltage is of first importance. 
Jlost such photometers are provided v. ith a 
switch so that the lamp can be switched on 
only ,vhen t!Je readings are being taken. The 
discharge of the battery is thereby much 
reduced, and, as the current of the lamp does 
not generally exceed half an ampere, a storage 
cell of 10 to 20 ampere-hour capacity will 
maintain a constant supply voltage over a 
consin.erable period of use. The voltage of 
the battery on discharge must be frequently 
checked, and recharging should be commenced 
as soon as the voltage has dropped 5 per cent 
of its value. During this time the readings 
of the photometer mU2t be reduced by 3.7 
or .) per cent for every 1 per cent drop in 
voltage, according as the lamp filament is of 
tung.-;ten or carbon. The cell when first taken 
off charge should be dischargerl at about half 
an ampere for at least an hour before being 
used on the photometer. This avoids the 
initial over-voltage. 

 (66) PREC.A.CTIOXS IX '('"SIXG A PORTABLE 
PHOTO
JETER.- The most frequent source of 
trouble in portable photometers employing an 
electric lamp, is faulty contact at wme part of 
the circuit. At the very low ,oltagp uc:;ed, the 
slightest fault in a contact causes a noticeablp 
decrease or fluctuation in the light. The 
leads to the battery should be tightly 
crewed 
down on to perfectly clean terminals, and it 
is inadvisable to unùo them during the taking 
of a set of readings. All contacts inside the 
photometer should be soldered, and the l
mp 
socket must be of the scre\\ type \\ith the 
lamp well screwed down into the socket. If 
a sv.itch is proyided for the lamp. it is neces- 

ary to ensure that it makes good and 

onstant contact when in the "on" position. 
All portable photometers require frequent 
checking at two or three points of their 
scale, a.Q'ainst known illuminations provided 
by a standard lamp at definite dist.ances 
from the test plate. 'Yhen all the precautions 
detailed above have been observed, the best 
of these instruments may be relied upon to 
an accuracy of about 2 to 3 per cent over the 
most fa,,-ourable part of its scale. 
The measurement of illumination. both bv 
daylight and artificial light, is becoming 
increasingly frequent and important. In 
several countri('s codes of illumination re- 
quired for particular kinds of workshop and 
factory processes are enforced by legislation. 
Extensive rules have also been framed for the 
lighting of schoolrooms. and the illumination 
of shop "indows, pubJic halls. churches, 
theatres, and other buildin
s has lately re- 
ceived considerable attention. 1 

 (67) THE JIEAS't'"RE-UEXT OF ILL'('"
nxATIOx. 


1. \ïde Illuminating Engineer. London: Trans- 
a:tlOn.
 of the Illuminating Engineerino Societu of 
1\ ew ro"k; Lighting Journal, and other publications. 


-The method of making illumination mea
ure- 
ments is to place the test plate at dIP position 
\\ hpre the illumination is required, and to 
determine this by means of a photometer 
similar to one of those above described, taking 
care that the body of the observer shie1òs 
as little light as possible from the test plate. 
"Lnless otherwise statpd or clearly implied, 
it is usual to assume that the test plate is 
placed horizontal1y, and ,ery frequently the 
floor level or the I-metre level is adopted 
for all the measurements. :\lore frequently, 
however, the plate is placed horizontallv on 
the desk, loom, bench, lathe, etc., where
 it is 
desired to know the illumination. Sometimes, 
as in planning a picture 
allery. the illumina- 
tion of a vertical surface i
 of primary 
importance. In such cases, of course, the 
vertical position is adopted for the test 
plate. 

 (68) THE C.U,GCLATIOX OF ILLon
ATIO
. 
-If it be desired to predict by calculation the 
distribution of illumination which will result 
from any given 
arrangement of 1 _- 
light sources, this 
may be done from 
the polar curves h 
of the sources to 
be used. For (Fig. 
50) the illumina- 
tion of a horizon. - --- - --- -- ------ A 
tal plane at A, due FIG. 50. 
to a source at 
L of which the candle-power in the direction 
LA is J, v.ill be J cos 8jLA2 or J cos 3 8fh 2 , 
where h is the vertical height of L above the 
horizontal plane through A. Thus the total 
illumination at A will be 
J cos 3 8flt 2 , the sum- 
mation being made for all the sources which 
send light directly towards A. 
In illumination calculations it is usual to 
assume some simple form of polar distribution 
which approximates to that of the actual light 
source to be used. The great variety of the 
polar curves of present-day sources make it 
useless to do more than gi,"e a single example 
of such caJculations. For other examples 
the reader is referred to some book on illumina- 
tion engineering, such as Gaster and Dow, 
Jlodern Illllndnon
 alld Illlllldnating Engitleer- 
ing; Trotter, Illllmination: 1't8 Distribution 
and Jf easurement; Bohle, Electrical Photometry 
and Illumination; rppenborn, Lehrburh der 
Photometrie; Steinmetz, Radiation, Light and 
Illu1IIination; etc. 

 (69) THE ILLr
nX.-\TIO:\T CrRYE. - If 
we have a number of equal light sources 
of known polar distrihution placed in line 
at a given height, the CUITP sho" ing the 
variation of iÜllmination alonp- the line 
vertically beneath the sources can be verv 
readily 
btained. From the expression gi\""e
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above, it is easy to obtain, from the polar 
curve of the source, the diagram connecting 
the illumination at a point P, due to a bingle 
source, \\ ith the horiznntaJ distance of P 
from the source. This has been done in 
Fig. 51, where the heavy line is the curve of 



3 
:::s 
-.J 


4 


==2 
:3 
g 
'Ë 1 

 


3.5 3'0 2.5 2.0 1.5 
I I I II I 


1.0 
I 


o 


20 
Distance in Metres 


10 
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illumination along a line 10 metres below a 
source having the polar diagram shown. If 
now the sources be spaced 20 metres apart as 
shown in Pig. 52, a curve like that in Pig. 51 
is placed in its proper position under each 
source and the ordinates are 
added to produce the fun line 
curve which shows the dis- 
tribution of illumination due 
to all the sources together. It 4 
will be obvious that the ð 
-.J 
method may be applied to 
other arrangements of sources 
or to a variety of different 
sources, though the calcula- 
tions "'.ill not be quite so 
simple as in the case of the 
example given above. 
The curve of Pig. 52 is 
termed an illumination curve. 
It shows only the distribution 
of illumination along a single 
line. If it be dpsired to 
show the distribution over an area, this is 
most convpnient1y done by means of an 
iso-lux d
agram, or contour map of equal 
illumination. Trotter] has uescribed t.he 
method of constructing Huch a map. The 
simplest case is that of two sources. Strips 
of paper are marked off with a scale represent- 
ing the illuminations due to a single source 
1 Illumination: its Distribution and Jleasurement, 
p.46. 
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at various horizontal distances from that 
E1ource. Such a scale corresponding to the 
curve of Fig. 51 is shown at the base of that 
figure. Two such seales are pinned to a 
sheet at. points repre8cnting the positions of the 
two sources (see Pig. .33) and marks are made 
at the points of intersection of the seales 
where the sum of the graduaticJllS has a given 
value. F0r example, the 4-1ux contour is the 
line joining the points where the scale marks 
0.5, 3.5; 1, 3; 1.5, 2.5 on the two scales 
respectively are coincident. The complete 
contour map is shown in 
Fig. 
33. The larger the 
number of sources, the more 
complicated become the 
necessary calculations. A 
large number of such maps 
are given by Trotter (loc. 
cit.), Blondel, U pp
n bprn, 2 
SteÌllnH"tz,3 and .:\Iar{>chal. 4 
It will be seen that, 
although either an illumina- 
tion curve or an iso-lux 
diagram may be used to 
obtain a mental conception 
40 of the effect of a given 
system of light sources of 
known distribution, yet it 
is still necessary to have 
some definite figure by which the illumina- 
tion performances of two lighting systems 
may be compared. This is analogous to the 
comparison of the light-giving power of two 
sources by means of their average cand]e- 
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powers instead of by the mort> detailed but 
comparatively cumbrous polar diagrams. 

 (70) THE AVERAGE ILLLl\nNATlo
.- 
Various suggpstions have hepn made for a 
basis of comparison of differpnt illumination 
systems. On the wholp the average illumina- 
tion, or, what is equivalent to it, the averagt> 
2 rppenborn and 
Ionasch, loc, cit. 
3 St('inmf'tz, loco cit. 
4 L' Éclairage à Paris. 
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flu
 per unit area (generally expressed in 
lumens per sq uarc metre or per sq nare foot), 
has been most generally adopted for indoor 


FIG. 53. 


illuminatbn. This means that, for a direct 
lighting system" here the reflection from walls 
and ceiling can be neglected to the a pproxi- 
mation desired, the average illumination in 
metre
candlcs will be equal to the total mean 
lower hemispherical candle-powers of all the 
sources in the room, multiplied by 27r and 
divided by the area of the room in square 
metres. 
(i.) The r ariation Factor. - This system 
gives no indication as to the distribution 
of illumination over the room. If there be 
only a few sources of high candle - power 
the illumination will be concentrated in the 
regions underneath a source, leaving the outer 
part
 of the room in comparative darkness. 
For this reason a second figure, giving the 
ratio of maximum to minimum illumination 
in the useful area of the room, has been 
proposed as an addition to the average 
illumination. This figure may be termed the 
" variation factor." 
(ii.) Trotter's "Characteristic CUrl'e."- 
Another method of dpscribing an illumina- 
tion system has he en called bv Trotter 1 a 
charac.tcristic curve. ThiR i
 a 
curve having 
for its abscissae areas, and for ordinates the 
values of the minimum illumination over those 
areas. Thus, referring once more to the illu- 
mination diagram shcm n in Fig. 51, it. "ill be 
seen that the illumination at all points \\ithin 
a circular area of radius 10 metres equals or 
exceeds 2.1 metre-candles. The area of this 
circle is 314 square metres. and therefore the 
point (314, 2,1) is a point on the characteristic 
curve which is shown in Fig. 54. Since the 
abscissae of this curve represent areas, the 
mean ordinate of this diagram, as far as any 
given ordinate. is equal to the illumination 
over the circle having an area represented by 
that ordinate. Thus the average illumination 
1 Loc. cit. p. 58. 


over a circle 1000 sq. me
res in area is equal 
to the mean ordinate of the area OABC on the 
diagram, i.e. to 1.86 metre-candles. 
(iii.) Bloch '8 JI etllOd of calculating A rerage 
Illumination.-Two method3 which have been 
proposed for the approximate calculation of 
the average outdoor illumination due to lamps 
having a given distribution \\ ill be shortlv 
described. In the first, due to Bloch,2 the are
 
is divided into a number of rectangles so that 
there is a lamp in the centre of each rect- 
angle. The radius of the circle which has an 
area equal to that of the rectangle is then 
found, and the average illumination over this 
circle is obtained from the polar diagram of the 
source. This is equal to the total radiation 
emitted by the source \\ithin the cone having 
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the lamp as apex and the cirde as base, 
divided by the area of the circle. 
In this method the effect of neighbouring 
lamps is neglected, making thp calculated 
value too low; but, 011 the other hand, the 
conversion of the rectangle into a circle makes 
the value too high, 80 that these errors tend 
to neutralise each other. Bloch proposes that 
for street lighting the ,alue so obtained shall 
be multiplied by the factor (1'2-0.1)), where 
l' is the ratio of the distance beh\een the lamps 
to the \\idth of the street. 
(iv.) Hõgrzer'8 Jlethod of calclllating Arer- 
age Illllmination.-Högner's method is more 
accurate, but rather more laborious. The 
rectangular area surrounding a source is 
divided into four smaller rectangles with 
their common comer at the point ,ertically 
below the lamp. Each of these four rect- 
angles is then further subdivided into still 
smaller areas by the construction shO\, n in 
Fig. 55. Points Xl' X 2 . . . Y I , Y2 . . . are 
marked off on AB and AC, so that the lines 
Xl L, X 2 L. . . and Y I L, Y 2 L . . . make angles 
of 10 0 , 20 0 . . . with the vertical. )Iutually 
perpendicular ordinates dra\, n through Xl' 
X 2 . . . and Y I , Y 2 . . . divide the area into 
a number of small rectangles such hS PQRS. 
X 0\\ each of these rpctangles i;:; regarded as 
forming the base of a pyramid ha \Oing L as 
apex, and the solid angle w, and the inclination 
to the ,ertical 0, of the liue joining its centre 
21 Elektrot. ZeUs., 1906, xxvii. 493. 
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to L has been found and tabulated for each 
such rectangle. It only remains, therefore, to 
find the can
Ue-power 
f the lamp at any angle 
e, and to multiply this by the value of w (in 
steradians), to find the total flux reaching 
the base of the pyramid. The total flux 
over the whole area heing thus found by 
ad(Iition, the avprage illumination can be 
calculated. 
It will be clear that the illumination due to 
a givpn system of sources cannot bp altered in 
distribution if the candle-power of all thp 
sources be altered in the same ratio. It there- 
fore fonows that to determine the candle-power 
required for a given illumination E I , using 
sources of known distribution arranged in 
a certain" ay, it is only necessary to calculate 
the illumination due to such a system of 
sources of candle - power J. Suppose 
this illumination is found to be E 2 . Then 
the candle - power req uired is JE 2 /E I . 
This refers equally to illumination at 
a point and to average illumination 
O\Ter an area. 

 (71) FACTORS INVOLVED I
 INDOOR 
LIGHTING DESIGN.- \Yhat has heen said 
above refers to the measurement or 
calculation of the 
actual illumination at 
a point, or the average 
illumination over an 
area, due to a given 
system of ligh t 

ources. But it will 
be obvious that in 
designing any system 
of lighting the degree 
of iHumination pro- 
duced is only one out 
of several factors, all of which have to receive 
consid{'ration. Every particular case will pre- 
sent its own special problems, and only the 
most genera! rules can be given here as an 
indication of the principal factors which enter 
into the design of all lighting systems. 
The problems of indoor illumination must 
be treated quite separately from those of 
street lighting and outside illumination 
generally. The requirements of an indoor 
system may be briefly summarised as (1) 
adequate intensity
 (2) proper distribution, 
(3) absence of glare, (4) avoidance of excessive 
contrasts-and these will be dealt with in turn. 
For a discussion of the particular problems 
presented by the many classes of indoor 
illumination, and of the manner in which these 
may bp dealt with, the re
der is referred to 
chaptpr h. of JIodern Tlluminant.
 and Illu- 
minating Engineering, by Gaster and Dow. 

 (72) ILLU::\UNATION REQUIR}
D FOR VARI- 
OUS PROf'ESSES. (i.) The Amount.-The neces- 
sary illumination for various types of room, 
workshop, etc., depend::; almost entirely on the 


L 


naturc of the work. For reading, writing, and 
similar work an illumination of 30 to 60 Uiptre- 
candles has been proposed. For such places as 
foundries, where t.he illumination has to be 
general and no fine work is done, 10 to 20 
metre-candles is generany regarded as sufficient, 
while for a drawing-office 80 mf'tre-candles 
is needed, and in the special case of a shop 
window, where display is required and the 
goods to be shown are of a dark colour, as 
much as 200 metre-candles may be uscd with 
advantage. Tablea of the inten
ities suggested 
for various purposes have been frequently put 
forward. l It has been found that for similar 
work with material!'; of different reflection 
ratio., th{' illumination required is inversely 
proportional to the reflection ratio. 2 
(ii.) Distribution of Ilbl1nination. - The 
proper distribution of the light is most 
important. A room in which nearly aH 
the light is concentrated in one com- 
paratively small area, while the re- 
mainder is in semi-darkness, cannot be 
regarded as well lighted. If work is 
carried on only at one or more particular 
parts of a room, a general illumination 
of 2 to 5 metre-candles should be pro- 
vided, with the addi- 
tion of local lights 
to give the necessary 
illumination at the 
points where it is 
spt:'cially needed. For 
reading, the light 
should preferably 
come from behind, 
while for writing it 
should come from 
the left front. 
(iii.) Avoidance of Glare. - The avoidance 
of glare is of the utmost importance if eye- 
strain is to be avoided and the light pro- 
vided is to be properly appreciated by the 
eye. Even sources of low intrinsic bril- 
liancy should be shielded from rurect vision, 
and it has bef'n generally agreed that an 
intrinsic brjJliancy of 3 to 5 candles per 
sq uare inch should not. be exceeded in any 
source, shade, or reflector which the eye is 
liable to see by direct \Tision. It is a matter 
of common experience that exposure to a very 
brightly iHuminated surface renders the eye 
les
 caÙable of properly appreciating the for
s 
of objects having a lower intrinsic brilJiancy, 
so that if glare l
p not avoided a much higher 
general illumination is required. 
:Excpssive contrast
, generally in the form 
of deep Rhadows, are annoying to tllP f'ye in 
domestic lighting, and may be sources of the 
utmost danger in street or factory Ii
hting. 



R 


FIG. 55. 


I r.astf'f awl now, lor. 6'. ]I. 32f>. 
2 Report of Df'partm(,lItal Committee on Liylltinf/ 
in Fa('torif'1I and W orksllOp.'i, i. 37. 
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On the other hand, an almost complete absence 
of shadow is most unsuita ble for work requiring 
perception of fine detail, such as sewing, watch- 
making, etc.! The attainment of the above 
requirement;;; in any particular case is a matter 
requiring much experience of illumination 
engineering. 
(iv.) Direct and Indirect Lightift'J.-For the 
sake of convenience, systems of indoor light- 
ing have been classified as direct, indirect, 
an
d semi-indirect. III the first-named system, 
the light from the source reaches the area to 
be illuminated by a direct path and does 
not suffer any chg,nge of direction once it 
has left the lighting unit. In an indirect 
system, on the other hand, the light is all cast 
upwards to the ceiling, or to a reflector placed 
above the source, so that the Jight reaching 
the lower part of the room has suffered at 
least one reflf'ction on its way. In the semi- 
inrurect system of lighting, part of the light 
from the source illuminates the room directly, 
the remainder by reflection. In addition to 
the ceiling, the upper part of the walls has a 
con-;iderable shëue in the distribution of the 
light from an indirect or semi-indirect system. 
Both of these systems, owing to the great area 
from which the light is received by the lower 
part of the room, avoid all possibility of glare, 
and cause a very great softening of shadows. 
'Yith a totally indirect system, the lack of 
shadow may be so pronounced as to causf' 
inconvenience if the room is used for certain 
kinds of work. 
Combination of indirect general lighting 
"ith direct local lighting is frequent and 
possesses many of the advantages of both 
systems. \Yith indirect or semi-indirect 
::;ystems and, to a less extent, "ith direct 
systems of lighting the reflection ratio of walls 
and ceilings has a marked effect on the in- 
tf'nsity of the sources required to produce a 
given ilIumination. 'Yalls with a very high 
reflection ratio may increac:;e the illumination 
by 40 to 50 per cent over that obtainable "ith 
very dark walls. 2 In general it may be assumed 
that with a white ceilinO' the sources used in 
an indirect system of lighting require to have 
double the intensity of tDose used for a direct 
system. Useful tables of the consumption of 
power by various illuminantj:::, "hen producing 
an illumination of one foot-candle on the 
working plane, have heen !!iven by Gaster and 
Dow 3 and by Uppenborn. 4 

 (73) ÙGTDOOR ILLôHx_\Tlox. - The re- 
quirements in the case of outdoor illumination 
are some" hat different. In street lighting 
the need is for as even an illumination as 
po;;;sihle "ith the comparatively wide spacing 
1 flppartmellta[ CommitÚ'e on Lighting in Factories 
and Workshop!:, loc. cit. 

 Ga::.tt'r and Dow, loco ëit. p. 3
û. 
· loc. eit. p. 323. 
· LehrÞuch ria Photomrtrie, p. 179. 


necessary. This is partly accompli
hed, either 
by specially de
igned reflectors which con- 
centrate the light in a direction only slightly 
below the horizontal, or by placing the lighting 
units at a considerahle rustance above thc road- 
way. A minimum illumination of I metre. 
candle is regarded as necessary for important 
thoroughfares. 5 
Other problems" hich come under the head 
of outdoor lighting are the illumination of 
railway platforms and goods-
Tards, parks, 
bridges, and open spaces. The illumination of 
sign boards and building exteriors for spectacular 
purposes are also cases requiring special treat- 
ment. For these a work on illumination 
engineering should be consulted. 

 (74) DXYLlGHT.-'Yhat has been said so 
far has been "ith reference to illumination 
by artificial light. But it "ill be obvious 
that the methods of illumination measure- 
ment, and the photometers which have 
been described, may be employed equally 
well for the measurement of da.ylight illu- 
mination. The chief difficulty met "ith, that 
of the great colour difference bet" een da v- 
light and the light from the comparis
n 
source used in a photometer, may be over- 
come to a certain extf'nt bv the use of a 
blue glas<:1 or gelatine filter b
tween the com- 
parison lamp and the surface it illuminates 
(see 
 (101) in "Colour Photometry"). This 
has the disadvantage of reducing the illumina- 
tion of the comparison surface, whereas the 
illumination to be measured is generally high 
in the case of daylight. This has led to the 
use of a yellow filter placed between the test 
surface and the eyepiece, but this has the dis- 
advantage that the transmission ratio of the 
filter may vary "ith the colour of the daylight 
to be measured. 
(i.) Daylight Factor. -...-\ further complica- 
tion in the case of measurements of interior 
illumination by daylight arises from the fact 
that the daylight is constantly varying in 
intensity. A simple measurement of the illu- 
mination at a point inside a room on a 
particular occasion. therf'fore, does not give 
thf' information required, for clearly this 
ill 
depend on the illumination prevailing out- 
side the buildin,g, and hence a knowledge of 
simultaneouq 'Values of indoor and outdoor 
illuminations is e:;sential if any information of 
permanent value is to be obtained. On a dull 
day with a grf'Y sky, the illumination at a 
point inside a building bea
 a very nearly 
constant ratio to the iUumination at a point 
outside. This ratio, expressed as a percentage, 
has been termed the daylight factor at the 
point and is taken as ghing some indication 
of the illumination at the point when the 
out
ide illumination is known. 
(ii.) rariatio1l8 of DayliJIlt. - It is seldom 
5 l:astcr and 1>0\\ loco eft. p. -t H). 
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realised how rapid anù how great are the 
variations which take place in daylight illu- 
mination. Some experiments on thesf' have 
been df'scribed by C. C. Paterson and the 
author. l 
The conditions exerting the greatest influence 
on daylight illumination are three, viz. (i.) 
time of day, (ii.) time of Yf'ar, (iii.) meteoro- 
logical conditions. 
(iii.) Variation with TÙne of Day. --As to 
the first, expf'riment has shown that the 
gradual rise. of illumination at sunrise closely 
corresponds with the fall at sunset, and that 
the change of illumination takes place at a 
more uniform rate when there is a dull grey 
sky than \vhen the sky is blue and cloudless. 
The sunset and sunrise illumina.tions do not 
vary with the time of year, but only with the 
meteorological conditions, and may be assumed 
to lie, generally, between 100 and 500 metre- 
candles; 230 metre-candles may be taken as 
a fair average value. 
(iv.) Fariation with T
'me of Year.-As to 
the variation with time of year, the average 
results of a very large number of observa- 
tions extending over nine months gave the 
curves shown in Fig. 56 for the variation of 
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daylight from :3 A.M. to 7 P.M. on average days 
at different times of the year. On this diagram 
the horizontal scale represents the time of day, 
and the vertical scale foot-candles of illumina- 
tion under an open sky. There arc three 
curves, representing average days in June, 
September, and Dccember respectively. A 
horizontal line has been drawn through thc 
curves at the 500 foot-candle level for the 
purpose of illustration, and it will be seen that 
the line cuts the December curve at 10 A.M. 
and 2 P.M. It follows that any room in a 
building for which the daylight factor is helow 
0.2 per Cf'nt will have less than 1 foot-candle of 
daylight illumination before 10 A.M. and after 
2 P.M. on an average day in December, while 
in June the corresponding times are 6 A. '\1. and 
6 P.M. respectively. 
It may be said, further, that there is, on the 
1 Fir.<;t R('port of thp ])(>partmental Committee on 
Liuhtiny in Factories and Workshops, HH5, i. 63. 


average, an outside illumination of about 100 
foot-candles 30 minutes after sunrise and 
before sunset, so that a position in any building 
\vith 1 pf'r cent daylight factor has, on the 
average, an illumination of ] foot-candle 30 
minutes after sunrise and before sunset. 
Although the sunrise and sunset illumina. 
tions do not vary appreciably from summer to 
winter, the mid-day illumination falls from an 
average of abuut 4000 foot-candles in June 
to 700 foot-candles in December, the inter- 
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mediate distrihution being of the nature of 
that shown in Fig. 57. 
(y.) Variation witlt J[ eteorolorJical Condit-ions. 
-The variations in the daylight illumination 
arising from even small changes in atmospheric 
or cloud conditions are often surprisingly great 
and take place with extreme rapidity. The 
diagrams in Fig. 58 show the magnitude of 
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such variations un representative days. The 
first gives an approximate record of the day- 
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the variability of daylight, it "ould appear 
that the only satisfactory method of specifying 
the daylight illumination of a room is by its 
daylight factor, either the minimum, or an 
average for the "hole room, being taken. 
This invol"\"'"es simultaneous measurements of 
illumination inside and outside the building. 
A convenient method of arranging this is to 
have one observer taking readings at regular 
one-minute inter"\"'"als on a test plate so situated 
that it receives unobstructed light from the 
whole sky. At the same time, another observer 
inside the building takes readings at convenient 
intervals (consisting of an integral number of 
minutes), and the daylight factors are sub- 
sequently calculated from the two sets of 
data. This was the method adopted by the 
author in making 4000 measurements of day- 
IÜrht factors for the Home Office Committee 
o
 Lighting in Factories and 'Y orkshops. 
(Report, vol. iii.) 

 (7H) TROTTER PHOTO:;\IETER D-\.YLIGRT 
ATTACH
IExT.-There is one difficulty in apply- 
ing the method to buildings in crowded areas, 
nz. that of finding a sufficiently open space for 
the outside measurements. This may be par- 
tially overcome by the adoption of a de\
ice 
described bv Trotter and 'Yaldram. It may be 
readilv sho
\.n that if E be the illumination 
of a 
test pÌate which is receiving unohstructed light 
from a complete hemisphere of sky of bright- 
ness B, then E=7rB. If now a vertical tube 
be placed over the test plate, and if an opening 
at the upper end of this tube bf' of such a size 
that the solid 
angle it subtends 
at the centre of 
the test plate is 
27r/l000, then the 
illumina tion of the 
test plate \\ ill be 
only 2Ejl000, so 
that by pro\
iding 
the top of the tube 
"ith discs of vari- 
0us known aper- 
tures, the bright- 
ness of the test 
plate can be re- 
duced to a corre- 
sponding fraction 
of the illumination 
it would have 
received from the 
whole sky. Thf' FIG. 59. 
method of apply- 
ing this to the Trotter photomf'ter is shown in 
Fry. 59. Thus only a very small proportion of 
unobstructf'd skv is needed, but of course the 
I assumption is m:'lde that the sky is uniformly 
I bright all o\Yer, and this is usually very far from 
being the case except with R. dull grey sky. 
It is usual, in making daylight illumination 
20 


light illumination obsenyed on a bright day in 
Jlarch (17th), \\ hen there was a large number 
of grey and white clouds over the sky. The 
second shows the comparative steadines;i 
found on a dav \\ ith a \-erv uniform and dull 
grey sky at th
 same time of 

ear plarch 3Uth}. 
It "ill be seen froUl the first example that 
the illumination may \Tary by upwards of hO 
per cent within a few minutes. Abo two days 
of a different type, though in the same month, 
may give widely different a\-erag{' illumination 
values at the same time of day. Thus the 
midda v illumination on one da v when it was 
very dull and drizzling \\ a" 15Ò foot-candles, 
while three days later, at the same time of 
day, it "as 1200 foot-candles. Of the various 
fa
tors affecting the iHumination, the num bf'r 
and brightness of the clouds are, perhaps, the 
most important. A bright cloud upon which 
the sun is shining has a brightness far exceeding 
that of the surrounwng blue sky, and as such 
a. cloud change>'! its position in the heavens its 
brightness, as well as its capacity to produce 
illumination at any particular position, \\ ill 
both change considerahly. 'Yith a large 
number of such clouds in the sky it is not 
surprising that the illumination should fluctuate 
rapidly. The clf'arness of the atmosphere, too, 
has naturally a considerable influence on the 
illumination: but this effect is not ca pa ble of 
such rapid variations as that due to clouds. 
The probable limits hetween which the day- 
light illumination at any time may be ex- 
pected to lie are indicated in the table. The 
values there given are hased on 9-l months' 
observations taken at the XationaÍ Physical 
Laboratory from )Iarch to December 1914. 
OlJsef\Yati
ns over a more extended period 
might lead to 
ome modification of the averages 
given. The values of illumination con
idered 
throughout are those measured on a horizontal 
plane placed in an open field with a practically 
unobstructed horizon. The direct sunlight 
was always shielded from the test cards. 
TABLE 


)Ionth. 


)Iidday Illumination (Foot- 
candles). 
High('st. I Lowest. 


)Iean. 


i 
I 
oJ I 


1914- 
April 
)Iay 
June 
July 
Anp-u&t 
I Septem 
r . 
October 
X ovr-m bel' . 
Decem bel' . 


5340 710 3200 
5430 1050 3200 
5160 
420 4100 
&ufficient observations not 
available. 
870 I 
15
 
130 
2ÔO 


3030 

610 
2500 
1HìO 


1180 
1300 
BOO 
720 



 (7.3) 
IEASrRE)IE"T OF DAYLIGHT FACTOR. 
-In view of what has been said above as to 
VOL ]V 
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measurements, to shipld direct sunlight from 
the test card. though the fact that this has 
been done is generally statpd. The avprage 
daylight factor for sidp-light('d rooms of usual 
construction varies from 0.25 to 1 per cent. 
A room where the average daylight factor is 
4 per cent or over may be considered to 
possess exceptionally good natural lighting. 


VI. LIFE TESTING OF INCANDESCENT LAMPS 

 (77) CÓN.NECTIO
 BETWEEN LIFE AND EFFI- 
OIE:NCY.- There are, in the main, two charac- 
teristics of an electric glow-lamp which deter- 
mine the quality of its performance from the 
economic point of view. The first of these is 
its efficiency-i.e. the candle-power which it 
gives per watt of electrical energy consumed- 
while the second is its life, i.e. the number of 
hours for which it may be expected to give 
this candle-power within certain specified limits. 
These two characteristics are so intimately 
connected that if the efficiency be increased by 
raising thp voltage applied to the lamp ter- 
minals the life is inevitably reduced. This 
fact will at once explain both the great im- 
portance of the life testing of electric lamps 
and the necessity for ensuring that such a life 
test is carried out under the efficiency condi- 
tions at which the lamps are to operate in 
practice. 
9 (78) FALL OF CANDLE - POWER, AND 
"SMASHIXG-POINT."-In general, it is found 
that the candle-power of an electric glmv-lamp 
of either the carbon or tungsten filament type 
fall8 gradually as the lamp is run (after a 
short initial period of somewhat uncertain 
behaviour, generally including a preliminary 
rise), and this fall of candle-power continues 
until the filament is fractured either by acci- 
dental mechanical shock or by some appar- 
ently spontaneous action while in use. It may 
frequently happen that the fall in efficiency 
of the lamp, after a certain period of time, 
reaches the point at which the additional 
power necessary to give the requisite amount 
of light is more expensive than the replace- 
ment of the lamp by a new one. The point 
at which this occurs is often t('rmed the 
" smashing-point" of the lamp, and it is for 
this reason that it is necessary carefully to 
define the term "useful life" as applied to 
an electric lamp. Very frequently this is 
defined as the time which elapses before the 
candle-power falls to 80 per cent of its initial 
value (the voltage being ma-intained constant 
throughout the run), or to previous failure, 
provided this does not take place by accidental 
means (i.e. when the lamp is not burning). 

 (79) LIFE-TEST COKDITIO:Ns.-A life test 
may be made under several different spts of 
conditions, and these conditions must he 
carefully specified in order that the desirpd 


inform a tion may be afforded by the test. 
The simplest form of tpst is that in which 
the lamps are run throughout at constant 
(generally rated) voltage, all the photometric 
measurements being made at this voltage. 
Such a test does not, however, ghTe the most 
reliable information as to the life pprformance 
of a set of lamps. Since life testing must 
necessarily be by sample, it is essential that 
the conditions under which the sample lamp 
is run shall be such as to give the nearest 
appro:\.imation to the average life of the lamps 
which it represents. This is Lest attained by 
a test at definite efficiency, i.e. the average 
working efficiency of the batch of lamps re- 
presented by the life-test lamps. This of 
course involves the adjustment of the vo1tagrs 
on each of these lamps to the values at "hich 
they give this definite efficipncy. In general, 
therefore, each life-test lamp must run at a 
voltage peculiar to itself, and provi8ion mUl:it 
be made for this arrangement in designing any 
equipment for the life testing of electric lamps. 
A less satisfactory alternative, when this correct 
procedure is not possible, is to select as life- 
test lamps those whose pfficiency at. rated 
voltage happenR to Le nearest to the mean or 
rated value. These lamps are then tested for 
Hfe at rated voltage. 
9 (80) FORCED LIFE TEST. - The life of 
most modern electric lamps at normal working 
efficiency is from 500 to 200U hours, and many 
attempts have been made to avoid the long 
delay occasioned by tests such as those de- 
scribed above, and to substitute tests at a 
higher efficiency. By this means a shorter life 
is obtained, and then some form of correction 
factor is applied in order to calculate the life 
at normal efficiency. Such a test is termed a 
" forced " life test. The chief difficulty of this 
method lies in the fact that corrpction factors 
differ widely for lamps of different construc- 
tion, and reliable factors can only be obtained 
as the result (If life tests of large numbers of 
similar lamps under normal and "forced" 
conditions. Even .with this information the 
correction factor can only be applied over a 
comparatively small range of efficiency, but 
nevertheless a considerable amount of time 
is sa ved by adopting this procedure where 
accuracy is of less impol'tance than speed. 
The subject of the correction factors applied 
in forced life tests will be referred to again in 
the concluding paragraphs of this section. 

 (81) LIFE. TEST ISSTALLATION. - From 
what has been said above, it will be clear that 
in any life-test installation two requirements 
of first importance are (1) a current supply of 
which the voltage is carefully regulated, and 
(2) arrangements for applying any desired 
voltage to each particular lamp on tpst. 
The apparatus' uRed for this purpose at the 
large testing laboratories are generally shnilnr 
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differing only in details of arrangement. The 
de:;cription here gi\Ten is of the instaJlation at 
the Xational Physical Laboratory,l but that 
of the Bureau of Standards 2 is not greatly 
different in general principle. 

 (82) YOLTAGE REGULATIO
. -...-ill alter- 
nating current supply of 5.> cycles and 240 
volts from a dynamo, coupled "ith a Tirrill 
regulator. feeds an autotransformer from which 
leads are taken to a number of racks supported 
in an iron framework. A diagram of the 
wiring of one of these racks is shown in Fig. 
60. The pick-off points of the transformer 


fOOO!) ð ðlM $QM!)()()6QD f1II' 
240 Volt Generator 


FIG. 60. 


permit of any desired voltage in steps of 
:5 volts being applied to the leads of any 
rack. This voltage is further adjustable by 
means of a series resistance so that if lamps 
are being run at specified voltage they can be 
put in the sockets on the rack, and the ter- 
minals Tl TI' T 2 T 2 , etc., can be connected by 
short pieces of copper "ire. )[ore frequently, 
however, the voltage at the terminals of each 
lamp on the rack is different, and then small 
re
jstan.}es of the form shown at R in Fig. 61 


R 


Lãmp, 39A 
Test Card. 26 
Frame No., 2 
Rack No., 2 
Socket No., 72 
Rack Volts. 25 
Res. 0'6 0 
Set up, Sept. 
28.'20 


FIG. 6]. 


are in
erted between the terminal
 T} TI' 
T2T2' etc. :Each of these resistance
 is, to 
the nearest tenth of an ohm, that required to 
give, "ith tbe current taken by the lamp to 
J Pate
on and Raynn, Ilium. Eng., London, 
WO
. i. Rt;). 
2 
1i,ld)ek:l11ff. :\llll1Ï!!an, am1 Sk()glan
l. Bureau 
'ìf Stf/lIdf/rdR Bull., U'lti, xii. GOi. 


\\ hich it applies, the necessary voltage drop 
between the rack leads and the lamp terminals. 

 (83) CAXDLE - POWER :\IEASC"REME:XTS.- 
Before the lamp is put on life test, measure- 
ments of candlc-power and current at various 
voltages are made in the usual way (see 
 (20)), 
and the voltage at which the desired efficiency 
is obtained is then deduced. This voltage 
then becomes the life-test voltage of the lamp, 
and no attempt is made to alter this voltage 
as the efficiency of the lamp faJls "\\ ith lapse 
of time. Further, the candle-power measure- 
ments at stated intervals dming the run are 
made either at this life-test voltage or, more 
frequently, at rated voltage. These measure- 
ments are often made at the expiration of 
0, 50, 100, 200, and each subsequent 200 hours 
after the commencement of the test. In the 
case of a forced test the intervals at \, hich 
candle-power measurements are made may be 
much shorter than this, as the total life is 
reduced in length. 

 (84) POSITIOX OF THE LAMPs.-The card 
shown in Fig. 61, close to a lamp, is a very 
useful auxiliary in practical working. It 
shows, for the lamp in question, the reference 
number of the lamp, its position on the life- 
test rack, the voltage applied across the rack 
leads, and the resistance necessary to reduce 
this voltagp to the life-test voltage of the 
lamp. The racks are so arranged on their 
framework that the lamps can be burnt 
upright or pendent, the latter being the more 
usual condition. The racks are inspected at 
frequent intervals and failures are noted, as 
far as possible, to the nearest hour. It is the 
usual practice to regard any lamp, the filament 
of which fractures when no current is pa!:o-sing 
through it, as having been accidentally broken. 
The results on such a lamp are then not 
included in determining the a\-erage life of the 
group to which it belongs. If the filament of 
a lamp break, and fall across another portion 
so as to complete the circuit through the lamp 
and cause it to burn, that lamp is nevertheless 
regarded as broken, and removed from the test. 

 (85) LIFE - TEST CrRYES. - Lamps are 
gpnerally run until failure of the filament 
occurs, or until the candle-po" er, measured 
at one of the intervals mentioned above, sho" s 
more than 20 per cent drop below the initial 
value. The interpretation of life-test results 
is a matter requiring very careful considera- 
tion. It is usual to draw the candle-po"er 
time curve for each indiddual1amp, and then 
to draw two curves 
ho" ing respectively the 
average candle-power and the average '\"'alue 
of watts per candle for the whole number of 
lamps burning at any time. Thus in drawing 
these latter curves, lamps removed from the 
test, ('ith!'r on account of hreakage or candle- 
power fall. are not included in computing the 
averages for times subsequent to their r('mo\Tal. 
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A set of such curves for a batch of six lamps 
is shown in Fig. 62, where the individual 
candle-power curves are shown on the left, 
and the mean candle-power and averagp 
watts-per-candle curves are shown respectively 
a bove and below on the right. The removal 
of a lamp from the tf'st is indicated by an 
arrow at the appropriate point on the time 
scale. 

 (86) I
TERPRETATIO
 OF REsuLTs.-For 
specification purposes, ho" ever. it is desirable 
to have, in addition to the full information 
afforded by the curves, some figure of merit 
for the life-test lamps by which it may be 
possible to judge of the probable performance 
of the lamps they represent. The figure 
adopted by the Brit.ish Engineering Standards 
Association in this country is the " test life," 
defined as the average number of hours burnt 
by all the lamps in a group throughout a 
specified running period. It is therefore the 
total number of hours burnt by all the lamps 
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in a group, throughout each running period, 
divided by the number of lamps. 

 (87) FORCED LIFE EFFICIENCIES. - The 
advantages of speed and economy of po"",er 
possessed by a forced life test were pointed 
out earlier in this article, as "ell as the diffi- 
culties attending the correct interpretation of 
such tests. These difficulties are diminished 
in proportion as the extent of the "forcing" 
is reduced. The extensive life tests carried 
out at the Bureau of Standards 1 are made at 
efficiencies corresponding to about 0.9 to 0.95 
watts per candle for tungsten lamps rated at 
from 1 to 1.15 watts per candle, and in many 
other cases the use of forced life tests is 
customary. 
The determination of the conditions at which 
a forced test is to be run may be made in two 
different ways. The first method is to measure 
the voltage at some stated watts per candle, 
and to multiply this by a constant factor to 
determine the forced test voltage. A forced 
test voltage in common use with this method 
in America is 130 per Cf'nt of the voltage 
1 :\liùdl{'kauff, :Mulligan, and f'kogland, loco cit.; 
and Am. Illum. Eng. Soc. Trans., 1915, x. 814. 


at which the lamp absorbs 1.23 watts pf'r 
canellf'.2 
The second method is to run the lamps at 
the voltage which gives them, initiaJly, somf' 
specified "a tts per candle higher in efficiency 
than the normal by a constant amount. 
The life-test voltage having been determined 
as above, it is usual to make the photo- 
metric measurements at rated voltage for 
the sake of consistency and simplicity in 
records. Since the life test is considerably 
shurtened in length of time taken, the intervals 
between the photometric measurements are 
correspondingly reduced. 

 (88) REDUCTION OF FORCED LIFE RE- 
S"LLTS.-It is usual to reduce the life results 
of a forced life test to those of a test. at normal 
efficiency by means of a relationship such as 
the following: 
(Life) = (constant) x (watts per candle)n. 
For although Cady 3 and Edwards 4 have 
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shown that n is not constant over a wide 
range of variation of the efficiency, yet 
within the limits of 15 per cent in voltage 
above and below normal the error in the 
computed life will not be serious if the departure 
of the efficiency from the normal value is not 
too great. Lewinson has shown 5 how much 
the value of the exponent n depends on the 
construction and type of the lamp under 
test. For 100-watt lamps of various construc- 
tions this exponent varied from 6.2 to 8.2 
with a mean of 7.4. For lamps of various 
sizes the value of n was also found to vary 
according to the following table: 


\Yatts. n. I \'" atts. n. 
15 6.8 40 7.4 
20 7.2 60 7.5 
25 7.3 I 100 7.8 


:\liddlekauff, Mulligan, and Skogland 6 mm 


2 I.ewim,on, Am. Ilium. Eny. Soc. Trans., H)]6, xi. 
817. 
3 Am. Ilium.. Eny. Soc, Trans., 1008, Hi. 459. 
'" Gen. Electric Ref'., 1914, xvii. 282. 
i Loc. cit. p. 822. .. Loc. cit. p. 826. 
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the value 7,4 for all f:izes of tungsten lamps 
from 23 watts upwards, and the value 5.83 
for carbon lamps. 
The same value of n cannot be applied to 
all interpretations of a forced life test. The 
figures gi ,Ten above refer to a .. useful life" 
interpretation, i.e. life to 80 per cent of initial 
candle.power or earlier burn-out. .For the 
üO-watt lamp the value of n given by Lewinson 
for a "total" life interpretation-i.e. life to 
burn-out-is 6.6, while for an 80-per-cent life- 
i.e. life to 80 per cent of initial candle-pO\"\ er 
with all burn-outs eliminated-it is 7.6 instead 
o
 the figure of 7.5 given in the table above. 
An important factor in the loss of candle- 
power during the life of a lamp is the blackening 
of the bulb, especially if this be small compared 
with the size of the filament. Some lamps 
contain bulb - blackening preventives, which 
depend for their effective operation on the 
temperature of the bulb. It will be clear that 
if the variation of the action of this preventive 
",ith change of temperature is different in two 
classes of lamps the life efficiency factor will 
be different also, and this effect requires 
consideration when forced life tests are being 
made. 

 (89) SPECIAL LIFE - TEST C05DITIO:XS.- 
\Yhat has been said above applies, in the main, 
to life tests of all classes of lamps, but in the 
case of lamps required for use under special 
conditions it is often desirable that the life 
test should be carried out as nearly as possible 
under the conditions of use of the lamps 
represented. Thus, for example, lamps to be 
used in confined spaces should be represented 
on life tests by lamps burning in similar-sized 
spaces. Lamps to he run off small-capacity 
portable accumulators, where the lamp may be 
subjected to appreciable over-voltage at the 
beginning of each run, may be required to be 
tested for life on a circuit in which this over- 
voltage is imitated. Special life tests of this 
nature require special arrangements of the 
electrical circuits. 

 (90) KU)[BER OF LA
[PS REQ"LIRED FOR 
LIFE TEST. - It is also desirable that the 
number of life. test lamps should be a larger 
percpntage of the total number of lamps 
represented than is the case with more normal 
tests. The standard sp
cification of the 
British Engineering Standards Association 
calls for a life test on at least one-half of one 
per cent of the lamps in a batch, with a 
minimum of five lamps, in the case of ordinary 
tests, and this number should be doubled or 
trebled in the case of special or of forced tests. 

 (91) ÐEPEXDEXCE OF LIFE OX VOLTAGE. 
-'Yhen setting up lamps on life test it iR, of 
course, necessary to ensure that failure of one 
lamp does not entail excess voltage on any 
of the others. Thus life-test lamps must not 
be set up in parallel on a circuit containing 


any appreciable e>..ternal 
eries resistance, 
othen\ise the failure of one lamp \\in increase 
the effective resistance of the lamp portion of 
the circuit, \\ith consequent rise of voltage, to 
act adversely on the life performance of the 
remaining lamps. Constancy of voltage is, in 
fact, one of the chief requirements of a reliable 
life test, and the B.E.S.A. Specification, referred 
to above, calls for a limit of variation \\ hich 
shall not exceed 1 per cent as regards 
momentary fluctuations, or \\hat is appreciable 
on an ordinary large - scale type indicating 
voltmeter as regards permanent error in the 
voltage at which the lamps are run. The 
reason for this requirement is readily under- 
stood from the high '
alue of the life efficiency 
characteristic when it is remembered that this 
means a life-voltage exponent of between 15 
and 20 for a vacuum-type tungsten-filament 
lamp. The degree of dependence of life upon 
efficiency for gas-filled lamps has not yet been 
determined, and it will probably prove to be 
extremely variable owing to the large number 
of independently variable conditions in this 
type of lamp. 

 (92) EFFECT OF .dLTERXATIXG OR CON- 
TIXUOUS CURREKT.-It has been customary 
to consider that a life test may be run on 
either continuous or alternating current, and 
experiments by 
Iongini 1 show that the 
results obtained by both methods are practi- 
cally identical. The saIlle conclusion is 
reached by l\Ierrill, Cooper, and Blake,2 who 
found that actual s\\ itching on and off did 
not apprecia bly affect the life of the lamps. 
If, therefore, it be assumed that the only effect 
which might have a tendency to decrease the 
life on alternating current is that of the rush 
of current '\\ hich takes place when a metal 
filament lamp is fir'St switched on (due to the 
lower resistance of the filamf'nt when cold), 
the 
mallness of the effect on the life found 
for actual switching on and off can only be 
diminished when the current impulses follow 
one another so rapidly that the degree of 
cooling in the filament is comparatively slight. 


YII. HETEROCHRO:!\L\.TIC PHOTOMETRY 

 (93) EFFECT OF COLorR DIFFERESCE 
IX PHOTO
[ETRY.-In the other sections on 
photometry it has been assumed throughout 
that the two surfaces whose brightnesses are 
being compared appear to the observer to be 
of the same colour. Such a condition i::;, 
however, the exception rather than the rule 
in practical photometry, except in ca
es where 
the work is confined to the measurement of 
sources which are very uniform in character. 
The eye is a ver
- se
sitive judge of colour 
difference, and whf'1l two exactly 
imilar 
1 Afti dell' .A.,.o;nr. Rhttr. [fal.. HH3, x,-ii. ü90. 
a Am. J.E.E. Proc., 1910, xxix. 945. 
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surfaces are seen side by side in a photometer 
(as, for example, in the Lummer-Brodhun head), 
if they are illuminated by two tungsten lamps 
operating at efficiencies differing by as little 
as 2 per cent, a colour difference is just per- 
cepti ble to the eye of a practised observer. 
Actually, in such a case, the light given by 
the less efficient lamp is very slightly yellower 
than that given by the other, but the appear- 
ance in the photometer head is, by contrast, 
that of a slightly pink patch on a bluish field 
and vice 'l:ersa. Even such a very slight colour 
difference as this is sufficient to reduce quite 
seriously the accuracy of a photometric 
balance. The colour difference makes it 
impossible to obtain exact equality between 
the two halves of the field, and the eye has 
to allow for the difference in hue when en- 
deavouring to obtain a balance of brightness. 
Of course much more serious differences are 
met with in practice when comparing electric 
glow -lamps with flame standards, or when 
measuring gas or acetylene sources by means 
of electric glow-lamp sub-standards. 'Vhen 
it is a case of measuring daylight illumination, 
or the light from a high-intensity electric arc 
by means of tungsten-filament sub-standards, 
direct comparison becomes very inaccurate 
indeed, and the majority of observers will, on 
different occasions, obtain readings differing 
by as much as 20 per cent. Further, different 
observers do not obtain results in agreement 
with one another, and it is therefore necessary 
that special methods shall be adopted for the 
comparison of lights in which the colour 
difference exceeds even a small amount. 

 (94) METHODS OF HETEROCHROMATIC 
PHOTOl\IETRY. - Theoretically no physical 
equality can ever be obtained between lights 
of different colours, because the things being 
compared differ in kind as well as in degree. 
But physiologically it is a matter of experience 
that, provided the difference in kind be not 
too great, eq uivalence in degree can be 
established within assignable limits by 
obHervers having normal vision :For even 
when signal-green and ruby-red lights are 
being compared, it is possible to raise the 
brightness of the green to such a degree that 
no doubt is left in th<.' observer's mind that 
the green is definitely th
 brighter of the two, 
while similarly there is a much lower intenRity 
at which the red can quite confidently be 
asserted to be the brighter. The aim of 
heterochromatic photometry is to reduce 
these limits as much as possible for the cases 
met with in practical photometry, and this 
problem has been attacked, in the main, along 
three lines, viz.: (i.) the flicker method, (ii.) 
the use of coloured glass or gelatine filters or 
solutions, and (iii.) the division of the colour 
difference to be dealt with into a number of 
smaller colour steps. 



 (95) THE FLICKER PHOTO:\IETER. - The 
fl
cker method depends upon the pheno- 
menon of visual diffusivity in the human 
eye (see article on "The Eye," 
 (lD)). 
'Vhen two bright surfaces are presented 
to the eye in rapid alternation a flicker 
is perceived, the degree of which depends 
both on the rapidity of the alternation and 
also on the identity of the two surfaces 
as regards brightness and colour. The more 
nearly identical the surfa,ces the slower the 
speed at which flicker ceases tu be percep- 
tible, and the principle of the flicker photo- 
meter lies in producing a rapid alternate pre- 
sentation of the two comparison surfaces to 
the eye of the observer, and the adjustment 
of their relative brightnesses until no flicker 
is observed at a comparatively low frequency 
of alternation. 

 (96) THE 'VHIT
IAN PHOTOMETER.- 
Several instruments have been designed on 
this principle. That of 'Vhitman 1 is shown 
in plan in F'ig. 63. C is one comparison 
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surface, and AB the other. AB consists of 
a disc of the shape shown in the right-hand 
bottom corner of the figure. Rotation of 
AB about the axis K causes the eye at F 
to see first one and then the other comparison 
surface in succession. A photometric balance 
can be repeated with this instrument to aouut 
2 per cent ,,,,hen using lights of the same hue. 
The accuracy is of course less "ith different 
coloured lights. 

 (97) THE BECHSTEIN PHOTOMETER.- 
Rood employed a pIano-concave cylindrical 
lens oscillating in front of a Ritchie wedge so 
that first one side and then the other was 
brought into the field of view. This principle 
has been developed by Bechstein,2 who uses 
the lens and prism system shown at L in 
Fig. 64. In the position shown in the figure 
the eye at A sees a circular field of which the 
outer annular portion is due to the right-hand 
side of the prism P, while the inner circular 
portion is due to the left-hand side of P. If 
now L be rotated as a whole through Hmo the 


1 Phys. Rel'., 180;)-96, iii. 241. 
2 Zeits. Instrumentenk., 1916, xxvi. 249 
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outer and inner parts of the field are n'spect- 
ively illuminated by the left- and right-hand 
sides of P, so that as L is rotated by a small 
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FIG. 64. 


electric motor an alternation of contrast is 
obtained in the field of the photometer. 

 (98) THE SDDIAXCE-.dBADY PHOTO:\IETER. 
-In the flicker photometer of Simmance and 
Abady 1 a plaster disc consisting of a com- 
B E bination of two truncated cones 
is used. Its formation may be 
F 
" best understood from Fig. 6.'5. 
ABCD and EFGR are two exactly 
similar truncated cones, divided 
respectively by the planes AC 
and EG. The portions ABC and 
G EGR are removed, and EFG is 
then placed on ACD so that the 
resulting solid has the form shown 
in Fig. 66, "hich represents it as 
seen edge-on in four positions 90 0 apart. It 
will be clear that if thp t\\ 0 sides of such a 
disc be illuminated by the two sources to 
be compared, the line of demarcation will 
swing back and forth across the field of view 
for every rotation of the disc, and thus a 
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FIG. 66. 


flickering field will be obtained as before. 
Discs designed on an exactly similar principle, 
and giving 4: or 8 alternations instead of 2 
for each rotation, have been designed by 
Krüss. 2 

 (99) THE \YILD PHOTO:\IETER. - The 
flicker photometer designed by 'Vild 3 consist:::; 
of a Bunsen disc in which a semicircle or two 
quadrants are waxed, the remainder of the 
disc being plain. It is mounted so as to be 
perpendicular to the direction of the beams 
of light to be compared, and both sides of 
the disc are viewed simultaneously by means 
of mirrors. Rotation of the disc hy clockwork, 
or by a small electric motor, produces the field 
alternation. The criterion in this photometer 
is not absence Qf flicker, but equality of flicker 
on both 
ides of the field. It therefore possesses 
the advantage that the appearance of the 


1 PhI'S. Snr. Proc., 1903 
ix. 30. 
I ZI'1"t.
. In!itrumentenk., H)O;). xxv. fl8. 
3 Illum. Bug., Lonùon, 1008, i. 825. 


field, when out of balance, indicates the 
direction in which the head has to be moved. 
This instrument has been stated to have a 
sensitiveness of 0.5 per cent \\Ïth lights of the 
same colour and 0.9 per cent when comparing 
red and green lights. 

 (.100) EFFECT OF SPEED OY SEXSITIVITY 
OF FLlcKER.-The speed of a flicker photo- 
meter has a very noticeable influence on its 
sensitÏ\Tity. Dow 4 has investigated this 
problem and finds that for lights of different 
colours the speed giving maximum sensitÏ'vitv 
is much higher than it is for lights of the sam
 
colour. The range of speed over which 
maximum sensitivity is obtained is also more 
restricted in the case of different coloured 
lights. The most favourable speed varies 
both "ith the illumination and with the 
difference of colour of the two fields, the 
results obtained when comparing green and 
white lights being shown graphically in Fig. 
67. The abscissae are frequencies of field 
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alternation (i.e. the number of change;:) 1)er 
minute), while the ordinates shO\\ the per- 
centage change of illumination which can 
be made \\ithout flicker, i.e. the difference 
between the illumination ratios at the two 
positions at which flicker just begins to 
appear. The aecuracy of setting can be 
made much closer than thi
, since the mean 
of the two positions at which flieker is just 
perceptible may be taken as the position of 
balance. For illuminations greater than 20 
metre-candles the range of sensitiyity i
 
approximately the same as for that illumina- 
tion, while it can al:,;o be aSRumed that a 
colour difference less than that of the experi- 
ments \\ ill give a greater range of speed for 
maximum sensitivity, and that the aetual 
speeds will be lower, tending to limits of :;00 
t Electrician, 1907, Iix. 255. 
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to 100 for lights of the same culour when the 
illumination is 2 metre-candles. 

 (101) THE COLorR-FILTER 
lETHOD.-A 
second method by which it has been proposed 
that light::; uf different colours should be 
compared is that involving the use of some 
coluured medium which "ill either (a) bring 
the hue of one light to approximate equality 
with that of the other, or (b) enable a com- 
parison to be made of the relative intensities 
of both lights at some particular part of the 
spectrum. To the former class belong the 
"photometric" gelatine filters devised by C. K. 
l\Iees. 1 In 
 (6) "Visibility" of the article 
"The Eye" (q.v.) it has been stated that a 
curve may be constructed showing the relative 
brightnesses which the average eye "ill assign 
to equal quantities of energy at different parts 
of the visible spectrum. This curve, called 
the ,
isibility curve, is shown in Fig. 2 of that 
article, and if its ordinates be multiplied by 
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the relative energy emissions in the different 
wave-lengths, of a given source of light, a 
curve will be obtained showing the relative 
contributions of the different parts of the 
spectrum given by this source to its total 
luminosity. Such a curve for a black body at 
a temperature of 2000 0 K is shown in Fig. 68, 
curve A. 
Now by means of a spectrophotometer 
(see article on "Rpectrophotometry") the 
transmission ratio of a coloured transparent 
medium may be measured for light of any 
wave-length. If, then, the ordinates of curve 
A in Fig. 68 be multiplied by the corresponding 
transmission ratios of a colour filter, a curve 
will be obtained sho.wing the luminosity 
reaching the eye through the filter. Such a 
curve is shown in Fig. 68, curve B. The 
ratio of the areas of the two curves A and ß 
gives the over-all transmission ratio of the 
1 Arner. Ilium. Eng. Soc. Trans., 19] 4, ix. 990. 


filter for light of the spectral distribution 
assumed, and hence this value of transmission 
ratio can bf' assumed for all sources the spectral 
distribution of the light from which approxi. 
mates to that of the curve used for the 
calcula tions. 

 (102) COMPARISON OF DIFFERENT 
COLOURED LIGHTs.-In this way a tungsten- 
filament lamp, or even daylight, may be 
compared with a flame standard by using a 
blue colour filter, which, when placed between 
the standard and the photometer, will produce 
a colour match in the photometer head. A 
knowledge of the energy distribution curve of 
the standard and. the visibility curve of the 
average eye gives at once the luminosity curve 
of the standard. This and the transmission 
ratio curve of the filter give the over-all 
transmission ratio of the filter for the light 
from the standard, and hence the candle-power 
of the combination of standard and filter. 
Instead of a blue filter in front of the standard 
it is often desirable to use a yellow filter in 
front of the light of higher efficiency. J n this 
way an undue reduction of candle-power on 
one side of the photometer may be avoided. 
The above process of finding the transmission 
ratio of a colour filter is very laborious, and a 
less fundamental but much 
simpler method is 
that employed at the Bureau of Standards 
and at the l}hyr-;ikalisch-Technische Reichs. 
anstalt. In this method it is assumed that 
the mean value of candle-power ubtained by 
a large number of obscrvers with a direct 
comparison photometer, such as the Lummer- 
Brodhun, approximates very closely to the 
true value even when the colour difference 
involved in the comparison is considerable. 
The transmission ratio of a colour filter is 
determined by comparing the candle-po\ter 
of a given lamp (of Hefner flame colour) with 
a standard (a) without the filter and (b) with 
the filter placed between the lamp and the 
photometer head. The ratio of the candle. 
power in case (b) to that in case (a) is then 
assumed to br the transmission ratio of the 
filter for light of th3.t colour, and the combina- 
tion is used for the determination of candle- 
power of test lamps as usual. 
The advantage of this method over a direct 
comparison involving colour difference in every 
case is that the Lletermination- of transmission 
ratio can be made hy a large number of 
observers, and ,,,,hen this has been done, the 
photometry of test lamps involves no further 
colour difference, so that a much smaller 
number of observers is Fmfficient, 

 (103) THE CROVA \VAVE-LENGTH )!ETHOD. 
-The second alternative, of using a colour 
filter having only a narrow hand of trans- 
mission in the yellow part of the 
p('ctrum, 
was suggested by Crova in 1881. 2 He found 
a Comptes RC1Ulu.'i, 1
81, xciii. 512. 
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that if the visihility curves of various sources 
having approximately the same spectral dis- 
tribution as a black body at various tempera- 
tures "ere plotted ,vith equal total areas, 
these curves all intersected, i.e. had equal 
ordinates, at the wave-length 0.582 fJ.. It 
therefore followed that a comparison of such 
lights at this wave -length gave a correct 
comparison of their total candle powers. This 
wave-length, termed the Crova wave-length, 
has been redetermined and probably lies more 
nearly in the region 0.337 fJ. to 0.562 fJ.. One 
great advantage of this 
method lies in the fact 
that any filter which 
has only a narrow band 
of transmission must 
necessarily reduce the 
intensity of the light 
very greatly. Crova 
suggested the use of a 
combination of solu- 
tions of perchloride of 
iron and chloride. of 
nickel in a glass ve
sel 
7 mm. thick. This 
combination transmits 
between the wa ve- 
lengths 0.630 fJ. and 
0.534 fJ. with a maxi- 
mum at 0.582 fJ.. 

 (104) THE CASCADE 
)IETHOD. - The third 
method of colour photo- 
l1).etry does not attempt 
to eliminate the colour 
differenct', but simply 
divides it into a number 
of small steps. This is 
the method employed 
for the measurement 
of the electric su b- 
standards used at the 

 a tional Ph ysical 
Laboratorv. Between 
the flame 
 standard, in this case the \
 ernon- 
Harcourt pentane lamp, and the highest 
.efficiency sub-standards used, viz. those operat- 
ing at 0.67 candles per watt, four sets of 
tungsten or carhon filament su b-standards are 
interposed, as shown diagrammatÍr'alIy in Fig. 
69. The lowest efficiency set consists of 
tungsten - filament lamps operating at 0.11 
mean horizontal candles per watt and the 
light from these matches that from a pentane 
lamp; the other lamp
 are respectively (1) 
single carbon loop-filament lamps operating 
at 0.20 m.h.c. per watt; (2) double horse- 
shoe carbon filament lamps operating at 0.26 
m.h.c. per watt; (3) nU'talIised carhon fila- 
ment lamps opprating at 0,33 m.h.c. per watt : 
(-I) tun!!,sten grid filamcnt lamps operating at 
O.,"}:! m.h.c. per watt, and (;)) tungsten grid 


S.11 9 


filament lamps operating at tH)7 m.h.c. per 
watt. 
These efficiencips are such that the colour 
difference between any two neighbouring sets 
is approximately the same throughout the 
series, and each set of lamps is compared \',ith 
the set below it by not less than six observers, 
each taking at least 30 observations on each 
lamp. The obser\ers work in pairs, everyone 
of the possible combinations of observers being 
employed. Thus the values obtained by each 
observer on each lamp are taken on five 
different days. By this 
method the effect of 
colour difference on the 
comparison is mini- 
mised, and a direct 
comparison of set () 
with set 1, made in an 
exactly similar way to 
that described above, 
shows that, in fact, the 
sum of the probable 
errors of the different 
steps in the comparison 
by what is called the 
" cascade" method is 
slightly less than the 
probable error of the 
di.rect comparison. 
There is, ho" eyer, 
another much greater 
practical advantage in 
the cascade method. 
Ordinary photometric 
comparison is made by 
not more than h\ 0 
o bser\ers, so that in the 
case of a considerable 
colour difference the 
chance of any tn 0 
obseryers obtaining a 
result in agreement with 
that obtained by a much 
larger number has to be 
considered. The interC'omparison of the sub- 
standards, on the other hand, is carried out 
hv at least six obseryers, and then for any 
s
bsequent photometry a sub-standard is avaiÌ- 
able of a colour quite close to that of the 
test lamp. The small remaining colour differ- 
ence is then all that remains to be considered 
when assigning the accuracy of comparison 
bv two observers. 

 
 (10.3) THE CO'IPARISOX L..nIP IX f' ASCADE. 
-It is often the practice, "hen working with 
small colour differences, to use a comparison 
lamp givi.ng light of a hue midway between 
that of the test lamp and that of the nearest 
a'
ailable sub-standard. In this way the colour 
difference is hah-ed. hut as the same difference 
appears on opposite sides of the photometer 
in standardisation and in the test - lamp 
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measurement, it is doubtful whether any in- 
crease in accuracy results from this procedure. 
\Vhen working with 
ources far bluer than the 
highest efficiency sub-standard a " half-way" 
colour filter may be used on the comparison 
lamp side, or the method adopted by the 
Bureau of Standards (
 (102)) must be used. 

 (106) OTHER :\IETHODS OF HETEROCHRO
I. 
ATIC PHOTOMETRY.-Other methods, not de- 
pending on any of the three principles above 
described, have been proposed and may be 
briefly noticed. l\Iacé de Lépinay suggested 
placing in front of eyepiece of the photometer 
first a green and then a red solution. The 
ratio of the intensities found in these two 
cases gave, by means of a table, the intensity 
for the whole spectrum. \Vybauw used a 
" compensation" photometer in which the 
light from the (more powerful) source to be 
measured illuminated one side of the photo- 
meter, while the other side received Hght from 
the standard and, in addition, a fraction of 
the light from the source to be measured. 
Thus the hue difference was reduced, but the 
sensitiveness of the measurement was also 
diminished. 

 (107) THE VISUAL ACUITY .:\IETHoD.-An- 
other method, which has been proposed by 
\Veber and others, depends on the amount of 
light necessary for the visual perception of 
detail. Patterns consisting of concentric black 
circles of different thicknesses, or a series of 
fine dots of progressively diminishing size, are 
illuminated in turn by means of the lights 
to be compared, and it is assumed that 
equal ease of discrimination corresponds with 
equality of illumination for the different lights. 
The theoretical soundness of this form of 
colour photometer has been frequently called 
in question, and it appears more than doubt- 
ful whether visual acuity can be used in this 
way as a judge of equality of brightness 
without reference to the colour of the light 
used. 

 (108) THE CONTRAST PATTERN l\1ETHOD.- 
A colour photometer devised by Von Czudno- 
chowski 1 depends upon the production of two 
sets of shadows form
d by mutually perpen- 
dicular wire grätings, each set being illuminated 
by one of the sources to be compared. The 
field produced consists of two shadow patterns 
which appear grey on a white background, 
with dead. black intersections. If one of the 
sources is moved sensibly out of balance one 
of the patterns becomes coloured. 

 (109) EFFECT OF VARIOUS FACTORS ON 
FLICKER SENSITIVITY.-The various phenom- 
ena underlying the comparison of lights of 
different colours have been the subject of 
investigation by many workers. Notably J. S. 
Do\V 2 has shown that, while a single observer 
1 111/lm. Hn(!., T.onllon, 190R, i. 283. 
2 Phil. Jlag., 1906, xii. 120. 


may obtain very consistent results on a single 
occasion when using an equality of brightness 
photometer tu compare lights of different 
colours, yet the same observer, after a few 
hours' rest, may obtain another series of read- 
ings, equally conEistent among themselves, 
but differing from the first set by 5 or even 
10 per cpnt. Do\V also finds that the readings 
are affected by the size of the image produced 
on the rf'tina by the photometric field. [t 
results from this that the size of the surfaces 
used for the purpose of comparison, as well as 
the distance of the eye from these surfaces, 
are of importance in heterochromatic photo- 
metry. He found in a particular case of 
comparison between red and green lights that 
there was a 25 per cent difference in setting 
according as the telescope of a Lummf'r- 
Brodhun photometer head was in its extreme 
" in" or "out" position. He also investi- 
gated the effect of the Purkinje phenomenon 
in colour photomet.ry, and found that this had 
no appreciable effect on illuminations above 
1 metre-candle, so that it may be neglected in 
ordinary photometry. The experiments, how- 
ever, seemed to show that the effect was less 
with t.he flicker than with thf' equality of 
bright.ness photometer. 3 

 (110) CO:\<IPARISON OF FLICKER AND 
EQUALITY OF BRIGHTNESS 
IETHODs.-Ives 
carefully investigated the r
lative merits of 
the different methods of colour photometry,4 
and came to the conclusion that the flicker 
method was more sensitive than the equality 
of brightness method, and that the results 
obtained by its means were more reproducible 
in the case of lights differing considerably in 
hue. This opinion was confirmed by Critten- 
den and Richtmyer,5 but they found that for 
sources having a relatively high intensity at 
the blue end of the spectrum, the values given 
by the flicker photometer departed appreciably 
from those given by the contrast type, the 
difference being estimated at a" much as 3 per 
cent for such sources as the gas-filled lamp. 
They also came to the conclusion that for 
individual observers, or for small groups, the 
flicker photometer gave a result which was eloser 
to the mean than that found with the contrast 
instrument. Reference 6 should also be made 
to the ,,,"ork of Middlekauff and Skogland. 
A critical discussion of the rf'lative merits 
of the two methods has been given by Hyde,7 
who, in his determination of the visibility 
curve of the human eye, preferred t.he equality 
of contrast method as being the most suitable. 

 (Ill) COLOUR DIFFERENCE IN ILLU1\lI:NA- 
TION 1\IEAsUREl\IENTs.-The above description 
has been practically confined to ordinary 
3 Phil. Jla(/., 1910, xix. 66. 
4 1M,f., HH2, xxiv. 149. 
Ii Amer. Illum. Eng. Soc. Trans., HH6, xi. 353. 
II Burl'au of Stmu!ard8 Rull., HH8, xiii. 287. 
"I Astrophys. J., 1918, xlviii. 6ß. 
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photometry, but in the measurement of 
illumination the problem of colour difference 
is even more important on account of the 
many different types of illuminants met with, 
often in the same building. Further, the 
brightness of the test surface may sometimes 
fall below the limit at which the Purkinje 
effect cannot be neglected, so that colour 
difference between the light to be measured 
and the comparison source may cause con- 
siderable errors at these lower values of 
illumination. Above all, the colour differ- 
ences met with in ordinary photometry never 
approach the difference experienced when 
measuring daylight illumination by means of 
a portable photometer in which the comparison 
lamp is an ordinary tungsten-filament vacuum 
glow -lamp. The use of a colour filter is 
almost universal for daylight illumination 
measurements. This may take the form of a 
yellow filter plaéed between the test surface 
and the photometer, or a blue filter used in 
front of the comparison lamp. The latter 
scheme has the disadvantage that it reduces 
the upper limit of working of the photometer. 
Instead of interposing a yellow filter between 
the test surface and the photometer, a yellow 
test surface is sometimes used. The constant 
of such a surface, or filter, can be found on 
the photometer bench by anum bel' of ob- 
servers, and it may then be used in the 
portable instrument by a single observer. The 
transmission ratio of a yellow filter must, of 
course, be determined for light of daylight 
colour. It should be noticed, in this connec- 
tion, that the colour of dayJight is by no 
means constant. The colour of the 1ight from 
a clear blue north sky is much richer in blue 
rays than the light derived directly from the 
sun or from white clouds illuminated by it. 
The difference, however, is not sufficient to 
invalidate the transmission ratio of a yellow 
fiUer determined for light of the colour of 
sunlight. 

 (112) DETER::\U:YATION OF FILA::\IENT TE:\I- 
PERATURE.- The ease \\ith which the eye can 
di
tinguish colour difference in an ordinary 
equality of brightness photometer has been 
used by C. C. Paterson and B. P. Dudding 1 
for the determination of the true temperature 
of an incandescent body. They found that 
the light from an ordinary tungsten or carbon 
filament vacuum lamp approximated very 
closely in spectral distribution to that of a 
" black body," and that a close and invariable 
relationship e:xi8ted bet\\een its efficiency, ex- 
pressed in candles per watt, and its temperature. 
Thus if one side of a photometer be illuminated 
by such a lamp "hile the other side receives 
light from an incandescent borly "hose radia- 


1 .. The Estimation of High TcmpC'ratnres l1y the 
:Uf'thod of Colour Identity;' Phy.<;. 'soc. Proc., 1915, 
xx\-ii. 230. 


tion has the same spectral di
tribution as a 
" black body," the efficiency of the lamp may 
be altered, by changing the voUage applied to 
it, until the two sides of the photometer appear 
to be of exactly the same colour. An e:xact 
eq uality of brightness must be maintained by 
moving the photometer between the sources 
during the process of obtaining this colour 
match, and the temperature of the incandes- 
cent body may then be assumed to be very 
closely the same as that of the lamp filament. 
The lamp filament may be calibrated by an 
exactly similar method against a standard 
" black body," but the authors above quoted 
(loc. cit.) have found that for all drawn tungsten- 
filament lamps of ordinary vacuum type and 
disposition of filament, the relation between 
temperature and efficiency follows the rela- 
tionship 
L (1+ I T I5 ), 
log 'V = C - m loglo T - 183 loglo 
where L/'" expresses the efficiency of the lamp 
in lumens per watt, T is the absolute tempera- 
ture, and C and m are constants having the 
values 21,51, 4.58 and 23,31, 5.1 respectively 
for carbon and tungsten filaments. They have 
also found that the watts consumed by a lamp 
vary "ith the absolute temperature according 
to the relation 10glo'V =C 1 +4.5810g 1o T and 
10glO 'V = C 2 + 5.110g 1o T for carbon and tung- 
sten filaments respectively. 


VIII. THE PHOTü:METRY OF PROJECTORS 
The photometry of light-projection apparatus 
falls into a class by itself on account of the 
many difficulties involved and the special 
means which have to be employed in order to 
overcome them. At the same time it is of 
the utmost importance to obtain information 
as to the relative performance of different 
types or patterns of apparatus such, for in- 
stance, as searchlight
, motor-car headlights, 
signal lights for marine or land service, and 
similar special 'optical de,ices. 

 (113) DIFFICL"LTIES DUE TO BEAM Cox- 
CEXTRATlox.-The chief difficulties met with 
in these tests arise from the fact that the 
light does not diverge from a source of which 
the dimensions may be neglected in com- 
parison "ith the distance from it at which the 
measurements are made. In all the cases 
mentioned above. the light from the source is 
redistributed by optical devices, and it is 
therefore necessary to ensure that the measure- 
ments are made 
t such a di
tance from the 
apparatus that the inverRe square law may be 
assumed to hold within the accuracy deRircd. 
It i8 not neces
ary, of course, that 
 distances 
should be measured from the source itself, and 
oÍten it is assumeù that the optical centre of 
the device lies at the meeting point of the 
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extreme rays of the projected beam. This 
assumption, however, is generally no more 
than a convenient- approximation to the truth, 
for it cannot always be assumt'd that the light 
i
 emitted in all directions from a single point. 
Often the light emitted in two different 
directions may behave as if it emanat.ed from 
points which are separated by a distance far 
from negligible in comparison with the distance 
at which measurements have to be made. 

 (114) l\IINIMUl\1 DISTANCE FOR PHOTO- 
:\IETRIC :\IEASURK\IENTS.-It may be generally 
assumed that the inverse square law holds for 
distances greater than fifty to four hundred 
timt's the diameter of the optical aperture 
with beams of 20 0 to 2 0 total divergence. As 
a very approximate guide it may be assumt'd 
t.hat the inner limit of distance at which the 
beam has attained its final distribution is 
given by Kdj8, where 8 is the total angle, 
measured in degrees, of the cone of light formed 
by the beam, rl is the diameter of the aperturt', 
and K is a constant lying betwt'en 600 and 
1000. . 
This rule leads to the result that for such 
apparatus as motor-car headlights, whert' tbe 
diamett'r of the mirror is of the order of 
10 inches and the divergence may be as little 
as 50, photometric mt'asurements should always 
be made at le:1st 100 feet away from the 
headlight. On the other hand, for a lens such 
as that used in a ship's navigation light, where 
the divergence may be as much as 20 0 with 
a lens height of 7 inches, a di'3tance of about 
20 feet is sufficient. In both these cases the 
chief difficulty is that of obtaining sufficient 
light to enable measurements to be made at 
these comparatively great distances, and very 
often a compromise has to be effected by 
making measurement.s at two shorter dis- 
tances, and obtaining an approximation to tht' 
desired result by an ext.rapolation. 

 (115) "EFFECTIVE" CANDLE - POWER.- 
The information usually desirt'd is that given 
by a curve of distribution of illumination on 
a screen placed so as to be përpendicular to 
the axis of the beam at a convenient distance 
from the source. This distribution may often 
be convf'niently found by actual measure- 
ment of brightness at differt'nt portions of a 
white screen placed in the path of the light, 
using a form of portable illumination photo- 
meter (see p. 441). It. is often more convenient, 
however, to ket'p the photometric apparoatus 
fixed in position and to move the source eitht'r 
in altitude or azimuth. jleasurements of 
illumination can then be made by means of 
a photometer head fixed in a given position, 
with a comparison lamp movable along a 
bench directed away from the source. Alter- 
natively, the test surface of a portable photo- 
meter (see p. 441) may be fixed in a convt'nient 
position, and measurements of illumination at 


this position may then be made for any dCöired 
orientation of the projector. The results may 
be expressed either directly in terms of illumi- 
nation, or, by calculation, in terms of the 
candle-power which would be required of a 
point source placed in the position of the 
projector in order that it mi
ht produce at 
the scrf'en the illumination actually measured 
there. The latter figure is gt'neral1y termed 
the" effective candJe-power" of the source in 
the direction considered. 

 (116) DISTRIBUTION CURVE FOR BEAl\IS.- 
'Yhièhever method of expressing the results is 
employed, the diRtance from the source at 
which the measurements have been made 
should always be stated. The results may be 
exhibited graphically by means of a curve in 
which the abscissae repreRent either illumina- 
tion at a given distance or effective candle- 
power, while the ordinates are the correspond- 
ing angles of deviation from the axis of the 
apparatus. Such a curve, for a motor head- 
light beam of small divergence, is shown in 
the upper diagram of Fig. 70. The lower 
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diagram is a polar curve for the same beam, 
and illustrates strikingly the failure of a polar 
diagram to give an intelligible representation 
of light distribution from any form of projection 
apparatus. 
For photometry of small projection ap- 
paratus, such as motor headlights, ships' 
light lenses and hand signalling lamps, the 
distances required by the formula given above 
do not generally exceeù 100 feet; and con
e- 
quently measurements can be carried on in 
the laboratory, where all that is required in 
addition to ordinary photometric equipment 
is a tilting table for movement in altitude, and 
a horizontal turn-table for variation of angle 
of azimuth. If the beam is roughly sym- 
metrical about its centre, sufficient information 
is generally given by a curve, such as that 
shown in Fig. 70, representing the lU('an of 
measurements made across the horizontal and 
vertical diameters of the Learn. If the heam 
is not symmetrical in shape, similar curveg 
are obtained along other specified lines of 
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tran
rse. Occasionally the patch of screen 
illuminated bv thE:' beam is divided into 
squares, and the illumination on each of these 
squares is measured and noted on a figure 
rE:'presenting thE:' appearance of the patch. 
9 (117) A.T)IO
PHERIC ABSORPTIOx.-In the 
photometry of searchlight projectors matters 
are very differE:'nt. The divergence of the beam 
may be as little as 2 to 3 0 , while the diameter 
of the mirror ic:; from 2 to 4: feet. Consequently, 
distances of at least 500 to 1000 feet are 
necessary for accurate beam tests, and in 
practice 
 it is customary to employ distances 
of one-half to two miles. At such distances 
as these, attainable only in the open, atmo- 
sphE:'ric absorption cannot be neglected. Even 
a slight ground mist may cause errors of as 
much as fifty per cent, which are by no means 
constant from hour to hour, or even from 
minute to minute. 
The effect of atmospheric absorption ma
T 
be allowed for in one of three ways. First, 
a "standard" searchlight beam of known 
constant characteristics may be used. This 
beam directed towards the distant measuring 
station at intervals throughout a test "ill 
give, by measurement 
of its candle-po"er, the 
correction to be applied 
on any given night to 
the observations made 
on the other search- 
light beams tested dur- 
ing that night. Such a 
beam may be that given 
by a large size tungsten 
arc, or a steady carbon 
arc burning under 
standard conditions. In 
either case the source of 
light must be used in 
conjunction "ith a given 
parabolic reflector as no 
two reflectors can be 
relied upon to give exactly thp same distribu- 
tion of light in the beam 

 (lI8) THE TELEPHOTO)IETER.-A second 
method depends on the use of a telephûto- 
meter, in \\ hich a simple double convex lens 
forms an image of a large screen (situated at 
the observing station) on the centre of a 
Lummer - Brodhun cube. This cube forms 
part of a photometer of ordinary construction 
at the station where the searchlight is placed. 
Simultaneous readings of the brightness of the 
screen as measured by the telephotometer and 
by an ordinary portable photomE:'ter at the 
observinlJ station give at once the atmospheric 
absorption when the calihration of the tele- 
photometer is known. 

 (lI9) THE Two-sTATIO
 )IETHoD.-Thp 
third method is more direct than either of thE:' 
foregoing. In this, two obsen-ing stations are 


, 
, 
, 
, 
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used at known distances d 1 and d 2 from the 
searchlight. The light is direded first to one 
station and then to the other, and measure- 
ments of the illuminations are made. If these 
be 11 and 1 2 , and t the transmission coeffident 
of the atmosphere per unit length (assumed to 
be the same throughout thE:' region over which 
the measurements are made), while C is the 
effective candle-power of the searchlight, then 
11 = d C2tft1 and I - C (lz 
1 2-d'!.2 ' 
I l d l 2 =,(d 1 -d 2 ) 
1 2 d 2 2 . 


so that 


If for convenience d l = '2.d::., then C = I
2 d:!,2f411' 

 (120) THE IXTEGRATIXG HE:\IISPHERE.- 
Atmospheric absorption i:) only one out of 
many difficulties attending the measurement 
of candle-power distribution in the beam of 
a searchlight, 1 and for many purposes sufficient 
information is obtained by a measurement of 
the total luminous radiation in the beam. For 
this purpose some form of integrating photo- 
meter must be employed. Either the arc may 
be placed out of focus, so as to causE' the beam 
to con\
erge on to a white reflecting surface 
placed inside an integrator of the sphere or 
cube type, or the beam may be directed on 
to a hemispherical integrator a!S illustrated 
on the left - hand side of Fig. 71. This 
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integrator consists of a hemispherical matt 
white surface, furnished at its centre "ith an 
aperture and photometer, and having in front 
of the aperture a convex mirror with foliated 
black screens as shown enlarged on the right 
of the figure. These screens are so designed 
as to produce on the photomE:'ter "indow an 
illumination proportional to the total flux 
received by the hemisphere. 
-\ full description 
of the method has been givE:'n by Benford. 2 

 (121) THE Foco:\IETER.-Another difficuJtv 
in the beam testing of searchlights is th
e 
necessity for ensuring that the arc crater is 
kept constantly in the same position "ith 
respect to the mirror. This can be done either 
\\Íth a 
pe('ial focometer fitted to the side of 
1 Patt'r
on. Wal
h. Taylor and Barnf'tt, blSt. 
Elect. EIIV. JOllT1l., HI
O, h Hi. 83. F. A. Benford., Gen. 
E/. Rel"., 1 !n9, x\.ii. 668. 
I Am. lUlon. Eng. Soc. Trans., Ifl:!O, XY. 19. 
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the projector case, or by observation of the 
divergence of the resulting beam. The 
measurement of the surface brightness of the 
positive crater of a carbon arc is of very 
great importance, since, for a given angle 
of divergence, this quantity determines the 
brightness of the illumination produced by 
the beam at a given position. A method by 
which this quantity may be measured has 
been indicated in Part II. on "Photometric 
Standards " (
 11). All searchlight photometry 
is affected by difficulties uf colour difference, 
and the use of coloured glasses is general on 
this account (see 
 (102)). 


IX. THE PHOTOMETRY OF FLUCTUATING 
SOURCES OF HIGH CANDLE-POWER 

 (122) PHOTOMETER FOR INSTANTANEOUS 
READING.-It is sometimes desirable to obtain 
an approximate estimate of the candle-power 
of intermittent or rapidly fluctuating sources 
such as flares, parachute lights, landing lights, 
etc. The photometry of such sources presents 
the special difficulty that photometric balance 
cannot be obtained except for a brief instant 
of time. Consequently any photometer in- 
volving the use of moving parts for adjust- 
ment to equality of two comparison surfaces 
is out of the question. The problem has been 
dealt with by a committee of the Illuminating 
Engineering Society,1 who used a photometer 
of the form shown in Fig. 72. Thi8 consists 
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FIG. 72. 


of a tube 23 in. long and 3 in. in diameter. The 
interior is whitened and illuminated by a 
small electric glow -lamp placed at one end 
as shown in broken line. A slot extending 
for nearly the whole length of the tube is 
covered by a strip of thin metal painted white 
1 A. P. Trotter, IUum. Eng., I
ondon, 1918, xi. 253. 


and having in it perfurations in the form of 
letterS of the alphabet. Since the illumination 
inside the tube decreases gradually from top 
to bottom, the top letters appear brighter 
and the bottom letters darker than the surface 
surrounding them. An intermediate letter 
can be found at which the illumination of 
the interior of the tube is the same as that 
of the outside of the strip. This particular 
letter becomes practically invisible with a 
steady light, but with a flickering light the 
point of balance is continually moving up 
and down. Letters of the alphabet were 
chosen because they were monosyllabic and 
therefore quickly transmitted from the 
observer who had to watch the photometer 
continuously, and the assistant who "rote 
dO"\'\-TI the observations at close and regular 
intervals. 

 (123) CANDLE-POWER OF FLAREs.-The 
flares on which tests were made hy the 
committee- burned for various intervals of 
the order of half a 
minute, and a typical 
curve showing the 
variation of candle- 
 

 
power during this 
 
time is given in Fig. 
 
73. Candle - powers 
 
as high as 130,000 8 
were dealt with. The 
results can be most 
con veniently ex- 
pre
sed, for compara- 
tive purposes, in 
candle-power seconds per gram of composition, 
a particular example of flare being found to 
have the value 4000 for this quantity. 


F
 


Time (Seconds) 


FIG. 73. 


X. 1\f EASUREMENTS OF Low INTRINSIC 
BRIG HTNESS 
A third class of photometric measurement 
demanding special treatment is that in which 
the brightness uf the luminous surface to be 
measured is very low (below 1 metre-candle). 
This problem arises, principally, in connection 
with the study and use of splf-Iuminous com. 
pounds, either those depending on photo- 
luminescence or those in which the exciting 
agent is some radioactive material, generally 
radium and its disintegration products. 

 (124) THE COLOUR PROBLEM AND PrRKINJE 
EFFECT.-It is impossible by any optical means 
to increase the brightness of a surface, so that 
as these luminous compounds, either in bulk 
or as applied to surfaces in the form of figures 
or other markings, have luminosities varying 
from 0.5 to 0-001 metre-candles or even less, 
the problem of accurate brightness measure- 
ment becomes a very difficult one. The 
difficulty is increased by the fact that the 
light given by these compounds is oft('n 
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restricted to one part of the spectrum. Thus, 
for example, the light gin'n by a compound 
in "hich a specially treated zinc sulphide is 
rendered luminf'scent by the action of radium 
is a yery decided green (see article on " Radio- 
a.ctivity," 
 (16)), and as the brightness is 
below the limit of the Purkinje effect, it is 
necessary to ensure that the surfaces whose 
brightnesses are being compared are as nearly 
as possible of the same colour. It is also 
especially desirable, in the case of low bright- 
ness photometry, to ensure that the dhiding 
line between the surfaces being compared shall 
be as fine and imperceptible as possible. 
In the case of a luminous compound, the 
problem of photometric measurement requires 
different treatment according as the bright- 
ness of the compound in bulk or t
at of 
the markings of the finished design are in 
question. 

 (12.'5) PHOTO":\[ETRY OF LG.:\IIXOUS CO)I- 
POUXD IX BULK.-In the first case the measure- 
ment may be readily made by means of the 
apparatus shown in Fig. 74. S is a sheet of 


FIG. 7-1. 


matt white celluloid. having at its centre an 
oblong aperture, so proportioned that when 
looked at through the t
lescope T it has the 
appearaI\ce of a small square. This aperture 
is cut. with a sharp bevel to ensure as little 
separation as possible at the edges. The 
luminescent compound is contained in a glass 
tube G, and wedge-shaped guides are arranged 
inside the box to assist in placing it centrally 
behind the aperture in S, no matter what the 
diameter of the tube. The celluloid sheet S 
is illuminated by a standardised lamp, the 
light from which, after passing through a green 
glass or gelatine filter, enters the box at O. 
The illumination at S is calculated from the 
candle-pO\ver and distance of the lamp, the 
transmission ratio of the green filter being 
df'termined by measurement of the brightness 
of a gi'\"'en sample of compound by a number 
of observeæ with and without the filter in 
use. 
The only filter remaining is that relating the 
brightness of S, as seen in the direction of the 
telescope, "ith its illumination from the 
direction of O. This may be determined by 
JTleaRurul[!, with a Rurface- brightness photo- 
meter (see 
 (ü-l)), thp brightness of 
 as spcn 


in the direction of T, and the bri[!htness of a 
similar piece of "hitf> celluloid placed in the 
position of S but normal to the incident light. 
The factor obtained in thIS "av embodies 
both the reflection ratio of the 'eard under 
the particular conditions of use, as well as 
the reduction of illumination according to the 
cosine law. This form of apparatus is that 
used at the 
ational Physical Laboratory,l 
but somewhat similar forms of apparatus, 
designed for the same purpose, have been 
described by Blok 2 and f'linton. 3 A method 
in which a circular disc of the material 
under test placed siùe by side "ith a disc 
of variable brightness has been described by 
Andrews,4 while Dorsey 5 places the tube of 
C'ompound in front of a surface of variable 
brightness. 

 (126) ADAPTATIOX OF THE EYE.-In all 
measurements of low intrinsic brightness the 
observer's eye must be ,. dark-adapted" by 
a lengthened stay (of at least a quarter of an 
hour, or more if the general illumination to 
which the eye has been previously exposed 
be very great) in the photometer - room. 
Further, as many radioactive luminescent 
substances are also photo-luminescent, the 
compound to be measured should be kept 
away from daylight or strong artificial light 
for at least half an hour before measurements 
are made. Luminous compound is generally 
measured while enclosed in a glass containing 
vessel. If new, the absorption of the inten-en- 
ing glass wall may be assumed as 9 to 10 per 
cent, but the action of the rays from the 
radioactive material is such as to cau
e a 
darkening of the glass" ith lapse of time so 
that the absorption may increase by as much 
as 1 per cent per month even when the 
glass is thin. 

 (127) PHOTO'IETRY OF LDIIXOUS-PAIXTED 
DIALS.- The measurement of the brightness 
of the markings on a dial painted with lumin- 
ous compound i:õ; again a special problem 
in photometry. Xo constant relation exists 
between the brightness of the original com. 
pound and the luminosity of the markings, 
and two dials painted with the same compound 
may ha'\"'e very different luminositie
. 
The apparatus used at the Xational Physical 
Laboratory 6 for the purpose of luminosity 
measurements of dial markings is shown in 
Fig. 7:5. L is an electric lamp, the light from 
which, variable at R, passes through a green 
filter F and illuminates two screens S, S, 
each consisting of two thicknesses of thin 
white paper "ith a space l)etween them. This 


1 Ptlt(,f
on. Walsh, and Higgins, Phys. Soc. Proc., 
1917. xxix. 210. 
I IlIum. Fn(l.. London, 1M7, x. ';'6. 
I lhid., 1018. xi. 260. 
I (:m. Elprt. Rrl'.. 1016. 
ix. 
f)2. 
, Wash. A ('ad. Sri. JOllrn., HHi, vii. 1. 
· Pate-fRon, Walsh, and Higgins, 10('. ('it. 
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arrangement ensures perfect diffusion of the 
light and an eyen brightness over the whole 
surface of the second sheet. J n front of the 


R 
II_It - ----- -fl1.1t--JVVVVv\ 


FIG. 75. 


screens are placed two stencils T, T, each 
consisting of a sheet of thin brass with figures 
or markings cut out on an engraving machine 
so as to be identical with the luminous markings 
of the dials under examination. T,yo compari- 
son dials are used, one on each side of the 
test dial, so as to overcome errors due to 
inequalities in sensitivity to green light on 
different parts of the retina. The instrument 
is calibrated hy measuring, for different values 
of the current passing through the lamp, the I 
brightne:s::! of the surfaces immediately behind 
T, T, using for this purpose a surface-brightness 
photometer. The surface brightness of the 
luminous mad..ing
 of dials such as thoc;;;e used 
for aircraft instruments is between 0.2 and 
0.05 metre-candles when the compound has 
been freshly mixed. The luminosity falls off 
with lapse of time, however, and dials ,,,,hich 
have been painted for six months or a year 
may have deteriorated in brightness so much 
as to be practicalIy useless 1 for their intended 

ry
 



 


PHOTOMETRY applied to the estimation of 
refraction and eyesight, generally by the 
use of perception scales. See" Ophthalmic 
Optical Apparatus," 
 (6). 
PHOTOPHONE, RANKINE'S, for transmission of 
speech by light. See" Sound," 
 (61). 
PHYSICAL PHOTOMETERS: im;;truments in 
which physical phenomena are used to 
measure light, instead of employing visual 
effect. See "Photometry and Illumina- 
tion," 
 (32) et sqq. 


PIANOFORTE, THE 


THE piano belongs to the percussion class of 
mURical instruments in which the sound is 
produced by giving a sudden impulse to the 
vibrating system and then leaving it to itself 
-as contrasted with wind instruments, for 
I See" Luminous Compounds," 
 (6) iv. 


instance, in which the vihration is maintained 
as long as desired by the continuous supply 
of energy. The sustaining power of percussion 
instruments is determined by the amount of 
energy that can be supplied initi<dly and the 
way in which this energy is dissipated. 
The piano is a development from the harp 
in which the strings were plue-ked by hand, 
the next stage being the spinet and harpsi- 
chord, in which the wires were plucked by 
quills. But this method of setting the wires 
in motion gave none of the light and shade 
80 necessary for the artistic rendering of a 
musical composition. Hence the complica- 
tions of the later harpáe-hord, in some of which 
by means of stops, as on an organ, the number 
of wires that were plucked when a key was 
depre8sed could be varied; also to some there 
was added a venetian shutter, which could be 
opened or closed by a pedal in th(' same way 
as the swell box of the organ. All this was 
done away with and control of the sound was 
restored to the performer by the su bstitution 
of a hammer for the quill, which was first 
effected by Christofori, an Italia.n, about 
1709. From this original and very primitive 
instrument the pianoforte has developed hy 
very many steps, generally smnll, the most 
important of which have been the invf''lltions 
of the actions now used in the upright 
and grand pianos and the introduction of 
the iron frame. 'Ye shall return to these 
later. 

 (1) THE 'VIREs.-The original vibrators 
in the piano are the wires. or strings as they are 
called. There are three to each note from the 
treble down to about the 32nd note from the 
bass end (say to E in the bass clef). In long 
grands they cont.inue another octave. Hence 
the term tn.chord. Each of thes
 is a simple 
wire of high tensile steel, left hard from the last 
one or two drawings so as to give it as high 
an elasticity as possible>. The breaking strain 
of a good pia-'loforte wire exceeds 140 tons 
per sq. in. The nineteen notes from D
 down 
to about A in the bass have two covered wires 
to each note of steel about 1 mm. diameter 
wrapped with soft copper wire of .6 mm. 
diameter. The last twelve notes have only 
one wire to each note; these are also of steel 
ranging from about 1.1 mm. to about 1.5 mm. 
diameter, but wrapped with copper of in- 
creasing size from 1.016 mm. diameter to 2 
mm. diameter. The lowest notes of all pianos, 
except of some of the long grands, have two 
layers of the copper wire, and thf' total diameter 
of the wire may be as great as 7 mm. 
'Yhen a wire is stretched between two fixed 
supports and set in vihration it will, as is 
shown in the text-books on sound, execute p 
vibrations a second, whf'rf" p= f.../ T/m /2l; 1 
being the length of the vibrating segment in 
cm., T the stretching force in dynes, and 
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m the mass in grams of the "ire per em. 
lenrrth. The wire mav, hm\ ever, yihra.te r_ot 
onl
 as a "hole-in \
 hich ca::;e l "ill be the 
wh
le kn!!th L of the "ire between the t\\ 0 
supports
hut can also vibrate in 2, 3, 4, or 
more segment:,:, and then l "ill become 
L,2, L/3, L 4. Thus (ne!Slecting rigidity) the 
same \\ ire may he caused to give anyone of 
a series of notes of "hich the frequencies 
are p, 2p, 3p, -!p, P b('ing the frequeney of 
the "ire "hen it vibrates as a whole. In 
aU ordinary ca::;es when a \\ ire is plucked or 
struck "ith a hammer it does actually move 
in such a way as to be equivalent to the 
superposed effect of aU these freq uencies. 
Its equation at any time t is thus given by 
y= 
 An sin (27rllt/
) sin (7rllXfL). 
 being the 
I 
periodic time of the fundament:11; the quality 
of the sound it will produce depends upon the 
rela.tive amplitudes of the component terms in 
this series. 
The ma:\.imum energy that can be given to 
a "ire is dependent on the mass of the \\ ire 
set into vibration; it can therefore be increased 
by using larger and longer wires. The three 
wires of each note are tuned to unison and 
::;truck :)imultaneously by the hammer; this 
is ob\-iously a. device for multiplying the 
energy which can be given to the "ires and 
by them dispersed via the sound board as a 
musical :sound. The introductiun of the iron 
frame, by making it possible to increase the 
tension on the "ires, and therefore to use 
longer and heavier ones, is one of the chief 
factors which distinguic:;hes the modern piano 
from that of say fifty years ago. But the 
increasp in strength of the frame would ha\-e 
been useless unless the tensile strength of the 
wire had b('en incrpased to correspond, and if 
this strength can be still further increased 
it may be po:ssible to get a still greater 
sustaining PO\\ ('r. 
The series abO\Te gi,('n only represents the 
motion of the wire to a first approximation, 
for the rigidity of the ",ir('s influences the 
pitch of the high('r notes and of the upper 
partials of all the note:-;. causing the frequency 
to be higher than that given by the formula; 
for t1:.e restoring force due to the tension of 
the wire is augmented by that due to its 
tiff- 
ness, and although the latter has little effect 
on the long vibra.ting segments of the lower 


partials, it obviouf'ly "ill play an increasingly 
important rôle as these segments become 
shorter. Thus the higher partials of any 
string in vibration "ill be 8harpened. Th
 
effect on the piteh is the same as if the 
wire were perfectly fle:\.ible and the stretch- 
ing force inc'reased hy 7T 3 r-1Y'412 (h-nes, "here 
r is the radiu
 of the \\ ire,' l th
 length of 
the vibrating Sf'gment, and Y is Young's 
modulus of elasticity. This sharpening is 
not in general noticeable, for the amplitudes 
of the partials after the third or fourth is 
\-Ten? small. and they can only be heard "ith 
difficulty. But sho
ld the c
o::;s-section of a. 
wire be an ellipse instead of a circle, the rise 
in pitch due to th(' rigidity will be greater 
for vibrations e),.ecuted in the plane containing 
the major a)..is of the ellipse than for those 
executed in the plane at right angles to this. 
Thus, as usually the \' ire will not be ,ibratin!! 
wholly in one of these planes, each partial 
\\ ill Jield Ì\\ 0 frequencies differing slightly 
from onp another, "hich "ill therefore beat 
with one another. This beating is easily 
heard, although the partials "hich gi\e rise 
to it would othendse ha\-e been too weak 
to be perceived, and, as it makes the wire 
sound out of tune, such a wire is de- 
scribed as t. false." The only remedy is 
the replacement of tIle "ire by another. It 
can thus be seen that the perfect circularity 
and uniformity of a piano wire is of great 
importance. 
It is evident from the formula that as thp 
frequency depends on the three factors-length, 
tension, and mass--any two of the three may be 
taken as independent variables and Le chosen 
arbitrarily, and then the third can be deter- 
mined t
 obtain the pitch required. In 
practice the tension is made uniform for all 
the strings of a piano; for pianos in which 
the tension is the same throughout have been 
found to I\:e('p in tune best, no doubt because 
with a uniformly distributed load. temperature 
variations affect the instrument as a whole 
and do not throw the notes out of tune \\ ith 
one another. The tension adopted by ,arious 
ma.kers range from l(>0 to 190 Ib8. on each 
string. This is well below the limit of 
elasticity of all but the smallest gauge wires, 
as can be seen from the follO\\ ing table" hich 
has been extracted from figures gÏ\ en in 
'Yolfenden"s Ad of Piano Construction. 


! 1\otc and :xumber.1 Lpncth Diam('tt'f of Wire Rr('aking 
train Actual Ten"ion 
in )1 m. in '1m. in i.bs. in Lbs. 
C 88 I :>.40 .800 27,> 1ï3 
(' ïG lO.=!O .8.30 :100 1 ï:1 
(' G.f If).
.) .900 3:1
 1 ï:1 
(' ..
 I :J(j.4() .!).")O 3öG lï3 
( . 411 liH.so 1.000 :1S4 lï3 
(' 28 I 131 1.1),)0 410 lï:J 
\ OL. TV 2n 
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The tension of the intermedia.te notes varies 
from 173 lbs., for the same ga.uge wire is 
always used for several succe88ive notes, 
and as the lengths are increased in a regular 
manner, the sudden variation in the sizes 
of the wire has to be compensated by corre- 
sponding changes in the tension. 
It might at first sip-ht seem possible to 
keep to one size wire throughout and to use 
the length only as the factor to obtain the 
change in pitch. The wire for any note would 
then be double the length of the wire belonging 
to the octave åbove. This is nearly done for 
the upper octaves, but it must not be forgotten 
that rigidity plays an important part, and if 
this rela,tion were adhered to, it would make 
the top notes too short and too stiff, and those 
of the lower octaves would be too limp as well 
as unmanageably long. The length of the wire 
is therefore gradua.ted to the extent of reducing 
the ratio to 17 : 9 for all but the lower octaves. 
In order to allow of the use of wires of lengths 
following this ratio as far down towards the 
base as possible, the practice has arisen of 
" overstringing," that is to say, the bass wires 
are carried more or less diagonally across the 
tenor wires, the latter wires sloping some 20 0 
to the vertical downwards to the left, while 
the former slope an equal or greater amount 
to the right. The change from the last wire 
sloping one way to the first sloping the other 
is caBed a "break," and as these wires pass 
over different and widely separated bridges 
on the sound board, there is liable to be a 
serious difference between the sound yielded 
by these two note
, and it requires judgment 
and skill to minimise this. Other changes 
are for this reason usually avoided at this 
point; for instance, the change from the 
sim pIe steel wire to the covered wire is often 
made four or five notes above this point. 
Even with the extra length that over- 
stringing gives, the lower octaves cannot 
con tin ue to increase in length III the same 
ratio', in fact the wires of the last octave are 
practically a.ll one length, the change in 
pitch being produced by the additional 
thickness of the copper wire which is wrapped 
round the central steel core. Sometimes in 
cheap pianos the makers lower the t('nsion 
in this octave to reduce the w('ight of the 
costly heavy copper ,,,ire. In any cas(', except 
in the long concert grand, the resultant quality 
of the octave is usually poor; but these notes 
arc of comparatively small importance as they 
are much less frequently used prominently, 
and are generally accompanied by the octave 
above, which helps to mask thpir poor quality. 
Strips of felt are threaded in and out 
betwccn the wires a.bove the top hridge, and 
hetwN>n thp bottom hridge and the hitch. 
pin, to prpvent these portions of the wire 
from vibra.ting; one or two makers have 


endea. youred to make the lower end of the 
,\ ire equal in length to the part between the 
bridges, in the hope that this would form ar... 
additional resonator. It is difficult to see 
how such a wire can add to the initial energy, 
but it might help to avoid a useless dissipation 
of energy in the felt just referrred to. 

 (2) THE SOU:KDBOARD. - Although the 
wires are the original vibrators in the piano, 
their vibrations are themselves to all intentE- 
and purposes inaudible; for as the wire swings 
to and fro, the air in front of the moving wire 
slips round to fill the space left behind it by 
its motion, and no compressions and rarefac- 
tions of appreciable amplitude are produced in 
the air. To a slight extent the pressure of the 
wire on the fixed upper bridge transmits the 
vibration to the iron frame, thenl'e it passes 
to the case of the instrument and the floor of 
the room, and these in turn transmit it to the 
air. But in the main the t.ra.nsmission of the 
vibrat.ions of the wire to the air is by the 
medium of the soundboard, this thus plays 
almost as important a part in the speaking 
quality of a piano as does the body of the 
violin in the tone yielded by that instrument. 
The sOllndboard of the piano (as of the violin) 
is made of a wood in which the ratio of the 
elasticity to the densit.y is as high as possible. 
Pine fulfils this best, and ., belly-wood," as it is 
called, is usually Norway spruce, P1cea excelso, 
or sometimes ...1bie.s pectinata. The best trees 
are th08e growing in high altitudes on a moun- 
tain side where the growth is slow and regular. 
Before the war the best came from the 
Roumanian forests; some is now being 
obtained from British Columbia. The wood 
is cut on thf' quarter ('i.e. radially) into strips 
7 to 10 cm. "ide and about 1 cm. thick, and 
these are carefully jointed up to form a more 
or less rectangular board with the grain 
running approximately parallel to the long 
bridge, that is from the top right-hand corner 
to the bottom left-hand corner at an angle 
of about 10 0 to the h0rizontal. This board 
is stiffened at the back by about ten parallel 
wooden bars, 2 to 3 em. square, usually 
tapered off at the ends, which are glued across 
the soundboard at right angles to the grain of 
the latter. In gluing them on th<.' makers 
attach great importance to "bucking" the 
sound board-that is to say, making the front 
surface conv
x. The c('ntre should he about 
1 cm. above the edge. This curvr,ture is 
produced in one or more of three ways: 
(1) By planing the bars to a curve 
o that 
when they are glued ,111 thpy shall tend to 
rlraw the hoard round to their own curvature. 
(2) By the use of a eon eave table on which 
the board is laid while the hal's are being 
glued on, and into which it is forc('d hy th(' 
pressure of a larg(' number of go-hars which arC' 
sprung in between the bars and t.he roof, as 
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shown in Fig. 1, where BB is the hollow-top 
table on which thp soundboard CC is placed; 
A -\. is a nrm wooden roof; DD are the bars 
to be glued on the back of the soundboard; 
GG, d'G' are the go-bars which arc sprung 
in between DD 
and the reof; E 
is a block of 
wood to prevent 
the go-bar from 
denting the bar. 
(3) By heating 
both the bars and 
the sound board 
for some time 
bpfore gluing. 
This causps the 
bars to expand 
length\\ise, and (hy d
ing it) causes a 
contraction of the soundboard af'ross the 
grain. So when the "hole is cold and it 
has reabsorbed a little moisture it tends to 


A 


A 


A 


FIG. 1. 


cnrve. 
This curvature helps the soundhoard to 
sustain the pressure which is caused by the 
dO'lL'n-bearing, or the resolved part normal to 
the surface of the soundboard of the tem'iions 
in the "ire; for in order to keep the "ire 
well down on thp bridge during its vibration 
the top of the bridgp is left at such a height 
that it raises the wire a little (
 to 5 mm,) 
above its natural position. The pressure of 
the "ires forces the bridge do" n, but it i
 
considered fatal if it should be forced down 
so much that the sound board becomes con- 
cave. The do"Wn-bearing is usually measured 
by the angle the two segments of the wire 
make with one another. This may be as 
great as l!o. 
The edges of the soundboard are fixed very 
firmly b)'; hard wood fillets to the woode
 
framework or b,;tc!..' of the piano, which back 
also carries the iron frame and is the foundation 
of the case of the instrument. Any want of 
rigidity round the edges of the soundboard 
will not only lead to a dissipation of energy 
in friction which should have been g1Ten out 
as sound, but may also cause noises which are 
difficult to locate and eliminate. 
By placing the piano \\ itlt its soundboard 
horizontal, 
cattering sand upon it, and then 
striking a string with a hammer, nodal lines 
are often obtained. Thi:; shm, s that to some ex- 
tent stationary waves are formed, and that the 
sound board does not vibrate as a whole, but 
that ::,omp parts of it are in a different phase 
to the rest. This partly explains a fact which 
at fir'":)t sight seems curious, namely, that i1 
has been found advantageous to Jimit the 

ize of the soundboard. (Tsually th(' lower 
right-hand con1er, and sometimes also the 
top left-hand corner, are either cut R\"\ ay ur 
are prcycnt('d {mm vihrating hy a heavy 


wooden bar glued on behind called a d1l1nb- 
bar. 
t1 ust as the \Tarnish on a fiddle is supposed 
to be of great. importance, so some ha"\e held 
that the varnishing of the soundboard is also 
of great importance. But it seems doubtful 
if the varnish plays any other part than that 
of preserving it from damp. 
::\lost makers seem to have had at some time 
the idea that by imitating the violin and using 
a douhle soundhoard, "ith or without aper- 
tureE, it would be po
sible to improÝe the 
piano; but all such attempts have been 
failures. 
In order to give the greatest rossible length 
to the bass strings, and at the pame time to 
avoid the want of response which would be 
caused by placing the bridge close to the edge 
of the soundboard, the short bridge on which 
the overstrung wires are carried is usually a 
.floafing bridge. The meaning of this is ShOWTl 
in the diagram, where B is the fillet at the 
edge of the sound board A, 'Y the overEtnmg 
"ire which passes over the bridge C and 
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terminates at the hitchpin H. The hridge 
C, instead of being glued directly on the 
soundboard A, is carried on a thin board D, 
which is glued to a block E attached to the 
soundboard at some distance from its edges. 
This dedce enables thE" \'ibration
 to be 
communicated to a flexible part of the sound- 
hoard and grpatly improves the quality of the 
tone produced. 

 (3) THE H.UDIER.-The oldest hammers 
were of wood covered" ith leather. The old 
hand-covered hammers were of wood covered 
with a number of layers, of which the inner 
ones were hard felt and the outer ones softer 
felt. The modern' "machine - covered" 
hammer has only one layer of felt over the 
wood. The wholE" set for a piano is C'o'\"ered 
in one operation. The felt when first made 
is 10 to 1.3 Clll. thick, but it is shrunk by 
the makers until it is about 2 em. thick 
at the bass end, 3 to 4: mm. thick at the 
other. It is then cut to a roof shape as 
hm\n at 
HB, Fig. 3. It is glupd and bent up round the 
row of hammer,;; AA. bein
 pr('s:.:('d upon them 
hy hot metal moulds in a machin('. Any 
degree of hardness relillired can be ubtainpd 
by 
uitahly regulating the pressure on the 
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moulds. 'Yhen the glue is dry, the hammers 
are cut apart with a sharp knife. In this 
way a very regular gradation of weight, 
thickness, and 
elasticity from 
bass to treble 
can be obtained. 
1\lore 0 v('r, the 
denHity of the 
felt in any 
hammer is 
greatf'Rt in the 
centre of the felt 
next the wood, 
and gets less as 
the outer surface is approached. This is a 
very important matter, for it determines the 
relative intensities of the fundamental and 
the upper partials, or in other words, it 
determines the quality of the sound produced. 
To underatand the action of the hammer, 
stretch a wire thirty or more feet long \\ith a 
small force - say a pound ,veight - gently 
pluck it near one end, and put a finger lightly 
upon it. The plucking will prorluce a pulsp 
which will travel to and fro along the "ire 
and can easily be felt C'ach time it arrives at 
the finger. If it be struck "ith a rod a sort 
of momentary dent "ill be formed which will 
travel away alung the "ire in both directions 
from the point struck. 'Vhen it reaches the 
end the dent will he inverted and return as a 
hump. In so doing it is evident that it 
will give the support an impulse, just as a 
man who is exereising with a pair of heavy 
dumb-bells can shake the floor by bringing 
them down ur up suddenly. It is this rever
ml 
of the pulse in the wire each time it arrives 
at the bridge that is mainly responsible for 
the communication of the vibration of the 
wire to the suundboard. Tu return to our 
experiment, it is evidpnt that while a smart 
blow with a metal rod will cause a sharp 
dent, a blow with a soft felt hammer (such 
as a bass drumstick) will cause a smooth 
dent of much less curvature. If the hamn1Pr 
were of such weight and consistency that the 
blow laHted for half the natural period of the 
stretched wire, while its strength gradually 
increased to a maximum and then died 
gradually a,vay as thë hammer rebounded, 
the pulse produced would have a length equal 
to the length of the wire; thus an analysis 
into the Fourrier series to which it is equi- 
valent and which expresses the motion, 
would result in a series in "hich the amplitude 
of the fundamental was predominant; a 
similar analysis of the pulsp produced by a 
metal rod would requim a larger numher of 
terms to H'present it with any clospness. 
Thus if the dound produced when thC' piano 
wirc is struck hy the hammC'r is to he largely 
compm;f'rl of the fundamental and the first 
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one or two partials, the hammer must have 
suit.able weight and plaRticity. It should 
strike a blow which commencps gently, rises 
to a maximum in a time \, hich will vary 
with the pitch of the note, and then diC's 
away as regularl)T. A moment's thought 
will snow that if the outer laver be soft and 
curved so tl1at it touches first' at a point, the 
blow will commence gently, then as tl1P blow 
proceeds, if the dC'eper layers are harder, the 
pressure will increase rapidly attaining a 
maximum at the moment of greatest compres- 

ion of the felt when the hammer and wire are 
relatively at rest: aft.er this as the hamn1C'r 
re hounds the pressure will die a way. .\::} 
the coefficient of restitution of fdt i::; not very 
nigh, the force will be less during the rebound 
and the pressure-timc curve will not be quite 
symmetrical. 
The point of impact of the hammer on the 
string is of great importancC'. From about 
the 40th note from the bass end downwards 
to the bass end the string is struck at about 
one-eighth of the length of the speaking 
part of the string (that is the distance betwecn 
the two bridgE's) from the upper bridge. 
From this Ilf\te upwards towards the treble, 
the fraction of the length from the top bridge 
gradually changes until at the top it becomes 
one-föurteenth or even one-sixteenth of the 
speaking lpngth. Helmholtz showed that when 
a string was struck at any given point evpry 
partial which had a nodf' at that point should 
be absent, and he thought that by striking 
the string at one-seventh or one-ninth of the 
distance from the end these partials which 
are inharmonic wuuld be eliminated; but it 
is obvious that this cannot be the controlling 
factor, since at one-eighth the partials 
eliminated would he in tune, and this is the 
fradion chosen for all those notes for whiC'h 
such partials would be most. 0 bvious. :Now it 
is a fact that thp amplitudes of thp partials 
above the third and fourth in a gooù piano 
are relatively small, and though their existence 
can he proved by means of rpsonators, they 
are almost inaudible without such aid and are 
probably negligible. Thus it is much more 
prohable that the point found most suital,le 
is reaJly determined by the motion of the 
hammer. The makers say that the tre
)le 
notes become more b!'.:lliant when the wires 
are struck nearer the cl1d. Towards the top 
notes of thp piano the thurl produce(l by the 
blow of the hammer is audible if the point 
of contact is not nearer the end of the string 
than one-eighth of its length, and this may, 
thereforp, he anothpr reason for the point of 
cuntact chosen for those notes. 

 (4) THE ACTIo:N.-The aetion now un i- 
vC'rHally adoptC'(1 for all upright pianos is 
developcd from the action patented by an 
Englishman named 'V omum in ] 826. 
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\rornum's action is virtually an adaptation 
of an earlier one of Backer's for a horizontc.tl 
piano. It was .very nearly the !:lame as the 
action illustrated, except that he continued 
the nse of an iuclined plane to throw the jack 
out of the notch of the hammer-butt. The 
bell-crank lever was first embodied by Erard 
in his grand action, and \\ as not used in the 
uprif!ht act.ion till much later. "
ornum 
found it impossible to induce the English 
makers to adopt his action, and it was the 
French who took it up, so that it beca.me known 
as the French action. ::\Iúst English makers 
continued to use the old "sticker" action 
until nearly the end of the nineteenth century 
-long after \Yornum's action had been 
adopted universally abroad. A good action 
(l) must give the perfoflller full control of 
the blow, so that lw can vary the intensity of 
the sound produced "ith ease and certainty; 
(2) must ,\-ïthdraw the hammer from the 
strin\T immediàtelv-e\
en if the performer 
'hold::> the note do
vn-or the motion of the 
string will be damped by the hammer; (3) 
must not allow the hammer to buunce back 
and hit the string twice, UIlle:;s a second 
movement is imparted to the key; (4) must 
enable the performer to obtain rapid repetition 
of the blow when desired, and (5) this repetition 
should be ohtainable without waiting for the 
ley to rise to its initial position. All this the 
\Vomum action proyides. \Yhen the front of 
the key K is pressed down the pilot P, which is 
scre\\ed into the back end of the key, presses 
against the rocker A, 
which is pivot.ed at T. 
To the rocker is pivoted 
the jack J. The top 
of the long end of the 
jack rest::: in a notch in 
the butt B or hinge of 
the hammer, and thus 
M pushes this up. causing 
the hammer to move 
towards the string FF'. 
Just before the hammer 
strikes the string, how- 
eyer, the rocker A 
brings the top of the 


K 
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jack up against the set-off Q, and this causes 
the jack to rotate clockwise, and so lift.;:. its top 
furward out uf the notch of the butt ß, lea\-ing 
the latter frep. This should happen \, hen the 
hammer i
 2 to 3 mm. from tIw wire, so that 
it is only the inertia uf the hammer which 


causes it to strike the "ire. It will then 
rebuund and would fa.ll back un the rail R 
were it. not for the check C, which comes 
against E, which has been raised by the motion 
of A to which it is atta.chcd. In this way the 
hammer is held up a short distance from the 
string as long as E is held against the check C, 
i.e. as long as the peIformer keeps the key d<m.n. 
This has two important results: (a) it catches 
the hammer and prevents it bouncing back 
to strike the string a second tinlP; (b) it 
hold:-; the butt up so that as the key is raised 
the jack can fall back into the notch almost 
as soon as it is free of the set-off, and this 
ena bles the performer to cause the hammer 
to strike again" ithout having first to let the 
key rise up to the top, as he would otherwise 
have to do. The damper D is carried on a" ire 
inserted in a wooden lever hinged at )1, and the 
lower enù of this lever is pres
ed to the left 
by the spoon S when the rocker A is rotated. 
The hinges or centres, as they are called, 
of this action are made by brass wires passing 
through a hole bushed \\ ith thin cloth. This 
yields a smooth working hinge free from 
back-lash and noise. The bearing surfaces of 
the several parts of the action are covered 
\,"ith 80ft fabrics to avoid noise. The top of 
the notch in R into which the jaC'k falls is 
lined with doe-skin, as it has to transmit the 
blow, but the back of the notch is lined "ith 
soft felt, as it merely has to receive the end of 
the jack and stop it as noiselessly as possible. 
An interesting point arises in regard to the 
best position for the interfaC'e between the 
pilot P and the foot of the rocker A. In 
order to reduce wear at this surface it is 
o
vious that there should be no sliding motion 
between P and A, awl that it should be a 
pure rolling one if possible. :Xow P is rotating 
about the fulcrum of the kev K, while the 
rocker rotates about the cent;e T, so that to 
produce a rolling motion the point of contact 
I between P and A should lie throughout the 
motion on the line joining T and L. This 
determines the depth of the foot of the rocker. 
(It should also determine its curvature, but 
thi
 is usually ignored.) The same considera- 
tion applies to the point of contact between 
)1 and 8 wh.ich should lie on the line joining 
the centres 1\1 and T; also to the contact 
between J and Q which should lie on the line 
jainiog T and the centre or hinge of the jack. 
An important feature of this action is the 
tie \', which has two objects: firstly, as the 
hammer is onlv about 3 0 from the vertical 
\\ hpn it strikes the \\ ire its weight cannot help 
it to come away after the hlow, and if the 
blow were a gentle one it might be too slow 
in returning after the blow; and secondly, the 
jack might fret below the butt instead of 
merely falling into the notch. Hence \Yornum 
provided the string to connect thE' hammer 
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block with the rocker, and so to pre\Tent any 
such undue separation. 

 (.3) THE GRAXD ACTIox.-Thi
 beautiful 
action was invented by Sebastian EraI'd in I8
ï 
and is now used almost uni\yersally. The 
underlying principles are the same as t.hose of 
the upright action, already described, but the 
mechanism ùy which the reRults are achie\Ted 
was quite original. Fig. 5 shows a modern 
form of this action "hich is almost identical 
with the action as EraI'd left it. The wippen 2 


FIG. 5. 
which is pivoted at its rear end to the flange 21 
carries the jack 3, which presses against the 
roller 6 attached to the hammer shank 5, and so 
causes the hammer head 7 to strike the string 20 
when the key I raises the wippen 2. Just before 
this happens, the toe of the jack 3 comes into 
contact with the button 8, and this rotates 
the jack clockwise and removes it from below 
thf' roller 6; so that the hammer is quite 
free when it strikes the wire. After the blow 
it falls back upon the check II. The repetition 
lever 4, which is pivoted near its middle to an 
upright fixed on the wippen 2 (and therefore 
moves with it), assists the check in holding up 
the hammer for a repetition of the blow. 
This it does ùecause its front extremjty eomps 
into contact with the rail 1-1 before the jack 
reaches the button 8, and being held up by 
spring 19 it remains in contact until after the 
jack has left the button. The damper If) rests 
on the top of the string, and is lifted by the 
lever 16, which is pivoted to the flange 21 
and lifted by the far end of the key I. 
R. s. C. 
PIANOFORTE: a stringed musical instrument 
in which the sounds are excited by felt- 
faced hammers striking the strings and then 
leaving them to vibrate. See "Sound," 

 (29); also previous Article. 


PIANO-PLAYER, THE 

 (1) DEVELOPl\IENT.-The piano-player has 
developed from the old barrel-organ, in which 
the music to he played was produced by 
opening t}H> pallets by stiff wires set in a 
woodpn or metal barrel. A patpnt was taken 
out in 1694 for a machinf' for playing on any 


keyed instrunlf'ut. including the virginal and 
harp
i('hord, so that mechanical players are 
of some antiquity. The pierced paper roUs 
appear.to have firs1 been us
d for wind instru- 
ments. The openings in the roUs were passed 
over other openings communicating \vith 
chambers in which harmonium reeds were 
placed. The air was able to pass through the 
reej and cause it to sound when the opening 
in the paper came over a hole. The paper 
roUs evidently could not be uspd to strike 
a note on a piano directly, but it is obvious 
that the admission of t.he air through a cut 
in the paper could be used to operate a beUows 
to strike a note. [n 1863 Fourneaux in 
.France took out a patent for striking a note 
on a piano by the aid of air: but it was GalJy 
of New York in It'\81, 13ishop and Down in 
England in 1885, and K.uster of 
ew York in 
1887 that reaHy developed the pneumatic 
player. The player was sold as an indeppndent 
instrument up to 1902, and even after that 
date many separate players were sold. Gradu- 
any, however, its incorporation into the piano 
itself has become universal. 

 (2) PNEÐIATIC ACTIoN.-The main prin- 
ciples of the pneumatic action had been 
developed by the pipe-organ builders; it was 
the provision of means for varying the force 
of the blow, traversing the music roJl over 
the tracker-bar, adjusting and varying the 
tempo, and emphasising the melody, which 
req uired to be developed in order to make 
the player a satisfactory instrument. 
The mode of action of the player is shown 
in its simplest form in the accompanying 
figure (1). A long sheet of thick perforated 
paper 2 travels from the music roll 3 to the 
take-up spool lover the tracker-bar 4. This 
bar is pierced with a row of 88 narrow slots 
about 3 mm. apart, each hole corresponding 
with one note on the piano which it is to 
actuate. 'Yhen a perforation in the paper 
passes over one of these slots, it allows a 
little air to enter the duct 5, which communi- 
cates by the tube 6 with the primary chamber 
7. This chamber is divided into two parts 
by the thin flexible circular diaphragm 8. The 
upper part of this chamber 9 is maintained 
partialJy exhausted of air, so the sudden differ- 
ence of pressurp between the upper and lower 
parts of this chamber lifts the diaphragm. 
Just above this diaphragm is the lower end or 
disc of the dumb-bpJl-shaped }>rimary valve, 
which is therefore also .lifted. The movement 
of the valve closes the communication between 
the valve tube 12 and the exhausted primary 
cham bel' 9, and puts it into connection with 
the atmosphere by the Jifting of the upper 
end 11 of the valve. Air is now ahle to pass 
throu,!!h the valve-tube 12 into one side, 14a. of 
the secondary pneumatic chamber 14. This 
chamber is also divided into two parts by 
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I The reservoir is a bellows kept open by a 
spring: the air has to be continuou:,;ly removed 
from it by working the foot-pedals 
I, which through the pedal-bars 
2 force open the bellows 3 against 
the pressure of the spring 4. The 
pneumatics of a pipe-organ are 
worked by air, \\ hich is at a 
pressure of about 30 cm. of water 
above that of the atmosphere; 
but while it is obvious that both 
primary and secondary pneu- 
matics might be arranged to "Work 
with an air pressure which is 
either above or below the atmo- 
spheric pressure, the latter is now 
ah\ ays used in players, as the 
reduced pressure holds the music 
roll down against the tracker- 
bar, and leakage is avoided. 

 (4) 
\IoToR.-To carry the 
music roll from the roll 3 on to 
the take-up spool 1 of Fig. 1, 
the latter is rotated by a 
pneumatic motor, which is also 
dri ven by air passing to the reservoir 6. 
The motor consists of five simple bellows 


thE: s('('ondary diaphragm 13; the part 14b 
is kept partially exhausted of air, and thus, 
when air is admitted to the other side of 
the àia phragm, the difference of pressure 
cause
 it to move, carrying with it the 
secondarv valve 1.3, 16 to which the 
diaphrag
 i
 joined. This movement 
closes the opening from the open air 
to the channel 17, and puts this channel 


5 


FIG. 1. 


into connection with the exhausted chamber 
14b, so that air is withdrawn from the 
pneuJ:.1atic 18, causing it to collapse, and to 
lift the action 20 by means of the connecting 
rod 19. There is a tiny hole 8a called a 
bleed-hole connecting the cham bel' 9 
dth 
the tu be 6; so that when the perforation has 
passed across the aperture in the track
r- bar 
and the slot is once more closed t he pressure 
becomes eq ualised on both sides of the dia- 
phragm 8. This then falls and allows the 
primary \-alve to fall also. The air is there- 
fore sucked out of the tube 12, the valve 13 
is dra wn back, and the pneuma tic 18 is 
allowed to open, ready to give another blow. 
All this is very similar to the operation of the 
pneumatic action in the larger pipe-organs. 

 (3) BELLOWS AXD RESERYOIR.-The two 
chambers 9 and 14 of Fig. 1 are kept ex- 


FIG. 2. 


hausted by being connected through the 
action-box 8 (Fig. 2), trunk 7, and the bellows- 
board 5 to the reservoir 6. 


19 


FIG. 3. 


1, 2, etc. (Figs. 3 and 4), each joined by a 
connecting rod 4 to a five-throw crank-shaft 5, 
the cranks being at 72
 
to one another. The same 
shaft 'Works slide-valves 7 
by arms 6, which alter- 
nately admit air to each 
of the bellows and put 
it into communication 
with the reservoir through 
the exhau
t 8. 

 (5) E
PRESSlox.-The 
player as it has so far 
been described would run 
at a constant speed, strike 
every note "ith the same 
forc;, and altogether fail 
to pick out a melody. 
Thus although its e
ecu- 
tion might be perfect, it FIG. -1. 
would give none of the 
light and shade and no variety of tempo 
(except such as might be incorporated 
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into the original cutting of the original 
music roll). In fact, it would, artistically, 
be a failure; for although the soft pcdal 
in the modern pianu throws the action for- 
ward and so shortens the blow, this alone 
would be insufficient. A much greater range 
of power can be produced by the rate at which 
the bellows are worked; but the change of 
air pressure so produced would, of course, 
alter the speed as well as the blow. Some 
means of adjusting the air pressure of the 
motor independently, and also that of the 
chamber 14 (of F1'Y. 1) of t,he s3comlary pneu- 
matic which actuates the final pneumatic 18, 
is therefore essential. This is achieved by the 
pressure-control valve of which the action is 
illustrated in F1.Y. 5. There is a chamber 2 
communicating both with a small bellows 3 
and with the reservoir through the rectangular 
aperture 1. A spring connects the top of 
the bellows with a lever 6. The top of the 
bellows is also connected with a knife-valve .J 
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by the rod 6. As the pressure diminishes 
in 2 the pressure of the atmosphere on the 
outside of the bellows causes it to collapse 
and to close the vah'e 5, so stopping the exit 
of the air. Thus the pressure of the air in 2 
is maintained constant; the actual pressure 
depends upon the position of the lever 6, 
which lattcr is joined by the rod 7 to a lever 
under the control of the operator-generally 
at the front of the keyboard. One of these 
valves is put between the motor and the 
reserVOIr. It controls the tempo at which 
the piece is to be played and is set at the 
beginning of each roll. A second one is put 
in series with this to enable the operator to 
produce accelerations, or retardations, or 
even pauses, in the piece at pleasure. One 
or more similar valves control the supply of 
air to the final pneumatic 18 (Fiy. 1). Fre- 
quently there is one to affect all the uppcr 
notes on the piano and another to operate 
upon the lower notes. 
S (6) SOLO DEVICE. - For playing some 
chords louder than others, or a melody loudcr 
than the accompaniment, there are numerous 
devices. Only two can be descrih('d hen'. 
In one of these the note or notes to be em- 


phasised are cut a little behind the ot!ler 
notes that should be played together, as 
shown in Fifl. 6, where 5, 6, are to he phyed 
({uietly. but 2, 3, 4, are to be emphasised. 
The slots of the lat.ter being a little behind 
those of the 
former, the cor- 
responding pneu- 
matics "ill act a 
fraction of a 
second lat.er. At 
the edge of the 
music roll there 
is an extra pcr- FIG. ü. 
foration 1, which 
actuates a special pneumatic whose function it 
is to ehang(' over the secondary pneumatic 
chamber 14 (Fig. 1) from communication "ith 
one of the control-valves just described (Fig. 4) 
set at a lower exhaustion, to a second valve 
set at a high exhaustion. Thus after the- 
blows have heen gi\Ten by.J and 6 with a smalJl 
pressure difference, the other notes are struck 
with a greater force. The pneumatics for the 
louder notes will bf' actuated a little later 
than the rest. Though this later speech of 
the emphasised notes might not neces&1,rily be 
disagreeable, it is possible that the notes are 
actually struck almost simultaneously, for 
although the hammers of these notes will start 
an instant later, yet as they are given a greater 
velocity they may reach the wires and strike 
the notes at the same time as the quieter ones. 
The second method makes use of a group 
of perforations at the side of the tracker-bar 
as shown in F1'Y. 7. 'fhe perforations of the 


.FIG.7. 


notes thems3lves which 
Nre to be emphasised 
are not altere(l in any way. Each of the side 
perforations 1 admits air through a tube 2 
to a primary pneumatic 3, which in the usual 
way actuate
 through 4 a secondary diaphragm 
5. This diaphragm letR a plate 6 come down 
upon the opcning 7 and closes it. The plate 
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is pierced" ith a small hole only, and when it 
closes the opening 7 it obstructs the passage 
of the air, and only allows the pneumatic 8 
(which will be actuated if a perforation arrÏ\yes 
o,yer the opening 9 in the tracker-bar) to 
close gently. Thus if the aperture 9 is opened 
while 1 is closed, the note i.. struck gently, 
but if 1 is open the note is struck loudly. It 
might be thought that as the perforation 
\\ hich is to open 1 has to pass over the other 
hole
 la, Ib, it might cause other notes to be 
Jouder than those desired; but if the distance 
between 1 and la is less than the time interval 
between two notes on the roll, this cannot 
happen. For it will not affect the note if 1 
is open either before or after its note is struck, 
it i:-, only operath-e if 9 is opened while 1 is 
open. It is obvious that this is a more com- 
IJlicated way of producing emphåsis, but it 
is a posit.ive method. To some extent it does 
involve taking liberties with the timing of the 
notes, in order occasionally to avoid emphasis- 
ing a note that does happen to require a 
perforation that would have acted just when 
the side perforation was pas
ing over its solo 
hole. 

 (7) TRACKER DEVICE. - It is of course 
essential that the paper roll shall register 
correctly with the tracker-bar, so that the 
slots cut in the music roll may pass exactly 
over the holes they are intended to open. 
To accomplish this, two holes (1 and 2. Fig. 8) 


2.:æ added to the bar; they are close to the 
edge of the roll and are covered by the roU 
when it is in its correct position. The holes 
are connected with the bellm"s 3 and 4 by 
tubes as shown. The bellows are normally 
kept exhausted by small bleed-holes (5 and 6) 
connected to the air reservoir. 'Yhen the 
paper does not go quite straight, it opens one 
of the holes, 1 or 2, and the corresponding 
bellows begins to close 
lowly. By means of 
the bar 5 (which joins the bellows together, 
and so has been balancing their pulls) and 
the lever 6 the tracker-bar is caused to slide 
along, until it once more registers "ith the 
music roll. 

 (8) ELECTRIC PLAYERs.-These have also 
been made, a brush making contact with a 
metallic plate through the perforations. In 


tlH' eadieI' machines the curtt'nt energised an 
electromagnet \\ hich acted directly upon the 
piano action. This was very unsatisfactory, 
as if it was attempted to reduce the blow 
by reducing the current the armature mi
ht 
not be moved at all, on account of the 
rapid decrease of attractive force with the 
distance. In an interesting player a metal 
cylinder is kept in continual rotation. The 
armatures are arranged a little below and in 
front of this cylinder. Loose straps pass 
from the armature over the cylinder to the 
piano action. l 'Yhen the armature is energised 
the strap is gently tightened, and the friction 
of the revolving cylinder rubbing against the 
strap lifts the action and strikes the blow. 
Power is of course supplied by motors, which 
can be controlled either by ,-arying the current 
or bv brakes. 

 (9) ArTO:MATIC RECORDIXG. - Electricity 
has been very successfully applied to recording 
the actual performance of a pianist. Con- 
tacts on the piano keys are connected to 
electromagnets in a punching machine, so 
that the exact instant when the note i'i 
struck, the length of time that the key is 
held down, the use of the pedals, and the 
minutest variations in tempo are all recorded. 
In reproducing such a record the operator has 
therefore only to concern himself with the 
intensity of the blow. 
)Iany records ha,-e the music printed upon 
them, so that the operator can render the 
expres:-.ion more intelligently. This is especi- 
ally necessary in records \\ hich are intended to 
be used as accompaniments to the voice or 
violin. 


R. S. c. 


PICCOLO: a wood-wind mu
ical instrument. 
See" Sound," 9 (34). 
PIPE, COXICAL, calculation of frequencies of 
vibration of. See" Sound," 
 (.32) (v.). 
PIPE, OPEX, calculation of frequencies of 
,-ibration of. See" Sound," 
 (52) (ii.). 
Correction for mouth and open end in 
calculation of frequencies of vibration 
of. See ibid. 
 (52) (iii.). 
PIPE. STOPPED, calculation of frequencies of 
vibration of. See Sound, 
 (.32) (iv.). 
PITCH OF )IrSICAL IXSTRC\IEXTS, effect of 
change of temperature on, tabulated. See 
" Sound," 
 (52) (vii.), Table X. 
PITCH OF A )1 rSICAL X OTE: a term used in 
music to denote the property of the note 
which determines its position in the musical 
range; the number of vibrations per 
second, or frequency, of the sound is adopted 
as a precise physical measure of the pitch. 
See" Sound," 
 (1). 
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PIT(,HE
, TYPICAL )IUSICAL, IX CTlRO
OLOGI(,AL 
ORDER, tabulated. Bee .. Sound," 
 (7), 
Table III. 
PIT(,HBLE
DE, occurrence of, as ore of radium. 
See" Radium," 
 (2). 
PLA
(,K'S RADL-\.TIOX FOR!\I(TLA. See" Radia- 
tion Theory," 
 (6). 
PLAYE-TABLES A
D ACCESSORIES. See" Sur- 
yeying and SUf\Teying Instruments," 
 (17). 
PLA
.m-TABLES AXD :\IETHOD OF PLAXE- 
TABLI
G. See" Surveying and Surveying 
Instruments," 

 (9) (iv.), (16). 
PLATE-GLASS, ::\L-\.NUFACT(TRE OF. See" Glass, 

 (18) (v.). 
PLEOCHROIS:\I. See" Polarised Light and its 
Applications," 
 (17) (i.). 
POISSO
(S RATIO: the ratio of the lateral 
contraction to the longitudinal extension 
of an elastic material; its value in glass is 
0.21-0'28. See" Glass," 
 (26) (iv.). 
POLAR DIAGRA:\IS, as us
d in photometry: 
diagrams showing graphically the candle- 
power of a light source in various directions. 
See" Photometry and Ulumination," 
 (37). 


POLARI::\lETRY 

 (1) DESCRIPTIVE A:ND HISTORICAL.-\Yhen 
certain crystals and liquids are placed between 
crossed Nicol prisms, the light will not in 
general remain extinguished. If the light 
source is homogeneous, or approximately so, 
by rotating the analyser (i.e. the polarising 
prism nearer to the eye, the farther one being 
called the polariser) a new position is found 
where complete extinction is again obtained. 
This can be eXplained by regarding the crystal 
or liquid as ha,Ting rotated the plane of 
polarisation of the light as it passed through 
the substance. 
The phenomenon can be illustrated schem- 
atically by means of Fig. 1. Consider the case 


FIG. 1. 


of a plane polarised beam of light passing 
through a crystal of quartz along its optic 
axis, the beam before entering the quartz 
being polarised in the azimuth perpendicular 
to All. The plane of vibration is in the plane 
of AB. \Vhen the light entprs the quartz, this 
plane is gradually orientated by an amount 
that is proportional to the thickness of quartz 


traverspd. until it ('merges at G. with the 
direction of the vibration now lying in the 
plane A'B'. Now that the light has left 
the "optically active" quartz, the plane of 
vibration of the farther course of the beam 
will be that (Jf A'B'; and the plane of 
polarisation will he rotated, b:v pasRage through 
the quartz, by an angle equal to that betwepn 
AB and A'B'. 
Arago 1 observed in 1811 that the effect 
produced when a plate of qua,rtz cut per- 
pendicularly to its axis is placed between a 
polariser and analyseI' differs from that caused 
by a plate of mica in the same position. 
Riot 2 was the first, however, to point out. 
in 1812, that a rotation of some kind was in- 
volved; he showed 3 also, in 1915, that this 
property was exhibited by turpentine and a 
number of other substances. The rotation 
depends on the thickness of active medium 
traversed and on the wave-length of the light 
being inversely proportional (approximately) 
to the square of the wave-length. The name 
Rotatory Dispersion has been given to this 
property. 
Biot's polarimeter 4. had as polariser a 
plate of black glass, set at the polarising angle, 
viz. the angle at which polarisation was most 
complete. This was connected with a fixed 
divided circle by means of a V -shaped trough 
in which tubes containing liquids could be 
placed. The" analyseI' " consisted of a double- 
image prism, a prism, that is, giving two 
images, one formed by the" ordinary' " and one 
by the "extraordinary" beams, these being 
polarised in planes perpendicular to each other. 
This prism was mounted in a tube carrying an 
index arm by which the angular rotation of 
t.he analyser could be read on the divided 
circle. The analyser was rotated until the 
image of the light source formed by the 
extraordinary beam was most near to extinc- 
tion. \Yhen the optically active substance 
was placed in the trough, the image '(from the 
extraordinary beam) would again appear, and 
the analyser rotated until extinction was 
obtained once more. It was with this very 
simple apparatus that Biot made the element- 
ary observations that are of fundamental 
importance in polarimetry. 
Ventzke 5 shortly afterwards employed 
Nicol prisms as polariser and analyser, thus 
securing complete polarisatioll at the polarising 
end, and the elimination of the double image 
at the analyseI'. 


1 
\rago, lIlém. de la premo claSSl' de l'Inst., 1811, 
xii. 93. 
2 Riot, 1t,lém. de la premo classe de l'I'fISt., HH2, 
Part I. PP. 262-2()4. 
3 Riot, Rull. Soc. Pldlomat.. 1815, p. 1DO, or Ann. de 
Chim. f't dl' Ph!ls., 1817, iv. DO. 
4 lliot, Cornpt. Rend., 1840, xi. 413; Ann. de Cldm. 
et de Ph!l''l., 1840 (2), lxxiv. 401. . 
<; V('ntzkf', Erdman's Journ. jür praktische Chenne, 
1842, xxv. 65. 
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:\litscherlich 1 "as the first to appreciate 
the importance of monochromatic light in 
polarimetry; he also impro,'ed the illumina- 
tion by placing a con,Tex lens at the polanser 
end. Landolt. in using the l\Iitscherlich in- 
strument. determined the point of extinction 
by setting the dark band of complete polarisa- 
tion central in the field, and this was the 
forerunner of the accurate method used by 
Landolt in the construction of his polarimeter 
(cf. infra). The mean error in the readin
s 
"ith the 
Iitscherlich instrument was about 
0.1 0 . 
The Soleil 2 double quartz plate, or "bi- 
quartz," was added to the polariser by 
Robiquet,3 and the polarimeter was thereby 
made much more sensitive. 

 (2) THE BIQUARTZ.-Biot had observed 
that the yellow rays of white light were 
rotated through an angle of 90 0 by a plate 
of quartz 3.75 mm. thick. Soleil's biplate, 
which utilised this effect, consisted of two 
semicircular discs of quartz of that thickness, 
the one half being right-handed quartz (i.e. 
quartz that orientated the plane polarised 
beam in a clockwise direction as viewed by 
the observer) and the other left - handed 
quartz. The principle underlying its action 
can be seen from Fig. 2. Let AA' be the 


FIG. :2. 


plane of polarisation of the ,,'hite light 
entering the biplate. On emerging from 
the biplate the planes of polarisation of the 
red, yellow, green, etc., rays are indicated 
by dotted lines drawn from 0 and 0', 
the points of emergence of the rays. 0" ing 
to the structural difference in the two kinds 
of quartz, the planes of polarisation are 
rotated in opposite directions, the one pheno- 
menon being a mirror image of the other. 
".hen the analysing nicol is parallel to the 
polariser, the yellow rays (which have been 
rotated an angle of 90 0 to AA') will be cut 
out entirely. 
\ portion of the light intensity 
1 :\Iitseherlich, Lehrbuch der Chemie (4th ed.), 1844, 
cxi. 36. 
2 
olf'il. Compt. Rend., 18-15, xx. 180:>. 
3 Robiquet; cf. 
idersky, Polarisation et Saccha- 
rimetrip (:
nd ed.), p. -18; Landolt, Das optiscJæ 
Ðreh'l1Igsrermõgen, 1898, p. 294. 


of the red, green, and other rays "ill, how- 
en'r, be transmitted, the inten
ity tran
mitted 
being proportional to cos 2 (J, "here (J is the 
angle that the plane of polarisation (of any 
particular wa\Te-Iength), after emerging from 
the quartz, makes \Üth that of the analyseI'. 
The resulting colour of both halves of the field 
is rose-lilac or amethyst. 
In this position (J i
. for the red rays, a 
little less than 90 0 , and for the green and 
green-blue a little more than 90 0 , while for 
all these rays 90 - (J is not more than 43 0 . 
Thus in the right half of the field a slight 
rota tion of the analyser in a clockwise direc- 
tion will cause the inten
ity of the red rays 
rapidly to increase, and that of the green and 
green-blue to diminish appreciably, the result 
being a very rapid change to a distinctly red 
hue. For a like reason the rotation causes 
the left half of the field to change as rapidly 
to a distinct blue. 
Thus in the sensitive region" here measure- 
ments are made the two hah-es of the field 
will have the same colour or tint only when the 
analyser is parallpl to the polariser. If now 
an optically active substance be interposed, 
equality of tint can only be obtained b:y a 
rotation of the analyser to compensate for the 
rotation of the active substance. '''hen the 
thickness of quartz is, as described above, so 
chosen that the yellow rays are extinguished 
by an analyser that is parallel to the polariser, 
the residual colour is exceedingly sensitive, 
turning either red or blue with a very slight 
rotation of the analyseI'. For this reason it 
has been called the sensitive tint. teinte 
de passage, or Übergangsfarbe. In order to 
have a complete explanation of why the 3.75 
mm. quartz plate gives the most accurate 
results, the follo"ing factors must be con- 
sidered: (1) Rotatory dispersion of quartz; 
(2) energy distribution of the white light 
spectrum; (3) relative sensibility of the 
a,-erage eye to radiation of different wa,-e- 
lengths. These together" ith the )Ialus cos 2 0 
law and the three primary sensation curves 
(red, green. and blue), such as given by Exner. i 
will give the change of tint "ith a given 
rotation of the analyser, by the method 
indicated by Ives. 5 
The disad,-antages of this type are at once 
apparent: it must be used with white light, 
and the rotation obtained is approximately 
that for mean yellow light. Even if colour- 
less substances are examined, there is no 
position of the analyseI' for which the tints 
in both halves of the field are the same, 
because of the rotatory dispersion of the 
substance itself, and thm, systematic errors 
are introduced, of a kind extremely difficult 
to determine. This difficulty is considerably 
t E
ner, 
itz. n"iell. AI.:ad., H}O:!,abt. IIa, cxi.&:>7. 
6 Ives, JOUTll. Frank. Inst., un;:;, dxx
. 6ï3. 
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increased when the 
ubstance is coloure(l. 
\Yhile it is almost impossible for a colour- hlind 
person to Uðe this method, there will be per- 
ceptible difference::) in the readings of normal 
persons, as the relative sensibility curves of 
individual eyes (to radiation of different 
wave-lengths) show considerable variation. 
For these reasons the Soleil dOli ble plate is 
never employed in modern measurements. 

 (3) J ELLETT'S PRIS'I. - The next and 
probably the most important development 
in polarimetry is due to Jellett,l who utilised 
the photometric principle of matching two 
illuminated fields by varying their relative 
intensity. The eye is able, under favourable 
conditions, t.o detect very small differences of 
intensity (when no colour difference exists), 
and it is this principle that underlies the 
construction of all modern polarimeters and 
saccharimeters. A rhomb of Iceland spar is 
cut so as to form a right prism, as in Fig. 3. 
It is then cut in two in a plane B'BC parallel 
to the long edges of the prism and making a 
small angle a with the longer diagonal DD' 
of the upper face. The one part is then 


j!'lG. 3. 


FIG. 4. 


reversed, and cemented to the other as shown 
in Fig. 4. This composite prism is then 
mounted as the analysing prism, and the 
dividing line observed by means of a lens. 
This analyseI' receives a parallel circular beam 
from the polariser, and this beam is divided 
into four parts as in Fig. 5. The ordinary 
beams (one through each 
prism) remain central and 
sym metrical about the 
vertical interface; while 
the extraordinary images 
are refracted to the po:-;i- 
tions E and E'. These 
extraordinary images can 
be screened off by means 
diaphragm at the eye sick of 



 
AW
 


FIG. 5. 


of a suitable 
"bhe analyseI'. 
Let (in Fig. 6) CD represent the plane of 
polarisation of the polariser, and OA, OB the 
planes of polarisation in the two parts of the 


1 Jf'llctt, Proc. Roy_ Trish Acad., June 25, 18GO; 
ibid. Jan. 

, l8G3. The df'Rcription of the USE' of 
this prism usually given sf'{'ms to originate in all in- 
correct reading of Rep. Brit. Assoc., 1860, ii. 13, and 
is incorrect. 


,J ellett analyseI'. The two halves of the field 
,,'ill appear equally bright if the components 
of OA and OB on CD are equal, i.e. if OA is 
taken to equal OB, then they both make 
equal angles with CD. 
If now the analyseI' 
is rotated so that the 
polariser is in a }>o::;i- 
tion C'Ð' with respect 
to 0..\ and OB, the 
components of the 
latter (C'O, OD' re- 
bpecti,-ely) are no 
longer equal, the ratio 
of brightness being givpn, according to the law 
of 
Ialus, as (C'O)/(O D')2. It will be seen 
t.hat under these conditions an equality of 
hrightness in two halves of the field affords a 
sensitive means of determining optical rotation. 

 (4) CORNU'S PRIS:\I.-('ornu 2 improvf'd on 
J ellett's original prism, using a Ricol prism 
instead of the natural rhomb, the Xicol pl'i .un 
being divided in two in the same way as in 
Jellett's rhomb (Fig. :J). Instead of ['eversing 
the one half so as to have a resulting prism 
of the inconvenient and wasteful shape shown 
in Fig. 4, Cornu removed a thin wedge of 
spar, the apex of which was parallel to the 
long edges of the prism (see Fig. 7). The two 
parts were then cemented together without 
reversal, the planes of polarisation of the 
two parts making an angle with 
each other equal to the angle of 
the wedge of spar removed. 
This composite prism was placed 
at the polariser end, and a Nicol 
prism being used as analyseI', 
the net result is much the same 
as that of the Jellett arrangement 
previously described, with the main differences 
that the double images of the Jellett prism 
are entirely eliminated. and that while Jellett 
used his prism as analyseI', Cornu used his as 
polariser. This form of pulariser is generally 
known as the Cornu-Jellptt prism, and it re- 
mains in common use up to the present time 
for inexpensive polarimeters and sacchari- 
meters. 
It is evident that the angle between the 
planes of polarisation of the Cornu-Jcllett 
prism is fixed. This angle is called the " half 
shadow" angle, since to it is due that at the 
critical position of matching the field is nrÜI1f'r 
dark nor yet completely illuminated. If this 
angle has been made comparatively small 
(say 20.30) in order to obtain greater sen"itive- 
ness, the prism may become no better than an 
ordinary nicol for examining the rotation of a 
light-absorbing substance, since the brightnpss 
of the field at the matching point, compared 
with the maximum brightne
s obtainable, is 
proportionai to sin 2 (a/2), where a is the half. 
2 Cornu, Bull. Soc. Cltim. Paris, 1870, :xiv. HO. 
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shadow angle. Further, as "ill be seen later, 
it is not de
irable to make this half-shado
 
angle too gré>at, as the sen
itiveness is reduced 
proportionately. 

 (.J) THE L-\.L"REXT POLARDJETER. - In 
order to overcome this dpfect in the Cornu- 
Jellett polariser, Laurent] used a quartz plate 
covering half of a plane polarised beam from a 
Xicol prism. The principle can be understood 
from Fig. 8. The quartz plate 
-\, "hose 
optic a.xis lies in the 
plane of the paper, and 
has a direction OB, covers 
half of the circular aper- 
D ture of the field of the 
Sicol prism in front of 
it. The thickness of the 
plate is chosen :so that 
the difference between 
the paths of the ordinary 
and extraordinary rays, 
into "hich the incident 
plane pohirised beam is divided, is some odd 
multiple of half the wave-length of the light 
that i:i used. If no and ne are the refracti"\e 
indices of the ordinary and extraordinary rays 
in the quartz for a given wave-length ^, then 


c 


A 


FIG. 8. 


- d ) - ( .) I ) À 
0- (ne- ll o-- m + c>' 


when d is the thickness of the plate. an'l 
o the path difference introduced. F0r the 
sodium light Dl and D 2 the minimum thick- 
ness is 0.032-1 mm., hut, as this plate would 
be too thin and fra
ile in practical use, some 
odd multiple of this thickness is chosen so 
that the plate is approximatel, .5 mm. thick. 
Let OE represent the plane of polarisation, 
and its length the amplitude of the linearly 
polarised homogeneous light coming from the 
polariser, whose plane of polarisation makE's an 
angle OJ2 "ith the optic axi
 OB of the quartz 
plate. The plane polarised beam, the direction 
and amplitude of which is gi"\en by OE, will, 
on entering the quartz plate. be divided into 
two parts, the one polarised in the plane of 
the optic axis OB and the other perpendicular 
to it in the plane CD. Thus OG and OK will 
represent the amplitudes and directions of tht' 
components at the moment that OE enters the 
plate. These components are in phase with 
each other. 
Since tbe component of the beam represented 
by OK is accelerated in its passage through 
the quartz by an amount (2m + 1 )\/2, In 
being an integer, as compared with the extra- 
ordinar)y ray oa, the position at emergencE' 
can be rE'prf'sented graphically by rpyer::;:ing 
the direction of OK. thE' components in phase 
on emergence being oa and OJ. Thus the 


I Laurpnt, .]01(711. d. Ph.!/R., 1 
ï -l (I.), iii. 18:
: 
18;9, viii. 16-1; Dingler's Poly. JOllm., 18;7, ccxxiii. 
608. 


resultant OF "ill rE'prE'sent the plane of 
pularisation after transmiNSion of the beam 
through tht" quartz. If CD represents the 
plane of polari!'ation of the anaJy:-:er, then a 
matching of the fields is obtained when 
the component OJ on CD is equal to the 
component OK from the unobstructed half of 
the field. 
In order to vary tht" haH-shaduw angle. all 
that is required is to rotate the plane of 
pularis
tion of the polarising nicol; the angle 
that this plane makes with the optic axis of 
the plate ig one-half the half-shadow angle. 
This Laurent polariser. while allowing a 
variable hali-shadow angle, i:;: limitE'd as to 
light source, the only permissible one being 
that for "hich the half-" ave plate has been 
cut. The sensitiveness, as in all half- 
shadow polarisers, depends upon the magni- 
,tude of this angle, and on the intf'nsitv of the 
light source us
d. Heelp 2 somewhat U;creased 
the sensitiveness by arranging the half-" ave 
plate as a circular one mounted on a larger 
glass plate, as in Fig. 9 (i.), and Pellin has 
introduced the modifica- 
tion shown in Fig. 9 (ii.), 
when the retarding plate 
forms a ring around the 
centre of the field as t;hown. 
"-hen using a bright 
sodium light with a small 
half-shadow angle (abuut I!O) and taking 
the precaution suggested by Laurent of mö:ing 
a thin plate of potassium bichromate to cut 
(Iff thE' other radiations of sodium, consistent 
settings can be made to "ithin :t r. 


(!)@ 


(i) (ii) 
FIG. 9. 


Lippich 3 has, however, shown that the Laurent 
polariser cannot be relied on as an exact means of 
measurement. Since the relath-e importance of 
this type of polariser has become considerably i'maller 
during the last twenty years, it will be sufficient 
to mention some of the main results of Lippich's 
analysis. The technical difficulties of making the 
plates perfectly parallel, with the optic a:>..is lying 
exactly in the same plane, and of exactly the correct 
thickness for the particular wa ,-e-Iength chosen, are 
with modern method;:. perhaps not insuperable. But 
Lippich found that they certainly were not made 
with sufficient accuracy; and e\"'en had they been 
ideally perfect it would have been neces.;;.ary. in orùer 
that different instruments might agree, that the 
thicknesses of all Laurent pbtes should be identical, 
and not merely any odd number of half-wave-Iength 
retardation. .Again, even if agreement "ere tlÎu
 
securro, the precÜ;e significance of rotation measure- 
ments depended 011 a kno" ledge of the rotatory dis- 
persion of the substance under test, which knowled!;e 
could not be obtained on instrument." of the Laurent 
type. 
Finally, one and the same instruments give different 
measure
lents of a rotation with diffcrcnt half- 


I Hf'eIP, Zeits('h. lllstkdr., 1:,!1ô, x\'Î. 
(i!1. 
3 Lippich, 
itz. Jriell. Akad., 1
!}O, abt. IIa, Åci
. 
695. 
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shadow angl('s. All these faults result from the 
imperfect homogeneity of all pradical light sources. 

chulz 1 has recently examined the errord due to 
elliptic polarisation caused by the obliquity of the 
rays falling on the Laurent plate. He finds that if 
A is the diameter of the aperture or diaphragm at 
the polariser and B that of the analyser, and L is 
their distance a part, tllPn if A + B = .02:3L, the error 
cáused by obliquity of the rays is not greater than 
.001 o . If A and B are to be the same, then for a 
polarimeter to take 200 mm. tubes (L=230 mm.) 
the value of A =:2.() mm., for a 400 mm. instrument 
(L=4:30 mm.) A must not exceed 4.9 mm. 
Kotwithstanding the above criticisms, it cannot be 
doubted that the large discrepancies usually found 
in results with different Laurent polarimcters must 
be mainly due to defective manuf
cture and lack 
of purity of the quartz. 

 (6) LIPPICH'S POLARTSER.-The polarising 
systC'm of Lippi('h,2 which is in general use 
in the best polarimeters at pn'sent, combines 
the advantages of a variable half-shadow 
angle, and freedom to use either a hetero- 
geneous light source or homogeneous light of 
anv desired wave-length. 
Ìn the Lippich system an ordinary nicol A 
(l/ig. 10) is followed by a smaller nieol B 
covering half the field. The 
a planes 
f polarisation of the 
I prisms A and B make an 
angle () with each other, and 
thus it is possible to employ 
the photometric principle of 
A J ellett in measuring rota- 
tions, as has been previously 
described. In order to have 
a field of uniform brightness 
at the mat.ching point, the 
E nicol B must be so designed 
tha t all the rays followed 
back from any point within 
S the diaphragm l\I
 of the 
analyser must pass into A 
without any partial 0 bstruc- 
tion by the small prism B. 
If a /2 is the half -cone 
angle subtended by the 
, analyser diaphragm at C, 
o then in order that no light 
FIG. 10. from A shall f'nter the 
analyser after external reflec- 
tion at the surfacf' CF the latter must 
make an angle with the axis 00' slightly 
greater than a/2 (say (af2) + ß). If the ray NO 
tracf'rl back from the analyser is to pass 
through B, without internal rpflf'('tion, then 
in order that the ray CO should make a small 
angle 
 with the sidc CF the angle FCD must 
be suitahly chosf'n. It is found that if 
 
and f3 are made about 10', the angle FCD 


1 
d11l17., Ph!l.
. Zpit.'1rhr., 1!):W, xxi. 33. 
2 Lil'l'kh, I,ot()!
, lR80, ii.; ZrU,
chr. 1 n.'ïtl.:dl'., lR82, 
ii. lßï; lHB
, xii. 333; 18U-l, xiv. 32H; JVien. B(>r., 
18R2, lxxxv. 
ü8; Hì8j, xci. 10í
); 1890, xcix. ()Uj; 
18!)(), cv. 317. 


must he betwef'n 92 0 and 94- 0 . This small 
prism is commonly called the "half Lippieh 
prism. " 
J,ippir-h improvf'd on his original t\\ o-field 
system by having two half Lippich prisms B 
and 0 mounted as shown in Fig. II. The 
resulting field (DEF) is 
divided into three parts. 
The original intention of 
Lippich was that the planes 
of polarisation of the half 
prisms Band C should be 
slightly inclined to one 
another, so that if a match 
is made between D and E, 
the difference in brightness 
between E and F is just dis- 
cernible. By this means the 
range of uncertainty in Sf't- 
ting should theoretically he 
halved. 
Perhaps the grea,test advan- 
tage of the thref'-field system" 
however, lies in the fact that 
it enables the observer to 
correct any sJight error in the 
aJignment of the light source 
with the optical axis of the 
polarimeter. The distribution of thf' in- 
tensity of illumination over tl)(' fidd is 
liable to chan
f' rapidly wit,h a slight. dis- 
placement of the light source, and an error 
due to this cause would generally be far greatf'r 
than that due to the lack of spnRitiveness of 
the eye, especially if the 0 bSf'rver has had some 
practice in making polarimetric measurement
. 
Lummer 3 has constructed a polariser with a field 
divided into four equal parts. This is done by 
adding to a double-field Lippich system two more 
very small half Lippich prisms ('ach of which covers 
a field equal to a half of prism B in Fig. 10. These 
are placed at the outer edges so that the field is 
divided into four equal parts. In this polariser it 
is not a condition of uniform brightness that is aimed 
at, but the equally distinct appearance of two of the 
parts on a uniform background. 
'Vhether this type of polariser shows any real 
gain of sensitiveness over the Lippich three-field 
polariser does not appear to have bepn adequately 
tested. The arrangement is too complicated ever to 
come into general use, unless its advantages w
re 
very real. In practice it is found difficult enough to 
adjust, and keep in adjustment, t.he Lippich three- 
field type. 

 (7) Y ARIATION OF SENSITIVE
ESS WITH 
THE HALF-SHADOW ANGLE.-It has been 
mentioned that the sensitiveness or accuracy 
of setting with the photometric matching 
principle of Jellett depends on the half-shadow 
angle. It is generally assumed t.hat the eye 
can recognise a difference of brightness of 
about 1 per cent when examining two adjacent 
fields. 
3 LUlUmcr, Zeitschr. Instkde., 189n, xvL :
()!). 
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Let OA and OR (in Fig. 1
) represent the ' " angle of about 9
-100 the accuracy of setting is 
planes of polarisation in each part, and their considerably greatf'r than that shown by the 
length
 represent their amplitudes which 
re theoretical curve. This sho" s that under 
assumed equal, and let AOA reprpsent the favourable conditions the eye can detect a 
plane of polarisation of the analyseI' when the change of intensity of illumination of about 
two fields are equally .73 per cent. 
bright. Then, if the It is usually assumed that the cau
e of the 
analyser be rotated a rapid loss of sensitiveness as the half-shadow 
very small angle õ into angle becomes less than 1 0 is that the general 
the position 
\'OA. illumination then becomes too faint for accurate 
such that the beam matching. The chief reason, however, is that 
originally polarised in with such half-shadol'" angles the effect of the 
the direction OA kJ, elliptic polarisation becomes appreciable. The 
after pas::>age through light incident on the analyseI' is assumed to 
the analyseI', just per- be completely plane polarised, "' hilst in prac. 
ceptibly brighter than tice it is always to a slight extent elliptirally 
that of the other half of the field, 0--\ polarised, to an eÀh'nt depending on the total 
and OB will then make angles of 90 - () - õ amount, and azimuth of the double refraction, 
and 90 - () + õ l\ith the new plane of polarisa- present, between the oil or balsam film of the 
tion of the analyseI'. The ratio of the intensi- polariser and that of the analyseI'. There is 
ties in the two halves will be, according to the also always a slight admixture of depolarised 
law of )Ia]us : light. The effect as seen thrçmgh the analyser 
sin 2 (() - õ) can be regarded as merely adding an equal 
Si1l 2 -{() -+ õ) = p, amount of general illumination to each field. 
This i':l not appreciably altered as the half. 
shadow angle is made to approach 0 0 , and as 
the intensity of illumination from the plane- 
polarised component becomes a smaller and 
smaller proportion of the total intensity of the 
field, the analyser has to be rotated a corre- 
spondingly greater amount bf'fore the eye can 
discern a change of intensity. This can be 
easily verified by obsef\
g the sensitiveness 
of a polarimeter with a half shadow of 2:)_3 0 
using a Vf'ry poor light source, so that the field 
at the matching point is very dark. 'Yith such 
Remembering that () in Fig. I:! is haU of the an arrangement a much higher accuracy will 
half-shadow angle, the solid line in Pig. 13 be attained than with a half-shadow angle of, 
say, }O, even when in the latter case the light 
source is so improved that the intensity of 
illumination at the matching point i., consider. 
ably brighter than \\ ith the larger half-shadow 
angle. 
It can be shown. that. in consequenpe of the 
inequality of the intensity of illumination in 
the t\\ 0 hah.es of an ordinary Lippich polariser, 
a systematic error is made in the measurement 
of a rotation either if the substance under 
examination is slightly bi-refringent or if a 
small amount of accidental double refraction 
is othen\ise introduced into the path after 
the zero reading of the polarimeter has been 
taken. 
This has not yet been f1llly investigated, but 
it, is found that wit,h a half-shadow angle of 
about 3 0 and an ellipticity of I/IÛO (ratio of 
represents the kind of variation in sensitiveness minor to major axis) the error is of the 
with half-shadow angle that is to he expected order of I'. 
on theoretical grounrls. The actual CUf\
e of 2 (8) 'YILDE'S POLARDIETER.-Other forms 
mf'an error (dotted line) gh-en by Schulz and of polariser haye been suggested from time 
Gleichen 1 indicates that "ith a half-slw.dow to time, none of which, howe'
er, hare come 
I j l into g eneral use. 
1 Sdmlz uncI (;1l'ÌchpIl, polrlTistltionapparate wu .. 
ihrc reru-endung, Stuttgart, HHU, p. 66. - In the form of polaruneter den
ed hy 
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which giy-es 


/- 

 _ (1 - ,pl t () 
u- ,_ an . 
(1 + ,p) 


(In obtaining this expression, which gives õ in 
circular measure, õ is taken to be so small 
that cos õ = 1 and sin õ = õ.) 
If p is taken to be '99, which is equivalent 
to sa.\Ting that 1 per cent change of intensity 
can be detected, then 


õ = .uu
.) tan (). 
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\filde,l hoth the polariser and analyseI' are 
ordinary Xieol prisms. In order to obtain an 
accurate setting, a 
a\
art plate is mountf'rl 
in front. of the analysing nicol. As this con- 
sists of platf's of Iceland spar or quartz, the 
optic axes of which make an angle of 4.3 0 with 
the dirpction of the light, and whm;p principal 
sections are at right angles, a system of intpr- 
ference fringes is seen in general. 'Yhen the 
plane of polarisation of the beam from the 
polarising nicol coincides with tllf' principal 
section of pither of the plate's, the fringes 
disappear at the c
ntre of the fif'ld. Bv 
rpducing thp intensity of the light sourc;, 
thp breadth of the band shm, ing no fringes 
can be considerably narrowed, and this can 
then be set symmetrically with respect to a 
pair of cross lines placed at the focal plane 
of two lenses that form a tdescopic system 
interposed between the Savart plate and the 
analysing nico!. 
The instrument can bp used with a homo- 
geneous light source of any wave-length, and 
has the great advantage that a strong light 
sonrce is not required. Considerable practice 
is required before the observer can obtain an 
accuracy of setting comparable with that of a 
half-shadow polariser, as the termination of 
the fringe system is not sharply defined. For 
this reason the 'Yilde instrument is very 
rarely used. 

 (9) LANDOLT A
D LIPPICH. - Landolt 2 
observed that when a very intense light source 
is examined by a pair of wide-angled Nicol 
prisms, tJ1e field, instead of being uniformly 
dark, is crossed by a narrow black band only. 
This .was first e-xplained by Ijppich, 3 who 
showed that, dup to the varying obliquity of 
the rays inciùent on the prism, the direct-ions 
of vibration at different parts of the field were 
not strictly parallel. He shmved further that 
in the case of Nicol prisms whose end faces 
wpre perpendicular to the axis of the nrism 
the direction of the vibration was repres
nted 
by a system of convprgin
 lines which met at 
a point P outside the prisms. The direction 
of the plane of polarisation will thprefore be 
given by arcs of circle with P as centre. In 
Fig. 14 the solid arcs abed, ptc., ,vill indicate 
th'.3 rlirection of the plane 0f polarisation at 
any point in the field. 
A similar state of affair
 holds in the case 
of the analyser, when the dotted arcs a'b', etc., 
will represent the direction of the planes of 
polarisation of the analyseI' at various points 
in the field. 


1 WHflp, Üher ein ne11es Pulrtri.
trobometer, Rprn 
18()2; r iertrlj((hrsschrift drr N ((turf. Gcs., Zürieh: 
1898, xliii. fi7: 18m), xliv. l
(). 
2 Landolt, f)as npti.<;rhr f)frhunq.<;l'rrmÖgen organi- 
schn Sllh.<;t(tnzeu (lst pd. 187H), p. 95. 
3 Uppkh, Sitz. WÜm. Ak([(l., 18R2, lxxxv. 268. 
T.atl'r investigation ha
 
hown that the analvsiH of 
UIlpich is only a close aPllfoxima.tion. Cf. 'ßerek, 
Verh. d. D. Phys. Gcs., 1919, xxi. 338. 


It will hp noticprl t.hat, t.hpse two 8('t8 of 
curves are only perpen(lícular to each ot.her 
along the locus FG-J, and therefore complptc 
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darkness \\ iJl occur only along this line. A 
slight rotation of either the analyseI' or 
polal'iser will obviously change the position 
of this locus. Lippich made use of this fringe 
in the construction of a p<,larimeter, whf'n 
the position of the fringe with reference to a 
pair of cross-hairs served as the criterion 
instead of the matching of fields as in a half- 
shadow polariser. By this means Lippich 
state:; that it is possible to set the analw;ing 
nicol to within two or three seconds of. arc' 4 
an accuracy considerably greater than th
t 
obtained by any type of half-shaùow p0lariser. 
In order to see ,the fringe, the light sourcp 
must he vpry intense (e.g. sunlight or the 
p[ectric arc), an(l so the method cannot be con- 
veniently applied for polarimetric work, since 
it is difficult to úbt3.in the necessarily homo- 
geneous light source of the required i
tensity. 

 (10) LUMJ'l'IER'S POLARUIETER. - In the 
polariser evolved by Lummer,5 plane polarised 
light falls on a 45 0 prism the hypotenuse face 
of which has silvered strips S (Fig. 15). The 
light enters the prism normal to the face 
ABCD. The portion falling on the unsiJvered 
part 'pf the hypotenuse face ABEF is totally 
reflected, ,,,,hile the light falling on the silverp
l 
surface suffers metallic reflection. If the plane 
of polarisation of the incident beam is parallel 
or perpendicular to the plane of reflection, 
the planes of polarisation of the reflf'ctf'd 
beams (total reflection and metallic reflection) 
will be coincident. [f the polarising nieol is 
rotated through an angle 0, the portions of 
thp heam suffering total reflection will be 
rotated an angle eo from its original azimuth, 
4 0-. Rruhat and :\1. Hanot daim that it is not 
pos
ible to mel
Hr(' a rotation of the order of 20 > 
hy this Jlwthofl with an ('rror l('
s than 1'. With 
intf'nse sonrpps, e.g. Jl1f'rl'ury arp. this ('rfor can h(' 
f{'duCNI by half. Acad. Scienre, Paris. Ma.y :W, 1021. 
6 LummCf, Ferk. d. Ges. ])('ut.w'h. ....Y([turJ. 'll. Áfzt o 
Wien, 1894 (II.), i. 79; Zeitsch.jür Inskde., 18!);), xv. 
293. . 
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while that reflected from the silver strips wilJ 
be rotated through an equal angle in the 
opposite ,.-lirection. ...\ half - shadow arrange- 


B 


FIG. 15. 


ment is thus obtained, as in the case of the 
Lippich system, with a half-shadow angle of 
21J, which can be varied as required. 
Owing to the comparatively large amount, of 
glass in the path, the effect of small amounts 
of double refraction, which is negligible in thin 
plates, now becomes appreciable and the field 
at the matching point is not uniform, ha,-ing 
brighter or darker patches in the field of view. 
'Yith a large half-shado" anQ:le, the linearlv 
polarised light becomes elliptically polarised, 
and, a'3 can be shO\\11 from the electromagnetic 
theory, the ellipticity will be different in the 
two cases. For half -shadow am!les as used in 
practical work, the ellipticit:r 
introduced at 
reflection i::; negligible, the only drawback 
being the double refraction due to lack of 
homogeneity and annealing of the glass. 
It is possible that, as the technique of 
optical glass manufacturp is improved, this 
type of polariser may come into common use. 
A detailed in,-estigation of its properties has 
been made by Y 01ke. 1 

 (II) GEXERAL COXSIDERATIOXS.-A large 
number of polarisers have been devised which 
depend on the double refraction or rotatory 
power of quartz for their half-shadow effect, 
and a typical example, the Laurent plate, has 
been described in detail. 
A most serious objection to this class of 
polari
er is th(" great scarcity of optically 
good quartz, the purity of which immediately 
sets the limit to the accuracy and sensitiveneS8 
of the particular polariser.. From this cause 
alone a considerable ,-ariation is to be ex- 
pected between the performances of individual 
polarisers of anyone type. 
(i.) Poynting'.fi Polariscr.-The polariser of 
Poynting 2 is made by divirling a circular platE" 
of quartz, cut perpendicular to the optic 
axis, along the diameter. One ha]f is sJightly 
reduced in thickness and the two hãlv
s 
reunited. The half-shadow effect is obtained 
by the difference of the rotation produced in 
each half of the plate. The half-shadow angle 
. 1 Yolke.. Tnflll{Jllral- Dissertation, Bre
lau, 1909. 
see al
o "\ olke, Ann. d. Physi
'. 1910, xxxi. 609. 
I Poynting, Phil. Jlag., 1880 (5), x. 18. 
VOL. IV 


is therefore a fixed onc, and furthermore it 
is necessary to employ a homogeneous light. 
source to avoid the effects of rotatory dis- 
persion. 
(ii.) Xakamura's Polariser.-Xakamura 3 has 
shown that maximum 8ensitiveness of a Soleil 
double quartz plate is obtained "hen the 
plate is approximately .4 mm. thick, instead 
of 3..) mm. or 7 mm. as originally used. 
"
right 4 independently arrived at the same 
conclusion, and as this polariser admits of 
only one fixed half-shadow angle, the latter 5 
has evoh-ed an ingenious application, "hich 
not only affords a variable half-shadow angle, 
but also gives this variation without a change 
of the zero position of the analvser-a most 
important consideration in the ca
e of sacchari- 
meters. It con ;;ists of two wedges of quartz 
of equal angle but of oppositE" rotation, the 
one mounted above the other as shown in 
Fig. 16, and immediately behind each half 
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wedge is a parallel plate of quartz of oppo
ite 
rotation. The dimensions suggested by \Yriaht 
for polarimetric work are gi ,-en in the fig
re. 
It will be seen that at a point 3,3 III Ill. from 
the thinner end of the wedge the total rotation 
is zero in both parts, since the thickness of the 
double wedge is then the same as that of the 
double plate of opposite rotation. The field 
of view when the nicols are crossed" ill there- 
fore be cOll1parativel
y bright, except for a 
narrow dark band at this point, which will 
run vertically across the field. If either nicol 
is given a slight rotation the part of the dark 


3 Xakamura, Centralblatt jiiT Jlin., IflO.J, pp. 26;- 
279. 
I Wright, Amer. JOllrn. Sci., 1908, xxvi. 3;;. 
:; Ibid. pp. 3f11-398. 
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band in the upper wedge will move rapidly 
in one direction, whilst the dark band in the 
lower wedge will movE" a corresponding 
distance in the opposite direction. In using 
this device an approximate setting is first 
made, and biquartz wedge is then placed in 
the path, the accurate reading being obtained 
by rotating the analysing nicol until the black 
hand" are brought in alignment. 
As the thicker end of the double wedge is 
moved into the field, the coincidence of the 
two parts of the black band remains unaltereù, 
t.he fielù itself becoming generally brighter 
whilE" the band itself is not so sharply defined. 
'Vith wedges of the dimensions given in Fig. 
16, illumination, equivalent to that given by 
a Lippich polariser of 13 0 half-shadow angle; 
is obtained when the thieker end of the wedge 
is in the field of view. As only one magnify- 
ing lens is needed, the usual light-absorbing 
observing tele3cope can be dispensed with. 
This form of polariser has not yet been 
employed in any commercial polarimeter or 
saccharimeter. 
(iii.) Brace'8 Pnlariser.-Probably the most 
sensitive and accurate form of half - shadow 
polariser is that of Brace.! Essentially it 
consists of two plates of mica mounted 
bet,veen crossed nicols. The first consists of 
a strip (about .00017 mm. thick or -du A 
retardation) covering part of the field, and 
is fixed; the second "compensator" platc 
covers the whole field and has a retardation 
of lA. Two positions of the compensator plate 
can he found at which the intensity of the 
light is uniform over the whole field. By 
varying the angle l\'!Üch the principal section 
of the strip makes with the azimuth of the 
polariser (or analyseI') a variable half-shadow 
effect is obtained. [i"or a complete account 
of the principles underlying its use, reference 
must be made to the original papers. The 
main advantages of this polariser are that the 
separating line is vanishingly fine, and that 
the doublc refraction due to strain between 
the polariser and analyser is reduced to a 
minimum, so that it can be successfully used 
with what is equivalent to a very small half- 
shadow angle. It is mostly used for deter- 
mination of ellipticities; with a very thin 
sensitive strip a change of phase of 6.2 x 10- 7 
can be detected under favourable con(litions. 
Bates 2 has applied this type of polariser to 
a spectra polarimeter and found the extreme 
differences of readings less than ,0070. The 
Brace system is, however, rather fragile, and 
its use is not recommended except in work 
requiring the highest obtainable precision. 3 

 (12) CONSTRUCTIO
 AND l\IECHANICAL 
DESIGN OF POLARDIETERS. Simple Types.- 
I Brace, Phil. J1(((I., }f)03, v. un : Phys. Re1'., 1004, 
xviii. 70; Phl/.<;. ReI'., 1904, xix. 218. 
2 Bates, Ann. d. Ph!/.'1ik, 190:3 (4), xii. 100G. 
8 Circl. Bur. Sta., IÐl8, No. 44, p. 12. 


Since the requirements in polarimetry are so 
varied, it is only to be expected that the 
various types available should be numerous. 
For many purposes, such a'3 urine analysis, an 
accuracy of measurement of .1 0 is sufficient, 
and a simple instrument such as is shown in 
Fig. 17 is all that is required. The polarising 
system P is connected to a divided circle C 
C 


s 

 


FIG. 17. 


by means of the bracket. B. The analysing 
system can be rotated by means of the lever 
A, and its azimuth is given by the indcx arm 
1. The observation tube T rests on suitable 
suplJorts at each end, and the whole instru- 
mpnt is supported by a tripod stand Y. 
In making an obsprvation, the sodium light 
source S is either focussed on the polariser end 
P or brought as near to it as is possible with- 
out unduly warming the polariser, the tube 
T is filled with watcr and placed in position, 
the eyepiece R. of the observing telesco}Jc is 
either pushed in or drawn out, until a sharp 
image of t.he separating line of t.he polarisC'r is 
seen. The arm A is rotated until a position is 
reached ,vhen the two fields are equally dark. 
If the index arm I does not then read exactly 
0 0 or 180 0 , the procedure is as follows. The 
analysinO' nicol is mounted in a tube ,,"ith a 
short ar
 L fast.ened to it. This tube again 
in turn fits in the outpr tube to which A is 
fixed, and the analyser can be rotated a small 
amount with respect to it by means of thumb- 
screws which bear on L in t.he manner shown. 
The arm A is moved. therefore, until the index 
arm reads 0, and the thumb-screws turned 
until a match is obtained, Thr' tube T is now 
filled with the liquid to be cxamined, and in 
general both parts of the field will appear 
bright. Th
 arm A is again rotated unt.il a 
position of equal darkness is obtained. TÌ1e 
new reading of the index arm ,vill give the 
rotation of the substance. 
In some forms the whole instrument can be 
inclined, and clamped in any position by means 
of a s\vivel joint and holt. This obviates 
the necessity of raising or lowering t.he light 
source to suit. t.he instrument. The circle C is 
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generally about 3 in. in diameter and divided 
into degrees; the possible error in measurement 
is therefore .1 0 or .2 0 . "
hen slightly greater 
accuracy is required, a vernier reading to 0.1 0 
is enrrraved on the arm I instead of the single 
fidu
iary line, and it is often the practice 
to 
mount a magnifying lens on this movahle 
index arm, with a small mirror attached to it 
that projects oubid{' the circle and reflects 
on to the scale and vernier enough light from 
the source 8 to make a reading possibl(' in an 
otherwige darkened room. 
The optical arrangement ig shown in Fig. 18. 
The source 8 being either focussed on or close 
to the aperture A, the latter can be considered 
as the virtual light source. The position and 
focal length of the condenser C are chosen so 


case, instead of re\
ersing the one half prism 
as described by JeUett (see * (3)), two small 
natural rhombs are taken, and a section abed 
(Fig. 19) is cut "ith the long sides ad and be 
paraJlel to the cleavage edges of the rhomb, but 
"ith ab and cd making an angle 90 0 - () "ith 
the principal section EF "hich contains the 
optic axis of the crystal: while in the second 
rhomb ab is made to give an angle 90 + () with 
EF. "'hen these are joined or cemented to- 
gether with their corresponding faces abed in 
contact, the principal section of the one half 
makes an angle of 2Ð "ith that of the other. In 
order to have a sharp separating line, the one 
rhom b is placed a few millimetres behind the 
other so that the single edge ab of the one rhomb 
forms the separating line. The corner G of each 
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that the image of the stop A falls on the 
objective :\1 of the observing telescope. The 
polarising system immediatelJ follows the 
condenser. In the figure the Laurent polariser 
is shown, D being the polarising nicol, and E 
the half-wave plate covering a part of the 
field. In this type of instrument having a 
fixed half - shadmv angle, the Cornu - Jellett 
polariser is often employed instead of the 
Laurent. A second diaphragm F limits the 
beam "a.nd pre\'ents stray illumination by 
reflection from the sides of the obsprvation 
tube GR. The calcite prisms are difficult to 
clean l\ithout scratching; a thin protecting 
window K' is therefore mounted in the aperture 
F, and a similar one K at J. A low-power 
telescope :\[X immediately foHows the analyser 
L, and this is adjusted to gÍ\ye a clear image 
of the separating line of E in the field of view. 
Since the radiation from a sodium burner 
consists of lines in blue and other parts of the 
spectrum as well as the strong yellow radiation, 
a filter B (Fig. 18) of potassium bichromate is 
placed close to the aperture A. This usually 
con
ists of either a thin platp (about 1 mm.) 
of potassium bichromate crystal balsamed in 
between two glass coyer plates, or a glass cell 
containing a solution of the bichromate in 
l1ò ater. 
The instrument described above is as 
manufactured by Pellin; in a corre
ponding 
simple polarimeter of Schmidt and Haensch, a 
Lippich polariser "ith a fixed halt- shadow 
angle is employed. 
In the corresponding polarimeter of Belling- 
ham and Stanley, which reads bv vernier to 
.0.')0, the polaris;r consists either 
f a Laurent 
plate or a modified Jellett prism. In the latter 


FIG. 18. 


F 
rhom b is ground into a flat surface paraJlel to 
the line cd, but making a small angle with the 
plane abed. This allows greater latitude in 
adjustment without the extraordinary ray 
from G coming into the field of '\"'iew. This 
polariser forms a single detachable unit that 
can be quickly interchanged. 
The circle is be'\"'elled at 4.3 0 to its own plane, 
and the vernier is engraved on another fixed 


E 


circle similarly bevelled. The graduated scale 
and vernier therefore lie in the same surface, 
and no parallax error can be introduced. Since 
this vernier is engraved on a second completp 
circle instead of on a narrow index arm, the 
danger of widening the space between the scale 
and vernier, caused by accidental knocks, is 
considerably lessened. In this instrument the 
vernier is fixed while the circle rotates with the 
analyser. In order to avoid the accidental 
tilting of the instrument, which is liable to 
occur in the type shown in Fig. 17 when the 
thumb-screw of the s-uivrl U' has not been 
sufficiently tightened, the girder connecting 
the polariser and analyser is furnished "ith 
two bored holes into either of which the 
upright of the tripod can be placed. The one 
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supports the instrument in a rigid horizontal 
position, and the other inclines the polariser 
end downwards, at an angle of about };'')O. 
This instrument has a movable trough, con- 
sisting of t,vo close - fitting circular tu Les. 
Except for a narro,v portion at each end, 
nearly a ha1f of each tube is cut away, so that 
the tube holding the liq ui<1 to be examined can 
be inserted. \Yhen the inner tube is now 
rotated by a suitable knob through an angle of 
approximately 180 0 , t.he observation tube is 
completely enclosed. The chief advantage of 
this kind of trough is that no hinges are 
req uired; these often corrode after coming in 
contact with some of the liquids used in polari- 
metric analysis. 
The vernier is engraved to ('cad directly to 
.05 0 . 

 (13) HIGH ACCURACY POLARDIETERS.- 
\Vhen an accuracy of .OP is required, several 


in the measurement, the instrument should 
stand firmly on the table or bench. Bor these 
reasons it is usual to design the more accurate 
instruments to have trestle mounts with a 
su bstantial base. In addition, the space sur- 
rounding the optical axis of the instrument, 
between the polariser and analyseI', should be 
as free as possible, to allow for the interposi- 
tion of electromagnets, thermostats, or electric 
furnaces, as may be required. 
In ord('l' to show the mechanical ('onstruc- 
tion of a modE'rn accurate polarimeter, the 
construction and setting of one instrument will 
be described in detail and the Inore important 
differences in the design of other manufacturers 
will be noted. 
(i.) Adam Ililger, Ltd.-In the polarimeter 
illustrated in Fif}. 20 (made by Adam Hilger, 
Ltd., London) the half-shadmv angle of the 
polariser is varied by means of the small lever 
arm A which moves behind 
a small fixed scale giving 
directly the half-shadow angle; 
by mE'ans of the small thum b- 
screw shown, it can be clamped 
in any position. The verniers 
GO at the anaJysE'r end are 
fixed while the circle can be 
rotated váth the analysing 
nico!. The verniers are ob- 
served hy means of the Imv- 
power eyepieces 1\1.:\l. 
A monochromatic light 
source is placed in alignment 
with the optical axis of the 
instrument, and in ;uch a 
posit.ion that a rE'al image 
of it is formed approximately 
at the analyseI'. The eye- 
pIece N of the lo,v-power ubserving tele- 
scope is moved in or out until the edges of 
the half Lippich prisms at the polariser are 
sharply in focus. The circle F is set at the 
zero position. If the three parts of the ficld 
are not of equal intensity, the analyser is 
slightly rotated by means of the thumb-screws 
at L while the circle remains stationary. 
The trough C can be raiseu or lowered or 
slightly tilted by means of knurled nuts on the 
screws DD. If a large obsen 7 ation tube is to 
be used the trough must be correspondingly 
lowered so that the centre of the tube 
corresponds with the optical axis of th(' 
instrument. 
The observation tube being placed in posi- 
tion, the circle Ii'" will have to be rotated to a 
new position before a match of the fields is 
obtained. '''hen this position has heen found 
approximately the screw head R is tightened. 
A ring with a projecting arm J fits smoothly on 
a collar that forms an int('gral part of the 
circle. 'Yhen R is tightened, this ring, and 
eonsequentJy the arm J, is clamped to theo circle. 
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FIG. 20. 


changes are necessary. the most important 
being that of eliminating the eccentric error 
in the circle graduation. After the circle 
has been turned, it is usually mounted 011 
the spindle of another machine for dividing, 
consequently the common centre of the radial 
graduation lines ,vill not coinp,ide with the true 
centre of the circle ,,,,hen a small particle of 
matter is lodged bet,veen the spindle and the 
sleeve of the circle. Unless exceptional care 
is exercised, the error in measuring an angle of 
about 90 0 may amount to .02 0 . If two verniers 
are used, mounted approximately at 180 0 to 
each other, this error is eliminated if the mean 
value of a rotatio"!1 (as given hy each vernier) 
is taken as the true rotation. This will hold 
good for eccentricities up tù any likely to 
occur in practice. 'Yhen thE' use of the polari- 
meter is not confined to a Hpecial purpose, a 
variable half -shadow angle becomes almost 
a necessity. Furthermore, it is desirable to 
make the instrument as rigid as possible, anù 
since a small change from alignment with the 
light source may cause an appreciable error 
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The latter can therefore be slowly rotated by 
turning the screw K which bears against the 
ann J. \Ylwn the end of the screw K is waving 
away from J, the latter is kept in contact with 
the screw Ly pressure of the spring and plunger 
H on the other side. A slow motion arran
e- 
ment. such as the one explained above is practi- 
cally a necessity ,vhen settings have to be made 
to "ithin .01 0 . 
The trough C slides on the pins E for 
centring, and can be quickly removed ,vhen 
req uired. If necessary, the bar B connecting 
the polariser and analyser can also be un- 
screwed and removed, as the trestle mounts 
PP are sufficiently rigidly attached to the 
massive iron base S. 
(ii.) Bellingltam and Stanley.-In the corre- 
sponding Bellingham and Stanley (London) 
polarimeter special attention has been devoted 
to the ilJumination of the circle, as shown 
diagrammatically in Fig. 21. The scale and 
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verniers are turned conically away from the 
observer, and are illuminated by light from 
the source. A plane mirror set approximately 
parallel to the face of the vernier and scale, 
a
 shown, serves to reflect the light into the 
lo"--power eyepiece 31. A similar arrangement 
(not shown in the diagram) is mounted on the 
opposite side so that the eccentric error can 
be eliminated. The scale circle can be rota ted 
and set approximately by means of the capstan 
heads PP, the final adjustment being made 
with a slow motion similar in principle to 
that already described. 
For very accurate work it is necessary to 
have the room in complete darkness, so that 
the condition generally known as the" dark 
adapted eye" may be obtained. All the light 
from the source other than that entering the 
polariser must then be screened off, and the 
scale and verniers have to be illuminated 
independently as in other instruments. But 
it is an appreciable advantage of this arrange- 
ment that the graduations do not become 
clouded with moisture from th(\ breath of the 
observer, as the scale is turned away from 
him. 'Yhen a variable half-shadow polariser 
is required with this instrument, a modified 
Lippich system is supplied inRtead of the 
Jellett arrangement previously described. Here 


the long rhombs of spar (that form the com- 
ponents of the Jellett prism) are placed in the 
usnal positions of the half Lippich prisms, and 
the large nicol is rotated to vary the half-shadow 
angle as usual. A circular trough is used 
instead of the V -shaped trough of the Hilger 
instrument; this can be quickly removed, and 
two adjustable v-shaped supports can be used 
to hold an observation tube that is either too 
large or too small for the trough. 
(üi.) Schmidt and Haensch. - Correspond- 
ing polarimeters of Goerz and Schmidt and 
Haensch (Berlin) are generally similar in 
design to the Hilger instrument described 
above, except that the circles in these instru- 
ments are completely encased so as to keep 
the scales from tarnishing in a chemical 
laboratory. In the Goerz instrument the 
parts PP and S of F'ig. 20 are one casting, 
PP being massive iron pillars. 
It is also customary to fit a small circular 
table on the base S, which can be raised or 
lowered as required. 
The large polarimeter made by Schmidt and 
Haensch at the instance of Landolt has some 
interesting features. The trestle holding the 
analyser circle is about two inches thick, so as 
to ensure a smooth-running circle; the bush in 
which the rotating tube from the circle turns 
is long enough to ensure that there will be 
no sagging of the circle due to the projecting 
weight. The optical axis of the instrument is 
only about 6" above the upper face of the 
base, compared "ith 9" as is usual, thus 
making the instrument exceptionally rigid. 
Instead of a single trough, a series of four are 
mounted side by side on a common axis, so 
that anyone trough can be quickly brought 
into the optical axis of the instruments. This 
serves for the rapid intercomparison of the 
rotations in two or more observation tubes 
without the necessity of handling them and 
the consequent temporary rise in temperature. 

 (14) SPECTRO-POLARDIETERS.-It is often 
necessary to determine the rotation of sub- 
stances for various wave-lengths that cannot 
be obtained singly" ith the same ease as the 
yellow doublet of sodium. In the method 
devised by Fizeau and Foucault,l a slit is 
placed at the polariser of a simple polarimeter 
(consisting of two Xicol prisms and a graduated 
circle) with a prism and telescope. Sunlight 
is used as the light source. The nicols are 
crossed in the absence of the optically active 
material; when the latter is placed in the 
pa th a spectrum is seen at the telescope. On 
rotating the analyser, a dark band "ill be 
seen to move across the spectrum, and the 
rotation of the substance for a gÍ\-en wave- 
length is given by the amount that the analyser 
has to be rotated until the black band is at the 
position of that wave-length in the spectrum. 
1 .Fizeau et Foucault, Compt. Rend., 1843, xxi. 1153. 
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The method has been ÏInproved by Lippich 1 
and others, but it only gi'Tes good results when 
the rotatory dispersion is large. 
A convenient method of accurately deter- 
mining the rotatory power of substances for 
different wave-lengths is shown in Fig. 22, 
th<:> arrangement being similar to that used by 
Lo" ry 2 in his investigation on the rotatory 
dispersion of quartz. The light source S is 
placed at the focal plane of the short focus'Sed 


plane of polarisation is parallel to that of the 
analyseI', there is no appreciable reduction of 
intensity on transmission through the analyseI'. 
It follmvs, therefore, that in order that theslJ 
radiations may not influence the sensitiveness 
or the position of matching for the particular 
wave-length that is desired, the proportion 
passing through the slit must at most be of 
the order of .1 per cent. Owing to slight 
scattering at the refracting surfaces of the 
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condenser \V, which is close to 
the slit A, so that the latter is 
uniformly illuminated. To secuJ'Ð 
brightness of the final image the 
Iocal length of the condenser is 
so chosen that the light from S 
(which has a definite magnitude) 
fins the objecti\Te B of the col- 
limator, or so much of it as is operative in 
forming the final image. The parallel beam 
emerging from B enters a constant deviation 
prism C, and the resulting spectrum is focussed 
at the slit F of the polariser by means of the 
long focussed objective D. The Lippich 
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FIG. 22. 


deviating prism, lenses, etc., this spectral 
purity can never be attained in practice. It 
is therefore desirable to use a second spectro- 
scope in the form of a direct vision pri8111 V 
at the analyseI'. If, for example, a quartz 
mercury lamp be used as the source, and it 
is desired to observe the rotation of a substance 
for the green line (54fH), this Jine is set on 
the slit F of the polariser. \Yhen the analyseI' 
is rotated to the matching position, and the 
slits F being narrow, the green band as seen 
through N will be accompanied by slightly 
fainter bands of yellow and violet. \Vhen a 
rotatory dispersive medium is placed between 
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. . 
: : polariser N t N 2 , which is usually 
:: of the three-field type, is ar- 
:; ranged so that the separating 
-i-A lines are horizontal. G and H 
:: are glass protecting covers for 

 
 the polariser and analyseI' 
Ç:> W nicols. 
: : \Vhen the fields are matched 
" 
.: with a half - shadow angle of 
1(8 1
_o, the intensity of illumina- 
tion is only about .1 per cent of the intensity 
when the polariser and analyseI' are parallel 
(theoretically it is .06 per cent, but a slightly 
higher percentage is transmitted owing to the 
almost inevitable elliptic polarisation in the 
light when it reaches the analyser). 'Yhen 
an active substance is placed in the tube, the 
planes of polarisation of other wave-lengths 
may lie in azimuths considerably different 
from that of the analyseI', so that the latter 
only reduces their intensities slightly. In the 
extreme case of a particular wave-length whose 
1 Lippich, Wien. Sitzung.sùer., 188
 (11.), lxxxv. 307. 
2 Lowry, Phil. Trans., 1912, cCÀii. 
()1. 


the polariser and analyseI', these may become 
so important as to prevent an accurate reading 
of the rotation of the green ray, as described in 
general terms above. 
One of the writers has found that somewhat 
better results are obtained wIth an arrange- 
ment as shown in F1'g. 23. Here the light 
source S is focussed on the slit A by means 
of the'condenser \V, and the light of a particular 
wave-length emerging from the prism C is 
focussed by means of the lens D on the 
objective a of the observing telescope (the 
usual condition of illumination in polarimetry). 
The whole ùf the field at F is uniformly 
illuminated, and the slit can be opened until 
the yellow and green bands (supposing a 
mercury light source is used) as seen with t.he 
direct vision prism nearly overlap. 
The diaphragm Q in Fígs. 22 and 23 serves 
to eliminate the effects of internal rf'flection 
in the observation tube. 
The mechanical construction of the spectro- 
polarimeter, made by Adam Hilgcr, Ltd., can 
be seen from Fig. 24. The monochromator, 
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polariser, and analyser furm separate units 
that can be clamped in any position along 
the girder bed. In the illustration they are 
arranged for a trough to take observation 
tubes up to 100 cm. long. The drum of the 
monochromator has a long rod attached to 
it so that various wave-lengths can be set from 
the analyseI' end. "?hile it is not absolutely 
necessary. it is best to use a direct vision 
prism that does not greatly deviate the par- 
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as the light source. The small aperture 
diaphragms are removable so that the instru- 
ment can also be used fcr ordinary polarimetry, 
where the supply of a substancf' is sufficient 
for the usual observation tubes. 
(ii.) D1'abetometer.- 'Yhen the total rotation 
of the su bstance is small it is possible to 
dispense "ith the circle and yet be able to 
measure a rotation accurately. In the dia- 
betometer of Y von, as made by Ph. Pellin 
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ticular wave-length that is employed; thus 
a set of three interchangeable prisms giving 
direct vision for the red, green, and violet 
respectively are required for a complete ex- 
amination of the rotation of a substance over 
the ,,,"hole visible spectrum. 
In a spectro-polarimeter of Bellingham and 
Stanley, the light source is placed directly 
above the prism (no collimator and slit being 
used), whilst in the Schmidt and Haensch 
instrument a direct vision spectro- 
scope is mounted with a second 
slit, at the focal plane of the con- 
denser in the polariser head. 

 (13) POLARDIETERS FOR 
SPEC'IAL PURPOSES. (i.) Jlicro- 
polarimeter.- 'Yhen it is neces- 
sary to find the rotation of 
substances that can only be 
obtained in small quantities, 
dia phragms are mounted at both 
F and J (Fig. 18) so as to limit 
the beam. The tube into which 
the substance is placed has often 
to be a capillary tube of about 1 mm. diameter. 
In the instrument made by Schmidt and 
Haensch the diaphragms at F and J have, 
therefore, apertures slightly less than this, in 
order to avoid possible reflections from the 
walls of the tube. As the fipld of .dew is so 
small (it is not practicable greatly to increase 
the magnification of the observing telescope 
without makin
 the field too faint for accurate 
setting) it is best to use a two-field Lippich 
polariser, the separating line of the half 
Lippich prism always bisectin
 the fipld what- 
C\Ter size diaphragms are used. This instrument 
i.s fitted with a dired vision spectroscope (as 
described above), with a Xernst lamp attached 
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(Paris), the ana lysing nicol is mounted in the 
tube A (Fig. 25). "
hen thp. serew D if'turned 
by means of the divided drum E, the part B, 
being engaged to the screw, is rotated about 
the centre of A. The block C is merely to 
prevent E from turning too easily, as the screw 
will haye to move this backwards and forwards 
against the frictional pressure of the 
pring. 
The scale on the drum is gradu- 
ated so as to give directly the 
num bel' of grammes per litre 
of sugar or glucose in diabetic 
urine. allowance being made for 
the addition of 10 per cent (by 
volume) of subacetate of lead 
needed for clarification. 

 (16) I..IGHT SO"GRCES FOR 
POI.ARI:METRIC 'YORK. - As 
sources of sodium light a very 
large number of lamps have 
been designed. Fur most pur- 
poses it is sufficient to use a 
piece of fused borax on the 
grid of a nIeker-Bunsen burner; 
in many commercial lamps, the salt is con- 
tained in a platinum boat, and espeÓally 
when a coal gas - oxygen flame is used, 
the intensity is considerably greater. The 
Bureau of Standards found 1 that for an intense 
sodium light source it is best to feed some 
form of fused Xa 2 C0 3 into an oxy-hydrogen 
flame. The borax must not be allowed to melt 
too quickl}?, otherwise a reversal of the lines 
is obtained. For precision work. the Xa lines 
must be regarded as an inferior source, since, 
although the separation of the lines (6 Á.) is 
too great to consider the doublet as a homo- 
1 Cirel. Bur. Standards, HH8 (
nd ed.), 
o. H, 
p. 15. 
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geneous source, vet the lines are too close 
for convenient sp
ctroscopic sep
ration. 
The green line of mercury (3MB --l.) forms a 
very suitable light source for spectro-polari- 
metric work. Although this line has a com- 
plex structure when analysed hy means of 
an echelon grating or other high resolving 
apparatus, the difference in wave-length be- 
tween its extreme satellites is less than .4 Á., 
fifteen times less than the separation of the 
two sodium lines, and it is found that it can be 
regarded as homogeneous for rotations as 
great as 2.')(,0. If a quartz mercury-vapour 
lamp of the type manufactured by the "Testing- 
house Cooper-Hewitt Co. is used, this source 
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is of great intensity, and can be used inde- 
finitely with little or no attention; although 
its radiations are, owing to the higher pressurf', 
not so homogeneous as those of the glass tube 
lamps of the same company. The violet 
line of mercury, though not so prominent, can 
be successfully employed; the yellow lines 
cannot be so readily used, since here we are 
confronted ,yith the same difficulty as in the 
case of the sodium doublet, a separation of 
only 21 Á. The most useful lines are therefore 
5461 (green) and 4359 blue (the blue-green 
K R 
[I : 


unfortunately no reliable cadmium vapour 
lamp has yet been put on the market. 

 (17) OBSERVATIO
 T"LBEs.-The simplest 
form of polarimeter tube is shown in the If'ft- 
hand part of Fig. 2G. It consists of a straight 
tube of glass of an internal diameter of about 
10 nun. and with walls about 2 mm. thick. 
The ends are ground to the correct length, 
and should bf' paralJel to within a minute 
of arc. The ring C, the outside of which is 
threaded, is cemented on the glass tube, so 
that the latter projects slightly. The end cap 
D screws on the ring C, and this carries the 
end plate or cover glass G. In order that 
the plate should be heJd even I.'? against the 
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FIG. 26. 


end of the glass tube, a soft rubber washer R 
is placed between the plate and the face of 
the end cap. 
Unless the tube is verv carefuJlv filled a 
small bubble of air is left" in the tu"be, which 
often materially obstructs the path of the 
beam. This difficulty was overcome by 
Schmidt and Haensch (Berlin) by enlarging 
one end of the tube aH shown on the right-hand 
side of Fig. 26. The bubble rises to the top of 
the enlargement S, which is outside the direct 
path of the heam. The same purpose is 
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4916 is only about half the intensity of the other 
lines and does not prove very satisfactory). 
Lowry 1 has suggested that, in addition to 
the sources and lines mentioned above, the 
following lines are useful fGr spectro-polari- 
metry: the lithium red 6708 and the cadmium 
lines 6438 (red) and .JOSH (green). The lithium 
line is obtaillf'd as in the case of the sodium, a 
small oxy-hydrogen flame being used if great 
brightness is required, while the cadmium lines 
are given by a rotating arc. The electrodes are 
made of 28 per cent cadmium and 72 per cent 
silver, and are rotated in opposite directions at 
a speed sufficiently high to prevent flickering. 
A more convenient cadmium source is the 
cadmium vapour lamp of Sand,2 a modification 
of which has been suggested by BateR, 3 but 


1 Lowry. Phil. ]J[(l(}., 1009. xyiii. 320. 
2 
and, Proc. Phys. Sor., HH5-16, xxviii. 94. 
8 Bates, Sci. Paper Bur. Sta., 1920, No. 371. 


effected in the tubes of Bellingham and StaIÙey 
(London) by blowing a small bubble or en- 
largement at the ccntre of a straight tube. 
The cemf'nt with which C is fastened to the 
tube often becomes louse in time, and the scrmy- 
ing of the end cap tends to draw the ring over 
the end of the tube, virtualJy lengthening thl' 
eolumn of liquid and so introducing an error 
in the rotation per unit length. In order tu 
avoid this Neumann 4 has designed the tube 
shown in F1:g. 27. Both ends of the tube 
are ground conically. The ring T is ground 
to fit the cones of the tube exactly, and is 
placed in position by splitting the rings along 
SS. Another ring R is screwed up as shown 
and serves to keep the split ring tightly 
clamped to the cone of the tube. The ends 
A are then ground to the correct length and 
parallel, the end cap K and thl' cover glass 
4 Kellmann, Chern. Zeilllllg, HH3, .No. 51. 
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D being the Hame as in the ordinary tube. 
The great advantage of this type of tube is 
that it can be used ,..-ith ether, alcohol, chloro- 
form, benzol, zylúl, etc., which attack the 
cement in many of the ordinary tubes. The 
tube can be made of fused silica or porcelain 
and used for high temperature work in an 
electric furnace, when the cement of the 
ordinary tube would melt. It is made by 
Schmidt & Haensch (Berlin). 
In very accurate work, it is necessary that 
the temperature of the substance should be 
uniform and that it should be accurately 
known, since rotatory power is a function 
of the temperature. The most con\'"enient 
way of doing this is to surround the tube 
with another metal tube ha\'"ing small side 
tubes in it that can be connected to a thermo- 
stat. The better made \\ater-jacketed tubes, 
as they are called, ha'
e baffles mounted be- 
tween the outer and inner tube, so that the 
flow of the water should be helical and envelop 
the inner tube, Än o}X'ning in the middle of 


t 


the inner tube (see Fig. 
S) provides for the 
insertion of a sensitÌ\-e thermometer, the rota- 
tion not being measured until the temperature 
has become steady. 
\Yhen rotations ha \'"e to be determined for 
temperatures below the dewpoint of the 
atmosphere, the end plates must be protected 
against the condensation of moisture. \Yiley 1 
employed a second cap made of some non- 
conducting material such as hard rubber; 
the air-space in between the two cover glasses 
contain some desiccating substance. 
The jacketed tube is not very satisfactory 
for use at comparatively high temperatures 
o"ing to the fall of temperature along the tube 
due to conduction, etc. It is then preferable 
tu have the tube in a thermostat mounted 
between the polariser and analyser. a 
The measurement of rotation in fermenting 
liquids (for biochemical work) has to be 
carried out at 37 0 C. Abderhalden,3 in 
conjunction with Schmidt and Haensch, has 
evoked an ingenious arrangement whereby 
six small tubes are mounted on a horizontal 
1 Wiley. Journ. Adler. Chpm. Soc., 1806, xviii. 81. 
2 Paul. Zeitf;chr. ph.lls. ('hem., 1916, xci. ï 15. 
3 Abderhalden, Hoppe-Seyler's ZeUs. jür physiolog. 
Chem., 1913, !xxxiv. 300. 


wheel in a circular box, anyone of which can 
be brought in line" ith the optical a
is of the 
polarimeter. The tubes are electricall) heated 
and the temperature can be kept constant at 
37 0 C. by n1f'ans of a rheostat. 

 (18) ApPLICATIO:XS OF POLARDIETRY.- 
The property of optical rotation is (,f prime 
importance in organic chemi<;try. The work 
of Pasteur (1848) showed that substances 
otherwise identical can exist in a right-rotating, 
left -rotating, and inactive form. Later he 
introduced the conception of molecular 
assymetry, which led \an't Hoff and Le Bel 
(both in 1874) to the discovery that optical 
actidty always indicated assymetriC' dis- 
tribution of the carbon valencies in the 
molecule. The further de\elopments of this 
theory are fully dealt with in text-books on 
stereochemistry. \Yilhehny in 18.")0 used the 
polarimeter to measure the rate of in,-ersion 
of cane sugar, and employed the results 
as a basis for the first correct mathematical 
treatment of the velocit;y of a chemical reaction. 


FIG. 28. 


The polarimeter is extensively used in 
analytical chemistry for quantitative deter- 
minations. In this connection, the term 
spec
tic rotation, introduced by Biot, is 
employed. By this. t{:rm is meant the angle of 
rotation caused by a length of 10 cm. of a 
solution containing 1 grIn. of active substance 
per c.c. This will vary with the wave-length 
used and with the temperature, and is 
"0 0 
designated by the abbreviation r a. f , which 
D 
indicates the specific rotation of a substance 
at ::W o C. using the yellow (D) lines of sodium 
as a light source. 
It then follows that [o.]D =o./l x c, where a. 
is the obser\'"ed rotation and c the number of 
grammes of the substance per c.c. of solution. 
[a.] varies not only with the wave-length and 
temperature, but also with the concentration, 
the relationship being somewhat complex; for- 
tunately the variation is usually small, and 
need only be taken into consideration in accu- 
rate work such as the determination of sugars. 
Knowing the specific rotation, the polarimeter 
can be used for a large number of anal} tical 
determinations, such as the estimation of the 
alkaloids, camphors, and essential oils. Rosin 
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or castor oil may be detected in mineral oils 
by their optical activity. 
The use of the instrument is not necessarily 
confined to the determination of optically 
active substances; a large number of inert 
substances exert a powerful influence on the 
rotatory power of active solutions. Thm
 
acetone or boric acid can be determined in 
solutions of tartaric acid of known strength. 
The solvent used to dissolve an optically 
active sub
tance has considerable influence on 
the rotatory power of the latter, and this 
property will very likely be capable of many 
new analytical applications in the near future. 
The instrument forms a useful tool for the 
study of fermentation and other problems in 
biochemistry. w. E. W. 
F. T. 


POLARISATIO:N, PLANE OF: the plane of 
incidence of a polarised ray upon a reflecting 
surface when the reflected ray is of maximum 
intensity. According to the electromagnetic 
theory of light, the plane of polarisation is 
at right angles to the direction of the 
electric force and parallel to the direction 
of the magnetic force in the wave front. See 
"Polarised Light and its Applications," 

 (2). 
POLARISATION OF LIGHT, PLANE, CIRCULAR, 
A
D ELLIPTICAL. See" Polarised Light and 
its Applications." 
POLARISATIO:N PHOTO.METERS. See "Photo- 
metry and Illumination," 
 (30). 
POLARISATION SPECTROPHOTO
IETERS: instru- 
ments in which the brightness match is 
obtained by the rotation of a polarisation 
device. See" Spectrophotometry," 
 (12). 
POLARISCOPE, TOUR
IALINE. See" Polarised 
Light and its Applications," 
 (9). 


POLARIS ED LIGHT AND ITS 
APPLICATIOXS 



 (1) I:NTRoDucTIO:N.-Fresnel's original con- 
ception of the disturbance producing the sen- 
sation of light was, briefly, a train of wav('s 
propagated by vibrations of ethpr particles 
taking place in all directions perpendicular 
to the direction of propagation of the disturb- 
ance. Later, he modificd this concpption to 
ohviate the mechanical objection to two 
adjacent particles moving in totally different 
directions, and he postulated a vibration at 
any given moment of all particlcs along 
parallel lines, but with so rapid a change in 
the common direction of motion that a period 
of vibration in anyone direction cannot he 
isolated in the analysis of a beam of ordinary 
light. Under special conditions, however, the 


vibrations may be restricted in such a way that 
anyone particle continues to describe the 
same path, whethpr it bp linear, circular, or 
elJiptical, and all the particles affected by the 
disturbance describe exactly similar paths. 
It is this restriction of vibration that is kno\\ n 
as the polarisation of light. 

 (2) DISCOVERY OF FU:NDAMEXTAL PUE.KO- 
:\IENA. - Two and a half centuries ago 
Erasmus Bartolinus discovered the power of 
a crystal of Iceland spar to resolve a beam of 
ordinary light into two separate rays; twenty 
years later Huygens repeated his work, and 
found that two rays were produced unless the 
light was travelling parallel to the crystallo- 
graphic axis of the crystal, and, moreover, 
that each ray could again be subdivided by 
its passage through a second crystal unless 
the latter was orientated in one of four 
definite directions relative to the first crystal. 
[n that case the two rays were transmitted 
without further division. A few years later 
Newton confirmed these observ
tions, but 
still no explanation was forthcoming, although 
both these pioneers recognised the fundamental 
property of polarised light, namely, its asym- 
metry about its direction of propagation. 
"Have not," wrote Newton, "the rays of 
light several sides endued \vith several original 
properties ? " 
Early in the nineteenth century :Malus 
made the chance discovery that light reflected 
from glass possessed in part thp characteristics 
of rays emerging from a calcite crystal, and 
that these characteristics became most marked 
for a definit.e angle of reflection. Experiment- 
ing later with light reflected from oUIPr 
surfaces, he found that this held good for "all 
reflecting surfaces other t.han metals, but 
that the angle producing the maÀimum result 
varied with each individual substance. En- 
deavouring to find an explanation for these 
facts, he rejected the wave theory of light as 
offering no possi.ble solution; at that time 
Young's longitudinal vibration theory had 
not. yet been superseded by Fresnel's more 
far-reaching transverse vibration theory, and 
obviously the former could give an even less 
satisfactory explanation than could t.he older 
corpuscular theory of Newton. :Malus con- 
cluded that the phenomena must be due t.o 
some induced propPfty of the corpuscles 
transmitting light rays, comp3,rable with a 
magnetic or electric charge, and producing in 
the light a definite bias or "polarity," and 
this gave birth to the title of " polarisatiun," 
which has survived the destruction of the theory 
to which it o""es itA origin. The group of 
workers responsible for leading the explanation 
along new theoretical lines included Young, 
Fresnel, Arago and Brewster, who suggeRtpd 
and elabor:ated a theory of polarisation based 
on a wave theory of light. 
evertheless, 



POLARISED LIGHT AXD ITS APPLICATIOXS 


491 


3.lthough his efforts at explanation did not 
stand the test of time, :i\Ialus accumulated a 
mass of results from minute and accurate 
ob::;ervation on the behaviour of polarised 
light \vhich furnished conclusive evidence for 
the law which bears his name. 
The asymmetry of a ray polarised by reflec- 
tion becomes very ev'Ïdent when the ray 
suffers reflection from a second surface, and 
)Ialus found that the intensity of the final 
ray was dependent upon the plane of incidence 
at the second surface. He attributed to each 
ray a plane passing through its path which 
bore a definite relation to its asymmetric 
properties; this he called the Plane of Polarisa- 
tion of the ray, and defined it as the plane of 
incidence of a polarised ray upon a surface 
when the reflected ray was of maximum 
intensity. The angle of reflection from a 
surface for which the polarisation of the light 
was most complete he termed the A ngle of 
Polarisation. His Law of Polarisation could 
then be stated as follows: 
'Vhen a ray of light polarised by reflection at 
one surface falls upon a second surface at the 
angle of polarisa,tion, the intensity of the twice- 
reflected ray varies as the square of the cosine 
of the angle between the two planes of reflection. 
The foundations of the theory of polarisation 
which holds to the present time \\ ere laid by Young 
and Fresnel in their conception of light transmission 
by transverse wave motion. Fresnel saw the im- 
mediate application of the conception to the case of 
polarised light, and suggested the restriction of the 
vibrations to a definite unchanging path at right 
angles to the direction of propagation. Accepting 
his hypothesis, we shall for the moment considf'r 
only light whose vibrations are linear and take place 
in one definite direction. To this has been given the 
name of Plane Polarised Light. 
A crucial test of Fresnel's theory lay in the in- 
vestigation of the behaviour of two plane polarised 
rays under conditions which might be expected to 
produce interference. Fresnel and Arago carried 
out this work, and their results added evidence in 
favour of the wave motion hypothesis, and led to the 
3stablishment of the following five laws governing 
the interference of polarised rays, kno\\ n as the 
Fresnd-Ara{Jo Laws: 
1. Two rays polarised in the same plane interfere 
with each other under the same conditions as 
for ordinary light. 
2. Two rays polarised at right angles to one another 
do not interfere ,mder these conditions. 
3. Two rays polarised at right angles, if obtained 
from unpolarised light, may subsequently be 
brought into the same plane of polarisation 
without acquiring the power of interference. 
4. Two such rays derived from plane polarised 
light will, under the same ('onditions, show 
interference. 
5. In the latter case a phase difference of 1r, 
equivalent to half a wave-length, must be 
added to the estimation of the path difference. 
At about the same time Brewster deduced 


from experimental data another law goyern- 
ing the size of the angle of polal"isation. 
Brewster's Law may be expressed simply in 
the statement that the tangent of the angle 
of polarisation is equal to the index of refrac- 
tion of the reflecting substance. From this 
it follows that at the pol arising angle the sunl 
of the angles of incidence and refraction is 
90 0 , or that the reflected ray is perpendicular 
to the refracted ray, and that when light 
travelJing in a medium is polarised by reflec- 
tion from the bounding air-surface of the 
medium the refractive index is the cotangent 
of the polarising angle. Evidently, therefore, 
the polarising angle will vary ",ith the wave- 
length of the light used. 'Yith most substances 
the dispersion is too low to show the effects of 
t.his law, but" ith substances of very hip.h dis- 
persive power, such as nitroso-dimethyl-aniline, 
the effect is visible in the distinct coloration 
of the image of a white source of light, and in 
the variation of the colour with the angle of 
incidence. 
By the examination of light polarised by 
refraction through a crystal or by reflection at 
a glass surface various definite facts were 
deduced. The two rays emerging from a 
crystal of calcite were found to be polarised 
with their planes of polarisation parallel and 
perpendicular respectively to the plane 
containing the incident ray and the crystal- 
lographic axis. The ray reflected from a 
polished non-metallic surface was polarised in 
the plane of incidence and the refracted 
portion was partially polarised in a perpen- 
dicular plane. After a second refraction at the 
polarising angle the percentage of polarised 
light in the refracted ray was increased, while 
again the reflected ray "as wholly polarised 
in a perpendicular plane, and this process 
could be repeated at any number of surfaces 
until the final refracted beam contained no 
appreciable amount of unpolarised light. 
These facts are capable of simple explanation 
on the wave theor:r of light propagation. 

 (3) EXPLANATION ON 'YAVE THEORY.-A 
-transverse vibration in any dire-ction may be 
resolved into two component vibrations at 
right angles in the same plane; moreover, it 
can be shown that an elliptical or circular 
vibration can be resolved into two simultane- 
ous linear vibrations at right angles to each 
other differing in phase. It may be supposed 
that a crystal such as calcite has an inherent 
power of resolving light vibrations in this" ay ; 
a separation of the two rays would be effected 
if we suppose that the one set of vibrations 
possesses a different rate of propagation 
through the crystal from that of the perpen- 
dicular set. This subject will be investigated 
more fully a little later in the general discus- 
sion of the behaviour of crystals in trans- 
mitting light. Turning now "to the question 
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of polarisation by reflection, the wave theory 
supplies an equally simple explanation. ''"'hen 
a beam of light meets a flat surface of a 
transparent medium, part of the light is 
reflected, but the greater part is transmitted. 
If in a ray of light incident on a surface at the 
polarising angle the vibrations are resolved 
into directions parallel and perpendicular to 
the plane of incidence, the polarised reflected 
ray can be regarded as derived from the 
l'etlection of part of the component whose 
vibrations are perpendicular to this plane. 
No part of the component in the plane 
appears in the reflected ray. The refracted 
light then consists of the remainder of the 
perpendicula,r component together with all 
the light vibrating in the plane of in- 
cidence, and the preponderance of vibrations 
in the latter direction causes the refracted 
beam to appear partially polarised in the 
corresponding sense. On a second reflection 
the degree of polarisation of the refracted ray 
is increased by a repetition of the same process, 
while the reflected light again consists of 
vibrations perpendicular to the plane of 
incidence, and reinforces the bpam reflected 
at the first surface. Each additional surface 
augment:3 this double process of reflection 
and refraction until the final refracted ray 
is deprived of all vibrations perpendicular to 
the plane of incidence, and consists wholly of 
vibrations taking place in this plane. 

 (4) RELATIO
 BETWEEN PLANE OF POLAR- 
ISATION AND DIRECTION OF VIBRA'l"ION.-So 
far no definite relationship has been established 
as existing between the plane of polarisation, as 
defined by ::\Ialus, and the plane in which the 
vibrations take place. Various investigators 
have assumed the alternate possibilities of the 
parallelism or perpendicularity of these planes. 
Fresnel, to whom we owe so much of our 
knowledge in this branch of Optics, assumed 
as a basis for his mathematical investigations 
that the vibrations were perpend.icular to 
the plane of polarisation: 1\1 'Cullagh, on the 
other hand, deduced as a consequence of his 
theory that the vibrations were in IVlalus's 
plane of polarisation. At the present time the 
electromagnetic theory indicates the existence 
of vibratory motion in both planes; the 
electric force is perpendicular to the plane of 
polarisation, the magnetic force is in that 
plane, and both these are concerned in the 
tra.nsmission of the light. 
Stokes, working on the C'lastic solid theory, pro- 
duced his Dynamical Theory of Diffraction, l wher['in 
he arrived at a result which could be employed as 
a criterion of the actual vibration direct.ion in plane 
polarised light. He showed theoretically that, 
if plane polarised light is diffracted, each diffracted 
ray is also plane polarised, and further, that if the 
plane of polarisation of the incident ray is inclined 
1 J1 athematical and Physical Papers, 1901, ii. 


successively at regularly increasing angleR to the 
plane of diffraction, the planes of polarisation of 
the corresponding diffracted rays are crowded 
together towards the plane of diffraction or towards 
a perpendicular plane according as the vibrations 
are parallel or perpendicular to the plane of polarisa- 
tion. Experiment with finely ruled gratings sho\\ed 
tha,t the latter effect is produced, which indicatrs 
the correctness of Fre8nel's hypothesis. 
Another suggestive experiment was carried out 
by Tyndall. A ray of polarised light was passed 
longitudinally through a tube containing very fine 
particles in suspension. If the vibrations of the beam 
were confined to one plane, say the vertical plane, 
the beam would possess no energy capable of pro- 
ducing horizontal vibrations. It has been shmBl 
that t.he intensity of plane polarised light scattered 
by fine particles is zero in the direction parallel to 
the vibrations of the light; consequently, there 
would in this case be no scattered light visible in 
the vertical direction; the vertical vibrations would, 
however, render scattered light yisible in the hori- 
zontal direction perpendicular to the axis of the tube. 
Using light polarised in the horizontal plane', Tyndall 
found that scattered light was visible only in a hori- 
zontal direction, which may be taken as an indication 
that the vibrations in a plane polarised ray arc per- 
pendicular to its plane of polarisation. 

 (.3) DOUBLE REFRACTION.-It will be con- 
venient at this point to consider the general 
behaviour of crystals in transmitting light, as 
upon this we are dependent to a great extent 
for the production, analysis, and technical 
applications of polarised light. 
A su bst.ance in the crystalline state differs 
from an ordinary isotropic medium in t.hat 
many of its propert.ies may vary in diff('r('nt 
direct.ions. All crystals can be referred to 
definite systems of crystallographic axes,2 and 
are divided into classes according to the 
relative length and inclination of thpse axes. 
In its natural form the shape of a crystal is 
governed by the character of the axes, which 
determine the size of the angles contained 
by all possible crystal faces, and just as 
the morphology of a crystal varies along 
the different axial directions, so there is a 
corresponding variation in other physical 
properties, mechanical, thermal, electrical, 
magnetic, and optical. In short, a crystal is 
possessed of a definite molecular structure on 
which depend the physical properties along 
any definite direction. In the most r('gular 
system, the cubic, the three axes are all equal 
and perpendicular, and th(' optical properties 
are constant in all directions, hut in other 
systems, as t.he relation bctween the crystallo- 
graphic axes becomes mor(' complex and less 
regular, corresponding variations appear in 
all physical properties. 
It has alr('ady been noted that the property 
of double refraction in Iceland spar was 
discoverPf! as e
rly as }670, and later Huygens 
and others estahli
hed ({('finite facts connected 
2 See" Crystallography," 
 (4), etc. 
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with this p}lPnomenon. A ray of light in 
pa.ssing through a calcite crystal is in general 
di\
ided into two perpendicularly polarised 
rays, only one of which obeys the laws of 
ordinary refraction. They are termed re- 
spectively the ordinary and extraordinary rays, 
and they tra\el along slightly different paths, 
the separation between them yarying with 
their inclination to the crystallographic axes, 
and becoming zero when the light tra\els 
along a definite direction in the crystal known 
as the Optic A,
is. 
\ll doubly refracting 
crystals may be clasf'ified as 'Uniaxial ûr 
biaxl:al according to the presence in the 
crystal of one or of two directions along which 
there is no separation of a refracted ray. 

;ïnce the case of uniaxial crn:ta Is is \ery 
much simpler, we shall cIeal first with th;t 
alone; moreover, this class is of the greater 
importance in optical work, as "it includes the 
two crystalline media. most commonly used, 
namely, quartz and calcite. 

 (6) UNIAXH.L CRYSTALs.-The separation 
of the rays produced by refractIon indicates 
the existence of two values of the refractiye 
index of the crystal for rays polarised in two 
perpendicular planes. If the direction of 
the incident ray is varied it is found that the 
refractive index corresponding to the ordinary 
ray is constant for all directions through the 
crystal, while that for the extraordinary ray 
varies, reaching extreme \-alues parallel to 
the optic axis, when the index is that of the 
ordinary ray, and perpendicular to the axis. 
It can be shown, too, that the ordinary ray 
is always polarised in the principal plane, 
that is to say, in the plane containing the 
refracted ray and the optic axis, so that its 
vibrations are always pprpendicnlar to the 
optic axis, while the extraordinary ray is 
polarispd in the plane at right angles to the 
principal plane. 
(i.) Huygens' Construction for Path of 
Rays.-Although with his conception of the 
nature of light. transmission Huygens could 
not explain t.he polarisat.ion of dou bly refracted 
rays. he was able to represent the formation 
and paths of the two rays by a graphic method, 1 
attacking the problem by a consideration of 
the" a\e-fronts of light disturbances tra\elling 
in a crystalline medium. Supposing a disturb- 
ance to emanate in all directions from an 
isolated point in the crystal, two separate 
wa\ge-surfaces will be formed. that of the 
ordinary rays traxE'lling at the same speed in 
all directions, and spreading out in the form 
of a sphere ,-dt.h ever-increasin[! radius. · The 
rate of propagation of the extraordinary ray 
'will vary along different directions, and 
consequC'ntly the wave-surface will no longer 
be spherical. Huygens assumed that it 
would take the form of a spheroid generated 
1 See" Light) Double Refraction of." 


by the revolution of an ellipse, the axi
 of 
revolution coinciding "ith the diameter of the 
spherical wave-surface that is parallel to the 
optic. axis. Ffhis assumption satisfied the 
necessary condition that the refractive index 
for the extraordinary ray should have an 
extreme \alue in the direction of the optic 
axis, and a second extremp value in all direc- 
tions perpendicular to the axis. 
Huygens' graphical method (If det.ermining 
the position of a refracted plane wave-surface 
by considering e.ach point on the refracting 
surface as an origin of secondary disturbancE' is 
well known. Suppose AB (Fig. 1) represents 


FIG. 1. 


a section of the plane wave-front impinging 
on the plane surface AC of a doubly refracting 
medium, both planes being perpendicular to 
that of the paper. The point A may be taken 
as an origin for the two disturbances propa- 
gated in the crystal, one of which will spread 
in a spherical form, and the other in a spheroidal 
form. Let the plane ARC contain the optic 
a:\.is, "hich lies in the direction 
\P; then these 
wave-surfaces may be represented by the 
circle through P and 0 with its centre at A, 
and the ellip
e through P and E \\ ith AP 
and AQ as its axes, where APjBC and AQ,BC 
represent the extreme \alues of the refracti\ge 
index, the former for both rays travelling 
along the optic axis, and the latter for the 
extraordinary ray tra,-eIling perpendicular 
to it. The refracted wa\e - fronts of the 
whole beam will consequently be represented 
by the tangent planes 2 rC'spectively to the 
ordinary and extraordinary wave - fronts. 
These ,
ill be perpendicular to the paper and 
cut it in lines CO and CE respecti\ely. It is 
clear that in thp case of the lat,ter ray the 
sines of the angles of incidence and refraction 
bear no constant relation to each other, and, 
moreover, the wa\e-front CE is not perpen- 
dicular to the direction of the ray A"E unless 
the latter is travelling parallel or perpendicular 
to the optic axiR. 
If thE' optic axis is not co-planar with AB 
and AC, the plane through C and the intersec- 
a See" Light, Propagation of." 
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tion of the incident wave and the refractory 
surface tangential to the spheroid described 
round A will not touch the spheroid in the 
plane of incidence ABC; in this case, therefore, 
the extraordinary ray does not obey either 
of the laws governing ordinary single refrac- 
tion. Various special cases can be examined 
by applying the necessary modification to the 


B 


. having two sheets; as shown in Fig. 2 t.he 
section of the surface by each of the I)rincipal 
planes is a circle and an ellipse. 
FLETCHER'S I
DICATRIx.-Another widely used 
representa tion of the optical properties of a crystal 
is Fletcher's Indicatrix. It is identical with the older 
" Index-ellipsoid" of M'Cullagh, the eHipsoid being 
constructed on semi-axes proportional to the three 


c 


graphical representation of the simple case 
considered here. 


Much work has been done by later investigators, 
proving that Huygens was justified in his assumption 
as to the shape of the wave-surface of the extra- 
ordinary ray. There are two possible cases to be 
considered: the refractive index for the extra- 
ordinary ray perpendicular to tllf' optic axis may be 
either less or greater than that for the ordinary ray. 
In the former case the wa ve-sur- 
faces within the crystal will take 
the form of a sph
roid enclosing 
a sphere, having a common diameter 
parallel to the optic axis; calcite 
belongs to this class of crystals, 
which are said to possess negative 
birefringence, or, more shortly, to be 
negative crystals. In the other case 
the spherical wave-surface encloses 
the spheroid, and the crystals are 
said to be positive. Quartz may be 
instanced as an example of a posi- 
tive crystal, although it will appear 
later that owing to its rotatory 
power the two wave-surfaces in a 
quartz crystal do not touch at any 
point, that is to say, the difference in 
refractive index for the two rays reaches a minimum 
along the optic axis, but never disappears entirely. 

 (7) BIA"XIAL CRYSTALS. (i.) TVare Sur- 
face.-Huygens did not extend hb theory to 
explain the phenomena exhibited by biaxial 
crystals, and his construction is not applicable 
to this case. It is to Fresnel that we owe the 
earliest complete theory of double refract.ion, 
dealing with both biaxial and uniaxal crystals. 
Some account of this will be found in the 
article" Light., Double Rpfraction of." J\lean- 
while, it is sufficient to say that the wave- 
surface is of a somewhat 
omplicatf'd form, 


FIG. 2. 


c 


refractive indices referred to before (article" Light, 
Double Refraction of "). Space does not permit of 
a full explanation of the properties of the Indicatrix, 
which may be found in the larger treatises on 
Crystallography, or in the original paper by its 
inventor; 1 it must suffice to state that in any section 
of the ellipsoid the axes arc proportional to the 
refractive indices of the two polarised rays whose 
wave-fronts move along the normal to that section, 
and indicate the vibrat.ion dirf'ctions 
in the rays, while their difference in 
length gives a measure of the double 
refraction along the normal to the 
section. 


(ii.) Pn:mary and Secondary 
Optic Axes.-The position of a 
plane wave for which there is 
only single refraction through 
the crystal will, as we have 
seen (article "Light, Double 
Refraction of"), be the plane 
tangen tial to the t.wo wa ve- 
surfaces. Taking a section in 
that plane through two axes of 
the ellipsoid in which two Rheets 
of the wave-surface intersect in 
N (Fig. 3), 1\1:\1' represents the common tan- 
gent which t.ouches the circular section in 1\1 
and the elliptical section in 
1'. 0::\1, the nor- 
mal to the tangent plane through 1\1, represents 
the direction in which a single wave-front is 
propagated, and, therefore, is the optic axis. 
ON, joining the centre to the point of int.er- 
spction of the circle and ellipse, and representing 
the direction in which a single ray is propa- 
gated, is sometimes des(:ribpcl as the Secondary 
Opti(' Axis; or it is described more completely 
by the name Axi8 of Single Ray Velocity. 


Fw.3. 


x 


1 JIlin. Jllag., 1891, ix. 278. 
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(iii.) Conical Refraction.-Km...- if the com- 
plete "ave-surfac
s are considered and not 
merely the sections in the ZX plane, it can 
be proved mathematically that the common 
tangent plane through 1\1:\1' touches the sur- 
faces in a circle and not merely in two points, 
as Fresnel originally assumed. 
If, then, a plane wave is incident on the 
crystal parallel to the tangent plane l\1M', 
any line joining points on this circle of inter- 
S<'ction to the centre 0 \\ ill be possible direc- 
tions for rays entering the crystal. The 
direction will be determined by the plane of 
polarisation of the incident light; if the latter 
is unpolarised, that is to say. if it contains 
vibrations jn all possible directions, the 
refracted rays "ill take the form of a hollow 
cone of rays, each element of the cone being 
polarised in a separate plane. This pheno- 
menon, known as internal conical refraction, 
was predicted by Sir \Yilliam Hamilton,l 
and verified practically by Dr. Lloyd. 2 An 
analogous effect, known as external com'cal 
refrartion, is produced by the refraction out 
of a crystal of a ray travelling along OX, or 
the axis of single ray velocity. The direction 
of the Wfl"'-
 normal in the crystal will be nor- 
mal to the plane touching the wa\Te-surface 
at the point where it is intersected by the ray 
inside the crystal. Since the ray O
 meets 
the wave-surfaces at the apex of a cone, there 
are an infinite number of tangential planes to 
the wave-suclaces at this point, and the norw 
male from X to these planes will form a hollow 
cone. The ray OX when refracted out of the 
crystal \\ ill therefore form a hollow cone of 
light. The practical demonstration of both 
these phenomena, which are consequent on 
the theory of birefringence in crystals, helps to 
establish the correctness of that theory. 
(iv.) Relation between JlorpllOlogical and 
Optical Propertie8.-It is essential from the 
point of view of practical work \\ ith actual 
crystals to have a clear idea of the relation 
between their morphology and their optical 
properties. 3 It has already been stated that 
crystals exhibiting the highest possible sym- 
metry, and therefore belonging to the cubic 
system, possess identical optical properties in 
all directions, and from an optical point of 
view behave in all respects as an isomorphous 
medium. Cryst.al
 of the tetragonal, hexa- 
gonal, and trigonal systems are uniaxial, 
their optic axis coinciding with the main 
cry
tallographic axis. Crystals of other 
s.v
tems, the rhombic, monoclinic, and triclinic 
systems, are biaxial. In a -rhombic crystal 
the axes of Fresne]'s or of Fletcher's ellipsoid 
coineide with the crystallographic axes in 
direction, although not necessarily in length. 
1 Trans. Roy. Irish A.cad.. 1833. xvii. 
I Phil. J[ag., 1833, ii. 112 and 207. 
3 See" Crntallography," 9
 (7) and (21). 


A monoclinic crystal possesses one crystal- 
lographic axis perpendicular to the plane 
containing the other two, which may be 
inclined to each other at any angle, and this 
axis, about" hich the crystal is symmetrical, 
coincides with one axis of the ellipsoid. The 
other two axes of the ellipsoid lie in tlw 
perpendicular plane of symmetry, but neither 
of necessity coincides with a crystallographic 
axis, and their position may show changes 
\vith a change of temperature or wa\-e-Iength. 
In a. triclinic crystal, which possesses no 
symmetry about any crystallogra,phic axis, 
there is no definite relationship between the 
positions of the morphological and optical 
axes. 


DISPERSIOX OF AXES AXD BISECTRICES. - In 
dealing \Üth the position of the optic axes and the 
bisectrices of the optic a
ial angle it was assumcd 
that the wave-length of light remained constant. If 
white light is used in the examination of a crystal 
there may be different directions in the crystal 
for different wave-lengths along "hich there is no 
doublf' refraction, and this \\ ill cause a disl)ersion oj 
the optic axes. Dispersion of the bisectrices also may 
take place, the effects ,-arying in different classes of 
crystals. In all cases in \\ hich an optic axis or a 
bisectrix coincides with a crystallographic axis there 
can be no dispersion; hence in uniaxial crystals 
the position of the axis is independent of wan>-length. 
In rhombic crystals the Lisectrices coincide " ith 
crystallographic axes, so that dispersion is limited 
to the optic axes. In some crystals it is almost too 
small for measurement, but in extrf:me cases the 
optic axial angle for red light is large, decreasing" ith 
decrease of wa,-e-Icngth until the crystal becomes 
uniaxial for light of a definite wave-length; for still 
shorter wave-lengths the optic axial angle opens 
out again but in the perpendicular direction. This 
phenomenon is knO\\ n as crossed axial dispersion. 
In monoclinic crystals di
persion of the bisectrices 
may also occur, since of the ellipsoidal axes on]y one 
coincides with a crystallographic aÚs. The effect 
produced varies according as this crystallographic 
axis coincides with the acute bisectrix or the obtuse 
bisectrix, or is perpendicular to the optic axial plane. 
Dispersion of the optic axis mayalsoappearsimultane- 
ously and in certain cases may be unequal for the 
two axes. For fuller information on this subject 
the reader is referred to the Rtandard text- books on 
Crystallography and Petrographic :\IethodR by 
Tutton, Miers, Johannsen, Rosenbusch, ". einschenk 
and Clark. and other writers. 

 (R) :\IETHODS OF PRODDCTIOX OF POLARISED 
LIGHT.-The \'"arious methods of producing a. 
ray of plane polarised light from an ordinary 
unpolarised beam all depend fundamentally 
upon the resolution of the light into two 
components with \'"ibrations in perpendicular 
directions, combined with the isolatio-n of one 
component. 
(i.) By Refle('tion -\Ye have seen that this 
can be effected \'"ery simply hy repeated 
rdractions of a ray incident at the polarising 
anglp. A pile of thin 
la,ss plates may be 
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uscrl for the purpose; while an incrcase in 
their num bcr t.ends to increase the degree 
of polarisation of the transmitted light, it. 
decreasps the intensity simultaneously, and 
to minimise this disadvantage the plates used 
should be as t.hin as possible consistent with 
a fair degree of rigidity. Seven or eight 
platps of the thickness used for cover-glasses 
arc sufficient to produce satisfactorily complete 
polarisation of both the reflected and the 
refract.ed light, while not reducing t.oo greatly 
the intensity of the latter. 
It is frequently desired to study the 
bphaviour of various substances in polarised 
light, and genprally, as well as a mcans of 
polarising the incident light, we require a 
means of analysing the final transmitted or 
reflect.pd rays. The same instrument is 
usually capable of fulfilling both purposes, 
for if it transmits light vibrating in one 
direction only, thereby acting as a polariser, 
it can also be used as an indicator of the 
vibration direction of a polarised beam, and 
fulfils the function of an analyseI'. For some 
purposes the vibration direction of the 
analyseI' is arranged parallel to that of the 
polariser, but more usually their vibration 
directions are perpendicular; in the latter 
case t.he polariser and analyseI' are said to be 
" crossed." . 
(ii.) By Refraction.-For some purposes for 
which a small readily handled contrivance 
is preferable t.o a more perfect inst.rument 
requiring careful manipulation, a plate cut 
from a large tourmaline crystal parallel to 
the long hexagonal axis is found of use. 
Tourmaline is strongly birefringent, and also 
possesses a diffcrent coefficient of absorption 
for the two rays, with the result that the 
ordinary ray is completely absorbed, while the 
extraordinary ray is transmitted. Selective 
absorption lends the t.ransmitted light a deep 
green culuur, however, which greatly reduces 
its intensity and rcnders this method of pro- 
duction unsuitable for many purposes. 

 (9) TOURMALINE POLI\.RISCOPE.-A simple 
polariscope can be constructed of two tour- 
maline platcs mount.ed one above the other, 
and held in a pair of wire tongs in such a way 
that either plate can be rotated rela,tively to 
the other. Thc contrivance is well adapted 
for a rough examination of the behaviour in 
polarised light of a crystal specimen placed 
bet.ween t.he t.wo plates. The lower plat.f' 
acts as a polariser of light passing up\vards 
through it, while the upppr plate is used to 
analyse Phe light emprging from the specimen. 
If the plates are so orientated that the vibra- 
t.ion direction of t.he extraordinary ray in thp 
upper is at right angles to that for t.he lower 
plate, no light. can pass through both plates, 
unless the presence of a crystal slice between 
them causes a rotation of the vibration 


direction of light transmitted by thp lower 
plat.e. Any such effect can. be e
amined by a 
rotation of the upper tourmaline. 

 (10) XICOL PRIs;.\T.-The heavy loss of in- 
tensity due to the strong selective absorption 
of tourmaline is ohviated if calcite is used, 
and this is employed in the construction of 
the Xicol Prism, which is the most gcnerally 
used instrument for the production and 
examination of polarised light. 'Yith a rhomb 
of calcite special nwans have to be adopted 
to f'liminate one of the two polari::;ed rays. 
Early in the nineteenth century \Villiam 
Nicoll devised a means of attaining this 
result by slicing a rhomb of calcite diagonally 
and symmetrically through its blunt corners, 
polishing the cut surfaces and cementing them 
together with a thin layer of Canada balsam. 
The succe
s of the device depcnds upon the 
fact that the refractive index for Canada 
balsam lies between that for the ordinary 
ray in calcite and the maximum refractive 
index for thp extraordinary ray. Thus the 
dimensions of t.he prism must be so df"signed 
that the ordinary ray falls on the balsam film 
at an angle great.er than the critical anglc, 
and is totally reflected, while t.he extraordinary 
ray is transmitted. The ratio of the long 
edge of the crystal to the short end - face 
should he bf"twoen ] : 3.0 and 1 : 3.7 ; thp sides 
of the prism are Lla.ekened to absorb the 
reflected light and the end-faces are polishpd. 
This r{'presents the .Nicol prism in its simplest 
form; modifications \\ ill be trcated Qf later. 
On luoking through a Nicol prism and 
varying the angle of 0 b1ill uity the observer 
sces that the polarised field is limited on one 
side by a blue haze which gradually obscures 
the light, and on the other by a narrow band 
of interference fringcs beyond which the inten- 
sity is increased but all images are doubled. 2 
A consideration of the act.ual passagc of rays 
through the Nicol will show that these limits 
mark on the one hand the heginning of thf" 
region of t.otal refl('ction of both rays, and on 
the othcr t.he end of the region of total reflec- 
tion of t.he ordinary ray,.... the fringes being 
produced by the intprference of the two rays 
within thf' balsa.m film; in the region beyond 
thp fringes the increase in their path separation 
causps the formation of douhlp imagps. 
Fig. 4 represents a section of the prism 
pprpendicular to tlw cut section. In t.he 
natural cryst.al t.he threp faces bounding the 
obtuse solid angle A (Fig. 5) make equal angles 
with one anothpr and with t.he crystallographic 
axis, which coincidcs wit.h the optic axis AO. 
This latter lies in t.he plane ABCD, and makes 
an angle of about 45 0 with thp end-face AD, 
t.he whole angle DAB being about 109 0 . Thp 


1 Edinburgh New Phil. Journ., 1833, vi. 182, and 
1839. xxvii. 332. 
II Thompson, Phys. Soc. Proc., 1877, ii. 185. 
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ne of se
tion AC is inclined at very nearly 
W O to the end-face AD. If the transparent 
film is of Canada bals:lm, the critical angle 


FIG. 4. 


for the ordinary ray passing from calcite to 
balsam is 6ï o 53'; this limits the polarised 
field to an angle of 3 0 from the longitudinal 
axis in the direction of _\.B. N'" ow although 
the maximum refractive index for the extra- 


D C 
FIG. 5. 


ordinary ray is greater than that of the 
balsam, as the angle of incidence with .-\0 
increases, the ray is travelling more nearly 
parallel to the optic axis, and its index 
decreases to a smaller value than that of the 
balsam, so that at a certain angle of incidence 
the extraordinary ray strikes the balsam at 
the critical angle. The value of this angle 
will vary with the wave -length, for the 
refraction at the end-face .\.D will cause the 
red rays to fall on the balsam film at a more 
oblique angle than the violet rays; hence 
the red rays are the first to suffer total reflec- 
tion, and a. blue fringe shows the limit to the 
useful field on the side nearest DC. The fringe 
appears at an angle of obliquity of about 11 0 
inside the prism; the useful field \\ ithin the 
prism is therefore limited to 14 0 , which 
corresponds to an extprnal angular field of 
about 24 0 in air. The middl; line of the 
field is inclined to the longitudinal axis at 
about 10 0 , and this gave rise to the custom 
often used of grinding the end. faces to make 
an angle of 68 0 with the sides before sectioning 
the prism On the other hand, Ahrens has 
adopted the practice in late years of trimming 
the end-faces by about 3 0 in the other direc- 
tion, and then cutting the section plane 
perpendicular to them; this has the effect 
of increasing the field of view at the cost of 
making it less symmetrical with regard to 
the long axis of the prism. Sq uare-ended 
prisms are also cut, and this not only decreases 
the percentage of light lost by reflection at the 
end-surfaces, but obviates any displacement 
VOL. IV 


of the image as the prism is rotated about its 
aXIS. 
Since the extraordinary ray is polarised in 
a plane perpendicular to thp principal plane, 
that is, perpendicular to the plane ADCB, 
its vibratisns will take place in this plane. 
The trace of the vibration direction of trans- 
mitted light on the end-face of the prism "ill 
therefore be along AD, the shorter diagonal 
of the rhombic face. 

 (II) OTHER POLARISIXG PRIS:\IS.- \? arious 
devices ha\-e been adopted to give improve- 
ments in the directions of \videning the field of 
view, lessening the percentage of light lost by 
reflection, increasing the working aperture re- 
latiye to the length of the crystal, and of giying 
uniform polarisation o\-er the whole field. 
To these ends modifications have been made 
in the inclinations of the section plane and 
end-faces to the long sides, and in the substance 
used for the transparent film. A full account 
of the detailed construction of the Xicol 
prism, together "ith a descri})tion of other 
cognate forms of polarising prisms, is given 
by Silvanus P. Thompson. l The chief modifica- 
tions are due to : 
H artnack, 2 who widened the field of vie\\ 
by cutting the section perpendicular to the 
optic axis, at a great cost of material. 
Foucault,3 who dispensed with the difficulties 
attached to cementing the interface by using 
an air-film. This gave a. yery narrow field 
of view and introduced the disadvantage of 
multiple reflections caused by the air-film. 
Glan,4 who designed a square-ended Foucault 
prism with the plane of section containing the 
optic axis. 
Jamin,5 who reversed the construction of 
the Xicol, and used the ordinary ray trans- 
mitted by a thin plate of spar placed between 
rectangular prisms of carbon bisulphide con- 
tained in a metal tube with glass ends. This 
was further modified by Zenker,6 who uEed 
prisms of dense flint, and by Feussner. '1 
Leiss,s who proposed the substitution, for 
economical reasons, of a prism of glass of 
similar index for th e second half of a Kicol 
prism. 
Thomp80n (loc. cit.) also describe
 many 
different forms of prism devised by himself, 
with references to several other inyestigators, 
including Dove,9 Glazebrook,loand Bertrand, 11 
who have sought to find the ideal mean 
1 Thompson, Optical C01wentioll Proc., 1905, p. 216. 
I Hartnack and Prazmowski, Ann. Chim. et 
Phys., 1866 (4), vii. 181. 
a Cmnptes Rendlls, 1857. xlv. 238. 
t Carl's Repertorium, 1880, xvi. 5ïO; Journ. de 
Phys. x. 175. 
6 Comptes Rendus, 1869, xh-iii. 221. 
· Zeits. Instrumentenk., 1883, iv. 135. 
7 Zeits. Instrumentenk., 1884, iy. 49. 
8 BeT. Al.:ad., 1897. p. 901. 
I Pog(l. A1l1l.a 1864, cxxii. 18 and 456. 
10 Phil. _llag. (5), xv. 352; Phys. Soc. Proc. Y. 204. 
11 Soc. JIinéralogique de France Bull., 18ð-t, p. 339 
Comptes Rendus. xcL
. 538. 
2K 
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between a prism of greatest utility and one 
involving small waste of material, an almost 
equally important consideration owing to the 
small supply of large flawless crystals of 
Iceland spar. 
Ahrens 1 dedsed a triple prism (Fig. 6), 
consisting of two calcite prisms cut with their 
refracting edges parallel to the optic axis, 
cemented on either side of a calcite prism cut 
with its edge perpendicular to the axis. A 


FIG. 6. 


rectangular prism of flint glass cemented to 
the third prism serves to deflect the unused 
ray 60 0 from the normal. This prism has a 
comparatively large angular field. A later 
form consisted of a triple prism cut from a 
rectangular block of spar (Fig. 7), the three 
wedges being cemented together with balsam. 
The ordinary ray is deflected partly to the 
right and partly to thp, left, and the extra- 
ordinary ray passes through normally, per- 
pendicular to the optic axis. The prism 
possesses a large aperture relative to its length. 
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FIG. 7. 


Other pol arising prisms have been designed 
by several authors. 
Abbe's 2 design consisted of two 30 0 crown 
glass prisms cemented with a substance of 
the same refractive index to the sides of a 
60 0 prism of calcite cut with its refracting 
edge parallel to the optic axis. The refractive 
index ff)r the glass must be that for the 
extraordinary ray in calcite, so that this ray 
1 .Journ. Ro!/. JIirro.c:. 80r., 1884 (2), iv. 533, 
and lRRß, ,'i. 476; Phil. JJ!ag., 188-1 (5), xi'{. 69, 
and 188ß, x'{i. 4, ï6. 
2 See nro

(', ])1(' vebrliuchlichen Polaris;r.tions. 
prismen, 188i'. 


passes undeflected through the block, while 
the ordinary ray is deviated. The prism has 
a field of \Tiew of about 23 0 . 
Stolze 3 designed a polarising prism con- 
structed entirely of glass. A ray entering 
normally is twice internally reflected, first at a 
silvered surface, the polarisation taking place 
at the second surface by total reflection at 
the polarising angle, after which the ray 
emerges normally from the end-face. The 
lateral displacement of the emergent ray and 
its incomplete polarisation, due to almost 
unavoidable strains present in the glass, 
detract from the utility of this prism. 
Schulz's 4. design obviates both these dis- 
advantages, but the prism is not so simply 
constructed (Fig. 8). The surfaces AE and 
BD are silvered, anà a ray entering An 
normally leaves EF normally and is reflected 
at the polarising ang
e from CE, the emergent 
beam being in line with the incident beam j 


.B 


D 


FIG. 8. 


the polarisation is unaffected by strain in the 
glass since it takes place outside the prism. 
Ten per cent of the incident light is transmitted 
as compared with 25 per cent to 40 per cent 
by the Nicol prism, but since no calcite is 
used there is not the sanlP objection to usmg 
a larger prism if a greater amou
t of light is 
req uired. 5 
9 (12) DOL"BLE - D[AGE PRISMS. - Various 
prisms have also been designed to produce two 
widely separate images of a single object. 
W ollaston' 8 Prism consists of two rectangulai' 
prisms of calcitp ABC and DAC (Fig. 9) 
cemented together to form a rectangular 
block. The prism ABC is so cut that the 
optic axis of the crystal is parallel to the 
surface AB at which the light enters, while 
in the other prism the axis.is still parallel to 
the surfaces AB and CD but turned through 
90 0 . A ray of light entering AB normally 


:I Atelier dn Photographen, 1895, p. 140. 
4 Zeits. Instrumentenk., 1911, xxxi. 180. 
6 A devicf" used before th<, invention of the Kkol 
prism was the truncation of the blunt corners of a 
calcite rhomb, each cut limiting the field of view 
laterally so as to prc,"IC'nt the clear passage of the 
ordinary ray through the prism. A somewhat 
similar device has rcccntly been reintroduced for 
w'!e in polarim<'try aOll other pnrpo:,;('s where a wide 
field of view is Hot essf'ntial: the prisms give good 
poIarisation an(l are frcf' from the disadvantages 
attached to a cemented prism. 
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will travel perpendicularly to the axis and 
will be divided into two coincident poJarised 
rays vibrating paraHel and perpendicular to 


o 
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E 


 


.FIG. 9. 
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the plane of the paper. On crossing the plane 
of section the ordinary ray of the first prism 
becomes the extraordinary ray of the second, 
and vice versa; the refractive index therefore 
increases for one ray and decreases by the 
s'tme amount for the other ray, so that both 
are deflected in opposite directions from the 
normal to AB. The divergence of the rays is 
further increased on their refraction at the 
surface CD, and they form two widely 
separated images polarised in perpendicular 
planes. On rotating the prism a bout the 
normal to AB the two imaaes rotate simul- 
taneously, each retaining tl
e same position 
relative to the prism. If the prism is tilted 
so that the rays are incident obliquely the 
images are seen to separate or approach 
according to the direction of tilt, always 
supposing the tilt to be in the plane containi
g 
the two images. A modification is sometimes 
made by using one calcite prism and one glass 
prism. In this case the change of refractive 
index for each ray at the interface is less 
though still in opposite directions, so that 
such a prism, although cheaper in construc- 
tion, does not give as great total deviation. 
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FIG. 10. 
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Rorlwn's Prism (Fig. 10) is similar in 
general design, except that the optic a
is in 
the first prism is peI1.)endicular to the entrance 


face. No separation of normal light occurs 
in the first prism, therefore, and on passing 
into the second half the ordinary ray travels 
on unchanged in direction v. hile the extra- 
ordinary ray is deviated further from the 
normal to the plane of section. On emergence, 
therefore, the rays form two images of which 
only one is deflected from the normal, and on 
rotating the prism only the latter image rotates 
while the ordinary image remains stationary. 

 (13) GENERAL EQL'ATIOKS REPRESEKTIKG 
VIBR.\.TIOKS OF POLARISED LIGHT.-:-SO far we 
have dealt only with polarised light in which 
the vibrations are restricted to rectilinear 
motion, and it ,vas merely noted in passing that 
light may also be polarised in such a fashion 
that the particles describe circular or elliptical 
orbits. The relation of such vibrations to 
those of plane polarised light is best shown 
by an examination of the mathematical 
equations representing them. 
The simple equation representing the displacement 
at any moment of a partic1e moving in simple har. 
monic motion in a straight line is 
. t 
y=a sm 271"'T' 
where a is the amplitude, T the period of the vibra. 
tion, and t the time that has elapsed since the particle 
was in its zero posi- V 
t ion. 'Ye may 
equally well look 
upon y as a periodic r 
electrical force. 
1\" ow suppose this 
equation to repre- 
sent the vibration 
of a plane polarised 1] 
ray striking a doubly 
refract ing plate. 
Let OX, OY (Fig. 
11) represent the TO 
directions of vibra- -<.- 
 -... X 
tion in the plat
, FIG. 11. 
and let OK, the 
direction of vibration of the incident ray, make 
an angle i with the direction OY. On entering the 
plate the vibration OK is decomposed into com- 
ponents along OX and OY, represented hJ' 


t '.') t . . 
.. =a f':ln -71"'T sin 1, 


. t . 
'YJ =a sm 271"' - cos 
. 
T 


These two vibrations in general tra,-el through the 
cryst3.1 plate with different velocities, so that if 0 
and E represent the distances travelled in air in the 
times taken by the ordinary and e>...traordinary "aves 
respectively to traverse the plate, the displacements 
will be 
t '" ( t 0 ) 1 
ç =a sm 
 sm 271"' T - 
 
.. ( t E ) f 
7J=a cos 
 f1m 271"' ToC> 
 ' 
.. ( to 0- E ) 
=acos 
sm271"' T-
+ 
 
where ^ is the wave-length of the light in air. 


. (1) 
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The two waves emergp parallel and the light rc- 
fracted from the plate \\' ill be resultant of two super- 
posed vibrations of the same period and amplitude 
but differing in phase by an amount (0 - E)/7\. which 
varies with the thickness of the plate. 
Combining equations (1) by the elimination of t 
we shall obtain an expression for the resultant 
vibration. 
Let 27r(4-
) =8 and 27r( 0
E ) =4>. 


Then equations (1) may be written 

 . 8 
---:---: = SIn , 
asm
 



-sin 8 cos cþ=cos 8 sin cþ. 
acos 1, 


Squaring both sidps of the second equation and 
substituting for sin 2 8 and cos 2 8 from the first, 
we obtain 


.,,2 t2 
7] 
-+
cos2cþ-2 - --coscþ 
a 2 cos 2 i a 2 sin 2 i a 2 sin i cos i 


= ( 1- -2 
.2 2 . ) sin2lþ. 
a SIn 1, 


P .,,2 2
7] cos cþ . 2 
Hence - ------;---; + ------: - - -----;--.----; = sm cþ, 
a 2 sm 2 
 a 2 cos 2 
 a 2 sm 1, cos 
 


or 

2 2' 2' 2' n t .. . ') 0 - E 
1,; cos 
+." sm 1,-;t,.,'I'J sm 
 cos 
 cos...7r 
 
2 . 2 . 2" 2 '> 0 - E (2 ) 
= a SIn 
 cos 1, SIn ... 7r 
 . 


This indicates that the general form of the 
resultant vibration is an ellipse one of whose 
axes is inclined to the vibration direction in 
the plate at an angle i. 
Special cases may be considered. 
(i.) Plane Polarised Light.-If the differ- 
ence in optical path 0 - E = n7\/2, so that 
27r(O - E)/7\= n7r, equation (2) reduces to 



2 cos 2 i + 7]2 sin 2 i:i 2
7] sin i cos i = 0, 


or 



 cos i = :t 7] sin i. . 


. (3) 


Hence if the plate is of such a thickness 
that the phase difference on emergence is 
equal to any whole number of half wave- 
lengths, the resultant ,ibrations are plane 
polarised. If n is even, V.,,= +tan i, and the 
vibrations are parallel to those of the incident 
light. If n is odd, 
/.,,= - tan i, and the 
vibrations are in a direction equally inclined 
to the Y axis but on the side of it remote 
from the incident vibration direction. 
Moreover, this is the only condition which 
reduces equation (2) to the rectilinear form. 
(ii.) Oircularly Polarised Ligltt.-If, howeyer, 
o - E = (2n + 1 )}O\/4, and i = 45 0 , we have 
sin i=cos i = 1/.../2, 
and 27r(O -E)/7\=(2n+ 1) 7r /2. 


Equation (2) then becomes 



2+ rJ2=a2/2, 


(4) 


representing uniform motion in a circle of 
radiu
 equa.l to the amplitude of the original 
vibration. "'hen, therefore, the phase dif- 
ference between the two rays is equal to an 
odd number of quarter wave-lengths, and 
when the plane of l)olarisation of the incident 
ray is equally inclined to those of the rays 
traversing the crystal plate, the emergent ray 
will be circularly rolarised. A crystal plate 
which fulfils this condition of phase difference 
between its emergent vibrations is known as 
a quarter-1L'at'e plate C^/4 plate), and provides a 
ready method of producing circularly polarised 
light. 
(iii.) Elliptically Polarised Light. - If 
O-E=(2n+lp\/4, but i is not equal to 45 0 , 
equation (2) becomes 

2 ."z 

+
=a2. 
sm 
 cos 
 


(5) 


That is to say, if a quarter-wave plate is so 
orientated that its vibration directions OX 
and OY are not equally inclined to the 
vibration direction, OK, of the incident light, 
the emergent ray is elliptically polarised, the 
axes of the ellipse being parallel to OX and 
OY. It is obvious that in the limiting cases 
when i = 0 0 or 90 0 , the ellipse becomes a 
straight line parallel to OY or OX, that is to 
say, the crystal transmits one ray only. 

 (14) CIRCULARLY POLARISED LIGHT. (i.) 
Production by Refraction.-Circularly polarised 
light can Le produced, as mentioned above, 
by the use of a quarter-wave plate. Such 
a plate is most easily prepared by split- 
ting mica along its cleavage planes into very 
thin sheets; by trial a sheet can then be 
chosen such that it produces between the 
transmitted rays a phase difference of "7\/4 fûr 
any fixed value of "7\. For use with sodium 
light the thickness of a quarter-wave plate uf 
mica is 0'032 mm. It is useful not only to 
know the vibration directions in the plate, 
but also to be able to distinguish between the 
directions of slowpr and faster transmissions. 
The vibration directions are easily found by 
holding the plate between crossed Nicols. 
'Vhen it is in such a position that the field 
remains dark its vibration directions must 
be parallel to those of the Nicol prisms. A 
method of distinguishing definitely between 
the directions of the fast and slow trans- 
missions if; given by R. ,Yo 'Vood. 1 If the 
mirrors of a 
Iichelson interferometpr are 
adjusted to give a system of fringes in white 
light plane polarised in a horizontal plane, 
the introduction into the path of one ray of a 
quarter-wave plate with its vibration directions 


1 Physical Optics, HH4, p. 329. 
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horizontal and vertical will produce a retarda- 
tion in that ray relative to the other, and a 
shift of the fringes will ensue. X ow if the 
plate is turned through 90 0 , there will be a 
further shift in the fringes. If it is in the 
sa
e direction as before, it is clear that a 
further retardation of that ray has taken 
place; that is to say, the direction which 
was at first horizontal is the direction of 
vibration of the faster moving component, 
(ii.) Production by Rejiection.-\Ye have s.een 
that when a plane polarised ray strikes the 
dividing surface between two media at the 
pol arising angle the reflected ray and the 
refracted ray are polarised in perpendicular 
planes. X ow if the conditions be those 
required for total reflection, both ra,s will be 
reflected along the same path, but there will 
be a phase difference of ",^/8 between their 
vibrations. Two total reflections of the rays 
will therefore produce the phase difference 'of 
"^/4: necessary for the production of circularly 
polarised light, and the only other necessary 
condition is that the original plane of polarisa- 
tion should be at 45 0 to the plane of incidence. 
Fresnel constructed a gla
s rhomb through 
which a plane polarised ray could pass (Fig. 
12), suffering two total internal reflections 


FIG. 12. 


at the polarising angle of 34 0 , and thus attain- 
ing a phase difference of ^/! between the two 
emerging components. Since the polarising 
angle for a glass-air surface varies very little 
with change of wave-length, the phase difference 
oÎ the emergent rays is nearly independent of 
the colour of the light, and in this respect 
this method of production of circularly 
polarised light is preferable to the use of a 
quarter-wave plate. 
(iü.) ...11 ethods of Defection.-It is obvious 
that circularly polari
ed light differs from both 
plane and elliptically polarised light by 
p()s
e"sing no unique pair of perpendicular 
planes about which the path of a ,ibrating 
particle is symmetrical. Consequently when 
examined by an ana.ly
ing pri
m a circularly 
polarised beam shows no change on rotation 


of the prism. In this respect it resembles 
unpolarised light, but can be distinguished 
from the latter by its behaviour in conjunction 
with a. quarter-wave plate, for if the plate be 
so orientated that it neutralises the phas.e 
difference exi:;ting between the two components 
of the circularly polarised light the emergent 
light will be converted to plane polarised light., 
\vhich can then be extinguished by a suitable 
orientation of the ana lysing prism. 
It is of use in some connections to determine 
the direction of rotation of circular vibrations, 
which, if produced by a crystal plate, will ,-ary 
according to the character of the crystal and 
the plane of polarisation of the incident light.. 
This will be clear on reference to Fig. II. 
Suppose OP representg the ,ibration direc- 
tion of the incident light.. The force moying 
a particle from 0 towards P will be resolved 
in the plate into two perpendicular forces 
tending to mo,-e the particle from 0 towards 
X and Y, where OX and OY are the vibration 
directions of the ordinary and extraordinary 
rays respecti,-ely. In a 
 positive crystal th
 
ordinary ray tra,"els the faster, so that the 
vibration along OX, say, is executed more 
quickly than that along OY. After a certain 
interval of time there is a pha;:;e difference 
between the rays of XfJ., that is to say, while 
the particle is about to move from X towards 
o there i;:; an equal force propelling it in a 
perpendicular direction upwards. Hence it 
will move by a circular path in a counter- 
clockwise direction from X to Y. If at this 
moment the rays emerge from the plate there 
will be no further change in the phase differ- 
ence, and the vibration will continue to be 
circular and counter-clockwise. In a negative 
crystal it is obyious that under the same 
conditions the path of a ,-ibrating particle 
would be clockwise. These deductions, to- 
gether with a consideration of the case when 
the vibration direction of the incident ray is 
perpendicular to OP, lead;:; to the rule that 
if the Yibration direction of the incident light 
is turned in a clockwise direction through 
4.3 0 from the direction of fastest ,-ibration in 
the crystal plate, the circular path ùf the 
emerging vibrations will be described in a 
clockwise direction also. 
The direction of vibration can be found ex- 
periment.ally by means of a quarter-WH,e plate 
for which the direction of the faster ,ibration 
is known. By a suitable orientation of the 
plate t.he pha
e difference of the light under 
examination can be neutralised or doubled. 
,vith the production of light. plane polarised 
para.llet or perpendicular to the incident 
light., and the directions of fast and slow 
,ibration
 in the unknown plate can be 
deduced. An application of the con
truction 
given a bu\e then determines the rotational 
direction. 
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 (15) ELLIPTICALLY POLARISED LIGHT. (i.) 
Production.- From what has already been said 
it is evident that the conditions under which 
circularly polarised light is produced are 
special cases of the conditions necessary to 
produce elliptically polarised light. The pro- 
duction of the latter, therefore, generally 
requires the fulfilment of one condition less 
than the number necessary for the production 
of circular polarisation. For example, dealing 
first with methods of production by refraction, 
if a quarter-wave plate is used, elliptically 
polarised light is produced if the plane of polar- 
isation makes any angle with the vibrations in 
the plate between 0 0 and 90 0 ; at an angle of 
4:5 0 the elliptical vibration becomes circular. 
The condition regulating the thickness oi the 
plate for the production of circular polarisa- 
tion may be relaxed for elliptical polarisation, 
which will result from the passage of plane 
polarised light through a thin plate producing 
any phase difference that is not a multiple 
of ",^/4, but in this case the axes of the ellipse 
will be inclined to the original direction of 
vibration. 
For production by a reflection method, it 
is obvious that the necessary conditions are 
fulfilled by a single internal total reflection 
in a glass prism of plane polarised ray at the 
polarising angle, for this produces a phase 
difference of ",^/8 between two coincident per- 
pendicularly polarised rays. 'Vhen the plane 
of polarisation of the incident light is inclined 
to the plane of incidence at an angle of 45 0 
the light reflected from any medium is to 
some extent elliptically polarised. 'Yith trans- 
parent media the eccentricity of the ellipse 
is so great that the vibrations are very nearly 
linear, but if the reflection takes place from a 
metallic surface the ellipticity of the polarisa- 
tion is pronounced, and when the incident 
light is polarised at an angle of 45 0 with the 
angle of incidence the polarisation of the 
reflected light is nearly circular. 
Drude 1 explains this product!on of elliptical 
polarisation by postulating a gradual, in place of an 
abrupt, change of refractive index at the surface of 
the medium. Further work by Lummer and Sorge 2 
on solid media and by Lord Raylei
h 3 on liquid 
surfaces shows that a higher surface refractive indeÀ, 
due in the former case to the action of polishing 
materials and in the latter to the presence of a thin 
film of grease, tends to produce elliptical polarisa- 
tion of reflection, but the two former authors have 
also shown that in some cases the phenomenon is 
probably due to the presence of fmrface strains in the 
medium, and is affected by subjecting the medium 
to pressure. 
(ii.) .i'VI ethods of Detertion and A nalysis,- 
'Vhen examined with an analysing prism ellip- 
1 Lehrlmrh der Optik, ] aoo, p. 266, Engl. trans., 
1920, p. 287. 
2 Ann. d. Physik, 1910, xxi. 325. 
S Phil. JUau.. 1908. xvi. 444; Sci
ntific Paper.s, 
lit 496. 


tic ally polarised light shows a waxing and wan- 
ing of intensity on rotation of the prii:;m, t.he 
maximum and minimum points occurring when 
the vibration direction of the Xicol is parallel 
to the longer and shorter axes of the ellipse 
respectively, but no orientation of the analyseI' 
wholly extinguii:;hes the light. In this respect 
elliptically polarised light behaves like a 
mixture of plane polarised and unpolarised 
light, but it can be distinguished from the 
latter, as in the similar case of circularly 
polarised light, by its reduction to plane 
polariscd light by means of a q uarter- wave 
plate suitably orientated. The direction of 
the axes of ellipse can be deduced at the same 
time, for they must of necessity be parallel to 
the principal planes of the quarter-wave plate 
when it is in position to render the emergent 
light plane polarised. The ratio of the axes 
can be calculat.ed by determining, by means of 
a Nicol prism, the angle between the vibration 
direction of the emergent plane polarised light 
and the directions of the axes of the ellipse. 
(ill.) Babinet's Compensator.-A more accu- 
rate method of determining the constants of an 
elliptical vibration is by the 
use of Ba.binet's Compensator. 
This consists of two rectangu- 
1ar prisms of quartz (Fig. 13) 
placed with their hypotenuses 
in contact so that together 
they form a plane parallel 
plate, the thickness of which 
can be varied by sliding the 
prisms along their interface. 
The optic axes are parallel 
and perpendicular to the plane 
of the paper ill the two 
halves as represented by the .FIG. 13. 
shading of each prism. Plane 
polarised monochromatic light entering the 
plate normally is resolved into two rays whose 
separation is further increased on entering 
the second pris'n. The relative retardation 
produced between the rays by their passage 
through the whole plate is proportional to 
(e} - e 2 )(,ue - ,uo), where e 1 and e 2 are the distances 
tra versed in the two prisms, and ,ue and ,un are 
the two extreme refractive indices. Along 
certain lines parallel to the prismatic edges the 
phase difference between the emergent rays will 
be equal to a whole number of wave-lengths; 
t.here will therefore be equidistant lines of 
plane polarised light occurring in the emergent 
light, which can be made to appear as dark 
bands by the use of an analysing prism 
crossed with reference to the po la-riser. 
Between the bands the light will be elliptically 
polarised in general; half-way between each 
band the light will be plane polarised in a 
direction 0 bliq ue to the plane of polarisation 
of the first set, being perpendicular to it. 
If the plane of polarisation of the incident light 
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is at 4.3 0 to the vibration directions of the 
prisms, this condition gi\Oes the best defini- 
tion to the bands when examined with an 
analyseI'. 
The compensator can be used as a measure 
of phase difference, since the space between 
each dark band or graduation corresponds 
to a difference ill retardation of ^/2. If now 
one prism is slid over the other through a 
certain distance, the system of dark bands 
moves unchanged through half tÌ1at distance. 
If a is the linear distance between two adjacent 
bands, a shift of the prisms by an amount x 
will produce a change in the retardation at I 
any point of !^x/a. Any change taking place 
in the state of polarisation of the transmitted 
tight will be accompanied by a change in the 
retardation produced, and this can b<: measured 
by the relative alteration in position of a dark 
band. The original form of compensator was 
provided with a cross- wire controlled by a. 
micrometer screw, the prisms being fixed in t 
position; Jamin adapted the instrument to 
the special study of light vibrations, and I 
replaced the movable cross-wire by a fixed 
wire, at the same time connecting one prism 
to the micrometer screw. 
To determine the phase difference of the 
two components forming an elliptically polar- 
ised ray thp cross-wire of the instrument is 
set on the central dark band, corresponding 
to zero phase difference. Elliptically polarised 
light is then substituted for the incident plane 
p
larised light, and the quartz wedge is moved 
by the micrometpr screw to bring the central 
bånd and cross-wire into coincidence again. 
This gives a measure oÍ the phase difference 
producing the elliptical vibrations; if the 
compen::ator is rotated until the phase differ- 
ence is ",^/4, the axes of the elliptical vibration 
will be parallel to the vibration directions in 
the quartz prisms, while their ratio is given 
by the tangent of the angle between one of 
these directions and the vibration direction 
of the analysing Xico1. 
(iv.) Savart's Polariscope.-Sarart's polari- 
scope, which is used for the detection of small 
quantities of plane polarised light in a partially 
polarised beam. is constructed to give similar 
parallel dark bands. _\ plane parallel plate 
is cut from a quartz crystal at an angle of 
4.3 0 to the optic axis. The plate is then I 
sectioned parallel to the plane surfaces, one 
h'l.If is rotated through 90 0 relati'\"'"e to the 
:>ther, and the two are cemented together. I 
The greatest sensitivity is attained when th(> 
:lirection of the polarised vibration is per- I 
pendicular to the dark bands produced between I 
crossed Nicols; in this position as little as 
1 per cent of polarised light can be detectpd. 

 (16) BEHA VIOrR OF CRYSTAL SECTIO
S I
 
POLARIS ED LIGHT.-One of the chief applica- 
tions of polarised light is to the examination 


of thin crystal sections, for the variation in 
their behaviour towards transmitted light is 
one of the most valuable criteria for the 
identification of crystals.! In general the 
crystal to b3 examined is obtained in the 
form of a I,lane-parallel plate, too thin to 
cause the total separation of the ordinary 
and extraordinary rays when both are pro- 
duced, but thick enough t.o gi\Te clear indica- 
tions of the Ü:otropic or birefringent nature 
of the crystal and its general optical character. 
The most ee
ential instrument for the 
examina tion of crystal sections is some form 
of petrographical mÍr'roscope, fitted \\ ith 
removable polarising and al1alysing Xicols 
which can be rotated together relative to the 
specimen or separately relative to one another. 
The microscope should also possess fittings to 
hold a quarter-wave plate, quartz wedge or 
gypsum plate, the use of which will appear 
later. The whole subject of crystal examina- 
tion is vast and intricate; it is proposed to 
give here only a brief indication of the main 
characteristics of crystal sections and the 
general methods employed. It must be borne 
in mind that, although it is mainly the 
characteristics of principal sections of crystals 
that are dealt with, an examination of a 
microscopic slide will in general show crystal 
sections cut in all directions, in which ca
e 
their properties will be modifications of those 
described. 
There are two main classes of phenomena 
displayed by crystal sections: firstly, those 
displayed in parallel plane-})olarised light, 
and, secondly, those occurring when the polar- 
ised rays are convergent. The former class, 
as being t.he simpler, wilJ be considered first. 

 (17) CRYSTAL SECTIO
S DT PARALLEL 
LIGHT.-It has been shown that in many 
respects the character of a crystal may vary 
in different directions. This may be a})pli- 
cable also to its powers of absorbing light. 
(i.) Pleochroism.-Some crYRtals show differ- 
ent powers of selective absorption for the 
ordinary and extraordinary rays, with the result 
that a section parallel to the axis may appear 
of one colour when the ordinary ray only is 
transmitted and a diff{'rent shade of the same 
colour, or an entirely different colour, when 
it is seen by e""\:traordinary rays only. The 
coloured mica kno\vn as biotite is a good 
example of a pleochroic crystal, as it is termed; 
the extreme case of tourmaline has already 
been mentioned, and in sections not sufficiently 
thick to absorb the ordinary ray completely 
there is a variation in colour from a pale 
bluish-green to an almost opaque brown as 
the plane of polarisation of the incident light 
is rotated. 
(ii.) Interference Tints.-The appearance of 
crystal plates between a pair of :Kicols depends 
1 See "Crysw.llograph
T," 
 (
1). 
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on the nature of the rays emerging from the 
crystal. In general the two rays produced 
by a birefringent crystal emerge with a 
definite }>ha
e difference depending upon the 
nature of the crystal, its thickness, and the 
wave-length of light used. Assuming that 
the section is of a standard thickness, 30 that 
the effects produced by different sections can 
be correlated easily, 1 the polarisation of the 
emergent light will depend upon the wave- 
length of the light; if white light is used, 
the difference in retardation for different 
wave-lengths will lead to the plane polarisation 
of light of some colours and elliptical or 
circular polarisation of light of other colours. 
If the Nicols are crossed, the observer will 
lose light of all wave-lengths for which the 
phase difference in the plate is any multiple 
of ^ (remembering tl}at the resolution of the 
two perpendicularly polarised rays to the 
vibration direction of the analyser causes a 
further retardation of ^/2), and the resultant 
liO'ht will possess the colour complementary 
t
 that absorbed. The colours corresponding 
to retardations of varying amounts are given 
in the well-known Newton Scale of Interference 
Colours. A crystal of low birefringence wilJ 
produce a small phase difference equivalent 
only to one wave-length for some particular 
shade. That colour alone will be eliminated, 
and a tint of the first order appears, clear 
grey, yellow, or red; higher birefringence 
entails the loss of more than one colour, 
and is indicated by the brilliant second order 
tints, while very powerful double refraction 
gives the soft impure tints of still higher 
orders. 
(iii.) Extinction.-If the vibration direction 
of the analyser is parallel to one of the vibra- 
tion directions in the seC'tion, the polarised 
light will pass through the crystal unresolved, 
and will be cut off completely by the analyseI'. 
Thus if a crystal section is revolved in its own 
plane between crossed Nicols, in four per- 
pendicular positions the field appears dal"k; 
these are known as the positions of extinction, 
and the line in the section then parallel to 
the vibration direction of the polariser is 
known as the direction of extinction. The 
angle between the direction of extinction and 
a crystallographic axis indirates the nature 
of the crystal; uniaxial crystals have" straight 
extinction," that is to say, their extinction 
angle is zero. Accurate measurement of this 
angle, either with the microscope or by other 
method
, is of great importance in the 
systematic investigation of a crystal. Sections 
of birefringent crystals perpendicular to an 
optic axis and all sections of a cubic crystal 
1 The thicknpss of a rock section or crystal section 
cut for general examination is usually between 
0.01 mm. and 0.02 mm., producing in. quartz the 
dear grey and 
Tellow of the first order mterference 
tints. 


will, of course, appear dark in all positions 
between crossed Nicols. 
(iv.) Sign of Birefringence.-The sign of the bi- 
refringence may be deduced by the use of a gY]J.sU'/lt 
plate. Such a plate is a thin cleavage section of the 
monoclinic crystal gypsum (sdenite), the cleavage 
being parallel to the plane of symmetry, which con- 
tains the optic 3.xes. A section of suitable thickness 
shows a uniform interference tint of first order red 
between crossed Nicoll', and a slight change in the 
phase Jifference is enough to change the tint 
sharply to the lower first order blue-grey or the 
higher 
econd order yellow. Kow, if a crystal 
section whose extinction directions are known is 
superposed on the gypsum plate between crossed 
Xicols, so that one extinction direction, that is to 
say, the vibration direction of one ray, is parallel 
to one vibration direction in the plate, a raising of 
the colour tint to yellow will indicate that the direc. 
tions of fast vibration in the two crystals eoincide. 
It is omy necessary to have the directions of fast 
and slow vibrations marked on the gypsum plate 
to be able to deduce at once the corres}londing direc- 
tions in the crystal, and thence' by referpnce to the 
position of its optic axis, or axes, to determine the 
sign of its birefringence. 



 (18) CRYSTAL SECTIONS IN CONVERGEKT 
LIGHT. - The second class of phenomena 
shown in t,he examination of crystal plates 
is produced when the section is viewed in 
convergent or divergent polarised libht, and 
takes the form of the well-known ,- rings 
and brushes" produced by interference. :For 
this purposc the microscope has practically 
to be converted into a telescope; details of 
the necessary arrangement may be found in 
Spitta's .J..Uicr08cop?/, p. 203 (1907), or in F. E. 
'Vright's 1
1 ethods of Petrographic .ill icroSColJ1'C 
Research, p. 39 (1911). (To the latter work 
the reader is also referred for a very detailed 
a:;count of the apparatus and methods uspd in 
the exact microseopic measurement of the 
optical constants of a crystal) 'Vith this 
arrangement any point on the field of view 
corresponds not to any special point on the 
section, but gives the total effect of all rays 
travelling through the section at a certain 
angle, the centre of the fipld corresponding, 
of course, to the effect produced by light 
pa.rallel to the axis of the system and normal 
to the section. 
(i.) Uniaxial Crystals.-.Let us eonsider first 
the behaviour of a plate cut from a uniaxial 
crystal perpendicular to the axis. Suppose 
the light to be divcrging from S, and polaris{'d 
to vibrate vertically (Fig. 14A), and let P 
represent the crystal section whose optic 
axis is in the direction of OS. Any oblique 
ray will emerge from the plate with a definite 
phase differenc{' between its two perpendicu- 
la.rly polarised eomponents. The phase dif- 
ference will vary with the angle of obliquity, 
assumine: that the thicknesq of the plate 
3.nd th; wave-length are constant. Hence 
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for a certain ray 
p the phase difference 
produced by the plate \\-ilI have a value "'^, 
and when examined through an analyseI' the 
corresponding point in the field of view will 
appear dark. The locus of all points corre- 
sponding to rays passing through the pIa tp 
with the same obliquity but \ arying azimuth, 
must by symu1Ptry he a circle round 0; 
consequently there will be a dark circular 


p 


x 


CJ 


FIG. I.H.. 


FIG. HB. 


fringe visible marking a phase difference of ^. 
Simihrly, there will be other concentric circles 
marking the locus of points where the retarda- 
tion is 2\, 3\, . . . n \, their separation 
decreasing toward:::; the ed!!es of the field. 
3Ioreo\.er,any ray lying in the planes parallel 
or perpendicular to the vibration direction of 
the polariser will not undergo resolution in 
pas:::;ing through the plane, and will be cut out 


FIG. 16. 


entirely by the analyseI'. This will result in the 
fie ld of view being crosged by dark rectangula I' 
diagonal:,; parallel to the vibration directions 
of the }Jolariser and analyseI', and the appear- 
ance of the field will be similar to that 
hown 
in Fig. LiB. \Vit.h monochromatic light the 
fringes will be black; white light will give 
coloured fringes. The black fringes, known 
as isochromatic lines, represent the interRection 
with the crystal plate of the isochromatic 
sll!faces, which are the loci in space of all 
points at which the phase difference is the 
same. For uniaxial crystals each isochromatic 


surface is formed by the re\'olution of a hyper- 
bolic curve about the optic axis. This surface 
is ShO\\ìl in Fig. 13, together \,ith t.he more 
complicated form for bia
ial crystals. Sections 
of a uniaxial crystal}>eIppndicular to thp 01)tic 
axis show circular fringes, as \\e have ahead)' 


o 
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FIG. 15. 


seen; in sections parallel to the optic axis the 
intersection with the isochromatic surfaces 
will be h
l)erbolae. Photographs of the 
int.erference figures for uniaxial crystals are 
shown in Figs. 16 and 17. The case of quartz 
and other optically active crystals is v. orthy 


, 
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'\ 


..., 


FIG. 17. 


of comment. The intederence figure for 
quartz cut perpendicular to the axis is sho" n 
in Fig. 18. It will be noted that it resembles 
that of other uniaxial cryst.als except in that 
part representing rays traT"elling along or 
close to the optic axis. As will be sho" n 
later, the rotatory power of quartz leads to 
the deduction that a ray 1)aral1el to the axis 
is resoh'ed into t" 0 circularly polarispd rays 
which combine on emergence to form light 
polarised in a direction deJ>endpnt on the 
thickness of the crystal. E
cept for certain 
thicknesses of quartz, therefore, the cenhe 



506 


POLARISED LIGHT AXD ITS APPLICATIOXS 


of the interference pattern produced will show 
bright between crossed Nicols. 
(ii.) Biaxial Cr!F
t((l8.-In the case of biaxial 
crystals a section perpendicular to the acute 
bisectrix will show the isùchromq,tic lines as 
a family of lemniscates enclosing the }mints 
corresponding to light travelling along the 
optic axes. These will be crossed by dark 
brushes, the position of which varies with the 


:FIG. 18. 


p03ition of the optic axial plane in the section 
relative to the vibration directions of the 
Nicols. Fig. 19 shows the appearance of the 
fringe3 when these directions are parallel; 


FIG. 19. 


if the section is rotated through 45 0 the 
brushes become hyperbolae, whose vertices 
are at the points corresponding to the direc- 
tions ot the optic axes (Fig. 20). If white 
light is used the effect is complicated by 
dispersion of the optic axes and bisectrices. 
(iii.) Jle r .t8urement of Optic Axial Angle.-Itis 
this latter 4.3 0 position that is used for measur- 
ing the optic axial angle. By tilting the section 
ab,mt an axis in its plane perpendicular to the 
line joining the optic axial points, the position 
of the hyperbolic fringes is changed, and the 
tilt can be adjusted until one vertex lies on 


the cross wires of the microscope. TheIl rays 
parallel to the a:\is of t.l1f> mieroRcope must 
tra vel along an optic axis. If Loth vertices 


t 


FIG. 20. 


arc brought in turn on to the cross wires the 
angle of tilt between the two }>ositions gives 
the angle between the OlJtic axes in air. It 
may be necessary, if the optic axial angle is 
vrey large or very small, to use a liquid of 
high refractive index between the objectiye 
and the section, so that both axial rays can 
be brought normal to the fidel in turn; by 
obtaining measurements in sections cut 
perpendicularly to the acut,e and obtuse 
bisectrices the actual optic axial angle in the 
crystal can be obtained. 1 
(iv.) Sign of B1'refringence.-Mention must be also 
made of thr:- use of a quarter-wave platc anù a quartz 
wedge in determining from the interference figurc the 
sign of birefringence of a crystal. SUppOSf' a quarter- 
wave plate of mica is inserted between the analJTser 


:FIG. 
1. 


and a section of a uniaxial crystal cut perpendicular 
to the axis, the direction of fast vibration in the micu. 
being along AA' (Fig. 21). A displacement of thc 
1 For a full account of the methods of n1<':1sure- 
ment employed and the mathematkal rf'lation 
betweeTl the apparent and true optic 3xbl angles see 
}<'. E. 'Vright (10('. cit.), anll ...llanual oj Petrographic 
1.11 ethods, J channsen, p. 102. 
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ring system "ill occur, adjacent quadrant.. expanding 
and contracting. If the crystal is positive the rings 
in qm.drant Q Â and Â' will expand and those in B 
and B' will contract; ,Üth a negative crystal the 
result" ill be reversed. This follows very simply from 
a consideration of the retardation at a point P, say, 
in the quadrant B. If P lies on BB' the retardation 
in the crystal" ill take place bet\\ een rays vibrating 
parallel to OB and OA, and if the cryc;tal is positi, e, 
OÂ "ill be the dirC'ction of faster, ibratioll, which 
thprefore coincide>; "ith the faster vibration direction 
of the mica plate. The rchmiations of the ('r
.stal 
and the mica will therefore be additive, and the total 
phase difference increased; this will apply to all 
points in the quadrants Band B'. Hence a smaller 
thickness of thc crystal will, together with the mica 
plate, produce a retardation of ^, and consequently 
in these quadrants the fringes will close in towards 
the centre. In the alternate quadrants A and A' 
a corresponding decrease in the total phase difference 
will produce a movement of the rings away from the 
cen tre. 
\Vith a biaxial crystal a similar effect is observed, 
and the closing of the curves in the quadrants joined 
by the direction of slow vibration in the mica plate 
again denotes a positive birefringence. The move- 
ment is not always easy to trace, however, and a 
better indication is obtained by the use of an elongated 
quartz 'l.æilge cut "ith its line of greatest slope and 
its edges parallel to the optic axis, The section is 
placed with the trace of its optic axial plane at 43 0 
to the vibration direction of the incident light, and 
the thin end of the wedge is inserted along the line 
of the optic axes. The faster vibration in the quartz 
is perpendicular to the long aÀis; if the crystal is 
positive its direction of faster ,ibration is perpen- 
dicular to the axial plane; hence the quartz and the 
crystal will have a subtractive effect, and the fringes 
will open as the \\èdge is pushed further in and a 
greater thickness of quartz is brought into operation. 
\Vith a positive crystal there is a corresponding con- 
traction of the fringes as the" edge is inserted parallel 
to the line joining the optic aÀes. 

 (19) DETECTIOY AXD )IEASLRE:\IE
T OF 
STRAlX IS ISOTROPIC )L-\.TERlALs.-An im- 
portant application of polarised light is its use 
in testing glass for strain. Brewster called 
attention to the production of birefringence in 
isotropic media by mechanical stresses, and 
later Clerk )IaxweIll attacked the problem of 
a strained plate mathematicaIl
? A full descrip- 
tion of the methods used "ill be found else- 
where and will not be treated of further here. 
An analogous method is alRo employed to 
obtain quantitati,Te measurements of stresses 
present in mechanical constructions, although 
at present the whole subject has hardly pa
sed 
beyond the e'\:perimental stage. A comprehen- 
sive summary is given by Low in the .d ero- 
nrrutical Journal, UH8, xxii., together with a 
full bibliography of other researches and 
publications. 2 The general method may be 
outlined here. 


1 Roy. Soc. Edin. Trans. xx. Part 1.; Scientific 
PapPrfJ, i. 30. 
2 See also Roy. Inst. Proc., 1916, '\.,v., LO\\TY. 


A model of a mechanical con
trudion is 
cut out of an isotrol)ic medium; gla
s has 
been used, but xylonite, although not so 
transparent, sen es the purpose better, inas- 
much as it is easier to "ork and can be 
obtained in thick sheets showing no strain, 
and resembles in its mechanical properties 
the actual metals used in the full-scale 
construction. The l)resence of stresses in 
the model causes the stressed portion to act 
as a birefringent medium, and transmitted 
light is resoh-ed into two rays polarised parallel 
and peI})endicular to the direction of stress. 
The rays tra ve I \\ ith different sl)eeds, and as 
in the case of a thin cr) stal l)late, the en
ergent 
light is coloured owing to the elimination of 
certain wave-lengths by interference. Tbe 
tint produced , aries "ith the retardation 
between the rays, "hich in turn is del
endent on 
the amount of stress present. It is po
sible, 
therefore, by means of a block subjected to 
known stresses, to tabulate for any given 
thickness of the medium the stresses corre- 
sponding to the various tints produced, and 
from this table to deduce the stress present 
in any model giving a certain interference 
tint. A more accurate method of quantitative 
measurement depends upon the fact that "hile 
two superposed similar stresses have a simple 
additive effect if parallel, the total effect of 
two similar perpendicular stresses is propor- 
tional to their difference. Thus an unkno" n 
stress coloration may be balanced by super- 
posing a plate subjected to a stress of kno\\D 
amount and direction to produce between 
crossed Kicols a uniformly dark field. 
It is of importance to note that the bi- 
refringence is dependent upon the stress present 
and not upon the strain; a plate strained 
beyond its elastic limit may show no oIJtical 
effect if the actual stress is remo\ed. 

 (20) ROTATORY POLARISATlO
 (i.) Crys- 
tals. - 'Yhen discussing the behaviour of 
crystals in the transmission of polarised light, 
the optic axis \\ as òefined as a direction in 
the crystal along which light travels 'Without 
division of path. 'Yhile in many crystals this 
is equivalent to a statement that polarised light 
tra yelling along an optic axis emerges from 
the crystal unchanged, some crystals, most 
notably quartz, ha,e the po'Wer in the direc- 
tion of the axis of rotating the plane of polar- 
isation. All such crystals. kno\\n as (yptically 
active substances, belong to those classes of their 
respective crystallographic systems which 
possess no plane of symmetry; they are all 
enantiomorphous, all but one class possessing 
only symmetry of rotation a bout an axis, the 
other class possessing no degree of symmetry 
at all. 'Yith these cn-stals two forms are 
possible, each being th
 mirror image of the 
other, but not capable of cOInplete identifica- 
tion 'With the other by any change of orienta- 
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tion. In all case:; in which the two forms ha-ve 
been obtained it is found that similar plates 
of the two cut perpendicular to the optic axis 
rotate the plane of pohrisation of transmitted 
light by equal amounts but in opposite direc- 
tions. The two crystal forms of quartz are 
well known, and can be distinguished morpho- 
logically by the pObition relative to the 
fundamental prismatic and pyramidal faces 
of six pairs of slllall faces occurring three at 
each end of the crystal and known in the 
::\Iillerian system of notation as {41
} and 
:412:. The second of the pair is often 
absent, but the presence on the {412} face 
of striae parallel to its line of intersection 
with the {4 12 } face indicates what would be the 
position of the latter if developed, and shows 
the right- or left-handed nature of the crystal. 
There is considerable confusion 1 in the 
definitions given by various authors of " right. 
handed" and" left-handed" rotation of the 
vibration plane; this, no doubt, is due partly 
to the fact that the convention adopted is 
based on the aspect of the phenomenon as it 
appears to an observer, and is not descripti'
e 
of the motion taking place along the path of 
the ray itself. An optically active substance 
is said to produce right-handed rotation, or to 
be dextro-rotatory, when to an observer looking 
along the path of the light towarùs its source 
the vibration direction is rotated in a clock- 
wise direction; if the rotation is counter- 
clockwise the substance is said to be laevo- 
rotatory. 
Examplcs of' crystals possessing rotatory 
power are found in the various crystal systems; 
sodium chlorate and sodium bromate, crystal- 
lising in the cubic system, and therefore 
possessing no unique axis, show optical 
activity to the same extent in all directions; 
sulphate of strychnia, a tetragonal crystal, 
and the double sulphate of potassium and 
lithium which belongs to the hexagonal 
system are other examples, while cinnabar, 
a trigonal crystal, shows a rotatory powcr 
nearly twenty times as strong as that of quartz. 
(ii.) Liquids and Gases. -Many optically 
active crystals lose thcir power when in solu- 
tion, or when in a non-crystalline state; quartz 
in solution in potash or in a fuseù amorphous 
state is inactive, but sulphate of strychnia is 
an cxception to this rulc, and shows activity 
both when crystalline and when dissolved. 
This power is sharf'd by many organic liquids 
and solutions of organic compounds; in the 
proccss of other investigations Biot accident- 
ally discovered the laevo-activity of oil of 
turpentine, and on inquiring further into the 
mattcr found that a similar activity was 
displayed by many other liquids. The rota- 
tory powcr of sugar solutions is well known, 
1 Rf>e "PolarinlPtry," 
 (1); "Quartz, Optical 
Rotatory })ower of," 
 (1). 


and forms the basis of thc universal method 
of teRting and examining sugars. [A spparate 
article dealing with polarimetry and sacchari- 
metry \\ ill bc found elsewhere, to which 
reference may be made for full informa- 
tion on the subject.] Substances which are 
optically active in solution were found by 
Biot to retain their power in the solid state 
if they did not crystallise; since all these on 
solidification formed biaxial crystals, the signs 
of rotatory power werc completely masked by 
birefringent effects. Later work by Pockling- 
ton 2 and Dufet 3 on cane-sugar and various 
salts erystallisillg in the rhom bie and mono- 
clinic systems has demonstrated the presence 
of optical activity in the crystals and the 
possibility of measuring its value along an 
optic axis. Biot further showed that the 
transformation of a substance to a gaseous 
state does not destroy its optical activity, 
and later Gernez 4 proved by experiment that 
the rotatory power of a certain tubc-Iength 
of vapour is equal to that of the column of 
equal cross-section of liquid into which it 
condenses. 

 (21) OPTICALLY ACTIVE S(JR
TAKCES. (i.) 
Rotatory Power.-Apparently, then, there are 
two classes of optically active substances; some 
substances,likc quartz, depend for their power 
on their crystalline state, that is, presumably, 
on the grouping of the molecules forming their 
crystals, whik in others the' rotator
r power 
appears to be an inherent property of each 
molecule, since their separation by solution 
or vaporisation docs not affect the power. 
This conception led to the introduction of 
the term "molecu7ar rotatory power"; if a 
solution of density d containing p grams of 
an optically active subsbnce in q grams of 
solvent is contained in a tuhe l decimetres 
long, and if R is the angular rotation produced 
by the tube, 


pd 
R=(p) - .1, 
p+q 
pdl(p +q) being the amount by weight of the 
substance in unit volume of the liquid. (p) ,vas 
taken to be a constant for the substance for 
any specified temperature and wave-length, 
and was denoted by the molecu7ar rotatory power 
or specific rotation of the substance. Putting 
q=O and l= 1, (p)= RId; hence the molecular 
rotatory power may be more specifically 
dcfined HR the angular rotation of 1 (lecimetre 
of the substance in the pure solid state di\'Ülcd 
bv its density. This is the definition which 
should be aù
pted, for Biot showed that the 
angular rotation produced is not strictly 
proportional to the amount of su"'.Jstanee 
2 Pldl. ..:11(/(1., 1901, ii. 36B. 
3 Jour. de Phlj,c;., 1!\O-t, iii. 7:>7; Bull. Soc. Fran. 
de J!in., 1004-, xxvii. 136. 
4 80('. Ph!!.';. Séan('p.<; and Compfes Rendus-many 
publications between 1887 and 189
. 
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present. Landolt,1 after careful in,estigation, 
deduced the formula 


R = A + Bq + Cq2, 
where R is the rotation produced by 10 em. of 
a solution containing q parts by weight of 
the soh-ent in lOù parts by weight of the 
solution, A is the molecular rotatory power 
of the pure I:;uh:-:tance, and Band Care 
constants to be determined for each sub. 
stance and solyent by observations on 
solutions of difIcre
.1t strengths. It should 
be pos:sible, if B or C is negati,-e, for the 
same solution to exhibit positi,-e and negative 
rotation at different concentrations, and this 
has been 
hown to occur in the ca
e of malic 
acid, which is de
tro-rotatory in concentrated 
solutions, and laevo-rotatory when dilute, a 
solution containing 63.7 per cent of water 
being inactive. 
The effect of temperature on the angle of 
rotation is considerable, and is of importance, 
especially in connection with polarimetric 
work; it will be treated under that head, 
therefore, and not fmther described here. 
(ii.) rariation with Trm:e-lengthof Light.-The 
variation of the rotation with wave-length is, 
however, of more far-reaching importance. 
Biot's obsen-ations led to the result that the 
angle of rotation is approximately inyersely 
proportional to the square of the wa ye-Iength. 
From Biot's figures for quartz Stephan pro- 
posed the empirical formula 


R= -1.3Rl + O.80..J:03 
\2 ' 


which gives re
ults in fair accordance with 
the observed values, the first term representing 
the amount of departure from the in,erse 
square law. Boltzmann 2 suggested the addi- 
tion of a fourth order term to Biot's simple 
proportion formula, putting 


/... /..." 
R=\
+\-4+ . 


. ., 


which yielded more accurate results and was 
applicable to substances other than quartz. 
)lore modern investigations of the problem 
have led to the development of equations of 
the form I 
R-k 1.- 1 k 2 
- +\"2- \1 2 + ^2_\2 2 +"" 


where k. k], k 2 , . . . \v À 2 . . . . are constants I 
on which the properties of the medium depend. 
This expression with the five constants indi- 
cated has he en verified to a high degree of 
accuracy by 1...0 "TY. 3 


1 Rerirhte der Dellt,r;:chen ChemischP1
 Gesellschajt, 
188f). xiii. 
3
!). 
Z PO(l{J. Annal., 18ï-t, 1
8. !,f>e also Peddif>, Roy. 
Soc. Fdinlm7{/h Proc., 18:

, xi. 8},'). 
3 Phil. Tran
. Ro!/. Soc., Hn
. A. ccxii. :261. :O:ce 
also" Quartz, Optical Rotatory Power of." 



 (22) ApPLICATIOXS. (i.) General.-This 
variation of rotation with wave-length affords 
a. simple means of distinguishing between 
right- and left-handed rotatory power. If 
plane polarised white light is transmitted 
through an optically active substance, any 
orientation of the analy:.;er can only eliminate 
light of one waYe-len
h, so that the final 
beam may show any tint contained in the 
.Kewton scale of interference tints. Since 
violet light suffers greater rotation than the 
rays of longer wa\e-length, the colour produced 
by a dextro-rotatory substance "ill change 
from the shade complementary to red to the 
shade complementary to ,iolet as the analvser 
is gi ycn a clockwise rotation. The 
eq u
nce 
will be re,ersed if the substance is laevo- 
rotatory, and a clockwise rotation of the 
analy.:-;er will produce a chancre from a reddish 
tint 'through the so-called " transition violet" 
to bluish green. The transition violet marks 
the point at which the most intense part of 
the spectrum, the yellow region, is eliminated; 
a ,ery 
light rotation of the analyseI' is 
sufficient to cause a marked change of colour 
at this point, to red on the one bide and to 
blue on the other. 
(ii.) Biquartz.-This sudden change has been 
utilised in the Biqllartz plate, which is of 
great use in setting the planes of analy:ser 
and polariser accurately perpendicular, or 
in detecting very bma.ll amounts of rotation 
of the vibration plane. The biquartz consists 
of two equal plane - parallel t;emicircular 
plates cut perpendicular to the axis from right- 
and left-handed quartz crystals, and cemented 
together to form a circular pIa te. The thick- 
ness of tbe plate L-; designed to produce 
the transition TIolet tint when placed between 
two Xicols; if the thiclmess is 3',3 mm. the 
tint is produced between parallel Xicols, 
while a plate of double this thickness giyes 
the same effect "ith cros
ed Kicols. A rotation 
of the yibration plane of the analyseI', or of the 
incident light, tends to produce a change in 
I the colour of one half of the plate towards 
red of the first order of Xewton's scale, and 
in the other ha
 to a blue or green of the 
second order, and tbe juxtaposition of the 
two halves makes it possible to detect a ,ery 
small alteration of the \ibration direction. 
If the biquartz is used with sodium light 
there will be a corresponding difference of 
intensit.y produced between the two halves, 
,
'hich afford.; an almost equally sensitive 
test. 
A single quaÌtz plate cut from either a. 
right- or a left-handed crystal, and producing 
between crossed Sicols a uniform transition 
dolet colour, sometimes hn01\Il as a Biot 
quartz p7ate, ma
T be employed in<;;tead of a 
gypsum plate, the U5e of which has been 
described in dealing with the microscopic 
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examination of double refr.action in crystal 
sections. 
(iii.) Theoretical Consideratiolls.-It ha.s been 
snggested that optically acti,Te crystals owe 
their power to the arrangement of molecules 
in the crystal. Further 
upport was lent 
to this theory by Reusch, who successfully 
imitated a plate of quartz cut perpendicular 
to the axis by a pile of thin mica plates so 
arranged that their maximum -velocity axes 
formed a spiral. The thinner the plates and 
the greater their number, the more complete 
was the imitation. Later Ewell 1 showed that 
a similar effect is obtained by passing light 
along the axis of a twisted cylinder of gelatine. 
In the case of liquids, solutions, and gases, 
where no definite arrangement of the molecules 
can be po::;tulated, it is of importance to note 
that in all cases the optically acti,'e substance 
contains the tetravalent carbon atom, and it 
is an obvious inference that just as similar 
molecules may be grouped together to form 
crystals related to each other as obiect and 
mirror image, so the four atoms or univalent 
groups of atoms linked to the central carbon 
atom may be arranged in two distinct ways 
to produce molecules similarly related. Le 
Bel and Van't Hoff 2 explained the occurrence 
of dextro- and laevo-rotatory liquids along 
these lines. 
It is impossible here to enter into a full 
theoretical discussion of the phenomenon of 
optical rotation; a complete explanation has 
been advanced from the standpoint of the 
electromagnetic theory, and is to be found 
in various advanced text-books. more espe- 
cially that of Drude, 3 whose treatment is 
followed in outline by R. 'V. 'V ood 4 (see 
" Quartz, Optical Rotatory Power of"). 
An explanation must necessarily involve a 
more precise knQwledge of the nature of the 
vibrations that are transmitted along the 
optic axis of a rotatory crystal. The earliest 
infonnation on this point, due to Fresnel, 
was based on the. fact that circularly polar- 
ised light passes unchanged along the optic 
axis of a quartz crystal. A linear vibration 
may be regarded as the equivalent of two 
superposed and oppositely described circular 
vibrations of equal period and amplitude. 
Fresnel assumed that plane polarised vibra- 
tions, on entering a crystal along the optic 
axis, are resolved into two such circular 
vibration", one of which travels with a greater 
velocity than the other. It is easily shown 
that in such a case, if the vibrations emerge 
from the crystal at the moment when one is 
retarded by half a wave-length relatively to 
the other, they will compound to form a 
1 Am. .Journ. Sri., 18f)0, viii. Rf). 
2 Soc. Cltim. Bull., 1874, ii. 
2, 337. 
3 Lehrburh der Optik, 1000, p. 638, Emd. trans., 
1 0
0, p. 400. 
4 Physical Optirs, R. W. ""'oud. 1014. 


linear vibration whose direction is at 90 0 
with that of the incident light, that is to say, 
the crystal has caused a rotation of the plane 
of polarisation by 90 0 in the direction of 
rotation of the fa::;ter mo,.ing vibration. 
(iv.) l're811el's Compound Pn:sm.-This simple 
theory explains the dependence of the angle 
of rotation upon the thickness of the medium 
traversed and upon the wa,-e-lengt.h of light; 
moreover, Fresnel was able to demonst.rate 
the real existence of two circularly polari
ed 
rays within a crystal by showing that they 
were capable of complete separation and 
could each be analysed after leaving the 
crystal. This he accomplished by building 
up a compound rectangula.r block of alternate 
prisms of right- and left-handed quartz (F1'g. 
22). At each interface the refractive indices 


ìV\J 


FIG. 22. 


for the rays are interchanged, since the slower 
travelling ray in right-handed quartz becomes 
the faster moving ray in left-handed quartz, 
and the obliquity of the interfaces is so 
arranged as to increase the consequent sepa,ra- 
tion of the rays at each. refraction, until the 
emergent rays are completely separated. On 
analysis by means of a quarter-wave plate the 
rays are found to be circularly polariscd in 
opposite directions. 
It may be noted in passing that precautions 
have to be taken in the construction of quart.z 
prisms for spectroscopic work to eliminate 
this separation of the rays. Cornu showed 
that a 60 0 prism will produce a separation of 
27" between the rays of sodium light travelling 
along the optic axis, but by using a prism 
composed of two similar halves of right- and 
left-handed quartz the separation produced in 
the first. half is exactly neutralised by t.hat 
produced in the second half, and this is the 
common ty'pe of prism in use at the present. 
(v.) Form of JVave-s1lrfarrs in Qllartz.-This 
phenomenon of dOll ble retraction along the 
optic axis of q uart.z necessitates a modification 
in our conception of the wave-surfaces within 
the crystal. The sphere and spheroid which 
in inactive uniaxial crystals touch at the 
extremities of the axis are not in simila.r 
contact in the case of quart,z. Moreover, it 
has been shown that in aùdition to an increase 
in velocity, or a decrease in refractive index, 
for the extraordinary ray a.s its indination to 
the optic axis dpcreasC's, there is a very sIi
ht 
increase in the velocity of the ordinary my, 
only noticC'abIe when its inclination to the 
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axi;:; is very small, so that it appears that in 
the case of quartz the extraordinary wave- 
front is slightly depres:,;cd, and the ordinary 
wa,-e-front elongated, in the direction of the 
optic axis. 
(vi.) Jl.Cllllaflh's Theory. -A mathematical in- 
.estigation of the double refraction of quartz in all 
directions was published by Airy in 1831. 1 As his 
hypothesis he asaumcd that for the general ca
e both 
ritys were elliptically polarised, "ith their major a:\.es 
perpendicular and parallel to the principal plane of the 
crystal, that the rotatory vibrations were in opposite 
directions, and the ratio of their axes "as equal, 
becoming unity when the rays wpre parallel to the 
optic axis and infinity "hen pcrpendicular to the 
axis. Fi,"e years later :\1'Cullagh attacked the 
problem ag3.in, and, starting with the ordinary 
differential equations representing wa.e-motion, 
introduced arbitrary modifications which made them 
inclusive of the effects of rotatory po" er. 
The ordinary equations are: 


02t 202
 
ot2 = b OZ2 ' 


0 2 1] ..0 2 1] 
ot2 =b
 OZ2 ' 


where 
, 1] are the displacements in a plane per- 
pendicular to the optic axis of a particle " hose 
ordinates are x, y, and z relati\-e to the same axes, the 
optic axis coinciding" ith the z axis; b is the 'telocity 
of propagation of the wave-front along the axis. 
To these :\l'Cullagh added an arbitrary term, gï-ring 
the equations the form 
02
2 _ 2Õ2
 0 3 1] 0217 20 2 1] 03
 
&2 -b OZ2 +c OZ3 ' 0/2 =b 0:: 2 -c OZ3 . 
This addition was justified by his obtaining equations 
for the motion of the two rays representing right- 
and left-handed circular .ibrations, and bis resulting 
expression for the rotation, 

7r2C \-2 
R= - b"\2-' 
shows it to be inversely proportional to square of 
the w
we-Iength ^, if Y, the ,-elocity of the ray" ithin 
the medium, is constant, that is to say, if disper- 
sion is neglect.ed. The constant c, which is sho" n 
to be very small, is positi.e in a dextro-rotatory, 
and npgative in a laevo-rotatory crystal. The full 
in.estigation is to be found in \Terdet's Leçon,s 
á' opfique physique, .01. ii., together \\ ith a biblio- 
graphy of other writings on the subject published 
prior to lsß6. A more modem treatment by Drude, 
based on the electromagnetic theory, is contained 
in the htter's text-book on Optics which has already 
been mentioned. Å. B. D. 
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OF. See" Polarised Light and its Applica- 
tions," 
 (8). 
POLISH OF A
 OPTIC-\L S"CRFACE, discussed bv 
Lord Rayleigh. See" Optical Parts, Th'e 
"Torking of," 
 (5). 
Regarded hy Beilhy as a rearrangement or 
glow of the' 
urface molecules. See ibid. 
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1 Cffmb Phil. Soc. Trails., 1831, iv. ï9. 


POLISHIXG, TruES OF, mth typical polishing 
materials under 
pecified conditions, 
ta bu1ated. ðee ,. Optical Parts, The 
',,"orking of," 
 (8). 
'\\ïth a ,ariety of materials, when usin
 a 
particular polishing medium, under speci- 
fied conditions, tabulated. See ibid. S (b). 
POLISHIXG )IATERIALS. See" Optical Parts, 
..The 'Yorking of," 9 (8). 
POLISRIXG OPTICAL SrRFACES, TOOLS FOR. 
See" Optical Parts, The 'Yorking of," 
 (9). 
PORTABLE PnOTO"\rETERS. See" Photometry 
and lliumination," 
 (61) tt sqq. 


POSITIOX-FIXDER, THE )IIRROR 

 (1) GESERAL PRIXCIPLEs.-In the develop- 
ment of the theory and practice of anti- 
aircraft gunnery it became necessary to 
employ some rapid and accurate means of 
determining the path, or the position at any 
moment, or the ,-elocity, of an object in the 
air. To meet this need the mirror position- 
finder was designed early in 1916. This 
instrument, however, ga,e satisfactory results 
oruy at high angles of ele,ation, abo,e (say) 
33 0 , and at the end of that year the window 
position-finder was designed to deal "ith the 
lower angles. The principle of either instru- 
ment is the same, and together they make 
it possible to record the positions or mo,c- 
ments of aerial objects, from the vertical to 
the horizontal. The principle is illustrated most 
simply by Fig. I, in "hich GK, G'K' represent 
two rectangular sheets of glass l)ing in the 
same plane, but at a considerable distance 
apart. At AI' AI" are t" 0 small apertures 
through which ob::;ervers can look at a distant 
object, P, on the further side of the glass. 
Each aperture is at the same distance, h, 
from the glass, and the distance, B, between 
Al and -\1' is known accurately. Perpendi- 
culars from Al and ....\/ meet the glass at 0 
and 0'. The observer at ...-\1 marks on the 
gl
 at m the apparent position of the object, 
P; the observer at -\.1' dues the same at m,'. 
If the positions of In and m' relative to 0 
and 0' are determined, the two lines AIm 
and -\l'm' are fixed and a simple calculation 
gin>s the position of P. 
If the glass sheets are horizontal and th
 
eye apertures are placed as shown at Al and 
AI" it is necessary fllr tllf' observers to look 
upwards. This is incollvenient, and the diffi- 
culty is a voided in the mirror position-finder 
by the IISP of horizontal mirrors. The 
apertures, _\ and A', are placed above the 
mirrors, each at a hei,!!ht h, and in 
mch a 
way that Al i:ì the image of A and "'-\1' that 
of A'. The observers look downwilrds at the 
images of P in the mirrors. In the "indow 
position-finder the glass sheets are H'rtie'al 
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and the observers look through them in the 
manner described above. 

 (2) DESCRIPTIO.Y.- The mi.rror position- 
finder consists of two horizontal plane mirrors, 
etched on the silvere(l side in centimetre 
squares, mounted-if possible at the same 
level-at the enus of a base of measured 
length B, aligned accurately on one another 
and carefully levelled. The stations (which 
we will call 0 and 0') are connected by tele- 
phone; the observer at each station ,veal'S 
a receiver on his head and holds a microphone 
in his left hand. Each mirror is provided 
with a movable stand, carrying an aperture 
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FIG. 1. 


at height h above the mirror: it is best to 
employ a skeleton aperture so as to impede 
the view as little as possible. The observer 
looks through the aperture at the reflection 
in the mirror of the object which he desires 
to observe, and notes with a pen on the surface 
of the glass the position of the image at any 
desired moment or series of moments, care 
being taken to put the real point of the pen, 
and not its image, on the image of the object. 
Simultaneous observations are made at both 
stations, and from these observations the 
position of the object can be simply calculated. 
The ink used should be of the non-drying 
variety (madE' with glycerine), both to ensure 
that tho pen marks when required and to 
enable a permanent record to he made of 
the observations. For tho latter purposes, 


0' 


after the observations are completed, a pair of 
suitable axes is inked in on the glass, and a 
piece of absorbent (" Honeo ") paper laid over 
it. The results can then be measured up and 
the appropriate calculations made subse- 
quently. 
The aperture is placed vertically above the 
intersection of two suitable rulings on the 
gla
s, by looking through it and placing its 
image on that intersection. The positions of 
the dots recording the position (or rather the 
direction) of the object are expressed in 
Cartesian co-ordinates, measuring from the 
point on the mirror vertically below the 
aperture, x being the distance in centimetref'l 
parallel to the base, and y the distance per- 
pendicular thereto, x' and y' being corre- 
sponding co-ordinates of the dot made at the 
other station 0'. The position of the object 
in space is expressed similarly in Cartesian 
co-ordinates and referred to the same two 
ax
s, being {X, Y, H} as measured flOm 0, 
and {X', "1""', H} 8.S measured from 0'. It is 
assumed that X, X', x, x', are aU measured 
towards the other station, that the co-ordinates 
of the object in space are very large compared 
with those of its image in the mirror, and 
that the stations are at the same level. It is 
obvious then from considerations of similarity 
(see Fig. 1) that the following relations hold: 
X Y H X' Y' X+X' B 
x =y =-h = x' =y'= x+x' = x+x" 


since 


X+X'=B. 


Hence 


xB 
X=--- 
x+x' 


yB 
Y =-.--- 
x-r-x' 


and 


hB 
H=----, 
x+x 
y=y', since clearly Y = y'. 


The formulae for X, Y, and H enable the 
position of the object in space to be calculated 
by simple arithmetic and without the use of 
trigonometry. The relation y =y', on the 
other hand, is a valuable check on the observa- 
tions, and may he employed also to detprmine 
simultaneous points on two continuous records 
(one at each station) of the path of an object 
in space. Indeed the "equality of the y's" 
enabJes the complete tr
ck of an aeroplane or 
other aerial object to be calculated without 
any means of ensuring simultanpity of observa- 
tion, the two complete records being co- 
ordinated with one another merely by taking 
points with equal y's. The method, of course, 
breaks down w}wn the path of the object is 
parallpl, or nearly pßralJel, to the hase. The 
"equaJity of the y's" has a third value in 
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enabling the ob
erYer at one end of the ba5e 
to point out objects to the distant observer, 
so enabling him. for example, to discriminate 
between different aeroplanes, or different 
shell-bursts; or different parts of a cloud. 

 (:1) THE OBSERV-\.TIOxs.-The method of 
ob8en
ation i8 not difficult: it involves one of 
the most refined and highly developed of 
human faculties-the accurate adjustment of 
hand and eye-and so enables the record to 
be made" ith quickness and precision. The 
rulings on the gla
" are a great assistance in 
accurate observation, by enabling the eye and 
brain to .. fix" the direction of the object 
at any desired moment, and so to note it 
\\ ith the hand \\ ithout undue hurry. 'Yith 
e\Tery precaution taken, good glass for the 
mirrors, telescopes for alignment, sensitive 
spirit-levels for levelling. fair visibility, and 
trained observers, experience at Portsmouth 
during the war in recording the positions of 
shell-bur'\ts in the air showed that the probable 
error of one obselTation wa
 not more than 
0.1 or 0.2 mm. in x or y, an error corresponding 
usually only to a few feet in the calculated 
position of the object. The most serious 
error indeed, unless special precautions be 
taken, is caused by unevenness in the glass, 
which should be chosen (or better, manu- 
factured) as flat and as parallel-sided as 
IJossi ble. 

 (4) G EO)lETRIC -\.L PROPERTIES. - The 
mirror position-finder possesses several useful 
geometrical properties in addition to the 
,. equality of the y's." For example, if, as is 
common, an aeroplane be flying at a constant 
height the track on either mirror is eÀactly 
similar tù the track in space, reduced in the 
ratio h/H Or again, the height is given by 
the simple formula Bh/(x+x'), thus it is 
in\ersely proportional to the sum of the x's. 
Or again, the velocity of a horizontally moving 
object (such as a puff of smoke in the wind) 
is exactly the same as that of its image, 
recorded at measured inter\als on the glass, 
multiplied up in the ratio of H n. If, there- 
fore, H be known, as, for example, in the 
case of a shell fired to burst at a known height, 
the speed and direction of the wind at that 
height can be determined at once merely by 
recording the motion of the image in one 
mirror of the smoke from the shell. 

 (5) THE 'YIXDOW POSITIOS-FISDER.- 
This is similar to the mirror instrument in 
principle, the whole system of glass and 
aperture being revoh-ed through 90 0 about 
the base line, the mirror in this case being 
replaced by ruled transparent glass, and the 
obselTer noting the direction of th
 object 
in ink on a vertical window instead of on a 
horizontal mirror. The practical working 
details of the instrument are different and 
obser\ation is not quite so easy or acc
rate, 
VOL. IV 


but the theory and the calculations remain 
the same. The geometrical peculiarities of 
the record of an object flying at a constant 
height of course no longer obtain. The 
instrument may be used for the accurate 
observation of objects or events in the sea 
or on the ground, as well as for aerial observa- 
tion. 

 (6) "CSES OF THE POSITIOX - FI
DER. - 
The instruments described have been employed 
for a variety of purposes: 
(1) For determining the height, position, 
path, or speed of an aeroplane flying hori- 
zontally or in any manner required. 
(2) For determining the position in space 
of a she!l bursting in the air. 
(3) For determining the point of impact of 
a shell striking the spa. 
(4) For determining the velocity and direc- 
tion of the wind at any height desired, by 
firing a shell to burst at that height and 
making timed observations on the path of 
the smoke; in this way observations of the 
\\ind have been made at heights up to 35,OUO 
ft., and of speeds up to 115 miles per hour. 
(5) For determining the height, direction of 
motion, and speed of a cloud. 
The mirror and "indow position-finders 
have been and are employed by the British 
military, naval, and flying services for gun 
trials of various kinds, for recording anti- 
aircraft practices, for determining the height, 
speed, or position of aircraft, and for measur- 
ing the velocity and direction of the 'Wind 
at various heights. The U.S. Army also have 
erected a number of stations at their Aberdeen 
Pro'\ing Ground in the Chesapeake Bay. 
A. V. H. 


POSITIOX FI
IXO, ::\IETHODS OF. for ships at sea. 
See "Xa.\Ígation and Xa\-igational Instru. 
ments," 
 (17). 
POSITIYE RAYS: a stream of positively 
charged atoms travelling mainly towards 
the cathode when an electric discharge is 
passed in an e\acuated tube. See ,. Radio. 
logy," 
 (5). 
POT FrRXACES FOR :\IELTI
G GLASS. See 
"Glass," 
 (13) (i.). 
POTASH, USE OF, IX GLASS :\IA
TF.ACTrRE. See 
" Glass, " 
 (5) (ii.). 
POTASH LE-\.D GLASS, presence of chlorides or 
sulphates leads to cloudiness. See" Glass, 
Chemical Decomposition of;' 
 (1). 
POTASH LDIE GLASS. See c. Glass. Chemical 
Decomposition of:' 
 (1). 
POWER OF A LE
S, the reciprocal of its focal 
length. For methods of determination see 
" Lenses, The Testing of Simple." 
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POYNTlSG'S POLA.RIMETER. See" Polar
- 
metry," 
 (11) (i.). 
PREECE ILLU)II.NATION PHOTO:\IETER. See 
" Photometry and Illumination," 
 (.35). 
PRESSED GLASS, :\IA.NUFACTURE OF. Sêe 
" Glass," 
 (18) (vi.). 
PRESSURE (AND TE)IPERATURE), corrections 
to refractometric measurements. See 
" Spectroscopes and Refractometers," 
 (17). 
PRINCIPAL FOCI. See" Objectives, Testing 
of Compound," 
 (1); also" Lenses, Theory 
of Simple," 
 (3). 
PRINCIPAL POINTS AND PLANES OF A LENS. See 
" Objectives, Testing of Compound," 
 (1); 
also" Lenses, Theory of Simple," 
 (5). 
PRIS)I (OPTICAL). For formulae governing the 
refraction of light by a prism see" Spec- 
troscopes and Refractometers," 
 (2) et 
seg.; for adjustments see 
 (7). 
Defects of, see" Goniometry," 
 (5). 
PRISM SPECTROGRAPHS, 'V AVE - LENGTH 
1\IEASUREME.NTS WITH. See" 'V ave-lengths, 
The :Measurement of," 
 (5). 
PRISMS, POLARISING, NICOL AND OTHER FORMS 
OF. See" Polarised Light and its Applica- 
tions," 
9 (10) and (11). 


PROJECTION APPARATUS 

 (1) GESERAL.-Projection apparatus may be 
broadly defined as apparatus in which a source 
of light is associated with an optical device to 
produce localised distant illumination. 1\lost 
light sources send out light more or less 
equally in all directions, and it is evident. that 
if an optical device can be employed to bend 
the rays all into one direction, it should be 
possible to increase the volume of light passing 
in that direction enormously, and so ensure 
a degree of illumination at a great distance 
in that direction only, which would be equi- 
valent to the illumination produced by the 
naked source alone at points comparatively 
near to it. 
If the theory of projection apparatus is to 
be understood, it is necessary to investigate, 
first, the general theory of illumination, and 
secondly the theory of optical de\Tices for 
bending the ray paths. N ow the broad 
principles underlying hoth these are quite 
simple, and yet there is the profoundest 
ignorance as to the limitations of projection 
apparatus amongst otherwise well-informed 
people; such ignorance, for instance, as caused 
numberless inventors in all seriousness to 
propose that airships could be set on fire 
by conC'entrating the rays of a searchlight 
upon them. The object of this article is to 
explain the broad principles underlying the 
theory and practice of projection apparatus 
in the simplest possible way. 


To begin "ith the theory of illumination; 
this obviously involves the measurement of 
brightness, and though acC'uratp measurements 
in the laboratory are made with the aid of an 
instrument called a photometer, yet this is 
only a mechanical device to assist the eye. 
Ultimately the eye is the instrument that is 
used to compare one brightness \\ith another, 
and the essential theory of illumination can 
best be discussed from the point of view of 
what the eye sees at any given point. 
To be exact, no human eye can verify the 
illumination produced hy a source of light 
at any given point of space; it can only 
form an estimate of the total amount of light 
f'nergy from that source passing through the 
iris aperture, ..which has very definite though 
variable size. 
For results to be strictly comparahle, 
therefore, a "hypothetical eye" must be 
assumed with a small fixed iris-opening, 
capable of examining and estimating the 
illumination produced by the brightest sources 
without fatigue or dazzle. It will also be 
convenient to assume that. this" hypotheticaJ 
eye" has an infinite capacity for seeing detail 
so that it would recognise the shape of even 
the most distant. sources. In what follows 
the term "eye" will be used as signifying 
an organ with these extended powers. 

 (2) DEFINITION.-It is desirable at the out- 
set to get rid Cìf that meaningless abstraction 
a "point of light." There is no such thing as 
"a point of light." Light cannot be obtained 
except from an inC'andescent source of definite 
and measurable size, and the theory of illumina- 
tion can neyer he understood until this element- 
ary fact has been clearly grasped. Light. is a 
form of energy which is emitted from incan- 
ùescent surfaces. Any particular surface will 
only emit visible light when raised to a certain 
minimum temperature; and aftpr that 
tempprature has been passed, it will emit 
more and more light as the temperature is 
raised. Surfaces made of diffprent materials, 
but otherwise irlentical, when raised to the 
same temperature will usually emit quite 
different amounts of light per second. 
The term "intrinsic brightness" is usually 
applied to the measure of this light-emissive 
power per unit of area of surfaC'e, and it is 
generally quoted in candle-power per square 
inch. 
The fundamental fact on which the whole 
theory of illumination depends is that each 
element of any surface raised to a uniform 
temperature, and emitting light in C'onsequence, 
appears always of the same hrightness at 
whatever angle or from whatever distance it 
is viewed. Thus a uniformly bright surfaC'e 
appears to the eye simply like a flat sheet of 
brightness having a certain definite" apparent 
size and shape." For the sake of dearness 
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the "apparent size and shapp" for any 
" view point" may be defined as the actual 
si
e in square inches and shape (If a flat sheet 
which, when placed one foot from the eye 
with its plane perpendicular to the line of sight. 
exactly obscures the incandescent source or 
appears to coincide with it in shape and size 
as seen from that" view point." 
It follows that the illumination produced 
at any point is proportional to the "intrin- 
sic hrightness" of the incandescent surface 
and to its "appa rent size," since 2 sq uare 
inches of flat glowing surface at 12 inchcf: 
distance must produce double the illumination 
of 1 sq uare inch of surface glo" ing with 
ey'ual brightnf"ss at the same distance. 
The unit of illumination is known as a 
foot-candle and is the illumination produced 
by an incandescent sheet of unit "intrinsic 
brightness" at a point at, which it has unit 
" apparent size." 
Again, the same she
t raised to a higher 
temperature will appear brighter: in fact, the 
"intrinsic brightness" of any particular 
material is a measure of its 
temperature; hut different 
substances raised to the same 
temperature will glow "\,ith 
different brightnesses. The 
illumination produced, how- 
ever, at any given standard 
distance can be made the same 
by increasing the size of the 
less bright material so as to compensate for its 
smaller .. intrinsic brightness." 
'Yhile, however, the illumination produced 
by a large gently glo"ing sphere may be of 
exactly the same intensity as that produced 
by a tiny intensely bright sphere, yet the two 
source
 act very differently when associated 
with an optical de,ice for projecting a beam 
localised in a cert.ain direction. 

 (3) OPTICS OF ILLUl\IINATIO:y.-It is the 
peculiar function of optical devices that 
they can entirely alter the apparent shapes 
and sizes of sources as seen from certain 
directions, but they can never make them look 
brighter. Owing to transmission losses- 
colour in glass, or imperfect reflective power 
-they may make the source look less bright, 
but the variation in intensity of iUumination 
produced in certain directio
s by an optical 
projector is simply due to its capacity to 
make the source look larger or smaller in those 
directions. Thus, an' incandescent sphere 
S (Fig. 1) placed behind a pIano-convex con- 
denser may appear ,vhen seen through the 
lens L as of apparent size E instead of e, 
which would be the apparent size of the 
source as seen through a thick plane plate of 
glass in place of the lens L. The brightness 
of the source as seen through the parallel 
plate is exactly the same as the brightness of 


the magnified source when seen through the 
lens instead of the parallel plate, and this 
brightness is necessarily slightly less than the 
brightness of the naked source, owing to 
a bsorption and transmission losses in passing 
through the glass. 
From the foregoing it is eyident that there 
is a very definite limit to the intensity of 
illumination that can be produced by any 
projector of gh-en size using a source of given 
"intrinsic hrightness." The very highest 
efficiency for such a projector is that the 
whole front v.indow or aperture of the pro- 
jector, as seen from a distant point, shall he 
filled (or flashed) "ith the" intrinsic bright- 
ness" oi the source. TIlÍs is termed a 
" complete flash." 
""hen only certain })arts of the front 
aperture are seen as of the same "intrinsic 
brightness" as the source (less ordinary 
transmi
sion losses), then the projector is said 
to afford a " partial flash." This latter term, 
it should be noted, applies not only to systems 
leavin
 dark patches in the front aperture, but 


FIG. I. 


also to systems in which certain areas of the 
front ap
rture are seen filled '\\ith a coloured 
flash, due to the" partial flashing" of certain 
primary colours causing such constituents to 
be absent in those areas. 
It will be noted that the condition for a 
" complet
 flash" will be satisfied if the ray 
directions traced from the eye through every 
point of the optical system are so bent and 
deflected that they all concentrate on to the 
source. Since a distant view point is assumed, 
such rav directions form a system of practically 
paralleÌ lines at the project
r. It, will be seen, 
therefore, that for maximum efficiency with 
a S0urce of minimum size the optical system 
must be designed to bend parallel ray direc- 
tions, so that, they all pa!:s thr0ugh, or at 
least extremely near to, a fixed point termed 
the " focus." 
If then a small source be placed at that 
" focus" there "ill be one direction in which 
a relatively powerful beam "ill be projected. 
If, however, a source of the same candle-power 
but T
"U"th the arparent size, a
 seen from 
the projector, be placed at the "focus" of 
the same projector, since its "intrinsic 
brightness" must be 100 times as great to 
make it the same candle-power, the beam 
projected "ill be 100 times as powerful, 
always provided the projector is efficient 
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enough to afford a ,. complete flash" in both 
cases. If, however, the second source be 
increased in size while remaining of the same 
"intrinsic brightness," no increase in the 
illumination produced in that particular 
direction will take place as a result of such 
increase in size, however great it may be, 
because the same-sized optical system affords 
a " complete flash" in either case. 
It will naturally be asked, "'Yhere then 
does aU the incre"ased light energy go to, if 
the intensity of the beam remains unaltered 
when a source of much greater candle-power 
is substituted?" The answer is that the 
beam projected fills a greater angle, so that if 
thrown on a distant white screen it will 
afford a "light patch" of bigger area. For 
all view points on the screen at which the 
optical system affords a "complete flash," 
the illumination produced will be the same, 
whether the source be large or small, always 
assuming the same" intrinsic brightness" for 
the source. 
It is convenient to investigate projected 
beams hy noting the shape and general 
intensity of the "light patch" projected 
on a distant white screen, and so it will make 
the argument clearer if the projected beams 
are considered in terms of the " light patch " 
received on a perfectly efficient white screen 
placed at some definite standard distance 
from the projector-a distance that shall 
be very large in comparison with the size 
of the projector. At whatever angle it is 
viewed, such a screen would make the hright- 
ness of the" light patch" at any point alwaya 
strictly proportional to the illumination pro- 
duced at that point by the projector_ Each 
element of such a screen covered hy the 
" light patch" would act like a self-luminous 
surface and send out light equally in all 
directions. 
If, inst.ead of the flat screen placed at 
standard distance from the source, a large 
hollow spherical screen of some definite 
standard size he imagined extending all 
round. the source with the source at its centre, 
it will be seen that the optical projector, 
whatever it is, can only make use of the light 
energy represented by the complete spherical 
"light patch" cast by the original source 
on this spherical screen. 'Yhatever light 
the optical system can intercept and bend in 
the required. direction will be removed from 
the light falling on one part of the sphere 
and added where it is wanted. The most., 
therefore, that any optical system can do 
is to bend the rays of light in 
uch a way that 
all the light energy spread over the whole 
sphere by the naked source is concentrated 
so as to fall only on one small portion of it. 
Evidently, therefore, while optical projectors 
may he designed to produce relatively intense 


illumination from sources of small canrlle- 
power, yet the an
ular size of the beam 
projected under such circumstances can only 
be very small. 
If the source were a glowing sphere the 
illumination produced hy it in every direc- 
tion would he the same, and if it were de- 
sired to produce from such a source by 
optical means a circular " light patch" one- 
thousandth of the area of the complete 
spherical surrounding screen (this would 
correspond tv a heam having a semi-angle of 
ahout 3l o or a total angle oi divergence of 
about 70), then it would naturally follow that 
the most that could he expected would be that 
the intensity of the projected beam would 
everywhere be one thousand times as great 
as the intensity due to the naked source alone. 
It would follow, therefore, from what has 
gone hefore that the front aperture of the 
projector must have at least one thousand 
times the "apparent size" of the spherical 
source as seen from the screen, since it is 
only by increasing the "apparent size" of 
the source by optical means to fill this aper- 
ture that the increase in illumination can be 
obtained.. 
It is always impossible to collect from all 
round the source, and it is generally only 
convenient to collect from a comparatively 
small fraction of the total area of the sur- 
rounding sphere. Twenty-five per cent of the 
complete sphere, or 50 per cent of the hemi- 
sphere, for instance, is quite good for a 
searchlight. If t.his percentage only be col- 
lected and it is desired to include just the 
same angle in the projected heam as before 
(viz. 7 0 ), then it would only be possible to 
get one-fourth the light in the beam using the 
same imaginary spherical source and designed 
as before for "complete flashing." This 
projector, therefore, would have to have half 
the previous diameter; or if the same 
illumination were desired filling the Flame 
angle, t.hen the source assumed to be of the 
same "intrinsic brightness" would have to 
have four timps the area, i.e. have twice the 
diameter. 
"There the optical system is symmetrical 
about an axis, the "angle of collection" is 
quoted as the angle of the right circular cone 
formed by the extreme rays collected by the 
projector. 
To sum up, therefore, from the furegoing 
general considerations, it will be seen that if 
the type of source is given (e.g. acetylene flame, 
oxyhydrogen limelight, electric arc), in other 
words, if the" intrinsic brightness" is given. 
then the req uired intensity in the beam can 
be secured by having the projector big enough. 
On the other hand, a wide angle of divergence 
in the beam will be secured either by collecting 
the light from as large an angle as possible 
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or by employing a source of as large a Eize as 
pos-sible. Xeither of these two latter condi- 
tions, however, affects intensity. which is 
solely a question of making the front aperture 
as large as possible; it being always assumed 
that the optical system is equally efficient 
in e,ery case as regards its ability to afford 
a " complete flash:' 
Again, if by any means the "intrinsic 
brightness" can be increased fourfold, then 
exactly the same beam haYing the same 
intensity and including the same angle can be 
projected by using a projector one-half the 
diameter in conjunction "ith a similarly 
shaped source only half as large (its total candle- 
power being the same, since it is assumed to 
have four times the" intrinsic brightness"): 
by increasing the "intrinsic brightness" 
sixteen times. the whole apparatus could be 
made one-quarter the diameter and yet give 
the same intensity "ithin a beam of the same 
angle, and using a source of the same candle- 
power. 
As these general considerations are very 
important, they "ill be again summed up 
in the follo"ing manner. The factors involved 
in the projection apparatus are: 
A. The" intrinsic brightness" of the source. 
B. The size of the source measured by 
area, or its apparent size, at standard distance. 
C. The fraction of total energy of source 
collected by the projector. 
D. The size of the projector, which must be 
measured by the area of its front aperture. 
The resultant" light patch" projected has: 
I. Size measured bv its area. 
II. Intensity measu
ed by its brightness. 
If one factor alone be varied, while the others 
are kept constant, it may be said: 
Yarying A causes II. only to vary propor- 
tionatelv. 
\
 aryin
 n 
causes I. only to vary propor- 
tionately. 
Yarying C causes I. only to vary propor- 
tionatelv. 
'
arying D 'causes II. to increase and I. to 
decrease proportionately to increase in D. 
It should be noted that in the above the 
same efficiency for the projector is always 
assumed, that is to sa v, it need not aff('rd 
" complete flashing" i
 e,ery case, provided 
it always affords the same }Jf'rcentage of its 
front aperture flashed. It "ill be shown later 
that it is very difficult to increase the angle 
of collection 
f a projector "ithout lowering 
its efficiency, so that when C is varied a fres.h 
factor is introduced which modifies the ahove 
result. 

 (4) PROJECTTOX ApPARAT"Ls.-The study 
of projection apparatus is no" seen to in- 
voh?e the study of the flashing of incandescent 
sources as viewed through optical dences. 
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The directions in which the eye sees things 
through an optical system can be ascertained 
mathematically hy " hat is termed "ray 
tracing," since at e,-ery point of reflection or 
refraction in the optical system the change of 
direction follows known laws. If. therefore, 
a distant .view point be taken and all possible 
ray directions emanating from it be traced 
through the optical s
?stem, then for well- 
designed projection apparatus they should, 
after being so traced through the optical 
system, come, if not to a true point focus, 
yet to a very high degree of concentration 
near the " focal point." 
If the ray directions from a distant point 
on the axis of an optical system, traced through 
that optical system, an converge to a "point 
focus," then any source, however small, 
which includes that" point focus" "ithin it, 
will be seen from that distant point as 
completely flashed. That is to say, an 
extremely diminutive source placed at the 
"focal point" would send a very powerful 
beam along the axis, though it would naturally 
have an extremely small angle of divergence. 
This "point focus," however, is impossible 
of attainment. though the ray directions do, 
as a matter of fact, come to a remarkably 
high degree of concentration at the focus 
f 
well-designed and well-made apparatus. If 
the smallest possible sphere be described 
surrounding what may be termed the" focal 
point" so as just, and only just, to include all 
the convergent rays, either intersecting it or 
just touching it, then this may be termed the 
" focal sphere." 
'Yhen the source actually employed in 
projection apparatus is not larger than the 
"focal sphere," "partial flashing" alone is 
possible, and the theory is rather more 
difficult; also it is extremely difficult to get 
uniform brightness in the " light patch." 
In the great majority of cases it is desired 
to project a beam which shall be symmetrical 
about. an axis, and. tbe optical system employed 
is also symmetrical about an axis. In fact, 
the difficulty of making optical devices which 
are not symmetrical a bout an axis is such 
that wheIÎ unsymmetrical beams are wanted 
they are usually obtained by combining a 
symmetrical optical system "ith a suitably 
sha ped source. 
Optical systems symmetrical a bout an axis 
(in future termed "symmetrical projectors" 
for shortness), ho\\ ever complicated they 
may be and however often the rays passing 
through them may be bent or reflected, have 
the follmdng ;ery interesting properties 
which are of great value in elucidating the 
theory of their use for projection purposes. 
If a ray PR (Fig. 2) drawn parallel to the 
axis SF of a symmetrical projector be traced 
fhrough the optical system, it must al" ays 
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on emergence intersect the axis at some point 
F. Again, if the finally emergent ray be 
produced backwards to meet the line of the 


FIG. 2. 


incident ray in R, then the" apparent width" 
of any small source (measured perpendicular 
to the axial plane PHI") as seen through the 
projector from P will always be the same 
as the "apparent width" of the naked 
source as seen directly from R (taking width 
again to refer to directions perpendicular to 
the axial plane PRFt 
The "apparent height" of the source as 
seen from P may be either magnified or 
minified by the optical system as compared 
with the "apparent height" as seen from 
R; but all that can be said for certain is 
that the angular value of the width of any 
small source as seen from P through the 
optical system is exactly the same as the 
corresponding angular width of th"3 naked 
source as seen from R; the whole " apparent 
shape" is similar, but possibly distorted, either 
drawn out or compressed in the direction of 
the axial plane containing the" view point." 
If P be a point on the front aperture of the 
projector, then the" light patch" which would 
be projected if the whole front aperture were 
masked off except a tiny element at P would 
obviously have thf" same" apparent shape and 
size" as the "apparent shape and size" of 
the source as seen from P through the projector. 
But this is similar to, and of exactly the same 
angular width as, the "apparent shape and 
size" of the naked source as seen from R. 
If the projector is to afford a "complete 
flash" throughout the whole of the projected 
beam, every such element of the front aperture 
must project a " light patch" .which shall be 
coincident with that afforded by the complete 
projector. 
Hence. there are two conditions to he 
satisfied for "complete flashing" throughout 
the entire projected beam: first, that the 
parallel ray directions such as PR must for 
all zones of the projector converge to one 
definite "point focus" F; secondly, the 
" apparent width" of the source as seen from 
every such point as R must be constant, i.e. 
the length RF must be constant for all zones 
of the projector. 
The point R is conveniently termed the 


"equivalent bending point" for the ray PR, 
and all such points will lie on a surface coa)..ial 
with the optical system. This surface may be 
termed the " equivalent bending surface." 
From the above it is evident that the t\yo 
conditions to be satisfied by any projector 
designed to afford "complete flashing" 
throughout the whole of the projected beam 
are: first, that ray directions emanating 
from a "point focus" shall aU be rendeæd 
accurately parallel to the axis; secondly, 
that the "equivalent bending surface" fur 
such ra}s shall be a sphere having the" point 
focus" as centre. 

 (5) DETAILED CONSIDERATIOX OF USEFUL 
SOURCES.-It has already been made clear 
that the only way to increase the intensity 
of the beam pr9jected from really efficient 
apparatus of given size is to incrt-'ase the 
"intrinsic brightness" of the source; and 
hence, sources of the highest possible "in- 
trin::;ic brightness" must be chosen for powerful 
projectors. 
The subjoined table gives the "intrinsic 
brightness" of some well-known sources in 
candle- power per square inch: 


Paraffin flame (enclosed in glass 
chimney) . 
Acetylene flame (burning in air) 
Incandescent oil (pctroleum) with 
mantle 
Ordinary tungsten filament (in vacuo) 
Oxy-acetylcnc with pastille (in Messrs. 
Chance's projectors) 
Tungsten filament in argon ( .6.3 
watt per candle) 7,.300 
Tungsten arc or " Pointolite". 12,000 to 16,000 
Tungsten filament in argon (.4 watt 
per candle) 
The crater of ordinary carbon arc 
The sun at noon, summer, in British 
Isles . 
The sun at zenith 


10 
36 


340 
Ð60 


4,.300 to 5,700 


17,000 
110,000 


600,000 
1,000,000 


Th('se figures indicate how hopeless it is 
to expect to do anything in the way of 
projecting beams .which the eye can see at 
considerable distances in bright daylight ex- 
cept by using an arc lamp or a very highly 
overrun (so-canen) half-watt electric lamp. 
The obvious difficulty in the case of the 
latter source is the awkwardnpss of the shape 
of the filament. This can, however, be wound 
as an exceedingly close spiral coil, and so be 
made equivalent to a continuous incandescent 
cvlinder. 

 The illustration (FiJ. 3) is from photo- 
graphs showing an actual incandescent filament 
eight times natural size, wound so as to form 
two such incandescent cylindrical shapes with 
axes parall{'l and v{'ry close together. 
Both the "Pointolite" and the tungsten 
filament lamp are subject to the great dis- 
advantage that the glass containing bulh has. 
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to be very large in comparison with the 
dimensions of the source itself. This places 
a very definite limit to the possible proximity 


FIG. 3. 


of any optical devi('e used for projecting a 
beam from the source. Consequently such 
sources can only project beams of small 
divergence, unless " partial flashing" is 
resorted to and the projector madE" un- 
necessarily large. Another disadvantage is 
that when used "ith a reflector placed behind 
the sourc{' tbe glass containing bulb practically 
acts like an opaque body to the reflected beam, 
and so the only effective part of the reflector 
consists of the outer annulus, the beam from 
which just ('lears the bulb. 

 (6) THE PARABOLIC REFLECTOR.-The well- 
known property of the parabola, viz. that ra.ys 
Aa, Bb, Cc, Dd, etc., drawn parallel to the 
axis FX (Fig. 4), are reflected at the curve so 
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as to pass through the focus F, makes the 
parabolic reflector the most obvious optical 
element to employ for projecting powerful 
beams. 
Inventors of special projection devices, 


....- 


hO\\ever, ha\ e tended to overlook two 
important considerations, the first being that 
a parabolic reflector \\ith a true point focus 
is a pure mathematical abstraction, and any 
commercially produced parabolic reflector has 
a "focal sphere" 1 of very definite and 
appreciable size. 
The second is that the parabolic reflector 
only satisfies the first condition for affording 
a " complete flash" \\ith an abruptly defined 
margin; the second condition, viz. that the 
"equivalent bending points" 2 shall all b{' 
equidistant from the focus, is obviously not 
satisfied by any parabolic reflector having any 
a ppre('ia ble ,. angle of collection." 
Thus, owing to the rapid increase in the 
focal distances to the points of reflection, as 
the ,ertex of the mirror is departed from, any 
parabolic reflector used in conjunction "ith a 
source larger than its "focal sphere" will 
project a beam in which the marginal zones 
will be weak. 

 (7) THE PARABOLIC REFLECTOR A
D ELEC. 
TRIO HEADLIGHTS FOR :\IOTOR-CARs.-There is 
a particular type of projector, however, for 
which the parabolic reflector used in conjunc. 
tion with an electric incandescent lamp is ad- 
mirably adapted, viz. the motor-car electric 
headlight. 
\Yhat is wanted here is a very "ide angle 
beam, but of very much greater intensity 
within a central narrow angle as compared 
with the intensity of the marginal portion 
of the projected beam, and this kind of dis- 
tribution is easily obtained from any parabolic 
reflector ha.ving a very large "angle of 
collection." For motor-car headlights the 
"angle of collection" is so large that, as 
sho"\\'ll in Fig. 4, the only light not collected 
from the source passes out from the front 
aperture of the lamp and forms part of the 
useful wide angle beam. 
The" equivalpnt bending surface" 3 i.
 the 
surface of the parabolic reflector, and the focal 
distances aF, bF, cF, dF vary enormously; 
in fact, "it h the angle aFa Þ equal to a right 
angle, the length nF is necessarily nearly seven 
times as long as the focal distance of, and 
the whole front aperture aa' is necessarily 
more than 91 times this same focal distance. 
But the glas; containing bulb of the electric 
lamp used has got to go inside the reflector, 
and this sets a verv definite limit to the 
smallness of Fo, and 
hen('e to the possibility 
of keeping down the size of powerful headlights 
of this type. 
To keep down the size, designers have 
arrangerl to place the source low down in 
the bulb, comparatively close to the cap, 
thereby increasing the percentage of light 
lost on thf" cap and also that lost due to 
1 For definition see 
 (4-). 
r Ibid. a Ibid. 
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reflections from the bul b, the reflection on going 
slantwise through the walls of the bulb being 
much greater than the reflection when going 
perpendicularly through it. This reflected 
light, however, is not entirely lost to the beam; 
some of it goes to augment the wide angle 
beam, partly directly and partly indirectly, 
after undergoing a second reflection at the 
parabolic reflector, as shown in Fig. 4. 
Starting from 0, thf"refore, and going round 
the source, it will be seen that first there is 
a fairly large angle over which the light 
energy is absolutely lost on the cap; then there 
is a zone in which the light energy which gets 
through the bulb on to the reflector undergoes 
reflection at the parabolic mirror, followed 
by glancing reflection on the electric bulb. 
This ultimately gets added to the wide angle 
beam, hut it contributes an entirely negligible 
quantity either to the central intense beam, 
or to the relatively fairly powerful beam that 
should c10sely surround it. It is only when 
the zones at c and b are considered that a 
relatively powerful beam results, since the 
angle within which the projected beam lies 
is so 
mal] in comparison with the angle 
around the source from which the "light 
energy" is collected. 
It \rill, of course, be understood that with a 
source having an "intrinsic brightness" [IS 
high as 960 candles per square inch, anything 
approaching a "complete flash," even confined 
to the very centre of the beam, is entirely 
out of tlJe question. A "complete flash" 
in a 10-inch headlight would menn a candle- 
power in the projectcd beam of more than 
37,000, even if the efficiency of reflection be 
assumed as one-half. This would produce an 
iHumination equal to full moonlight at a 
distance of well over a mile. No effort is 
made, therefore, to confine the filament close 
to one " focal point," nor is the reflector made 
very accurately so as to afford a very small 
" focal sphere." 
As the bending of the rays in this case is 
done by pure reflection only, the" light patch" 
projected by each portion of the reflector is 
identical in "apparent shape and size" with 
that of t he source as seen from the correspond- 
ing part of the reflector. The ray directions 
drawn in Fig. 4 correspond to the centre in 
each case of the "light patch," which will 
obviously be the sum total of a lot of thread- 
like twisted sha pf"S corresponding to all the 
different views of the filament as seen from 
a, b, c, etc. 
Obviously thp zone at a is responsible for 
a narrow angle beam, that at b for a wider 
angle beam, and so on in the inverse proportion 
of the focal distances aF, bF, etc. 
Commercially obtainable reflectors do not 
cause raYR emanating from a "point focus" 
F to form a parallel Learn after reflection. 


They have small errors of shape" hich cause 
the ray directions to vary within small 
limits, and provided these limits are kept 
well within the angular value of the central 
intense beam (about (0) no real harm result
. 
These irregularities simply further confuse tJlf' 
superimposed images and cause the reflectors 
to be lcs
 sensitive to displacements of the 
source from the thf'oretical focus. 
Defective shape is not responsible for the 
poor performance of many electric headlights 
seen on the road, but imperfect focussing, or 
location of the source altogether outside the 
true "focal sphere." Displacement of the 
source in an axial direction may result in a 
hollow beam, there being no light from the 
reflector in the central part at all. 
Displacement of the source perpendicular to 
the a.xis, causing an ex centric position of the 
filament, affords an extremely unsymmetrical 
" light patch" with a very big halo all on one 
side. 
To take a concrete instance: an ordinary 
candle-power for the bulb of a 10-inch electric 
headlight is 24. Allowing for light lost on 
the cap, the parabolic reflector can be designed 
to collect about 70 per cent of the total light 
energy emitted, and under fair average condi- 
tions it can be assumed to reflect 40 per cent 
of this. Thus, about 2R per cent is transmitted 
to the beam, and if onf'-q uarter of this is 
accounted for by the central 7 0 wide beam, 
and the remaining three-quarters by the 
wide angle beam up to a limit of 40 0 on either 
side of the axis, it can be asserted that the 
candle-power in the central beam will average 
about 1600, and the mean candle-power in 
the wide angle beam will he about 
2, as pro- 
duced by the reflector, to which, of course, 
must be added the 24 due to the naked source, 
making a total mean candle-power in the "ide 
angle beam of 56. This represents quite good 
practice. From the figure q noted for the 
candle-power corresponding to a complete 
flash in a 10-inch headlight it will be seen that, 
even in the most powerful part of the beam, 
this 10-inch headlhrht will onlv afforrl about 
5-! per cent uf a'-" "complet
 flash." The 
dazzle effect of such an intensely hright source 
as the incandescent filament is responsible 
for the illusion that the whole apf"rture of 
a goorl electric headlight is filled with a 
"complete flash" when viewed axially from 
in front. By looking at- it with a good 
telescope, provirled with an optically worked 
dark glass, it "ill be found that only twisted 
thread-like lines of brightness are seen on 
thp surface of the reflector. 
The electric headlight, therefore, with para- 
bolic reflector is an example of a projector 
with a quite large "focal sphere" affording 
only very" partial flashing," with a compara- 
tively open spiral coil of incanrlescent filament 
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confim>d, when properly adjusted, within the 
"focal sphere." The parabolic reflector is 
carried out to include an " angle of collection" 
of something like 2-10 0 to 270 0 , and the large 
for" ard end of the reflector is responsible 
for the intense narrow angle central heam, 
the middle zones for the If'sS intense beam 
immediately surrounding it, anù the back part 
of the reflector behind the bulb is responsible 
only for scattered light, forming in association 
with the naked source and reflections from the 
glass containing bulb the marginal "ide angle 
beam. 

 (8) THE P AR_\BOLIC REFLECTOR A
D 
ELECTRIC SEA RCHLIG HTS. -Searchligh ts form 
perhaps the most typical instance of projection 
apparatus, since it is the function of a search- 
li
ht projector to produce the most powerful 
distant illumination in a predetermined and 
controlla ble direction. 
To do this a source of the highest possible 
intrinsic brightness has to be employed, used 
in conjunction with a highly efficient parabolic 
reflector, made as large in aperture as possible, 
and of as high an efficiency as possible. 
This means the combination of an arc light 
with a glass parabolic reflector sil,pred on the 
back according to the plan shown in F1.g. 5. 


b 


b' 


FIG. 50 


The carbons C, C' are shown disproportion- 
ately large, but it will be noticed that the 
parabolic reflector is carricd out to an " angle 
of collection" of ahout 120 0 , and this enables 
fully 70 per cent of the total light energy 
emitted by the arc to be collected by the 
mirror. There is no practical advantage to be 
gained by trying to exceed this "angle of 
collection," even if such a mirror ('ould be 
made to stand the heat of the arc. The 
negath-e carbon C' has its conductivity 
artificially increased, and is made as smaÌl 
in cross-section as possible, so as to keep its 
central shadow, bb' on the mirror, of minimum 
size, and for the same rea!'1on the arc is made 
as 10m! as is nractica ble. 
To 
btain 
 the great intensity ff'quired by 


modern searchlights, the dianwter an' of the 
front aperture is made in some cases as large 
as 60 inches, but the difficulty of grinding 
and poIÜ:hing, with the necessary accuracy, so 
Jarge a parabolic shape is so great that there 
is a tendency for such large projectors to 
give disappointing results in comparison with 
the more usual size of 36 inches. The standard 
focal length for a 36-inch mirrer is 17 inches, 
and this -corresponds to an angle of coUection 
of 110 0 . A useful source to employ "ith such 
a mirror "ould be an arc having a Ii-inch 
diameter positive carbon, rated to consume 
130 amps. at 60 volts. The brightest part 
of the crater on such a positive carbon would 
be limited to a diameter of less than 
 inch. 
\Yith a source of thi
 size, it would mean that 
the central zones of a perfect parabolic 
reflector nearest to it would project a beam 
of about 1{-0 and the outer zones a beam of 
about to angular divergence. The central 
crater would have an intrinsic brightness of 
about 100,000 candles per square inch. The 
mean spherical candle-power within the 
angle of collection of such a source "ould be 
about 18,800 candles, and if tIte u'ho.le aperture 
of the mirror uoere flashed u'ith the inlrim;ic 
brightness of the crater the resultant candle- 
power would be more than 100 million. 13ut 
this 100 million is reduced bv 0 }ìstructions 
such as the negative carbon a
d the carbon 
supports and holders. It is also reduced by 
the losses on going thrc-'l1f!h the mirror, the 
colour of the glas:;, which is quite important 
in such large mirrors, and the imperfect 
reflective PO\\ er of even the best glass silvered 
surface. It is also necessary to protect the 
arc from the effects of "ind; and to do this 
the front of the projector is glazed "ith 
parallel strips of glass. This gives rise to 
furthf'r light losses, and, taken in the a
gregate, 
it can be demonstrated that in actual pradice 
such transmission losses cannot be less than 
40 per cent, and may very well be considerably 
more. 
This would give a maximum possible inten- 
sity of 60 million candlf's in the projected 
beam, provided the diameter of the focal 
sphere afforded by the mirror was really 
considerably less than the half-inch which 
is the approximate diameter of the intense 
central crater on the posithTe carbon. Such 
accuracy, however, is not attained in practice, 
and in conseqnence the whole unobstructed 
aperture of the projector is not filled with a 
flash corresponrling to the central crater, but 
parts of it are flashed "ith a brightness 
corresponding to the surrounding glo"\\ ing 
carbon, whkh is 1 0 ery much le88 brip:ht. Local 
errors in shape increase the divergence of the 
projected beam. In practice they about 
double the value of the maximum divergence 
already obtained from purely theoretica] 
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considerations, and further reduce the intensity 
of the brightest p3.rts of a carf'fully focussed 
beam to somethin
 like 30 to 40 million 
candle'3. Imperfect focussing may still further 
reduce the intensity of the projected beam, 
and correspondingly increase the divergence. 
As a matter of fact an intensity of 60 million 
candle-power for a 3û-inch searchlight has 
been actually exceeded in practice, by employ- 
ing specially treated carbons for which an 
intrinsic brightness of 200,000 candles per 
sq nare inch has been attained. 
It is often stated that the high figures 
q noted for the candle powers of searchlights 
are meaningless, because the candle-power is 
so completely dependent on the state of the 
atmosphere. Since candle-power represents a 
rate at which light energy is sent out from a 
source pE"r unit of solid angle, it can have 
nothing to do with the state of the atmosphere. 
These fallacious notions are all due to the fact 
that it is not practicable to compare a search- 
light with the 30 or 40 million candles to 
which (in a predetermined direction and at 
sufficiently great distances) it is undoubtedly 
equivalent, whatevE"r the state of the 
atmosphere. 
The state of the atmosphere only comes in 
when the illumination produced at a very 
great distance from a searchlight is compared 
with the illumination produced quite close 
to a small standard source. I t would he 
very much better if manufacturers of search- 
lights would give definite guarantees as to 
what the actual size of the" focal sphere" 1 {or 
their mirrors was, under running conditions, 
and also their transmission losses. These 
readily measurable quantities give the best 
criteria for comparing the efficiency of one 
projector with another, quite apart from arc 
efficiency. 
Another fallacy to be disposed of in connec- 
tion with searchlights is the oft - repeated 
statement that the ideal really aimed at is a 
perfectly parallel beam projected from a point 
source. The idea is that such a beam would 
afford constant illumination at all distances, 
and the divergence of the beam of any practical 
searchlight is taken as a measure of its ineffi- 
ciency, because it leads to the falling off in 
illumination according to the inverse square 
law. 
It is evident that any e,fficient projector 
must produce a complete flash at all useful 
long ranges, and hence as the range in any 
predetermined direction is increased, the 
falling off in illumination must follow precisely 
the same laws as would hold for the equivalent 
candles of that flash, whatever atmospheric 
conditions prevail. 
Constant illumination from a parallel beam 
at varying ranges requires the use of a source 
1 For definition see 
 (4). 


suitably focussed and sufficiently small to 
afford a partial flash of constant "apparent 
size." This involves carrying partial flashing 
to an absurcllimit. 
In all that has f!.ùne before, the range has 
been assumed to be great in relation to the 
size of the projector; in fact, the whole theory 
has been hu
lt, upon the assumption that the 
distant view points considered are such that 
ray rlirections from them form a system of 
practically parallel rays over the whole front 
aperture of the projector. 
Searchlight projectors, however, are so large, 
and the sources used in them so relativply 
smalJ, that it is quite easy to take fairly 
distant view points, the ray directions from 
which form an appreciably divergent system 
when taken over the whole a perture of the 
projector. Obviously, the theory breaks 
down as soon as the departures from parallelism 
are such that a percentage of the rays, whpn 
" traced" through the projector to the source, 
miss the source altogether instead of ending 
upon it. 
The " focal sphere," however, corresponding 
to such fairly distant view points is practically 
irlent.ical in size with the true" focal sphere" 
corresponding to very distant view points: 
but its position is displaced towards the view 
point by a very small amount.. 
Thus, all the characteristics of the "light 
patch" on a far distant screen can be repro- 
duced on a much nearer screen simply by 
focussing, i.e. by displacing the position of the 
source by the necessary small amount to 
correspond with the displaced posit.ion of the 
" focal sphere." 
For all ranges outside 1000 yards the focus- 
sing displacement for a 36-inch projector is 
negligible, but to focus on an object at 400 
yards' distance requires slightly less than 
lrinch focussing displacement of the arc. 
Thus, the figure of 30 to 40 million candles 
found for the beam from a 36-inch searchlight 
still holds for comparatively near view points 
if the carhons are properly focussed, but in 
this case the beam, leaving the lip of the 
projector as seen by the operator, may very 
well be convergent. 
The beam taken as a whole, however, is 
not convergent, for the rays cross over after 
passing the point focu
sed upon, and form a 
rapidly divergent beam corresponding to 
partial flashing at all really distant view points. 
As regards the angle of the beam actually 
projected by practically useful searchlights 
for long-range work, it usually lies between 2 0 
and 3 0 , and anything less is not of very much 
use for searching for objects even at extreme 
ranges. At three miles range the light 
patch produced by a 3 0 beam is about 800 feet 
in diameter. For comparatively ne:tr ranges, 
however, this angle of divergence gives too 
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small a width to the light patch projected; 
consequently, vertical cylindrical elements are 
fittcd to the front window of the projector. 
The beam tra\"'"ersing these cylindrical elements 
is spread out evenly in a horizontal direction 
so that the horizontal angular "idth of the 
beam is greater than the vertical angular 
width by the divergence due to the cylindrical 
lenses. The cylindrical elements may ha\"'"e a 
dÏ\.er
ence of as much as 30 0 , and if this were 
applied to a 3 0 beam the resulting intensity 
would naturally be reduced to at least a tenth 
of its normal value. Instead of affording a 
complete flash, each cylindrical lens would only 
show a vertical strip one-tenth of its width 
flashed; the position of the fla::::hed strip mov- 
ing across each cylindrical lens from one side to 
the other as the view point traverses t.he beam. 

 (9) THE PARABOLIC REFLECTOR AXD 
ELECTRIC SIGSALLIXG LA
IPs.-\Yhat is desired 
in a signalling lamp is to direct an intermittent 
Leam from a person A to a person B so that 
'" bile B receives a series of flashes as few 
other people as possi ble shall receive them. 
Obviously everybody in the line Þ_B pro- 
duced who has an unobstruded view of A 
must see the flashes, but if the beam projected 
has a very small divergence, few people 
outside the line AB may see anything of the 
signalJing. At first sight this would apppar to 
call for the perfectly parallel beam affording 
a "light patch" equal in size to the front 
aperture of the signalling lamp. It is not 
so, however, because A who is sending the 
signal has to aim his beam at B by means of 
some sighting device, and it is impossible 
to aim a beam "ith mathematical accuracy. 
\Yhen all the possible errors in the la
p 
are taken into account-errors due to a 

light1y displaced source-personal errors of 
the man misjudging his aim-errors due to 
the uncertainty ûf the precise location of B 
and vibration effects due to wind, etc., it 
"ill be found that a certain definite though 
quite small angle of di\"'"ergence in the beam 
is required (po
sibly only 10). If the signalling 
lamp instead of being damped to a stand is 
held in the hand, and so aimed, it "ill have to 
afford a very much "ider angle of divergence, 
say 4 0 , and if it is to be uSf'd as a hand lamp 
on board ship or on aircraft it must have an 
angle of divergence of at least 6 0 to be sure 
of keeping B within the flash. 
For such a lamp, a so-called half-watt 
electric bulb (tungsten filament incandpscent 
in argon) is a very convenient source. This 
must be worked at a very high efficipncy if 
any considerable range is to be afforded in 
dayligllt. 
As would be expected, there is an upper limit 
to the size the projector can have, and if a 
parabolic reflector is to be used it must on Iv 
be carried out, as in Fig. 6, as far as th
 


latus rectum. That is to say, the souree 
(which is at the focus F) must be in the plane 
AA' of the front aperture, as the following 
C'onsideration will show. 
It has been sho" n that the front edge AA' 
of the reflector projects the narrowest beam, 
and with a spherical source the apparent 
size of the" light patch" projected from this 
front edge is the same as the" apparent size" 
of the spherical source as viewed from any 
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point on it. This app?.rent size is greatest 
when AF is least, i.e. if the diameter A.A.' is 
given, F must be in the plane of the circle AA'. 
Of course, thE" incandescent filament cannot 
be wound so as to simulate a continuous 
incandescent sphere, but a "'ery close axial 
spiral coil (two such coils being shown in 
Fig. 3) will do, if its diameter is made large 
enough to afford the necessary minimum 
angle required for the signalling beam, and its 
length be made long enough, so that the view 
of the coil as seen from the inner edge BB' of 
the annulus actually nsed for flashing the 
signa], shall just not show any black centre 
due to looking right through the axial in- 
candescent cylinder formed by the filament. 
For reasons already pointed out, the parabolic 
cap BB' is practically useless owing to the 
obstruction presented by the bulb ec'. 
For larger and more powerful signalling 
lamps the electric arc is the best source to 
employ on account of its very high intrinsic 
brightness; and electric searchlights, especi- 
ally in the smaller sizes, are fitterl "ith shutters 
whereby the beam can be almost instantane- 
ously occulted so R" to permit of their being 
used as daylight signalJing lamps. 
Since the outer edge A.A.' of the reflector is 
t"ice the distance from the source that the 
vertex is, therE" is a tendency for the beam 
corresponrling to complete flashing to be half 
the angular "idth of the whole beam projected. 
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Such a condition is wasteful since the signalling 
beam should be equally intense all over, .within 
the limits imposed by aiming considerations, 
and of zero intensity outside that Jimit. To 
secure this, however, it has been shown that 
it is necessary that the "equivalent bending 
surface" 1 (which in this case is the parabolic 
reflector itself) shall be a Rphere with F as 
centre. 

 (10) THE :\IANGIN 
IrRROR FOR HEAD- 
LTGHTs.-The .Mangin mirror is shown in Fig. 
7, and is a good example of an optical element 
where the" equivalent bending surface" 1 for 
paranel axial rays can be made approximately 
spherical with the focus as centre. 
Rays At B 1 . A 2 B 2 , A3 Ba, etc. (Fig. 7) 
parallel to the axis Ao Bo Co are refracte>d at 
the first surface B 1 , B 2 , B3' etc., the outer 
rays being very much more strongly bent 
outwards than the inner raYR, in Fluch a manner 


A 1 


A 2 


A3 


Ao__ 


F 


FIG. 7. 


that after reflection at the had.: of the lens 
mirror at the points ClJ C 2 . C 3 , etc., they !)ass 
almost normally through the first refracting 
surface again at points ])1' D 2 , Ða, etc., i.e. 
they concentrate after reflection to a point F 
not far removed from the centre of the first 
surface. An examination of Fig. 6 will show 
that the " equivalent bending surface" 
determinea by the points Rt, R 2 , R 3 , etc., 
approximates to a sphere with F as focus. 
It is not surprising, therefore, that such a 
lens mirror affords an extremely abruptly 
defined" light patch" when used in conjunc- 
tion with any smal] axial disc source with its 
plane perpendicular to the axis of the lens 
mirror. The" apparent size" of the "light 
patch" projected is the same as the" apparent 
size" of the disc source as viewed from the 
vt':rtex Ro of the" equivalent bending surface." 
(This is situated on the axis somewhere within 
the central thickness Bo, Co of the lens mirror.) 
1 }'or definition see 
 (4). 


.For maximum efficiency it is necessary to 
design the lens mirror so that Ro is as near 
to the focus .F as the aperture of the mirror 
permits. As in the case of the parabolic 
reflector, maximum efficiency is only attained 
by contriving that the plane of the front edge 
B 1 , B't of the mirror should contain the focus 
F, but this is not practicable. It is easy, 
however, to make the angle D 1 , }', ])1' as big 
as 130 0 or even 140 0 , and still afford an 
extremely well-defined "light patch" from 
any small flat source, and the loss, of course, 
is not great, because, unlike a spherical source, 
the flat disc source sends out less and less 
Jight at any considerable inclination to the 
axis; in fact, an infinitely thin flat disc source 
would send out no light perpendicular to the 
axis because, when viewed in that direction, 
it has no "apparent size." The useful 
" angle of collection" of 140 0 is too great for 
such- sources as acetylene flames, 120 0 being 
about the limit of safe working owing to the 
tendency of the hot gases rising from the 
flame to crack the edge of the mirror. The 
combination of a :Mangin mirror, however, 
.with an " angle of collection" of about 120 0 , 
and a good flat acetylene flame at its focus, is 
a very effective piece of projection apparatus 
for projecting a ,vide angle beam of uniform 
intensity. Until the introduction of the 
electric headJight, this was the combination 
most in favour for motor cars. A lens mirror 
with a 10-inch flashing aperture would afford 
a candle-power in the beam correbponding 
to "complete flashing" of 1700, assuming 
60 per cent reflective efficiency, and with a 
36 candle-power flat circular flame, i.e. of 
1 square inch in area, and an "angle of 
collection" of 120 0 for the mirror, this "ill 
be spread over a total angle of nearly 13 0 in 
the projected beam. 

 (11) THE l\IA:KGIN MIRROR FOR SIGNALLING 
LA:\lPS.-As has already been shown, signalling 
lamps require to project a much mure powerful 
beam than motor-car headlights and confined 
to a much narrower angle. The acetylene 
flame has to be discarded. therefore>, and 
something like a "complete flash" afforded 
with a :l\Iangin mirror used in conjunction 
with a high - efficiency tungRten filament 
incandescent in argon. The condition to be 
satisfied is that everywhere within the narrow 
angular limits imposed for the signalling 
beam the ray directions traced from the 
observer's eye through the Mangin mirror to 
the focus shall terminate on incandescent 
filament. 
For an axial "view point" any annular 
zone of the Mangin gives a cone of rays which 
accurately concentrate to a point on the axis. 
The variation of the position of this point is, 
in a we'll-designed Mangin mirror, very small 
indeed, though not small in relatiun to the 
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dimensions of a really clu
ely-wound incan. 
descent coil of reasonably small candle-power. 
The smalle::;t possible electric source that will 
give a "complete flash" for an axial view 
point of any padicular )Iangin mirror is there- 
fore seen to be a closely-wound axial coil 
surrounding tha t short length of the axis 
\\ithin which the "focal points" for all the 
different zones of the mirror lie. 
In such a case the angular limit of the 
beam is determined by the "apparent size" 
of the diameter of the coil as seen from the 
vertex of the "equivalent bending surface" 
(a point situated somewhere within the central 
thickne!:'::; of the mirror). 
It should be noted that, as has already 
been shm\ n, the flash is not complete except 
in the annulus surrounding a central area 
equal to the diameter of the electric bulb, 
and this u::;eful annulus must be such that 
from no point on its inner edgc shall it be 
possible to look right through the incandescent 
cylinder formed by the source. 
A well-designed )Iangin mirror with a 
small axial coil conforming to the above 
condition affords the most efficient portable 
signalling lamp for daylight 'Work, as the 
follo\\ in!! considerations will show. 
A suitably designed l\Iangin mirror of ö 
inches clear flashing aperture and '\\ith 130 0 
"angle of collection" can be manufactured 
so that its ., focal sphere" 1 is less than .0,3 inch. 
Thus with such a mirror an axial coil .1 inch 
long and .Ot inch diameter will afford a 
"complete flash" in it. The coil when 
viewed from its 
ide has the "apparent 
shape" of a rectangle. 1 by .04 which equals 
in area .00-1 square inch. 
Assuming an "intrinsic brightness" of 
15,000 this would give a candle-po\\ er of 60, 
which can be quite safely confined \\ithin a 
2-iù.ch-diameter containing bulb. This means 
that an annulus having an area of over 2,3 
square inches will be flashed \\ith an " intrinsic 
brightness" of say 9UOO (allo'Wing 60 per cent 
transmission efficiency for the mirror), and a 
maximum candle-power in the beam of over 
223,000 will be obtained. Thus it is evident 
that a well-designed small electric signalling 
lamp can be made greatly to excel the 
intensity produced by a relatively much larger 
motor-car electric headlight. 

 (12) THE :\L-\XGIX )IrRROR FOR SEARCH- 
I.IGHTs.-From the table of " intrinsic bright- 
nesses" already given, it is evident that, even 
when full allowance is made for the effects of 
bulb ol)structions, an oxy-acetylene projector' 
would have to be made about twice as large as 
a high-efficiency projector \\ith half-watt focus 
electric lamp, to afford the same range. In 
spite of this disadvantage as regards the 
relativeiy low" intrinsic brightness," the oxy- 
1 For definition see ! (4). 


acetylene-cum-pastille is found to be a ,ery 
useful source for larger units starting at 12 
inches in diameter up to say 2 feet in diameter, 
for the reason that" hen a total candle-pu\\ er 
in the source of a bout 130 to 200 is exceeded, 
all the essential conveniences of the electric 
incandescent filament lamp begin to disappear. 
It is the great advantage of the :\Iangin 
mirror that the surfaces are spheres and thesE' 
can be polished true to shape with extreme 
acc1lracy. It is quite impossible to polish a 
parabolic shape to the same accuracy. That 
is why for the smaller units, where the thickness 
of the glass does not matter, the 
Iangin mirror 
is preferred to the glass parabolic reflector. 
Taking a medium size of 20 inches in 
diameter, it is easy to design a 
IangÌll mirror 
of this diameter with an angle of collection 
of about l:n o whose '- focal sphere" 2 (after 
making full allowance for colour dispersion 
and errors of manufacture) shall be less than 
. 2 inch. 
This 20-inch mirror used in conjunction 
with a pastille .8 inch in diameter would 
(ab
uming 60 per cent for its transmission 
efficiency and 5000 candle-power per square 
inch for the intrinsic brightness of the pastille) 
afford a beam whose maximum intensity 
would exceed 9-10,000 candle-power, and whose 
angle of divergence would be nearly 50. 
_\s has already been pointed out, however, 
for the largpst and most. powerful signalling 
lamps the electric arc must be used, and 
though the .Mangin mirror is a convenient 
optical element to employ for the smaller 
projector, for the 2J-inch sizes the thin glass 
silvered parabolic reflector is the most efficient, 
and from \\ hat has gone before it is e,ident 
that a Leam having a maximum intensity 
of something like 13 million candle-power 
should be gi,en by a 2-1-illCh EE'archlight, 
even after making allowance for the obstruc- 
tion due to the shutter employed for 
igna1Jing. 

(13) THE COXDEXSER I...E
:;.-".hen a lens is 
used to bend the directions of ray paths rather 
than to produce images, it is termed a "con- 
denser lens." Such condenser lenses usually 
consist of very deeply curved plano-conve'\: 
lenses, either taken singly or in pairs, "ith 
I their flat surfaces outside and their cur,cd 
surfaces adjacent. F1'g. 8 shows the more 
F,(þ F. 
 Fa

 t 


FIG. 8. 


usual sections of single, douhle, and triple 
condenser lenses "ith their associated foci 
F 1 , F 2 , F3' 


S :For definition :;ee 
 (4). 
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In each case, howe\-er, ray directions drawn 
parallel to the axis are not bent to a true 
h focal point" or even anything approximat- 
ing to a point, but the outer rays are more 
strongly bent than they should be, with 
the result that in ever.v case the condenser 
system is found to possess a 'Comparatively 
large focal sphere. l 
In fact, a 4-inch diameter single condenser 
lens haying an angle of collection of only 
60 0 would 1m ve a focal sphere of .4 inch in 
diameter as contrasted with a :l\Iangin mirror 
which could be made of the same diameter 
with double the angle of collection and having 
a focal sphere of only .03 inch. 
For this reason a condenser lens is a bad 
and inefficient optical device for projecting 
a pO\verful beam of moderate divergence from 
very small bright sources. 
Railway signals, hmvever, afford a good 
example of the successful employment of 
simple condenser lenses giving wide angle 
beams of moderate intensity from relatively 
large and low-intf'nsity flame sources. 
The condenser lenses fitted to pocket flash- 
lamps are not in any sense focu
sed, and 
as their flashing is so imperfect, they hardly 
fall within the category of projection apparatus. 
One of the most important uses of condenser 
lenses, however, lies in connection with the 
projection of images of transparent objects on 
a screen. 

 (14) LANTERN PROJECTION OF IMAGES ON 
A SCREEN.-The less usual form of lantern 
projection, viz. the projection of solid opaque 
objects in their natural colours, \vill be 
considered first, because it is the simplest in 
theory (though the most difficult in practice). 
}"'or the sake of simplicity it will be assumed 
that a sheet of perfectly white paper is laid 
horizontally at AB (Fig. 9) on which perfectly 
black letters are printed. The lens C placed 
at a suitable focal distance vertically above it 
will, in conjunction wit.h a 45 0 mirror D, project 
an image A'R' of AB on to a vertical screen as 
indicated. 
The 45 0 mirror is needed, because otherwise 
the image projected would be laterally inverted 
and the letters would be unreadable except 
from behind the screen. 
The image will only be visible if AB be 
sufficiently strongly lit and the room be 
darkened so as to shut off all extraneous 
light from the screen A'B' except that coming 
from the lens C. 
To illuminate AB sufficiently strongly, two 
sources Sand S'may be imagined placed on 
either side of it and as close to it as possible, 
giving an average illumination on AB of 
20,000 foot candles. 
A good "angle of cullection " for the lens 
C would be 14 0 , which corresponds to a lens 
1 For definition see 
 (4). 


of 12 inches focus with an aperture of 3 inches 
diameter. 
Since a hemisphere of 12 inches radius has 
an area of 905 square inches it is evident 
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that if the perfectly white parts of ...\ß scatter 
all the light received equally in all directions, 
the flash in the lens C corresponding to Euch 
a white part will have an "intrinsic bright- 
ness" of 20,000/905 candles per square inch 
if no transmission losses are assumed. 
Now if the area illuminated on the screen 
is one hundred times the area of AB, then the 
apparent diameter of the flash seen in the lens 
from A'B' will be one-tenth the "apparent 
diameter" of the aperture of the lens as seen 
from AB, i.e. it will be .3 inches diameter at 
12 inches' dist.ance. The area of a ,3 diameter 
circle is about .0707 square inches, and if a trans- 
mission efficiency for the lens C and mirror D of 
60 per cent be assumed, the illumination of the 
screen A'R' corresponding to perfectly white 
parts of AB is seen to be 12,000/903 x (.0707) 
foot candles. 
This is equal to about .94 foot candles, and 
shows how poor the result is, even \vith an 
illumination of 20,000 foot candles at AB. 
For projecting a transparent object, how- 
ever, the illuminant can be used in a much 
more economical manner; for if a source S 
(F1:g. 10) in conjunction with a condenser P 
(usually two pIano-convex lenses arranged as 
in the figure) be so arranged on the axis of the 
projector lens C so that the image of the 
source produced by P is concentrated within 
the lens aperture, it is obvious that any 
transparent object placed between C and P 
will, from the point of view of the image of S 
within the lens aperture, show its clear parts 
as of the same" intrinsic brightness" as the 
source S (as seen flashed in the condenser P). 
Hence, a lantern slide placed upside down at 
AB, and so that any lettering on it is readable 
from the same side of it as the condenser P, 
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will be projected by the lens C so as to be 
the right way up and "ith readable lettering 
prcrvided the focal planes are properly adjusted. 
But in this case the brightness of perfectly 
transparent parts of AB is the "intrinsic 
brightness" of the source S as flashed in the 
condenser lens, which, of course, is very much 
greater than that of any illuminated white 
sheet. 
The superiority of the illumination obtained 
by this method of projection is so great that 


FIG. 10. 


only when very large magnifications are 
attempted are lenses of large aperture with 
the most intense sources needed. 
Such a case, however, is furnished by the 
cinematograph projector, where a picture 
approximately the size of a postage stamp has 
to be magnified so that its area is increased 
more than forty thousand times. This, of 
course, calls for the most intense source 
available
 viz. the electric arc. 

 (15) THE CINE
IATOGRAPH PROJECTOR. 1_ 
Since the cinematograph projector must be 
placed in a fire-proof 
cham bel' at the back of 
the building, its distance 
from the screen is neces- 
sarily great, and in S 
modern picture - houses 
90 feet is quite usual. 
Taking this distance of 
90 feet, the width of the 
picture shown should be 
at least 17 feet, "hich 
is 218 times the width 
of the film picture and 
requires the projector 
lens to have a focal 
length of about 5 inches. 
...\ rapid projector lens of this focal length 
might be assumed to have a clear aperture of 
1 t inches. Thus, the film picture is actually 
smaller than the lens used for projecting it, 
and its area is barely four times that of the 
crater of the are used as the illuminant. 
Lantern slides have been standardised, so that 
a 41-inch diameter condenser "ill easily cover 
them, and though the problem of the cinemato- 
graph projedor is so different from that of the 
ordinary lecture lantern, yet hitherto the same- 
sized condenser lenseR have always been used. 
1 See article" Kinematograph." 


Fig. 11 is drawn correctly to scale one- 
tenth actual size, and the upper view shows 
the general nature úf the beam projected by a 
double pIano-convex condenser P of 4 inches 
clear aperture from the crater of an arc S 
l inch in diameter placed 3 inches behind 
the rear surface of the condenser P, producing 
a minimum cross-section in the beam at AB 
(termed the "waist"), of 
1 i inches in diameter, 12 
inches in front of the con- 
denser. The lower view 
shows the beam leaving 
the aperture AB, also the 
beam leaving the lens C 
when these are interposed. 
The lens C for project- 
ing the image is shown 
diagrammaticalJy, indicat- 
ing the clear aperture of 
the lens elements available 
for transmitting the beam. 
The aperture of the extreme rear lens D nearest 
the gate AB is assumed to be 1!- inches and 
situated 4 inches in front of AÏ3, the total 
length of the lens C being assumed as 2 inches. 
It is necessary that the "waist" should 
have a diameter so much in excess of that 
required to cover the film picture because 
of the tendency of the arc to shift its 
position in a variable and uncertain manner; 
also the illumination of the marginal por- 
tions of the "waist" cannot be made as 
bright as the more central portions. 
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It is evident that in no other position 
in the beam can the film be so intensely 
illuminated as when situated at the" waist," 
and this position ensures that all except the 
marginal parts of the film picture receive a 
" complete flash" from the condenser. 
Consider a smaH pinhole placed centrally 
at AB on an otherwise opaque film. The 
beam from the condenser P passing through 
this pinhole will co'
er a 1 !-inch diameter 
circle on the back lens D of the projector 
lens, and hence will all be collected and 
transmitted to the screen. If the pinho}(, 
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be displaced away from the cpntre, the circular 
area intercepted hy the beam passing through 
it on to the hack lens D moves a way from the 
centre so much that a position is very soon 
reached in which the projector lens C fails to 
collect all this light, so that some of it is 
lost. This loss, however, only affects the 
marginal portions of the picture. 
On the screen the central pinhole will be 
sho" n as a white spot, whose diameter will 
be 218 times that of the pinhole. Since all 
the light pa::;sing through the condenser P 
to this pinhole also passes through the 
projector lens C to the screen, it follows that 
the apparent diameter of the flash seen in the 
lens C from the screen must be ""2"h of the 
apparent diameter of the flash seen in the 
condenser lens P from the film picture AB. 
Thus the illumination of the centre of the 
screen, in this case corresponding to the whitest 
parts of the picture, is that produced by a 
circle ""2"18 inch in diameter (i.e. .000264 
sqnare inch in area) at a distance of 1 foot, 
shining with an intensity of the intrinsic 
brightness of the arc as reduced by the 
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from ordinary lantern projection than the cine- 
matograph projector. Obviow;:ly if the linear 
magnification aimed at is, say, 500 times, the 
object enlarged can only be very small. But 
since the apparent diameter of the flash as 
seen from the screen in the projector lens is 
only 1/.300 of what it is as seen from the 
object in the condenser lens, this class of work 
calls for a big angle of con vergence from 
condenser lens to the image of the arc on the 
object, and a correspondingly big angle of 
collection for the projector lens em?loyed. 
The image of the arc produced by the con- 
denser lens need not be large, especially in 
view of the fact that the field covered by a 
\-vide aperture projector lens is small. Conse- 
quently the arc neeu not be placed so close 
up to the condenser as in cinematograph 
projection, and a good microscope objective 
serves very well as a projector lens. The arc 
not being close up to the condenser makes 
it possible to use an elaborately designed 
condenser which will afford a complete flash 
of the hottest parts of the crater even for the 
large angle of collection of a good-quality 
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transmission losses of the whole projector 
system P and C and the film at the "gate" 
All. The mean "intrinsic brightness" of 
the fla
h may easily fall below 35,000, allow- 
ing for the obstruction of the negative carbon 
and parts of the condenser not being flashed by 
the intense central crater of the arc. Multiply- 
ing this figure by the above area of .000264 
square inch the illumination of the screen is 
obtained expressed in foot candles, viz. 9}. 
This result, however, neglects the effect 
of the shutter employed to cut off the beam 
whilst changing from one picture to the next. 
The shutter is periodically interposed where 
the beam passing from the lens C to the screen 
is narrowest. This occurs at the image EF 
of the aperture of the condenser P in the 
lens C, and in the case under consideration it 
would be about 6 inches in front of it. 
The period of occultation makes the effective 
illuminatiop on the screen at the most only 
60 per cent of what it is with the film stationary 
and the shutter open. Thm; with an ordinary 
carbon arc 3 inches behind a 4-inch diameter 
condenser the iBumination on the screen 
corresponding to perfectly transparent parts 
of a moving picture should be 5! foot candles. 
This would give a good bright picture in a well- 
darkened room. 

 (16) PROJECTION OF ::\hCROSCOPIC OBJECTS. 
-This is simply one stage further removed 


FIG. 12. 


microscope objective. This condition is not 
satisficd by ordinary condensers, and this 
explains why the satisfactory projection of 
highly enlarged views of microscopical subjects 
involves the careful design of the condenser 
as well as the projector lens used in conjunction 
with it. 

 (17) SCALE - READING PROJECTION FOR 
SENSITIVE INSTRUMENTS. - Undel' this head 
must be classed sensitive galvanometers, and 
all instruments where the angular rotation of 
the recording element in the instrument is 
used to make a mirror turn through an angle 
and so cause the image of an illuminated 
mark to move through a relatively large 
distance on a screen with the least possible 
moment of inertia in the moving parts of the 
instrument. 
The most usual arrangement is shown dia- 
grammatically in Fig. 12, and consists of a 
source S placed behind a condem:er lens C, 
so placed that the image of the source {or 
more correctly the "waist" of the beam 
projected from S by C} falls on the concave 
mirror l\1, which is necessarily made exceed- 
ingly thin and of minimum weight, while a 
thin opaque vertical line traced on the flat 
side of C forms an image of itself on the 
scale L (supposed perpendicular to the plane 
of the paper). The condenser lens C and the 
scale L are generally placed equidistant from 
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the mirror 
J. whose radius, therefore, is made 
ell ual to the scale distance from mirror 
1 to 
scale L. 
Thus a round spot of light is received on 
the scale gcreen L with a fine vertical line 
traced across it. This round spot is the image 
of the flashed condenser lens produced by )1. 
As usual, howe\'er, the question of contrast, 
or illumination at L, is best settled by placing 
the ., eye" there and noting "hat it sees. 
Obviously, for maximum efficiency the whole 
of the mirror 
1 must be seen as flashed with 
. the "intrinsic brightness" of the source for 
any point adjacent to the image of the 
vertical line and as completely not flashed at 
all for H view point,:;" on this margin. The 
latter condition can only be satisfied if the 
mirror :\1 is accurately worked to the spherical 
shape and the width of the line on (' not too 
fine to allow for the aberrations of the mirror 
when used at a slight inclination to true normal 
incidence. The former condition, however, is 
only satisfied if for all H vie" points" on the 
surface of the mirror 
1 the line on C is seen 
against a hackground of incandescent surface. 
,rith small electric 
battery lamps and simple I L 
condenser lenses this 
condition is never even 
remotely fulfilled, and 
all that can be prodded 
is that the best and 
brightest part of the 
very coloured image of the incandescent fila- 
ment projected by the condenser lens C is 
focussed on the mirror)1. Thus the eye at L 
sees a coloured flash in )1 the H intrinsic 
brightness" of which is very much less than 
the incancleseent filament. 
A device for making sure of using the 
whole aperture of the mirror is to project 
on to L the image of a straight portion of the 
incandescent filament formed by :\1 and to 
dispense entirely with the condenser lens. 
In this case, provided only the mirror :\1 is 
made accurately enough to concentraie ray 
directions traced from a point on L so that 
they all terminate on such an extremely 
nar
ow object (only a few thousandths of a
 
inch) as the filament in a small electric lamp, 
maximum efficiency "ill be attained. This 
accuracy is not, howe"\er, possible "ith 
commercially obtainable thin galvanometer 
mirrors, so that in this case, again, partial 
flashing alone is possible, and maximum 
efficiency cannot be attained. 
The best way to insure maximum efficiency 
is to make the .fl1irror :\1 (Fig. 13) perfectly 
flat on both sides, because in such forms they 
can be made mnch more optically perfect 
though very thin. The mirror :\1 then simply 
functions as a device for turning the axis of 
the projected beam through an angle. 
VOL. IV 


The projector ror providing the index mark 
focussed on the scale J.., consists of a separate 
unit and is arranged on the plan of the 
cinematograph projector, but using an electric 
lamp S as a source. The incandescent 
filament wound as a close spiral coil projects 
an exceedingly bright image of itself on to 
the vertical cross-" ire X, by means of the 
condenser lens P, and the image of the crOS8- 
"ire thus strongly illuminated is projected by 
the achromatic objective C, so that after reflec- 
tion at :\f, it focm:ses sharply on the scale L. 
The sharpness of the imagp received at L 
is dependent on the ability of the lens C to 
afford a complete flash of an exceedingly fine 
cross- wire at X. 
Achromatic objecti\'es, howeyer, are com- 
mercially obtainable which "ill satisfy this 
flashing test; and provided the mirror )1 is 
made accurately flat, this system makes it 
possible to get a clearly defined index mark on 
the scale L affording sufficient contrast to be 
I read even in a well-lit room in broad daylight. 
!t10reover, the result is entirely unaffected by 
the angle turned through by the mirror, 
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FIG. 13. 


whereas a conca"\
e mirror has kno"n and 
traceable aberrations for beams incident upon 
it at any appreciable angle to the normal or 
axial direction. 
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PROJECTIO
 ApPARAT"C"S, THE STrDY OF, 
inyolving the study of the fta
hing of 
incandescent sources as viewed through 
optical devices. See "Projection Appar- 
atus," 
 (4). 
PROJEf'TORS, PHOTOl\IETP.Y OF. See" Photo- 
metry and Illumination," 
 (lü9) et 8qq. 
P"C"LFRICH REFRACTO::\IETER: an instrument 
for the rapid determination of refracti,-e 
indices of liq uids or solids. See '" Spectro- 
scopes and Refractometers," 
 (13). 
PuPIL: the circular aperture of the eye. 
See" Eye," 
 (21). 
PrPILOl'tIETRY: the art of measuring the size 
and position of the pupil of the eye. See 
" Ophthalmic Optic a! Apparatus," 
 (4). 
PURKIXJE EFFECT, IXFLUEXCE OF, on photo- 
metry of surfaces of low brightness. See 
" Photometry and Illumination," 
 (12-1). 
PYR.UIID \L ERROR: the departure from exact 
parallelism of the edges of a prism. See 
" Goniometry," 
 (5). 
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QUANTUM, PLANCK'S CONST_\
T, VALUES OF, 
obtained by various methods and tabulated. 
Sef' " Qua';'tum Theory," 
 (7). 
QUA
TUM LnlIT to a spectrum of X-rays. 
Planck's quantum relation states that the 
maximum voltage applied to an X-ray tube 
multiplied by the electronic charge is equal 
to the frequency of the shortest wave 
multiplied by Planck's universal constant. 
:Measuring the limiting wave-length the 
applied voltage can be iound. See" Radio- 
logy," 
 (19). 


QUANTUM THEORY 

 (1) THE QUANTUl\I. - It has been found 
possible to account for many of the phenomena 
of physics by start
ng from the dynamical 
la \VS of Newton or the electromagnetic laws 
of :\Iaxwell, together with such extensions of 
them as relativity theory. Certain phenomena 
will not, however, fit in, and this in a way 
that requires not merely a modification of 
those laws, but 
ome fundamental revolution 
in our view of nature. The revolution has 
not yet been made in that no one has suggested 
any scheme whic.h should cover both the dis- 
crepant phenomena and the classical mechanics, 
but the quantum theory constitutes a first step. 
At present this theory is hardly more than a 
working rule, but its wide applicability guar- 
antees that it is leading in the right direction. 
The Quantum Theory is definitely contra- 
dictory to the laws of mechanics, and this 
gives an arbitrary quality to some of its 
applications, in that mutually exclusive ideas 
are borrowed from both sides and combined. 
Such a procedure would of coursf' not be 
tolerated but for the fact that on the negative 
side its absolute necessity has heen demon- 
strated and on the positive its use will give 
right results. There is now a considerable 
body of experience showing in what regions the 
quantum is required and in what the classical 
mechanics will prove sufficient. The principal 
fields in which the quantum theory has 
achieved success are (in historical order): (1) 
Planck's theory of radiation, (2) Einstein's. 
theory of the photoelectric effect, (3) the work 
of Einstein, Debye and others on the specific 
heats of solids, (4) Bohr's theory of spectra, 
much the most remarkable or all. It has also 
been applied, with only moderate success, to 
the problem of the equation of state of gases. 
Here, while it explains the phenomena of 
specific heat quite well, the classical mechanics 
seem on the whole capable of dealing with the 
law of pressure. The kindred problems for 


which the classical mechanics appear to be 
adequate without the quantum are such as 
the diffraction, interference, dispersion, and 
anomalous refraction of light waves, the 
scattering of light by small particles and of 
X-rays by electrons, and such matters as the 
molecular theory of the viscosity of gases. 
The essential fact of the quantum theory is 
the existence of a certain universal constant, 
the quantum, discovered by Planck anù de- 
noted by h. Its physical dimensions are 
mass x (length)2 x (time)-l, that is the same as 
energy multiplied by time (the" action" of 
general dynamics) or as angular momentum. 
Its magnitude is 6.5 x 10- 27 erg. sec. The 
rule for its use may be stated generally as 
follows. If a system can vibrate "ith a fre- 
quency of v vibrations per second, then the 
energy associated" ith this vibration can only 
be exchanged with other systems in quantities 
which are exact multiples of hv. Thus radia- 
tion of frequency JJ will be absorbed by matter 
in amounts hv, anù conversely if an electron 
radia tes energy E the wa ve will ha ve fre- 
quency E/h. This rule lacks precision and is 
inadequate for Bohr's spectrum theory (see 
below), but it covers all the other applications 
and they will show how it is to be interpreted. 
Of these the simplest is the photoelectric 
effect, and though it was not the first develop- 
ment in order of time, yet it will be convenient 
to treat of it here first. 

 (2) PHOTOELECTRIC EFFECT.-In thf' photo- 
electric effect 1 light falls on a metallic surface 
and electrons are in consequence emitted from 
the surface. Let the frequency of the light 
waves be v, then according to the quanturn 
rule the electrons come off with energy !tv. 
This is in fact observed to happen, though the 
effect is complicated by subsequent collisions 
which reduce the speed of the electrons, and 
above all by the presence of an electric field 
at the surface which prevents their egress or 
reduces their emergent velocity. Thus the 
energy of none of the electrons is observed to 
be greater than hv - Eo, and there is a minimum 
frequency Eo/h for the light beyond which 
none are obtained. The energy of the electrons 
is quite independent of thf' intensity of the 
source of light, which only affects their 
number. 
An enormously exaggerated photoelectric 
effect is obtained from the X-rays, as these are 
electromagnetic waves with frequencies about 
5000 times as great as those of visihle light. 
In this case' the electrons are emitted with a 
very high velocity and Eu is insignificant. 
The converse process has also been observed, 
1 See" Photoelectricity," Y 01. U. 
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electrons falling on a surface with energy E a"Verage energy of this yibrator is not loT, but 
give rise to X-rays and none of these have a f/(ef:/kT - 1). 
frequency greater than EJh. That lm\er fre- The formal proof of this expres
ion is a rather 
quencies are also observed is due to the fact complicated matter, deppnding as it does on 
that many of the electrons do not lose all their difficult considerations of probability_ It will 
energy in a single step. 
IIl the hands of suffice here to deduce. it by analogy from the 
)Iillikan 1 this proces::; has been made very case of classical mechanics, where the corre- 
successful for determining the value of h. sponding theorem can be fully established. 
It is hardly necessary to insist on the in- Suppose a system composed of a set of 
adequacy of classical mechanics to deal with vibrators, each of any frequency, which are 
the photoelectric effect. In the first place the capable of exchanging their energy say by 
effect would naturally be attributable to some means of a few freely moving molecules, 
sort of resonance, 
yhereas its character is which can collide \\ith them. Except for the 
quite different. _.\.1so on the classical theory few moments when collisions are occurring, 
an electron should only be able to absorb each vibrator has a definite energy half kinetic 
energy which passed in its immediate neigh- and half potential, and e"\
ery nmy and then 
bourhood, and it is easily calculated that for this energy is altered by a collision. If the 
feeble sources of light this energy is so small vibrator is observed for a very long time the 
that it would take years for the electron to energy will take on various values, but some 
accumulate the amo
nt of energy which it in more frequently and for longer than others. 
fact exhibits at once. Before the advent of The probability that the "Vibrator has energy 
the quantum theory attempts were made to between E and E + dE is defined as the fraction 
overcome this difficulty by a quasi-corpuscular of the total time during \\ hich its energy lies 
theory of light. Any such theory, however, between those limits. Then it is a demon- 
encounters the insuperable objection that the strable consequence of the la\"\ s of dynamics 
same light which produces the photoelectric I that this P robabilit y has the value Ae- 1.: kTdE, 
effect can also exhibit interference and all the 
where A is a constant that is readily deter- 
other phenomena which connote that it is 
extended in the form of continuous \"\a\es. mined to be l/kT. The average energy of 
.
 
The combination of these two .ap
arentlY d I the vibrator is therefore I E.Ae- E kTdE. The 
mutually exclusive ideas of contmmty an . 0 
discontinuity is typical of the quantum I value of this expression ",hen integrate.d 
theory. is kT, which is independent of E, and thIS 

 (3) P ARTITIOS OF EXERGY.-For dealing is the theorem of the equipartition of 
,rith radiation and specific heats the idea of energy. But if, as in the quantum theory, 
temperature must be introduced and associated energy can on1y be taken up in finite units 
"ith the quantum. In this connection the the formula for the probability must be altered, 
fundamental question is that of the partition as E is no longer infinitely divisible, but can 
of energy, which may be stated as foUo" s. only be a multiple of f. By analogy with the 
If a system of a large number of degrees of classical theory we therefore say that the 
freedom can be separated into parts, what will probability of a vibrator with l1f of energy is 
be the average energy of each of those parts? A Þ e - nf:./kT, "here A Þ is a constant, provided 
It "ill be sufficient here to limit the generality that n is an integer, and is zero if it is not. 
to the case where the energy can be expresse.d By summing the probabilities of all possible 
as the sum of a set of squared terms. In thIS '1rrangements A' is seen to have the value 
case classical mechanics gives the answer that I 1/(1- e- f:.,kT) and the average energy is now 
e\ery squared term takes on the average as f d b f /( ef:./kT _ 1). This is the partition 
much as every other, an amount 
kT, so that oun to e . . If . 
. b 1 . f f d (f - h . h th formula resultmg from Planck s theory. f IS 
a VI ratorv (egree 0 ree om or" IC e . 1 J.T th . 
. ì If k' f d h If t t' 1) h small the expressIOn ree uces to' e eqmpar- 

n T ergY H Is l T a . 
I t n h e !C b an l t a t po en t Ia. a
 tition value, but for larger values of E there is 
h'. ere IS e a so u e empera ure an If' h I th n kT the 
J.. the "atomic gas constant," that is the less :
ergy. f IS. muc a
ger a -'f:.,kT 
ordinary ga::; con::;tant divided by the number partItIon amount IS approxlm
tely æ , 
of molecules in a gramme-molecule. This is which is very small compared" lth kT. . 
called the theorem of the Equipartition of This result. has been obtained by 
xten?
ng 
Energy. But the quantum theory gives a the form from the case where eqmpartIhon 
very different law of partition and in the holds. An example "ill suffice to show the 
theory of radiation and of specific heats it is I probability basis on which it really rests. Con. 
this other law that is important. Accordin
 sider a system composed of four vibrators, of 
to this law, if there is a vibrator in the system which Ì" 0, 
\ and B, can hold energy units f, 
which can onlv e
chanrre enerrrv in finite" units while the other two, C and D, require units 2f, 
and if f he the Yalue
 of thi
' unit, then the and suppose that the total energy of the sy!='tem 
1 See" Photoelectricity," 
 (3), Yol. II, is -ie. The rule for the application of prob- 
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ability is then that equal probability attaches 
to every possible different distribution of the 
energy, in which no distinction is to be made 
as to the identity of the units of energy. Thus 
if a, band c, d denote respectively units e Qn 
A, B and units 2E on C, D, then all the 
possible arrangements are: aaaa, bbbb, aaab, 
abbb, aabb, aae, aad, bbc, bbd, abc, abd, cc, dd, 
cd, and each of these is to be counted as 
equally likely. Then the average energy on 
A or B is i-
 E and on C or D is tiE. This 
illustrates the tendency for the energy to 
go into the vibrations which have the smaller 
units. The same process carried out with large 
numbers leads precisely to the above partition 
formula. That the probability basis is correct 
is confirmed by the fact that in mechanics 
energy is infinitely divisible, and if that is taken 
to be so in the above work, then the ordinary 
equipartition formula results. 
Thus, bince E has the value hv, the con- 
sequence of the quantum theory is that if 
a vibratory system has frequency", and 
is at temperature T, its average energy is 
not kT, but 


hv 
;hv/kT _ 1 . 



 (4) RADIATIO
.-It was in his study of 
the radiation proble-m that Planck discovered 
the quantum, and it was in the same con- 
nection that Poincaré demonstrated rigorously 
the inadequacy of the older mechanics. A 
very considerable amount can be discovered 
about radiation by the application of thermo- 
dynamics, a branch of physics that must 
certainly be considered more fundamental than 
dynamics. It can be shown (see" Radiation," 

 (5), (ii.)) that there must be a universal 
formula describing the equilibrium of energy 
between radiation and matter in an enelosed 
space, and that this formula must be of the 
form 


1 
E À = A5f( ^T) 


(this is 'Vien's Displacement Law), where 
EAd^ is the energy (isotropic) per cubic centi- 
metre in the spectral region between ^ and 
^ + d^, and T is the absolute temperature. All 
the thermodynamical conditions, however, are 
satisfied by any continùous function f, and 
so it is necessary to have recourse to other 
principles in order to find the form of f. In 
making use of the quantum to find the ra(lia- 
tion formula it will be therefore allowable to 
choose any specially convenient system, and 
the apparent artificiality of the one chosen 
will be without influence on the result, for 
thermodynamics guarantee that this must 
also be the general formula. 
The svstem chosen consists of a rectangular 
box with perfectly reflecting sides in which a 


small piece of matter is placed. This matter 
will radiate until the radiation in the box is 
in temperature equilibrium with it, that is 
until the radiation is the "complete" or 
" black" radiation corresponding to the tem- 
perature of the matter. If the matter is now 
withdrawn the radiation will be reflected back- 
wards and fOr\vards from the walls un- 
changeably, and can be easily analysed into a 
set of independent vibrations. The partition 
law can then be used to assign the average 
energy in each vibration. 
Let the sides of the box be a, ß, 'Y' Then 
the vibrations are described by means of the 
electric and magnetic forces, the typical ex- 
pression being 
X 
 A l7rx . m7rY . n7rZ 2 (t ) 
..L =...... l-mn cos - SIn - ß SIn - cos 7rV + E , 
a 'Y 
where l, m, n are integers, and " is the fre- 
quency. By examining the electromagnetic 
equations it is found that 
l2 m 2 n 2 4v 2 
-+-+-=- 
a 2 ß2 'Y 2 (,;2 
(c is the velocity of light), and that there are 
two independent vibrations for each " m, n 
corresponding to the two directions of polar- 
isation. Now each vibration can be repre- 
sented by marking the corresponding value 
l, m, n in a three-dimensional space. Then 
the number of vibrations for which " is less 
than "0 is the same as twice the number of 
points marked inside the positive octant of 
the ellipsoid of semi-axes 
2a,,0 2ß"o 2'Y"0 . 

, --, 
c c c 


This number is 


87r "0 3 
- - aß'Y - . 
3 c 3 


The numbpr of vibrations with frequencies 
lying between " and ,,+ d" is found by differ- 
entiation of this, and is 
1I 2 d" 
87r a ß 'Y --. 
c 3 


By the partition law ea('h of these has average 
energy in amount hv /( e hv / kT - 1) and so the 
total energy in the box in frequencies between 
" and ,,+ d" is 
87r a " 2d!: h v 
ß'Y c 3 e hl '/kT_l 


If U,.dv is the energy per unit volume between 
" and" + d", then 
" 2 hll 
U v =87r3" - h - l. ' T -' 
c e vI, - 1 


To change into the more w;;ual form with wave- 
lengths instead of frequencies it is only neceS- 
sary to apply the equations ,,=c/^ and 
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U veIl! = EAd:\, and the result is Planck:s radia- 
tion formula 


8rrhc 
E A = ^5(ehclkTA -1) ' 
If the equipartition law held, the 
Rayleigh 1 would be given, viz. 
E _ 8rrkT 
A-)\.4 . 


formula of 


exceptions 2 to this law; diamond has a specific 
heat far below the value it should have. It 
was also discovered that all the other elements 
have much too low specific heat when the 
temperature is very low; and conversely that 
at a temperature of GuO C. diamond is nearly 
normal. The elucidation of these facts has 
been one of the successes of the quantum 
theory. It should be remarked that here "e 
shall only treat of specific heat at constant 
volume. This often differs considerably from 
the observed quantity specific heat at c
nstant 
pressure, but if the compressibility and thermal 
expansion are known the one can be deduced 
from the other by thermodynani.ics. 
The first attack on the problem was due to 
Einstein. Rubens had shown that such solids 
as rock-salt have a very strong absorption 
band for light in the far infra-red. This is to 
be attributed to the vibrations of the atoms 
in the crystal and tells us their frequency v, 
and so provides a means of applying the 
quantum partition rule. Instead of being 3kT, 
the average energy of an atom should be 
3hvf(eh'IkT - 1) and so, by differentiating, the 
specific heat of X atoms will be 


This formula is manifestly impossible as it implies 
infinite energy in the infinitely short wave-lengths. 
but it is inevitably deduced by every method that 
is based on classkal mechanics. For the discussion 
of Planck's formula see L'Radiation," 9 (6). Here it 
suffices to say that bv determining the k of his formula 
from experil
ents Planck obtain
d one of the earliest 
really good values for the Avogadro constant. The 
values for hand k as determined by recent experi- 
ments are given by h =G.35 X 10- 27 erg; sec. and 
k = 1.3í2 X 10- 16 erg.fdeg. 
An attempt was made by Planck in his "Second 
Quantum Hypothesis" partially to reconcile quan- 
tum mechanics with ordinary mechanil's by supposing 
that vibrators ab
orb energy continuously, but emit 
it in units. This theory leads to the same radiation 
formula as the other, but when applied in other 
directions it seems on the whole to raise more 
difficulties than it puts to rest. There i<; little doubt 
that no reconciliation in this "ay is possible, and 
most of the subsequent developments of quantum 
theory have proceeded on Planck's First Hypothesis, 
in which both emission and absorption are dis. 
continuous processes. 

 (5) SPECIFIC HEATS OF SOLIDs.-Before 
the advent of the quantum theory the problem 
of specific heats encountered great difficulty. 
For it is clear from the emission of spectra, etc., 
that there are at any rate a considerable 
number of degrees of internal freedom in an 
atom, and each of these should require its full 
sha.re of energy on the equipartition principle. 
The quantum removes this difficulty in that, 
if the frequencies corresponding to these de- 
grees are high, the partition rule ,,,ill, at 
ordinary temperatures, require very little 
energy for them. Subject, then, to this new 
condition, the theory fits very well. Thus the 
specific heat at constant volume of a monatomic 
gas is simply due to the kinetic energy of 
translation of its atoms. For X atoms it will 
be 
kX. For most diatomic gases two 
fuÜher degrees of freedom III ust be added, as 
the molecule may rotate about two axes per- 
pendicular to the line joining its atoms; the 
specific heat is therefore 4l'
. In solids 
the atoms must be supposed to have three 
degrees of potential energy as well as three of 4rr ( -; + -; ) Jl2dJl, 
kinetic, and so the specific heat for X atoms ,al a 2 
- will now be 3kX. This is the law of Dulong where a l and a 2 are respectiyely the yelocities 
and Petit-that the atomic weight multiplied of transmission of longitudinal and transverse 
by the specific heat is the same for all the wayes. This number, of course, becomes 
elements. Sow there are certain well-known I infinite with JI, but it is obvious that there 
1. "Remarks npontheJ.awofComp]ete Radiation," I are really only a finite number of degrees of 
Pint. Jla(J., 1900, x]ix. 539. I 2 bee" ('a]orilllf'try, (luantum Thl'or
," '01. I. 


3(hv)2 e hv kT 
kT2(e hv , kT _ 1)2
' 
This formula. represents the falling off uf the 
specific heat at reduced temperatures, and 
vanishes at the absolute zero as it should, but 
at very low temperatures it gives values that 
are "ell below the experimental. .An im- 
provement was made by the empirical formula 
of X ernst and Lindemann. who replaced half 
the expression by a similar term involving JI(2 
instead of JI. This represents the experimental 
results much better, but still gives low yalues 
at the very low temperatures; moreover, 
there seems no theoretical reason for the pres- 
ence of the oct a ve terms. 
The theory was greatly improved by Debye. 
The atoms of the solid are not to be regarded 
as having a single definite frequency, but ,,,ill 
yibrate according to a set of normal modes 
that can be calculated from the theory of 
elasticity. X 0\" if it were correct to suppose 
that the substance "as a continuous elastic 
medium, it would follow by a method similar 
to that already used in the radiation problem 
that the number of degrees of freedom of -ribra- 
tion ,,,ith frequencies between JI and JI + dJl was 
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frE'edom-3X for N atoms. Debye's method 
consists in supposing that all the frequenf'ies 
below a certain value V m occur, and beyond 
these none. V m is determined by the condition 
that there shall be only 3
 degrees of freedom 
in all, that is by the equation 
4 \ ? ( 1 2 ) 3 3 ', 
- 3 7r 3 + -3 Vm = ....:Ii, 
a l a 2 
where V is the volume containing the N 
atoms. Applying the quantum partition 
principle, the energy is given as 
I 'vm 47rY ( -\ + 
3 ) h /

; "2d,, 
. 0 a l a 2 e v-I . 
, 'vm hv3dv 
or 9
. 0 (i h ./ kT -l)vm3' 
The differentiation of this expression by the 
tempera.ture gives the specific heat at constant 
volume. If a "critical temperature" e is 
defined by the equation k8 =h"m (8 may be 
calculated from a l and a 2 , that is from the 
elastic constants), then the specific heat may 
be ,,\ ri tten as 


3Ã:f(
) N, 


e 
where f (
) =3(
) 3.f. T ( e:
 
)2dx. 
\Vhen T is large f becomes equal to unity. 
For small temperatures, on the other hand, 
the specific heat becomes 
3. k . 77'94(
) 3 N. 
This equation is verified fairly satisfactorily 
by expE'riment. 
Debye's method of counting the vibrations 
is avowedly only rough, and his estimate is 
least accurate in precisely the place where the 
greatest accuracy in counting is needed, that 
is for the frequencies near JIm' An improve- 
ment has been made by Born and Karman, 
who have succeeded in calculating the actual 
normal modes of vibration of a rock-salt 
crystal. They obtain the necessary constants 
from the elastic properties, and get values for 
the specific heat even better than Debye's. 
The actual comparison with experiment is de- 
scribed in the article in Vol. I. on "Calorimetry, 
Quantum Theory." 
The fact that the specific heat at low tem- 
peratllrps is proportional to the cube of the 
temperature implies that the entropy near 
the absolute zero is a finite quantity; and by 
choice of the arbitrary constant which occurs 
in the definition of entropy it may be taken 
to be zero at the absolute zero. This is 
intimately related with Nernst's heat theorem, 
which has had such important consequences 
in physical chemistry. 

 (6) SPEf'IFIC HEAT OF GASEs.-The appli- 
cation of the quantum to the specific heats 


of gases is not so satisfactory as for solids, 
partly Lecause the experimental data are much 
less accurate, so that a discrimination between 
rival theories is not so easy. At both high 
and low temperatures the specific heat changes. 
At the high it inereases-a certain part of the 
increase is attributable to dissociation, but 
it appears also that some of it is due to a 
participation in the energy by some of the 
internal degrees of freedom of the molecule. 
At low temperatures a very remarkable 
process occurs in the diatomic gases. Thus 
diatomic hydrogen at 40 0 abs. has all the 
characters of a monatomic gas-its speeific 
heat at constant volume i'3 
JkN, and the ratio 
of the specific heats is.!, instead of the ordi- 
nary values 
kN with a rati{) 
. 
The molecules of a diatomic gas can take 
energy in three ways. There is, first, the 
translational motion of the whole molecule; 
as would be expected, this method appears to 
be the same for all types of molecules. 
Secondly, there are the internål vibrations; 
the most important of these is the vibration 
in which the two atoms oscillate along the 
line joining them. It appears that fOl' the 
permanent gases this vibration has too high 
a frey. uency for it to acquire any energy at 
all at ordinary temperatures, though it 
probably plays a part in the rise of specjfic 
heat at high temperatures. The third factor is 
the rotation of the molecules, and the treatment 
of degrees of freedom depending on rotation is 
a much more doubtful question. One of the 
most interesting methods is the following. 
Suppose a molecule to be rotating with a 
frequency", then its angular velocity is 27rv. 
If I is its moment of inertia the kinetic energy 
is !1(27rv)2. If the quantum principle is 
applicable this must be equal to 
nhv, where 
n is an integer. (The reason for the factor 
 
will be seen in 
 (7) frpm the rule for the quanti- 
sat ion of orbits.) Now suppose that I is 
independent of -:I, though there does not seem 
to be any cogent reason why this should be 
so in view of the varying centrifugal force. 
Then, since ,,=nh/47r 2 1, the molecule is only 
permitted to rot
te with freq uencies which 
are multiplies of h/47r 2 I. There is evidence 
that frequencies of this type do exist from the 
presence of absorption bands in the far infra- 
red. The permissible energies of rotation 
will be n 2 h 2 /87r 2 1. Several methods have been 
tried for finding the specific heat from this. 
That which seems preferable theoretically is 
due to Ehrenfest. He works out the parti- 
tion Jaw ab initio in the same sort (jf way 
as that sketched in 
 (3), and It leads to thp 
following formula for the total energy of N 
molecules: 
e- U +4e- 4T +ge- OT + . 
- - - - -O'kTN+
kTY, 
1 + e - U + e - 40" + e - \:/0" + . . . - 
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where u = Jl2J87r 2 IkT. The specific heat follo" s 
bv differentiation. There are other theories, 
,,
hich give as good or nearly as good agree- 
ment with experiment-for instance, those of 
Bjerrum and of Krüger. 
Variou8 attempts have also been made to 
introduce the quantum in connection " ith 
other properties of gases. For instance, 
Tetrode and Keesom ha "\
e examined the 
result of quantising the acoustic vibrations 
of a gas. This, of course, destroys the validity 
of the :\Iax" ell law of distribution of velocities, 
and the equation of state is modified. The 
attempt is not very successful, and the result- 
ing equation differs from the actual at least as 
much a::; that obtained from classical mechanics. 
)lention should also be made of some 
theories of Planck, Sackur, and Tetrode, who 
have tried to introduce the quantum in a still 
more fundamental way by using it to define 
the probability basis which controls the dis- 
tribution of molecules. The object was to 
calculate the condensation point of a gas, 
but none of the theories ha ve been very 
successful. 

 (7) SPECTRU)I THEORy.-It mll suffice 
merely to indicate the general outline of the 
Bohr's theory of spectra, which is the most 
remarkable application of quanta yet made. 
The spectra of many of the elements have been 
analysed into fairly simple formulae, and 
these formulae are completely different from 
those found in the ordinary theorv of vibra- 
tions. For the frequency of each line is given 
by taking the difference of a pair of terms, 
and the separated terms usually fall into an 
algebraic series of some kind. This rule for 
constructing lines from terms is called the 
Combination Law of Ritz. For example, the 
series- terms for the primary hydrogen Spl'C- 
trum are of the form X/n2, "here X is a con- 
stant and n any integer, and so the lines are 


K ( 
-
 ) . 
2 '2 
n n 


The famous Balmer I series is the particular 
case where n = 2, while n' has all integral 
values greater than 2. Spectrum "ork is 
usually carried out not in frequencies, but 
in reciprocal wave-lengths; the constant Sic 
is called Rydber!Z.s constant. Sow in dealing 
"ith the photoelectric effect it. was seen that 
a loss of energy E was associated with 
radiation of frequency E/h. Therefore if an 
atom of initial energy EI radiatec;, and in 
consequence has its energy reduced to E 2 , 
the radiation will be of frequency (E I - E 2 )/h. 
Thus the quantum theory directly explains 
the meaning of the combination law; if any 
series-term is multiplied by h the result is 
the energy either before or after the emission. 
1 See abo article .. Spectroscopy, :\Iodern," '-01. Y. 


The reverse argument applies for the absorption 
of radiation. Thus if an atom is in the arrange- 
ment corresponding to energy E 2 , and is 
irradiated "ith radiation of fr
quency 
(E I - E 2 )/lz, it may absorb it and thereby rise 
to the arrangement with energy EI. 
This use of the quantum is only half the 
solution, however; for it is still necessary to 
find the arrangements corresponding to the 
series terms, and the laws of ordinary mechanics 
"ill not determine them defil{itely. For 
example, the hydrogen atom consists of a 
nucleus and one electron, which describes an 
elliptic orbit about it, and this it may do with 
any radius and any energy whatever. So in 
order to make the energy of the atom definite 
a second use of the quantum must be made. 
This consists in .. quantising the orbits," 
which means that some of the orbital constants 
are determined by the quantum, so that of 
the infinity of orbits possible on dynamical 
principles only a certain limited series is 
permissible. For example, consider first only 
the circular orbits which the electron may 
describe. The electron can absorb or emit 
energy in multiples of h,,; in addition to this 
the further condition is assumed that the 
angular momentum is to be a multiple of h,'27r. 
This is a consequence of the rule of quantisa- 
I tion applied to this case. Thus if a is the 
radius and v the velocity of the electron, the 
motion is given by 
mv 2 e 2 
a = ã}' 


where e is the electric charge of electron and 
nucleus, and m is the mass of the electron. 
The quantisation gives mva= nh/27r. From 
these equations it follo""s that 
n 2 h 2 
a=
=n2al' 

7r e, m. 
and the energy is 
21f 2 ém. 1 
En= -
 n,2 ' 
Thus, if the electron shifts from the orbit of 
radius n 2 a 1 to that of radius n þ2 a 1 there will 
be an emission of the line defined by 
I.' = 21l" 2é!!!- ( 1 _ 
 ) . 
h 3 n'2 n 2 
This is precisely Bahner.s expression, and 
the agreement is numerical. Thus the Rydberg 
constant for hydrogen is directly obsen-ed to 
be 109û77'691 em, -I; if the most accurate 
known values of e, In, h, and c are substituted 
in the above expression the result is 1.093 x 1()5 
em. -1. The value of aI' the lpast permissible 
radius, is about 0,5 x 10- 8 cm., which is of the 
same order a8 the known size of atoms. 
TllÍs is the substance of Bohr's original 
discovery. The second 
reat advance is the 
e
tension of the principle by Sommerfeld to 
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the case of more complicated orbits. In these 
cases the principle of quantisation can best be 
expressed in the language of general dynamics. 
Thus in a periodic or quasi-periodic motion 
let q be one of the co - ordinates which 
define the motion, and p the corresponding 
momentum; then q and p will fluctuate about 
certain values during the period. The relation 
which expresses the quantisation of the orbit is 
nh=Jpdq, where the integral is taken round 
one period, and this is to be applied for each 
of the variables q. In the previous example q 
was the vectorial angle and ranged from 0 to 
27r, and p, the angular momentum, is there- 
fore a multiple of h/27r. 
In elliptic motion the quantisation is natur- 
ally more complicated, as it applies to both 0 
and r. The angular momentum is again 
constant, so that the q uantisation gives 
Pe=n 1 hj27r. The radial momentum is 
dr Pe dr 
mdt or 1=2 dO' 
and the quantum relation for this is 
j Po ( dr ) 2 
n2h=Jp r dr= r2 dO dO, 
where the integration is to be taken from 
the minimum of r to its maximum 
and back again, that is once round the 
ellipse. Now if a is the half major axis 
and f the eccentricity, the equation to the 
ellipse is a( 1 - f2)/r = 1 + f cos 0 and Pe is given 
by the relation Pe 2 =e 2 ma(l-f2). Substitut- 
ing for r in terms of {} and performing the in- 
tegration we have n 2 h =Pe . 27r[(1 - f2) -! - I]. 
Hence the permissible orbits are those for which 


and 



= ,/l
2 
n 1 + n 2 
_ (n l + n 2 )2h 2 _ 2 
a- - 4 -2 2- -(n 1 + n 2 ) a l . 
Trem 


The total energy is found to be 
27r 2 ém 1 
E =----- . 
n 1 , n 2 h 2 (n 1 + n::.r
 
As n 1 and n 2 are integers, each permissible orbit 
h::LS major axis equal to the diameter of one 
of the circular orbits obtained ahove, and 
this diameter determines the energy, but 
the eccentricity can only have certain pre- 
scribed values. For example, if n l + n 2 = 3, 
we have three, and only three, different orbits: 
(I) n l =3, n 2 =0, a circle of radius 9a l ; (2) 
n 1 = 2, n 2 = I, an ellipse of which the semi- 
axes are 9a l , 6a l , and the eccentricity is 
"./5/3; (3) n l = I, n 2 = 2, an ellipse of semi- 
axes 9a l , :
al' and eccentrif'ity ,'8/3. The 
case n l =0, n 2 = 3 is supposed to be inad- 
missible. as it would involve a collision of the 
electron with the nucleus. The red hydrogen 


iine N{I/22 - 1/3 2 ) is thus made up of six com- 
ponents derived from the change from any 
one of these three orbits to either of the orbits 
n 1 ' =2, n/ =O
 or n l ' = 1, n 2 ' = 1. 
Sommerfeld also took into account the fact 
that the mass of the electron is a function of 
its velocity. This modifies the orbits in such 
a way that the ellipses have slightly different 
energie:s. The consequence is that each line 
of the Balmer series has a fine structure of a 
type he was able to predict, which has been 
confirmed by experiment. The method has 
also been applied, with complete success, to 
the influence on spectra of electric and magnetic 
fields, the Stark and Zeeman effects. .For 
these cases, in order to predict the polarisation 
of the component lines, it is necessary to intro- 
duce supplementary principles. Sommerfeld 
has suggested a "principle of selection" 
(_!u8wahlprinzip) depending on the idea of 
the momentum of radiation. In addition to 
giving a polarisation rule, it has the conse- 
quence that certain lines, which would on the 
original theory have been expected, will not 
be found, as is experimentally the case. An 
alternative, \\ hich appears preferable, is 
Bohr's "principle of correspondence." It is 
not possible to describe this here, but the 
general idea is that the behaviour of a quantised 
system may be predicted by assimilating the 
result which would be obtained \\ hen the 
number of quanta is large, to the result given 
on the principles of classical mechanics. 
As points of further interest in the theory, 
mention may be made of the fact that ionised 
helium gives a spectrum precisely the same 
as hydrogen, .except that the constant N is 
changed. Here, as in hydrogen, there is a 
single electron moving round a nucleus, but 
now the nuclear charge is 2e. Hence the 
permissible orbits are all half the size of the 
others, and the corresponding energies are 
four times as great. The new N is almost 
but not quite exactly four times as great as 
the old, and the departure from exactness 
has been eXplained very satisfactorily. It is 
attributable to the fact that the mass of the 
nucleus is not infinite compared to that of 
the electron, so that the nucleus itself has a 
small motion. As the helium nucleus is four. 
times as hea.vy as the hydrogen, there will be 
a difference in the two motions, with a resulting 
effect on Rydberg's constant. It is possible 
in this way to evaluate the ratio of the mass 
of an ele
tron to that of a hydrogen atom 
from purely spectroscopic data. Another 
point of interest is that the X-ray spectra can 
be analysed into terms, many of which fit 
into series of exactly the same form as those 
of hydrogen and helium, and th('
e lines exhibit 
the same fine structure too, but that the separa- 
tion of the components is much greater. A very 
considerable theory of these spectra exists. 
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By using (a) Rydberg's constant, (ß) the 
difference of this constant for hydrogen and 
helium, ('Y) the "" constant of fine structure" 
and the value of the velocity of light, it is 
possible to work out from spectroscopic data 
alone all the fundamental elementary con- 
stants e, m, and h. Of the three relations (a) 
is known so accurately that the precision 
depends entirely on the other two. Of these 
(,3) determines what is in effect elm in terms 
of the small difference between two large, 
but accurately known, numbers; its precision 
is about equal to that from direct methods. 
('Y) gives a relation between e and " in terms 
of the separation of the lines in the fine 
structure, and the observations are exceedingly 
difficult. The resulting values from the three 
relations are nearly as good as those by other 
methods. 


TABLE OF YALUES OF THE Qu -\NT{;:\[ 


hX10'.!7. 1!Iethod. 
otel!. 
6.551 to.OO9 Total radiation A 
6.537 to.OJ3 Spectral radiation B 
6.5;8:t O.O
() Photoelectric effect C 
G.353:t 0.009 X-rays D 
6.579:t 0.021 IOlúsation potential E 
6'5
G:t 0.200 Spectroscopic data F 
6.547 :t 0.009 I Semi-spE'ctroscopic data G 


A is determined by taking k kno\\ n in the formula 
for the total radiation. 
B is determined from the position of the ma
imum 
intensity of black radiation at any temperature. 
C is found directly from obsen'ations on the photo- 
electric cffpct. 
D is dptermined from the minimum wave-length of 
X-rays exci
('d by electron
 of known energy. 
E depends on observations that are half spectroscopic. 
From spectroscopy the energy of an atom may 
be known. The ionisation potential gives an- 
other me:tsure of this, as it shows the energy 
neces
ary for the removal of an electron. 
F is dptermined by the purely spectroscopic method 
invoh-ing the abo,.e relations a, ß. 'Y. 
G is determined by the nse of (a) and (ß) as in }', 
but. (y) is replaced by using the known value d e. 


Of these methods all except F depend on 
assuming 
Iil1ikan's value 4,77 -l x 10- 10 :t 0.009 
E.S.U. for e, the electronic char
e; but the 
close agreement between A and B is a direct 
support for that value. c. G. D. 
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QU
-\RTZ, OPTICAL ROTATORY 
PO'YER OF 

 (I) HISTORICAL. - The phenomenon of 
optical rotatory 1 power was discovered by 
Biot, who communicated to the Institute of 
France on November 30. 1812, a memoir of 
371 pages, "On a Kew Kind of Oscillation 
which the 
Iolecules of Light experience in 
traversing certain Crystals." Arago, in 1811,2 
had found that a plate of quartz, interposed 
between a polariser and analyser, was capable 
of depolarising the light in such a way that 
transmission took place where previously there 
had been complete extinctiun. The trans- 
mitted light was not white but coloured. 
Thus with increasing thickness of the plate 
the colours changed progressively through the 
series-yellow, orange, rose-red, ,iolet, blue, 
and green. These colours were shown by 
Biot to be due to a rotation of the plane of 
polarisation, "hich increased (i.) with the 
thickness of the plate, (ü.) "ith change of 
colour from red to violet. It was therdore 
impossible, when a beam of polarised light 
had passed through a quartz plate, to ex- 
tinguish all the colours simultaneously. The 
tints which AraO'o observed were due to the 
selective extinction of light "hich had been 
rotated through 180 0 (or a multiple of 1&0 0 ) 
by the plate of quartz. Thus a plate about 
1 
ee al<;o "Polarisrd Light," 
 (20), and h Polari- 
nlPtry." 
 (1). 
s Jlem. Im;t., 1811, pp. 93-134. 
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4 mm. thick which rotates the plane of polari- 
sation of yiulet light through 180 0 gives rise 
to a yellow tint. As the thickness of the plate 
increases the absorption band moves towards 
the red end of the spectrum, but before it 
has disappeared into the infra-red a second 
absorption band moves in from the ultra- 
violet, so that a plate of quartz about 9 or 
10 mm. thick gives an extinction both at t.he 
red end of the spectrum, where the plane of 
polarisation is rotated through 180 0 , and in 
the blue or violet region, where it is rotated 
through 360 0 . These extinctions at the two 
ends of the spectrum give rise to the green 
colour, which is the last member of the series 
of colours recorded aLove. Thicker plates give 
extinctions which increase progressively in 
number and in the closeness with which they 
are packed in the spectrum. No marked 
coloration is then observed in the transmitted 
light, although the absorption bands can be 
seen' very clearly with the aid of a spectro- 
scope. A quartz plate, 3.65 mm. in thick- 
ness, produces a rotation of 90 0 in the bright 
orange-green region of the spectrum, a little 
on the yellow side of the green mercury line 
of wave-length 0.5461 J.L, which gives a rotation 
of 93 0 in a plate of this thickness. When the 
polariser and analyseI' between which the 
quartz plate is inserted are parallel instead 
of crossed the brightest part of the spectrum 
is extinguished and a rose-violet colour, known 
as the nelttral tint, is produced which is very 
sensitive to small changes in the setting of 
the polariser or analyseI', or in the thickness 
of the plate. This fact was formerly utilised in 
the construction of polarimeters for measuring 
the rotation of polarised light in various media. 

 (2) CRYSTALLINE FORl\!. - The typical 
crystals Çlf quartz have the form of a hexagonal 
prism capped by two hexagonal pyramids, 
and are therefore referred to the" hexagonal 
system " in which the faces are located most 
conveniently by their intercepts on a vertical 
principal axis and three horizontal axe" 
inclined at 60 0 to one another. A closer 
examination shows the presence on some 
crystals of small facets (Fig. 1, (a) and (6)) 
,yhich reduce the symmetry of the crystal by 
destroying the six vertical planes of symmetry 
intersecting in the principal axis, which are 
present in the simple hexagonal prism. Even 
when these facets are absent the lower sym- 
metry of the quartz crystals can be shown 
by studying the tiny .. etched-figures" ob- 
tained by the action of bydrofiuoric acid on the 
crystals. \Vhen these factors are taken into 
account it is seen that the quartz crystals 
are not "holohedral" but "tetartohedral," 
the smaller facets incJuding only six facets of 
each form instead of t\"\enty-four as in the 
holohedral system of symmetry, where each 
face of the hexagonal prism would carry a 


facet on each corner. The symmetry of the 
quartz crystal is in fact restricted to one 
vertical axis of threefold symmetry, and 



) (b) 
FIG. l.-(a) Dextroro
'ttory Quartz; 
(b) Laevorotatory Quartz. 
three horizontal axes of twofold symmetry; 
these axes of symmetry coinciding with the 
four crystallographic axes used in locating the 
faces in the hexagonal system. Since no centre 
of symmetry and no plane of symmetry is 
present
 the crystals can exist in two enantio- 
morphous forms as in Fig: 1, (a) and (6). The 
optical rotatory power of quartz is obseryed 
in plates cut perpendicularly to the principal 
axis, and these two types of crystals rotate 
the plane of polarisation of light to an equal 
extent but in opposite directions; twin 
crystals containing both forms of quartz are 
also found. Herschel, who discovered the 
relationship between the crystal form and 
rotatory power of quartz, reversed Biot's con- 
vention by describing as dextrorotatory a 
plate of quartz which turns the pJane of 
polarisa tion to the right as viewed from the 
polariser, i.e. in the opposite direction to 
dextrorotatory camphor or Rugal', which rotate 
the plane of polarisation to the right as viewed 
from the analyser, :;;ince in the case of organic 
compounds Biot's convention is always fol- 
lowed. Herschel's convention is sti1l used by 
opticians, but in Fig. 1 Biot's convention is 
used. l 

 (3) ROTATORY DISPERSION. (i.) Biot's 
Law.-Biot's investigations revealed the f'X- 
istence of two types of optical rotatory disper- 
sio11, as indicated in the following data: 2 


Quartz. Tartaric Add. 
R ('d . . . 18.!)!)0 38 0 7' 
Y cHow . 21.40 0 40 0 
!)' 
Orange 23.99 0 42 0 [,}' 
GrE-en 27,8(ì0 4(ì0 II' 
Blue. 32.31 0 44 0 4-0' 
Indigo 3(ì.13 O 42 0 9' 
Violet 40.88 0 39 0 38' 


1 ]t.
 (((ure, 1922, ex. 8Uð. 
I .Mém. Acad. Sci.. 1838, xv. 230. 
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In the case of quartz the rotations increased 
progre::;sively as the wave-length dillÚnished, 
and Biot concluded that" the rotation of the 
different 
imple rays is reciprocal to the square 
of their wave-lengths"; 1 in the case úf 
tartaric acid the rotations passed through 
a maximum in the green. Turpentine and 
cane-sugar appeared, however, to be identical 
\\-ith quartz in their rotatory dispersion, since 
the optical rotations which they produced 
could be neutralised completely .with the help 
of a quartz plate of oppo
ite sign and suitable 
thickness acting as a compensator; this fact 
has been utili sed in the construction of 
saccharÙneters, in which the strength ()f a 
solution of sugar is determined by balancing 
its optical rotation with that produced by a 
varia ble thicknes::i of quartz. 
(ii.) Drllde's Theory.-Biot's Jaw, a = Ic/>,...2, 
\\-as proved by more exact measurements to 
give only an approximate representation of 
the variations "ith wave-length of the rotatory 
power of quartz, cane-sugar, etc., and "as 
modified by Boltzmann, whose equation may 
be expressed as a=kd^2+k 2 /A 4 . This equa- 
tion was purely empirical and did not provide 
an adequate expression of the deviations from 
Biot's law; Drude, in his Theory of Optics 
(1900), put forward an equation based upon 
the electronic theory of radiation which 
accounts for the observed facts in a satis- 
factory manner. Drude's equation for light 
which does not appro
imate in frequency to 
that of the electrons of the optically-active 
medium takes the form 
k} k 2 k n 
a = (A 2 _ A12) + (A 2 - A22) . . . + (A 2 - An 2)' 
where A 1 2 , A:l2, . . . An 2. are the wave-lengths 
corresponding with the various ., free-periods" 
of the electrons of the medium, and k l' k 2 , k3 
are con
tants. 
9 (4) EXPERDIE
TAL 'TERIFICATlo
.-The 
writer has shown that a single term of Drude's 
equation prorides an adequate expression both 
of the optical and of the magnetic rotatory 
dispersion in a large range of organic com- 
pounds, 2 whil
t the phenomena of anomalous 
rotatory dispersion as obsenTed, for instance, 
in the esters of tartaric acid are covered com- 
pletely by making use of two terms of opposite 
sign. 3 In the case of quartz, a single term of 
Drude's equation serves to express the rota- 
tions to about 0'04U o per mm. over a consider- 
able range of the spectrum, as sho,,"'Jl in Table I., 
where a} = 1'(A 2 - AI)2), k = 7.1764, Ao 2 =0.01677; 4 
but Drude himself used two terms in order to 
1 JI em. Acad. Sci., 181 j', ii. -19, 5 j', and 135; paper 
read Sept. 22, 1818. 
2 Tram;. Chern. Soc., 1913, ciü. 1067, and 1919, 
cxv. 300. 
3 Ibid., Hn5, cviL 1187. 
C Rupe und Akf'rmann, Annalen der Chemie, 1920 
ccccxx. 11; compare I.owry and Dickson, Trans. 
Chern. Soc., 1913, eiil. lOï2. 


cover the data given by Gumlich 5 for wave- 
lengths ranging from 2.140 fJ. to 0.21935 p,. 
In this equation he assumed the free periods, 
as deduced from measurements of refractive 
dispersion, etc., to be given by 
A1 2 =0.010627, A2 2 =78,22, A3 2 =430.6. 
It appeared, however, that the two free periods 
corresponding to radiations in the infra-red 
did not affect the rotations in the range 
covered by the observations of Gumlich, so 
tbat k 2 =k3 =0. On the other hand, Drude 
found it necessary to introduce a term k'/A 2 
to express the fact that the rotations appeared 
to be influenced by ions" whose natural periods 
are extremely small, much smaller than those 
corresponding to 
1'" so that no constant 
corresponding to AI2 or Az 2 need be introduced 
into this term of the equation. The equation 
thus deduced took the form 


k k' 
a2 = (X2 - \12) + 
2' 
where \1 2 =0,010627, /"'1 =12'200,andk 2 = -5.046. 
In the series of eighteen rotations quoted 
from Gumlich, which ranged from 1.60 0 to 
220.72 0 per mm., the equation gave a maxi- 
mum deviation of 0.28 0 /mm., and an ayerage 
deviation of 0.06 0 /mm. beh\een the observed 
and calculated values as set out in Table I. 


TABLE I 


DRUDE'S FORMULA FOR THE ROTATORY POWER OF 
QUARTZ 


I A. a lobs.). One Term. Two Tel IDS. 
a2(calc.) 100(a - a2'. at(calc.j 100 \a - all 
:!'140p, 1.60 1'57 +3 1 '57 +3 
1'770 :? :!8 2.30 -2 2-29 -I 
I' 450 3,43 3,44 -I 3'43 ::t 
1'080 6'18 6':!4 -6 6'23 -5 
0.67082 16'54 16'54 + . 16'56 -2 
- 
0'65631 17'31 17.33 -2 17'33 -2 
0'58932 21' 72 21 71 +1 21' 70 +2 
0'57905 22'55 22'53 +2 22'53 +2 
0'57695 22'72 2270 +:? 22'70 +2 
0'54610 25-53 25'50 +3 :!3'51 +2 
0'50861 29' 72 29,67 +5 29'67 +5 
0'49164 31'97 31'91 +6 31'92 +5 
0'48001 33,67 33.59 +8 33.60 +7 
0'43386 41'53 41'43 +12 41.46 +9 
0,40468 48'93 48'85 +8 48'85 +8 
0'34406 70'59 70.62 -3 70.61 -2 
0'27467 121'06 . . 121.34 -28 
0'21935 220. 72 . . 220'57 +15 


A series of readings to six significant figures of 
the rotatory power of quartz, made with the help 
of a colullln of dextro-quartz ISI mm. in length, 
and a column of laevo-quartz 226 mm. in length,6 
sho\\ed that the two-term formula employed by 
:5 Tried. Ann., 1808, hiv. 34!1. 
· Lowry. Roy. Soc. Phil. Trans., 1912, _\, cc
ii. 
261-297. 
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Drude was far from exact even over the narrow range 
from Li 0.67U8 to Hg 0.-13.38, within which visual read- 
ings can be taken. A satisfactory agreement was, 
ho\\evcr, obtained by reintroducing one of Drudc's 
infra-red terms as in the equation 


where 


k k 1 k 2 
a3=i:,.2 + ",\2 -'\12 + ",\2 -",\22 ' 
^1 2 =0.U10627, 


^2 2 =78.22. 


k 1 = II.ü064, 
k 2 = 13.42, 


k= -4,3685. 
This formula, in the case uf twenty-two out 
of twenty-four wave-lengths, gave an average 
deviation between the observed and calculated 
rotations of only 0.001 0 per mm. or 1 part in 
2.3,000, and this deviation has since then been 
reduced to one-half of its former magnitude 
by introducing for the wave-lengths the more 
exact values deduced in recent years from 
measurements with the interferometer; but 
even this formula becomes inexact when applied 
to the most exact measurements in the ultra- 
violet region of the spectrum. These measure- 
ments, made by a photographic method, \vith 
a column of laevo-q uartz nearly half a metre 
in length, include some 700 wave-lengths, and 
can be expressed by the formula 
_ k k 1 k 2 
a4- + 
2 -_ À12 + ^2 - "'\22 ' 


where 


^1 2 =0.012742, ^2 2 =0.000974, 
k 1 =9..3644, k 2 = - 2.3114, k = - 0.1915. 


In this formula it has been necessary to 
introduce two "ultra-violet" terms, with 
dispersion-constants, ",\1 2 and ^2 2 , deduced in- 
dependently of the constant 0.010627 which 
Drude had derived from measurements of 
refractive dispersion, and which is perhaps 
a sort of "mean" of the two constants set 
out above. The increased importance which 
is thus attached to the more distant ultra- 
violet absorption-band is counterbalanced by 
a diminution in the influence assigned to the 
infra-red bands; this is so slight that it is a 
matter of indifference whether it is expressed 
by a term /C/(",\2 -78.22) or by a mere constant 
as in the equation now adopted, where the 
infra-red terms contribute only -0.1915 0 per 
mm. to a rotation which ranges from 16'53.39 0 
per mm. at Li 0.6707846 p. to 41.5487 0 at Hg 
0.43.38:342 p., and 187.22.3 0 at Fe 0.2327468 p.. 
This formula represents the rotations in 
this range .with an average error of 0.0007 0 
per mm. (or about 0.003 per cent in visual 
readings) for twenty-three wave-lengths, and 
0.003 0 per mm. (or about the same percentage 


as for the vi
mal readin,gs) for 700 wave- 
lengths read by the photographic method. 
The problem of redC'termining the rotatory 
power of quartz in the infra-red region has 
not heen undertaken seriously, but the formula 
given above shows an arerage de\
iation of 
about 0.05 0 per mm. in comparison with the 
firs1 series of new infra-red readings. 
The optical rotatory power of quartz for 
some important waye-Iengths is set out in 
Table II. 


TABLE II 


OPTICAL ROTATORY I>OWER OF QUARTZ 


^-. I a. (a- a
)104. 
Li 0.6707844 p. 16-5359 0 -4 
Cd 0.64384ü96 18 '0

5 -II 
Zn 0.6362344 18.478H -18 
N a 0.5895930 21.7001 -13 
Ka 0.5889963 21.7483 +3 
Hg 0'5790ü59 2
.54i'í5 +1 
Cu 0.5782158 22.6157 :t 
Hg 0'57ü9fí98 2
.7
0l :t 
Cu 0-5700
48 23-3101 -3 
Ag 0.5471551 25.4318 +15 
Ag 0.54ü5489 25 -49II +7 
Hg 0'54ö0741 25.5371 -5 
Tl 0-5350ü5 2ü.()718 +6 
Ag 0,5209084 28.
447 +4 
('u 0-5153

1; 
8'903() .) 
-... 
Cu 0.5105547 29.4851 -7 
Cd 0.508.)82
 29.7308 -10 
Zn 0.4810534 33.5154 -15 
Cd 0.47999

 33.67ül -12 
Zn 0.4722lü2 34.8875 - L:
 
Zn 0.4ü80l38 35.5712 -3 
Cd 0.4Ü78W3 35 .Ü04:
 ::t 
Hg 0.4358342 41.5487 -10 
Ä. a. (a- a4)10 3 . 
- - -- 
Fe 0.5371498 p. 26.448 0 -3 
Fe 0-5232938 :27.96û -3 
Fe 0-5001880 30.813 -I 
Fe 0.4789ü57 33.S:JO -3 
Fe 0.4ö47437 3H .II4 -4 
Fe 0.4531155 38.W2 -2 
Fe 0.43759:J4 41.18:3 -I 
Fe 0.4233ö15 44.
89 +1 
Fe 0.4II8552 47.068 :t 
Fe 0.3935818 52 ,O(Ìö -4 
}'e 0.380534ö 5(i .163 +3 
Fe 0.3640391 62.085 -1 
Fe 0.3485344 fi8.58ü -2 
Fe O'33
3739 76.551 -14 
Fe 0.3125ü61 88.48:J -10 
Fe 0.2941347 102.434 ::t 
Fe 0.2813290 II4.277 +4 
Fe 0.2ü79065 I:W.200 +17 
Fe 0.2413310 Hi9.661 +2 
Fe ().2327468 187 .2
.) +4 


Tn this table the rotations are given to 
O.OOOI O /mm. for twenty-three wave-IC'ngths, 



RADIATIOX 


541 


RADL\TIOX, ApPLICATIOX OF QrAXTLM I into the various instruments and methods 
THEORY TO. Sce" Quantum Theory," 9 (4). employed in the determination of these t\\O 
constants, G" and C 2 , and to give an estimate 
of the results therewith obtained. 
At first glance the various determinations 
of these constants appear to cover a ,\ide 
range of numerical \'alue::;. This is es})Pcially 
true of the values of the coefficient of total 
radiation, G", in the measurement of which all 
sorts of ill-considered methods have been u
ed. 
1Ioreover, no corrections were made for atmo- 
spheric absorption of the thermal radiation in its 
passage from the radiator to the receiver. As 
will be shown presently, most of the-se older 
determinations are in remarkably close agree- 
ment with the newer ones, when obvious 
corrections for atmospheric absorption and 
for reflection of the incident radiation from the 
receiver are introduced. 
'Yhile no doubt it is desirable to confonn 
to strict specifications and methods of pro- 
cedure, in the ultimate result compromises 
have to be made. For example, it is conceded 
(1) to be desirable to use a black body receiver 
as well as radiator, but most of the recein'I'S 
of this type, thus far used, were usually of 
great heat capacity, hence slow acting and 
subject to errors; whereas the question of 
speed is an important factor in making 
measurements. Each method ha
 some defect, 
but in some cases this is negligible in 
comparison with the accidental errors of 
e
 perimenta tion. 
The evaluation of radiant energy in absolute 
measure is accomplished by substitution 
methods; and the fault to be found "ith the 
various methods thus far employed is that 
they are unsymmetrical in their application. 
'Yhat is needed is some sort of quick-acting 
calorimeter in " hich the energy recovered 
can be compared with the energy supplied. 
But one can hardly expect to make accurate 
measurements on a radiator heated to say 
(2) 1000 0 C. with an instrument that is adapted 
to measure the solar constant. 
It may be noted that in manv of the 
experime
ts "hich \\ ill now be 'described 
the radiators were operated at temperatures 
which were too low to pliminate properly the 
correction for temperature (radiation) of the 
shutters, diaphragms, etc., and also for the 
losses by air conduction in the receiver. 
On the othpr hand, SIJme experimenters uspd 
1 
ee U Quantum Theory," 
 (-I): "Radiation I h 
Theory," 
 (6); "Pyrometry, Optical," 
 (1), Yol. I. radiators operated at a lig temperature, 


and the deviations from the formula are given 
to the fourth decimal place; rotations are 
also gi,-en to O.OOI O /mm. for twenty of the 
eiahtv iron lines of the standard serief:, the 
d;,-Ü;Üons from the formula being given to 
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RADIATIO
, DETER:MIXATIOX OF THE 
COXSTAXTS ..\XD YERIFICATIOX 
OF THE LA,rS 


I. IXTRoDrcToRY DIsCrSSIOY 


& (1) STA.TE:\IEXT OF THE LAWS OF RADL\TIO
. 
-The deriyation of the laws of radiation 
from a uniformly heated enclosure or 80- 
called black bod
: are given elsewhere in this 
Dictionarv. l It is therefore sufficient to say 
that the l
w of total radiation, generally called 
the Stefan-Boltzmann (2) law, states that the 
total emission of thermal radiation R of all 
wave-lengths passing from a uniformly heated 
enclosure at temperature T 1 to another body at 
a temperature To is proportional to the differ- 
ence of the fourth po" ers of their absolute 
temperatures, or 
R=G"(Tl4 _T04). 


In this formula 0- is the coefficient or constant 
of total radiation under discussion. The 
numerical value of this coefficient is of the 
order G"=5.7 x 10- 5 erg per cm. 2 per sec. per 
deg. 4 . In this paper only the first three signifi- 
cant figures will be mentioned, e.g. 0-=5,ï2. 
That the total radiation from a properly 
constructed and uniformly heated cavity is 
proportional to the fourth power of the absolute 
temperature is amply demonstrated within the 
experimental errors of observation and the 
accuracy of the temperature scale. 
The law of spectral radia tion, which specifies 
the distribution of thermal emission intensities 
in the spectrum of the radiation emitted by a 
uniformly heated enclosure, or so-called black 
1)ody, is best represented by Planck's (3) 
formula 


E A =c l \-5(e C '4^T -1)-1. 


In this formula the constant C 2 determines, 
to a great extent. the slope of the isothermal 
spectral energy curve. Suffice it to say that 
these laws are based on "ell-grounded theo- 
retical foundations, and after almost two 
decades of discus
i()n they rem
in unchanged. 
The object of this paper is to examine 


the third decimal. In the case of other senc'.; 
of lines the "ave-lengths are usually too 
uncertain to give any satisfactory agree- 
ment bet" een the observed and calculated 
values T. :\I. L. 
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thus obviating these difficulties; but then 
the receiver was a sluggishly acting instrument 
which could not be properly calibrated. To 
Féry is due the credit for abandoning the idea 
of using a radiator heated to 100 0 C., and 
adopting a radiator heated to 1000 0 C. or 
higher. In this mamwr the radiation to be 
measured is far in excess of the small disturbing 
factors, such as radiation from shutters, 
diaphragms, etc. 

 (2) DISCUSSION OF BLACK BODY RADIA- 
TIO
 A
D RADIATORS.-In order to arrive at 
an intelligent understanding of what has been 
accomplished in the determination of the 
constants of radiation, and in order to indicate 
the way to future progress in this subject, it 
is important to consider some of the concep- 
tions, as ,,,ell as some of the most recent 
instruments and methods used in the produc- 
tion and measurement of the radiation 
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scratches and conical-shaped holes in an 
incandescent metal surface were brighter than 
the smooth surface; and of St. John (7), \vho 
found that the selectiye emission commonly 
o bserved in the rare oxides disappeared '" hen 
these substances \"ere heated to incandescence 
in a uniformly heated porcelain tuhe. 
(i.) Radiators. - The modern uniformly 
heated cavity or so-called black body is the 
outcome of such observations and facts as 
those just mentioned. It is the invention of 
'Vien and Lummer (8), and, for attaining 
high temperatures, it consists of a diaphragmed 
porcelain tube wound with a platinum ribbon 
which is electrically heated. In the modifica- 
tion used by Coblentz (15) this radiator 
consisted of three concentric porcelain tubes 
A, B, and C (Fig. 1). The inner tube A, of 

Iarquardt porcelain, is wound uniformly with 
a platinum ribbon 0.02 mm. in thickness. 
This ribbon is 20 mm. wide in 
the centre, gently tapering to 10 
mm. wide at the ends in order 
to provide extra heating at the 
ends so as to compensate for 
heat losses by radiation. The 
middle tube B is wound with a 
Th ribbon of platinum 10 mm. wide 
and 0.02 mm. in thickness. The 
ends are closely wound in order 
Clay to provide extra heating and, 
in this manner, to compensate 
for the cooling of the ends by 
radiation. By properly regu- 
lating the current through 
these platinum strips the 
cavity can be heated uniformly throughout 
the greater part of its interior, as shown by 
'Vaidner and Burgess (lü). The use of 
platinum ribbon instead of thick platinum 
wires eliminates local non-uniformity of 
temperature. The central 25 mm. length of 
the tube A was wound so that one turn of 
the platinum ribbon entirely covered what 
comprises the theoretical black body. 
In radiators of this type the porcelain tubes 
sag on heating to 1200 0 C. To overcome this 
difficulty, in the determination of the radiation 
constants, to be described presently, Coblentz 
(15) placed a wedge-shaped fragment of 
porcelain with a sharp edge S (F1'g. 1), about 
2 mm. long, about 25 to 30 mm. to the rear 
of the radiating diaphragm. This support 
causes no local cooling and it preserves the 
life of the radiator. Further improvements 
are made in completeness of the emission of 
the radiation by painting the walls and the 
front side of the radiating diaphragm with a 
mixture of chromium oxide and cobalt oxide. 
Since these oxides become electrically conduct- 
ing at 1200 0 , the front thermocouple, Th, was 
cmnplctely enclospd in a porcelain insulating 
tube, as sho\\Ll in Fig. 2, B. The short piece of 
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FIG. 1. 


emanating from a uniformly heated enclosure 
or so-caIled black body. 
Every substance h
s a characteristic emis- 
sion spectrum. On the other hand, the 
emission spectrum of a uniformly heated 
cavity is independent of the composition of 
the material forming the walls of the enclosure. 
It is a function only of the temperature. 
The emission of thermal radiation from, 
and the absorption of thermal radiant energy 
of all wave-lengths entering into the cavity 
is complete. In a material substance this 
can occur only on the short wave-length side 
of a band of anomalous dispersion where the 
absorptivity is high but where the refractive 
index and hence the reflecting power is practi- 
cally nil-for example in quartz (14), selenite 
and aluminium oxide, in the region of 7 p.. to 
10 p.. (p..=0.001 mm.). 

Iodern conceptions of black body radiation 
are the result of slow development from such 
simple experiments as those of Draper] (4), 
who found that the interior of rifle barrel 
became luminous at a certain temperature: 
of Christiansen (6), who observed that the 
1 The number (-t) and othpf Rimilar numbers refer 
to the Bibliographr at the end of the article. 
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porct'lain which lies across the radiating wal! 
of the black body was covered \Üth {'obalt 
oxide. Since the 'cobalt oxide did not adhere 
well to the porcelain tube, the latter was 
first covered with a thin layer of iron oxide, 
obtained by wetting the porcelain tube with 
writing ink which was burned into the tube. 
The cobalt oxide paint was then applied and 
also burned upon the tube by mpans of a 
blast lamp. After replacing the thermo- 
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FIG. 2. 


couple, f'udosed in this short tube within the 
radiator, thf' whole interior was again painted 
with a mixture of cobalt and chromium 
oxides. In order to be able to insert the 
thermocouple including the short tube, and 
also to paint the interior of the radiator, the 
first diaphragm (\\ hich in the commercial 
porcelain tube has an opening of only 1 cm.) 
was removed (Fig. 2, B), and after making all 
the adjustments another porcelain diaphragm 
was put in its place. 
The cobalt oxide has a high temperature co- 
efficient of absorption, so that it appears black 
on slight hf'ating. Its pmission spectrum (14) 
(loc. cit. p. 120) is continuous, so that there is 
less difficulty in producing a perfect radiator 
thaI\. when the radiating enclosure is of 
white porcelain (17, 18). However, porcelains 
having a low melting-point when heated 
above 1000 c emit a far more continuous spec- 
trum than the "
[arquardt porcelain" from 
whi{'h are made the black bodies ordinarilv used. 
All these tubes. especially the painted ones, 
become electrically conducting when heated 
above 1300 0 C. Hen{'e, at the highest tem- 
peratures the radiator should be heated by 
alternating current from a motor generator 
which is operated from a storage battery. 
Ey this means there is no more difficulty in 
maintainin,g a constant current than ,,:hen 
heating the radiator directly hy means of 
current from a storage IJattery. By means 
of a low-resistance rheostat at the observing 
table, the current can be regulated so that the 
temperature of the radiato
 can be kept to a 
few hundredths of a de
ree. 
(ii.) n.ater-rooled Shutters and Diaphragms. 
-In discllssing thc relati\
e merits of the 
yarious determinations of the radiation con- 
stants, and in particular the coefficient of 
total radiation, the writer will have occasion 


to refer frequently to the use, or misuse, of 
shields for preventing the receiyer from being 
heated by the radiator, and of shutters for 
exposing the receiver to radiation. It is 
therefore important to consider briefly the 
functions of this apparatus. 
The determination of the coefficient of tota] 
radiation usually consists in noting the heat 
interchange "When the receirer is exposed to 
two radiators which are at "idely differing 
temperatures, say 0 0 C. and 100 0 
C., i.e. ice and boiling water. 
The radiator at the lower tem- 
perature may be and usually is 
used as a shutter. If the tem- 
perature of the shutter is 10\1fer 
than that of the receiyer the 
latter radiates to the shutter. 
Hence it is important to hare 
the receiver face a large (say 
water-cooled) diaphragm, main- 
tained at a constant tempera- 
ture, at the back of whi{'h is placed the 
shutter and the radiator. In this manner the 
surrounding conditions, facing the receiver, 
are not changed when the shutter is moved 
in order to e>.pose the receiver to radiation. 
There is no doubt that some of the unusual 
results obtained in the detennina tion of the 
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radiation constants are 0\\ ing to the fact 
that the receiver did not face 
nifo(')nn condi- 
tions when the shutter" as opened and closed 
in making the measurements. 
Experience shows that the arrangement of 
the shutter should be similar to that illustrated 
in Fig. 3, which particular desi,!!J1 of apparatus 
was used by Coblentz in the determination of 
the coefficient of tota] radiation described on 
a subsequent page. 
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The water-coolecl shield employed consisted 
of a tank A. 25 cm. in diameter and 1.5 cm. 
in thickness, the radiator, and a tank B which 
faced the radiometer. The water-cooled shutter 
S (P1'g8. 3 and 6), consisting of a thin metal 
box 3.5 by 3.5 by 0,8 cm., ",as operated in 
vertical ways between these two shields. A 
mercurial thermometer "vas inserted at Th. 
Its bulb \vas in the water flowing through 
this shutter and was used to measure the 
temperature T used in equation (1). A more 
detailed illustration of a similar shutter is 
given elsewhere (15), and some of the parts 
are sho,,'TI in Fig. 3. The side of the shutter 
facing the radiometer was. smoked in a 
sperm candle, and in connection with the 
conical. shaped opening (painted black and 
smoked) in the \vater-cooled q.iaphragm B 
it formed a miniature black body the tempera- 
ture of which remained constant throughout 
a series of measurements. The temperature 
of the shutter was easily kept constant to 
within 0.5 0 C. The opening in the diaphragm 
B, which must be accurately known, was 
defined by means of a series of smaU perforated 
discs vf brass 8 mm. in diameter and 1.5 mm. 
in thickness, which "ere mounted in a recess 
provided for the purpose. These brass discs 
were provided with accurately cut, knife- 
edged holes which varied from 2 to 5-;} mm. 
in diameter. In this manner one could easily 
change the size of the opening which admits 
radiation upon the receiver and thus study the 
effect upon the radiation constant. 


II. THE COEFFICIE:8T OF TOTAL RADIATION 
It has been shown by Stefan (1), Schneebeli 
(10), \Yilson (11), Lummer and Pringsheim (9), 
Valentiner (12), and others (20), that the total 
radiation emitted from a uniformly heated 
cavity is proportional to the fourth power 1 of 
the absolute temperature. The measurements 
extl'nd oyer a temperature range of about 
1:)00 0 C. They verify the fourth power law 
within the accuracy of the temperature scale 
and the general errors of observation; these 
are small owing to the fact that the measure- 
ments are rplative. 
The evaluation of the coefficient of thermal 
radiation in absolute measure is an extremely 
difficult task which håS been attempted by 
numerous experinlPnters whose data will now 
be considered. 
The earl:v determinations of the coefficient 
of emission of a su hstance (e.g. blackened 
plates, balls of glass or copper) by Lehnebach 
(19), Christiansen (21), and others are of great 
historical intereHt, but they cannot be con- 
sidered in connection with present-day detrr- 
minations of the coefficient of total radiation 
of a uniformly heated enclosure. 
1 See" Pyromctry, Total Radiation," 'Tol, I, 



 (3) ROLOl\lETRIC :\IETHODS OF ELECTRIC 
CO:\IPENSATION. (i.) Ob8ervatiom; of Kurlbawn 
(22).- The first determination of the constant 
of total radiation in absolute value, hv a 
method which is free from the gross experi- 
mental errors that are inherent in the work, 
was made by Kurlbaum. 
The principle of the method is as follmvs: 
Three branches of a "Theatstone bridge 
(bolometer) consist of thick manganin wires, 
which are not affected by a change in current 
through t.he bridge. The fourth branch 
con8ist
 of thin strips of platinum, the resist- 
ance of which is affected by a change in 
current in the bridge. 
Starting with the bridge balanced, the 
bolometer branch of thin platinum, at a 
distance of 18 to 20 em., was exposed to the 
radiation from a black body at 100 0 C., and 
the change in resistance (or galvanometer 
deflection) was noted. \Vith the bolometer 
branch shielded from radiation, the bridge 
current was varied until the change in resist- 
ance in the bolometer branch was equal to 
that attained \\- hen exposed to radiation. 
In other words, the bridge current was in- 
creaséd by a sufficient amount to produce 
the same galvanometer deflection as was 
caused by radiation falling on the bolometer 
strip. From a knowledge of the change in 
the bridge current, the bolometer resistance, 
etc., Kurlbaum was able to compute the 
energy input. He used two very different 
surface bolometers and found very concordant 
values. He found a value of (1"=5.32. In.a 
subsequent communication (23) he made a 
correction of 2.5 per cent for loss by reflection 
from the platinum black surfaces of the 
bolometer. This gives a value of (1" = 5.45. 
Coblentz (24) determined the reflecting power 
of platinum black, and found that, using the 
blackest obtainable deposits, the reflecting 
power is almost 2 per cent for wave-lengths 
at 8 to 9 p... An examination of six surface 
bolometers (12 branches or 24 surfaces of 
about 3 by 4 cm. area), purchased abroad, 
showed that all of them had microscopically 
small bright patches of bare platinum. These 
bright areas would increase the loss by reflec- 
tion. From this it appears that Kurlbaum's 
correction to his work is none too large. 
(ii.) Observations of ralent1'ner (I2).-The 
method of measuring the coefficient of total 
radiation by means of a large surface bolo- 
meter was continued by Yalentiner, who found 
quite different values, depending upon the 
blackness (kind) of radiators employed, which 
were heated as high as 1450 0 C. For the two 
blackest radiators (the steam-heated radiator 
"\V.R.K." and the electrically heated un- 
hlackened porcelain fube radiator" G.S.K.''') 
he found a value of (1" = 5.36. 
In a subsequent paper (25) he made a corree. 
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tion of about 4, per cent for various causes 
(e.g. 1 per cent for lack of hlackness of the 
radiator, 2.5 per cent for reflection from the 
bolometer, etc.) giving a value of 0-=5.58. 
Xo correction was made for atmospheric 
absorption. 
The numerical values of the various deter- 
minations made by Valentiner, upon anyone 
radiator, vary by about 3 per cent, which is 
greater than the effect of atmospheric absorp- 
tion in a space of 30 to 50 em. However, 
when using a larger porcelain tube radiator 
(12), "G.S.K.," the distances .were longer 
than usual (being respectively 89 and 12.3 
em.) and the effect of absorption seems 
unmistakable. The value of the radiation 
constant is about 2 per cent smaller for the 
greater distance, t',e. an increase of 3.3 cm. 
in optical path introduced an absorption of 
about 2 per cent. 
A conservative estimate of the correction 
to Yalenti!ler's data for absorption by atmo- 
spheric water vapour and carbon dio}.ide is 
2 to 3 per cent. This increases Yalentiner's 
value to 0- = 5.68 \\ith a possibility of the value 
being as high as 0-=5.73, which is in remarkably 
close agreement with the various detennina- 
tions made by other meth0ds. That a correc- 
tion of not less than 1 per cent is to be applied 
to these data is indicated in Gerlach's (33) 
recent work on atmospheric absorption of 
black body radiation. 
The surface bolometers used by Kurlbaum 
and by Valentiner consi'3ted of two grids of 
thin platinum foil, placed one back of the 
other, with the edge" overlapping. In this 
manner a continuous surface is formed, but 
part of the rear bolometer strips are shielded 
from the radiation incident on the front 
strips. The operation of the receiver is 
unsymmetrical. Gerlach (28) has dIscussed 
the effect of this overlapping, and has shown 
that in some cases it might lower the value of 
the observed radiation constant by a very 
considerable amount. Coblentz (27) has found 
that using one bolometer strip back of the 
other, 50 per cent of the energy, incident 
upon the first receiver, is re-radiated to the 
rear one. In the rever
e process, of heating 
the stnp ele('trically, this effect would enter 
symmetrically and a low value would result 
It was found by Kurlbaum and by Yalentiner that 
the rate of tcmperatuI'E" riSt' was different when 
heating the bolometer by absorption of radiation 
and by electrical heating. The 10w values of the 
radia tion C'onstan t obtained by Va1en tiner are 
explained (28) in part as the result of reading the 
galvanometer deflection before temperature equili- 
brium was fully attained. 
Callendar (30) has described surface bolo- 
meters which would overcome some of the 
defects of conduction, etc. However, using 
radiators at 600 0 to 1000
 C., there is no need to 
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employ such large receiyers with the unavoid- 
able defects just noted. 
(iii.) Obser'l'ations of Gerlach (3]). - The 
follo\\ ing method is not exactly bolometric in 
principle, but it may be considered at this point 
since its virtues have been under discussion in 
connection \\ ith the results 0 btained by the 
bolo metric methods just mentioned. Gerlach 
determined the constant of total radiation, 
0-, by a modification of Angström's electric 
compensation pyrheliometer. 1 In the original 
pyrheliometer of Angström (32) the receivers 
are two thin narrow sheets of manganin to each 
of which is attached one junction of a thermo- 
element which is joined through a galvano- 
meter. One of these manganin strips is ex- 
posed to solar radiation. Through the other 
manganin strip is passed an electric current 
of such strength that it is heated to the same 
temperature as is the receiver which is exposed 
to solar radiation. The equality of temperature 
is indicated when there is no current flowing 
through the galyanometer. 
In the instrument as used by Gerlach (31) the 
receiver consists of but one strip of manganin. 
At the back of this manganin strip and close 
to it is a thermopile of 43 elements (joined 
through a galvanometer) \\hich is heated by 
radiation from the strip, thus differing from 
.Ångström's device, in "hich a single thermo- 
junction is heated by conduction from the 
manganin strip. The object of using many 
thermo-junctions is to integrate the radiation 
from the whole strip, thus eliminating any 
irregular heating caused by inequalities in the 
thickness of the receiver, which was blackened 
electrolytically with platinum black. The 
manganin strip is heated electrically to the 
same temperature as that attained by the 
strip when exposed to the radiation from a 
black body, which was heated by steam. 
From a knowledge of the resistance of tbe 
strip and the electric current the energy input, 
and hence the yalue of the radiation constant, 
is determined. 
Gerlach experienced some difficulty in deter- 
mining when he had exact compensation when 
heating the receiver electrically and radio- 
metrically. Covering the sides of the receiver 
with knife-edged slits had no effect upon the 
radiation constant; but shielding the ends of 
the manganin strip from radiation caused the 
value to increase froDlo-= 5.83 for theunshielded 
ends to a constant value of 0-=6.14, when the 
shields covered 1.5 mm. or more of the ends 
of the strips. This is caused by heat conduc- 
tion from the receiver to the heavy copper 
electrodes. In practice he exposed the "hole 
length of the receiv'er to radiation, claiming 
that the heat conducted from the ends is the 


1 For an account of thi"- and 
om(' others of th(' 
instruments refE'rrpd to see Yo1. III., ., Radiant Heat, 
Instruments for )Ieasurement of." 
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Bame when the metal strip is heated radio- 
metrically and electrically. This appears to 
be the weak point in the device. In the 
instrument used by Coblentz (20, 29) this 
difficulty was eliminated by placing the 
potential terminals on the receiver, and at 
some distance from the heavy electrodes. 
This seems to be the logical way to use such 
a receiver. 
The work of Gerlach aroused considerable 
discussion among experimenters previously 
engaged on this same problem. This brought 
forth a very considerable amount of laborious 
experimental work by Gerlach (35), in which 
he showed that his apparatus gave the same 
values when operated by Kurlbaum's (22) 


Gerlach's determination is one of seyeral, 
which should be a convincing demollstration 
that the extremc values of u = 5.3 to 6.5 are 
subject to correction, in so far as the correc- 
tions can be determin('d. 
(iv.) Observations of Coblentz (20, 29, 39).- 
This research was undertaken after a study of 
the instruments and methods used in the earlier 
determinations, and an effort was made to 
embody the good features and eliminate the 
defective ones previously employed. It i8 
therefore proper to discuss the work in con- 
siderable detail. 
In designing the apparatus an attempt was 
made to embody black body conditions in the 
radiator, Fig. 1 (including the shutter, Fig. 3), 
and the receiver. 
The lack of blackness of the 
radiator has been discussed by"Tien 
and Lummer (8), who give a method 
for computing the correction for the 
opening in the radiator, on the 
assumption that the enclosure is 
spherical and diffusely reflecting 
The amount of ener
y that can 
escape by diffuse reflection through 
the opening is determined practi- 
cally by the size of the opening as 
compared with the total area of 
the interior of thc radiator. In the 
porcelain tube radia tor used here 
the interior is uniformly heated over 
a length of 8 to 10 C111. However, 
for the purpose of the present com- 
putation, a length of only 2.5 em., 
which is defincd by the first dia- 
phragm, is considered. The area 
of the enclosure is 37.6 cm. 2 and 
that of the opening is 3.1 cm. 2 . 
On the basis that the reflecting 
power of the interior of the painted radiator 
is 7 per cent (loc. cit. (20), p. 523, Table 3) 
the loss of energy by diffuse reflection 
through the inner diaphragm is O'()3 per 
cent. Using an unpainted 
rarquardt por- 
celain radiator the coefficient of total radia- 
tion is decreased by about 1 per cent 
(loc. fit. (29) p. 571), showing that the 
question of lack of blaclmess of the radiator 
is important. 
For a receiver (40) it was decided to use 
a modified Ángström pyrheliometcr (32) em- 
bodying novel features which had not yet 
been tried by others. In order to reduce the 
heat capacity of the manganin receiver Th, 
Fig. 4, and provide better insulation, the 
thermopile of bismuth and silver, having a 
continuous receiving surface, was placed a 
short distance back of the receiver as shown 
in E, Fig. 4. The apparatus used by Gerlach 
embodied this same idea. 
The crucial and novel part of the apparatus 
was a receiver R, F.iy. 5, with potential ter- 
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bolometric method as when operated by his 
method. 
In subsequent investigations Gerlach deter- 
mined the effect of atmospheric absorption (33) 
and of blackening the receivers (36) upon the 
radiation constant. He operated the radiator 
at higher temperatures (to 450 0 C.), but the 
radiometric apparatus remained the same as 
in the earlier work. 'Vith this outfit his new 
value (37) of the coefficient of radiation, un- 
corrected for reflection of radiation from the 
receiver and for atmospheric absorption, is 
decidedly lower than that which he had pre- 
viously obtained under similar conditions, 
being of the order u=5.6 to 5.7. Applying a 
correction of about 1.7 per cent for reflection 
of platinum black as observed by Coblentz (24) 
and depending upon the temperature of the 
radiator, a correction of 0.2 to 1.2 per cent for 
absorption of CO 2 , the mean value of 52 inde. 
pendent sets of measurements is u=5.85. In 
a recent diséussion of his data Gerlach (102) 
places hie value at (j = 5.80. 
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minals PP attached thereto, at a sufficient 
distance from the ends to a void the question 
of heat conduction to the electrodes. These 
potential wires, which were from 0.003 to 
0.02.3 mm. in diameter, accurately defined the 
length of the central part of the receiver "hich 
was utilised in the measurements. By 
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exposing the whole length of tbe receiver to 
radiation, conduction losses from its end do 
not enter the problem. 
The effect of the presence of the potential 
terminals was determined (20) (by using a 
third terminal P') and found negligible, viz. 
0.3 per cent. The method of finding the 
difference of potential between two 
terminals attached to the receiver 
seems more certain than to find the 
difference of potential between two 
heavy electrodes as used by Ger- 
lach (31). 
The operation of this type of 
radiometer, with a hemispherical 
mirror placed in front of the receiver 
(20, 24, 38), may introduce errors 
when the receiver i,;; heated by elec- 
trical means. Hence, after conferring 
with specialists in geometrical optics 
who were in agreement with the writer's opinion 
that a reflecting enclosure is likely to introduce 
errors, the recei\er was used without the hemi. 
spherical mirror. Subsequently this mirror 
was employed in a separate experiment to 
determine the diffuse reflection (24) from lamp- 
black and platinum black, and finally in deter- 
mining the loss by reflection from some of the 
receivers actuallv used in the observations. 
Hence, the loss 
f radiation incident upon the 
receivers was probably accounted for as 
accurately as it would ha\e been by employing 
a " blackening" device in front of the recei\er. 
In order to 
test the question of the accuracy 
of the corrections used for eliminating the 
loss by reflection, a series of observations was 
made on one receiver. In this test the slits 


F 


in front of the receiver, and all other conditions 
remained unchanged. The only variation was 
in smoking the platinum black receiver "ith 
a sperm candle after making the first set of 
observations. The reflecting power of plati- 
num black is taken to be 1.7 per cent (39) and 
that of lamp-black 1.2 per cent. The respec- 
tive determinations, after correcting for energy 
lost by reflection, "ere 0'=5.822 and 0'= 5.814. 
They differ by only about 0.1 per cent, which 
is very satisfactory, and shows that the reflec- 
tion factors were well determined. 
The assem bled apparatus is sho'Wll in Fig. 6, 
in which A and B are the water-cooled dia- 
phragms, S the shutter (see Fig. 3), F the 
radiometer, and D the telescoping diaphragmed 
tubes enclosing the optical path from which 
the moisture was remo'-ed by means of phos- 
phorus pentoxide P. Subsequent tests showed 
that in this outfit the effect of atmospheric 
absorption was less than 0.1 per cent (20), 
which conclusion is substantiated by recent 
measurements made by Gerlach (33). 
The thermopile was connected with an un- 
usually well shielded iron-clad Thomson gal- 
vanometer of special design (38, 41), which 
served merely as a null instrument to indicate 
the rise in 
 temperature of 
the receiver when exposed to 
radia tion and \\ hen heated 
electrically. "': --T 
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receiver to radiation and noting the gal\ano- 
meter deflection; then in heating the strip 
electrically to give, "ithin I per cent, the 
same deflection. The measurements of the 
electric power put into the strip "ere made 
"ith the same potentiometer used in measuring 
the temperature of the radiator. 1\0 difficulty 
was experienced in determining temperature 
equilibrium on heating the recei,-er by radia- 
tion and by electrical means. 
The exact amount of energy necessary to 
cause the same deflection as that produced by 
absorbing radiant energy is obtained by multi- 
plying the obserred enerp:y input by the ratio 
of the galvanometer deflections. This gives 
the "constant" of each receiver. In order 
to reduce all the measurements to a common 
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basis and at the same time obtain a value of 
the 
oefficient, or the so-called Stefan-Bolz- 
mann constant, of total radiation, the custom 
of previous e-xperimenters was followed in 
reducing the data. For this purpose it is 
necessary to know the area Al of the water- 
cooled diaphragm, the area A'J of the receiver 
which is exposed to the radiation emanating 
from AI' the distance D between these two 
surfaces, the absolute temperature Tl of the 
shutter, and the absolute temperature T 2 
of the radiator. The electrical energy input 
necessary to produce the same (galvanometer 
deflection) rise in temperature as was produced 
by exposing the receiver to the radiator is EI, 
both of which quantities are measured with 
the potentiometer as already described. Under 
these conditions the energy consumed by the 
electrical stimulus may be equated to the 
energy emanating from the radiator, or 


EI -
(T 4 - T 4) 
A2 
- 7r II 1 D 2 ' 


where (J is the coefficient of total radiation, 
E is the voltage, and I is the current. 
Usuallv the distance between the two surfaces 
Al and Ã 2 is so close that experimenters have had 
to apply a second term correction (42). In Ger- 
lach's (31) work the correction applied waEl 



A2 ( _ ! a2+b2+a12+blZ ) 
D2 1 ß D2 ' . 


. (4) 


where the sides of the openings in the rectangular 
diaphragms were a, b, al' bI' A shorter correction 
factor is 



1
2 ( 1_ I 
i-
 ) 
D2 4 D2 ' . 


. (5) 


which resulro from neglecting the effect of the first 
diaphragm, which was very small in this work. In 
either case this second term correction is quite 
negligible in the present investigation, since it 
usually amounts to less than 2 parts in 1000. 


The radiator was operated at a temperature 
of 800 0 to 1100 0 C., within which range the 
temperature scale is quite well de-termined. 
To the data obtained with 10 receivers, a 
correction of 1.2 per cent, for losses by reflec- 
tion, was applied to measurements made with 
receivers covered with lamp-black (soot) and 
a correction of 1.7 per cent to me-asurements 
made with receivers cove-red w;th platinum 
black. The reflection from a receiver covered 
with platinum black, then smoked, is 1.2 
per cent. As just mentioned, these corrections 
were determined by direct measurements upon 
some of the receivers used in this investigation 
and by comparison of the surfaces of the other 
receivers with samples of lamp-black whose 
reflection losses had been determined in a 
previous investigation (24). 


The value obtained for the coefficient of 
total radiation, after applying the corrections 
just mentioned, is 


(3) 


(J =(5'722::l:0'012) X 10- 12 watt cm. -2 deg. -4. 
No correction was made for absorption by 
atmospheric carbon dioxide, which was found 
to be less than 0.1 per cent. Accorùing to 
Gerlach's (33) measurements this might per- 
haps amount to 0.1 or 0.2 per cent, thus 
increasing the value to (J = 3.73. 
The method of operation is unsymmetrical 
in that, when the receiver is exposed to radia- 
tion, the heating is produced in the lamp- 
black surface, while in passing an electric 
current through the strip the heat is generated 
within the receiver. However, from the data 
obtained with receivers diffe-ring 10 times in 
thickness, and covered with different kinds and 
thicknesses of absorbing material, it appears 
that the manner of heating the receiver has 
but little effect upon the final result. 


For anyone receiver, operated under different 
conditions, the precision attained is usually much 
better than I per cent. For the different receivers 
the maxim urn range in the value of (J is of the order 
of 1.5 to 2 per cent. This seems to be independent 
of the length and width of the receiver, and of the 
kind of slits u8ed. The accuracy attained with this 
method of evaluating energy in absolute mea<;ure, as 
estimated by the departure of individu'll deter- 
minations from the mean value, appears to be of the 
order of 1 per cent. To this extent one can consider 
the present device a primary instrument for evaluat, 
ing radiant energy in ahsolute measure. 


(v) Observations of Kahanowicz (44).-The 
apparatus used by Kahanowicz is essentially 
a modifiGation of the Ângström pyrheliometer 
(32). 
The receiver was placed at the centre of a 
spherical mirror with an opening in one 
ide 
to admit ra-diation. In this manner the cor- 
rection for rEflection was eliminateù. The 
shutter was close to the receiver. If its 
temperature was different from that of the 
water-cooled diaphragm, which was before the 
radiator, errors in the radiation measurements 
would occur. As mentioned elsewhere in this 
paper, the shutter should be placed between 
the water-cooled diaphragm and the radiator, 
to avoid a change in the surroundings facing 
the receiver when the shutter is raised for 
making the radiation measurements. 
The temperature range was from 2GO o to 
530 0 C. The distance from the radiator to 
the receiver was 35 to 55 cm. A series of 28 
measurements gave an avprage value of 
(J=5.61. Of this number II gave a value of 
(J= 5.7. Out of a series of 4 measurements 
made in December 19IG (lower humidity), 
with the distance (J = 56 em., 3 gave a value 
of (J = 5.7. 
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A recent determination, using temperatures 
ranp-ing from 2.36 0 to 1076') C., gave a value of 
(f =.3.61. 
Xo corrections were made for atmospheric 
absorption, which for the temperatures used 
is not negligible. In a previous paper (loc. 
cit. (20), p. 376) it was shown that on removing 
the moisture (vapour pressure of 10 to 12 mm.) 
from a column of air 52 cm. in length, the 
radiation constant was increased from (f = 5.41 
to 5.53, or about 2.6 per cent. The vapour 
pressure at Xaples is considerably higher than 
at 'Yashington. From these (39), as well as 
Gerlach's (33) data, it appears that the cor- 
rections for atmospheric absorption should be 
at least 1 per cent. For the temperatures 
at which the radiator was operated, a con- 
servative estimate of the correction to the 
radiation data obtained by Kahanowicz is 1.5 
to 2 per cent, resulting in a value of (f = 5.69 
to 5.72. In other words, the Kaples value of 
the coefficient of total radiation is comparable 
with other recent determinations which indi- 
cate a value of (f=5.7. 
(vi.) Obsert'ations of Puccianti (43).-The 
method of operation is just the opposite of 
that usually employed, and in view of the 
small radiant energy exchanges involved in 
comparison with the transfer of energy by 
heat conduction and by convection, this 
may perhaps be the weak point in this 
method. 
Puccianti constructed a bolometer in the 
form of a black body, which is kept at room 
temperature. This black body is really the 
radiator. The other black body (which is 
really the receiyer), instead of being at a 
higher temperature, as usually is the casf', is 
at the temperature of carbon dioxide, snow, or 
of liquid air. He measured the electric power 
which had to be supplied to the first black 
body to keep the temperature constant in 
order to compensate for the energy lost by 
radiation to the second black body. He T"ery 
ingeniously constructed two black-body bolo- 
meter branches exactly alike, the one to be 
exposed to the cold re
eiver and the other to 
be protected from it. Each of these bolometer 
branches consisted of a vessel of 0.1 mm. sheet 
coppe.r ha \ing the form of a cone and a 
frustum of a cone united at the bases as 
shown in Bl and B2' Fig. 7. The lengths 
were 12 em.; the maximum internal diameter 
was 4 cm. The internal surface was smoked. 
The external surface "as polished, and upon 
it was wound two thin insulated wires. One 
of these wires, of iron, fonned the bolometric 
branch, and the other "ire, of manganin, was 
used as a heating resistance. The other two 
branches of the bolometer bridge were formed 
of resistance coils and the whole .was con- 
nected "ith a galvanometer and storage 
battery as in any ordinary bolometer. The 


two sensitive black-body branches of the 
bolometer "ere in an evacuated vessel C\ 
which was kept in a tank of "ater. 
The receÍ\?er was a blackened glass bulb Xl 
immersed in liquid air, and the bolometer 
was allowed to radiate 
to this receiver. The 
constant K of the instru- 
ment was determined 
from the diameters of 
the diaphragms D 1 and 
Ð 2 . A correction \\ as 
made for the energy 
interchange between 
these t\\ 0 openings (42). 
Pucci anti assumed 
that the shutter and tbe 
bolometer branch B;! 
were at the temperature 
T of the water bath. 
The resistance R of the 
manganin heating coil 
surrounding the bolo- 
meter branch B
 was 
determined. In the 
course of the test 
Puccianti measured the 
,?oltage E, which was 
necessary fur com pensa- 
tion to prevent the 
bridge from being un- 
balanced when the 
branch B 2 was exposed 
to the recei,-er 
1 at the temperature To' 
Re obtained a value of (f = 5.96. 
The method is an ingenious variation from 
the usual procedure. The apparatus should 
ha ve been constructed so that both bolometer 
branches could have been used as radiators. 
From the illustrations it appears that radiation 
from one branch could fall upon the other. 
which would introduce errors. Another un- 
certainty is the temperature and the manner 
of operation of the shutter. Tests might have 
been made to determine whether the bolometer 
remained balanced when a heating current 
was applied to both branches, without allow- 
ing one branch to radiate to the receiver. 
Furthermore, to repeat the herein oft-men- 
tioned device, a heating coil should have been 
inserted temporarily within the radiator to 
determine the energy input as compared with 
the energy input required in the outer heating 
coils in order to maintain a balance. The 
device, as used, is unsymmetrical in that the 
heating coil is not in the proper place to 
operate most efficiently. From this it appears 
that the constant should he smaller than that 
indicated by his measurements. 

 (4) THER:\IO:\IETRIC )IETHODS WITH 
" BLACK" RECEIVERS. (i.) Ob.serratio11.s of 
Fhy (4.3).-In order to e1iminate the question 
of reflection from the surface Fér;y (43) made 
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a series of determinations of the radiant con- 
stant (J, hy means of a thermojunction, formed 
into a long conical-shaped metal receiver which 
was blackened on the inside. On the outside of 
the cone, and insulated from it, was wound a 
heating coil of known resistance for calibrating 
the receiver. This was done by noting the 
temperature rise (galvanometer deflections) 
with the energy input, in watts. The receiver 
was then exposed to an electric furnace which 
was heated to various temperatures from 
500 0 to 1200 0 C., and the corresponding gal- 
vanometer deflections were observed. He 
obtained a value of (J = 6.30. 
(ii.) Observations of Péry and Drecq (46).- 
The work was undertaken anew by Féry and 
Drecq (4()), the receiver being a cone of brass, 
having an aperture of 30 0 , placed within a 
large sphere of brass which was surmounted 
by a glass tube with a capillary 1 mm. in 
diameter. The large brass sphere was filled 
with alcohol, the whole forming a thermometer 
in which 1 mm. rise in height of the column 
in the capillary indicated a rise in temperature 
of 0.003 0 . Surrounding the outside of the brass 
case was a coil of l\-ire through whieh an 
electric current was passed and the energy 
input noted which cau!'!ed the same tempera- 
ture as that produced by exposing the opening 
of the cone to the radiator. They found a 
mean value of (J= 6,51, which is the highest 
value yet obtained. The relative values ob- 
tained with the instrument show a fair con- 
stancy over the whole temperature range, 
which extended to the melting-point of gold. 
However, the same is true of Valentiner's 
values determined by the bolometric method. 
It indicates that there is some constant factor 
which is not eliminated and lvhich causes a 
high or low value. 
Various suggestions have been made as to 
the cause of their excessively large values. It 
appears that part of the difficulty lies in the 
unsymmetrical way in which the instrument 
is operated. It is calibrated by a heating coil 
which is in connection lvith the alcohol (or 
air, in the first case) and can warm the latter 
by conduction and by absorption of radiant 
energy. On the other hand, the incoming 
radiation must be transformed by absorption 
in the cone and then reaches the alcohol 
principally by conduction. As a result of this 
type of calibration, the apparent value of the 
radiation constant is higher than the true 
value. The weak point. lies in not having the 
heating coil within the recf'iver, which should 
be so constructed that but little, if any, of the 
entering radiation, or the energy 'radiated 
from the heating coil, can escape through the 
opening in the receiver. This might easily 
have been done by forming the receiver into 
a double-coned receiver, such as was used by 
Puccianti. However, even with all these pre- 


cautions, this type of receiver docs not appear 
sa tisfact ory. 
Another determination of this constant wa
 
made by Féry and Drecq (47) in which the 
radiations from an electric furnace fell upon 
a strip of platinum (area 36 by 5:> mm. and 
0.03 mm. in thickness), blackened electro- 
lytically with platinum black. The radiation 
measurements were made by sighting upop 
the front and the rear surfaces of the platinum 
strip by means of a Féry pyrometer, the angle 
of incidence being 48 0 . Their new value of 
the radiation constant was (J=6.2. The 
measurements upon the posterior surface 
resulted in a value of u = 5'57, which is said 
to correspond with the measurements on the 
anterior surface made lvith plane receivers. 
If we correct the latter value by (the round 
number) 2 per cent for reflection (24-), we 
obtain the value u=5.68, which is of the same 
magnitude as observed by the writer. This 
new determination of u by Féry and Drecq 
appears to have been made defective by their 
reduction of the original observations; for 
example, they claim that the coefficient of 
absorption of the receiver was only 0.82 to 
0.84, which seems impossible from numerous 
and diverse experiments on the diffuse re- 
flecting power of platinum black made by 
others. Attention has been called to this fact 
by Bauer (48), who placed their value of u 
between 5.1 and 5.8, and, by making a correc- 
tion of 2 per cent for reflection, deduced a 
value of u= 5.68. 
In all of the for('going methods the data are meagro 
as to elimination of the various errors which may 
occur. For example, a source of error may arise in 
determining the power put into the platinum strip 
ru;ed in the last method. Another important source 
of error lies in the manner of opf'ration of the water. 
cooled shutter, which should be placed between the 
water-cooled diaphragm anù the radiator. 
(iii.) Observations of Bauer and j,[ Dulin (49).- 
In order to obviate the difficulties encountered 
by Féry and Drecq (47) in calibrating their 
conical-shaped receivers, Bauer and l\Ioulin 
calibrated their receiver (which was a Féry 
pyrometer) by sighting it upon a strip of 
platinum, heated to different temperatures by 
an electric current. In order to determine the 
amount of radiant energy falling upon the 
receiver it was necessary to eliminate the 
losses from the strip by conduction and con- 
vection. For this purpose the platinum strip 
was heated in air and in a vacuum, the power 
consumed being determined for a definite 
length of platinum, defined by potential 
terminals welded to the strip. Having cali- 
brated the pyrometer by noting the galvano- 
meter deflections for the various amounts of 
energy (in watts) put into t.he platinum strip, 
they sighted the pyrometer upon a black hody 
heated to various temperatures and noted tbe 
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galvanometer deflections. Their first an- 
nounced value was (J = 6.0. However, as in 
numerous other cases herein cited, errors were 
introduced in the final reduction of their data. 
They had observed the radiation emitted from 
the platinum strip at an angle of 13 0 from the 
normal and applied a correction (.30) of about 
12 per cent, which reduced their value to 
(J = 5.3. This correction is recognised to be 
much too large {48), so that their value of the 
radiation constant lies between (J = 5,3 and 6.0. 
They made no correctiol). for atmospheric 
absorption, whj.ch would increase their value 
from (J=5.3 to (J=5.6 or 5,7. In an earlier 
communication on the solar constant, Bauer 
and 
Ioulin (loc. cit. (.30), p. 16.38), using an 
Angström pyrheliometer, found the value 
(J=5.7. 
(iv.) Obsen'ations of Puccianti (51).-ln a 
continuation of his investigations, Puccianti 
gives a determination in absolute measure of 
the radiation of a black 
body in which the 
temperature change is 
measured by means of 
a toluene thermometer, 
the bulb of which is 
formed into a hollow 
cone tha t is allowed 
to radiate to a black- 
body receiver, which is 
at the temperature of 
liq uid air. The measure- 
ment is made by com- 
pensating the heat lost 
by the thermometer 
by the application of an electric current. 


Aniline 


The apparatus not being differential in con- 
struction, the temperature of the water bath had to 
be kept rigorously constant in order to have the 
meniscus of the thermometRr move I'lowlv and 
regularly. The response of the apparatug ;as, of 
course, slow and sluggish, \\ hich is a common 
property of this type of receiver (radiator), so that 
it required from four to eight minutes to obtain a 
measurement. 


The same criticisms apply to this instrument 
that have been mentioned in the cruder form 
of thermometer used by Féry and Drecq (46). 
The energy for com pensa tion is supplied by a 
heating coil which is in contact with the liquid 
(a good scheme in so far as it applies to 
heating the liquid) and on the side of the wall 
of the receiver opposite to that upon which the 
incoming radiations impinge. The arrange- 
ment is therefore unsymmetrical. The heat 
of compensation shouÌd have been supplied 
by a coil inserted ",ithin the receiver, provision 
being made that little or none could escape 
by reflection and by direct radiation through 
the opening. In this manner the condition of 
symmetrical heat interchanges would have 


been the most closely fulfilled. In the instru- 
ment as used the opportunity for escape of 
energy seems greater, so that in compensation 
there is a tendency to produce a value which 
is higher than the true value for radiation 
unaccompanied by conduction. By placing 
the heating coil within the receiver and using 
a high temperature radiator, Puccianti's device 
should be applied in the manner recently used 
by Keene (32). 
Puccianti considered the precision of this 
method as high as that of the bolometric 
apparatus, but the sensitivity of the thermo- 
metric apparatus was \-ery much inferior 
to that of the bolometer. Xe\rertheless, he 
seems to prefer the thermometric method in 
spite of its small sensitivity. He assigned a 
value of 6,Oû<(J<6'3, and his intermediate 
value is (J= 6.15. 
(v.) Ob8errations of Keene (52).-The most 
recent determination of the constant (J is by 
Keene. The radiator 
consisted of an electric 
furnace which could 
be heated to 1000 C. 
The receiver consisted 
of a hollow spherical 
double-walled ther- 
mometer bulb provided 
with a small aperture 
in its side to admit 
the radiation to be 
measured, as shown in 
Fig. 8. The space 
between the walls is 
filled " ith aniline, 
. which served as thermometric substance, 
its expansion being observed in a capillary 
tube in the usual way, 1 mm. division 
= 0.0005 0 C. 
In order to eliminate the effect of the 
variation of room temperature, two such 
thermometers were used differentiallv, radia- 
tion being admitted into one of them, the 
differential effect giving a measure of the 
energy supplied. The interior of the bulb 
receiving the radiation was provided \\ ith 
an electric heating coil for the purpose 
of calibration. His paper contains the 
derivation of an exact expression for the 
energy interchange between two radiating 
coaxial circular openings; for he found that 
the approximate formula which is ordinarily 
used when the distance between the open- 
ings is large was not accuratf" enough for 
the work. 
His value of the radiation constant is 
(J= .3.89. 
The receiver and the radiator being close 
together, and the time for attaining tempera- 
ture equilibrium being rather long, there is a 
po
sibility of diffusion of hot gases into the 
receiver when the shutter is raised for obscrva- 


FIG. 8. 
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tinns. This would tend to gjve a high value. 
It would have been interpsting to determine 
if it would have required less electric power 
in the heating coil, provided the opening ill 
the receiver had been elosed with a reflecting 
cover to prevent e8C1:tpe of heated ga8es, while 
calibrating the device. 

 (3) Ix DIRECT AXD SUBSTITUTION :\IETHODs. 
(i.) Observations of Shakespear (53).-His value 
of the constant (J is obtained by a method 
which is based upon the principle that a 
heated body in air, in surroundings at a lower 
temperature, loses heat (a) by conduction, 
(b) by convection, and (c) by radiation. If 
the rate of loss by a body be observed in two 
cases, the only difference being that the 
emissivity of the radiating surface varies, 
other conditions remaining the same, it is 
quite correct to assume that the losses (a) and 
(b) will be the same and that the difference 
between the observed rate of loss of energy 
in the two cases is due only to the difference 
in the losses by radiation. If, now, these 
two different surfaces, at the temperature of 
boiling water, be exposed in turn to a radio- 
micrometer at room temperature, we obtain 
the ratio of the rates of the energy radiated 
by the two surÎaces. 
In the experiments, a plate of metal with 
a silvered surface was heated electrically to 
100 0 C. and close to it was another plate, 
blackened with soot, which was cooled with 
water. Between the plates was air at atmo- 
spheric pressure. Shakespear measured the 
energy input in order to maintain the plate 
at 100 0 when (1) the surface of the plate was 
highly polished, and (2) when it was blackened. 
He measured also the ratio of the emissivities 
of the plate under these two conditions, using 
a radiomicrometer for the purpose. From 
this he obtained a value (J' in absolute units. 
He then compared the emissivity of the lamp- 
black surface at 100 0 with that of a black 
body at the same temperature by means of a 
radiomicrometer. From this latter compari- 
son combined with the value of (J' he found a 
value of (J=5.67. 
From this description it may be noticed 
that the essential parts of the method differ 
from that of \Vestphal (55) in that the radiator 
was a flat metal plate used in air instead. of a 
vacuum, and that the black body, with which 
the emissivity of the plate had to be measured, 
was separate from it; while in '\Vestphal's 
instrument the black hody was self-contained 
within the metal (in the form of a cylinder) 
of which the emissivity of the surface had to 
be measured. 
(ii. Observation8 of Todd (.'54).-In his ex- 
periments on the thermal conductivity of gases, 
Todd used a thin layer of air enclosed between 
two horizontal, parallcl, good - conducting 
plates, which were maintained at different 


temperatures. The colder plate, of course. 
receives heat by radiation and by conductiçm 
through the air from the hotter plate, which 
is above it. Communication from the sur- 
rounding air is shut off by an insulating ring, 
and the two plates being close together, in 
comparison with their linear dimensions, tlH' 
convection currents are eliminated. He de. 
termined the energy lost by radiation by 
varying the distance x between the two plates 
and noting the corresponding variation in the 
quantity Q of heat passing from the upper to 
the lower plate. These value.:; of x and Q 
when plotted from a rectang.ular hyperbola 
and the horizontal asymptote give the value 
R of the radiation. The energy input was 
determined by a calorimetric method. In 
order to determine the constant (J he had 
simply to find the ratio of emissivities of the 
blackened plate to that of a black body at the 
same temperature, for which purpose a radio- 
micrometer was employed. The value of this 
ratio and the constants obtained in the main 
part of his experiment enabled him to compute 
the radiation constant, \vhich he found to be 
c = 5.48. 
This, like the preceding method, is likely to 
give a low value of the coefficient of radiation 
owing to uncertainty of the exact temperature 
of the radiating surface of lamp-black. A 
thin layer of soot is fairly efficient in its 
emil::!sion and absorption. But a thick layer 
of soot is quite non-conducting of heat, as was 
found in the measurements of diffuse reflec- 
tion (34). 
(ill.) Observations by TYestphal (55).-An im- 
portant determination of the coefficient of total 
radiation ,vas made by \restphal (55). The 
experiment consisted in comparing the emis- 
sivity of a cylindrical block of copper, when it 
was highly polished and when it was blackened, 
with the emissivity of a black body at the 
same temperature. The novelty involved in 
the method is in having the black body con- 
tained within the cylinder as shown in Fig. 9. 
The copper cylinder was heated electrically, 
and to reduce the energy losses by gaseous 
heat conduction this copper cylinder was sus- 
pended in a glass flask from which the air 
could be exhausted to 1 mm. pressure. The 
outer surface of the cylinder was either highly 
polished to give it a low emissivity E 2 or 
painted with lamp-black to give it a high 
emissivity El' The end surfaces remained 
unchanged. The heat losses by conduction 
and convection were therefore the same 
throughout the experiment, and the difference 
in energy input, when the surface of the 
cylinder had a high emissivity and when it 
had a low emissivity, was a measure of the 
energy lost by radiation. 
If the temperature of the t!la
s flask is kept 
constant To, and the blackened cylinder is heater! 
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electricaUv to the (absolute) temperature T, then 
thc energy input ". \\hich is required in order 
to maintain a stationary temperature is 


'VI =OO'E1(TI- T04) +/(T.To). . . (6) 


In this equation, 0 is the surface of the c}' linder and 
('I,To) is an unkno\\n function "hich represents the 
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Pllergy lost by conduction through the air and lead 
wires, and by radiation from the ends of the 
cylinder. 
If now the surface of the cy linder is polished and 
thus given the emissivity E2' and if the cylinder is 
heated to the tc
perature T, \\ hile other conditions 
remain W1changed, the energy lost from the cylinder 
IS 
\Y2=OO'E 2 (Tt-T o 4)+/(T.T o ) . (7) 


and the constant sought is 


\Y.- \V 2 
0'= O(E 1 - E;!)(Tl- To4f 


. (8) 


Using the surface of the cylindrical body 
when highly polished, \Yestphal proceeded 
to find the curve of watt-input 'V 2 of the 
body between the temperatures 350 0 and 42.3 0 
absolute as a function of the temperature. 
Then the surface of the body was brought to 
a high emissivity by applying in succession 
different blackening materials, and tht> energy 
\V 1 input was measured at different tem- 
peratures. 
The emissivities of the surface and of the 
interior of the copper cylinder were compared 
by means of a thermopile. The numerous 
details need not be discussed. Suffice it to 
say that the "ork appears to have been 
thorou!!hly done, and from the nature of the 
method it seems free from gross systematic 
errors. His mean T"alue is 0' = 5.54. 
He modified the apparatus and extended 


the obsen"ation over a "ider range of tempera- 
ture \\ith a view to increa
ing the accuracy. 
The new value (56) agrees" ell "ith the earlier 
determination, being 0' = ,),;57. Although 
nothing further seems to ha"\'"e been published 
subsequently, \Yestphal obtained further 
measurements which yielded the value 0'= 
5.67 (58). This is in excellent agreement \\ ith 
Shakespear's resuJts (53) sho"ing that the 
coefficient of radiation as determined by 
relia ble methods is of the order 0' = 5.7. 
As aJread:y noted in discussing Todd's data, 
it is uncertain whether in all cases the surface 
of a layer of black soot has the temperature 
of the metal plate upon which it is deposited. 
Gerlach (36) performed experiments" hich led 
him to question whether \Yestphal's results 
were not slightJy 10\\ 0\\ ing to the use of 
lamp- bJack. 
This and the preceding measurements of the 
coefficient of total radiation are excellent 
variations from the direct method. They 
are likely to gi"\'"e slightly low values, jUEt 
as the thermometric methods, just de
 
scribed, give high values. Hence, these two 
methods serve the purpose of esta blishing 
upper and lower limits of the radiation 
constan t. 
(iv.) Deductions of Leu'is and Adams (57).- 
In concluding the survey of what the writer 
considers the most reliable experimental 
determinations of the coefficient of total 
radiation, it is of interest to include in this 
paper a theoretical computation by Lewis and 
Adams (57) based upon data on the elementary 
electric charge e, the gas constant R, and the 
Faraday equivalent F. Their caJeulations 
lead to a value of 0'=5.7. 
The foregoing data are assembled in Table I., 
which gives also conservative corrections for 
atmospheric absorption, which is an important 
factor that in many cases was neglected by 
experimenters. By applying this ob,
iously 
necessary correction it is interesting to find 
that these data, which were obtained by 
diffprent methods, and which appear so dis- 
cordant on first perusal of the original papers, 
can be brought into excellent agreement. 
They range about the number 0'=.3.7. In 
fact, two-thirds of the total number (12) of 
determinations recorded in Table I. are close 
to 0'=5.7. The mean "\'"aIlle of all these data 
which are free from question is 0'=5.72 
to 5.73. 
If we neglected Todd's low value, deter- 
mined from gas conduction experiments, and 
Puccianti's vaJue, which is no doubt too high, 
the mean vaJue remains unchanged. As we 
shall see presently, experimental evidence on 
ionisation potential, X - rays. and photo- 
electric work show that the value of the 
coefficient of total radiation is of the order 
cr=5.7. 
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OBSERVED VALUE AND THE MOST PROBABLE VALUE OF THE CO:KSTANT OF TOTAL RADIATION 
AFTER CORRECTI
G FOR REFLECTION, ATMOSPHERIC ABSORPTIO:Y, ETC. 



 I Probahle Yalue of I 
Observer. Date. u x 10 5 Method. 
erg. u X 10 5 . 
KurIbaum 1898 5.45 ? Bolomder 
Féry 1
09 6.3 ? Thermometer 
Bauer and Moulin ' 1909 5.30 5.7 Thermopile 
l1910 5.7 5.7 Pyrheliometer 
Todd . 1909 5.48 5.48 Gas conduction experiments 
Valentiner 1910 5.58 5.G9 to 5,75 Bolomder 
{1911 G.51 ? Thermometer 
Féry and Drecq _ lO12 6.2 "' 5.G8 Calibrated pyrometer 
5.57 j 
Shakespear lO12 5.67 5.G7 Ratio of emissivities, metal-;- black 
body 
Gerlach r 191G 5,85 . . t Modified Ångstrom pyrheliometer 
ll920 5.80 5.80 J 
Puccianti I 1912 5.96 5.96 Bolometer 
\ . . (j.15 ? Thermometer 
\Vestphal 1916 5.67 5.67 Ratio of emissivities, metal; black 
body 
Keene 1913 5.89 5.89 Thermometer 
Coblentz 1915 5.72 5.72 Modified Angström pyrheliometer 
Kahanowicz 1919 5.tH 5.()9-5'73 Modified Ang
trüm pyrheliometer 


::\Iean value, u=5.72-5'73 X 10- 5 erg em.- z sec.- 1 deg.-". 


III. THE CONSTANT OF SPECTRAL RADIATION 
In order to appreciate fully the significance 
of the constant of spectral radiation, it is of 
interest to consider briefly the instruments 
and methods of observation. 

 (6) THE SPECTRORADIO:\IETER.-The de- 
termination of the constant, C 2 , of spectral 
radiation requires very sensitive radiometric 
appa.ratu3 for measuring the intensities of 


by mean
 of a fluorite or quartz prism p 
(Fig. 10). 
The radiometer for measuring the spectral 
intensities is shown at D, which in this case 
is a vacuum bolometer. The thermocouple 
for measuring the temperature of the furnace 
A is shmvn at Th. A sensitive ironclad 
Thomson galvanometer is used in connection 
with the spectroboJometer or thermopile-. 
The prism is calibrated by computing the 


Ice 


the emission in different parts of the spectrum. 
In order to eliminate absorption, and especially 
the lack of achromatism which exists in 
lenses, the spectrometer is provided with 
mirrors as illustrated in F1'g. 10, which shows 
the general arrangement of the apparatus 
required for such investigations. The radia- 
tions emanating from the black body A 
are focu
sed upon thf' spectrometer slit b 
by means of silvered mirrors pJace-d in an 
air-tight box B. The spectrum is produced 


minimum deviation settings, using for this 
purpose the refractive indices of fluorite (fi7) 
or quartz and the. angle of the prism. As a 
fiducial mark or "zero" of the spectrometer 
circle the yellow helium line (15) is a conveni- 
ent standard reference line. 
By means of apparatus of this type the 
distribution of energy is measured in different 
parts of the spectrum. Two types of measure- 
ments may be made, viz. "Isochromatics" 
and" hothermals." 
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In making isochromatic measurements the 
spe-ctrometer is set on a given wave-length, 
and the intensities are measured as the 
temperature of the radiator is varied. 
In making isothermal measurements the 
te-mperature of the furnace is kept constant 
and the thermal radiatiun intensities are 
measured in different parts of the spectrum. 
This give-s the prismatic 8pectral energy dis- 
tribution 1 illustrated by the dotted curve (Fig. 
11). On reducing these prismatic measure- 
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ments to the standard normal spectrum (15) 
one obtains an energy distribution as illustrated 
in the continuous curve (Fig. 11). "Tith rise 
in temperature the maximum of the emission 
curve shifts towards the short wave-lengths. 
This fact enters into spectra) radiation for- 
mulas to be discussed presently. 
One of the difficulties encountered is the 
ahsorption by atmospheric water vapom: and 
carbon dioxide, which produce depressions 
in the spectral energy curves as indicated in 
Fig. 11. However, by enclosing the spectro- 
meter, by absorbing the moisture "ith 
phosphorus pentoxide, and by making the 
observations when the humidity is low, one 
can obtain trustworthy measurements over 
a wide region of the spectrum. 

 (7) FOR:\IULAS FOR REDUCI
G SPECTRAL 
RADL\TIO
 DATA.-Planck's equation (2) 
is no doubt the clo
est representation yet 
formulated of the observed energy distribution 
in the spectrum of a black body. In Fig. 11 
the circles represent the spectral energ
y' 
distribution computed (66) by means of the 
Planck formula. In the spectral region, free 
from atmospheric absorption, to 6 fJ., the 
ohserved and the computed curves agree to 
within the errors of observation, viz. 0.5 to 
1 per cent. 
Rubens and Kurlbaum (68) have made 
isochromatic observations. using the residual 
rays of fluorite in the spectral region of 24 fJ. 
and 52 fJ.. Their data also are in exact agree- 
ment with thosf" computed by the Planck 
f"quation. From all or these data it appears 
that the Planck equation may be considered 


J 
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as representin
, within the errurs of observa- 
tion, the energy distribution of a black body 
in the spectrum extending from 0,5 fJ. to 5u p.. 
The Planck formula is based on theoretical 
considera tions, and after almost two decades 
of discussion it remains unchanged. Recently, 
it is true, Xernst and 'Yulf (59) have arbitrarily 
modified the coefficient in the equation, 
changing C 1 to C 1 (I + a). \vhere a is a variable. 
Their whole procedure is based upon the 
assumption that the numerical value of the 
constant is C 2 = 14300 micron degrees, as 
observed from isochromatic observations, and 
that since the older values of C 2 , obtained 
from isothermals, are somewhat higher, they 
must be reduced by a factor (1 - a) depending 
upon the temperament of the radiator. They 
point out explicitly that the whole procedure 
depends upon the truth or falsity of the value 
of C 9 =I4300; or rather, as "ill be seen 
prese
tly (see Table 11.), upon the truth or 
falsity of the older values of (\= 14400 
(about) obtained from isothermal measure- 
ments. Their deductions lead to a value of 
()= (3.04, which, from a consideration of the 
whole subject on a subsequent page, appears 
to be much higher than the true value. rntil 
we have more reliable experimental data from 
isothermal measurements, it does not appear 
necessary to consider their modification of 
Planck's equation. 
(i.) The Spectral Radiation Formulas- 
Isochromatic.-After having made the spec- 
tral energy measurements, as indicated in the 
preceding pages, the next step is to compute 
the constant C 2 from the Planck formula 
(equation (2)). In view of the fact that some 
of the outstanding differences arise from 
methods of computing the constants from 
the experimental data it is important to con- 
sider the various reduction formulas whiçh may 
be used in the com pu ta tion. 
For computing the constant C 2 from an 
isochromatic energy curve at any "a'\
e- 
length, X, Planck's equation is used in the 
following form (13) : 
C _ (log E 2 -log E 1 )\T 1 T 2 
2 - log e(T 2 - T 1) 
(e- C 2 P,..T 2 - e- C 2 /ÀT 1 )\T 1 T s 
'Ì 2 - Tl ' 


(9) 


where El and E 2 refer to the emissivities 
corresponding to the absolute temperatu.res 
T and T9 respectively. In this equatIon 
the terms
log (I-e- C 2/ ÀT l), etc., "hich are 
similar to the terms in equation (13), are 
expanded in series, and onlr the first terIll of 
the expansion (e - C 2 /ÀT) log e) is .used. 
n 
approximate value of C 2 = 14300 l
 used In 
applying the second term correctI
)ll. For 
waye-Iengths up to 1 J.L this correctIOn term 
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(to the \Yien equation) is small, being only 2.1 
and 4.3 for temperature intervals of (T 2 - T I ) 
363 0 and 623 0 respectively, when using 
TI = 14':;0. However, these corrections in- 
crease very rapidly with wave-length beyond 
1 fJ.-, so that at 2 fJ.- with the same temperature 
intervals (T I = 1450; T;!= 1813 and 20730) 
the corrections to the values of C 2 amount to 
168 and 227 respectively. This explains the 
rise in the value of C 2 with wave-length as 
found by Lummer and Pringsheim (61), 
who did not use the second term correction. 
Energy curves which coincide closely with the 
"
ien equation give uniform values of C 2 
with increase in wave-length when computed 
by using only the first term in equation as 
was found by Paschen. In their preliminary 
results \Varburg (70) and his assistants, using 
a quartz prism, found that the value of C 2 , 
obtained from isochromatics, is independent 
of the wave-length. On the other hand, they 
found an increase in C 2 with wave-length 
when using fluorite prisms. 
(ii.) Isothennal.-Using an isothermal spec- 
tral energy curve, t.he constant of spectral 
radiation, C 2 (equation (2)), may be derived from 
the value of the wave-length of maximum 
emission, Am' by means of the equation 


c 2 = a.Am T , 


in which the value of a. is 4.9631. The equa- 
tion makes use of the Wien displacement law, 
which is the mathemat.ical expression for the 
shifting of the wave-length of the maximum 
emission toward the shorter wave-lengths, with 
rise in temperature, viz. 


AmT=A (a constant). 


The value of the constant is close to A = 2885 
micron degrees. 
Experimenters are therefore concerned with 
the proper method of computing the position 
of the wave-length of maximum emission 
Am from the isothermal spectral energy curve, 
such as illustrated in Fig. 11. 
In case one cannot observe the complete 
energy curve, as, for example, when using a 
quartz prism which absorbs strongly beyond 
2.2 fJ.-, it is possible to compute the value of 
Am from Planck's equation by reducing the 
observed energy curve to the normal spectrum, 
and taking from the energy curve t.he values 
of El at Al and Ew The proper equation is 



_ ( A m ) 5-.t e4 'f>651- 
 (12) 
Em - A (é'Uú51Am/Ã. -If 


This equation, which has been used extensively 
by \Varburg (80) and his col1aborators, appears 
to be well adapted for reducing the observa- 
tions obtained with a quartz prÜm1; but the 
temperatures must be sufficiently high so 


(10) 


that the Em docs not faU in the region beyond 
2.2 fJ.-, where, as already mentioned, quartz 
beging to absorb 
trongly. This equation is 
not well adapted for reùucing measurements 
made with a fluorite prism, O\ving to the 
small dispersion of the prism and henee the 
steepness of the enp-rgy curve on the short 
wave-length side, where one would want to 
use it, and also owing to the fact that, at the 
temperatures usually employed, the maximum 
emission Em bIls in the region of atmoRpheric 
absorption bands or in the rpgion of 1.6 fJ.-, 
where the dispersion curve of fluorite has a 
point of inflection. The latter point makes 
it quite difficult to determine accurately the 
factors for reducing the observations from the 
prismatic to the normal spectrum. 
Another method of determining the values 
of Am from an isothermal spectral energy 
curve is by the" method of equal ordinates." 
For this purpose the normal spectral energy 
curve is drawn on accurately ruled co-ordinate 
paper, as illustrated in F1'g. 11. Then, as 
indicated by the arrows, at two points where 
the intensities (the galvanometer deflections) 
are eq ual, EI = E2' the corresponding wa ve- 
lengths Al and A2 are read from the curve. 
The value of Am is easily derived (15) from 
equation (2) by pquating EAI =E^2' and for 
the complete solution it is 
1\ - 5(log A 2 -lo g AI)AI
2 
m a (A 2 - AI) loge 
^lA 2 [log (1 - e- C 2 / A I T ) - Jog (I - e- eVA2T)] 
a.'(A 2 - AI) log e 


(13) 


(II) 


The second term in this equation can 
usually be abbreviated, since terms involving 
Al are usually negligible. For values of A2 
which are less than 4 fJ.- the term log (1 - e - C 2 /A 2 T) 
may be expanded into a series and (by dropping 
all terms but the first) may be used in the 
form - e- C 2 /A 2 T log e. In this equation a.' = 
4.9651. It may be noted that an approximate 
value of C 2 is necesc;;ary in order to obtain 
a solution for the second term factors in 
equation (13). This may he obtained by 
solving for Am by using only the first term 
in equation (13), which is the solution of the 
\Yien equation as used by Paschen (59). 
It is sufficiently accurate (15) to use C 2 = 14300 
in making this computation. A decrease of 
100 units in C 2 (say C 2 = 14200) decreases the 
mean value of Am by 0.0012 f.l. 
The method of equal ordinates has been 
extensively used by Paschen (59) and by 
Coblentz (15, ß()). It has several commend- 
able features, because it is possible to utilise 
values of Al and A2 which correspond with 
values of EAI and EA2' which are closely the 
same in magnitude as originally observed, 
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and hence contain the same errors of observa- 
tiun; also the slit "idths are closely the same. 
This method does not require the most accurate 
waxe-Ieng:ths and rpfractive indices (at least 
not for v
lues of ^2 greater than -1-.'5 p.), and it 
permits the selection of parts of the spectral 
energy curves" hich arc free from atmospheric 
absorption bands. At a temperature of 
1000
 C. and at ^2=4..'5 J.L to 6 p. an error of 
A.
 = 0.03 p. changes ^m by O.OOï p. to 0-008 p.. 
This amounts to O' 7 per cent in the value of 
C 2 , and is much greater than would occur in 
practice. 
The method of equal ordinates necessitateR 
reducing the prismatic spectral energy 
measuremcnts to a normal spectrum, plotting 
the data upon co-ordinate paper, and dra"ing 
in a smooth curve from which the values of 
^1 and ^2 are read, corresponding with the 
equal ordinates EAl = E A2 . _-\.lthough it re- 
quires but little additional time to plot the 
data, after having made the ob
ervations, 
if one is certain that the 0 bsprva tions lie close 
to the curve, the obvjously logical procedure 
is to compute the spectral radiation constants 
from any two observed points E'\l and E'\2' 
This, however, does not shorten the observa- 
tional work, for it "ill be necessary to make 
ohservations at three adjacent spectrometer 
settings (separated by the width of the radio- 
meter receiver) in order to determine the 
spectral purity factor which is required in 
order to reduce the data to a normal spectrum. 
After spending months in obtaining the data, 
the question of saTIng time in their reduction 
is of minor importance. Furthermore, it is 
desirable to draw the complete curve and 
preserve it for future reference. If the 
observations do not lie close to the smooth 
curve, then this method is s1ightly arbitrary 
aq to the manner of combining the ohservations 
so as to obtain an integration of the "hole 
curve without making more computations 
than would be used in the ,. method of equal 
ordinates. " 
The appropriate formula for computing 
the radiation constants from any two observed 
points. E'\l and E'\2' on an isothermal spectral 
energy curve is easily deduced from Planck's 
equation, and in its complete form, as shown 
by DelJinger (71), is 
C2=
2T_ 
(^2 - AI) log e 
[ E'\ \ ( l_e- C 2''\l T )] 
log E 2 + 5 log '\ 2 - log _ c I À T . (14) 
À 1 ^l 1 - e 2 2 


The term log (1 - e - C 2 'ÀT) may be e
panded 
into a series, and usually all the factors can be 
neglected. except one which is log e. e- C'l./A?T. 
It is therefore npcessary to know the approxi- 
mate value of (\, as is required in the method 
of computation used bJT Coblentz (15, (6). 


In concluding this discussion we may 
notice a calculation of the constant C 2 by an 
extension of the theory of least squares, by 
Roeser (72). rsing the data illustrated in 
Pig. 11, his calculation gave a value of C 2 = 
14342, as compared with C
= 14339 computed 
by Coblentz (66) (loc. cit. p. 462), by the 
method of equal ordinates. 
(iii.) Spectrophotometric.-A spectrophoto- 
metric method may also be used in deter- 
mining the constant C 2 . It consists in 
determining the ratio of brightness of a 
black body at, say, the melting-point of 
gold (1063 0 C.) and at some higher tempera- 
ture, say the melting - point of palladium 
(about 1556 0 C.). This requires a knowledge 
of the wave-length (^=0.6,) p. is usually taken) 
of the light photometered and the absolute 
temperatures Tl and T 2 of the radiator. The 
appropriate formula is 


E z _ C I ( 1 1 ) 
log E - 2 og e T - T- . 
1 1 2 


(13) 


Tte intensities E 1 and E 2 are usually 
measured with an optical pyrometer. If the 
constant C 2 is known the temperature T 2 
(say 2000 0 C.) may be computed. Conversely, 
using known temperatures Tl and T 2 the 
- constant may be determined. As a matter 
of fact the method has neV"er been used very 
successfully in a quantitatiV"e manner because, 
. as "ill be noticed presently, the higher 
temperature Tz, at some fix:ed temperature 
point (say the melting-point of palladium), iR 
not accurately known. Recent experimenters 
are therefore proceeding in the reV"erse order. 
and assume that if the constant C 2 = 14300, 
then the melting- point of palladium is 1537 0 C., 
or if r 2 = 14330, then the melting - point of 
palladium is ] 536 0 C. The ta
k before us is 
therefore to obtain an estimate of the probable 
value of the constant (12' 

 (S) DETER)U5ATI05S OF C05STA
T OF 
SPECTRAL RADIATI05.-In spite of all that has 
been published on the partition of energ
T in 
the spectrum of a black body there are hut 
few experimental data at hand which are more 
than qualitatiV"e in V"alne. 
To the writer it seems that all these early 
data should be considered from the standpoint 
of historical interest, since it seems impossible 
to give them much weight in cOTlnection "ith 
the results obtainable at the present day. 
(i.) Obsen.ations of Paschen (59, (0).-The 
pioneering work in spectral radiation measure- 
ments and constants was inaugurated by Pas- 
chen (59), who ohser,ed an extensiV"e sE'ries of 
spectral energy curV"es at temperatures ranging 
from 100 0 to 430 0 C., using six differpnt kinds 
of bolometers CO\Tered with different kinds 
of absorbing material, e.g. lamp black and 
platinum black or copper oxide; also haying 



558 


RADIATION 


the bolometers in the focus of a hemispherical 
mirror. The radiators were heated by means 
of boiling water, aniline, sulphur, etc. The 
mean value of all his ubservations, which are 
in close agreement, was A=2891 and C 2 = 
14332. He continued the work at tempera- 
tures ranging from 400 0 to 10..50 0 C., using a 
large porcelain radiator. He used also metal 
cups of copper or platinum, blackened with 
oxides of copper or iron, which were heated 
.within this porcelain radiator; making in all 
about a dozen different arrangements of the 
radiators. The bolometer was covered with 
platinum black and "as situated in the focus 
of a hemispherical mirror to "blacken" it. 
The mean of the new series was A = 2907, with 
a probable error of :t 16. 
In a further investigation Paschen (60) under- 
took the work anew, after redetermining the 
reflecting power of silver and the refractive 
indices of fluorite. He used a porcelain tube 
radiator, also three other radiators, which he 
blackened as in the preceding research. He 
took the wise precaution to project an image 
of the radiating wall of the black body upon 
the spectrometer slit (see Fig. 10), in order to 
avoid possible radiations from the side walls 
and diaphragms falling upon the prism and 
bolometer. He made complete corrections 
for the selective reflection from the prism. 
He then found that his observations fitted 
neither the 'Yien nor the Planck eq uation, 
the values on the long wave-length side of the 
energy curves falling between the two theoreti- 
cal curves. He found that if (for reasons he 
himself could not explain, loco cit. p. 295) he 
multiplied his observations by factors varying 
from 1.02 at 3.91 }.t to 1.195 at 8.25 }.t, etc., the 
observed energy curve would fit the Planck 
equation and fulfil better the condition of 
congruence. Upon this basis, and presum- 
ably by computing the ^m by using the first 
part of equation (13), he obtained a value of 
A = 2921 for his newest data. He then 
applied Rimilar factors to some of his previous 
data. thus making them agree better with 
the Planck equation, and the value of A was 
increased from 2891 to 2915, or about 0-87 per 
cent. From this it appears that, if he had not 
multiplied his observations by these arbitrary 
factors, his latest results would have been about 
0.87 per cent lower or A = 2894, which is 
practically the same as the value previously 
obtained. 
Coblentz (15, 66) obtained a plausible 
estimate of the correction to Paschen's values 
by applying the values of the second term 
which result from computing ^m by equation 
(13). This is admissible, because Paschen's 
observed curves are said to fit the Planck 
equation to about 4 p.. The conclusion arrived 
at (lnc. cit. (66), p. 468) is that Paschen's 
recent determination is of the order A = 2894. 


This is close to the earlier determination A = 
2891, which is probably more reliable as regards 
the temperature scale. In other words, 
Paschen's original data fall within the range 
of the recent and more accurately determined 
values, being of the order C 2 = 14360 micron 
degrees. 
(ii.) Ob8ervations of Lwmner and Pringslleirn 
(61,63, 74).-Their spectral radiation measure- 
ment'3 were made on porcelain tube radiators, 
illustrated in Fig. 1. The radiator was placed 
directly in front of the spectrometer slit. This 
reduces the length of air - path, and hence 
the absorption; but there is uncertainty in 
keeping the alignment, especially since in their 
designs no attempt was made to prevent the 
tu be from sagging. 
As is true of all the old('r measurements on 
radiation, operated above 1200 0 C., the tem- 
perature scale is defective (too high), giving 
values of C 2 which are too high. 
The values of the constants published by 
Lummer and Pringsheim (61) require a treat- 
ment similar to that just given to Paschen's 
data. They used the earlier indices of re- 
fraction of fluorite, published by Paschen (73) 
in 1894, which are in error in wave-length by 
0.02 p. for the region of 1 p. to 2.5 p.. Fortunately 
most of their values of "'^m are greater tha
 
2.5 p. and no correction is required. But little 
information is at hand as to how they calcu- 
lated their values of ^'n' In their earlier 
work (61) they say that, after bridging over 
the absorption bands by means of a smooth 
line, the values of ^m and Em may be read 
directly from the spectral energy curYe. ThiR 
would permit the determination of only one 
reading of ^m' whereas the method of equal 
ordinates permits the calculation of a number 
of values of ^m' 
In their first investigation a series of four 
spectral energy curves, observed at tempera- 
tures of 837 0 to 1416 0 abs., gave a value of 
A = 2879. 
For a second series of measurements they 
enclosed the spectrometer in order to dry the 
air. A series of five spectral energy curves, 
ohserved between the temperatures of 814 0 
and 1426 0 ahs., gave a value of A=2876. 
These two values are in close agreement with 
Paschen's determinations made at that time. 
Since they observed the value of "'^m at Em' 
instead of by the method of equal ordinates, 
the second term correction of equation (13) 
does not entt'r into the calculation. They 
found that their data did not fit the 'Yien 
equation, and this no doubt gave impetus 
to the formulation of the Planck equation. 
Suffice it to say that their data, obtained up 
to this time, if reduced on the basis of the 
Planck factor a=4.9651, lead to a Yal
le of 
C 2 = 14290. In a subsequent investigation (6
) 
the radiator was heated to a much higher 



R.ADIATIO
 


539 


temperature - to H346 0 abs. A series of 8 
isothermal spectral energy curves ga \
e a value 
of A = 2940 and c.) = 14:>90. In view of the 
fact that a correcti
n of about 0.02 p., must be 
made for the calibration at I p., to 2.,) p." this 
would reduce the value of Am and of C 2 by 2 per 
cent, or C 2 = 14300. Although the apparatus 
was enclosed, in order to remove the CO 2 and 
watpr vapour, the energy curves are appreci- 
ably affected by atmospheric absorption. I 
As in previous work, their temperature scale 
above 1000 0 C. was obtained by extrapolation. 
Just how much the thermocouple calibratiun 
ma v be in error is not recorded. In a su bse- 
qu
nt paper (75) they revised the temperature I 
scale used in the previous test (9) of the 
Stefan-Boltzmann 4th-power law. The re- 
vised temperatures are 10 to 12 0 lower, and, 
at the highest temperatures, they are 20 to 
23 0 lower than previously used. Hence the 
value of A (see eq ua tion (11)) would be lowered. 
"hether any temperature correction of this 
magnitude must be made to the spectral 
radiation data is not stated: though the I 
researches on the gas thermometer by Holborn 
and Day (76) were then in progress. Suffice I 
it to say that although their later value of 
A=29-J.0 is the one frequently quoted in 
booh.s, none of the subsequent investigators 
have found a value of A which is within 13 
per cent as high as is this one. 
From the foregoing consideration of the 
data obtained by Lummer and Pringsheim 
it appears conservative to place their value at I 
C 2 = 14300 micron degrees. 
(iii.) ObservatiolZ8 of Jr arburg and Collabora- I 
tors (80 to 90).-During the past t\\enty years 
the determination of the constants of radiation 
and their application to the temperature scale 
has been relentlessly pursued by the Phys. 
Tech. Reichsanstalt (73) at Berlin. 
During the past ten years these in vestiga- 
tions have been carried out by 'Yarburg and his 
collaborators. They used fluorite and quartz 
prisms and vacuum radiators. The sodium line 
was used as a zero setting of the spectrometer. 
The radiometer was a vacuum bolometer, 
operated by a null method. In this manner 
the galvanometer acted merely as an indicator. I 
The temperature fixed points were the melting- 
point of gold and some higher temperature, 
e.g. melting-point of palladium. 
In their first communication (80, 81) they I 
reported a value of C 2 = 14570 on the basis 
that the melting-point of palladium is 1549 0 C. 
On the other hand, if the higher temperature 
point was determined radiometrically, by 
extrapolation from the gold point, using the 
Stefan-Boltzmann law, then the value of C\ 
was found to be the smaller. Hence the'; 
questioned the gas thermometer temperatu;e 
scale and proceeded to make their investiga- 
tions at high temperatures by using the 


radiation laws to establish their scale of tem- 
peratures. In this manner they avoided the 
temperature scale as transferred from the gas 
thermometer by means of thermocouples. 
They retained only one temperature fixed 
point, viz. gold at 1064 0 C. (later 1063 0 ). The 
higher temperatures (1400 0 C.) were determined 
radiometrically. For this purpose they ob- 
served the position, Em' of the isothermal 
spectral energy curve reducing the data by 
means of formulas (12) and (10). 
Using Paschen's refractive indices of refrac- 
tion of fluorite and Can
allo's (93) indices of 
quartz, in their next communication (82) they 
report values which varied from C 2 = 14200 to 
14600. 
U
ing improved methods for adjusting the 
sodium lines on the bolometer, and making 
further provision so that only radiation emanat- 
ing from the central diaphragm of the radiator 
was incident upon the bolometer, in their next 
report (83) the fluorite prism gave values 
ranging from C 2 = 14300 to 1-1600, and it was 
discarded. A quartz prism gave a value of 
C 2 = 1-1360 micron degrees. 
In a very complete investigation (84, 85) 
they repeated the previous work. Using a 
quartz prism the values obtained are C 2 = 
14370 -1: 40 and A = 289-1::t 8 for the tempera- 
ture interval of 1337 0 and 2238 0 abs. 
Their next step was to cut a prism out of a 
block of quartz of which the absorptivity had 
been determined previously. \Yith this and 
other improvements, including different radia- 
tors, a value of C 2 = 14230 was obtained (87, 
88), from the temperature scale based on the 
Stefan-Boltzmann law of total radiation; and 
a value of C 2 = 1-1300 or 14400 was obtained by 
using the 'Vien displacement law (e.g. 11) to 
establish the temperature. The uncertainty 
in the value of C 2 = 1-1300 or 1-1400 is owing 
to the uncertainty in their calibration curve 
(refractive indices) of the quartz prism. 
The present position of their work has led 
them to the adoption (89) of the value of 
C 2 = 14300 and the melting-point of paHadium 
= 1357 0 C. Subsequent investigations (90) 
appear to be made on this basis. 
There is an uncertainty of perhaps lOin the 
temperature scale at the melting - point of 
palladium (92). In view of the great variations 
in the various determinations of C 2 , it was 
perhaps a wise decision for \Varburg to adopt 
the round number C 2 = 14300 micron degrees 
for the spectral radiation constant; though, 
as we shall see presently, theory and other 
experimental data would place the value 
somewhat higher. 
(iv.) Obller7-ations of Coblentz (15, 39, 66).-In 
this investigation the spectrum was produced 
by means of a mirror spectrometer and a 
fluorite prism, as illu5:tratcd in Fig. 10. In the 
first work an air bolometer, anrllater a. vacuum 
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bolometer, was used for measuring the parti- 
tion of energy in the spectrum. The radiator 
(F1'g. 1) was a porcf'lain tube, wound with 
platinum ribbon, through which electric 
current was passed. 
It was operated at temperatures ranging from 
450 0 C. to 1500" C. Yarious incidental questions, 
such as the adjustments of the optical parts of the 
apparatus, the temperature uniformity and tempera- 
ture control of radiator, the water-cooled shutters, 
the temperature scale, the method of reduction of 
the observations to the normal 8pectrum, the proper 
formulæ for computing the numerical constants, etc., 
were investigated. 
The first paper (15) contains also data on various 
suhsidiary problems such as (]) the variation of the 
reflecting power of silver with angle of incidence 
and "ith wave-length, (2) the variation of reflecting 
power of fluorite with angle of incidence and with 
wave-length (refractive index), and (3) data for 
reducing the observations from prismatic to normal 
spectrum. 
As already explained in the discussion of 
the methods of reducing the observations, it 
was decided to observe isothermal spectral 
energy curves as illustrated in Fig. 11, and 
compute the position of Am by the method of 
equal ordinates, using equation (13). 
From the very beginning of this in vestiga- 
tion on black body radiation it was found 
that the "Tien equation did not fit the spectral 
energy curves. The assumption was therf'fore 
tentatively made that the observed curves fit 
thf' Planck equation; and at the completion 
of the investigation this was found to be true 
for about 73 per cent of all the observed curves. 
This conclusion was based upon the uniformity 
of the values of ^m which resulted from com- 
putation (by the method of equal ordinates 
E À1 = E'\2) of values of ^l and ^2 which were 
taken far apart, and also close to@'ether, on the 
o bserved isothermal spectral energy curve. 
The observations ,vere made in the winter 
when the humidity was low, and the investiga- 
tion extended over four winter season
. An 
attempt was made to obtain a great many 
isothermal spectral energy curves, so as to 
avoid the personal bias which can enter the 
working over of a few curves. This was prob- 
ably a mistake; for no attempt could be made 
to correct the observations for small changes 
in temperature and bolometer sensitivity. 
In the meantime, owing to impairment of 
eyesight, the reduction of data had to be 
entrusted to others who were not familiar with 
the work. The first calculation of the data 
gave a value of about C 2 = 14350. But doubts 
arose concerning the calibration curve of tl-?-e 
prism. A new calibration curve was worked 
out and the data recalculatf'd and published 
as being O 2 = 14456. 
Data were obtained also with a fluorite prism which 
was full of cleavage planes. This produced much 


scattered radiation which distorted the energy 
curves at 4 f..l to 5 J.1.. Tlu'se data were therefore not 
used in the calcula tions. 
In thf' meantime Paschen (67) published 
further data on the dispersion of fluorite 
which indicated that the calibration curve, 
and hence the value of C 2 = 14456, was 
wrong. 
In the earlier work the temperature scale 
was also in doubt. The last series (1912) was 
not observed at temperatures much above 
1200 0 C., and hence is quite free from doubts 
about the temperature scale, which was 1 0 
lower than previously used. 
The second paper (66) on this subject dealt 
with a recalculation of these data, w;;ing a 
revised calibration CUf\Te. The mean value 
of the spectral radiation constant based on 
93 spectral energy curves (series of 1912) is 
C 2 = 14353. 
If the corrections to the temperature scale 
(mentioned in the previous paper (15)) are 
applied, the value is C 2 = 14362. A furthpr 
correction (= + 7) is necef'sary because the 
second term in equation (13) was computed, 
using C 2 = 14300 instead of C 2 = 14350. Hence 
thf' final corrected value, as published in the 
seconò paper, is C 2 = 14369 micron degrees 
and A = 2894 micron degrees. 
In order to obtain a check on the method of 
calculation of the constant a least sq nare 
reduction of the first isothermal curve of the 
series of 1912 was undertaken bv Roeser (72). 
He obtained a value of C 2 = 14342, which is in 
agreement with the value computed by the 
method of equal orrlinates, viz. O 2 = 14339. 
Recently a further examination (39) was 
made of the accuracy of the factors used in 
converting the previously observed (15) pris- 
matic spectral energy data into the normal 
energy distribution. The graphical me.th?ds 
previously employed were checked a?-d slml.lar 
factors were obtaim'd by computation, usmg 
the first differential of the dispersion formula, 
which best represents the observed refractive 
indices of fluorite. These refractive indices 
were obtained from considf'ration of all the 
available data, which, in the region of 1 f..l to 
2 f..l, are represented by the curve published by 
I..angley and Abbot (94). The bf'st dispersion 
formula is that of Paschen (97). However, 
owing to incompleteness of the form
la, the 
graphical method was found to be Just as 
accurate as was the method of computation. 
The conclusion (39) arrived at was that the 
spectral radiation constant O 2 = 14333 micron 
degrees, determined some years ago (66), 
remains unchanged. However, at that date 
there was some doubt as to whether some of 
the corrections then applied should have been 
made, giving a value of C 2 = 14369-i.e. the 
value might be O 2 =14366. 
Rather curiously and unfortunately in all 
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thesp inquiries into the small errors that 
eight. years ago were considered negligible the 
one concen1Ïn
 the zero setting has remained 
unconsidered until now. The calculation of 
the calibration curve" as based on the sodium 
lines, A = 0.5893 J.l, for a reference point. Sub- 
sequently Coblentz adopted the then novel 
procedure of using the yellow helium line, 
A =0.5876 J.l, instead of the sodium lines for 
adjusting the zero setting of the bolo- 
meter. For this purpose the refractive index 
n =1.43390 was adopted. Subsequently Pas- 
chen (67) published the value of n = 1.433907 
(l 7.3 0 C.) for the refractive index of the helium 
line, and 'It = 1.433866 for the sodium lines. Hc 
observed a difference of 1
 in the minimum 
deviation settings of the sodium and the helium 
Jines. 
On the basis of Paschen's value of the 
refractive index of fluorite for the yellow 
heliulll line, n =1.433877 (at 20 0 C.), there is 
a difference of 6" between the computed and 
the observed zero setting of the srectrometer 
circle. As a result, the average values 
of Am' in terms of the spectrometer circle, 
must be reduced by 6". Since the wave. 
length8 Am occur between 2 I.L and 3 I.L 
(and the majority at about 2.2 J.l), the 6" are 
equivalent to 0.003 J1. to 0.004 J.l in this 
part of the spectrum. From equation (11) it 
may be noticed that this amounts to a 
reduction of the previously published value 
of the constant C
 = 14369 by 0,3 to 0.4 per 
cent. This gives a value of C 2 =14311 to 
14-326 micron degreeR. 
As already stated, the second paper (66) was 
the result primarily of a revision of the cali- 
bration curve of the fluorite prism used; and 
it is unfortunate that at that time the above 
application of the temperature coefficient of 
the refractive index of the helium line "as 
overlooked. 
The citations of the foregoing researches 
suffice to show some of the difficulties under 
which experimenters are labouring. One set 
is concerned with the temperature scale; 
another is determining the optical constants 
of the prism material; and a third group, using 
both the temperature scale and the optical 
constants, is engaged on the radiation con- 
stants. In turn, the first set of experimenters 
must apply the results of those working on 
the radiation constant in order to verify and 
extrapolate the temperature scale. I
 the 
meantime the second experimenter improves 
his measurements of the optical constants 
(refractive indices) of the prism material, whilp 
a fourth enters the field and adds refinements 
by determining the temperature coefficient of 
the refractive indice,;. Then the unpleasant 
task arises to recalculate the prism calibration 
and the numerical value of the spectral radia- 
tion constants. Addcd to these difficulties is 
'-OL. IV 


the constant change in personneL as is apparent 
from perusal of the title-pages of the published 
pa pefS. 
Fortunately the observations arc in terms 
of the spectrollH'ter circlE' scale, and, if 
the necessity arises, as it did in the case 
just discussed, one can revise the corre- 
sponding waye -lengths and recalculate the 
constants. 
The 'Various determinations of the constant 
of spectral radiation C 2 are assembled in 
Table II. The sixth column gives the probable 
value as determined from consideration of 
the data in the text, The mean yalue is 
C 2 = 14320 micron de
rees. The latest and 
most reliable determinations of the national 
laboratories are close to this 'Value. rnfor- 
tunately, perhaps, the average value is so 
close to the theoretical value, arrived at from 
consideration of photo-electrical and siinilarIv 
related phenomena, that experimenters ma;- 
be led to consider their task finished instead 
of just begun. 

 (9) OPTICAL PYRO)IETER MEAS{;"RE
IE
TS. 
-Various attempts ha,-e been made to deter- 
mine the constant C;! by means of an optical 
pyrometer, using equation (15). There are 
many difficulties to be overcome before one 
can conclude that the data so obtained are 
trustworthy. One of the uncertainties is the 
effective ;aye-Iength of the red glass used 
in the eyepiece of the pyrometer. Other 
difficulties are encountered when using a 
spectral pyrometer. Also the temperature 
scale is in doubt. Hence recent experi- 
menters have not attempted to determine C 2 , 
but reverse the process and, working on 
the assumption that ('2 is a certain ,-alue, 
say C 2 = 14350, determine thp melting-point 
of palladium. This seems to be the preferable 
procedure. 
(i.) Obsen:ations of Holborn and ralenf1'nr>r 
(64, 65).-In 1906 Holborn and Yalentiner 
(64) obtained a "Value of ('2 = 14200 as a result 
of a series of spectrophotometric measurements 
using formula (16). This is now admittedly 
in error, owing to an erroneous temperature 
scale in which the melting-point of palladium 
was taken to be 1575 0 instead of about 15;')6 0 , 
which would give a higher value of C 2 . Re- 
centlv Yalentiner (65) corrected this value 
for l
ck of blackness of the radiator, etc., 
raising it to C 2 = 14350. This is one of the 
difficulties and uncertainties experienced by 
experimenters who have attempted to deter- 
mine the constant C;! by methods requiring a 
temperature scale which is higher than about 
1200 0 C. 
(ii.) Ob8errations of l[ enden ha71 (7S).-One of 
the few ree-ent direct determinations of C'.. by 
optical pyrometer methods was made - by 
)lendenhall (78). In establishing a tempera- 
ture se-ale he took the Day and Rosman value 
20 
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of the melting- point of palladium, viz. 1349 0 C. I 
From the ratio of brightness of the blaC'k body 
at the melting - point of !5old and palladium 
he obtained the value of C 2 = 14..U3, as a check 
on his measurements. Correcting for the low 
temperature scale, which amounts to 3.6 to 
50 C. on the basis that the melting-point of 
Pd is 1533 0 to 1557 0 , the value of C 2 is 
decreased by 0.23 per cent to 0.31 per cent or 
C 2 = 14368 to ] 4380. 
It is difficult to obtain high accuracy in 
optical pyrometer measurements on a radiator 


t.o be op('n to qu(>stion. Just why the tem- 
perature T 1 was not similarly determined 
radiom(>trically is not C'l(>ar. The tE'mperature 
Tl =1604- 0 abs. (1331 0 C.) seems to be in doubt 
in view of the present - day belief that the 
melting - point of palladium is 1555 0 C. to 
1557 0 C. 
If the melting-point of Pd is 6 c to 8 0 higher 
than the value used in this determination, 
then the value of C 2 is 0.22 to 0.3 per ('ent 
higher than his published value (C 2 =14392) 
and is of the order of C 2 = 14425 to C 2 = 14435. 


OBSERVED \T ALUE AND THE PROBABLE VALUE OF THE CONSTANT C 2 OF SrECTRAL R\DIATION 


TABLE II 


Àm'J'
A I À,"l'
A C 2 =aÀ 7IL T 
Observer. Date. and from C 2 Probable RemarI\:s. 
Observed. Corrected. Isochro- Yalne. 
matics. 
Paðchen . 18D9 2
91 28!H . . . . Fluorite Plism 
. . 2970 ? 2907 ? . . 143ßO ) Temperature E:cale is quc:stioned 
moo 2921 ? 2894 . . . . J 
Lummer and 1900 2879 2879 14290 . . Fluorite prism. \Va ve - length 
Pringsheim . . 2876 2876 . . . . calibration of prism is questioned; 
. . 2940 2882 14310 14300 &.lso temperature scale. 
'Varburg and 1911 . . . . 14200 to . . } 
Collaborators 14600 Fluorite prism 
1912 . . . . 14300 to . . 
14400 
]9]2 . . . . 14:
(;0 . . ) Quartz prism 
1913 2894 . . 14370 . . J 
1915 . . . . 14250 . . Temperature from Stephan Boltz- 
mann law 
1915 . . . . H300 to 14300 L{efractive indices (calibration of 
14400 prism) questioned 
Coblentz. ID13 2911 . . 14456 . . Fluorite priRlll 
1916 2894 . . 14369 . . Revised calibration (rf'fractive in- 
diceR) of prism; 191:2 data are 
recalcnla ted 
1920 I . . . . 14311 to 14318 Correction for zero setting of 
14326 bolometer 


A verage value, C 2 = 14320 micron degrees. 


at the melting-point of gold. In the main 
part of his research .:\Iendenhall therefore 
established his lower fixed point T 1 , a.s that 
having 14.91 times the intensity of radia.tion 
of a black hody at the melting-point of gold, 
for the complex wa ve-l(>ngths transmitted by 
a certain standard pyrometer glass. 
Subsequently, by direct comparison with 
Day and Sosman's standard thermocouple, 
which was C'alibrated presumably on the 
basis that the melting - point of palladium 
is If>49 0 C., this t(>mperaturc 1\ was found 
to be 1331 0 C. 
The higher fixed point T 2 =270;)0 abs. was 
determined radiom(>trically on the basis of the 
Stefan-Boltzmann law, and does not appf'ar 


(iii.) Observat1.ons of Hoffman and .JleisslIer 
(79, 90).-These experimenters used an especi- 
ally constructed black body in a bath of the 
molten metal. The ratio of the brightneRs 
of the black body at the melting-point of pal- 
ladium is det(>rmined relative to the brightn(>ss 
of the same at the melting-point of golrl. They 
found that if the meltin.g-point of palladium 
is tak(>n 1549 0 C. (scale of Day and Sosman). 
then C 2 = 144-40 (79). In a further investif!a- 
tion (89) they found that if (12 is 14
OO, and if 
the melting-point of gold is lO()
O, then thp 
Jll(>lting-point of palladium is If>57 0 C. This 
is in agreement with the ohservations of HoIRt 
and Oosterhuis (91), who found a'value of 
C 2 = ] 44ô.') if the mf'lting - point of Pel is 
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}',)49 0 , and C 2 = 14300 if the melting - point 
is 1337:> C. 
(iV".) Observat;oM of Hy(le and ForsytJle (92). 
-In their earlier experiments they found a 
value of O 2 = 14460 on the basis that palladium 
melts at 1549 0 C. The great inconsistencies in 
these and other data led them to use the ,,-alue 
C 2 = 143.30, which is commonly used by.Ameri- 
can experimenters. 
Using a carefully constructed spectral pyro- 
meter, and on the basis that the value of 
0., = 143.30, their most recent measurements 
pi'ace the melting - point of palladium at 
133.3.3 0 O. 
The outstanding question then is: 'Vhat is 
the value of C 2 ? 18 it C 2 = 14300 or 143.>0? 
If we accept 1536 0 C. as the melting-point of 
palladium. then Hoffmann and )Ieissner's data 
indicate a value of O 2 = 1431.3. 
Both sets of experimenters (i.e. those in- 
terested in the radiation constants and those 
intere&teù in the temperature scale) seem to 
realise the difficulty in attempting to define 
the value of the constant O 2 or the melting- 
point of palladium in terms of this constant. 
Hence as a compromise basis for future work 
and for future adjustments it seems appropriate 
to adopt the value of the spectral radiation 
constant C 2 = 14320 and the melting-point of 
palladium at 1536 0 C. 


IV. VERIFJCATlOY OF THE L.\.ws OF RADIATION 


In the foregoing pages an inquiry is made 
into the instruments and methods used in, 
and the numerical values of various deter- 
minations of, the constants of radiation. 
The various methods are classified, and a 
brief description is given of each research. 
An attempt is made to indicate the good and 
the defective features in each research. This 
represents not only the writer's opinions but 
also those of other experimenters. 
It is shown that the major part of the 
variation in the various determinations of the 
numerical values of the constant!:::, especially 
the constant of total radiation, is o"\\ing to the 
fact that, in the original papers, no corrections 
were made for atmospheric absorption of 
radia tion in its passage from the radiator 
to the receiver. Conservative corrections for I 
atmospheric absorption are made to the various 
determinations in which such corrections had 
not been made. As a result, instead of having 
"ide variations, there is a remarkably close 
agreement in thf' numerical values of the 
various determinations which are free from 
other ohvious defects. Although it cannot be 
said that the true numerical values are exadly 
as here recorded, it is evident that the time is 
past when the value of the constants of radia- I 
tion are swayed by a single and pcrhaps 
no,-el method of research. The best that an ' 


e""{perimenter should expect is that his own 
little contribution to the subject may ha'Ve 
sufficient merit to go into the melting pot" ith 
the other determinations. 

 (10) THE FORMrLA AXD THE COEFFICIEXT 
OF TOTAL RADIATIOx.-In the foregoing re- 
view the Rata are assembled and the e,-idence 
weighed pro and con. It is shown from various 
experiments that, beyond aU reasonable doubt, 
the total radiation emitted from a uniformly 
heated enclosure is proportional to the 4th 
power of the absolute temperature-the so- 
called Stefan-Boltzmann la". Furthermore, 
the tabulated data show that the numerical 
values of the majority of the various deter- 
minations of the coefficient, cr, "\\ hich enters 
into the mathematical formula of total radia- 
tion, range about the value gi'Ven by the expres- 
sion cr= 5.7 x 10- 5 erg em. -2 sec. -1 deg. -4. The 
average of 12 of the most reliable determinations 
iscr=5.72t05.73 x 10- 5 erg cm.- 2 sec.- 1 deg.- 4 . 

 (11) THE FOR)[GLA AXD THE 005STAXT OF 
SPECTRAL RADIATlOx.-Experimental evidence 
is cited shc}\\ing that throughout the spectrum 
from 0.5 p., to 50 p., Planck's formula fits the 
observed spectral energy distribution more 
closely than any other equation yet proposed. 
This formula is based upon theoretical prin- 
ciples, and after two decades of discussion it 
rE'mains unchanged. 
The constant C 2 which determines the slope 
of the spectral energy curve has been the 
subject of numerous investigations. The 
numerical value. of O 2 has fluctuated consider- 
ably in the various determinations. In the 
foregoing pages it is sho"\\ n that this is 0"\\ ing 
to experimental difficulties, such as, for ex- 
ample, lack of precise knowledge of the tem- 
perature scale, and of the refractive indices of 
the prisms used. The tabulated data show 
that the various determinations of the constant 
of spectral radiation are of the order of 
C 2 = 14300 to 143.30, ,Üth a mean value of 
C 2 = 14320 micron degrees. 
S (12) COXFIR)IATORY EVIDENcE.-One of 
the most interesting phases of the inquiry into 
the laws and constants of radiation is the 
confirmatory data "\\ hich one obtains from a 
consideration of the inter-related J!henomena 
of atomic structure, of X-rays, of ionisation 
and resonance potential, and of photo-electrical 
action. From these data, as well as from the 
foregoing data on the two constants of radia- 
tion, C 2 and cr, one can compute the value of 
Planck's element of action, h. This gives 
seven independent methods of determining the 
universal constant h. Or from anyone of 
four of these methods one ean calculate (99, 
100, 1(1) the radiation constants; and it 
seems truly remarkable how close the calcu- 
lated values agree" ith the observed values of 
thE' radiation constant
. 
For making these calculations from Planck's 
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radiation 1 theory (2) we have the following 
relations: 


C 2 =chk- 1 =4.9631 Àm T , (16) 
ac 1277" x 1.0823k 4 
0"=-4 = -c'l.þ,3 -, . (17) 


ch 
Xm T = 4.9 651k' . 
eR 
k= c,F ' . 


. 


. (19) 


while the value of c 1 is 8-rrhc. 
In these equations the constants have the 
following values: 
h (Planck's constant) =6.53 x 10- 27 c:..'g sec. 
k (Boltzmann gas cons.) = 1'37:! >( 10- 16 el'g deg. -1. 
e (V clocity of light) =2'ûD86 x 10 10 cm. sec. -1. 
F (Faraday's constant) =96.300 coulombs. 
R (Absolute gas constant) =831'5 erg deg. -1. 
e (Unit electric chargc) =4'774 x 10- 10 e.s.u. 
From equation (19) it may be noted that a 
change in the value of e affects the value of 
C 2 directly, while the value of 0" is affecteù 
by e4. 
The data computed from the above-men- 
tioned constants anù formulae are illustrated 
in .Pig. 12, from which it is an easy matter 


"m T = 2870 2890 2910 


O 2 
14400 


14 aDD 


14200 


14 100 


0"=5.5 5'6 5-7 5.8 h=6.50 .52 .54 '56 '58 


FIG. 12. 


to compare experimental data (101). For ex- 
ample, Coblentz's (29) value of the coefficient 
of total radiation is 0"=(5,721:0,012) x 10- 5 erg 
cm. -2 sec. -1 deg. -4. This indicates a value of 
C 2 = 14321 micron degrees (which is close to 
the average determination) and a value of 
h= 6.351 x 10- 27 erg sec. The value of h, deter- 
mined by Blake and Duane (98), by X-rays, 
is h= 6.535 X 10- 27 erg sec.; or an indicated 
value of O 2 = 14330 micron degrees, which is 
close to the average of the direct experimental 
determinations of this constant. 
Again, starting with 'Varburg's value of 
C 2 = 14300 the corresponding value of the co- 
efficient of total radiation is 0"=5.74, which is 
the higher estimated limit of the average of 
12 different determinations of this constant. 
Hennig (99), on the basis of Sommerfeld's (102) 
theory, the measurement of spectral line
, and 
1 Sec " Radiation Theory," 
 (6). 


(18) 


the value of the eJectron. obtains C 2 = 14320 
and 0"= 5.717. 
In summing up the evidence it is of interest 
to include Birge's (100) comprehensive anò 
exact calculations of the constant h. In thest: 
calculations he, of course, assumes the truth 
of (1) Lewis and Adams' (57) theory of ultimate 
ra.tional units; (2) of thf' relation between 
0" and h, as given by Planck's radiation formula; 
(3) of the quantum relation as applied to 
X-ray data (98); (4) of Einstein's photo- 
electric equation; (5) of Bohr's theory of 
atomic structure; and (6) of the quantum rela- 
tion as applied to ionisation and resonance 
potentials. 
In this manner he obtains seven separate 
calculations of Planck's constant of action 11, 
the least square mean value of which, as shown 
in Table 111., is h = 6.5543 X 10- 27 erg sec. 
This is close to the average of the value of 
It, which results from consideration of the two 
radiation constants. 


TABLE III 


RIRGE''3 CALCULATION OF PLANCK'S UNIVERSAL 
CONSTANT h BY VARIOUS 
IETIIODS 


Value of h. Method. Remarks. 
6.551 +0.009 0"=5.72 Total radiation 
6.557 :t 0.013 Cj!=14330 Spectral radiation 
6.542 :t 0 OIl Rydberg C0n- Bohr's theory of 
stant atomic structurE:' 
6.578 ='= 0.026 Photo-electric Einstein's equation 
equations 
6.555 ='= 0.009 X-rays Quantum relation 
6.560 ='= 0.014 Ultimate Theory of Lewis 
rational units and Adams 
6.5791:0.021 Ionisation . . 
potential 


Mean value, h=(6'5543:!:-0'0025)10-27 erg sec. 
From this calculation and intercomparison 
by Birge (100) of the data on C 2 , 0", and h, as 
determined by thermal radiometric, photo- 
electric, X - ra.ys, and ionisa.tion potential 
measurements, it appears that the value of 
h, computed from radiometric data, is in close 
agreement with that obtained by more direct 
measurement. [n other wordR, it appears to 
prove the validity of laws of radiation and to 
establish the level of the numerical values of 
the constants entering therein. 
The outstanding disagreement between all 
the observed and computed data appears io 
be of the order of 1 to 3 parts in 1000, what- 
ever the method or experimentation. This is 
a very close agreement, considering the variPiy 
of the rlata anet the difficulties involv{'d in 
making the experiments. It seems to indicate 
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sOlllpthing more than a fortuitous relation 
between properties of matter. 
In conclusion, it may be added that to a 
close degree of approximation we have the 
following constants: 
l\Ielting-point of palladium = 15.36 0 O. 
O 2 = 14320 micron degrees. 
Am T=2885 micron degrees. 
(J =5.72 x 10- 5 erg em. -2 sec. -1 deg. -4. 
h=6.5.3 X 10- 27 erg sec. w. w. c. 
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 (l).-THE behaviour of electromagnetic radia- 
tions can be regarded from two very different 
points of view. In optics the interest attaches 
tu the study of the light waves themselves- 
their refraction, interference etc.-and little is 
said of the way in which the light arises. The 
present problem is the complement of this. 
It is concerned almost entirely with the 
emission and absorption of light, and makes 
use of optical properties only in so far as they 
help in the study uf these. In consequence 
of this difference of aspect the mode of treat- 
ment is quite different. Physical optics is 
based on dynamics (including electromagnetic 
theory under the term), but the theory of 
radiation is founded on thermodynamics. As 
will be seen, pure thermodynamics can give 
a great deal of information about radiation, 
but is not capable of completely solving the 
problems that arise, just as it gives a great 
deal of information about the behaviour of a 
gas, but is not competent to give completely 
its equation of state. The su bseq uent problem 
is therefore to be solved by other methods. 
A direct application of the principles of 
mechanics leads to a definite and complete 
answer, but one which is entirely wrong; and 
to overcome this difficulty Planck introduced 
the quantum 1 principle, with the help of 
which the central problem of the theory is 
solved. 

 (2) DEFISITIONS.-It will be necessary to 
make certain definitions for the measure of 
radiation. These naturally take a very 
different form from those which are used in 
optics. There the starting-point is usually a 
train of monochromatic, polarised, plane, or 
spherical waves, and consequently the funda- 
mental quantity is the amplitude of the waves. 
But in thermodynamics this is of no interest. 
The fundamental quantity is heat or energy, 
and the radiation measured as energy must 
be supposed to have a continuous distribu- 
tion of frequencies and to be travelling in all 
directions. 
The suitable definition is this. Take a small 
aperture d(T and draw from its edges a cone of 
small solid angle dw: let th{" axis of the 
cone be at angle e to the normal of a(T. Then 
a certain part of the radiation will pass through 
this aperture into the cone in time at. If, as 
we suppose, the radiation is continuously 
distributed, the amount must be proportional 
to d(T cos edwdt and the total energy entering 
the cone as radiation may be taken as 
Kd(T cos edwdt. But a further analysis is 
necessary, for the pencil of rays may be 
supposed analysed into a spectrum. This 
spectrum will be continuous and so the 
d
finition will be concerned with the amount 
1 See" Quantum Theory." 


of energy betwef'n frequencies v and v + d,l. 
.Finally, the radiation may be partly polarised, 
and this is represented by choosing two tìxed 
directions and describing the energy corre- 
sponding to waves polarised in each. Thus 
the description of the radiation is fully given 
by an f'xpression of the form 
(K'J + Kv')dvd(T cos ()dwdt ; 
if the components of polarisation K", Kv' are 
known at every point and time the whole 
radiation field is fully de:scribed. 
The connection between this definition and 
those of optical theory is not ob\Tious. The 
definition is of course quite unsuited for the 
type of waves usually considered in theoretical 
optics, as these have been simplified by being 
taken monochromatic, plane, {"tc. (which is 
only approximately true), and the result of 
the present definition would be that Kv would 
be infinite for one exact set of values and zero 
for all others. But if the electric and magnetic 
vectors are arbitrarily given at every point in 
a space, it is possible to deduce Kv from them 
by means of rather complicated applications 
of Fourier integrals. The chief point of interest 
in the work lies in the spectral resolution into 
freq uencies, which is done hy virtue of a 
theorem of Lord Rayleigh's, \\ hereby from a 

"ourier analysis of amplitudes it i:s possible 
to define a precise meaning for the energy in 
any range of frequencies. 
In the treatment of radiation problems by 
thermodynamics it will be necessary to have 
idealised machinery for sorting out the 
radiation into its component parts. .For 
example, the polarisation may be studied by 
means of Nicol prisms, but these have to be 
supposed capable of completely transmitting 
one component and completely reflecting the 
other. l\Iore important is the question of the 
spectral analysis. For this, advantage may 
be taken of the fact that many substances 
show a selective effect, transmitting light of 
some frequencies and reflecting the rest. If 
this is idealised it may be imagined that there 
exists a set of screens, each of which has the 
property of transmitting a certain range d 
freq uencies perfectly whilp reflecting all others 
perfectly. The justification for the use of this 
idealised machinery here is much the same as 
in other branches of thermodynamics, as, for 
example, the use of ideal semi-permeable mem- 
branes in the study of mixtures of gases. 
Next, consider the emission of radiation. 
This is defined in the same sort of way as 
above. A small volume dv of a body emits 
in time at radiant energy (E'v + E'v')dvdwd
"(lt 
into a solid angle dw. In the general case of 
an anisotropic body the two components of 
pola,risation E'v and E'v' will both be functions 
of the direction of the clement of solid angle. 
The emission from any substance in general 
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\\ ill depend on its past history (as in phos- 
phorescence) or on the forces acting on it (a
 
in tribo-luminescence and the light from 
discharge tubes). Now such effects as these 
are not steady state phenomena and so must 
be excluded from thermodynamic arguments. 
". e shall exclude all such effects by the 
assumption that E" and E,,' depend only on the 
nature .of the matter composing di', and on the 
temperature. Radiation which satisfies these 
conditions is called temperature radiat?'on. The 
assumption includes what is known as Prevost's 
law of exchanges, viz., that a body emits an 
amount of radiant energy that depends only 
on its own temperature and not on that of 
its surroundings. 
For absorption the type of definition is 
rather different. The absorption coefficient 
a" for any matter is defined by the fact that 
if a beam traverses a short length dl of it, 
then the beam's inten
ity is reduced by a 
fraction aJldl of itself, and the part which has 
disappeared from the radiation reappears as 
heat in the matter. For an anisotropiC' body 
Ctv will depend on the direction and polarisation 
of the beam. As a corollary, if a ray tra,.erses 
a length l of matter its emergent intensity is 
a fraction e-avf, of its incident. 

 (3) RADI-\.TIO
 Dí THE STEADY STATE.- 
',"ith these definitions it is possible to deduce 
many important consequences simply from 
the fact that a system left to itself tends to 
equalise in temperature and so arrive at a 
steady state. The proofs of these propositions 
are quite elementary and it will be unnecessary 
to give the chain of reasoning by which they 
are obtained. 
(i.) The K" of a pencil of rays is invariant 
along its path in free space. 
(ii.) Kv is invariant for total reflection at 
any surface. plane or curved. (The concentra- 
tion of light by a conca\'"e mirror is not due 
to any change in Kn but to an increase in the 
total solid angle through which the rays arrive 
at the focus,) 
(iii.) In a non-homogeneous medium let the 
waves of frequency II haye refractive index 
p.,,, varying from point to point. Then K"!p.,,,2 
is invariant along a pencil of rays. 
These three results are really only matters 
of geometry. 
(iv.) At a surface separating tl\ 0 media 
partial reflection occurs. Take an incident 
ray along the direction A, and suppose that a 
fraction p is reflected and a fraction I - P 
refracted along B in the second medium; then 
the possibility of a steady state requires that 
the re'.er<3(, raY coming alon a B should have a 
fraction p refle
ted and a fraction I - p refracted 
into the first me(lium along _\ reversed. 
A specially important case of this is that an 
ideal selective screen, which translllit
 light of 
one set of frequencies and reflects all others, 


must do su in exactly the same \\ ay from 
whichever side the light is coming. The same 
line of argument 8hO\\ s that it is impossible 
to combine the light from two sources by any 
optical device, 80 as to increase the K" of a 
pencil of rays. The results of (iv.) can be 
proved also on dynamical principles; the 
advantage of the present method is that it 
makes no reference to the mech3.nism of 
reflection and refraction. 
(v.) Consider a vacuous space surrounded by 
pedectly reflecting insulating walls. In it are 
certain bodies of any character. By means of 
their radiations to one another they gradually 
set themselves to the same temperature. A test 
body placed anywhere in the space must also 
reach this temperature, and that through the 
action of radiation alone. By taking the test 
body as covered in turn "ith various types of 
selective screens, Xicol prisms, etc., it can be 
shown that the value of K" is the same at 
e\'"ery point of the space and for every direction - 
and polarisation of the rays. (If the refractÍ\
e 
index differs from unity, K" must be replaced 
by K"!p.,,,2.) This is the principal result of 
the argument-that in the steady state the 
radiation K" can depend only on II and the 
temperature, and must be quite intiependent 
of the position, etc., of the ray examined. 
Such radiation i<3 called complete radiation; 
also, for a reason that will appear later, black 
radiation. The determination of the form of 
K" as a function of II and T is the cardinaJ 
problem of the radiation theory. 
It is often convenient, in the general case 
where the radiation is not complete, to assign 
a meaning to the expression" temperature of 
a ray." This is defined as the temperature of 
the complete radiation "Which would give the 
same K" as the ray. The temperature of a 
ray can never be greater than that of the 
source from which it arose; this assumes that 
the radiation is temperature radiation. Con- 
versely a body can ne\'"er get hotter than the 
temperature of t.he hottest rays which strike 
it. To make a body as hot as possible by 
radiation it "Would be necessary to arrange 
some optical device whereby the hottest rays 
should strike it equally from all directions, 
while colder rays, of other frequencies, should 
be excluded by selective screens. 
As the complete radiation is isotropic, it is 
convenient to use a quantity which makes no 
reference to the directions in ,\ hich the rays 
are going. This is done by replacing the 
quantity K" by a deri,.ed quantity u., where 
uJldll is the total energ:'T in unit volume of 
frequencies between II and II +dv. By summing 
the effects of all the rays passing through a 
small element of volume, it is easy to show 
that rt,,= 87rKJ !c, where c is the ';'elocity of 
light. The factor is 81J" instead of the more 
usual 47r. because there are t\\ 0 components 
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of polarisation each \\ ith Kv. U v will be the 
same at all point::; of the enclosure. (For the 
case with a refractive index the corresponding 
eq uation is U v = 8rr KvfJ-v/c, and 'llv/ fJ-v 3 will be 
the in varian t. ) 

 (4) KIRCHHOFF'S LAw.-In consequence of 
the universality of Kv there must be a certain 
relation between the emission and absorption 
of every type of matter. Take a small body 
of volume v. A ray Kn in traversing it, loses 
an amount of energy avK, dvdwdtv, by the 
definitions of 
 (2), and as the radiation must 
be the same on both sides of the body, this 
must be repiaced by emission. The amount of 
the emission is fvdvdwdt1.,. Therefore fv = a,.Kv, 
and either K,. = fv/av or el
e both fv and 
a v are zero. This result, Kirchhoff's law, 
may be stated as follows. The ratio of the 
coeffieient of emission to the coefficient of 
absorption is the same for all substances what- 
ever, and depends only on the temperature 
and the frequency of the rays examined. As 
long as only temperature radiation is con- 
sidered this law admits of no exceptions. It 
is proved in the first place for bodies in an 
enclosure; its great utility lies in its extension 
to free space by virtue of Prevost's law of 
exchanges. 
Kirchhoff's law makes it possible to deduce 
certain interesting and not very ob\
ious con- 
sequences. For example, tourmaline polarises 
light by absorbing one component strongly, 
while transmitting the other. To the high 
absorption must correspond a high emission; 
so if a tourmaline crystal is heated, as it 
preserves the same characteristic when hot, 
it will emit polarised light, and the plane of 
polarisation will be perpendicular to that of 
the light which the crystal ordinarily transmits. 
Again, nebulae of a size thousands of times 
as large as the solar system emit light confined 
to a few lines in the spectrum. Therefore 
their matter is so rare and of such a peculiar 
character that a ray of light of any other 
frequency can go right through this enormous 
distance without experiencing any absorption 
whatever. 
Next, suppose that we have a substance with 
the property that all radiation falling on its 
surface is completely absorbed. This is called 
a blflck body. Perfect blackness requires that 
there shall bp no reflection at the surface, and 
this implies no change of refractive index there, 
and also that a v , the absorption coefficient, 
should be infinitesimal; the latter condition 
requires t.hat t.he body should be of infinite 
depth. Such a surface has the property of 
emitting the complete radiation, whether 
enclosed in an envelope or in free space, For 
consider the radiation going into a small cone 
dw at angle (J to the normal. One of the 
polarised components emittl"d by an ekment 
of volume d(J'dz at dppth z helow the surface 


is e"dvdwdtd(J'dz, and of this only a fraction 
c-a"zscco gets through the surface. The 
beam outside is obtained by inh'grating this 
over all depths, and so is (f,./a,.)dvdwdt cos Od(J'. 
Hence by Kirchhoff's law the Kv ouh::ide is 
exactly the same as what it "ould he in an 
endosed space at the same temperature as 
the black body; this explains why complete 
radiat.ion is often called blnck. 
In conseq Hence of the presence of the factor 
cos (J in the above formula a black surface will 
appear equally bright viewed from any angle. 
Any departure from the condition of blackness 
destroys this. .For example, a change of 
refractive index at the surface involves J>hrtial 
reflection, and it is well known from optiC'al 
theory that the oblique rays are more reflected 
than the perpendicular. Therefore such a 
surface wiU emit less light obliquely than per- 
pendicularl.v. 
The importance of the idea of the black 
body is that it make
 it possible to get away 
from the highly idealised arguments ahout 
radiation in a completely enclosed space, and 
so to connect pure theory with the results of 
o bservat.ion. To find the experimental values 
for the complete radiation it will be sufficient 
to determine the energy emit.tf'd (in various 
frequencies) from a blaek body of knO\"n 
temperature. In order to find its amount this 
energy must be completely a hsorhed. Thus 
both source and receiver must be black. The 
best form of source is a small hole in the waU 
of a furnace; for the absorption of such a 
hole is nearly perfect, since any ray that enters 
will undergo many reflections before coming 
to the hole again, and so will be practically 
completely absorbed, and therefore the 
emission of such a hole must also be nearly 
that of a black body. The same form is some- 
times used for the receiving instrument; but 
in cases where there is little intensity of 
radiation it is necessary to concentrate the 
heat absorbed on as sm
ll an area as possible, 
so as to get the greatest temperature risf'. It 
is therf'fore covered with platinum black or 
lamp black, and by suhsidiary experiments an 
estimate is made of the imperfection of its 
blackness. For this part of the subject see 
" Radiation." 

 (5) STEFAN'S LAW AND "TIEN'S LAW.- 
The theorems hitherto ohtainNI were all based 
simply on thf' idea of equalisation of tem- 
perature. By the use of the second law of 
thermorlvnamiC's in the form that perpetual 
motion is impossible, two very important 
theorems can be proved-the law of Stefan 
and Boltzmann, and the dÜ,placement law 
of 'Ylen. These are hoth concerned with 
complete radiation, and it will he convenient 
to replace the fundamental K,. hy the derived 
quantity u v , which depends on the energy per 
unit volume. 
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(i.) The total radiation of all frequencies 
'00 
in unit volume is denoted by u = I. u
dv. 
" 0 
It is a function of the ahsolute temperature 
T only and the Stefan-Boltzmann law 1 asserts 
that it is proportional to the fourth power of T. 
First observe that the second law of 
thermodynamics requirec;; that radiation should 
exert a pressure. Otherwise it would be 
possible tõ concentrate the radiation inside a 
perfectly reflecting cylinder by pushing in the 
piston, without doing any work: and the con- 
centrated energy could be absorbed by a body 
hotter than that from which it was emitted. 
From the electromagnetic theory ::\Iaxwell 
showed that this pressure is equal to ill for 
isotropic radiation and this leads to the result 
sought. . 
Consider It cylinder of volume V with perfectly 
reflecting walls. At one end in it Ìß placed a small 
piece of matt<,r to act as a vehicJe for the transfer 
of heat from outside into radiant energy in the 
cvlinder. The total energy of radiation Ìò Yu. Ko," 
S
lppose that the volume is increased by an amount 
dV, while at the same time heat flO\\s Ul from the out- 
side and is partly converted into radiation by the 
piece of matter. The amount of heat absorbed will be 
CdT+d(Yu)+!udV, 
or (c+ V
;)dT+
udV, 
\\-here C is the heat capacity of the matter. Xow 
foIlo\\ ing the ordinary thermodynamic argument, 
if this is divided by T the result must be a perfect 
differential. and for thio; to be so 


ò ( 0 V ê u ) Ò ( 4 U ) 
ôV T+T êfI' =ôT 3 T ' 
which leads to êu/êT=4(uIT). If this equation 
is ultegrated the result is u=uT.,I, where ()" i., a con- 
stant. This is Stefan's law. A further consequence 
which "ill be required later is that in an adiabatic 
expansion YT3 is constant. 
The argument can be reversed so that the law of 
pressure may be deduced from Stefan's law. Thus, 
ii the pres
ure is supposed to be the unknown f, an 
equation of the form (2f/êT)-fiT='ll T must hold. 
Xow if U=o-T4 is substituted and the equation 
integrated the result is f=lu+aT, "here a is an 
integration constant. So apart from tms constant 
Stefan's law leads straight to :\!axwell's law of 
radiation pressure. It is far the most accurate 
verification of the validity of that law, as the pressure 
it:5df is so exceedingly minute as to be barely per- 
ceptible to direct observation. 
(ii.) The relation of Stefan and Boltzmann 
concerns onlv the total radiation, and has 
nothing to s
y as to the distribution in the 
various parts of the spectrum. U thermo- 
dynami('
 are to be made to give any informa- 
tion about thi
, it is necessary to have some 
mechanism whereby radiation 
f one frequency 
can be changed re

ersibly into another. The 
u
ual mechanism of conversion is by absorption 
1 See" Radiation," Part II. 


and re-emission, but as long as the relation 
K J . =fJl/aJ' is satisfied the thermodynamic 
conditions are fulfilled and so tills method 
gives no help. But there exists another way 
of changing frequencies, namely, by the Doppler 
effect; that is, hy reflection of the rays at a 
moving mirror. By the use of this idea it is 
possihle to deduce a relation connecting 'li l " II, 
ànd T. The argument falls into two parts-a 
thermodynamic and a mechanical. The former 
shows thai, under certam conditions, if .a 
reflecting enclosure is filled "ith complete 
radiation and then expanded adiabatically, 
the radiation will remain co1tlplete, without 
the intervention of matter. The second part 
con
ists in calculating the actual change in 
the radiation produced by the expansion. 
(a) Consider the adiabatic compression of a cylulder 
with perfectly reflecting "aIls, supposing that some 
part of the '\\ alls reflects diffusely, so tl1at the radia- 
tion certainly remains isotropic. At e' ery stage 
the work done depends on the pressure, and this is 
given by the density of the total radiation. So 
"hether the radiation remains complde or not, the 
energy density "ill be the same at every stage, and 
so will the work of compression. The relation 
YT3=constant implies that \\hen the volume is V 
the density of total radiation is the same as that of 
complete radiation of temperature T. 
:KO\\ imagine that the effect of the adiabatic com- 
pression is to make the radiation no longer complete. 
Take Y 1 as the initial volume, and suppose it filled 
"ith complete radiation of temperature T 1 . Com- 
press the cylinder slowly by a finite amount to 
volume Y 2 . Then if "2T23 = Y 1 T}3, the density of 
total radiation "ill be the same as that of complete 
radiation of temperature T2' but by hypothesis some 
spectral regions \\ ill be Ul e},.cess and some in defect. 
Sow introduce a small piece of matter of negligible 
heat capacity. This "ill readjust the radiation to 
completeness, but will not alter its total amount. The 
adjustment is an irreversible proce
s and so involves 
an ulcrease of entropy. Xext, keeping the matter in 
the cylinder, slowly expand to the original volume. 
The \\ ork gained in the up-stroke is e
actly equal 
to that done in the down-stroke, for they both depend 
only on the total radiation. If the matter is now 
"ithdra\\ n the system will have returned to its 
original st
te, and no heat has been communicat.ed 
from outside. The cvcle could be repeated lll- 
definitely and it would "be possible to get a continual 
increase of entropy without any introduction of 
heat or performance of \\ ork; and this is contrary to 
thermodynamic principles. Therefore the adiabatic 
compression must conserve the completenes"\ of 
radia tion. 
There is one small point in the proof worth 
mentioning. Reflection at a moving mirror not 
only changes the frequency, but also the direction 
of the light. If the walls are perfect cylinders \\ith 
perpendicular ends, the compression "ill make the 
radiation anisotropic, and so of cour,;;e not complete. 
This is the reason why it was necessarv to specify 
that some part of the \
'all:, must reflect diffusely. 
(b) It is now necessary to e
amine the effect on 
radiation when it is reflected at a moving minor; 
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in particular to count up the losses and gains for a 
small region dv of the spectrum. If a beam inclined 
at angle 8 falls on a mirror moving with small velocity 
t', it may be shown that the frequency of the reflected 
beam is v'=v(1-2(vic) cos 8) and that its direction 
is given by 8' = 8 +2(v/c) sin 8. There is also a change 
in the intensity, since work is done on the mirror. 
It may be shown that the ray uvdv (sin 8d8dcþ/47f") 
(<þ is the azimuthal angle) exerts a pressure 
2 cos 2 8 uvd,,, (sin 8d8dcþ/47f"). 
Now consider the gains and losses to the region dv. 
Of energy originally in this region and at tills angle 
an amount 
ul/d" (sin 8d8dcþf4rr) (c cos 8 - v)dtd(J 
strikes the mirror in time dt and in the element of 
area d(J'. This energy is all lost. Summing over all 
angles the gross loss is 
u
dv (<c/.t)- (v/2)}dtd(J. 
There is a compensating gain from the light \\ hich 
has its frequency brought into dv. This comes from 
various regions. If one of them had frequency be- 
tween Vo and Vo +dvo before reflection and inclination 
between 0 0 and 8 0 +d8 0 , then vo=v {I +2(vlc) cos 8}, 
and 8 0 = 8 - 2( v I 
) sin 8. The energy in this region 
gives after reflection an amount in dv equal to 
U" dVo ( Sin 8 0d8odcþ ) (c COB 8 0 - v)dtd(J 
o - 4rr 
( sin 8d8dcþ ) 
- 2 cos 2 8uvdv 4rr vdtd(J, 
the subtraction of the second term being due to the 
disappearance of energy in performing work. If 
u
.+(vo- v)(2u.../cv) is written for u Vo and if the 
values of Vo and 8 0 are substituted and the result 
integrated over all angles, it gives as the gross gain 
[uv(
-
) +ã v ê ê u ; ]dvdtd(J'. 
The net gain is therefore 
1 CUv d d d 
'jv-a; vv t (J', 
and if this is summed over the whole mirror it becomes 


!v;
dvdV, 
cv 
where dV is the total gain of volume in the time dt. 
Thus adiabatic expansion requires the equation 
d ( V ) .1 ê.uv dV 
U v = 3 V -(IV ' 


or written as a partial differential equation 
1 êuv êuv 
3 V ,&,- V (fv-=u v . 
The general solution of this equation is 
Uv = v 3 F(V v 3 ), 
where F i<; an arbitrary function. But, since 
YT3 remains constant in adiabatic e
pansion, 
V =constant/T3, and this equation can be rewritten 
UV3: V3 / 1 (
), 


anù this is 'Vien's displacement law. 


The rplation u
,=v3I,JvIT) makes it pos
ible 
to deduce the radiation curve (that is, tlw 
curve connecting 'Ilv and v) for any temperature 
once it is known for a single temperature. All 
purely thermodynamic conditions are now 
satisfied and the determinat.ion of the form 
of the function 11 must invoke othcr prineiples. 
It is not surprising that it should not he 
possible completely to determine it; it is 
like t.he fact that no thermodynamic argument 
can completely determine the equation of state 
of a gas. 
In connpction "ith experimcntal work it is 
customary to use wave-length instead of 
frequency. This alters the form of the dis- 
placement law. J...et 


E,\dÀ= l(
,dv, 


so that E,\ is the density of isotropic energy 
per unit wave-length. If use is made of the 
relation ^ =c/v the law is given in the form 


E,\= ^ -5f(ÀT). 

 (6) PLANCK'S RADIATION FORl\IULA,-The 
true radiation formula was found by Planck. 
Its theoretical deduction is given under 
" Quantum Theory." 1 The formula is 
E 8rrlte 
À= À5(ehc/kT'\ -1)' 
Here c is the velocity of light-2'9986 x 10 10 
em. per sec.-and Ie and h are universal 
constants. k is the atomic gas constant; that 
is, %lcT is the mean kinetic energy of a molecule 
of a monatomic gas (supposed a perfect gas) 
at absolute temperature T. Its value is 
approximately 1.372 x ]0- 16 erg deg.- 1 . h is 
the quantum, and its value is approximately 
6,55 x 10- 27 erg sec. Observe that the expres- 
sion satisfies 'Vien's displacement law. 
In Fig. 1 the firm line shows the curvf' for 
T.= 1000 0 ab8. The main characteristic of the 
curve is the rapid fall from the maximum on 
the side of short wave-lengths and the much 
more gradual fall on the other sidE'. The unit 
for ^ is 10-.,1 cm.-the visible spectrum .would 
come abollt in the region between 0.4 and 0,6 
of ^. E À is in C.G.S. units. Its significance 
will be made clearer by the statement that 
the energy in 1 c.c. in a spectral region of 
breadth 1 Á.V. (10- 8 em.) is 17.38 x 10- 8 erg 
at the wave-length 28,8.")0 

.V. (the values are 
those at the maximum point.). 
The corresponding curve at a higher tem- 
perature T' is obtained by shortf'ning each 
^ in the ratio TIT' and lengthening the 
corresponding EA. in the ratio (T'/T)5. Tht' 
chain curve in Fig. 1 is that for the absolute 
temperature 1100 0 , and it may be seen "hat 
a large increase in the radiation is made by a 
1 See" Quantum Theory," 
 (4). 
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C'Jmparatively small change of temperature. 
Of two curves the hotter ah\ ays lies entirely 
outsi:le the c0lder. 
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On the side of the short wave-lengths the 
curve is closely approximate to 
E _ 87rhc - hc!kT^- 
A-- \ãe . 
which is known as 'Yien's formula. The curve 
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for this expression "ouid lie very close to the 
corresponding CUITe of Fig. 1, except on the 
extreme right, "here it would fall somewhat 
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below it. Apart from the fact that it is a 
convenient approximation, the interest of 
'Yien's expression is mainly historical, as it 
was the earliest. radiation formula to be 
su,ggested. . 
Un the side of the long wave-lengths, but 
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far beyond the region shuwn in the figure, 
Planck's formula becomes approximately 
E _ 871"kT 
À-
' 
This is known as Rayleigh's formula. 1 The 
curve in Fig. 1 marked R is the Rayleigh curve 
corrpsponding to 1000 0 . Its importance lies 
in the fact that it is undoubtedly the expression 
which ought to be .found if the classical system 
of mechanics were valid. For its derivation 
see" Quantum Theory," 
 (4). Planck found 
his formula by combining those of 'Yien and 
Rayleigh, so that each should be verified in 
its region of validity, and the formula then 
led him to his great discovery of the quantum. 
The position uf the maximum ordinate is 
given by 


he 1 
Am = l.t 
' 
where a is the solution of the equation 


l-e-a=
; 
5 


that is, 


a=4.'9651. 


The height of the maximum is proportional 
to T5. Its locus is shown in the broken curve 
of Fig. 1. It is of interpst to observe the 
position of the maximum for a few tem- 
peratures. At ordinary room temperature it 
is about 10- 3 cm. At 1000 0 abs., a dull red 
heat, it is still at a wave-length more than 
four times that of visible light. Evpn at 2000 0 , 
which is a dazzling white heat, it is still more 
than twice the wave-length of visible light. 
Again, from the fact that the sun's radiation 
has its maximum in the yellow, it may be 
deduced that its temperature is nearly 6000 0 
abs.-a result confirmed by the application of 
Stefan's law to its total radiation. 
Stefan's constant 2 (J' may be deduced from 
Planck's formula by integr
ting over all values 
of À. This leads to the result 


871"5 k4. 
- g m -3 d g -4 
O--T5 h 3 e 3 er c. e.. 


The determination of the constants k and h 
is usually done in the following two stages. 
One relation is found by measuring the total 
radiation. This gives 0-. The spcond is got 
from the shape of the curve or the position 
of the maximum, which it may be spen 
determines helk. The universal constants k 
and h found in this way by the most refinpd 
experimcnts are given with about the same 
order of accuracy as by other methods. 
Radiation theory i!'! eka1t with very dearly and 
thoroughly in Planck'!,! Di(' Theori.e dn Wärme- 
strrLhluJl(], 4th edition (Barth, Leipzig). Many text- 


1 "Remarks upon thf' T.aw of Complete Radiation," 
Phil. .11a(]., 1900. xlix. 539. 
9 See" Radiation," Part II. 


1>001\:8 of modern vhrsks de,'otf' a chaptrr to the 
suhject; for instaIll'(', H.irhanl
OlÙ; The Electron 
Theory of .Matter (Camh. rni\'. l)res
). 


C. G. D. 


RADIATIONS FROM RADIOACTIVE l\IATTER, 
effects of, on glass. See" Radioactivity," 


 (10), (13). 
Various effects produced by. See ibid. 

 (15). 
RADIOACTIVE CONSTANT OF A RADIO-ELEMENT: 
a term used in radioactivity to dpnote the 
fraction of the total amount of l'adioacti,'e 
material changing in a unit of time, the 
unit uf time bping so chosen that the 
quantity of radioactive matprial at the C'nd 
of it is sensibly the same as that at thC' 
beginning. See" Radioactivity," 
 (3). 
RADIOACTIVE Sl'"BSTANCES, rays from, capable 
of exciting certain materials to emit visible 
light. See" Luminous Compounds," 
 (1). 
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 (1) GENERAL PROPERTIES OF RADIOACTIVE 
BODIES.-The property ùf radioactivity was 
discovered by Henri Becqucrel in 1806 for 
compounds of uranium, which he found to be 
spontaneously emitting radiations capable of 
affecting a photographic plate and of penetrat- 
ing considerable thicknesses ejf matter. Tht 
radiations were also found to cause certain 
salts to fluoresc.e and to ionise air and other 
gas
 through which they passed. A fuller 
examination of the uranium salts show-pd 
that no variation could be detected in the 
intensity or in the character of the radiation 
with lapse of time. The intensity depended 
simply on the amount of uranium prpsent, 
and was independent of the physical con- 
ditions to which the uranium was 
ubjeded. 
In 1898 :\Iadame Curie and Schmidt indf'ppml- 
ently showed that the property of r
dio- 
activity was also shared. by thorium and 
minerals containing that plement. The radia- 
tions from uranium and thorium are complex 
in character and consist of thrC'e distinct types 
which will be considerpd in detail later. The
;{' 
are known as the a, ß, and 'Y radiations; the 
a rays consist of a stream of positively chargf'd 
particles projpcted with great velocity, :mrl are 
very easily absorbed by thin sheets of ßlf'tal 
foil and by gasps; the ß rays are far more 
pf'netrating and are identical with thC' ne,f.!:a- 
tively charged particles constituting the 
cathode rays in a discharge tube; the 'Y rays 
are exceedingly penetrating and arC' idpntical 
in character with X-rays, the only diffC'rC'ncc 
between them being tl
at thc wa'
f'-l{'ngth of 
the former is much shorter than that of the 
latter. 
A substance which is capable lIf spontrme- 
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DliSly emittin1! these penetrating racuations is 
said to be " radioactive." Of the ðO or more 
elements knO\\'n in 1896 only uranium and 
thorium, the t\\ 0 heaviest elements, were found 
to be radioactive, and all the other radio- 
elements known to-day are derived from these 
two elements. 
In adrntion to these radiations some of the 
radio-clements produce what are known as 
radioactive emanations which are gaseous. 
The emanations can be condensed at the tem- 
perature of liquid air, but e\Ten at ordinary 
temperatures they impart radioactivity to solid 
objects with which they come into contact. 
In 1899 and 1900 the rf'sults of several 
investigations sho\\ ed that some radioactive 
substances, unlike uranium, which sho" ed no 
appreciable change of acth"Ìty o"\-er a period of 
years, lost the greater part of their aCtivity in 
the course of a few minutes or hours. For 
e
ample, it \\ as found that the emanation from 
thorium lost half its actidty in less than one 
minute. Hence, in addition to the more ppr- 
manent radio
cti\Te elements, there" ere others 
\\ith only a transient existence. 

 (2) FRA"XIl')I X.-)Iadame Curie had shown 
in her early experiments that the radioactivity 
of uranium was an atomic phenomenon. J t is 
unaffected bv chemical l'ombination ,\ith other 
inactive elcn;cllts. Crookes, l however, showed 
that by a single chemical operation, namely 
predp1tating a solution of uranium with 
ammonium carbonate, the uranium could be 
obtained photographically inactive while the 
whole of the activit-v- could be concentrated in 
a small residue f;'ee from uranium. This 
residue, which was called Uranium X, was 
many hunare(l times more actÌ\-e photographic- 
allv.weight for weight than the uranium from 
which it
 har1 been ;eparat-ed. A similar result 
was obtained by Becquerel, who found that 
barium could bp made photographically "Very 
actin> by adding barium chloride to a uranium 
solution and prpcipitating the barium as 
sulphate. ..After a number of precipitations the 
uranium was rendered photographically in- 
active ,,-hile the barium was strongly acti"Ve. 
These results seempd to point to the fact that 
the activity of lÎraT1ium was not due to the 
element it
elf 
ut to some other substance 
which was ac;sociated ,'dth it. 
The active barium and the Înacti,e uranium 
in the last experiment were left for a year and 
again examined. It was now found that the 
uranium had complptely regained its flctjvity
 
whilp the actidty of the harium sulphate had. 
completely disappeared. The loss of aC'ti-rity 
of uranium was therefore only temporary in 
character. 

 (3) THORH T ){ X.-Rutherford and Soddy 2 


1 ('rooke s , Ro./l. 80('. Pror.. Hmo, .\. lxvi. 40!). 
r,..z Rutherford and Soùdy. Phil. J/aq., 1002, iv. 
.,,0 and 569. 


carried out similar experiments on thorium and 
were able in a single chemical operation to 
separate an intensely active constituent from 
thorium. This they called Thorium X. In a 
month's time the thorium X had lost all its 
activity whilst the thorium had completely 
regained it. 

 (4) DECAY AXD RECOVERY OF URA
TC)I X. 
-The next step was to examine the time rate 
at which the processes of decay and recovery of 
af'ti \;ty took place. U raniulll X emits only ß 
rays, ,\ hilst uranium gives out only a rays. 
If all the measurements are made with ß 
rays, the ionisation produced "ill depend on 
the quantity of uranium X present and not 
on the quantity of uranium-the uranium 
,\ ill be effectiye only in so far as it produces 
uranium X. 
The uranium is left for some months so as to 
come into equilibrium with its product uranium 
X; they are then separated by one of the 
methods already mentioned. The ß ray 
activity of the uranium ,\ilJ at first be zero, but, 
it "ill e:raduallv increase as uranium X is 
formed, 
\"hilst "tÌle activity of the uranium X 
falls off according to an exponential I a,..... The 
two curves shown in Fig. 1 show the rates at 
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which the decay (curve B) arld recovery (curve 
A) of uranium X take place. The sum of the 
ß ray activities of the uranium and the uranium 
X is constant, showing that uranium X is being 
produced from uranium at exactly the 
ame 
rate as it is decayi.ng "hen separated from 
uranium. The curves show also that it decays 
to half value in 23 drrys. 
Similar results ha"Ve been obtained with 
other radioactive products separated from 
their parent elen1ents, and tllf' law that the rate 
of decay of activity of a given product is 
exactly equal to the rate of re('overy of acti'rity 
of the su hstance from which it has bE'en 
separated, is universally tnH'. 
The decay curve in Fig. 1 shm\ s that uranium 
X lo
es its acth;ty according to an exponential 
law with the time. It will he seen later that 
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'this is the general law of decay of actiyity in 
any type of radioactive matter, separated from 
its parent and from any secondary active pro- 
ducts which it may itself produce. 'Yhen this 
law is not fulfilled it. can be shown that the 

ctivity is due to the superposition of two or 
more effects, E'ach of which decays according tu 
an exponential law with the time. 

 (.3) THE R-\.DIOACTIVE CONSTANT.-If No 
is the number of atoms of any given product 
l)resent at any time taken as zero, and 
t the 
number remaining after an interval of time t, 
then according to the above law of decay 
Kt=Noe- u . (1) 


where A IS a definite constant characteristic of 
the given product. The above equation may 
be written, 


dN t _ -AN 
dt - tJ 


so that À represents the fraction of the total 
amount of radioactive material changing in a 
unit of time, the unit of time being so chosen 
that the quantity uf radioactive material at the 
end of it is sensibly the same as that at the 
beginning. It has different values for different 
types of radioactive material, but is invariable 
for any particular type of material. This 
constant À is called the radioactive or trans- 
fonnation constant of the radio-element. 

 (6) THE HALF-VALUE PERloD.-There is 
another constant which is extensively used in 
radioactivity. This is the half-value period or 
the period of half change of a radioa<,tive sub- 
stance. This is the time taken for the atoms 
present in a radio-
lement to decrease to half 
their number. Denoting this by T, equation 
(2) gives 


1 
T= 0'6932 . X. 


The decay curve of uranium X givcn in Fig. 1 
will be represented by equation (1) above, if the 
correct value is substituted for the radio- 
active constant X. The equation for the 
recovery curve is at once 0 btain<'d from the 
fact that at any time the sum of thc quantity 
of uranium X in the portion separated from 
the uranium and the quantity produced by the 
uranium is a constant. It is 


Nt = N 0(1- e - Àt), 


where No is the number of atoms of uranium X 
finally produced by the uranium. 
The rate of decay of a radio-element is 
absolutely independent of any variation 
in physical and <,hemic-al conditions. For 
example, the dccay of activity of any product 
takes place at the same rate when exposed tu 
light as when it is kept in the dark, and at the 
same rate in a vacuum as in air or any othpr 
gas at atmospheric prpssure. The activity is 


(:l) 


unaffected by intense heat or e"X.treme cold. 
Electric discharges and strong magnetic fields 
are liuite ineffective in producing a change in 
the rate of decay. 

 (7) ÐISIXTEGRATION THEoRY.-The pro- 
duct uranium X is one example of radioactive 
matter uf which there are mèLny other types t 
Each sudl pro,duct has definite chemical as well 
as radioactive properties whieh di:-\tingui
h it 
not only from the other active products, but 
also from the substance from "hich it is 
produced. To explain the continuous pro- 
duction of radioactive matter Rutherford and 
Soddy 1 in 1903 put forward the view that the 
atoms of the radio-elements are undergoing 
spontaneous disintegration, and that each 
disintegrated atom passE'S through a succession 
of well-marked changes, accompanied by the 
emission of characteristic radiations. This 
theory has been found to account in a satis- 
factory way for all known facts of radioactivity. 
The general law governing thf' rate of decay 
or, in other ,,,"ords, the rate of disintegration of 
all radioactive substances (given by equation 
(1)) states that the number of atoms breaking 
up per unit time is proportional to the number 
of atoms present. The number of atoms 
breaking up in a given time is subject to 
fluctuations round the average value of the 
magnitude to be expected from thð gpneral 
probability theory, so that À, the radinac:tive 
constant, represents the average fraction of the 
number of atoms which break up per unit 
time. The fraction of a product transformed 
per second is independent of the age of the 
product and does not depend upon the con- 
centration of the active matter itself. It is 
found that radium emanation, for instance, 
more than three months old decays at exactly 
the same rate as emanation fresl11y produced 
by radium: the chance of an atom breaking 
up in a given time is the same whether it is 
produced a second before or has existed inde- 
pendently for 2, long period of time. These 
facts lead to the conclusion that radioactivity, 
as far as the individual atom is concerned, is 
an instantaneous phenomenon. There is no 
gradual loss of energy. Before and up to the 
actual moment of disintegration the atom of a 
radio-element is in no way different from an 
atom of an inactive element. 
imilarly the 
new atom produced after disintegration is 
similar in all respects to an ordinary atom. 
Hence any atom may exist unchanged for any 
time from zero to infinity. 

 (8) THE PERIOD OF AVERAGE I...TFE OF AN 
ATO:\I.-It is often convenient to speak of the 
rzverage life of a large numher of atoms. If No 
be the number of atoms prespnt at the start, 
then aftcr an interval of time t the number 
which change in the time ôt is eliual to ÀNõt 
(from equati(ìn (2) ahove) ('I' ÀNoe-Afdt. Each 
1 Rutherford and Kochly, Pllil. .11ag., ]\103, Y. 576. 


(3) 


(4) 
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of these atoms has a life t, so that the average 
hfe of the total numbe-r is given by the expres- 
sion 


.-n 
I }..te - Àt . df, 
. 0 


and this is equal to It^, that is, the ppriod of 
ave-rage life of an atom is the reciprocal of the 
radioactive constant. The period of average 
life of an atom base-d on the above calculation 
may be defined as the sum of the separate 
periods of futuæ existence of all the individual 


Radium C 
10- 6 second 
(?) 


(7) 8ìo 


Uranium I 
8x 10 9 years 


Uranium X, 
. 35-5 days 


atoms dhi(l
l h
' the numher in existencp at 
the startin!!-point, any time being taken as 
the starting-point. The constant relates, 
therefore, tf) the future life of the atom and is 
independent of the period the atom"has already 
been in existence. 
The period of å.verage life ('If each of the atoms 
in the three difo:intp
ration scrie
-radium, 
actinium, and thorium-is includf'd in the 
following table-, which also gives the atomic 
weight of the product together with the 
radiation emitted by it. 


TABLE I 


Uranium Y ß 
2.2 days 
'V 
Uranium Z va 
still unknown 
Actinium 
 
(?) 230 
Radio- va 
Actinium 
28' 7 days 
Actinil!m X va 
76'4 days 
Emanation va 
b' 6 seconds 
A ctinium A va 
0.003 second 
Actinium B 
52.7 minutes 
Actinium C 
3. 7 minutes 
Radiuf11c" 6,83 
7'9 minutes minutes 
End End 


End 


Uranium )1.2 
7'65 mindes 


Uranium II 
3X70 6 years(?) 


Ionium 
2x10 5 years 


Radium 
2440 years 


Emanation 
5'55 days 


Radium A 
4-3 minutes 


Radium B 
38,5 minutes 


Radium C 
28-1 minutes 


Radium D 
24 years 
(?) 


Radium E 
] '20 da;Js 


Radium F 
196 days 


End 


Thorium 
2-6 xTO JO qears 


Meso-thorium 1 
].9 years 


Meso -thorium 2 
8'9 hours 


Radio -thorium 
2-97 years 


Thorium X 
5'25 days 


Emanation 
78 seconds 


Thorium A 
o. 20 second 


Thorium B 
75.4 hours 


Thorium C 
87 minutes 


Thorium D 
4,5 minutes 


End 
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 (9) RADIOACTIVE EQUILIBRIr
I.-Each of 
the three disintegration series given in Table I. 
consists in a long succession of changes, P 
producing Q, Q producing H, and so on. The 
rate of change varies from product to product, 
but in each case it follows an exponential law. 
If a radioactive mineral is sealed up so that the 
products of transformation are allowed to 
accumulate, a stage is ultimately reached in 
which the amount of each product formed is 
eq ual to t.he amount transformed per unit 
time throughout the series. In this state therp 
is a balance between the loss of activity of the 
matter already produced and the gain of 
activity due to the production of new active 
matter. l\Iaterial which has reached this state 
is said to be in radioact'ive equilibrium. 
It is evident that in the state of radioactive 
equilibrium thp number of atoms disintegrat- 
ing per unit time is the same for each product. 
So that if P, Q, R are the amounts of the 
successive members of the series present when 
r3,dioactive equilibrium obtains, and AI' ^2 and 
^3 their respective transformation constants, 
then ^IP=A 2 Q=A J R. . (5) 
The amount of each product present is there- 
fore inversely proportional t.o its radioactive 
constant or directly proportional to its period 
of average life. According to the above rela- 
tion there is a constant proportion between 
the quantities of 
uccessive members of a 
system in radioactive equilibrium. Thus in 
oÌd uranium minerals the ratio of the amount 
of radium to uranium is always the same, there 
being about 3.2 tons of uranium for every 
gramme of radium. Now the period of average 
life of radium is known to be 2440 years, so that 
by the above relation the period 
f average life 
of uranium must be about 8 x 10 9 veal's. This 
relation may in this way be used' to calculate 
the period of a long-lived product when its 
amount, relative to another whose period can 
be measured, is knO\vn. I t is useful also to 
measure the quantity of a short-lived product 
when its neriod can be determined. Hence if 
the period and amount of a product in a given 
series arc known and the period or amount of 
another product in the series can be measured, 
the remaining unknown quantit.y for this 
product can be calculated. In the radium 
series "hoth the period and amount of emanation 
can be measun'd accurately ,Üth the result 
that the same information c'an be obtained by 
calculation for most of the other members of 
the series and for uranium itself. 
The activity of a product is measured by 
means of ('ffects produced by the radiations 
which it emits, and before proceeding further 
it would be advisable to con"ider thp properties 
of these radiations in detail. 

 (10) RADIATIONS OF RADIOACTIVE SUB- 
ST ANC'ES.- The first analysis of the complex 


radiations emitted by the radio-elements was 
made by Rutherford. l Two general methods 
were employed to distinguish between the 
tvpes of radiations given out by the same 
body and to compare the radiations from 
different radio-element.s. These were based 


on: 
(i.) The deflection of the rays in a magnetic 
or in an electric field. 
(ii.) The relative absorption of the rays in 
solids and gases. 
Experiments carried out on these lines 
revealed three distinct types of radiation 
emitted by the radio-element.s, which Rut.her- 
ford called the a, ß, and 'Y rays respectively. 
The difference between these radiations is 
brought out very clearly when a radioactive 
su bstance emitt.ing the three kinds is placed 
in a strong magnetic fielù. Su ppose a small 
quantity of radium in equilibrium with its 
products is placed at the bottom of the central 
hole in a lead cydinder L which rests on a 
photographic plate P. If a strong magnetic 
field be applied at right 
angles to the plane of 
the paper and directed 
towards the paper the 
three types are separ- 
ated from one another 
in the manner shown 
p 
diagrammatically in the 
figure. The'Y rays pro- 
ceed .without deviation. 
The a rays are deflected slightly to the left 
whilst the ß rays move to the right, describing 
circular orbits whose radii vary within ,\ ide 
limits. The ß rays are so much bent round 
that they strike the photographic plate, 
producing a diffuse impression upon it. The 
same relative effects are produced by the 
application of an electric field. It should be 
mentioned, however, that the deviation pro- 
duced in the a ray beam is exce('dingly small 
compared with that produced in the ß ray 
beam. So small is thf' deviation produced 
in thp case of the a rays that for some time 
they \vere thought to 'he non-deviahle by a 
magnetic field until Rutherford 2 in 1903, by 
using a more active preparation of radium 
than had been previously employed, showed 
that they were deflected both by a magnetic 
and by an electric field. These experiments 
show that the a particles carry a charge 
opposite to that carried by the ß particles. 
The latter were found by Giesel to he similar 
to the cathode particles in a discharge tube 
and therefore carried negative charges, ,,,hilst 
the former are similar to the canal rays in a 
discharge tube which had been shO'i\'n hy \Yien 
to consist of positively charged particles 
travelling at great velocities. 
1 Rut1wrford, Phil. Jlao., lR!)!), xlvii. 116. 
2 Ibid., l!)O:
, v. In. 
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 (11) a RAYS. (i.) Range of a RaY8.-The 
a rays produce intense ionisation along their 
path in a gas, and, in consequence, they 
i'apidly 106c their kinetic energy until their 
velocity is reduced below the value at which 
they c
n ionise. Bragg and Kleeman 1 showed 
that the ionisation due to a homogeneous pencil 
of a rays ends after the rays have traversed 
a certain distance in air, this distance being 
called the range of the a particle in air. The 
range of an a particle from a simple product 
is a constant for a definite temperature and 
pressure of the gas traversed. It varies in- 
versely as the pressure and directly as the 
absolute temperature, so that in specifying 
the range it is important to state the tem- 
perature and pres:::;ure as \\ ell as t.he nature of 
the gas. Different products emit a rays of 
different ranges, so that the range òf the a 
particle is characteristic of thp product from 
which it is emitted. 
Geiger and .x uttall 2 employed the follow- 
ing method for determining the range, 
nd it 
is applicable to e,-ery 
kind of radioactive 
matter provided the 
latter is not gaseous. 
The active material is 
placed in the form of 
a thirt film on a smalJ 
metal disc D in th
 
centre of a metal bulb 
FIG. 3. whose internal dia- 
meter is about 8 cm. 
The disc, which is insulated from the bulb, 
is connected to one pair of quadrants of 
an electrometer, and the metal bulb is 
connected to a potential sufficiently high to 
produce the saturation current. Through the 
insulated stopper also passes a tube by means 
of which the bulb can be exhausted. The 
method of procedure was to measure the 
saturatiun current at different pressures. The 
re<)ults obtained are shown in Fig. 4. For 
low pressures the ionisation is very nearly 
proportional to the pressure, but when the 
pressure has reached a value such that all 
the a particles are completely absorbed in the 
gas, the ionisation current reaches a maximum 
value which remains constant \\ith further 
incr"ease of pressure, except in the case when 
two products in equilibrium were examined, in 
which case there are two abrupt breaks in the 
curve. The pressures at which the breaks in 
the curves occur correspond to the maximum 
ranges of the a particles in the gas at those 
pressures. The knowlpdge of this pressure 
enables the range in air at atmospheric pressure 
to be deduced, since the range is in\"'"ersely 
proportional to thp pressure. 
1 Bra
g and Klerman. Phil. Mag., 1D05, x. 318. 
I Geiger and Suttall, ibid., 1911, xxii. 613; 1912, 
xxiii. 439; xxiv. 64ï. 
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Geiger 3 had previously found that the 
foHm' ing relation existed bet" een the range R 
of the a particle and its velocity' - 


R= aV 3 , . 


(ü) 


i.e. the range is proportional to the cube of the 
velocity. The results of GciO'er and .x uttall 
showed. that a definite relation existed also 
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between the range and the radioactive con. 
stant of the substance emitting the radiation. 
This i
 shown graphically in Fig. 5. 
If the range of the a particle of any product 
is known the period of this product can be 
deduced from this relationship. Thus the 
period of average life of uranium II should be 
about 3 x 10 6 years, and that of ionium 3 x 10 5 
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years, periods too long for direct determina- 
tion. Similarly from the long range a particles 
emitted by radium (" and thorium (I', the 
very short periods of these products can be 
deduced; thesp \\ ould be of the order of 
10- 6 and 10- 10 seconds respectively. 
The curycs show that those products "hose 
average life is long emit a rays whosp range 
is small. and rice versa. 


a Geiger, Roy. Soc. Proc., 1910, A Ixxxiii. 5 
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(ii.) The Stopping Power of J[etal Foils.- 
If a thin metal foil is inserted in the path of 
an a particle, the distance it will travpl in 
air will be reduced. The difference between 
the range of the particle with and without 
the foil interposed is called the stopping pO'lt'er 
of the foil. 
Stopping power is an atomic property. 
Bragg and Kleeman 1 found that for a single 
atom it is proportional 
to t.he sq nare root of 
the mass of the atom, 
and for a molecule it 
is proportional to the 
sum of the square roots 
of the masses uf the 
atoms composing that 
molecule. Two films 
will therefore have the 
same stopping power :.f 
the number of atoms 
contained per unit area 
is in the inverse ratio 
of the square root of 
their atomic masses. 
The stopping power 
of an atom depends 
upon the speed of the 
particies. It is, ho,vever, almost inde- 
pendent of the spf'ed in the case of su b- 
stances of about the same atomic weight 2 
as air, but it decreases "ith diminishing 
speed of the a particle for heavier molecules. 
'Vhen a stream 
of particles falls on 
a sheet of metal 
foil, some of the 
particles \\ ill come 
into direct collision 
with the atoms 
composing the foil. 
The particles travel 
with a velocity uf 
the order of 10 9 cm. 
per sec., but however 
fast they travel we 
should expect that 
in a direct collision 
they would be stopped. This, however, was not 
found to be the case by Bragf! and his col- 
leagues. 1 1 'rom their researches they concluded 
that each a particle pursued a rectilinear course, 
no matter what it encountered; it passed 
through all the atoms it met, whethpr they 
Îormed part of a solid or a gas, suffering littÌe 
or no deflection on account of any encounter 
until very near the end of its course. A thin 
metal plate placed in a stream of particles 
robbed every particle of some of its energy, 


1 Rragg- and Kleeman, Phil. Jlag., 1905, x. 318 and 
600. 
II The atomk weight of the h
.pothctical atom of 
air may be taken a
 14:"4, . 


but the number of particles in tlH.' stream 
befure and after tra versing the thin sheet 
remained the same. Hence an a particle 
appeared t.o pass dean t.hrough atoms of 
matter in its path as if t.hey were not there, 
in which case two atoms of matter occupy the 
same space at the same tinlP. In passing 
through the atom some of thp energy of thf' 
particle is absorbed and its velocity therefore 
diminishes as it pursues 
its course. Further, the 
slower it moves thf' 
more easily is it de- 
yiated from its course or 
scattered. 
(iii.) Visible Tracks 
of a Particle8.-C. T. R. 
\Vil.son 3 succeeded in 
making visible the tracks 
of a particles as they 
pass through a gas. The 
m eth od consists in 
suddenly expanding 
moist air in a clo:seù 
space, during which 
operation the moisture 
condenses on the ions 
formed by the particle 
along its path. By suitably illuminating the 
expansion chamber, the tracks of the particles 
can be made visible and actually photographed. 
The tracks of a particles from radium are shown 
in Fig. 6. It will be obs('rveù that the tracks 
are almost all per- 
fectly straight, but 
there are a few which 
show abrupt large 
deflections, especially 
tuwards the end of 
the path (see Fig. 6ß, 
which is an en- 
larged portion of 
Fir;. 6A). The chance 
of a "single" scat- 
tpring through a 
large angle increases 
rapidly 
ith decrease 
of vplocity of the 
particle, and in cunseq uence such scattering 
will be most in evidence near the end of the 
range of the particlp. 
(iv.) Counting of a Particles.-Two mpthods 
have been employed to count the number of 
a particles emitted by a radioactive body. 
(ft) The Srintillation Jlethod.-This is baspd 
upon the fact that each a particle produces 
one scintillation when it strikes a screen of a 
substance such as zinc sulphide (see article 
on "Luminous Compounds "). The method 
of procedure is to fix the screen to the micro- 
scope at such a di'3tance from the objective 
that it is pPITect.ly in focus. The microscope 
3 Wiìson, Roy. Soc. Proc., 1912, "A, lxxxvii. 277. 
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is mounted on a graduated stand along which 
it call slide and be placed at any desired 
distance from the a ray source. It is advisable 
to use a microscope with a low-power eye- 
piece combined \\ith an objective of high 
light-collecting power, and the area of the 
field of view need not be larger than about 
one square millimetre. Also the counting is 
facilitated if the screen is very faintly illu- 
minated so as to keep the eye the more easily 
focussed upon it. )Ieasurements can be made 
most accurately with about 40 scintillations 
per minute. \Yith more than about 80 or 
less than about 10, the counting becomes 
troublesome and uncertain. It is best to 
count for one or t\\ 0 minutes, afterwards 
resting the eye to count again for another 
one or two minutes, and so on. It is also 
essential to remain in the dark for ahout half 
an hour before starting to count, so as to 
get the eye quite accustomed to the dark. 
( b) Rutherford and Geiger' 8 1 Electrical JI ethod
 
-In this method the ionisation produced by 
each a partie Ie is magnified by using the 
principle of the production of ions by cóllision. 
In this way the small ionisation current pro- 
duced by a single a particle may be magnified 
several thousand times and there by be 
E 
CJu.. 


FIG. 7. 


sufficiently strong to produce an easily measur- 
able deflection of the needle of an ordinary 
electrometer. '!'he apparatus employed is 
shown in F'ig. 7. The detecting vessel con- 
sisted of a brass cylinder A, from 1.3 to 20 
em. in length and 1.77 cm. in diameter, "ith 
an insulated central electrode B connected 
to one pair of quadrants of an electrometer. 
The outside of the vesspl was connected with 
the negative pole of a battery giving 1320 
volts. The tu be D fitting into the e bonite 
plug C had a circular opening 1.5 mm. in 
diameter at one e!ld, the opening being 
covered with a very thin sheet of mica. The 
thickness of the mica sheet was equivalent 
in stopping power of the a particle to about 
.3 mm. of air at ordinary temperature and 
pressure. The glass vessel E, connected to 
the detecting vessel as shown, was about 
4,')0 em. in length. The active matter "Was 
placed in this vessel in the form of a thin 
film of small surface area, and its distance 
from the aperture in D could be varied to any 
desired value. This vessel was e::\.hausted to 
a low vacuum ,,"hilst the detecting ,-essel 
1 Rutherford and Geiger, Roy. Soc. Proc., 1908, A, 
lxxxi. 1-U. 


contained carbon dioxide at a pressure of 
about 4 em. \Yhen the stopcock F was 
closed no a particles passed into the chamber, 
and the steadiness of the electrometer needle 
could thus be tested at intervals during t,he 
experiment. On opening the stopcock a small 
fraction of the total number of a particles 
emitted by the source passed through the 
aperture into the detecting vessel. The 
intensity of the source and its distance from 
the aperture were adjusted so that three to five 
a particles entered the chamber per minute. 
A ballistic throw of the electrometer marked 
the entrance of an a particle into the chamber. 
II Q be the number of a particles expelled 
per second from the source at a distance r 
from the apert,ure of area A, then, since a 
particles are on the average projected equally 
in all direction
, the number (n) of a particles 
entering the detecting vessel per second is 
given by n = QA{.J:rrr 2 . This e
pression holds 
so long as each portion of the ãctive source 
can fire particles through the aperture. 
By this method Rutherford and Geiger 
found that 3..37 x 10 10 a particles were expelled 
per second from one gram me of radium itself. 
It is also known that the same number of a 

articles is emitted per second from one gramme 
of radium itself and from each of the next 
three a-ray products in equilibrium "\tith it. 
So that the number of a particles expeHed 
per second from one gramme of radium in 
equilibrium with its products is 14.3 x 10 10 . 
The above method was modified later by 
the use of a string electrometer, the movements 
of whose quartz fibre could be photographically 
recorded on a moving film. In this way it 
was possible to detect with certainty the effect 
of each a particle even when 1000 particles 
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entered the detecting chamber per minute. 
The first method was not accurate when more 
than ten particles entered the cham bel' per 
minute. The records obtained in this way 
are sho"\\'1l in Fig. 8. 
Kovarik 2 has dmised a method by which 
the a particles are recorded by a pen on a 
moving strip of paper. The ionisation current 
produced by the a particle is magnified by a 
three- vah
e audion amplifier. The magnified 
current is used to operate a very sensiti,-e 
relay, "" hich in turn operates a local battery 
circuit accentuating the pen on a chronograph. 
! Koyarik, Phy.<;. Rez'., 1919, xiii 272. 
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The sensitive relay operates on a fraction of 
a milliampere. The methoù is alsu alJplicable 
to ß, 1', and X rays. 
(v.) Ratio of tlte Charge to the Jlas8 of tlie 
a Particle.-The ratio of the charge to the mass 
of the a particle can be determined by measur- 
ing the deflections produced respectively in a 
magnetic and in an electric field. It can be 
shown that the path uf a particle of mass In 
moving with velocity v and carrying a charge 
e will have a curvature p given by the relation 
H _mv 
p - e' . 


where H is the strength of the magnetic field. 
Similarly, when it moves through an electro
 
static field produced between two parallel 
l)lates whose difference of potential is V, 


1 e 
2V- mv 2 ' . 


These two equations enable the values of elm 
and v to he determined. Rutherford 1 found 
by this method that the value of elm for the 
a particle was 3070. From theoretical con
 
siderations it can be deduced that the value 
of the ratio of the charge to the mass of the 
hydrogen atom should be 9647, which is 
approximately twice that fur the a particle. 
These results may be eXplained if we assume 
either that the a particle is a hydrogen molecule 
or an atom of weight 2 carrying a unit positive 
charge, or that it is a helium atom (atomic 
weight 4) carrying two positive charges. To 
decide between these two alternatives Ruther- 
ford and Geiger undertook an accurate 
measurement of the charge carried by the a 
particle. 
(vi.) Charge rarried by a Particle.-From the 
knowledge of the number of a particles emitted 
by a given product and the total charge 
carried by these particles, it is possible to 
deduce the charge carried by a single a particle. 
The measurement of the charge is, however, 
made more difficult on account of the fac:t 
discovered by J. J. Thumsun, that emission 
of a particles is accompanied by the emission 
of negatively charged particles
 which be 
termed ò rays. These particles are always 
emitted when a particles fall on any obje
t. 
To determine the charge of the a particle 
the delta rays had to be removed, and this was 
dune by Rutherfurd and Geiger 2 by placing 
the radioactive material in a strong magnetic 
field. The delta particles, which move at low 
velocities, are thus bent round and return 
back to the surface which emits them. In 
this way it was found that the charge carried 
by the a particle was 9.3 x 10- 1 1) e.s.u. The 
value of the ionic charge had previo"!.I'3ly heen 


1 Rutheriorfl, Phil. J[rl{/., 1!J06, xii. 348. 
2 Rutherford and Geiger, Roy. Soc. Proc., 1908, A, 
IxY.:xi. 162. 
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found to be about half this value (the value 
of the ionic charge at present accepted is 
4.77 x 10- 10 e.s.u.), so that the a particle carried 
two unit positive charges. 
(vii.) Kature of the a Particle.-Evidence 
so far accumulated pointed to the conclusion 
that the a particle was a helium atom carrying 
two unit positive charges. The folluwing 
experiment carried out by R utheIford and 
Royds 3 confirmed this. 
A quantity úf emanation was compressed 
into a thin-walled glass tube A which was 
surrounded by a vacuum jacket T (Fig. 9). 
The thickness of the wall was less than 0.01 
mm. This was strong enough tu withstand 
atmospheric pressure, and the a 
particles readily passed through it, 
as was shown by the scintillations i 
on a zinc sulphide screen held near S 
the tube. The gases in the tube 
T cuuld be compressed into the 
spectrum tube S by means of the 
mercury column H; 
the colour of the dis- 
charge through this 
tube was then ex- 
amined spectro- 
scopically. Two days 
after the emanation 
was introduced into 
the tube, the spec- 
trum showed the 
yellow line of helium, 
and in six days' 
time the whole 
helium spectrum was observed. To show tb.at 
the helium was nut derived by diffusion from 
the inner tube, the emanation was removed 
and helium substituted. Ko trace of helium 
could be detected in the outer tube after 
standing for several days, so that the helium 
in the first instance must have uriginated 
from the a particles which had passed through 
the glass wall of the emanation tube. 
There is therefore no doubt that the a 
particle is a helium atom carrying two positive 
charges or, in other words, it is a helium atom 
which has lost two electrons. 'Vhen its charge 
is neutralised the a particle becomes a normal 
helium atom. 

 (12) HYDROGEN PARTICLEs.-Before leav- 
ing the a particle a brief reference will be made 
to the. recent work of Rutherford, who has 
made a close quantitat.ive study of the effect 
on an a particle of its passage through atoms 
of matter. Bragg had shown that the a 
particles pass straight through the atoms of 
matter in their path; this is undoubtedly 
the case with the majority of the a particles 
in the stream; but there are exceptions, in 
which cases the a particle suffers large 
deflections. This "occa
ional large-angle 
3 Rutherford and }tords, Phil, 11Iag., 1DOD, xyii. 281. 
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scattering" is to be di
t,inguished from the 
very slight de\ iations in different directions 
according to the laws of probability which 
later more detailed examination has shown 
to happen to the a particle as it traverses 
matter. These facts point to the conclusion 
that the central nucleus of the atom is very 
small, but howe\Ter small it is an occasional 
a particle is certain to strike it absolutely 
"head on. " It is these occasional close 
encounters that ha ve been examined by 
Rutherford.! 'Yhen such a collision takes 
place between the a particle and the nucleus 
of a heavy atom, the former \,"ill either be 
violently swung out of its path if the collision 
is not ahsolutely ,. head on," or repelled the 
way it came almost at its original velocity if 
it is ,. head on." 
"Then, however, a" head-on" collision takes 
place between the a particle and the nucleus 
of a. lighter atom-for example, atoms of 
hydrogen-then, in this case, the hydrogen 
atom would be propelled in the same direction 
as that of the a particle \\ith a velocity far 
greater than the velocity of the original 
particle, and it "ould consequently tra n'l 
a greater distance in hydrogen gas than the 
a particle before it is stopped. This was 
actually found to be the case in hydrogen. 
These high-velocity atoms were, for the sake 
of clearness, termed by Rutherford H-par- 
ticles. The same phenomenon was 0 bserved 
also in the case of oxygen and nitrogen. In 
the case of nitrogen, however, there were 
observed in addition to the X-particle, whose 
range was only slightly longer than that of 
the a particle itself, partides of long range 
and other characteIÌstics exactly similar to 
the H-particles produced in hydrogen gas, 
one H-particle being observed for every twelve 
N-particles produced, which suggests that the 
nucleus of the nitrogen atom struck by an a 
particle is occasionally shattered by the 
collision and that hydrogen atoms are produced 
from it. Later experiments carri.ed out on 
these particles by subjecting them to the 
action of elect.ric and magnetic fields proved 
that the H-particles generated in hydrogen 
and also in nitrogen consisted of hydrogen 
atoms, each carrying a single positive charge. 
The" X-particles" and" O-particles" were, 
however, not singly charged atoms of nitrogen 
and oxygen respectively, but were found to 
be identically the same and consisted of an 
entirely new particle of mass 3 carrying t\\ 0 
positive charges. 
Hence a nitrogen atom coming into close 
nuclear collision" ith an a particle is Rhattered. 
yielding in some cases atoms of hydrogen of 
mass 1 carrying a single positive charge, 
and in others atoms of a new kind of mass 
1 Rutherford, Phil. JIng., HnO, xxxvii. 537; 
Roy. Sec. Proc., 1920, A, xcvii. 3.-1. 


3 carrying a double pnsiti.-e charge. In the 
case of oxygen only atoms of the new l\.ind 
of ma
s 3 are produced. 
9 (13) tl RAYS. (i.) General Properties.-The 
general properties of the ß rays are identical 
with those of the cathode rays in a discharge 
tube. They are negatively charged particles 
or "electrons" projected at high vf'locities; 
the velocity of a ß particle is far higher than 
that of the fastest. known cathode ray, in some 
cases the velocity is almost indisti';guishable 
from that of light. It is probable that the I
 
ray has its origin in the central positively 
charged nucleus of the atom and, as in the 
case of the a particle, each disintegrating atom 
emits one ß particle only. 2 
The character of the ß rays is brought out 
very clearly in Strutt's 3 radium clock. A 
small quantity of radium salt i<;: enclosed in 
the tube A, whose walls are thick enough to 
absorb the a rays (Fig. 10). This is suspended 
in an outer tube and insulated 
from it. A pair of gold leaves 
are attached to the bottom 
of the tu be A and are in 
metallic connection \\ ith the 
radium. If the outer tube is 
highly exhau:::;ted, the radium 
becomes positively charged 
mdng to the loss of ß particles 
and the leaves diverge. If the 
\racuum is high several hundred 
volts may be reached before 
the loss 
f charge through the insulator and 
gas balances the rate of supply. In one form 
of the instrument, two plate electrodes Band 
C are sealed into the gla:::;:::; bulb, one on either 
side of the leaves and both connected to 
earth. These serve to discharge the leaves 
after a certain divergence has been reached. 
The charging and di:::;charging of the leaves 
will in this way go on indefinitely. 
(ii.) Jlagnetic bpectrum.-,3 rays are readily 
bent by comparatively weak magnetic fields, 
and, since they carry a negative charge, the 
deflection is in the opposite direction to that 
produced in the case of the a rays. If all the 
:1 rays in a beam emitted by a radioactive 
body were travelling at the same velocity, 
the deflection produced by the magnetic fidd 
would be the same for each rav; this. ho\\- 
e".er, is never found to be the' case, so that 
the ß particles are not expelled from the radio- 
active body all \\ith the same "\elocity. In 
some cases the magnetic spectrum is con- 
tinuous, in other cases there are distinct lines 
in the spectrum showing that there are 
present in the beam groups of rays of definite 
velocity. 
An ve)..ample of the spectrum of the ß 
particles emitted by the active deposit oÎ 


To Earth 


FIG. 10. 


:2 3Iosele,., ROIl. Snr. Proc., ] 012, A. lxxxvii. 
30. 
3 'strutt, Phil. JIa!!., 1003, ,i. 588. 
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radium, photographed by Rutherford, is of Yon Baeyer, Hahn, and :\Ieitner 2 also 
shown in Fig. 11. The rays, after passing showed that ,d rays whieh obey the exponential 
through a narrow slit, fell on a photographic law of absorption were divided into groups 
phtte placed at an angle of about 4.3 0 with of dífferent veloeities when subjected to a 
the horizontal. The central line is due mainly magnetic field. .\Yhen the differences of 
to the a rays; the ß rays show on both side
 velocities of the groups are large, then the 
of this line because the magnetic field was law of absorption is no longer exponential. 
reversed during the experiment. The lines To obtain the true value of t.he absorption 
in some cases are very numerous; for instance, coefficient of ß rays it is necessary to work 
48 lines for radium C have with preparations, such as 
been observed with veloci- active deposits, thr.ut can be 
ties ranging up to 0.986 of 0 btained free from other 
the velocity of light. It is, matter, in the form of very 
possible, however, that the thin films in which the 
initial energy of each a absorption of the f:3 rays is 
particle from a single radio- negligible. The ß rays start- 
element is the same. The ing from the surface of a 
particle has its origin in the layer of uranium oxide, for 
nucleus, and it has to pass instance, will have a higher 
through successive rings of velocity than those that come 
electrons surrounding the from beneath the surface. 
nucleus before it leaves the The effect on the emission 
atom. In this process energy of ß particles from different 
may be lost in quanta, and thicknesses of uranium oxide 
there is evidence to show is shown in Fig. 12. The 
that this is actually the _ ___ ionisation is proportional tù 
case. The energy lost in the thickness for thin layers, 
this way reappears again as FIG. 11. but as the thickness becomes 
l' ray energy. greater it increases less 
(iii.) Absorption of ß Rays by lIIatter.-The I rapidly, ultimately reaching a steady value, 
absorption of ß rays is investigated by placing in which case the radiation from the 
thin sheets of the absorbing material in the I lower layers is completely absorbed by 
p
th of the rays and measuring the activity the active materiai in the upper layers. 
through dífff'rent thicknesses. The curve gives sufficient 
It is found that the absorp- t 12 data to calculate the ab- 
tion of the rays follows an .:-1 sorption coefficient of the ß 
exponential law, that is, if 10 is .
 10 rays in the uranium oxide 
the activity when no absorbing .... 
 a itself. Considering a thin 
materia] is interposed and I the :õ layer of thickness dx at a 
activity when the rays pass t: oS distance x below the surface 
through a thickness d, then .
 4 of the active matcrial, "e 
. ..... 
 la 
I=Ioe-fld, . (9) g:2 1 ve 

 


/' 
 
/ 
I 


where J.L is known as the co- 
efficient of absorption of the ß 
rays in the absorbing material. 
The absorption coefficients of 
the ß rays froUl uranium X in 
aluminium, copper, and lead are 
14 cm.-I, 66 cm.- I , and 103 cm.- I respectively. 
Since the rays are absorbed according to 
an exponential law, then each equal suc- 
cessive thickness of material interposed pro- 
duces the same percentage reduction in the 
radiation remaining after traversing the pre- 
vious layers. It was initially thought that tIns 
exponential law of absorption was a proof that 
all the rays travelled with the same velocity 
-that is, that the beam was homogeneous. 
\Vilson 1 showed, however, that this was no test 
for homogeneity of the rays. The experiments 


dI = Ioe - P.'1'dx
 . 


(10) 


00 0.4 o.a '.2 '.6 2.0 2'4 where dI is the amount of 
Thiclmess of Uranium Oxide Laye,. 
in Grms.per sq.cm. radiation entering the measur- 
ing vessel from "the layer dx 
of active materiaL Hence the 
total amount of radiation 
emitted by a layer of finite thickness d is 
gi ven by the expression 


FIG. 12. 


[ d I 
Id=Io e-fJ.xdx=
(1-e-fld).. 

o J.L 


(11) 


As the thickness of the layer increase's, this 
tends to the value Io/J.L, which is a constant, 
10 being the intensity of the radiation emitted 
by a very thin layer of t
e active material, in 
which case there would be no absorption, and 
J.L is t.he absorption coefficient of the radiation 


1 
,v. 'Yilson, Roy. Soc. Proc., 1900, A, lxxxii. 2 Yon Ra('yer, Hahn, and )[('itm'r, Phys. Zeits., 
ü12. 1911, xii. 2ï3 and 3i8; 1m2, Hi. 2ü-!. 
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in thf" material. Indicat.ing the 8teady ,'alue 
of thf" intensity by IX), then 


Iã = Ix (1- e - J.C.cl). 


(12) 


The value of the coefficient of absorption of 
the uranium o-xide for the ß rays can be 
calculated from this expression by substituting 
the values of Id and IX) obtained from the 
curve. 
(iv.) Scattered f1 Rays.-\Yhen f3 rays faU on 
a. layer of matter, part of the radiation i:::; 
absorbed and part is scattered. This scattered 
radiation .is identical in type with t.he primary 
ß rays, but is always of less average penetrating 
power than the latter. Its amount increases 
as the atomic weight of the raruator increases. 
Kovarik and \Yilson 1 have also shown that 
the amount of scattered radiatiòn from 
different materials increases with the velocity 
of the ß rays up to a certain point and after- 
wards decreases. The above results apply to 
thick layers of material in which a considerable 
amount of absorption takes place. In order 
to be able to compare èxperimental results 
,\ith any theory of scattering, it is desirable 
to do away with appreciable absorption and 
conseq uently to use very thin layers of 
scattering material. Two theories of scattering 
have been put forward, the one by J. J. 
Thomson 2 and the other by Rutherford. 3 On 
the former theory the scattering is supposed 
to be due to the chance com bination of a 
multitude of successive minute deflections. 
The ß particle as it. encounters one atom 
after another in its passage through matter 
is deflected in different directions, but the 
average value of this deflection over a ,-ery 
larue number of encounters "ill be a finite 
qu
ntity. If 8 is the average deflection due 
to each encounter ;---ith an atom, it can be 
shown that the mean deflection after n en- 
counters is 8 , 'n. Hence, if the rays pass 
through a plate of thickness t containing X 
atoms of radius b per unit volume, the 
average deflection which they experience is 
ø" X 7rb 2 t. 
Ruthedord, on the other hand, assumes 
that a moving electrified particle can be 
deflected throuuh a large angle by a single 
. 0 . . 
atomIC encounter, and he attrIbutes the mam 
features of the scattering of particles when 
they pass through thin layers of m
tte
 to 
this single scattering. The two theorIes dIffer 
also as to the constitution of the atom-in 
the former the atom is supposed to be con- 
stitutecl of X Q electrons accompanied by an 
equal quant.it.y of positive electricity, the latter 
being distributed with uniform volume density 


1 Kovarik and Wilson, Phil. Jlay., 1910, xx. 86(j. 
2 J. J. Thom;;on, Camh. Phil. Soc. Proc., HnO, X,". 
-!û5. 
;, Uutherford, Phil. Jlay" 1911, xxi. 6û9. 


throughout a sphere "hoRe \"olume is equal 
to that of the atom; whi18t in the latter the 
atom is imagined to consist. of a central 
positive nucleus carrying a charge + Xoe 
surrounded by 
o elf"ctrons carrying altogether 
a negative charge equal to the po;:,itive charge 
on the nucleus. 
"'hen the layer of scattering material is so 
thin that there is no absorption uf the radia- 
tion, both theories lead to constant values for 
the fractions ø/ "Ilo and mu2/.../
, where ø is 
any particular mean deflection, to the thickness 
of material required to cut the radiation do\\n 
to half value, and !mu,2 the energy of the ß 
particle. The actual values of the constants 
are different, however, on the two theories, 
and consequently the ,-alues of the number of 
electrons in the atolll which can be deduced 
from the value of ø/ ,'to will differ in the two 
cases. 
The experiments of Crowther 4 on the 
scattering of ß rays by very thin sheets of 
different materials showed that the fractions 
ø/ ,/
 and mu 2 / ,/
 were both constant in 
accordance with theory. Calculating the 
number of electrons in atoms of the metals 
AI, Cu, Ag, and Pt, which were empluyed in 
the investigation, the results based on Ruther- 
ford's theory agree more closely "ith the 
number of electrons per atom as determined 
by :x rays than do those based on Thomson's 
theory. 

 (14) 'Y RAYS. (i.) General Properties.- 
One of the chief characteristics of these rays 
is their great penetrati\Te power. It is possible 
by means of the electroscope to detect the 
'Y radiation emitted by 30 milligrammes of 
radium after it has passed through 3U Clll. of 
iron. The 'Y rays are always found associated 
with ß rays, and they are emitted in large 
amounts only from those radioacti \Te bodiE's 
that emit penetrating ß rays. ...\ beam of ß 
radiation falling on any substance gives rise 
to Î' radiation in the same way that a beam 
of cathode rays produces :x rays. Just as X 
rays liberate corpuscular radiation when t.hey 
fa'!l on a substance, so 'Y radiation liberates 
ß particles, the only difference being in the 
velocity of the particle liberated. 
(ii.) Absorption of 'Y Rays from Radium.- 
To measure the absorption of 'Y rays in any 
su bstance it is necessary to eliminate the 
effect due to the ß rays. Thf" latter may be 
remo,.ed either by deflecting them from the 
measuring apparatus by means of a magnetic 
field or by absorbing them in a layer of matter 
of sufficient thickness. The latter method i:::; 
the one usually adopted. a screen of lead 
3 mm. thick being sufficient to absorb almost 
I completely the ß rays emitted by radium and 
its products. 


, Crowther, Roy. Soc. Proc., UHO, _\, lxxxiv. 226. 
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The absorption of the rays can he measured 
by means of an electroscope. Sheets of 
known thicknAsR of the material investigated 
a.re placed in l.he hearn, and from the knowled
e 
of the deflection of the leaf with and without 
the absorbing material respectively in front 
of the electroscope the absorption coefficient of 
the material for the radiation 
can be calculated by means of 
the formula 


ran
e of densities; for other su L
tances the 
densities of "hich do not lie within the above 
limits the value of J.L/ p is greater. 
)' rays from different radioactive products 
have different penetrating power. The rela- 
tive values of the absorption coefficients are 
given in the following table: 2 


TABLE IV 


,., Rays from 
AbsorLing Screen. 
Radium C. Thorium D. J\lesothorium 2. Cranium x. 
Lead 1.0 0.924 1.24 1'43 
Zinc . 1.0 0.82 I.Uü 1,18 
Paraffin wax 1.0 0.78 1.26 I.U8 


1= Ioe -lLt, . (13) 
where I and 10 are the in- 
tensities of the raruation enter- 
ing the electroscope with and 
without the absorbing screen, t 
the thickness of the SlJreen, and 
J.L the coefficient of absorption. 
It is important that the 
walls of the electroscope are sufficiently 
thick to absorb ß radiation that may be 
excited by the radiation which falls on objects 
in the vicinit:v; also the windows through 
which the !lold leaf is viewed should be 
well shielded. The values of the absorption 
coefficient depend somewhat on the arrange- 
ment of the apparatus. The following figures 
for the absorption of)' rays from radium in lead 
are due to Tuomikoski : 1 


T\BLE II 


Thickness of Iunisation Thickness of Ionisatiun 
l.ead in cnl. Currcnt. Lead in cm. Current. 
0.3 100 7.0 2,57 
1.0 61'ó 8.0 1.62 
2'0 33.1 9.0 1'00 
3.0 . 19.9 10.0 0.63 
4.0 II.7 II,O 0'39 
5.0 7'Oì 12.0 0,30 
6.0 4.2ü . . I . . 


The values of the absorption coefficients over 
the different thicknesses are given in the 
following table: 


TABLE III 


Thickness of I.eaù in rm. p.. cm.- I . 
0.4- 1.0 0.70 
I 1.0- 2,2 0.58 
2.2- 5.4 0.52 
5.4-12.0 0.50 


The absorption of )' rays in various sub- 
stances shows that for substances whose 
densities lie hetween 2.() and 8.8 the absorption 
is very approximately proportional to the 
density. The value of the mass absorption 
coefficient (J.L/ p) is therefore constant over this 


I Tuomikoski, Phys. Zpits., 1000, x. 372. 


The rays from thorium D arc more penetrating, 
while the rays from mesothorium 2 and uranium 
X are slightly less penetrating than the rays 
from radium C. 
(iü.) Scattered l' Radiation.-In addition to 
the production of ß'rays, 'Y rays in traversing 
matter give rise to a scattered radiation of the 
)' type. The amount of this scattered radia- 
tion appearing on the emergent side of a 
raruator is always much greater than that on 
the incident side. This asymmetry in the 
distribution of the radiation is also observed . 
with X rays, but the effect is not so marked as 
with l' rays. Florance 3 found that the quality 
of the scattered radiation varied at different 
angles with the direction of the primary beam, 
the radiation scattered through a large angle 
being much more easily absorbed than the 
primary)'rays. The scattered radiation appear- 
ing on the side of incidence is also softer than 
that on the emergent side of the radiator. 
(iv.) "Sature of )'Rays.-There has been a good 
deal of controversy as to the nature of l' rays, 
but recent experiments on the diffraction of 
the rays have defi r 1itely proved that the rays 
are of the same nature as X rays, i.e. aetherial 
pulses, the only difference being that the wave- 
length of )' radiation is much shorter than that 
of X radiation. 
Rutherford and Richardson 4 showed that 
radium C emits one and radium B two types 
of )' radiation, each of which is exponentially 
absorbed in aluminium. These radiations 
were carefully examined by Rutherford and 
Andrade 5 by reflecting them at a face of rock 
salt crystal. The sourcE' of radiation ,vas a 
thin-walled a ray tube containing about 100 
millicuries of emanation in equilibrium with 
its products A, B. and C. A diverging cone 
2 Russell and Roddy, Phil. Jlng., 1911, xxi. 130. 
3 Florance, ibid., 1010, xx. !)21. 
.. Rutherford anù Richarch;on, 1'bid., 1013, xxv. 
722. 
r; Rut.hf'rford and Andrade, ibid., 1014, xxvii. 
854; xxviii. 263. 
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of rays fell on the crystal face, and the 
distribution of the reflected radiation \\ as 
examined by the impression produced on a 
photographic plate placed 10 em. from the 
centre of the crystal. 
The spectrum of the Y' raÙÏation from Ra B 
was found to consist of 21 lines having wave- 
lengths ranging from 0.793 x 10- 9 em. to 
1.36.3 x 10- 8 em., the two strongest lines being 
reflected from the (IOU) face of rock salt at the 
angles 12:).0.3 and 10 0 .0.3, and therefore having 
wa,.e-Iengths 1.176 x 10- 8 cm. and 0.983 x 10- 8 
cm. 
The wa'
e-Iengths of the penetrating 'Y radia- 
tion from Radium C were found to range from 
0.71 x 10- 9 cm. to 1.96 x 10- 9 cm. 

 (1.3) Y 
RIOUS EFFECTS PROD17CED BY THE 
R -\DIATI05S.-It has already been pointed out 
that the radiations ionise gases through which 
they pa:s:s and, in consequence, make them 
temporarily conductors. This is effectively 
demonstrated by bringing a Jittle radium near 
the secondary terminals of an induction coil. 
If the two terminals are so separated that a 
spark just does not pass between them when 
the coil is running, by bringing some radium 
near the gap the spark will readily pass. This 
property of the radiation {rom radium is made 
use of "hen it is desired, during the course of 
an investigation, to prevent electric charges 
accumulating on the surfaces of different parts 
of the apparatus. 
The salts of radium are all luminous in the 
dark, and the radiations produce marked 
luminescence in certain salts (see article on 
" Radium "). Certain bodies after exposure 
to the radiations become luminous when they 
are heated to a temperature much below that 
req uired to produce incandescence. Fluor- 
spar and kunzite possess this property of 
thermo - luminescence to a marked degree. 
These substances are able to store the energy 
which they take up for a long period of time. 
The explanation suggested for this effect is that 
the rays cause chemical changes which are 
perma
ent until heat is applied
" hich releases 
in the form of visible light the energy absorbed. 
Glass exposed to the radiatio

 for some 
time becomes coloured, soda glass is coloured a 
deep violet, and after a long period under the 
intluence of the ravs it. becomes almost black. 
Other f!lasses are 
oloured yellow and brown 
under the action of the rays. This coloration 
is produced by all three types of radiation; 
that due to thr a rays extends only a short 
distance corresponding to the rang; of the a 
particles in the glass, whilst that due to the 
,3 and 'Y rays extends throughout the whole of 
the glass. :\[ica plates acquire a brown or a 
black colour under the action of a rays. It 
had long been observed that certain kinds of 
mica contained small coloured areas whose 
sections were always circular and in whose 


centre there wa
 usually a minute crystal of 
foreign matter. "Cnder the adion of polarised 
light these exhibited the property of })Ieo- 
chroism, and for this reason were caned 
"pleochroic halos." .101y 1 found that the 
nucleus of these areas was radioactive and 
that the coloration was due to the a rays 
expt"'llf'd from this nucleus. The halos ex- 
hibit a well-marked structure clearly sho\\ n in 
Fig. 13, which is a micro-photograph oÎ a 
halo whose nucfeus is 
a uranium minera1. 2 
The central dark area 
is produced by the 
collecti ve action of all 
the a particles emitted 
by the nucleus, and 
the boundary of it 
defines the range of 
the a particles from 
radium itself. The FIG. 13. 
next dark edge corre- 
sponds to the range of the s\,ifter a particles 
from radium _\., and the edge of the outer 
ring to the range of the a particles from 
radium C. It is possible to find in the mica 
halos in various stages of development. In 
some may be found only the central "pupil," 
0.0] 3 mm. in radius corresponding to the 
range of the slower a particles from radium, 
but in more deyeloped cases an outer ring 
always appears whose radius is 0.03 mm. 
corresponding to the range in mica of the a 
particles from radium C. Uther halos ha ,-e 
different diameters, and it i::, possible to decide 
from the diameter of the halo \\ hether the 
nucleus contains uranium or thorium mineral. 
The fa:stest a particle emitted in the thorium 
series "ould travel a distance of 0.038 mm. in 
mica, and it was found on e
amination that 
halos of this dimension" ere obtained when the 
nucleus consisted of thorium mineral. 
It has been estimated that the number of a 
particles emitted b
 the nuclei of these halos 
is of the order of 100 per year. The effect of 
this expulsion on the mica would be infinitesi- 
mal o\"'"er a short period, so that it has prob- 
ably taken several hundred million years to 
product'" the actual halos that have been 
obsen-ed. 
The action of a rays on photographic films 
examined bv Kinoshita and Ikeuti 3 are of 
interest in this connection. A se" ing needle 
carrying at its point a minute trace of radium 
active deposit was employed as a source of a 
rays. After the point. of the needle had been 
in contact with the photographic plate for a 
short time, the plate was developed and a 
fine spot became yi:;;ible to the naked e)e. 
"Gnder the microscope this spot was found to 


1 Job., Phil. J[a(J., lOOi, J..iii. ;
b1. 
2 .lo1y and Fletcher, ibid.. UHO, xix. 630. 
3 Kinoshita and Ikf'uti, ibid., 191.\ xxix. 420. 
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consh;t of a multitude of radial trails of silver 
grains around a circular dark nucleus. Halos 
were also obsenTed and were shown to be pro- 
duced by a process similar to that of the 
pleochroic halos. 
Another important effect of the radiations is 
the decomposition of water. This is brought 
about by all three types, but the effect due to 
the a rays is much greater than that due to the 
ß and "y rays. The effect is probably due to 
the ionisation of the water molecule, which is 
accompanied by the chemica! dissociation of 
the molecule with the liberation of hydrogen 
and oxvaen. Hence it is important, when 
sealing 
r
dium in tubes, to see that the salt 
is dry, otherwise in the course of time the pre
8- 
ure of the evolved gases inside the tube may 
become so great as to burst it. 

 (16) THE E
IA
 ATIONS. - Rutherford 1 
found that thorium emitted, in addition to the 
radiations, a radioactive gas which he called 
the emanation. The amount given off is 
exceedingiy small, but the ionisation produced 
by it is sufficiently large to be readily measured 
by means of an electroscope. The emanation 
can be carried away from the neighhourhood of 
the substance emitting it by a current of air, 
and its activity will not suffer appreciable loss 
when it is passed through a plug of cotton-wool 
or bubbled through solutions on its way to the 
measuring apparatus. 
Shortly after the discovery of thorium 
emanation, both radium and actinium were 
found to give off emanations. The activity of 
each of the emanations decays according to an 
exponential law with time. Actinium and 
thorium emanations are short-lived, their half- 
value periods being 3.9 seconds and 54 seconds 
respectively, and on this account it is difficult 
to remove them quickly enough from solution 
before they disintegrate. Radium emanation, 
on the other hand, has a half-value period of 
3.8.3 days, and practically the whole of it 
can be removed by passing a stream of gas 
through, by exhausting, or by boiling the 
solution. 
Solid preparations differ enormously in the 
readiness with which they part with their 
emanation. In the case of thorium the best 
emanators are the hydroxide and the carbonate. 
After ignition to oxide the emanating power is 
greatly reduced. The higher the temperature 
of ignition the greater is this reduction, until 
aîter ignition at a white heat the emanating 
power may be reduced to a small fraction (a 
few per cent) of that of the unignited compound. 
The nitrate, oxalate and sulphate are all poor 
emanators. In the case of radium, the brom- 
ide is a better cmanator than the chloride. 
From thf" sulphate and, to a less extent, the 
carbonate, very little emanation escapes in the 
solid. It has been found, however, that the 
1 Rutherford, Phil. IJlag., 1900, xlix. i. 


sallle compound:::; may exhibit in this respect a 
marked variation in behaviour. 
Hence if the radioactive su bstance is required 
to retain its emanation in the open it is best in 
the case of radium to keep it as sulphate, and 
in the case of the other two radio-elements in 
the form of highly ignited oxides. If the 
emanation is required, the radioactive material 
is best kept in solution. 
All the three emanations have distinct 
chemical and physical properties; they have 
characteristic bright line spectra, they are also 
chemically inert, and in consequence they are 
classed with the argon-helium group of the 
periodic table. They also all emit a particles 
and can be condensed at liquid air temperature. 

 (17) RADIUM El\IA:NATION.-If a solution of 
radium is kept in a sealed flask, the emanation 
steadily accumulates with time, reac:hing the 
equilibrium value in about a month's time. 
Oxygen and hydrQgen are at the same time 
evolved owing to the decomposition of the 
water by the radium. On exploding the gases, 
a slight excess of hydrogen remains with the 
emanation. The hydrogen can be removed by 
passing the mixture into a bulb immersed in 
liquid air, where the emanation will be con- 
denst'd and the hydrogen together with any 
helium produced by the emanation can then 
be pumped off. The liquid boils at about 
- 62 0 C. at ordinary atmospheric pressure and 
the solid melts at about - 71 0 C. The liquid 
emanation is colourless and transparent, 
whereas the solid is opaque and glows with 
great brilliancy and is of a steel-blue colour. 
As the temperature is still further lowered, the 
colour changes to yellow and becomes a 
brilliant orange red at the temperature of 
liquid air. 
The volume of emanation at normal tem- 
perature and pressure, in equilibrium with 
1 gram of radium, is found by experiment to 
be 0.62 cubic mm. This is also the value 
calculated on the assumption thàt the emana- 
tion molecule consists of single atoms, so that 
the agreement between theory and experiment 
directly proves the monatomic nature of the 
molecule. The atumic weight of radium 
emanation is 222,0, four units less than that 
of its parent, radium, which has lost an a 
particle in the process of disintegration. 
Radium emanation is soluble in water, the 
coefficient of solubility being about. 0.3 at 
ordinary temperature and 0.12 at 80 0 C. It is 
more soluble in petroleum and tuluene, the 
solubility coefficients being 9.5 and 11.7 
respectively at ordinary temperature. 

 (18) ACTIVE DEPOSITS.-Bodil)s winch bave 
been exposed for some time to the emanations 
from radium, thorium, and actinium acquire a 
temporary activity of their own, O\\ing to the 
deposition of active matter on their surfaces. 
This "active deposit" consists of the dis- 
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integration products of the emanation which, 
in each case, are non-volatile at ordinary tem- 
pel'atures and have a relatively short period of 
life. 'V hen the emanations are allowed to 
decay in a strong electric field Rutherford 
found that the activity wag confined entirely to 
the negative electrode, which indicates that 
the carriers of the active material must be 
positively charged. O"ing to the fact that 
these products are produced from the emana- 
tion by the expulsiun of a particles, it would 
be expected that the active deposit would be 
negatively charged. This apparent anomaly 
may be explained as follows. The atom 
emitting the a particle recoils and collides with 
the gas molecules in its path. During these 
collisions negative electrons are shaken out 
of the recoiling atom, which in consequence 
acquires a positive charge. Evidence in sup- 
port of this view is the fact that a particles 
emitted by an active material are accompanied 
by a large number of ô particles which, as we 
have already seen. are slmv speed negative 
electrons. 
The active depo
it may be concentrated and 
collected on a metal surface or a wire by making 
the latter the negative electrode inside a metal 
vessel containing the emanation, the vessel 
itself being connected to the positive pole of 
the source of potential. The potential gradient 
necessary to concentrate the whole of the 
active deposit on the negative electrode varies 
according to circumstances. It will, in general, 
be the same as that necessary to produce 
" saturation" of the ionisation current through 
the gas under the conditions of experiment. 
Higher potential gradients than 50 volts per 
centinwtre are seldom necessary except in the 
case of intensely radioactive preparations or 
when the area of the surface to be covered 
with the deposit is very small. 
To collect thorium and actinium active 
deposits the arrangements shown in Fig. 14 are 


+ 



t 



 
(a) 


FIG. 1-1. 


C'onvenient for concentrating the deposits on a 
wire and on a plate respectively. The active 
material is placed in a shallow dish in each 
case, and the emanation escaping from it 
allowed to diffuse into the vessel. As it decays 
it produces actÌ\
e deposit which is driven by 
the electric field to the cathode, a wire in the 
one case and a plate in the othe:r. To obtain 


the ma:ximum actÌ\ ity the surfaces should be 
exposed for three hours in the case of actinium 
and three days in the case of thorium. It 
i::;, uf course, advisable to use the salts that 
are the best emanators in each case. It is 
also an advantage to keep the salt slightly 
damp. 
The above arrangements are not suitable 
in the case of radium on account of the long 
life of the emanation and its tendency to 
remain occluded in the radium salt. In this 
case the radium salt is dissolved in hydro- 
chloric acid. The solution is placed in a 
I stoppered bottle and kept positively charged 
by means of a wire which dips into it. The 
surface to be coated "ith active deposit is 
suspended above the solution in the bottle 
and is charged negatively. An exposure of 
three hours suffices to collect the maximum 
amount of actÎ\Te deposit. 
In dealing "ith large quantities of radium 
the above method is unsuitable, because the 
stopper has to be removed when the surface 
to be coateà is inserted into the bottle, with 
the result that an appreciable amount of 
emanation is lost. Also part of the emanation 
remains in solution and does not contribute 
to the activation of the surface. The follow- 
ing method, which diminishes the risk of any 
loss and makes the best 
use of the radium, is 
always employed when 
large quantities of radium 
are dealt with (Fig. 15). 
The emanation is first 
of all collected over mer- 
cury in the glass tube A. 
This is then introduced 
into the mercury reservoir 
.:\1. The wire w which is 
to be coated with active 
deposit is sealed into the .FIG. 15. 
bent glass tube T and is 
connected to the negatÎ\ye pole of the 
battery. It is surrounded by an iron sheath 
F which fits the tube A and is in metallic 
contact with the mercury which is connected 
to the positive pole of the battery, It is 
advisable to use a high potent,ial gradient in 
order to collect as much of the active material 
as possible-even 1000 \Tolts per centiruetre 
may be necessary in some cases. It is also 
preferable to use a platinum wire on which 
to collect the active deposit, as it is often 
necessary to dissol\ye the latter in strong acid 
or to volatilise it by exposure to a high 
temperature. 

 (19) RADIOACTIVE RECOIL. - Since the 
mass of the a particle is equal to that of a 
helium atom (6.56 x 10- 22 gm.), and it is ex- 
pelled at a high velocity from the atom, it 
possesses considerable momentum. At the 
moment the a particle is expelled thp residue 
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of the atom acquires an equal and oppositp 
momentum and recoils at a considerable 
velocity. The recoiling atom is, therefore, 
able to penetrate a certain thickness of matter 
before it is brought to rest, and may even 
leave the surface upon which the radioactive 
product is deposited and be concentrated on 
another surface by the application of an 
electric field. It is possible in this way to 
separate certain disintegration products from 
the parent atoms. 
Consider, for example, a surface made 
active by a short exposure to radium emana- 
tion. Immediately after removal from the 
emanation the activity is almost entirely due 
to radium A. An atom of radium A dis- 
integrates with the expulsion of an a particle 
whose velocity is 1.77 X 10 9 cm. per second. 
The atomic weight of radium B-the residual 
part of an atom of radium A after the expulsion 
of an a particle-is 214, so that by the principle 
of momentum its velocity of recoil will be 
3.27 x 10 7 cm. per second. An atom of radium 
B therefore lea.ves the active material with 
this velocity, but since its kinetic energy is 
small (compared with that of the a particle) 
it will be able to penetrate only a very small 
thickness of matter-it will be stopped by one- 
tenth of a millimetre of air at atmospheric 
pressure. A recoiling radium D atom from 
radium C has a "range" of 0.14 mm. in air 
at atmospheric pressure. Since the range of 
the recoil atoms is so short, it is necessary for 
successful separation by recoil to obtain the 
active material in the form of a thin uniform 
deposit on a carefully polished surface. This 
is supported in a good vacuum opposite to 
the surface on which it is desired to collect 
the recoil product, and connected to the 
positive pole of a battery. Almost all the 
recoil atoms moving away from the active 
plate, which is half the total number, may be 
separated in this way. 

 (20) THEORY OF SUCCESSIVE TRANSFOR1\IA. 
TIONS.-A full description of the theory of 
successive transformations of radioactive 
matter will not be attempted here. A few 
simple cases only will he considered which 
will illustrate the application of the theory 
to practice. 1 
(i.) Decay of Thorium Active Deposit.-The 
active deposit of thorium consists of the 
members of the thorium series included 
below thorium emanation in Table I., and of 
these only the first three need be taken into 
account when making a ray measurements. 
The products thorium A and thorium C emit 
a rays whilst thorium B emits soft ß rays. 
Further the period of thorium A is only 0.2 
second, so that the active deposit after removal 
from the emanation will behave as if it con- 
I See 
Iakower and Geiger, Practical Jleasurcments 
in Radioactil.'ity, p. 80. 


sisted only of two su bstanc('s, namely thorium 
B and thorium C. . 
(a) Short Exposure to Emanatiull.-In this 
case the plate to be made active is exposed 
to the emanation for a few minutes and then 
removed. The plate is then transferred into 
an a-ray electroscope; in the cúurse of this 
transference, unless it is carried out exce('d- 
ingly rapidly, the thorium A is completely 
converted to thorium B. Assuming that the 
thorium A has all changed into thorium B by 
the time observations are commenced, the 
activity of the deposit at the beginning is due 
entirely to ß rays from thorium B, and con- 
sequently is very feeble. As the thorium B 
disintegrates with the production of thorium 
C, an a-ray product, the activity rapidly rises 
and reaches a maximum value in about four 
hours (see curve ABC, Fig. 16). It then 
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FIG. 16. 


decreases and finally decays exponentially with 
the period of thorium B. 
The rate at which the activity varies \\ith 
time can be calculated if it be assumed that the 
influence of thorium A is negligible and that 
initially there is only thorium B present. This 
product disint
grates in accordancp with Table 
I., thorium B into thorium C, and thorium C 
into thorium D. 
Let P and Q be the number of atoms of 
the products Band C respectively present at 
a certain instant, then the rate of increase 
of thorium C will be given by the difference 
between the amount of thorium C produced 
by thorium B and the amount of thorium C 
disintegrating into thorium D. so that 
dQ 
-dt=X 1 P-^2Q, . (1-1-) 


where ^I and ^2 are the radioactive constants 
of Band C respectively, and P is given by 
the equation 


P= Poe- ^It, 


(13) 


where Po is the initial number of atoms of 
thorium B present. The amount of thorium C 
present initially is zero, so that when t = 0, 
Q =0, and the solution of equation (14) may 
be shown to be 
Q= P_O\I . [e-^lt- e -^2 t ] (16) 
^2 - 
1 
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This equation should give the same curve as 
ABC in Fig. 16, when the correct values of 
I 
and ^2 are substituted in it. 
The experimental curve shows a maximum, 
and the time at which this maximum occurs, 
obta.ined from (16), is given by 
1 ^I 
t m = ^ _^ . log 
. (17) 
122 
The values of the radioactive constants ^I 
and ^2 may be deduced from the experimental 
curve ABC. The end portion BO of this 
curve follows a simple exponential law, the 
decay being governed by the period of the 
product of longer life. Hence the value of 
one of the transformation constants is im- 
mediately obtained. From equation (16) the 
curve is made up of two exponentials. Extra- 
polating the curve BO back to zero and 
su btracting the experimental curve from it, 
another exponential curve is obtained, repre- 
sented in the figure by curve EE. This gives 
the value of the second transformation con- 
stant. To decide to which product each of 
the constants is to be assigned, it would be 
necessary to separate the two products and 
eÀamine the rate of decay of activity for each 
separately. 
The theory of a short exposure to actinium 
emanation is the same as that for thorium, 
but in this case the maximum occurs after 
nine minutes, and in consequence exposure to 
the emanation must not last for more than a 
fraction of a minute. 
(b) Long Exposure to Emanation.-It will 
be assumed here that the exposure is so long 
that the products have had time to reach a 
state of radioactive equilibrium. If no be 
the number of atoms of thorium A deposited 
per second from the source, then 
no= ^IPO= À 2 Qo= 
3Ro' . (18) 
where Po' Qo, and Ro are the quantities of the 
products B, 0, D present when equilibrium 
has been reached. 
Combining equation (18) with equations 
(14) and (15) we obtain the equation 
Q= À)PO [ e-^-lf _ 
I. e-^-2t J , . (19) 
^2 - ^I ^2 
which gives the number of atoms of thorium 
o present at any time after the termination 
of the exposure. This curve is again made up 
of two exponentials, and the values of ^I and 
^2 may be deduced in a similar manner to 
that described above. 
It should be mentioned that the same 
activity curves would be obtained with thorium 
and actinium if the activity were measured by 
means of the ß rays instead of the a rays as 
above. 
(ii.) Decay of the Active Deposit of Radium.- 
It will be observed from Table I. that the 


period of radium A is comparable with the 
periods of the products which follow it, and 
on this account the case of the decay of the 
active deposit of radium presents more diffi- 
culty than that of thorium or actinium. 
Supposing that there are P, Q, and R atoms 
of radium A, radium B, and radium 0 present 
at a certain time t, the amount of each will 
vary according to the follü\\ing equations: 
dP 1 
:
 = -
lP. 
-dt =ÀIP-^IQ, f ' 
dR 
([i= ^2Q - 
3R. 


(20) 


In the case of a short exposure to the emanation, 
when only radium A will have had time to be 
deposited, Qo = Ro = 0, when t = 0, and the 
above equations become 
P=Poe-^-lt, ì 
Q= ^:I

I . [e-^-lt- e -^2tJ, ' f (21) 
[ e - ^It two similar ] 
R=À I ^2 P O ( ^2- ^1)(^-3- ^I) + terms ., 
In the case of a long exposure, the initial con- 
ditions, when the deposit is removed from the 
emanation, are 


ÀIPO= :\2QO= À3 R O' 


(22) 


whence 


P=Poe-^J, 
Q=Qo [ 
2- . e- \l + 
 . e- ^l J , 
^2 - ^I ^I - ^2 
[ - ^ t t . . 1 ] 
R=Ro 
2
3e 
 + wo Slml ar . 
(^2-^1){\3-^1) terms 


1 
;>(23) 
J 


These equations enable the numbers of atoms 
of radium A, radium B, and radium 0 present 
at any time after a short or a long exposure 
to be calculated. 
Radium A and radium C both emit a rays, 
whilst radium B and radium C emit ß rays, 
and on this account the activity curves will 
be different according to whether the a rays 
or the ß rays are employed for measuring 
the activity. 
The a-ray actiyity :\1 is given by the equa- 
tion 


)1= ^-IP + k^-3R, . 


(24 ) 


where k is the ratio of the ionisation produced 
by an a particle from radium 0 to that produced 
by an a particle from radium A under similar 
conditions. The ß-ray activity N is given by 
the equation 


N =\2Q +l\3 R , . 


(25) 


where 1 is the ratio of the ionisation produced 
by a ß particle from radium 0 to that produced 



590 


RADIOACT[VITY 


by a ß particle from radium B. The theoreti- 
cal curves calculated from these equations, 
when appropriate values are inserted for the 
ratios k and 1, are shown in Fig. 17; curves 
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FIG. 17. 
(1) and (2) show the yariation of a-ray activity 
of radium active deposit after a long and a 
short exposure respectively to the active 
material; curves (3) and (4) the variation of 
the ß-ray activity of radium C only after a 
long and a sh01t exposure to the active material. 
The curves do not give the relative magnitudes 
of the ionisation currents produced by the 
a and the ß rays respectively. 
The above cases will suffice to show the 
usefulness of the theory to calculate the decay 
curves of radioactive products. A fuller ac- 
count of the theory and its application will be 
found in Rutherford's Radioactive Substances 
and their Radiations. 

 (21) CHEMICAL CHARACTER OF THE RADIO- 
ELE:\IE.xTs.1-Each of the radio-elements ap- 
pearing in Table L has distinct chemical as 
well as radioactive characteristics, and although 
many of the products are exceedingly short- 
lived their complete chemical properties have 
been unra vdled. In some instances the radio- 
active product may be prepared" chemically" 
pure, in \vhich case its properties may be 
examined by chemical methods similar to 
those adopted in the case of ordinary elements 
-radium salts were prepared by Madame 
Curie sufficiently pure to carry out an investi- 
gation on the atomic \veight of radium. In 
other cases a product may be obtained" radio- 
actively" pure, in which case it is entirely free 
from other radioactive material, but is mixed 
with a certain amount of inactive matter. 
This may be the case when a radioactive 
substance is separated by precipitating it in 
the presence of an element resembling it in 
chemical properties. Lastly, a product may 
be prepared "radio-chemically" pure, in 
which the radio-element may be mixed with 
a certain amount of inactive matter, but is 
free from substances chemically analogous to 
itself. Such is the case with a product 
prepared by the method of recoil or as active 
deposit. The inactive material present in 
the last two cases will not interfere with the 
detection and measurement of the radioactive 
1 See Soddy, The Chemistry of the Radio-elements, 
p. 43. 


substance, hut it will absorb the radiation 
emitted, a correctio!l for which can be applied 
if necessary. 
The results of the purely chemical study of 
the radio-elements has led to the division of 
the elements into two main classes: 
(a) Those which possess distinct radioactive 
properties, but whose chemical characters are 
already completely known; and 
(b) Those which, in addition to possessing 
a characteristic and di
tinct radioactivity, are 
new in chemical properties. 
An instance of the first class is ionium. It 
resembles thorium more closely than any 
other member of Group III. of the Periodic 
Table and is found to be chemically identical 
in propertit's with it. The radioactivity of 
ionium is quite unique and different from any 
other radio-element, but in its chemical nature 
it is not new. All its chemical properties may 
be inferred from those of thorium, which can 
be obtained in large quantities, whereas ionium 
itself occurs in infinitesimal q uan tities, a!ld 
even then it cannot be obtained "radio- 
chemically" pure, because thorium is present 
in all the minerals from which it may be 
obtained. 
An instance of the second class is radium. 
It resembles barium very closely but not 
absolutely. In this case the chemical as well 
as the radioactive properties are unique, and 
we have a new type of chemical element. 

 (22) POSITION OF RADIO-ELEMENTS IK THE 
PERIODIC TABLE.-It was pointed out hy 
Soddy that the expulsion of an a particle 
caused a change in the position of a radio- 
element in the periodic table by two places 
in the direction of diminishing mass. Fajans 
also drew attention to the fact that in a 
transformation in voh-ing the emission of ß 
rays the resulting product is more' electro- 
negative than the parent substance. .Further 
knowledge of the chemical properties of .the 
radio-elements has led to a complete general- 
isation as to the relation of the position of the 
radio-element in the periodic system and the 
nature of the change in which it is produced. 
The generalisation was independently arrived 
at by RusselI,2 Fajans,3 and Soddy,4 and may 
be stated thus: 
In an a-ray transformation the product falls 
into a group two places lower than that to 
which the parent substance belongs, whereas 
in a ß-ray transformation the product fall
 
into a group one place higher than the parent 
substance. 
The resl'lltant grouping of the radio - ele- 
ments is shown in Ta-ble Y. It will hI"' 
observed that the a-ray changes are far 
more numerous than the ß-ray changes, and 


2 Rns::;el1, ('hem. Nell's, 1M3, ('vii. 49. 
3 Fajans, Phus. Zeits., HH3, :xiv. 131 amll36. 
4 Soddy, ChP1n. News, 1913, eviL 97. 
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in consequence there is a movement from 
the right to the left eÀtending over the last 
tweh"e places in the periodic table from 
uranium to thallium. The members in the 
vertical columns of the table are non-separable 
from one another and from the tit Ie element, 
except when this is enclosed within brackets. 
Thus uranium Xl' ionium, radio-thorium, and 
radio-actinium are all chemically identical 
with thorium; they belong to the first class 
mentioned above, all their chemical pro- 
perties being known "by proxy." To the 
second class of radio-elements belong, for 
example, mesothorium 1, thorium X, and 
actinium X, which are all chemically identical 


these elements; such tests would only dis- 
tinguish between elements in different columns 
of the table, and consequently, would ùnly 
pick out t.en kinds of radio-elements, whereas 
radioactivity tests would show the existence 
of thirty-four, so that separate places in the 
periodic table do not correspond with single 
elements necessarily, but "ith single chemical 
types of elements. 
"Then uranium I loses an a particle with 
the production of uranium Xl' each atom of 
uranium Xl is deficient of two positive charges. 
Uranium Xl changes to uranium X 2 , anå 
uranium X 2 to uranium II, with the loss of a 
ß particle in each case, which brings the charge 
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with radium. Elements of the first class are 
similar to one or other of the last five elements 
in the periodic table, namely, uranium, thorium, 
bismuth, lead, and thallium. The members 
of the second class, which are new types of 
chemical elements, are identical with one or 
other of five new elements, namely, radium, 
pokmium, actinium, the emanations, and 
,. eka-tantalum." The chemistry of radium 
and the radium-emanation is completely known, 
and consequently all the other elements in 
the same column in the table are definitely 
knnwn. Hence, apart from actinium, polon- 
ium, and "eka-tantalum," the chemistry of 
the whole of the radio-elements is known. 

 (23) IsoToPEs.-Elements with identical 
chemical properties are called "Isotopes," 
thus radium B, radium D, thorium B, and 
actinium B are aU isotopes of lead. Chemical 
tests" ould not be able to distinguish between 
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on the atom to the same value as it had before 
any transformation took place. Uranium I 
and uranium II are identical in chemical 
character, and the net charge on the nucleus 
of each of the atoms is the same, but owing to 
the loss of an a particle in the transformation 
the masses of the atoms differ by four units. 
Hence it would appear t.hat it. is the net 
charge on the nucleus of the atom and not its 
mass that determines its chemical propert.ies. 
Since the expulsion of an a particle displaces 
the element two places in one direction and 
the expulsion of a ,ß particle displaces it one 
place in the opposite direction, each of the 
successive places in the periodic table corre- 
sponds with unit difference in the net positi\-e 
charge on the nucleus of the atom. The 
magnit.ude of the positÌ\
e charge is now 
known to be exactly equal to the number of 
the element in the periodic; ta.ble when the 
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elements are arranged in order of atomic 
weight. This number is called the" atomic 
number" of the element. Thus the atomic 
number of hydrogen is 1, helium 2, etc., up 
to that of the last and heaviest atom of 
uranium "ith atomic num her 92. 
Not only do the isotopic elements possess 
the same net nuclear positive charge and the 
same number of electrons in their external 
systems, and are chemically identical and 
inseparable; their common purely physical 
characteristics, such as spectrum and vola- 
tility, are also found to be identical. 
It has recently been found that this pro- 
})erty of isotopislll of the elements occurs 
frequently amongst the elements. Aston 1 
has found that neon, for instance, is a mixture 
of two isotopic gases of atomic weight 20.00 
and 22.00. Similarly chlorine contains no 
atoms of atomic weight 3.3.46, but consists 
of four isotopes with atomic weiahts 35.00 
3ü.00, 37.00, and 38.00 respectivel;. Severai 
other elements have been examined, the 
conclusion arrived at being that all the atomic 
weights, except that of hydrogen, are exact 
integers, and that the fractional values found 
for some of the elements are due to a mixture 
of two or more isotopes. 

 (24) THE END PRODUCT.-The ultimate 
products of all the disintegration series in all 
branches end in the same place in the periodic 
table, namely, the place occupied by lead. 
The atomic weight of ordinary lead is 207.2. 
According to theory, lead })roduced from 
uranium should have an atomic .weight 206, 
and that from thorium an atomic weight 
208. Hence lead prepared from uranium 
minerals should have a lower atomic weight 
than that prepared from thorium minerals. 
Experiment 2 has shown this to be the case. 
the atomic weight of radio-lead from uraniun
 
minerals has been found to be 20(}'05 and 
that of radio-lead from thorium 207.9. Prob- 
ably ordinary lead is a mixture of these two 
isotopes. It has also been found by experi- 
ment that the densities of the different kinds 
of lead are different just in proportion to the 
differences in their atomic weight, hence their 
atomic volumes must be the same, which is 
to be expected if isotopic atoms have identical 
shells of electrons but nuclei of different 
nlasses. 
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I. INTRODUCTORY 

 (1) 
HE 
ATURE OF' X.-RAys.-The study of 
the. 
-ra!s nm: OCCUpIeS such a prominent 
posItIOn III phYSICS and medicine, and has led 
t
 su?h mome
t
us. results in a variety of 
dIrectIOns, that It IS dIfficult to realibe that it is 
only 2.3 years ago that the rays were discovered 
by Professor Röntgen, and that it ,vas only just 
pri
r to the war that a long controversy' as to 
theu nature was stilled. 
The problem had attracted many minds for 
the .ability of the rays to }Jass thr
ugh Ol)
que 
bodies was wholly unprecedented. The ex- 
plana
ion of the. anomaly was obviously bound 
up with the nature of the rays, but, despite 
shrewd guesses, the secret was withheld from 
us for nearly 20 years. 
'Ve now know that the X-rays are another 
manifestation of radiant energy, of which light 
a
ld heat are familiar examples. Inùeed, the 
X-r
ys resemble light rays in almost every 
partICular, the chief difference being that the 
X-rays have wave-lengths about 5000 times 
shorter. It was this very minuteness of wave- 
length-a distance of the same order as the 
sizes of atoms-that defeated all our earlier 
attempts to direct and sort out the rays. AU 
our highest quality polished surfaces are 

nconceivably rough for such a purpose, and 
It was not until Nature herself was Íound to 
have provided an instrument of the requisite 
delicacy-in the shape of crystals which can 
function as Jiffraction gratings - that we 
b
gan to analyse and sort out X-ray beams 
wIth much the same ease as in the case of 
visible light. 
There are further parallelisms between X- 
rays and light rays. For example, we know 
that the spectrum of a hot boùv consists under 
suitable conditions of white li
ht (which is a 
. 0 
mIxture of all wave-lengths), superpospd on 
which are certain spectrum lines whose wave- 
lengths are characteristic of the radiating 
material, e.g. the D lines of sodium, the Hand 
K. lines of calcium. In just the same way an 
element when caused to emit X-rays not only 
gives out general radiation (which is a con- 
tinuous spectrum of wave-lengths) but under 
suitable conditions impresses its own charac- 
teristic lines - K, L, :\1- on the general 


3 See also" X-Rays," Vol. II. 
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ra.diation. It should be added, however, that 
the X-ray spectrum of an element is much 
simpler than its light spectrum. 
Just about a single octave of light waves are 
visible to the eye. Their spectroscopic exam- 
ination has been conducted mainly with the 
diffraction grating, the distance between the 
rulings of which is comparable with the wave- 
lengths to be measured. \Vith the help of 
special gratings and vacuum Rpectrometers, 
Schumann, Lyman and )Iillikan have extended 
the measurements some 4 octaves onwards into 
the ultra- violet. Then comes a gap of 4 octaves 
of rays in a region not yet explored, and finally 
some 7 or 8 octaves of X- and gamma-rays, of 
which the -radiologist uses about 3 octaves 
(Fig. 1). 
It is interesting to note that the gap between 
X-rays and ultra-violet rays has in a sense been 
already bridged, for l\IiJIikan has recently 
found the characteristic X-ray lines of carbon 
in the extreme ultra-violet region. 
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wave is very high and we get a high-frequency 
or "hard" X-ray. If the change of speed is 
less, the frequency is less and we get a " softer" 
or less penetrating ray. \Yith much slower 
electrons, light rays may be similarly produced. 
Always, however, we find that the frequency of 
the wave i8 proportional l to the energy change 
of the electron. There will be a proportion of 
encounters where the whole of the energy is 
transferred, and in these eases the frequency 
will reach an upper limit. Below this limit we 
find every "ariety of energy-content depend- 
ing on the energy of the electron involved. 
The reverse effect is equally true. If X-rays 
(or light rays) strike a substance they may 
give up all their energy to moving electrons, 
or they may give up only a part, the rest 
being transferred to a series of groups of rays, 
all characteristic of the atom of the material. 
The energy balance-sheet can be fully set out. 
the several items all being definite and specific. 
The relation is not quite so simple as the 
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The study of this missing group of octaves 
bristles with interest and difficulties. It would 
seem a'3 if a big absorption band were included; 
at either end of the gap the vacuum spectro- 
meter is necessary. 
Ioreover, it almost looks 
as if the grating method would fail us over this 
region. The wave-lengths are too small for 
our artificial gratings and too big for crystal 
gratings. \Ye may have to wait for a new 
weapon of attack. 
Following is a short table of some of the 
wave-lengths, in Ângström units, i.e. 10- 8 em. : 
Visible light 7200-4000 
Ll.tra-violet light 4000-200 
X-rays 12 to 0.96 
-y-rays 1.4 to 0.01 
9 (2) X-RAYS A
D ELECTRO
s.-Experiment 
has shown the most intimate relationship 
between the X-rav and the electron-either is 
the manifestation 
 of the other. The electron, 
the unit of negative electricity, is the active 
manifestation of the X - ray - innocuous in 
itself. \Yhenever an electron has its speed 
suddenly altered, an electromagnetic wave is 
produced. If the alteration of speed of the 
electron is very great the frequency of the 
VOL. IV 


general case, but the exchange and partition 
of energy are equally precise. 
The reversible process we have just described 
is of universal application in Nature. There 
is, for example, little doubt that the X-rays 
play a prominent part in atmospheric elec- 
tricity. The earth is not an electrically neutral 
body, but its surface may be considered to be 
covered with a layer of negative electricity, and 
this give8 rise to an electrical field in the atmo- 
sphere. The rate of alteration of potential is 
found to decrease with the altitude; the 
potential gradient being about 130 volts per 
metre on the ground and only about 2 volts per 
metre at a height of 9 kilometres-as we know 
by balloon tests. In other words, the atmo- 
spheric conductivity steadily increases the 
higher we go, and the rapidity of tbe increas(' 
suggests very large val ues at greater heights. 
Some of this conductivity, we know, is due 
to radio-active emanations from the soil, but 
we are led to infer from the increase of con- 
ductivity with height that the majority is 
due to some agent external to our globe. 
l\Iodern opinion favours the view that the 
effect is produced by very high-speed electrons 
1 
ee " Quantum Theory," 
 (3). 
2Q 
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ejected from the sun with very nearly the 
speed of light itself. Some of these strike the 
atoms of the outer atmosphere, very penetrat- 
ing X-rays are generated, anù thus the whole 
depth of the atmosphere may be permeated 
by these electrons through the intermediary 
of their more penetrating alias the X-rays. 
Thus the earth's negative charge which is 
being continually dissipated by the action of 
the potential gradient in the atmosphere is as 
steadily replenished by a current of electrons 
passing downwards. It may he added that 
the conductivity of the air diminishes at night 
and during a solar eclipse. 
One is tempted also to beIieve.that in view 
of the temperature and gigantic electrical 
disturbances in the sun-as Hale's work has 
shown and Eddington's speculations would 
indicate-there may be an emission of X-rays 
from the sun itself. 
One other source of X-rays in Nature may 
be referred to-the 'Y radiation of the radio- 
active elements. It will suffice to say that 
while some of the 'Y-rays can be exactly 
imitated, others are much more penetrating 
than any X-ray we have been able to generate 
artificiall y. 
Although the electron is u biq uitous, it 
escaped detection until Crookes conducted his 
famous experiments in discharge tubes at low 
pressures, and so reduced the number of 
molecules present that instead of the electron 
being absorbed and suppressed within a mm. 
or so, as it would be at atmospheric pressure, 
it could now travel great distances without 
encountering more than say, 100 or so atom8, 
the majority of which it passed clean through 
without' being deviated in any way. The 
high speed it received from the potential in 
the discharge tube gave it, so to speak, an 
innings. 
We have anticipated matters somewhat, but 
it ,viII now be convenient to review the main 
features of a discharge tube and their historical 
development. 

 (3) THE PHENOMENA OF A DISCHARGE 
TUBE. - \Vhen a high-potential discharge 1 is 
passed between two electrodes "ithin a glass 
tube, the gas pressure in which is gradually 
reduced, the tube displays a succession of 
appearances which vary with the pressure. 
At atmospheric pressure the discharge takes 
the form of a spark which, as the pressure is 
lowered, loses its noisy character and is 
replaced by a bundle of irregular streamers, 
which, after a time, broaden out and fill the 
bulk of the tube with a pink glow, kr..own as 
the positive column. 
At a pressure of a few millimetres of mercury 
the cathode (the electrode by which the current 
leaves the tube) slowly becomes covered with 
1 See also 'C Electrons and the Discharge Tube," 
Vol. II. 


a luminous glow-the negative glow-while 
between the positive column and negative 
glow comes a da.rker region, diffuse in outline, 
called the Fßraday dark-space. All this time 
the rar('fied air is increasing in conductivity, 
as evident'ed by the shortening of the alterna- 
tive Rpark gap. 
As the eJ\.haustion proceeds the pORitive 
column may hreak up into thin fluctuating 
striations, which presently widen and diminish 
in number. The negati,ye glow proceeds to 
detach itself from the cathode, while a new 
film forms and spreads over the surface of the 
cathode. The two parts of the negative glow 
are separated by a d<.1rk region called the 
Crookes or cathode dark-space, the outline of 
which is sharply defined and runs parallel with 
that of the cathode. As the pressure is 
reduced the dark-space iñcreases in size, its 
thickness often being used as a rough measure 
of the pressure. 
At still higher rarefactions both positive 
and negative glows become darker and more 
indefinite, and the cathode dark-space grows 
until finally its boundaries touch the glass 
walls of the tu be, which then begin to fluor('sc('. 
l\Ieanwhile the conductivity of the rarefied 
gas has b('en steadily lessening until, finally, 
it is possible to get the exhaustion so complete 
that no discharge can pass. 

 (-1) CATHODE RAys.-The study of the 
fluorescence of the glass wall was initiated by 
Plücker in 1859. He was followed in the 
'seventies by Hittorf and Goldstein in Germany, 
Puluj in Austria, and Crookes in England. It 
was soon ascertained that the fluorescence was 
produced by some form of radiation (called 
Kathodenstrahlen by Goldskin) which sets 
off from the cathode and travels in straight 
lines. }'or nearly thirty years the English 
and German schools of physics disagreed as to 
the nature of the cathode rays, hut Sir J. J. 
Thomson in 1
97-98, in a series of classical 
experiments, was able to show that the cathode 
rays were bodies of sub-atomic size, moving 
with prodigious vdocities, velocities which are 
comparable with the speed of light. John- 
stone Stoney had previously suggested the 
name electron for the unit of electricity, and 
the suitability of the expression for the cathode 
rays ,vas at once recognised. Thomson showed 
that each cathode ray had a mass about 
1/1800 of that of the hydrogen atom and 
carried a negative elect.rical charge, agreeing 
in amount with that carried by the hydrogen 
ion in liquid electrolysis. 
The bulk of the great energy of the cathode 
rays is dissipated as heat when the rays strike 
an obstacle. If the rays are concentrated by 
using a concave cathode or oth('r focussing 
device" enormous heat can be benerated with 
heavy diRcharges. Cathode - ray furnaces, 
working on this principle. have been con- 
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structed, in which 2.ny known metal can be 
melted or vaporised. 
By reason of their electric charge cathode 
rays are readily bent under the action of 
electric or magnetic force, and this property 
of the rays has found practical application in 
Bra/un tubes and other forms of oscillograph. 
The cathode rays, having no inertia, are able 
to follow the most rapid vagaries of an electric 
or magnetic field. 

 (3) POSITIVE RAYS.-In 1886, Goldstein, 
using a perforated cathode, noticed that a 
stream of rays emerged from the tube in a 
direction opposite to that of the cathode rays. 
"'ien later observed that these "Kanal- 
strahlen" carried a positive charge. The 
deflection in electric and magnetic fields 
showed that the positive rays 1 (as they were 
called later by Sir J. J. Thomson) "erè molec- 
ular in size. J. J. Thomson and Aston have 
done extended work on the subject and 
derived highly important results. Positive 
rays play an important part in gas X-ray 
tubes, as we shall see presently. 
9 (6) DISCOVERY OF X-RAYS-RÖKTGE
 
RAYS.-It was in the autumn of 189,j that Pro- 
fessor 'V. K. Röntgen at 'Vürzburg, Bavaria, 
diqcovered the rays which now bear his name. 
During the course of a research on invisible 
light rays, he had enclosed a discharge tube 
within a screen of stout black paper. On 
passing the discharge he noticed that a 
fluorescent screen, lying on a table some 
distance away, shone out brightly. By inter- 
posing obstacles R,öntgen traced back the 
unknown or" X" rays to their source, 
which proved to be the region of impact of 
the cathode rays on the walls of the tube. 
The feature of the new rays was their uncanny 
ability to penetrate many substances quite 
opaque to light. The degree of penetration 
was found to depend roughly on the density. 
For example, flesh is more transparent than 
bone, and accordingly the bones stand out 
dark in the shadow caused on a fluorescent 
screen. Räntgen saw at once the immense im- 
portance of his discovery to surgery, and com- 
municated his results to the Physico-
Iedical 
Society of \V ürz burg in 
 ovem bel' 1895. 
The main features of the rays were soon 
discovered by an army of workers, It was 
found, for example, that X-rays travel in 
straight lines, cannot apparently be refracted 
or reflected, do not carry an electric charge. 
and possess the property of ionising or impart- 
ing temporary electric conductivity to a gas. 
9 (7) DETECTI
G THE RAys.-Although X- 
rays are not in the visible spectrum they can 
be detected photographically or by their 
power of exciting fluorescence in 
creens made 
of salts such as barium platino-cyanide, or 
calcium tungstate. Another method makes 
1 See" Positive Ra
.s," Yol. II. 


use of the ionising ability of the rays and 
measures the conductivity so produced in a 
gas. Certain chemical reactions are also 
induced by the rays and can be made to 
serre as the basis of various methods of 
detection and measurement. 
X-rays can penetrate all substances to a 
greater or less degree, and in general the 
shorter the wave-length the higher is the 
penetrating power. The penetrability of a 
material by a given beam of rays is governed 
by the number and mass of the atoms it 
encounters, that is, by the atomic weight and 
thickness. Chemical combination or tem- 
perature is "ithout effect on the absorbing 
power of an atom. 'Ye have already men- 
tioned that the rays travel in straight lines, 
and thus it will be seen that an X-ray photo- 
graph or radiograph is essentially nothing but 
a shadowgraph. Radiography was the first 
and still remaLfls the most important applica- 
tion of the rays, and in the hands of the medical 
man has found enormous application. The 
late war brought this home in unexampled 
fashion, and the sef\
ices which radiology then 
rendered can scarcely be overestimated. 
The subject is referred to later, but mention 
may here be made of the necessity of protecting 
the X-ray operator from the rays. As many 
of the early workers discovered to their cost, 
indiscriminate exposure results in dermatitis, 
which may be followed by dangerous cancerous 
growths. 'Yith hard rays derangements of the 
internal organs and impoverishment of the 
blood corpuscles may result. X owadays every 
precaution is taken and such casualties rarely 
occur. Rea vy lead screening in some form 
limits the beam of rays and protects the 
worker. 


II. X-RAY TUBES 

 (8) E4RLY FOR
IS. -The vacuum tube 
"ith which Röntgen made his discovery had 
a flat cathod
, the cathode rays impinging 
on the glass walls. Experience soon showed 
the way to improvements. Campbell-Swinton 
inserted a platinum target obliquely in the 
path of the rays, and later Sir Herbert (then 
Professor) Jackson replaced the flat cathode by 
a concave one, so that the cathode rays were 
brought to a focus on the target. The result 
was that exposures were enormously shortened . 
and, owing to the small area. of emission of 
the X-rays, the resulting photographs were 
improved out of all recognition in definition 
and detail. 
The present-day method is essentially un- 
altered. The electrons (cathode rays) are given 
enormous speeds (of the order of 50 to 100 
thousand miles a second) by means of high 
voltages, and are directed on a heavy metal 
anticathode or target. As a producer of 
X-rays the arrangement is still extremely 
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ineffieient, although we take steps to increase 
the chances of an effective collision by choosing 
a target of high atomic weight or number. 
As already mentioned, almost all the C'nergy 
of the electrons -is degraded into heat, and for 
this reason it is essential that the target shall 
be of a very refractory metal. Tungsten (with 
a melting-point of over 3000 0 C.) is nowadays 
almost always employed for a target, though 
phl-tinum and other metals find application for 
certain purposes. 
The X-rays radiate uniformly in all directions 
from the focus, tntvelling in straight lines just 
as light rays radiate from a lamp. The X-ray 
bulb is comparable to an X-ra.y lamp, in which 
the voltage applied to the bulb corresponds to 
the temperature of a luminous lamp. If we 
raise the temperature of the latter we increase 
the intensity and at the same time shorten 
the average wave-length; so with the X-ray 
bulb, if we raise the voltage we increase the 
intensity and shorten the average wave-length. 
In practice the voltages employed range up 
to 200,000 or even more. The quantity of 
radiation is dependent on the current through 
the tube, anù a milliampere is a convenient 
measuring unit for the purpose. 
There are two main types of X-ray bulbs 
in use (a) the hot cathode tube, (b) the gas 
tube. The Cooliùge tube, invented by Dr. 
Coolidge in America, is the chief representative 
of the first class, in which the electrons are 
produced from a. cathode consisting of a spiral 
of tungsten wire, raised to a white heat by an 
electric current. The vacuum in the tube is 
very high, and no discharge can pass if the 
cathode is not heated. The Coolidge tube has 
the valuable property of precise and repro- 
ducible control with a gre:1t range, advantages 
which cannot be claimed for the gas tube. In 
the gas tube very complete exhaustion is not 
attempted; a trace of residual gas is deliber- 
ately left in the tube, and this serves as a 
constant source of electrons through sIwek 
ionisation. 
If we com pare the characteristic curves of 
these two types of X-ray lamps by plotting 
current against voltage, we find differences 
which are fundamental (Fig. 2). Under the 
conditionE" in which a gas tube operates the 
current increases steadily with the voltage, 
while in the case of the Coolidge tube the 
current i'3 independent of the voltage. [11 the 
latter case the current is limited only by the 
number of electrons emitted, which number 
increases or decreases with the temperature 
of the cathode filament. Thus we can alter 
either voltage or current independently of 
each other, and this fact gives the hot cathode 
tube a great advantage over the gas tube, in 
which independent control of voltage and 
current is impossible. 
The hot cathode tube thus utilises its 


" saturation ,) current, and for that reason is 
much less affected by changes in the waye 
form of the exciting potential than is a gas 


:FIG. 2. 


tube. On the other hand, the absC'nce of 
saturation in a. gas tube leads to a more 
effective use of very high voltages, and it i:::! 
found that, at any rate, at low gas pressures a 
gas tube gives about twice the X-ray output 
of a Coolidge tube for the same milliamperage 
and voltage (F1'g. 3, Dauvillier). But the gas 
tube is far from heing the equal of the (1()Olidge 
tube as regards control and reliability, though 
experience counts for a good deal. 
It may be added that both types of tube 
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give heterogeneous X-rays, and there is little 
to choose between them in this respect. 
9 (9) THE ELECTRODES OF AN X-RAY T"CBE. 
-The cathode of the present-day X-ray ga.s 
tu be is made of aluminium of robust design. 
It is mounted facing the anticathode or target, 
the distance between the two being a matter 
of nicety for the maker, who has to be guided 
largely by his experience 8Jnd knowledge of the 
work for which the tube is intended. TllP 
lower the pressure or the " harder" the tu he, 
the fa.rther the focus of the cathode rays 
recedes from the cathode and the smaller the 
focal spot. 
The material and size of the catho(]e are 
both important. Aluminium possesses advan- 
tages because it displays but little" sputtering " 
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or blackenmg, a feature which is common to 
almost all metals \, hen functioning as a 
negative electrode in a vacuum. Aluminium 
shows the effect but slightly, but with very 
heavy discharges the central portion of the 
cathode may be melted, the molten globules 
so formed being projected right across the 
tube in S
)Ille cases. Xo particular harm is 
usually don::-, except that the curvature of 
the cathode may be changed and the 
focal spot of the cathode rays moved in 
conseq uenee. 
The choice of metal for cathode is also 
important from the point of \?iew of the 
occluded gas. There is little doubt that in 
the case of a gas tube the gases contained 
within the metal of the cathode play an 
important part. This i
 probably the explana- 
tion \, hy some experimenters have found it 
useful to keep the cathode cool by some 
device. 
The cathode of a Coolidge tube is described 
later. 
S (IU) THE AXTICATHODE. -The primary 
essentials in an anticathode, whether for gas 
or hot-cathode tube, are: 
1. J.. high atomic number to secure a large 
output of X.rays. 
2. A high melting-point and a high thermal 
capacity to prevent the target fusing under a 
heavy discharge. 
3. A high thermal conductivity to assist in 
dissipat,ing the wa.ste heat. 
4. 
\.IO\v vapour pressure to avoid distillation 
and condensa,tion of the m
tal on the walls of 
the tube. 
In the light uf the above requirements, 
tungsten stands almost alone as a material 
for anticathodes. Platinum was at one time 
&.lmost exclusively employed, but tungsten 
has a much higher melting-point (3200 0 C. as 
against 17.3,)"' C.), has twice the thermal con- 
ductivity, and but a slightly inferior radiation 
value. 
The very large heating effects experienced 
by the anticathode of a modern X-ray bulb 
have provided scope for much ingenuity in 
getting rid of the surplus heat. The anti- 
cathode is in many tubes kept cool by means 
of a water resen?oir or a stream of air. In 
other cases the massiveness of the anticathode 
is increased by surrounding the tungsten 
target \\ith copper, the support of which 
extends to the outside of the tube and is 
there provided "ith radiating fins, incidentally 
necessitaEng some very fine glass manipulation. 

 (11) THE AxoDE.-The modern X-ray gas 
bulb is almost always provided "ith an 
additional anode of aluminium, which is 
connected externally with the anticathode. 
The precise benefits 
of the separate anode are 
distinctly doubtful, and in tubes of the 
Coolidge typc it finds no place. 



 (12) THE GAS TUBE.-The gas tube depends 
for its action on the presence of a few ions in 
the residual gas in the tube. These ions or 
electrified atoms have their velocities increased 
by the electric field, positive ions being drawn 
to the ca,thode and negative to the anode. The 
positive ions bombarding the cathode release 
electrons in abunda.nce which, being attracted 
to the anode, ionise freely by shock or collision 
those atoms encountered en route, generating 
lllore positive ions and more f'lectrons. The 
electrons which hit the target generate X-rays 
and the cycle of operations continues so long 
as the voltage is applied. 
The positive ions or positive atoms thus 
play a fundamental and essential part in the 
ionics of a gas tube. They are also responsible 
for one or two other effects, the elucidation 
of which has been very puzzling. One of the 
great difficulties in exact work with the gas 
tube is the continual tendency of the gas 
pressure to change. One would first look to 
the electrodes which, depending on the condi- 
tions, lllay either emit or absorb gas and do 
so control very materially the well-known 
,. crankiness" of a gas tube. But it is found 
that, provided the current i
 not too heavy 
to overheat the electrodes, there is a eontinual 
and apparently unlimited disappearance of 
gas, lllore especially at high voltages, and 
ultimately the vacuum becomes so high as to 
render the tube unusable. To cut a long story 
short we now know that some of the positively 
charged atoms of gas by reason of their high 
velocity (about 500 miles a second) actually 
crash into the glass walls of the tube and are 
mechanically trapped there, an effect which is 
enhanced by the presence of volatilised metal. 
)Iany devices have been introduced from 
time to time to overcome this hardening effect. 
In some cases, when the tube becomes too 
hard, the discharge is caused to pass through 
a small annexe containing absorbent material, 
such as asbestos, which liberates enough gas 
to soften the tube. 
\.nother method commonly 
employed is to rely on the diffusion of gaa 
through a small platinum tube, which can be 
heated by a small flame. 
If a gas tube is overloaded the result is 
sometimes to harden the tube, sometimes to 
soften it, depending largely on the behaviour 
of the cathode. Further, if the discharge is 
sufficient to make the target red-hot, it may 
then give off so much gas as to necessitate 
re-exhaustion of the bulb. 
A very commonly met source of failure of 
gas tubes is due to cracking of the glass, 
almost always in the region round the eathode. 
In many cases this is preceded by a roughening 
of the glass at this point. These effects are 
produced by positive rays striking the glass 
walls. The positi\?e rays are probably also 
r<,spunsiblc foT' thc melting of the aluminium 
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cat.hode under very heavy discharges. TllE
re 
is little doubt that the po::;itive ions produce 
the luminous blue glow which often accom- 
panies high-voltage di:::;charges, and also the 
positive electrification which is present on 
the glass walls of the bulb of a gas X-ray tube. 
Positive ion effects are always found to persist 
so long as the electrodes are giving off gas. 
A common defect "ith gas tubes is the 
wandering of the focal spot. Such movement 
is, of course, prejudicial to good detìnition in 
radiography. Further, it is not unusual, after 
the tube has been subjected to a heavy dis- 
charge, to find that the focus has permanently 
changed its position. 
Another characteristic of a gas tube is that 
the breakdown voltage is a good deal higher 
than the running voltage. This is due to the 
fact that in the gas tube the number of ions 
initia.lly present is very small. \Vhen the 
circuit is closed the number of ions produced 
by collision increases enormously, and the 
voltage across the terminals of the tube falls 
in consequence. 
The gas tube received a good deal of atten- 
tion in Germany during the war. In the so- 
called" boiling tube" of Muller, the gas tube 
is employed to generate very penetrating X- 
rays primarily for use in deep therapy. The 
gas pressure is not only low, but tending to get 
lower. To prevent emission of gas from the 
(platinum) anticathode, it is kept at a con- 
stant temperature by boiling water, and water- 
cooling is also adopted for the cathode. The 
focus is very broad. The tube is operated at 
close on 200,000 volts and with small currents, 
2 to 3 milliamperes, a condition which assists 
the hardening tendency. Puffs of gas are 
introduced by an osmosis tube heated by a 
small flame ignited and operated through a 
relay by an automatic regulator which is con- 
trolled by a milliammeter in spries with the 
tube. In action the water quietly boils, and 
the tube may be run for hours at a time at a 
constant milliamperage. It is claimed that 
there is a greater proportion of homogeneous 
end radiation when the X-rays are filtered 
than there is from a Coolidge tube working 
under the same conditions. 
\Vhether that is so or not, it must not be 
forgotten that an increase of potential always 
tends to render a beam of X-rays more homo- 
geneous. Further, the spark-gap readings on 
a gas tube tend to indicate voltages higher 
than those which are actually operating the 
tube. . 

 (13) THE COOLIDGE TUBE.-Consideration 
of the properties of a gas X-ray tube indicates 
that most of the limitations are incidental to 
the presence of positive rays. Dr. W. D. 
Coolidge 1 of the Research Laboratory of the 
General Electric Company, Schenectady, New 
1 Phys. Rev., lQ13, ii. 40D. 


York, saw t,hat most of these disabilities" ould 
disappear if the vacuum in the tube were high 
enough, so that the positive ions did not play 
an essential rôle. This necessitated generat- 
ing cathode rays by some other means, and 
Coolidge turned to the work of Richardson, 2 
who had made quantitative measurement of 
the electrons produced by heating a negati\Tely 
charged metal. There was considerable diver- 
gence of opinion at the time as to the mechan- 
ism of the effect, and certain workers had 
suggested that in the absence of gas such 
thermionic discharges would cease altogether. 
Langmuir 3 in some experiments on the 
thermionic currents in the case of tungst.en, 
showed that the effect was a real one, and that 
instead of dying away the currents actually 
increased, up to a certain limiting value, as 
the tube became freer and freer from gas. In 
brief, Langmuir showed that a hot tungsten 
cathode, in a vacuum as high as it is humanly 
possible to make it, emits electrons con- 
tinuously at a rate determined only by the 
temperature. 
Dr. Coolidge was thus led to evolve the 
Coolidge X-ray tube, the main features of 
which are as follows: 
The cathode consists of a small flat tungsten 
spiral which can be electrically heated by an 
independent circuit. Surrounding the spiral 
is a tube or bowl of molybdenum, which serves 
to focus the cathode ray stream upon the 
target. The temperature of the filament 
varies from about 1600 0 to 2300 0 C. The 
bowl is connected electrically to the cathode, 
and the anticathode or target functions all:)o 
as anode. In the earlier or " universal" type 
of tube the target consists of a block of tung- 
sten with a molybdenum stem. This design 
has been modified in later types. 
Unusual precautions are taken to render the 
exhaustion of the bulb as complete as possible. 
Langmuir pumps with liquid air traps are used, 
and the whole tu be, while connected to the 
pump, is heated in an electric oven to just 
short of the softening point of glass (about 
470 0 C.). Periodically the tube is operated 
with heavy discharge currents, so that the 
tungsten target is raised to a white heat. The 
test of adequate exhaustion is the complete 
absence of a luminous discharge and phos- 
phorescence of the glass walls. I t is found 
that the time of exhaustion can be consider. 
ably shortened by previously heating the 
electrodes to a high temperature in a vacuum 
furnace. )[etal thus treated may be left about 
in the air for some days and only absorb but 
a small fraction of the gas originally contained 
in it. 
The great merit of the Coolidge tube is its 
capacity to reproduce completely any specified 
2 RON. Soc. Proc., 1!)03, lxxi. 415. 
3 Phys. Rev., 1913, ii. 450. 



RADIOLOGY 


590 


set of conditions. The Ol1tput (or quantit.y) of I 
X-rays depends only on the temperature of 
the filament. The penetrating power (which 
depends upon the wave-length) i
 controlled 
only by the voltage a,cross the terminals of the 
tube. Furthermore, the tube allows current 
to pass in only one direction, so long as the 
conditions are such that the target is not raised 
in temperature to more than a dull red heat. 
The tube is, in fact, capable of rectifying its 
own current, when supplied from an alternat- 
ing source. The latest form of radiator tubes 
permits the passage of a steady current of as 
much as 30 milliamperes. Care should be 
taken that the tube is not overloaded, as 
otherwise, if the target attains a white heat, 
a considerable amount of inverse current will 
be allo" ed to pass, "ith detrimental and ulti- 
mately disastrous effects on the bulb. . 
Another feature of the Coolidge tube is that 
the starting and running voltages are the same. 
As the positi,-e ions play no appreciable part, 
there is little or no consequential heating of 
the cathode, and no e,-idence of appreciable- 
cathodic sputtering. The Coolidge tuhe in 
operation shO\vs none of the fluorescence of the 
glass displayed by gas bulbs, a result due to 
the fact that the walls of the tube become 
negatively charged, and so, unlike an ordinary 
gas bulb, repel the "reflected" cathode rays 
from the target. 
In the prolonged use of a Coolidge tube a 
small amount of gas is usually liberated, as is 
indicated by a small drop of the milliamperes 
through the tube, which can be corrected by 
raising the filament temperature; such gas is 
promptly re-absorbed when the discharge is 
stopped. 
Coolidge, by the use of the pin-hole camera, 
has shown that, in addition to the main body 
of X-rays from the focus, there is a very con- 
siderable emission of extraneous X-rays from 
the entire surface of the anticathode, which 
must therefore be born barded by cathode 
rays Îrom some source or other. 'Ye must 
look to the "reflected" rays for an explana- 
tion. These rays, which leave the focus with 
a velocity almost as high as that with which 
they approached it, are repelled by the cathode 
and the glass bulb, both negatively charged, 
and are compelled to return and collide once 
more with the anticathode. Dou btless in 
many instances this procedure occurs again 
and again, X-rays being produced at every 
collision. The pin-hole camera shows that, 
e:\.cept in the region of the focus, the intensity 
of the X-rays is much the same, both back and 
front of the anticathode. :Measurements show 
that the rays, whethm' from back or front, 
differ but little in penetration. Coolidge has 
devised a variety of apparatus for reducing 
the magnitude of the stray radiation, but in 
the end came to the view that the extent of 


the defect did not justify the loss of simplicity 
involved in providing a remedy. The use of a 
lead diaphragm as small as possible and as 
near the tube as possible is the best cure. 
Coolidge has also developed various modifica- 
tions of the original design of tube. In the 
radiator ty'pe of tube, referred to above, the 
anticathode is made up of a solid bar of copper, 
which is brought out through the glass to a 
copper radiator (Fig. 4). The head of the 
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FIG. -l.--Radiator Tn)e of Coolidge Tube. 


anticathode consists of a mass of specially 
purified copper, which is first cast in a yacuum 
around a tungsten button, and is then electric- 
ally welded to the stem. In this type of tube 
the great bulk of the heat generated is con- 
ducted away by the radiator, and, as a result, 
it has become possible to make the glass bulb 
very small, a little under 4 in. in diameter. It 
may be added that the type of anticathode just 
d
scribed greatly increases the difticulty of 
exhaustion. In a still more recent model the 
glass walls have been made very thick, about 
a quarter of an inch. One effect of this is, for 
some curious reason, greatly to increase the 
steadiness of the discharge. Lead glass is used 
with a thin transparent" indow, and the tube 
thus affords protection for the opprator. It 
has been found possible to manufacture a 
workable lead glass which affords as much 
protection as one-quarter the same thickness 
of sheet lead. 
In some experimental models Coolidge has 
worked with anticathodes cooled by currents 
of water. Such tubes permit enormous X-ray 
outputs. One tube ran continuously for 68 
hours at 100 milliamperE's and 70,000 volts. 
Othpr tubes have been run continuously for 
many hours at 200 milliamperes, the power 
input being of the order of 14 kilowatts. 
Dou btless this figure will be increased as time 
goes on. 
The G.E.C. of America has adopted the 
methods of mass production to the various 
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forms of Coolidge tube, and is now turning out 
over 100 tubes a day. The bulbs and glass 
parts are blown in moulds at the glass factory, 
and the operation of assemhly is carried out 
by girls with the aid of glass- blowing machines. 
There is one feature of the Coolidge tube to 
which reference may 
be made. As already 
remarked, in conse- 
q uence of the low 
prpssure, " sh ock " 
ionisation of the re- 
sidual gas is negligible 
or practicaJIy so, and 
the work of carrying 
the current is left solei v to the electrons. Thus 
the spacp between the
 electrodes is filled with 
carriers of one sign, with the result that at high 
currpnt densities there is an appreciable ob- 
structing effect due to elpctrostatic repulsion 
between the plectrons crossing over and those 
folIo" ing. This" space-charge" sets an upper 
limit to the current through a Coolidge tube at 
high filament temperatures. Thus the current 
through a Coolidge tube may be set an upper 
limit either by the filament temperature or by 
the space-charge. The restricting effect of the 
space-charge can be lessened by raising the 
voltage or by introducing positive ions in some 
fashion, e.g. by a trace of 
gas. In the case of very 
heavy momentary dis- 
charges tungsten vapour is 
produced at the focal spot, 
and this also serves greatly 
to diminish the tube re- 
sistance. 

 (1-1) LILIENFELD TUBE. 
- The Lilienfeld tu be, 
introduced in 1913, and 
since extensively modified, 
may be said to act as a 
combination of hot cathode 
tube and gas tube, and, 
incidentally, is claimed to 
possess the advantages of 
both. In an annexe to 
the main discharge tube a 
hot cathode is separately 
excited by a moderate 
potential. The electrons 
pass through a hole in thp main cathode and 
are there subjected to a much higher potential 
difff'rcnce before they strike the anticathode 
(Fig. 5). Lilienfeld lays stress on the import- 
ance of using a coil dischargp (as distinct from 
a transformer discharge) in that it yields higher 
momPIÜary current densities. At high voltages 
(above 120 kv. and up to 170 kv.) the rays after 
filtering through 3 mm. of aluminium are 
statf'd to be homogeneous. 

 (15) 
IETAL X-RAY TUBEs.-From time 
to time various experimenters have worked 
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with metal bulbs in an attempt to get rid of 
some of the energy limitations imposed by 
glass. Sir Olivpr Lodge designed such a bulb 
in 1897, and since then Coolidge (Fig. û), 
Siegbahn, and others have made use of them, 
and it is not unIikply that future commprcial 
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developments will be on such lines. Rilica 
bulbs have also been used by Coolidge and 
other workers. 


III. THE HIGH-POTE
TIAL GENERATOR 
The voltages which obtain in practice for 
exciting X-ray bulbs are, roughly speakiüg, of 
the order of up to 100,000 volts for radio- 
graphy and superficial therapy, and up to 
200,000 volts or more for deep therapy and 
metal- radiography. 

 (15) TRANSFORMERS AND INDUCTION COILS. 
- The high - potential gpnerator is almost 
always a step-up transformer.! Less com- 
monly, especially in this country, influence or 
static machines are employed, though they 
would have many advantages if they could be 
sufficiently improved to withstand atmosphpric 
humidity. 
It is customary in radiology to speak of 
" induction coils ,. and" transformers," though 
both are varieties of step-up, static, high- 
tension transformers. By an induction coil is 
meant an open-corpd transformer which de- 
pends for its action on the interruptions of the 
primary current by an independent break or 
interrupter. By a transformer is implied a 
closed-core transformer fed with alternating 
current (almost always single phase) either 
straight from the main or (in the case of a 
D.C. supply) from the alternating side of a 
rotary converter. Such a transformer may 
be either oil-immersed or have" dry" insula- 
tion. 
The coil ordinarily yields a "peaky" 
potential wave as compared with the approxi. 
mately sinusoidal wave form of the trans- 
fo"rmer. \Yith either type some sort of valve 
or mechanic a] rectifier is employed either to 
cut out or invert the half of the high-potential 
wa ve which would tend to pass in the wrong 
direction through the X -ray bulb. In the 
case of a coil and rotary interrupter the 
mechanical rectifier is a commutator mounted 
on an extension of the spindle of the inter- 
ru pter. In the case of a transformer a silIlilar 
1 
ee " Transformers, 
tatic," Vol. II. 
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commutator is mounted, either on the shaft of 
a synchronous motor (if A.C. supply is used) 
or on an extension of the shaft of the rotary 
con verter, as the case may be. If a valve is 
used instead, there are several types avail- 
able, but choice is practically restricted to 
the hot cathode type such as the Kenetron. 
As already remarked, Coolidge tubes of the 
radiator type are self-rectifying. 
The initial cost of a transformer outfit is 
approximately t\\ ice that of an induction coil 
outfit of corresponding power. A transformer 
outfit is rather more bulky, and any repairs 
are also usually more expensÎ\ye. On the other 
hand, the efficiency of a transformer is roughly 
t\\ice that of a coil (including a break and 
rectifier). Further, owing to the occasional 
vagaries of all interrupters, control is more 
precise and measurements are more definite 
with the transformer, and if A.C. is available 
and we dispense "ith the mechanical rectifier. 
there are no moving parts. Transformers 
produce greater heating effect on the target 
of the X-ray bulb, but this objection is met by 
arranging the rotating commutator so that it 
picks off only the regions round the crests of 
the loops, and thereby eliminates the less 
efficient lower voltages. 
The induction coil is an empirically designed 
instrument, the present-day type of which is 
not fundamentally yery different from the 
early models of Spottiswoode, although in 
detail it differs very considerably. The exact 
measurement of the performance of coils is 
difficult, and, as a consequence, coil makers 
ha ve been led to adopt certain arbitrary 
standards of design which are based chiefly on 
practical experience. Some of the factors 
which arise in the design are conflicting, and 
it is in the methods of reconciling necessarily 
antagonistic factors that the skill of the coil 
designer finds chief scope. 
The subject of induction coil design for 
X-ray purposes is a large one, and only certain 
broad conclusions can be touched upon here. 
A transformation ratio of from 30 to 200 and 
an efficiency of 0,3 to 0.(3 are usual figures. 
Some form of sectional winding is adopted for 
the secondary coil, alIm,ing about -1000 volts 
for eyery 1000 turns. and arranginp- that thp 
outside diameter does not exceed 2"
- times the 
bore. The resistance and, more -especially, 
the self-induction of the secondary must be 
kept down. The primary should be capable 
of being connected directly to the 200-volt 
mains. The capacity of the condenser should 
be no greater than will prevent undue arcing 
in the interrupter. The interrupter should 
run at as high a speed as is expedient, and be 
of adequate design and robust construction. 
About 15 Ibs. of iron core should be allowed 
for every kilovolt-ampere input. The core 
may "ell h3,ve a length in the neighbourhood 


of up to 10 times the diameter. The primary 
"indings should extend over almost the whole 
length of the core; the secondary "indings 
over not more than the middle three-quarters, 
though care must be taken that this (the 
length of the secondary) is at least 1- times 
the maximum spark length. 
The induction coil is essentially a shock 
apparatus, and the shock excitation method 
of interruption may result in the presence of 
many superposed harmonics in the oscillation 
wayes, These harmonics, which have high 
freq uencies (several thousands a second), are 
reflected in the secondary circuit, where, from 
a practical point of view, they e,
ince them- 
selves in the reluctance \\ith which they pass 
through an X-ray bulb. The resulting tend- 
ency to spark across the surface of the tube 
can only be met by 10" ering the gas pressure, 
by immersing the tube in oil, by lengthening 
the arms, or, of course, by suppressing the 
high-frequency waves before they reach the 
tube. 
This is done in the so-called "symmetrical 
coil " which has been deyeloped i
 Germany. 
In this apparatus two separate coils, mounted 
vertically side by sirle, have their secondaries 
connected in series. and also their primaries. 
In the two connecting leads between the 
secondaries are inserted a gas X-ray bulb in 
the one and an enclosed rectif.'ing spark gap 
in the other. On each side of the spark gap 
and in series "ith it is a high resistance (water). 
The self-induction of the secondary circuit is 
low, but the resistance is yery high and sen-es 
to damp out the high-frequency oscillations. 
The spark gap helps to enhance the break- 
down potential of the gas bulb. High voltage 
(2UO,000) and low current (2 to 3 Ill.a.) are 
aimed at. An annular air space between 
primary and secondary assists natural cooling. 
A mercury break (rv = 47) is used. 
I nterrupters.-:Much of the progress that has 
been made "ith the performance of coils has 
resulted from the proper selection of inter- 
rupter. The hammer break, the accompani- 
ment of most of the earlier coils, is 110\\ rarely 
fitted. The majority of present-day inter- 
rupters are of the motor-driven type, which 
employ mercury in a dielectric either of coal 
gas or a liquid such as paraffin oil. .A large 
proportion of mercury interrupters are of the 
turbine variety, in which a jet of mercury is 
pumped against a series of rapidly reyoh-ing 
vanes. 
The electrolytic or \Yehnelt interrupter still 
finds favour with some workers. In the usual 
form it consists of two electrodes immersed in 
dilute sulphuric acid. The cathode is a large 
lead plate, the anode consisting of one or more 
platinum points, the exposed amount of which 
may be controlled by an adjustable porcelain 
sleeve. 



602 


RADIOLOGY 


There is still scope for much "ark on the 
design of interrupters, which may fairly be 
said to be the most untrustworthy feature of 
a present-day coil outfit. A large amount 
of energy is wa::;ted in the 
interrupter, especially with 
heavy currents. 


of characteristic lines. Preceding this is a 
table of lattice-constants for severaf crystals on 
which extended measurements have be
n made. 
(ii.) X-ray Spectra,.-Up to now, about 16 


LATTICE-CONSTANTS OF CRYSTALS 


Crystal. Lattice-Cullstant. Observer. 
X 10- 8 cm, 
Rock salt, NaCI . 2.8140 \V. L. Bragg, Roy. Soc. 
Proc., 1913. 
Calcite (cleavage face), 
CaC0 3 3.0290 
iegbahn, Pllil. lJlag., 
1919. 
Potassium ferrocyanide, 
K4Fe(CNk3H20 . 8.408 " " 
Gypsum, CaSo 4 .2H 2 O 7.621 ,. " 


IV. THE ::\IEASUREl\IE
T OF 
X - RAYS 
The output from an X
ray 
bulb must be specified with 
respect to ( 1) mean wa ve- 
length, quality, or hardness, 
and (2) intensity, i.e. quantity 
of rays per unit area. 
The problem is complicated 
somewhat by the existence of 
two distinct types of radiation--(l) a gt'neral 
spectrum of X-rays with a large range of 
,vave-Iengths; (2) the "characteristic" or 
" monochromatic" rays which are wholly 
characteristic of the metal of the anticathode. 
The proportions of these two classes depend 
on the conditions of discharge and on the 
material of the target. The characteristic 
radiations only appear when the exciting 
cathode rays are sufficiently fast. There is, 
in fact, a critical voltage for each metal, which 
is required in order to excite the characteristic 
rays, and the proportion of these rays in- 
creases rapidly as the voltage is raised above 
this critical limit. 
S (17) :l\IETHODS OF MEASURING QUALITY OR 
HARDNEss.-The range of qualities of X-rays 
is very wide, em bracing several octaves. 
(i.) Jrave-length.-\Ve now know that the 
hardness, or penetrating power, of an X-ray 
is precisely defined by its wave-length-the 
shorter the wave-length, the harder the ray. 
The most precise means of measuring the 
quality of X-rays is by the crystal spectro- 
meter. .Measurements show that the majority 
of the wave-lengths of the X-rays, so far ex- 
amined, lie between 10- 7 and 10- 9 em. 
The subject is dealt with elsewhere, but it 
has been shown by the Braggs, Moseley, and 
others that measurements of the diffraction of 
X-rays by crystals can be made to yield the 
wave-length of X-rays as well as the dimensions 
of the lattice-constant of the crystal concerned. 
It may briefly be mentioned that in any 
crystal the atoms are regularly disposed in a 
network of intercrossing groups of planes, 
e
Jch of the planes in a group being parallel to 
and equidistant from its like neighbouring 
planes. The lattice-constant of a crystal is 
the distance separating the main atomic planes 
parallel to some specified crystal face. 
In view of their importance in X-ray 
measurement we give below a table of X-ray 
wave-lengths for the three main series (K, L, :M) 


lines have been found to be associated with the 
characteristic X-ray spectrum of each element. 
Three series of lines are known at present-the 
K, L, and 1\1, of n hich the K has the highest 
frequency. It has also been claimed that a J 
series exists, but the evidence needs confirma- 
tion. The K series contains at least 4 lines, a, ß, 
)', ô (some of them doublets), of which the õ line 
has the highest frequency. The L series con- 
tains probably 3 groups of lines, each group 
similar to the K series. 
The values of the wave-lengths of the prin- 
cipallines are given in the tables in Angström 
units. It should be noted that all the values 
rest on 'V. L. Bragg's estimate of the lattice- 
constant of rock salt (see above). 
(üi.) Absorption Coefficient8.-A very usua.l 
method of determining the quality of X-rays is to 
measure their absorption in a standard material 
such as aluminium. Aluminium is commonly 
chosen because it is readily procurable in con- 
venient form, and, so far as is known, does not, 
in the majority of cases, complicate matters by 
superposing a characteristic radiation. 
N ow it is found that if all the rays, both 
entering and leaving a plate of material, are 
homogeneous (that is, wholly of the same 
quality), then the rays are absorbed ex- 
ponentially by the plate, i.e. if 1, 2, 3 . . . similar 
sheets are successively introduced, each addi- 
tional sheet absorbs the same fraction of what 
it receives. In other words, if there is no 
" scattering" or transformation of the X-rays, 
and if }J-X is the fraction of the intensity which 
is absorbed when the rays pass normally 
through a very thin screen of thickness x (cm.), 
then for a plate of thickness d (cm.) 
I = 10 . e - p.d, 
in which 10 is the intensity of the beam when 
it enters, and I that of the beam when it leaves 
the scrt'en. e ( = 2'72) is the base of the hyper- 
bolic system of logarithms. /.l is termed the 
linear absorption coefficient. 
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K :-;ERIES (PRIW'Il'AL LI
ES) 


At. So. Element. a2' al' ßI' ß2' Ob,;;erver. I 
- 
x 10- 8 em. x 10- 8 em. x 10- 8 em. x 10- 8 em. 
11 Xa . - 11.93 . . . . Siegbahn and Stenström, P.Z., July 19lü. 
12 l\lg . . 9.92 9.48 . . .. .. 
13 Al . . 8.36 7.99 . . " " 
14 Si . . 7.13 ß.76 . . " " 
15 P . . 6.17 5.81 . . .. .. 
16 S . . 5.36 5.02 . . " " 
17 CI . . 4.7187 4,39 . . Siegbahn, P.JI., June 1919. 
19 K . . 3.73:39 3.4474 . . " " 

O Ca . . 3-3519 3.0879 . . " " 

1 Sc . . 3.0233 2.7743 , . " " 
22 Ti 2.746 2.742 2.509 2.492 Siegbahn and Stenström, P.Z., July 1916. 
23 V 2.502 2.498 2.281 . . " " 
24 Cr . . 2.2832 2.0814 . . Siegbahn, P.J!., June 1919. 
0- :Mn 2.097 2.093 1.902 1'89
 Siegbahn and Stenström, P.Z., Feb. 191ü. 
_.J 
:?fi Fe . . 1.9324 1-7540 . , Siegbahn, P.Jl., June 1919. 
27 Co . . 1.7852 1.617ü . . " " 
28 Ki . . 1.6347 . . . . " " 
29 Cu . . 1.5374 1.3895 . . " " 
30 Zn 1.437 1.433 1.294 1-281 Siegbahn and btenström, P.Z., Feb. 1916. 
32 Ge 1.261 1.257 1.131 1.121 " " 
39 Y . . 0.833 . . . . :\Ioseley (corrected), P.JI., April 1914. 
40 Zr . . 0.790 . . . . .. " 
41 
b . . 0.74ü - . . . " ,. 
42 1\10 . . 0.717 . . . . " " 
44 Ru . . 0'li35 . . . . " " 
4;;- Rh 0.6164 0.6121 0.5453 0.5342 Duane and Hu, P.R.. 1919. 
413 Pd 0.589 0.583 0.5W . . Bragg. 
47 Ag 0.562 0.557 0-495 . . " 
48 Cd . . 0.537 0.475 . . Siegbahn, D.P.G. V., 1916. 
49 In . . 0.506 0.454 . . " " 
50 Sn . . 0.486 0.432 . . " .. 
51 Sb . . 0.4li9 0.416 . . " " 
52 Te . . 0.456 0.404 . . " " 
53 I . . 0-437 0.388 . . " " 
5f, Ba I . . 0.388 0.344 . . " " 
74 \V 0.2135 0-2089 0.1844 0.1794 biegbahn, P.JI., Kov. 1919. 
92 U . . 0.15 0-10 . . I " " 


L SERIES (PRlXCIPAL LINES) 


At. ::\ o. Element. a2' al' ßI' I ß2' "1' Obsener. 
-- - 
x 10- 8 em. x 10- 8 ern. x 10- 11 cm. x 10- 8 cm. x 10- 8 em. 
30 Zn . . 12-35 . . . . . . Friman, P..JI., XOy. 1916. 
33 As . . 9.701 9.449 . . . . " " 
3.3 Br . . 8-391 8.141 . . . . " " 
37 Rb . . 7.335 7.091 . . . . " " 
38 Sr . . 6.879 6.639 . . . . " " 
39 Y . . 6.4G4 6-227 . . . . " " 
40 Zr . . 6.083 5.851 . . 5.386 " " 
41 Kb 5.731 5.724 5-493 5.317 . . " " 
42 :\10 5'410 5.403 5.175 . . . . " ,e 
I 44 Ru 4.853 4.843 4.G30 
. . . . " " 
45 Rh . . 4.59G 4.372 . , . . " ,. 
46 Pd 4.374 4.363 4.142 3.903 3.720 " " 
47 Acr 4.156 4.146 3.9:W 3.ü98 3-515 " .. 
<:> 
48 Cd 3.939 3.949 3.733 3.514 3.331 " .. 
I 49 In 3.774 3.766 3.550 3-335 3.160 ,. ,. 
50 Sn 3,604 3.594 3.381 3.172 2.999 " " 


D.P.G.V., Verh. der De'lttsch. Phys. Gesell.; P.JI., Phil. Jlag.; P.R., Phys. Rel'. 
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L SERIES (PRI
(,IPAL LrNES)--Continued. 


At. So. Element. a
. al I fl' ß2' "1. Obscrvrr. 
x 10- 8 em. x 10- 8 em. "< 10- 8 em. 10- 8 em. 10- 8 em. 
51 Sb 3.44:3 3.434: 3..").)0) 3.0:.n 2.849 Friman. P.llI., Kov. 19]6. 
52 Te 3.299 3 -:
90 3,074 2.8Hl 2.712 " " 
53 I 3.153 3.Hü 2.934: 2.750 2.583 " " 
53 Cs 2.899 2.891 2.ü84 2.514 2.330 " " I 
56 Ba 2-786 2.776 2.i)fj9 2.407 2.245 " " I 
57 La 2.674 2.üü5 2.461 2.307 2.146 " " 
58 Ce 2.573 2'ijü3 2.359 2.212 2.0[)2 " " 
59 Pr 2.472 2.462 2.259 2.120 1.958 " " 
60 Nd 2.379 2.369 2.167 2.031.) 1.875 " " 
ü2 Sa 2.210 2.200 2.000 1.884 1.725 " " 
63 Eu 2.131 2.121 1.918 1.810 1-6fj2 ,. " 
(i4 Gd 2.0,>4 2.04:3 1.844 1 . 744: 1.597 " " 
ü3 Tb 1-983 1.973 1-775 1.682 1.531 " " 
ÜÜ Dy 1-9lü 1.907 1 .709 I.G:?2 1.4: 70 " .. 
ü7 Ho 1.834 1.84:3 l.ü46 1.5ü8 1.415 " " 
68 Er 1.794 1.783 1.386 1.514 1.:3ü7 " " 
70 Yb I.G81 l.ü70 1.474 1.414 1'2ü7 " " I 
71 Lu 1.629 1.619 1.421 1.3ü8 1.224 " " 
73 Ta 1.528 1.518 1.323 1.280 1-135 Nicgbahn anù Friman, 
P.JI., July 19Hi. 
74 \V 1.484:.) 1.473.3 1.2792 1.2419 1.095;) Sicgbalm, P.Jl., Nov. 
1919. 
76 Os 1'3

 1.3
8 1.194 1.167 l'U21 ;::;iegbahn and Friman, 
P.J.ll., July 19Hi. 
77 Ir 1.360 1.350 1.154 1.133 0.989 " " 
78 Pt 1.323 1.313 1-120 I-WI 0.938 " " 
79 Au 1.283 1.271 1.080 1.065 0.922 ., . " 
80 Hg 1.2:;1 1.240 1.049 1-042 0.896 " " 
81 Tl 1.215 1.205 1.012 ] .006 0.864 " " 
82 Pb 1.186 1.175 0.983 u.983 0-842 " " 
83 Bi 1.153 1.144 0.950 0.954 0.810 " " 
84 Po . . 1-109 0.920 . . . . " " 
88 Ra . . 1-010 . . . . . . " " 
90 Th .0.969 0.957 0.766 0.797 0.654 ,. " 
92 U 0.922 0.911 0.720 0.756 0'ü15 " " 


1\1 
ERIES (PRINCIPAL LINES) 


At. No. Element.. a. ß. ". 
. Ob
('rv('r. 
- 
x 10- 8 em. x 10- 8 em. x 10- 11 em. x 10- 8 e
n. 
79 Au 5-838 5.(ì23 I 5.348 5.14G \ 
iegbahn, D.p.a. V., 1916. 
l 5.284 5.102 I 
81 Tl 5.479 5.25ü . . 4.82G " " 
82 Pb 5.303 5.095 4.91(?) 4.(j95 " " 

3 Bi 5.117 4.903 r 4.72t:i 4.532 \ 
t 4.5Gl 4.456 J " " 
90 Th 4.139 3.941 f 3.812 \ 
l 3.ü78 J . . " " 
92 U 3.903 3.715 3.480 { 3.363 , 
3.:324 J " , 


D.P.G. V., Verh. der Deut.sch. Phys. Gesell.,. P.},!., Phil. l.lag.. 


It follows that p- = (2.3jd)(Jog 10 -: log I); the 
logarithms being to base 10. If in a set. of 
observations with homogeneous rays, log I is 
plotted as ordinate against d, the graph is a 
straight line and fJ. is 2.3 tim('s the slope of 
the line. 


\Vith ordinary heterogeneous rays, fJ. is 
greater for thin screens than for thick, and so 
we can only deal with an aVf'rage fJ., which, 
however, varies more and Illore slowly as the 
scr('en becomes thicker (Fig. 7). 
The logarithmic curve of ahsorption for 
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heterogeneous rays, such as are given out by 
an ordinary X-ray bulb, is not a straight line, 
but a curve which is steeper for thin screens 
than for thick (Fig. 8). For a method of 
finding analytically the absorption coefficients 
of the constituents of a complex beam of rays, 
see J. 
T. Thomson, Phil. Jlag., December 
1913. 
In the case of the characteristic radiations, 
an. element exhibits a maximum transparency 
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for each of its own characteristic radiations. 
For slightly harder rays than these, the absorp- 
tion rapidly increases; the rays characteristic 
of the screen are produced and superposed 
on the transmitted rays to an extent which 
diminishes as the incident rays are increasingly 
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hardened. For incident rays softer than the 
critical type, no characteristic rays are pro- 
duced. Thu
, as the incident rays are gradu- 
ally hardened, the transmitted rays reach 3. 
maximum intensity when the incident rays 
are of the same quality as each of the charac- 
teristic rays in turn. 
A. large value of fJ- corresponds to easily 
absorbed rays, and a small one to \?ery pene- 
trating rays. fl. also varies \\ith the nature 
of the absorbing screen, so that it is necessary 
to specify the material used. For medical 
purposes, it has recently been suggested that 
water should be chosen as the standard ab- 
sorbing medium, since the absorptive power 
of water agrees closely with that of animal 
tissue. 
Some workers prefer to think in terms of 


the thickness D, which reduces the intensity 
to half value. D is connected with fJ- by the 
expr{'ssion D =0.ü9,'fJ-. A notion of the order 
of values of fJ- may be got from the fact that 
for an X-ray beam of average hardness fl..!.I 
lies between 4 and 8 C
ll. -1; for hard rays 
between 2 and 4 em. 1. fJ- for fatty tissue 
varies from about 0.4 for hard rays to 0.7 for 
medium rays. 
A more fundamentally important constant 
is obtained by di\Tiding the absorption co- 
effiCIent (fJ-) by the density (p) of the absorbing 
screen. This quantity, fJ-!
usually called the 
mass-absorption coefficient-gives a mea.sure 
of the absorption per unit mass of the screen 
for a normally incident pencil of rays of unit 
cross-section. Since it is mass alone that 
affects absorption, at any rate as determined 
by the usual methods of measurement, it is 
ordinarily more convenient to use mass co- 
efficients than linear coeffiC'ients. 
If, as was at one time supposed, the absorb- 
ing powers of different materials were truly 
proportional to their densities, then for the 
same rays fl.! p would be a constant, no matter 
what the substance used as screen. In point 
of fact, Jense su bstances are a good deal more 
absorptive, mass for mass, than light, and fJ-/p 
increases rapidly "ith the atomic weight of 
the screen. The increase is more noticeable 
"ith hard rays than with soft. 
The accompanying table gives a series of 
values connecting wave-lengths and absorption 
coefficients in aluminium, derived from the 
results of Rutherford, Bragg, )Ioseley, and 
Barkla. ..A scrutiny of these results shows that 
if fl. is the absorption coefficient and ^ is the 
wave-length, then, when the effect of scattering 
has been allowed for, 
fl. = N.", 


where k is a constant, and n lies between 5/2 
and 3. 


Wave-length A. IL/ pAl. "an-length A. IL/ pAl. 
1 X 10- 9 em. 0.04 1
 x 10- 9 em. 22 
2 " 0.21 13 " 28 
3 " 0.57 14 " 35 
4 " 1.
O 15 " 43 
5 ,. 2.10 lü " 51 
6 " 3.3 17 " 61 
7 " 4.8 18 " 72 
8 " ß.ü 19 .. 83 
9 " 8.9 :!O " 95 
10 " lo}.,} 21 " 108 
11 16.5 .-};) 120 
" .. 



 (18) THE SPEED OF THE C-\THODE RAYS.- 
lf the exciting voltage is uniform and a mag- 
netic field be appli{'d to the cathode rays, the 
band of rays is deflected as a whole to an 
extent dependent on the magnetic field and 
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the speed of the cathode rays. If the exciting 
voltage is pulsating, and a similar experiment 
be tried, a magnetic spectrum of cathode rays 
is formed, the least deflected band of rays 
corresponding to the highest speed rays which 
owe their velocity (v) to the maximum voltage 
(V) applied. 
Since the energy of the electron is equal to 
the work done in expelling it, we have 
}mv 2 = Ve, 
where e and m are respectively the electronic 
charge and mass. Substituting the accepted 
value of ejm 


v = 2.8l'2 . 10- 16 , 
where V is in volts and v is in cm. per sec. 
It is thus possible by measuling v by means 
of the magnetic deflection in a known field to 
arrive at the value of V. 

 (19) THE" Q"CANTU:\I LIMIT" TO THE X- 
RAYS.-The X-ray spectrometer has brought 
out the truth of a remarkably simple relation 
between the voltage applied to an X-ray bulb 
and the shortest wave-length emitted. It is 
now well known that, no matter whether the 
exciting voltage is constant or pulsating, a 
spectrum of X-rays is generated containing a 
wide range of wave-lengths. This spectrum is 
terminated very definitely at the short-'Yave 
100 
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end (Fig. 9) at a point determined by Planek's 
quantum 1 relation 
Ve = hv, 


where 


V is the maximum voltage applied, 
e is the electronic charge, 
h is Planek's universal constant, 
v is the frequency of the limiting wave. 
Substituting the accepted values of the con- 
stants in the above equation, we have 
Voltage = 12,400jwave-Iength in A. U. 
It is obviou-B that the X-ray spectrometer can 
thus be utiJised in some convenient form as a 
mea,ns of measuring the maximum effective 
voltage applied to a tube. 

 (20) THE :\IAXDIUM SPARK GAP.-The 
maximum voltage applied to a tube is most 
1 See" Quantum Theory," 
 (1). 


commonly measured by means of the alter- 
na.tive spark gap between points or spheres. 
Some experience is necessary, especially in the 
case of a gas X-ray tube, where the method 
tends to give too high values, especially with 
puls3.ting potentials. In the case of Coolidge 
radiator tubes excited by unrectified alternat- 
ing potential, the spark gap will register the 
" inverse." voltage rather than the lower 
,. effective" voltage. 
The work of Peek and others has shown that 
a spark gap between spherical electrodes of 
equal :;:ize is preferable to that between points. 
The spark between points is now gen
rally 
discredited for' high voltages on account of 
its inconsistent dependence on atmospheric 
humidity and frequency of discharge. By 
reason of its time-lag, its readings may he 
largely in error, in the case of high-frequency 
steep impulses. 
On the other hand, frequency and wave 
shape have no appreciable effect in the case 
of the sphere gap, and the effects of variation 
in the atmospheric conditions are well known, 
and can be readily corrected for. 
The size of the spheres is important. A 
good rule is not to use a gap bigger than the 
diameter of either of the balls, though some 
latitude may bp permitted in t.his direction. 
The main point is to avoid the break-dm\ n 
discharge being preceded by brush-discharga 
or corona, otherwise a pulsating discharge will, 
in general, give gap readings much too high. 
With the above precaution, a sphere gap is 
capable of measuring (peak) voltages from, 
say, 10.000 volts to 500,000 to an accuracy of 
about 2 per cent. 
The table below is based on Dr. A. Russcl]'s 
formula and incorporates the latest result.s of 
the American Institute of Electrical Engineers 
(1918). It includes also, for convenience, a 
column of figures for a needle point gap (
o. 00, 
new sewing needles) which furnish a rough 
notion of the voltages for an instrument which 
is still much used. The A.I. E. E. recommend 
that for voltages above 70,000 (and preferably 
above 40,000) a sphere gap should always be 
employed. 
The gap should not be exposed to any 
extraneous ionising influence, such as an arc 
or an adjacent spark, nor should the gap be 
enclosed. The first spark is the one for which 
the reading should be taken. The use of a. 
water resistance in series with the gap will 
prevent arcing and pitting of the sphere sur- 
faces. 

 (21) SPARK-OAP VOLTAGES AT 760 1\1:\1. 
PRESSURE AND 25 0 C. - \Yhere any gap is 
being used outside its recommended limits, 
the figures are shown in brackets. The blank 
spaces indicate that the gap is no longcr suit- 
able. The gaps are given to three significant 
figures for interpolation purposes. 
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TABLE A 


Kilo I Diameter of Spheres. 
Volts I 
(peak). K eedle Points. 2.5 eIll. 5 eIll. 10 CIll. 2::; ('Ill. 50 eIll. 
em. gap. inches gap. em. gap. em. gap. em. gap. eIll. gap. eIll. gap. 
5 (0.42) (0'17) (0.13) (0'15) (0'15) (0'16) (0.17) 
10 (0.85) (0.33) 0.27 0.29 0'30 0.32 0.33 
15 1.30 0.51 0-42 0.44 0,46 0.48 0,50 
20 1.75 0.69 0.38 0.60 0.62 0.64 0.67 
25 2.20 0,87 0.76 0.77 0.78 0.81 0.84 
30 2.69 1.00 0.95 0.94 0.95 0.98 1.01 
35 3.20 1.26 1.17 1.12 1.12 1.15 1.18 
40 3.81 1.50 1.41 1.30 1.29 1.32 1.3.) 
45 4,49 1.77 1.68 1.50 1-47 1.49 1.52 
50 5.20 2.05 2.()() 1.71 1.63 1.66 1.69 
60 6.81 2.68 2'82 2.17 2.02 2.01 2.04 
70 8.81 3,47 ( 4.05) 2.68 2.42 2.37 2.39 
80 (11'1) (4.36) . . 3.2û 2.84 2.74 2.75 
90 (13.3) (5'23) . . 3-94 3.28 3.11 3,10 
1()() (15'5) (6.10) . . 4.77 3.75 3.49 3.46 
110 (17.7) (6.96 ) . . 5.79 4.25 3,88 3,83 
120 (19-8) (7.81 ) , . (7'07) 4.78 4.28 4.20 
130 (22'0) (8.()5) . . . . 5,35 4.()9 4.57 
140 (24'1) (9.48) . . . . 5,97 5.10 4.94 
150 (26'1) (10'3) . . . . 6,64 5.52 5,32 
160 (28'1) (11'1) . . . . 7.37 5.95 5,70 
170 (30'1) ( 11,9) . . . . 8.16 6.39 6.09 
]80 (32'0) ( 12'6) . . . . 9.0:3 6.84 6,48 
190 (33.9) (13.3) . . . . 10.0 7,30 6,88 
200 (35.7) (14.0) . . . . 11.1 7.76 7.28 
210 (37.6) (I4.8) . . . . (12'3) 8.24 7.68 
220 (39.5) (15.5) . . . . (I3.7) 8,73 8,09 
2:30 (41.4) (16-3) . . . . (15'3) 9.24 8.50 
240 (43-3) (17 '0) . . . . . . 9.7G 8.92 
2.30 (4;:)'2) (J 7.8) . . . . . . 10.3 9.34 



 (22) CORRECTION FOR DEXSITY OF AIR.- 
Applicable only to sphere gaps. The follow- 
ing table gives the relative air density under 
different conditions. The figures are relative 
to dry air at 25 0 C. and 760 mm. pressure: 


TABLE B 


Temperature Pre!lSure Pressure Pressure Pressure 
OCt ;20 mm. i40 rom. 760 mm. i80 mm. 
0 1.04 1,06 1,09 1.12 
10 I 1.00 1.02 1.03 1.08 
20 I 0.96 0.99 1.02 1.04 
I 30 0.93 0.96 0.98 1,01 


'Yithin the limits of the above table the 
correction factor for a sphere gap agrees sub- 
stantially with the relative air density. Thus 
for a gi\?en length of spark gap, the tabulated 


kilo-yoltage in Table A must be multiplied by 
the appropriate correction factor in Table B. 
Alternatively, to calculate the gap which "ill 
just be sparked over by some specified voltage, 
the voltage must first be diyided by the 
appropriate correction factor before Table A 
is used. 
It will be seen that under normal conditions 
the correction is small or negligible. 

 (23) PE
ETROMETERS. (i.) Benoist Penetro- 
meter.-Among medical men Benoist's radio- 
chromometer or penetrometer enjoys extensi\?e 
use as a measurer of hardness. It consists of 
a thin silver disc 0.11 mm. thick, surrounded 
by twelve numbered a]uminium sectors from 
1 to 12 mm. thick. The X-rays are sent 
through thE" instrument, and the observations 
consist merely in matching on a fluorescent 
screen or photographic plate the image cast 
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by the silvpr disc against the images of the 
aluminium plates: the thickness of the match- 
ing sector increases with the hardness of the 
rays. A notion of the discharge potential 
across a tube ma}' be got from the very rough 
relation that the voltage is from 8000 to 10,000 
times the Benoist reading of the X-rays. 
(ü.) Jralter Penetrometer.-This consists of a 
num ber of holes in a lead disc, which are 
covered by a sequence of platinum discs of 
gradually increasing thickness. 
(iii.) Christen's Half-raZue Penetrometer.- 
Christen adopts as a definition of quality the 
thickness of a layer of water (or, in actual 
practice, bakelite), which will reduce the in- 
tensity of a beam of rays to half its original 
val ue. 
The rays are 
ent through a stepped wedge 
of bakelite, alongside which is a perforated 
metal plate. This provides a standard of 
reference on a fluorescent screen, the two 
images being side by side. The holes in the 
plate are so designed that the area of the 
metal removed eq ual
 that which remains, so 
t hat the plate by this means reduces the 
intensity úf a beam of rays to half-value. The 
holes are small enough to produce uniform 
illumination on a screen placed a short distance 
behind the plate. 
* (24) QUA.LDIETERs.-(i.) Bauer Qualimeter. 
-This is a type of semi-electrostatic volt- 
meter, which serves to measure the potential 
difference between the electrodes of a tube. 
(ii.) Klingelfuss Qu.aZimeter consists of an 
auxiliary search coil and electrostatic voltmeter. 
The instrument works similarly to the Bauer. 
The hardness-numbers of the various lwne- 
trometers are all much the same as Benoist's, 
except tho:;;e of 'Yehnelt, which are 50 per cent 
bigger for the same quality of rays. 

 (25) )IETHODS OF l\IEAS"'CRIKG I
TE
SITY. 
-The intensity of the X-rays at a particular 
point is defined as the energy falling on one 
square centimetre of a receiving surface passing 
through the point and placed at right angles 
to the surface. The question is thus on all 
fours with that of illumination with visible 
light, and the need of a unit of '" candle- 
power" in X-ray work is becoming pressing. 
The work of a number of experimenters with 
the X-ray spectrometer has shown that the 
f'nergy E emitted per second by an X-ray bulb 
may be written 


E=kNiV2, 


where 


V is the voltage on the tube, 
i i"l the current through the tube, 
N is the atomic number of the target, 
k i"l a constant. 
The value of k wilí depend on whether a gas 
or a hot-cathode tube is employed, and also 
on the type of exciting potential. The above 
expression refers only to the general or "white" 


X-radiation. If the voltage is such as to excite 
the characteristic radiations, the voltage comes 
in as a higher-powered tprm than V 2 , and the 
efficiency increases correspondingly. 
)Ieasurements of the value of k have been 
made, and result in showing, unfortunatelv 
that the efficipncy of an X-ray bulb is d
: 
plorably small, of the order of 1 part in 1000. 
The chances that a cathode ray will ultimately 
come into suitable conflict with some atom 
and so generate an X-ray are slight. 'Ye 
raise those chances by increasing either the 
exciting voltage or the mass ûf the atom of 
the target. 
The X-ray emission is virtually distributed 
over a sphere, or, more practically, over a 
hemisphere, since the target blocks out most 
of one half of the sphere of radiation. 
Thus the intensity (comprising all wave- 
Jengths) falling on a square centimetre at dis- 
tance d from the anticathode may be written 
kNiV 2 

. 
If the length of exposure is t secs. the total 
amount of energy received becomes 
kX iY 2 t 

. 
It. is apparent that we can base on this relation 
a system of X-ray intensities and "doses," 
provided we can measure i and V and be 
certain to what extent each is effective in 
generating rays which are of practical utility. 
In pra(.tice we almost always filter out the 
long waves, and we shall need then to know 
the new value of k, so as to correct for the 
proportion of i which is not usefully employed. 
The measurement of all the terms in the above 
expression, except pprhaps i and Y, offf'rs no 
difficulty. i can be measured by a milli- 
ammeter of suitable design, which even with 
rapidly pulsating currents appears to indicate 
the mean current, as has been verified by the 
use of the voltameter and oscillograph. 
The mea.surement of V has already been 
re-ferred to above. If the eXf'iting potential 
is constant, it can be measured by a resistance 
type of voltmeter in series with a high resist- 
ance. If the potential is fluctuating, recourse 
"ill usually be had to the sphere spark gap. 
The voltages are mostly too high for an electro- 
static voltmeter. 
In addition to the above method. the radio- 
logist has employed a variety of means of 
measuring the intensity of X-rays at some 
se-Iected point in the heam. To this end one- 
or other of the properties of the rays have 
been utilise-d-heating, ionising, photographic, 
fluorescing, or chemical. 
The he-ating effects are minntp and the 
method is only fitted for the research 
Jaboratory. 
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(i.) loni.sation Jlethorls.-\Yhen X-rays pass 
through a gas they impart to it a temporary 
electrical conducti\ity
 the extent of which 
depends on the number of ions formed and 
thus on the amount .)f energy absorbed in the 
gas. ..An ionisation method of evaluating 
X-rays thus resolves itself into the measure- 
ment of a minute electric current. For this 
purpose an electroscope or electrometer is 
commonly employed, and the delicacy and 
convenience are such that the method has 
found almost uni,ersal acceptance among 
researc h workers. 
But in medical radiology the method is 
only beginning to find favour, more especially 
in deep therapy. The iontoquantimeter of 
Szilard wa s one of the first instruments to be 
designed on this basis. In its most recent 
de,elopment a part of the quantimeter is 
sometimes actually introduced into the 
affected organ, and the rays measured which 
are actually receiv-ed at the pOll t concerned. 
The ionisation method is unapproached in 
sensitiveness by any other method; it does 
not depend dominantly upon any selecti,e 
process, and it is reasonable to anticipate that 
some unit of dosage thus de,eloped and 
connected maybe "ith the accepted radium 
standard will ultimately recei,e recognition 
as a standard. 
(ii.) PllOtograplâc. and Fluore8cence ....11 ethods. 
-Photographic plates record only about 1 per 
cent of the energy of the X-rays, but neverthe- 
leb
 a method of measuring intensity by this 
means has been developed and finds fa,our 
"ith some workers. 
A '3 is the case ,dth most types of intensity 
meters the short-wa,ed rays are recorded 
disadvantageously compared with the soft 
rays. Furthermore, a photographic film be- 
trays marked selecti,e absorption, and the 
photographic effect may be quite misleading 
ill consequence. 
To the worker "ith limited resources the 
photographic method of measuring intensity 
offers advantages because of its simplicity. 
Some form of opadty-meter for obtaining 
a measure of the density of the image is 
the chief requirement. The opacity meter 
measures the extent to which a standard 
beam of light is cut do-wn by the photographic 
film whose density is required. If 10 is thE" 
intensity of the (homogeneous) testing light 
which is incident on the developed film, and 
It that of the transmitted light, then, if 1J.X 
is the fraction of the energy which is absorbed 
by a very small thickness, x, of the film, 
It= Ioe-p.d, 
where d is the thickness of the film. The film 
is assumed to be equally dense throughout its 
thickness. 
For film'3 of uniform thickness, d is constant, 
\ OL IV 


so that 1J. is proportional to log (lo/It). 1J. is 
called the absorption coefficient; (Io/It) is 
known as the opacity, and meabures the 
number of times the incident light is cut down. 
Log (Io/It) is termed the opacity logarithm. 
The transparency is the reciprocal of the opacity. 
X ow, by definition
 1J. is proportional to the 
density of the image-i.e. to the amount of 
silver per unit area of film. Thus the ratio 
of two opacity logarithms gives the ratio of 
the film densities, and therefore the ratio of 
the photographic energies in the t" 0 cases. 
The opacity meter is graduated to read 
directly in opacity logarithms. 
In fluorescence methods the luminosity is 
matched against some standard fluoresc
nce 
excited by a steady source of radiation such as 
radium. The drawback to such methods is 
that the fluorescing salt becomes ,. tired" 
under the action of the rays. The sensitivity 
of a screen may also vary considerably from 
point to point, so that it is difficult to make 
a fair comparison. Barium platinocyanide is 
the material commonly used to sensitise a 
fluorescent screen. This salt, which has the 
formula. BaPt(CX)4' 4H 2 0, exists in three 
different forms, of which the green crystal- 
line variety is by far the most efficient for 
fluorescing purposes. 
(ill.) Chemical and Other J1etllOds.-In the 
therapeutic use of X-rays, various chemical 
reactions brought about by the rays have 
been suggested and employed from time to 
time as aids to .. dosage"; for example, 
the discolouring of various alkaline salts 
(Holzknecht, 1902); the liberation of iodine 
from a 2 per cent solution of iodoform in 
chloroform (Freund
 190ß ; Bordier and 
Galimard, 1906); the darkening of a photo- 
graphic paper (Kienböck); the precipitation 
of calomel from a mixture of mercuric chloride 
and ammonium oxalate solutions (Sch" arz, 
1907); and the change of colour of pastilles 
of compressed barium platinocyanide (Sabour- 
aud-Xoiré and Bordier). X-rays resemble 
light in their property of lowering the electrical 
resistance of selenium; this property, if thE" 
pronounced fatiguing of the selenium could 
be overcome, would doubtless furnish the 
basis of a very convenient method of measure- 
ment, though Fürstenau in his intensimeter 
claims to have got over this difficulty. It 
must be admitted that most of those methods 
provide little more than the roughest notion 
of the intensity of a beam of ordinary hetero- 
geneous X-rays. 
Of all the various intensity-measurers, the 
pastille finds most favour with medical men. 
The barium-platinocyanide discs are some 
.3 mm. in diameter. and their colour, initiaJIy 
a bright green
 changes, when E"xposed to the 
rays, to a pale yellow, and finally to a deep 
orange. The pastille is placed at a specified 
2R 
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distance from the anticathode of the bulb, 
and the colour is ma.tched against one of a 
number of standard tints. The method is 
easy in practice, and is fairly reliable as a guide 
for short exposures, but it is not trustworthy 
for heavily filtered or very penetrating rays. 
The pastille method is defective in that it 
attempts to measure rays of all qualities by 
a surface coloration. Other platinocyanides 
show similar colour changes when exposed to 
X-rays. Levy has shown that the change 
of colour is due to a. change from the crystalline 
to the amorphous condition. If the pastille 
is put aside, the reverse change slowly takes 
place, especially in the presence of light, so 
that the pastille should not be exposed to 
full daylight during the X-ray treatment. 
Ultra - violet light and radium rays cause 
similar browning in such pastilles. 
The following table gives an idea of the relation 
between the different dosemeter scales: 


5H units (Holzknecht; alkaline salt) 
=Tint B (Sabouraud-Noiré; pastille} 
=Tint 1 (Bordier; varnished pastille) 
=3 to 41 (BorJicr and Galimard; iodine solution) 
= DX units (Kienbäck; photographic plate) 
=3.5 kaloms (Schwarz; mercury solution) 
= Villard dose. 



 (26) EFFECT OF 'VA VE FORM OF EXCITING 
POTEYTIAL.-SO long as radiologists confined 
their measurements on the X-ray bulb to the 
milliammeter and the point gap, little progress 
was made on the subject of the best form of 
exciting potential wave. It was realised that 
the milliammeter was often misleading if used 
alone, but insight into the problem only came 
WIth the use of the X-ray spectrometer and 
the oscillograph. 
The oscillograph (preferably of the cathode 
ray type) should be arranged to give simul- 
taneous graphs of both potential and current 
wave forms. The spectrometer analyses the re- 
sulting X-ray output and gives the distribution 
of intensity among the various wave-lengths. 
Work such as this has shown the truth of 
what might have been anticipated on a priori 
grounds, i.e. the importance in pulsating 
discharges of keeping the conditions so that 
the potential and current curves are in phase. 
In other words, for efficient output of X-rays 
as much of the current as possible should be 
sent through the tube with the maximum 
potential actuating it. 
As the output of X-rays depends on the 
square of the voltage, the ideal state of 
things would appear to be to rush the potential 
as quickly as possible to the maximum and 
keep it there for as long as any current is 
passing. Voltages lower than the maximum 
are less efficient. 
In practice much depends on the type of 
X-ray bulb used-whether gas or hot cathode, 


and it will be instructive to compare tho 
beha viour of three main types of exciting 
potentials (a) constant potential, (b) sinusoidal 
transformer discharge, (c) sharp-peaked pulsat- 
ing coil discharge, all running under the same 
maximum voltage and the same milliamperage. 
First take the case of the Coolidge tube. 
Owing to the existence of the saturation 
current, the shape and limits of the current 
curve are gJ.'eatly dependent on the char- 
acteristics of the potential wave (Fig. 10). 


Current 
Potential Coolidge Tube Gas Tube 


(a) 
Constant 
Potential 


(b) 


Transformer 


,' 
i'

\ 


(c) 
Coil & 
Mercury 
Interrupter 


(d) 
Coil & 
Wehnelt 
Interrupter 


FIG. 10. 


\Vith constant potential, the current remains 
constant at its saturation value. In t.he case 
of the transformer loop the current rises gradu- 
ally to its saturation value and dies away 
again as the potential loop terminates. In 
the case of the coil and interrupter, the current 
again rises to its saturation value, but as a 
whole the current curve is prone to lag behind 
the potential curve. The defect, which is due 
to arcing within the interrupter, increases as 
the current through the tube is increased. 
This is the explanation of the well-known 
fact that as the current is raised the output 
of X-rays increases only slowly and by no 
means proportionately. A partial cure is to 
raise the speed of the interrupter, as in the 
'Vehnelt break. 
\Ve are led to anticipate the results of the 
spectrometer curves. Remembering that the 
area of each curve is a measure of the total 
output of radiation, we see from Fig. II, which 
gives intensity in terms of wave -length 
(derived from Dauvillier), that the constant 
potential is the most efficient, then the trans- 
former, and lastly the coil. Furthermore, the 
crest of thE" curve is of slightly shorter wave- 
length in the case of the constant potential. 
It may be added that the superiority of the 
constant potential becomes less marked as the 
potential rises. 
If we now consider the case of the gas tube, 
the current curves prove. in m0st circum- 
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stances, to be quite different from those for 
the Coolidge tube (Fig. 10). The current 
curve now exhibits no saturation value, but 
consists inf:tea.d of a succession of peaks, no 
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matter whether the exciting potential is 
constant or var
ring. The constant potential 
produces, so to speak, all the effects of a:l 
intermittent one. In the case of the trans- 
former the middle portion of the potential 
loop produces a number of current peaks 
whose heights wax and wane with the poten- 
tial. The coil produces one or more current 
peaks corresponding to each potential peak. 
"
e are led to infer that the spectral curves 
for the different excitants will not differ 
appreciably, and this proves to be the case. 
Fig. 12 gives the curves dE'rived from three 
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different excitants. Further, the maxima of 
the several spectral cun
es all agree in wave. 
length. 'Ye realise then that the shape and 
limits of the spectral curve are determined 
mainly by the tu be rather than by the 
excitant. 
In the case of both gas and hot cathode 
tubE's there is a variety of factors which may 
modify the various curves and graphs appreci- 
ably in detail, without affecting the main 
ou t lines. 
To sum up, we may conclude that for 
maximum efficiency in the case of a Coolidge 
tu be we should raise the potential on the tube 
as high as is expedient or possible and kE'(,p 
it there. Thus the idea] excitant would appear 
to be constant potential or, failing that, a 
transformer of high frequency. 


Thp, "shock ta.ctics" of a coil, which are 
largely wasted on a Coolidge tube, are doubt- 
less well adapted to a gas tube owing to its 
characteristic way of breaking down under 
potential stress. From a practical point of 
view, the transformer potential wave is prob- 
ably not quite so well suited to a gas tube, 
but constant potential should pro,.e very 
effective apart from difficulties of generation, 
etc. The practical difficulties of obtaining ah 
equally high constant potential or maximum 
transformer voltage (selectively rectified) are 
probably greater, but othen\ ise they would 
seem to offer advantages equal to those of 
the coil. 
The interval between the discharges of a 
coil-driven bulb is not without its advan- 
tage in helping to keep down the tempera- 
ture rise of the target. But with a mercury 
break under ordinary conditions this interval 
amounts to about 90 per cent of the time 
between successive impulses, and is needlessly 
long. In the case of a single-phase trans- 
former the corresponding figure is of the order 
of 60 per cent. 
"
e can raise the efficiency of the coil or 
transformer by increasing the frequency 
substantially, and so crowd in more impulses 
per second, though the increased heating of 
the target may have to be met. If, further, 
in the case of a coil, we raise the voltage on 
the primary and increase the capacity of the 
condenser, we can produce a series of flat- 
topped peaks "ith little or none of the " tail " 
in evidence. 'Ye are thus approximating 
more and more to the transformer (selectively 
rectified) and, in the limit, the ideal steady 
potentia.l. During these changes the readings 
of the milliammeter "ill approach more anf] 
more the effective va.lues from an X-ray point 
of view. 

 (27) COXSTAXT POTEXTIAL.--The value of 
constant potential has been referred to. It 
is not only an efficient means of generating 
I X-rays, but it permits precise measurement. 
As already remarked, the- superiority of con- 
stant over varying potential is less marked 
as the voltage is increased, except "hen the 
characteristic radiations begin to be generated, 
when the constant potential increases its rela- 
tive effectiveness. 
\Ioreo'
er, constant poten- 
tial is admirable in its precision for thera- 
peutic purposes. In radiography it generates 
sufficient diversity of wave-lengths to give 
good contrast and detail. 
Those "orkers who have used the influence 
machines in America and elsewhere speak 
highly of the results. There is a great future 
for a static machine of engineering design and 
large output which will defy the va.rying and 
generous humidity of this countr
.. 
The only other means of obtaining steady 
potential are by use of the transformer 
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together with the Kenetron or hot-cathode 
valve. These latter can now be obtained to 
rectify 100,000 volts. By the use of 3-phase 
current and 6 kenetrons a voltage fluctuEting 
only 13 per cent can be obtained. There are 
a variety of ways of combining kenetrons with 
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condensers and inductances, so that the varia- 
tion in the resulting potential is trifling. For 
example (Pig. 13), Hull of the G.E.C. Labora- 
tory at Schenectady has so transformed and 
rectified 150 volts A.C. (C\> = 2000) to 92,000 


FIG. 14.-lJpper Curve unrectifieù, Lower Curvc 
rectified. 


with a fluctuation of about 1 per cent (Fig. 
14); or 50,000 volts with a fluctuation of 
only C(O per cpnt. 

 (28) HO:\IOGENEOUS X-RAys.-An ideal 
of the radiologist has always been a means 
of producing homogeneous X-rays, so that, 
among other things, a precision dose can be 
the better formulated in therapy. 'Yhile all 
X-ray beams are heterogeneous, they tend to 
become less so as the voltage is raised and the 
rays are filtered by the right choice of su bstance 
of a suitable thickness. This may be seen 
either from absorption curvps or, more accur- 
ately, from spectral distribution curves. 
But the nearest approach to homogeneity 
can be reached by operating the X-ray bulb at 
a voltage somewhat above one of the critical 


values necessary to gem'rate one of the three 
known characteristic radiations (K, L, 1\1) of 
the anticathode, and then filtering by a screen 
either of the same element as the anticathode 
or, preferably, by an element of slightly smaller 
atomic number. 'Ye have already remarked 
that above the critical voltage the character- 
istic radiations are generated more copiously 
than the general radiation. The voltage should 
not be too high, however, or short-wave 
general radiation will begin to make its appear- 
ance and ,vill not be removed by filtration. 
There is, in fact, an optimum voltage. For 
example, while the critical voltage for the K. 
radiation of tungsten (At. No. =74) is about 
70,000 volts, the optimum voltage is about 
100,000 volts A filter of tungsten or tantalum 
(At. No. = 73), 0.13 mm. thick (Fig. 15; Hull), 
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removes most of the general radiation, but 
leaves both the {:3 and a components of the K 
radiation. An equally thick filter of ytterbium 
(At. No. =70) would leave only the a com- 
ponent, .with an intensity at least 30 times that 
of the remaining general radiation. Similarly 
for molybdenum (At. No. =42) the optimum 
voltage is about 30,000 and the best filter 
zirconium (At. No. =40) (see Fig. 16; Hull). 
Tungsten would be a good filter for platinum 
radiation (At. No. =78). 
At the National Physical Laboratory there is 
a battery of X-ray tubes each ,vith a different 
anticathode, so that a variety of homogeneous 
rays can be obtained. Unfortunately such 
beams are of feeble intensity. 


V. X-RAYS AND MEDICINE 

 (29) RADIOGRAPHY.-X-rays have become 
one of the handmaidens of mecìicine, a fact 
which is bound up with the great improye- 
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ments of recent years in X-lay equipment and 
technique, which have gÏ\Ten the diagnostic 
methods of physicians and 
surgeons a facility and 
exactness never dreamt of 
at one time. Exposures 
have been enormously 
shortened (Figs. I ï and 
18), and snapshots of any 
part of the body can now 
be taken. 
In surgery of the bone, 
not only fractures, but the 
intimate lamellar struc- 
ture of th.;- bone can be 
examined; we have, more- 
orer, learned that tumours 
and cysts in bones are not 
specially rare, and that 
nearly all sprains are 
accompanied by slight 
fractures of the bone. 
'Yhen a bone is badly 
splintered the dead bone 
splinters can be sorted out 
from the JÏ\
ng. 
Tumours in any part of 
the head can be detected 
and their position determined. The diagnosis 
and location of diseases of all parts of the 
alilllf'ntary canal are routine-stricture of the 


I Stones in the kidney and (more recently) the 
gall-bladder diseases of the liver and pelvic 
organs, incipient tuber- 
culosis in the lung':) and 
joints can be diagnosed 
with certainty and "ith- 
out pain or danger. 
Dental radiograph
T has 
become an important sub- 
ject. By suitably dispos- 
ing a l)hotographic film 
radiographs of individual 
teeth can be obtained, 
re'
ealing in perfect 
fabhion the condition of 
both the tooth and sur- 
rounding bone. 
During the "ar many 
thousands of radiologists 
helped to build up the 
triumphs which X-rays 
achieved. The X-raY be- 
came as indispensable as 
the dressing or the splint, 
o "
6 .50.54 .58 .6? .66.70.74 .78 '82 '86 -8 and it was an e:-:sential 
Wave Length x10 em, 
adjunct in prescribing 
and directing as well as 
a voiding operations, The 
detection of bullets and shell fragments in any 
part of the body was commonplace, and the 
X-rays were also used to guide the surgeon 
during his actual efforts to remove foreign 
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J..-IG. li.-RadiograTlh of Hand (January 1896); 
Exposure 20 min. (Campbell-S\\ inton). 


FIG. IS.-Radiograph of Hand (January l{1
O): 
Exposure TAn sec. (Knox). Showing im- 
mense advance in teehniqu<" although ex- 
posure onl
' T:!i1 1 õðfi of exposure in Fig. Ii. 


oesophagus, stomachic disorders, diseases of the 
appendix and colon, etc., can all be demonstrated 
by the X-rays "ith the as<;istance of special 
food containing matter opaque to the rays. 


bodies. C'levprlv de
i[!ned '- - ray motor- 
lorries permitted early examination in the 
fidd. In the case of eye ,\ ounds X-ray 
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stereoscopy attains its fullest delicacy, and the 
location of small foreign bodies can be carried 
out to the hundredth part of an 1nch. Another 
war development of radiology was its employ- 
ment by the orthopaedic surgeon in his efforts 
to restore damaged limbs. :\Iany hundreds of 
thousands of radiographs were taken at the 
various hospitals during the war. 

 (30) RADIOTHERAPY.-The X-rays possess 
valuable properties in the treatment of malig- 
nant disease. The living cells have the power 
of resisting or responding to X-rays, while 
malignant cells di<sappear with suitable 
" dosage." The treatment has, for example, 
been largely and successfully employed for 
rodent ulcers, and much attention is being paid 
to the cure of cancer. 
In many skin diseases the X-rays have 
proved to be of notable service. For example, 
they are now the accepted and certain means 
of curing ringworm. The "dose" is all- 
im port.ant, for the sweat glands and hair 
foBicles are also affected and, with excessive 
exposure, may even be destroyed, the result 
being baldness. 
The corpuscles uf the blood are prejudicially 
affected by X-rays, resulting in a form of 
aplastic anaemia. Curiously enough, the rays 
seem to have little or no action on bacteria or 
their spores, and in this respect stand out in 
marked contrast to ultra-\-iolet light. 
Deep - seated organs are now frequently 
treated by X-rays. In deep radiotherapy 
modem technique is tending in the direction of 
administering massive doses of X-rays in the 
shortest possible time, always having regard 
to the safety pf the overlying skin. In other 
word3, " shock t::tctics" are used, and the wave 
form of the exciting potential may prove to be 
important in this connection. The soft rays 
are removed by using metal filters (AI or Zn) 
with a coating on the side nearest the skin of 
wood or leather, so that no characteristic 
radiation may play on the skin. OVf'r-dosage 
of the skin is also avoided by employing 
multiple parts of entry, each of the various 
beams being properly directed at the deep 
affected tis:-;ue. 
The chief hindrancp to precise radiotherapy 
at the prpsent time is probably the lack of a 
means of measuring the dose of radiation 
absorhed by the particular rC'gion concerned, 
espf'ciaIJy if it be at a depth in the body. On 
physical grounds, at any rate, it would seem 
that it is only those rays which arc ab80rbed 
which can produce physiological changes, and 
only Emch rays should be included when speak- 
ing of a dose. It may be, of course, that 
selective action is present, and that only a 
restricted range of wave-lengths is appropriate 
for the converRion of energy in the correct spot. 
'Vith this reservation it would seem that the 
degree of reaction should be a function of the 


absorbed and convertC'd energy. The problem 
is complicated hy the lack of humogenC'ity uf 
t he primary beam. 
Among the tragedies of the war, few were 
more pathetic than the ghastly disfigurements 
caused by shell "'.vounds of the face and head. 
Fortunately it was often po
sible, by the 
wonderlul grafting operations of the surgeon, 
to restore at least a semblance of the patient's 
former appearance. Lips were renewed, new 
noses built up, eyelids replaced, cavities in 
the palate filled in by flaps taken from the 
skin or Rcalp. The scar-tissues and flaps ,vere 
kept pliant and adaptable by " spraying" with 
X-rays, which also served to depilate hair and 
to stimulate the healing process in Loth flaps 
and bone. 

 (3] ) X-RAY PROTECTION.-As already re- 
marked, the X-rays possess in a marked degree 
the property of affecting animal tissue. As 
many of the earlier workers found to their cost, 
the effects of over-exposure to the rays may 
ultimately prove fatal. In view of the grpat 
public interest which the subject has exciteù, 
and the hct that complete safeguarùs are 
possible, the recent (1921) report is appended 
of a representative committee which reviewed 
the whole question in the light of present-day 
knowledge. The recommendations are many- 
sided and cover most of the pointR which 
experience haa suggested both in X-ray and 
radium practice. 
It may here be remarked that with exciting 
voltages in the region of 200,000, 3 mm. of 
lead reduces the intensity of X-rays over 10,000 
times; 10 mm. of lead over 1 milhon times. 
Good lead-impregnated rubber sheet is ordin- 
arily equivalent to about !- or t of the same 
thickness of lead sheet. For lead glass the 
corresponding figure is k to L although it is 
possible to obtain glass with a figure of }. 
The dangers of scattered X-rays should be 
reaJised, particularly with very high exciting 
voltages. One of the best remedies is to 
enclose the bulb itself as completely as pos- 
Rible with adequate protective material. The 
report in question is as follows: 


I ntrod /lct ion 
The danger of over-expusure to X-rays and radium 
can be avoided by the provision of efficient protection 
and suitable working conditionR. 
The knO\\ n effects on the operator to be' guarded 
against are: 
(l) Visible injuries to the superficial tissues which 
may result in permanent damage. 
(2) Derangements of internal organs and changes 
in the blood. These are especially important. a8 
their parly manifestation is often unrecognised. 


General Recommendations 
It is the duty of those in charge of X-ray and 
Radium Departments to ensure efficient protection 
and suitable working conditions for the personnel. 
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The folIo" illg precautions are recommended: 
(1) Xot more than seven working hours a day. 
(2) Sundays and two half-days oft duty each week, 
to be spent as much as possible out of doors. 
(3) An annual holiday of one month or two 
separate fortnight::;. 
Sisters and nurses, employed as whole-time '\\orkers 
in X-ray and Radium Departments, should not be 
called upon for any other hospital service. 


Protectit'e jI easures 
It cannot be -in:::isted upon too strongly that a 
primary precaution in all X-ray work is to surround 
the X-ray bulb itself as completely as possible" ith 
adequate protecth-e material, except for an aperture 
as small as pos::,ible for the work in hand. 
The protective measures recommended are dealt 
"ith under the folIo" ing sections: 
I. X-rays for diagnostic purposes. 
II. X-rays for superficial therapy. 
III. X-rays for deep therapy. 
IV. X-rays for industrial and research purposes. 
V. Electrical precautions in X-ray Departments. 
YI. Ventilation of X-ray Departments. 
YII. Radium therapy. 
It must be clearly understood that the protective 
measures recommended for these various purposes 
are not necessarily interchangeable; for instance, to 
use for deep therapy the me.u,ures intended for super- 
ficial therapy would probably subject the worker to 
serious injury. 


I. X-rays for Diagnostic Purposes 
(1) Screen E:.ramination..
.-(a) The X-ray bulb 
to be enclosed as completely as possible \\ ith pro- 
tective material equh-alent to not less than 2 mm. 
of lead. The material of the diaphragm to be 
equivalent to not le,ss than 2 mm. of lead. 
(b) The fluorescent screen to be fitted with lead 
glass equivalent to not Ie&'! than 1 mm. of lead 
and to be large enough to cover the area irradiated 
when the diaphragm is opened to its widest. (Practi- 
cal difficulties militate at present against thp recom- 
mendation of a greater degree of protection.) 
(c) A tra,-elling protective screen, of material 
equivalent to not less than 2 mm. of lead, should 
be emplo} ed be1\\ een the operator and the X-ray 
Lox. 
(d) Protective gloves to be of lead rubber (or the 
like) equivalent to not less than l mm. of lead and 
to be lined with leather or other suitable material. 
(A
 practical difficulties militate at present against 
the recommendation of a greater degree of protection, 
all manipulations during screen ðamination should 
be reduced to a minimum.) 
(e) The X-ray bulb to be used at as great a distance 
and emitting a8 little radiation as is consistent with 
the efficiency of the work in hand. Screen work 
to be 3"1 expeditious as possible. 
(2) R(1diographic E:raminati-ons (" 01'erhead " 
Equipment).-(a) The X-ray bulb to be enclosed as 
eompletely as possible with protecth'e material 
equivalent to not less than 2 mm. of lead. 
(b) The operator to stand behind a protective 
screen of material equivalent to not less than 2 mm. 
of lead. 


II. X-rays for Superficial Therapy 
It is difficult to define the line of demarcation 
between superficial and deep therapy. 
For this reason it is recommended that, in the 
reorganisation of existing or the equipment of new 
X-ray departments, small cubicles snould not be 
adopted, but that the precautionary measures sug- 
gested for deep therapy should be followed. 
The definition of superficial therapy is considered 
to cover sets of apparatus giving a maximum of 
100,000 volts (15 em. spark-gap between points; 
5 em. spark-gap between spheres of diameter 
5 em.). 
Cubicle System. - "-here the cubicle system is 
already in existence it is recommended that 
(1) The cubicle should be well lighted and 
ventilated, preferably provided mth an exhaust 
electric fan in an outside wall or ventilated shaft. 
The controls of the X-ray apparatus to be outside 
the cubicle. 
(2) The walli of the cubicle to be of material 
equivalent to not less than 2 mm. of lead. 'Yindows 
to be of lead gla.ss of equivalent thickness. 
(3) The X-ray bulL to be enclosed as completely 
as possible v.ith protective material equivalent to 
not less than 2 mm. of lead. 


Ill. X-rays for DEep Tllerapy 
This section refers to set;; of apparatus giving 
voltages above 100,000. 
(1) Small cubicles are not recommended. 
(2) A large, lofty, well ventilated and lighted 
room to be provided. 
(3) The X-ray bulb to be enclosed as completely 
as po.ssible \\ ith protective material equivalent to 
not Ie:;:", than 3 mm. of lead. 
(4) A separate enclosure to be provided for the 
operator, situated as far as possible from the X-ray 
bulb. All controls to be "ithin this enclosure, the 
walls and \\ indows of \\ hich to be of material equiva- 
lent to not less than 3 mm. of lead. 


n T . X-rays for Industrial and Research Purposes 
The preceding recommendations for voltages above 
and below 100,000 will probably apply to the majority 
of conditions under which X-rays are. used for 
industrial and research purposes. 


v. Electrical Precautions in X-ray Departments 
The following recommendations are made: 
(1) 'Yooden, cork, or rubber floors should be 
provided; existing concrete floors should be covered 
with one of the above materials. 
(2) Stout metal tubes or rods should, wherever 
pos!'ible, be used instead of "ires for conductors. 
Thickly insulated "ire is preferable to bare '\\ ire. 
Slack or looped wires are to be a voided. 
(3) All metal parts of the apparatus and room to 
be efficiently earthed. 
(4) All main and supply sv.itches should be very 
distinctly indicated. Wherever possible, double- 
pole switches should be used in preference to single- 
pole. Fuses no hea,ier than necessary for the 
purpose in hand should be used. 'C"nemployed 
leads to the high-tension generator should not be 
permitted. 
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VI. rentilation of X.ray Departments 
(1) It is strongly recommended that the X-ray 
Department should not be below the ground level. 
(
) The importance of adequate ventilation in 
both operating and dark rooms is supreme. Artificial 
ventilation is recommended in most cases. \Vith 
very high potentials coronal discharges are difficult 
to avoid, and these produce ozone and nitrous fumes, 
both of which are prejudicial to the operator. Dark 
rooms should be capable of being readily opened 
up to sunshine and fresh air when not in use. The 
walls and c3ilings of dark rooms are best painted 
Borne more checrful hue than black. 


VII. Radium Therapy 
The following protective measures are recom- 
mended for the handling of quantities of radium up 
to one gram: 
(I) In order to avoid injury to the fingers the 
radium, whether in the form of applicators of radium 
salt or in the form of emanation tubes, should be 
always manipulated \\ith forceps or similar instru- 
ments, and it should be carried from place to place 
in long-handled boxes lined on all sides with I em. 
of lcad. 
(2) In order to avoid the penetrating rays of radium 
all manipulations should be carried out as rapidly 
as possible, and the operator should not remain in 
the vicinity of radium for longer than is necessary. 
The radium when not in use should be stored in an 
enclosure, the wall thickness of which should be 
equivalent to not less than 8 cm. of lead. 
(3) In the handling of emanation all manipulations 
f!hould, as far a:s possible, be carried out during its 
relatively inactive state. In manipulations where 
emanation is likely to come into direct contact with 
the fingers thin rubber gloves should be worn. The 
escape of emanation should be very carefully guarded 
against, and the room in which it is prepared should 
be provideq with an exhaust electric fan. 


Existing Facilities for ensuring Safety of Operators 
The governing bodies of many institutions where 
radiological work is carried on may wish to have 
further guarantees of the general safety of the 
conditions under which their p{'rsonnel work. 
(I) Although the Committee believe that an 
adequate degree of safety would result if the recom- 
mendations now put forward were acted upon, they 
would point out that this is entirely dependent upon 
the loyal co-operation of the personnel in follow- 
ing the precautionary measures outlined for their 
benefit. 
(2) The Committee would also point out that the 
National Physical Laboratory, Teddington, is pre- 
pared to carry out exact measurements upon X-ray 
protective matcrials and to arrange for periodic 
inspection of pxisting installations on the lines of 
the present recommendations. 
(3) Further, in view of the varying susceptibilities 
of workers to radiation, the Committee recommend 
that wherever pos
ible periodic tests, e.g. every three 
months, be made upon the blood of the perRonnel, so 
that any changes which occur may be recognised 
at an early stage. In the present state of our know- 
}('dge it is difficult to decide when small variations 
from the normal blood-count bccome significant. 


VI. X-RAYS AND :\L-\TERIALS 
In wcllnigh every branch of industry the 
testing of materials has come to be of import- 
ance. 'Vith increasing knowledgf' and the 
stress of competition, a variety of testing 
methods ha ve been evolved to ascertain 
quality and uniformity as determined by the 
several physical, chemical, and yisual charac. 
teristics. Such tests are commonly conducted 
on samples which are selected to be as repre- 
sentative as possible. From the nature of 
things the value of the results is limited, and 
the engineer in particular is ever on the look- 
out for opportunities for further insight into 
the materials he empluys. 
The employment of X-rays in the examina- 
tion of materials lies at present in two main 
directions : 
(1) X-ray crystallography or the study of 
crystal structure. 
(2) Radiography or X-ray shadow photo- 
graphy. 

 (32) X-RAY CRYSTALLOCRAPHY.-'Ve can 
only refer to the great potentialities of the 
results of X-ray analysis as applied to crystal 
structure. l It is a matter uf great satisfaction 
to Englishmen to know how much the subject 
o\\es to Sir \Vm. Bragg and his son, whose 
published work on the subject is of the highest 
fascination and importance. Several methods 
have been employed. In 1912 Laue at 1\Iunich 
sent a heterogeneous beam of X-rays through 
a thin crystal and photographically showed 
that a diffraction pattern was produced. The 
Braggs followed with the X-ray spectrometer 
in which monochromatic X-rays are reAf'cted 
from the several faces of a. crystal, and by 
that means proceeded to disclose the atomic 
architecture of a large number of crystals. 
The practical possibilities were greatly en- 
larged when Debye and Rcherrf'r (at ZÜrich) 
and Hull (at the G.E.C. Research Laboratory, 
Schenectady) showed that large crystals ,vere 
not essential, but that the method could be 
applied to an aggregate of finely powdered 
crystalline materia], provided the orientation 
of the crystals were sufficiently random. This 
was a big step forward, for it enablps the 
crystalline structure of a body to be examined 
even when the individual crystals are micro- 
scopic or ultra-microscopic in size. 'Ve now 
know that almost every solid su hstanee 
betrays crystalline structure, and it would 
seem that the various physical properties- 
elasticity, hardness, melting points, etc.-are 
all manifestations of the various atomic forces 
which reveal themselves in the crystalline 
form. The very formation of soHds 
may be 
merely an outward and visible sign of crystal- 
lisation, and a definition of a " solid" may be 
so deriver} which is, at any rate, as adequate as 
1 See also "Cr
'stallography," 
 (11). 
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others which have been framed. Xot only the 
growth but the decay, the change-points, etc., 
can all be followed and watched without 
harming the body in any way. 
'Ye have thus a new tool of research which, 
although at present rather delicate and tenta- 
tive in application, would seem to offer bound- 
less possibilities. The metallurgist, to whom 
crystalline formation means so much, need no 
longer have to content himself with inferring 
from their external forms what the internal 
structure of the crystals in his metals and 
alloys may be. He may also find that the 
method "ill throw light on the fundamental 
nature of the effect of heat treatment, temper- 
ing, rolling and ageing on steels and other 
crystalline metals and alloys. It has been 
shown that amorphous carbon really consists of 
minute graphite crystals; colloidal gold and 
silver are made up of minute, yet perfect, 
crystals, so small that they contain only a few 
score atoms. Even the particles" sputtered" 
from a cathode in a discharge tube are possible 
of examination and are found to be crystalline. 
These are but a few of many examples. 
There is a great opportunity for the metallur- 
gist and physicist to get together. At present 
the main difficulties are those of technique. 
)Ionochromatic X-rays have to be used, and as 
these can be obtained only of feeble intensity, 
protracted exposures have hitherto been 
necessary, though these can now be greatly 
shortened by the use of more sensitive plates. 

 (33) I:S-D1:sTRLH. R -\.DIOGRAPHY.-As was 
anticipated by Röntgen and others, when the 
art of radiography had sufficiently advanced 
in medicine it extended its scope to industry. 
As already remarked, the method of X-ray 
inspection has the advantage of not injuring 
a body in any way. Furthermore, it provides 
in many cases the only means of detecting 
concealed defects in a material, or of sc{utin- 
ising in a structure the accuracy of assem bly 
of component parts which are hidden from view. 
The development of industrial radiolo
y has 
been bound up with that of the Coolidge tube. 
and, both during and since the war, the X-rays 
have been applied to a variety of branche
 of 
industry. As already explained, the method 
depends on receiving the shadow of the object 
on a fluorescent screen or photographic plate, 
and it should be made clt"ar at the outset that 
a radiograph shows only the grosR structure of 
a material and gives no information as to the 
crystalline or microscopic structure from point 
to point. 
'Yhile the general technique is much the 
same as in medicine, mention should be made 
of ont" of the chief experimental precautions 
in the X-ray photography of metals. Even in 
medical radiography the experienced worker 
i
 wen aware of the effect of the scattered 
radiation which is gent"rated whenever a beam 


of X-rays strikes any particle of matter. Ruch 
scattered radiation, if allowed to reach the 
photographic l)late, tends to fog the main 
image. The various surlaces of the bodies 
encountered are the chief offenders, and even 
the air contributes its quotum. 
The effect is especially marked with metallic 
ùbjects which require relatively long exposures: 
worthless reaults will be obtained in the absence 
of suitable precautions. These consist in 
enveloping the photographic pJate, back and 
front, with sheet lead (preferably" ith an inner 
lining of aluminium), a hole being left no 
bigger than neces",ary for the reception of the 
direct image of the object. If the object is 
continuous and flat there is no difficulty, for 
it can be brought into close contact with the 
plate. If, however, the body is irregular in 
contour, it may convenientlv be cemented 
with paraffin w;'x to the bottom of a card- 
board or aluminium tray, and mercury, fine 
lead shot, or the like poured round it. "'ax 
filling is also necessary, both to fill up any 
pockets or cayities and to prevent the mercury 
or shot from straying into the path of the 
projected image. 
Considerable gain may result from the use 
of the Bucky grid between the object and the 
plate. This consists of a rectangular metal 
grid, the faces being spherical in contour and 
the dividing cell-walls of the grid everywhere 
radial. The grid, while allowing direct X-rays 
from the focus to pass, kills the majority of 
the scattered radiation. The grid is kept in 
slight motion to prevent its being registered 
on the photograph. Still greater freedom 
from the effects of secondary radiation may 
be obtained by using specially sensitive plates 
and so shortening the exposure. 
Xaturally the Olientation of the object with 
reference to the beam of X-rays may make or 
mar a radiograph. Distortion may be reduced 
by avoiding undut" obliquity of the rays, and 
to this end it is "ise to keep the distance 
between the object and bulb as great as is 
expedient. For good definition the rays should 
be stopped down as much as possible. 
The present practicable depths which can 
be penetrated in v
rious materials are: 
4 to .5 mm. of lead. 
12 mm. of tin. 
7.;) cm. of stpel (carbon) or iron. 
10 to Vi cm. of aluminium and its alloys. 
30 to 40 cm. of wood. 
The limiting factor in practict"is the t"xposure. 
which hitherto has been very protracted with 
the greater thicknesses. However, with the 
latest type of X-ray plate the exposures are 
greatly reduced, and 1 inch of steel, for 
example, now requires an exposure of rather less 
than a minutt", using a ,'oltage of about I:JO,OOO 
and a fe" milliamperes through the tube. 
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,yithin the above limits we can, with con- 
siderable delicacy, hunt out anything which is 
so disposed as to cast a measurable variation 
in the shadow, provided the body is not too 
complicated in design to render the shadow 
too confusing to interpret. The method is 
surprisingly sensitive; for example, tool-marks 
and fine mould-marks often show up in a 


:Fm. 19.-Defective W<'ld in Steel Plates. 


radiograph. The opacity is merely a measure 
of the number and weight of the atoms 
encountered, and so different qualities of a 
metal possessing different densities display 
different intensities in a radiograph; for 
exa.mple, a wrought rivet in a casting of the- 
same metal shows a darker image. For the 
same reason, eq u3.1 thicknesses of carbon, 
nickel, and tungsten Rteels differ markedly in 
transparency, a property which has been 
turned to account. 
Electric and oxy-acetylene welding have 
come into great prominence during and since 
the war; an indifferent welder can turn out 
what appears on the surface to be an excellent 
weld, but is quite an unrelia11e job notwith- 
standing. There appears to be no adequate 
mechamcal test for a weld, and in any event 
any such test, whether mechanicc11 or micro- 
scopical, destroys t he weld, good or bad. The 
X-rays promise to be of great use in this 
connection. If the component parts are not 
actually fused together a narrow dividin.
 line 
comes out on the plate. Blisters and blow-' 
holes show up as light spots. X-ray photo- 
graphy of welds up to 1 inch thick is now 
quick, easy, and cprtain: with modern equip- 
ment, lengths up to 2 feet can be taken at 
once, the exposure being a fraction of a minute. 
The amount of detail revealed is extraordinary, 
and the process compares favourably \\ith that 
of photomicrography, which is only very local 
in its test and, as already remarked, involves 
the destruction of the weld. The X-ray 
method has proved to be a somewhat severe 
critic of present-day ,velds as commonly 
carried out (Fig. 19). 
Hidden cracks in a metal, which are a 
bugbear to metallurgists, can often be detected, 
though if they are very fine or tortuous (hair 


cracks) the method is rarely suitabh>. St{ch 
cracks are sometimes the sequel to "pipes" 
or blowholes in the ingot, and it is easier to 
detect them in the ingot than after working. 
In the case of alloys, the uneven distribution 
of any component results in a "patchy" or 
streaky radiograph. X-ray examination will 
often diagnose defective soldering or brazing, 
the substitution of one metal bv 
another, hidden stopping or pinning, 
and so on. The method has also 
found application in detecting hiddcn 
corrosion (as in gas cylind(-'rs, in 
ferro..concrcte, and the armouring of 
cables), in scrutini..;ing steel turbine 
discs for segregations, etc., and 
so on. 
Naturally enough, the X - rays 
found a great opening, during the 
war, in the manufacture of ex- 
plosives and related devices. In 
some instances, e.g. the correct 
filling of liquid-gas gr(-'nades, thp 
examination of opaque cordite, the interior 
detail of detonators, Stokes igniters, vent- 
sealing tubes and other pyrotechnif' stores, 
no other method of inspection \vas possible. 
The X-rays also proved of value in examining 
enemy ammunition of unknown design, where, 
for reasons of safety, it was desirable to 


FIG. 20.-Ra(liograph of Lead I,etters RD tal\en 
through a 
tef'l 
lab 3" in thickness. (Radio- 
logical Laboratory, Research Department, Royal 
Arsenal, W oolwich.) 


ascertain the internal construction before 
opening up. They have also proved useful 
in checking the contents of packing bo}.(-'s. 
Most of this work was carried out by the 
Research Department at the Royal Arsenal, 
'V oolwich, and the Editor is indebted to the 
Department for F1.gS. 20-23, illustrating some 
of the results arrived at. 
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FIG. 
1.-R..llliograph showing Hidden Cracks in 1" Boiler Platf'. 
(Radiulogical Laboratory, Research Department, Royal Arsenal, Wooh\ich.) 


FIG. 22.-Ra(1Ï()graph showin{! Faulty 'Yeld in 
tf'el 
Plate i" in thicknf':"s. (Radiological Laboratory, 
Research Department, Royal Arsenal, 'Y oolwich.) 


FIG. 2;3.-Radiograph showing Hidden crack in 
Welded Steel Plate i" in thickness. (Radio- 
logical Laboratory, Research Department. Royal 
Arsenal, W oolwich.) 
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In the case of timber, the difIerpnt varieties r 
absorb X-rays to d
fferent degrees. Peculiari- 
ties in the structure and path of the fibres 
(such as the contortions which produce 
" figure") are easily discerned. The denser 
heart wood is differentiated from the sap 
wood, the summer and spring growths of the 
annual rings are readily identified (Fig. 24), 
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FIG. 2-t.-Perfect "'ipcdmen of Aeroplane Spruce. 


and defects such as knots or grub-holes shm" 
up with astonishing clearness (Fig. 23). 
A method of utilising the X-rays to examine 


FIG. 25.-Con('ealf'd Knots and Grub-hole in 
J.amiuated :O;par. 


the wooden parts of aireraft was developed on 
behalf of the Air ::\Iinistry during the war. At 
a time when the suhmarine was seriously 
endangering the country's supplies of high- 
grade timber from Canada and the States. 


designs for huilding up aeroplane parts from 
smaller timber were develop('(l, usinf! laminated 
or "box" structures. The workmanship 


FIG. 26.-Defective f'haping of End Block of 
" Box" Spar; al:;o Block ::;plit by ::;crews. 


required has to be of the finest, and much of 
it is hidden of necessity, but the inspector 
now has a powerful ally in the X-rays, which 
unerringly reveal hidden faults such as knots, 
large resin-pockets, defective gluing, and poor 
workmanship (Figs. 26, 27, 28). 'rood is 
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FIG. 27.-AcropJane (TIo"'{) Spar showing forbidden 
Joint in Plywood Side. 


very transparent to X-rays, and thicknesses 
up to 18 inches or more can be dealt with, 
screen examination being possible in most 
cases. The method is also useful for watch- 
ing the behaviour of the various hidden 
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members and joints of a composite wooden 
structure wlule it is being subjected to test. 



 
. 
I 
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FIG. 28.- Defecti....e " Bottoming" of Aeroplane 
;:;trut in Aluminium :jacket. 


X-raJ
s are also being turned to account by 
the tyre manufacturer in his efforts to improve 
the union bet\\een the rubber and the Egyptian 
cotton fabric. In the manufacture of golf balJs, 
fine rubber tape is wound on a round core 
either of soft rubber or liquid. If care is not 
taken the core i
 distorted, becoming either 
roughly ellipsoidal or even dumb-bell shaped. 
The resulting ball IS defective from the point 
of view of accurate flight, but such balls can 
be readily sorted out by the help of the X-rays. 
The method is now in extensh-e use, no other 
being readily available (Fig. 29). The Post 
Office has long used the rays for testing the 
amount of mineral matter in gutta-percha. 
Tr..e help of the X-rays has also been 
effecti\?ely sought by the manufacturer of 
carbon and graphite brushes and electrodes, 
to reveal mineral matter and internal cracks 
and flaws. The makers of electrical insulators 
--ebonite, built-up mica. fibre, paper, etc.- 
find the method invaluable for detecting the 
presence of metallic particles, often from the 
steel rollers used in the preparation of the 
material. 
The manufacturp of optical glass became a 
key industry during the war, as hitherto we 
had relied wholly on Germany for our supplies. 


One of the greatest troubles which w 1S 
encountered" as the destruetive action of the 
molten glass on the fire-clay pot, in which the 
components "ere fused. It was found that 
the effect was caused by the presence of iron 
and other impurities in the clay. Recour
e 
was had to the X-rays, and it was found that 
on examining the p';ts before they were fired, 
those containing prejudicial foreign matter 
could readily be sorted out. In this "ay much 
expense can be sav.ed. The" melt ., of optical 
glass can also be examined for inclusions before 
working. 
X-ray photographs are useful for displaying 
the arrangement of concealed wiring, for 
example, when embedded in the interior of 
insulating panels or in radio apparatus. In 
much the same way, during the war, the 
X-rays were useful in scrutinisinp- the "iring 
\\ithin the leather of aeroplane pilots' eleptric- 
ally heated clothing. 
A similar field of work \\hich the X-rays 
have found is the examination of the interi'or 
of moulded articles, for example, the distri- 
butors of magnetos. Durin
 construction 
the insulation is moulded round the metal 
work, and subsequently machined. If. during 
the machining, blowholes are met "ith, the 
entire distributor has to be rejected. 
Among the miscellaneou
 uses of the X-rays 
we can only make mention of the examination 
of oysters for pearls; the differentiation of lead 


FIG. 29.-Golf Balls showing rnsymmetrical Cores. 


glass jPwels from the more transparent genuine 
gems; the scrutiny of artificial teeth; the 
detection of contraband by the customs 
officials; the sorting of fresh from stale eggs; 
the detection of hea\?v element
 in minerals, 
of metal phrticles in "chocolate, of weedls in 
grain, of mineral adulterants in certain 
powdered drug" (e.g. a
afoetida), and of moths 
in tobacco for cigars. 
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In quite a different direction, an enterprising 
American shoe store has installed a screen 
outfit, so that the potential customer can see 
his" footigraph " and satisfy himself visually 
whether or not the shoe he is trying on is a 
good fi t. 
The application of the cinematograph 
principle to X-ray photography offers wide 
possi bilities. 
\Ye can only refer to the more academic 
applications of the X-rays by the conchologist 
to examine the interior of shells and fossils, 
without in any way spoiling a rare specimen. 
These have valuable educational possibilities. 
The use of the X-rays for revealing the 
interior of plant life is comparatively recent. 
Considerable differences exist in the mineral 
content and density, and hence the trans- 
parency of the different parts of a plant- 
root, stem, leaf, flower, fruit, seed, etc.-and 
thus it happens that even the most delicate 
structures of plants can be laid bare without 
tearing the plant to pieces in order to study it. 
l\licroscopic detail is of course not revealed. 
Long-waved X-rays are required for such work. 

 (3!) X-RAYS AND OLD l\IASTERs.-The 
first artistic oil-painting of which there is any 
record was executed in the year 1399 by 
Hubert van Eyck, a Dutchman, and from 
then up to the early Italian and Flemish 
school, painters had possibly only eight or 
nine pigments, mostly mineral in origin. 
To-day there are over 200 in use, many of 
them vegetable or coal-tar in origin. 
As is well known, the imitating f'f valuable 
pictures has always enjoyed a great vogue, 
and there are thousands of spurious paintings 
in existence-copies of both late and modern 
masters-which have been passed as genuine 
and sold for outstanding amounts. For 
example, so far as is known, Rembrandt 
painted some 700 pictures, yet l\laximilian 
Toch estimates there are fully 4000-5000 in 
existence, all of which are regarded as gcnuinp 
and have c:ommanded great prices. Again it 
would have bepn absolutely impossible for any 
human being to have painted all the Rubenses 
tha.t there are in existencp. The remark is 
probably true of every great painter. 
There are various scientific methods of 
determining the originality and a
e of 
paintings. Photomicrography is of great help: 
for example, in the case of a panel of a 
picture 300 years old the protoplasm in the 
cells of the wood has entirely dried out, 
a feature distinct from a modern panel. 
Chemical analysis of tiny detached fragments 
often throws light on the subject; for instance 
zinc white (zinc oxide) was not known 300 
years ago, and the Flemish painters used 
flake white (\-"hite lead). Again bitumen, at 
first transparent, gradually becomes opaque 
and insoluble with the passage of time. 


But not only pictures, hut all works of art, 
are imitated in the same way. Furniture, 
pottery, bronzes, old weapons and hrass work 
are so completely simulated that ('xperts are 
frequently baffled. 
heraton furniture is a 
familiar example. \Ye know that Sheraton 
had a little shop and did most of his work 
himself with only occasional help from a few 
expert artisans. The amount of Rheraton 
furniture in existence would indicate that 
Shera ton had a factory of several acres 
employing a thousand men who were lifelong 
supporters of mass production. 
It would appear that the X-rays may 
usefully be called in, in certain cases, as a 
supplementary method of scrutiny for the 
expert. A 
tart has been made with pictures, 
as we shall now proceed to show. 
In any picture we have to consider three 
media, (l) the sudace which is painted on- 
usually canvas or wood, tbough paper, 
porcplain, or other materials may be used; 
(2) the priming or sizing-nowadays almost 
always white lead, though formerly carbonate 
of li'ffie and glue were- employed; (3) the 
actual pigments. 
Both wood and canvas are very transparent 
to the X-rays, th
ugh different kinds of canvas 
vary a good deal. The white lead primer is 
much more opaque than carbonate of lime, and 
the fonner, moreover, penetrates much farther 
into the interstices of the canvas. This in 
itself is sufficient to show a marked difference 
under the X-rays between modern and older 
pictures. 
As to pigments, they vary greatly in X-ray 
opacity from the opaque salts of lead, zinc, 
and mercury to the transparent aniline 
derivatives and bitumen. Both modern and 
ancient. whites are usually opaque, most of 
thp blacks (new or old) are transparent, and 
modern reds are more transparent than the 
old reds. But, as already remarked, most of 
the earliest pigments are mineral in origin and 
opaq ue. 
In a modern picture the sizing is very 
commonly more opaque than the pigments, 
and X-ray examination is, for that reason, 
usually inconclusive. But fortunately in the 
pictures of the old masters the rev('rse con- 
ditions hold, and thus it is that ,,,ith a ìittle 
experience the X-rays can be employed most 
usefully as a means of identifying a modern 
fake, or detecting alterations to an old picture. 
It is a practical certainty that., however skil- 
fully the process has been carried out, the 
several materials used-whether canvas, prim- 
ing, or pigment-will differ from those in the 
original painting and will, in consequence, be 
differentiated in the radiograph. 
Kotable work on this subject has bpen 
carried out by Dr. Heilbron of Amsterdam 
and, more recently, by Dr. Chéron of Paris. 
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Among the sixteenth century paintings exam- 
ined b;7 the former was the" Crucifi-x:ion ., b,' 
Corneli
 Engelbrechtsen, which contained i
 
the right foreground the portrait of a woman 
which it was suspected was that of a former 
" donatrice," "\\ho (after a fashion not unknown 
in those days) had thus sought to perpetuate 
her association "ith the picture. A radiograph 
of the painting showed many " restoration
," 
especially on the right half, and beneath the 
portrait of the donatrice was revealed the 
picture of a monk in surplice and stole. the 
head being smaller than that of the over. 
painted lady. The evidence was so clear that 
the picture was sent to be restored at the 
Rijks-museum in Amsterdam, the result being 
to bring tu light once more the monk who had 
been hidden for 400 years. 
Among the other paintings examined by 
Reil bron was a panel of the ")Iadonna" by 
Geertgen van St. Jans (c. 13(0) which had 
always excited comment because of the 
appa
ently stiff and unnatural position of the 
arms. The radiograph showed that the 
presence of the Child in the arms of the 
)Iadonna fully explained their attitude. St. 
Jans is known to have painted his children 
disproportionately small, and the presumption 
is that this defect "\\ as the cause of some 
former owner ha ,-ing the Child painted out. 
Other examples of Heilbron's work include 
a panel by De ::\Ieester van 
-\.llmaar, where 
the portrait of a lady (again supposed to be 
the donatrice) is found to be painted over the 
original figures. There is some chance that 
the panel wiH be restored to its original state. 
A radiograph of a panel by van Dyk, repre- 
senting a waterfall, a knight "ith a horse, 
dogs, etc., shows that the artist originally 
painted a much bigger waterfall, the current 
of water appearing to pass through the animals. 
\Ye are led to infer that the painting is an 
original and not a copy, for only in the case 
of the original can we trace such alterations 
in the ideas of the artist. 
Dr. Chéron X-rayed a Flemish panel 
attributed to van Ostade and showing a party 
of country dancers and revellers. The radio- 
graph revealed only a farmyard scene con- 
taining peacocks, ducks, and chickens. The 
supþosed van Ostade is almost certainly 
modern, since practicall:y all its colours are 
transparent tf) the rays. The farmyard picture 
is apparently old, since the 
izing is not opaque. 
Another picture of the French school of the 
fifteenth century which was examined by 
Chéron was that of the Royal Infant at Prayer 
hanging in the Louvre. The black back- 
ground was found to mask a badly deteriorated 
original background--confirming documentary 
evidence to that effect. 
The X-rays mav find another field in the 
examination" of paÌimpsests and ancient manu- 


scripts which, hitherto regarded ac; carl}ing 
only their face value, may bear under the 
trivial inscriptions of mediaeval times older 
matter of priceless worth. Again it is well 
kno" n that before millboard came into general 
use for book covers (about the middle of the 
sixteenth century), binders were accustomed 
to make them up from such loose pages as 
came to hand. )Iany discoveries of rare and 
valuable )I5S. have been made when the bind- 
ings of old volumes have happened to fall to 
pieces. The X-rays may have useful applica- 
tion here. 
As regards antique furniture and the like, it 
is not improbable that examination of con- 
structional or other detail, which cannot other- 
wise be viewed except by destroying the article, 
would suffice to reveal in a fake craftsmanship 
out of tune with the reputed period. 

 (35) F"GTrRE DEVELOP}IEXTS OF Ix- 
DUSTRIA.L RADIOLOGY.-Our ideal should be 
to make the taking of an X-ray photograph as 
easy as that of light. The present limitations 
of radio metallography are lar
ely those pre- 
scribed by equipment and technique. Con- 
siderable improvements "ill have to come if 
the subject is to extend its scope and become 
an attractive commercial proposition in heavy 
engineering. If great thicknesses are to be 
tackled, means "ill have to be found so that 
exposures are not intolerably long. There 
appear to be two means to this end-(a) by 
using much heavier X-ray outputs, at much 
higher voltages, or (b) by using much more 
sensitive screens, plates, or other detectors. 
"-e have already considered the probable 
developments of the high-potential generator, 
and, as we should anticipate, all experience 
agrees in demanding higher and higher voltages 
for work with metals. The ormnary Coolidge 
tu be will, however, take no more than 1 ";;0.000 
volts, prefera òly less. Thi
 can be increased 
to 300,000 by lengthening the arms of the tube 
and completely immersing it in oil. If there 
is a demand for it, the electrical engineer" ill 
doubtless overcome the difficulties in the way 
of supplying half a million or more volts. 
Such transformers have alreadv been made 
for other purposes, but their bulk, weÏ!rht, and 
cost are formidi."lble. For example, a single- 
phase transformer giving a peak voltage of one 
million occupies a floor space of 13 ft. x 8 ft., 
is 15 ft. high, has terminals :?:3 ft. high, weighs 
20 tons. and costs about rIO.OOO. \Yith such 
voltages both transformer and tube will doubt- 
less be contained in a common oil tank, thus 
reducing the danger anrl the considerable losses 
by brush discharge. 
Heavier discharges will demand more 
elaborate cooling arrangements, and probably 
glass X - ray tubes will not stand up to 
the work. \Ye ma v ha -ve to turn to metal 
tubes radically difie
ent in design, capable of 
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absorbing 50 h. p. or more. Furt.hermore, we 
shall have to improve the deplorable efficiency 
of the whole outfit. 
It may be mentioned that some of the 1'- 
rays of radium are far more penetrating than 
the hardest X-rays we can produce at present 
(being equivalent to X-rays excited by about 
two million volts), but unfortunately the 
intensity is so weak (not more than a few 
per cent of that from a goud bulb) that 
exposures are intolerably protracted. 
As regards fluorescent screens and photo- 
graphic plates, great improvements are called 
fur. Xo screen at present available is sensitive 
enough for thicknesses exceeding about 1 inch 
steel, and only then with difficulty. Photo- 
graphy must be resorted tu in such cases, and 
the time taken over the process may then 
become prohibithTe, at any rate for routine 
" mass inspection." 
A photographic plate registers only about 
1 per cent of the X-rays passing through it. 
Progress has mainly consisted in thickening 
the emulsion or richly loading it either with 
more silver or ,yith heavIer metals. Exposures 
may be shortened either by backing up the 
emulsion with a sheet of a heavy metal, such 
as lead, or more appreciably by the use of an 
intensifying screen, containing a fluorescing 
salt, such as calcium tungstate. All X-ray 
plates are much more sensitive to visible rays 
than to X-rays, but such screens, which are 
more efficacious with "hard" rays than 
" soft," are apt to impair the detail in certain 
classes of ,york owing to "grain. " It is 
important to have the closest contact between 
the screen and the emulsion. This is secured 
in the. new "Impex" plate, in ,yhich the 
fluorescing salt is contained in a superimposed 
gelatine film which is dissolved off before the 
plate is developed. Such plates reduce the 
exposure as much as thirty times with very 
hard rays, though the efficiency is much less 
with longer wa1 T es. 
Another real advance in X-ray photography 
has proved to be the duplitized film, i.e. a film 
coated with emulsion on both sides of the 
celluloid. A" pile" of several of these sand- 
wiched with thin fluorescent screens, gives a 
very sensitive detector. 
The ionisation method of detecting the X- 
rays offers great promise, for it can be made 
more sensitive than any photographic method 
at present available. An explorer built on 
these lines and of convenient design would 
have corresponding advantages. 
To conclude, the subject of industrial radio- 
logy is youn
 and, although progress has been 
rapid, we must in all fairness be careful not to 
claim too much for it. From such experience 
as we have had, it does appear, however, that 
the method is settling down to be a valuable 
laboratory tool, supplementing those which 


are already available for testing materials. 
Incidentally the existence of the method is not 
without its moral effect on the personnel, as 
regards standard of workmanship. 
G. w. C. K. 


RADIOl\IETER: an instrument for inyestigation 
of the infra-red spectrum; a modifieation 
of the instrument, devised by Crookes, in 
which mica vanes, accurately mounted on a 
central spindle 1'n i'acuo, rotate when placed 
in the path of radiant energy. See" 'Yave- 
lengths, The ::\Ieasurement of," 
 (7). 
RADIOMETRY: the measurement of radiant 
energy or radiant power. See" Spectro- 
photometry," 
 (2). 
RADIO-l\'IICROl\IETER: an instrument for in- 
vestigation of the infra-red spectrum; a 
type of galvanometer in which the current 
is generated by radiation falling on the 
junction of a thermocouple. See" 'Vave- 
lengths, The :Measurement of," 
 (7). 
RADIOTHERAPY: X-ray treatment of malig- 
nant disease. See" Radiology," 
 (30). 
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 (1) DISCOVERY.-R-adium was discovered by 
1\1. and 
hne Curie shortly after the property 
of radioactivity of uranium compounds had 
been discovered by Henri Becquerel in 1896. 
From observations of the activit.y of differ- 
ent compounds of uranium, 1\Ime Curie had 
concluded that the radioactivity of uranium 
was an atomic property; that is, the total 
radiation emitted by a compound was propor- 
tional to the amount of uranium present, 
irrespective of the other inactive elements 
with which it was held in chemical combination. 
"Then, however, a number of uranium minerals 
were examined it. was found that some speci- 
mens of pitchblende, notably those from 
Austrian mines, showed much greater activity 
than the metal uranium itself. It was sus- 
pected that this abnormal activity was due to 
the presence of small quantities of an unknown 
element or elpments of activity greatly 
exceeding that of uranium. "-ith the obj('ct 
of testing this conclusion, 1\1. and ::\Ime Curit" 
unrlprtook careful analyses of some of the 
uranium minerals, and their 'york resultprl 
in the discovery of two new radioactive 
elements, namely polonium and radium, the 
activity of the latter being several million 
times that of an equal weight of uranium.! 

 (2) OCCURRENCE. - The two principal 
commercial ores of radium are pitch hlende 
and carnotite. Pitchhlende has no definite 
composition and is a very compkx minpnll. 
1 1\1. anrl 1\lmf' ('urie and G. Bcmont, Comptes 
Rendus, 1898. cxxvii. 1215. 
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It contains in yar;dng quantities nearly all 
the known metal
, but it is rich in thf' oxides 
of uranium. Carnotite has a more definite 
composition, being a potassium uranyl vana- 
date (K;!O, 2CO a , y 205' 3H;!O) containinf! 
small quantities of barium and calcium. Of less 
importance are autunite, a hydrated calcium 
uranium phosphate [Ca("C02)2(P04)2bH20] 
and torbernite, a hydrah>d copper uranium 
phosphate [Cu(G02hP208' 8H;!0]. 
Pitchblende deposits are found at St. 
Joachimsthal, Bohemia; at Johanngeorgen- 
stadt, Saxony; in CornwalJ, England; in 
Xorth Carolina and Connecticut, r.S.A. The 
mines of St. Joachimsthal ha"Ve been worked 
for the last t"entv-five "\ears for uranium; 
previously they we;e workLed for bismuth and 
cobalt, and before that for sil"Ver. The "Veins 
show that deposition occurred in three periods; 
the cobalt and nickel deposited first, then 
the uranium, and after" ards the silver. 
Dolomite spar is always present and generally 
has a white or yellowish-white colour, but 
changes to brownish red where pitchblende I 
begins to appear, and is a dirty grey 
where it is actually in contact with the ore. 
The "Veins in the Saxony mines resemble 
those at Joachimsthal, the pitchblende occur- 
ring in the spar in pieces 2 to 3 in. in 
diameter. In Com wall also the mineral 
pitchblende is associated "ith nickel and 
cobalt "Veins, although here only part of the 
veins are highly argentiferous. In the Lnited 
States there are fi"Ve mines that ha"Ve produced 
pitchblende in quantity, and of these the 
Kirk mine is probably the most important. 
During the last twel"Ve years about 20 tons 
of ore "ith an a"Verage content of 3.5 per cent 
FaOs, and over 100 tons with a content of 3 
to 4 per cent DaOô, have bf'en mined. The 
other mines produce lower grade ores in some 
quantity. Pitchblende has been found in 
small quantities, but of very high quality, in 
East Africa, and recently considerable amounts 
of an exceedingly rich uranÏnite have been 
found in India. 
Carnotite deposits are found mainly in 
Dolores, San )Iiguel and )Iontrose counties, 
Colorado, and "Ctah, and extend over a belt 
about 60 miles long by 20 miles wide. The 
most usual ore is a sandstone so impregnated 
with "\elIow carnotite that the colour is 
decidedly noticeable and contains pockets 
of brown sandclay. The deposits are invari- 
ably in pockets, many of which, however, are of 
con
irlera hIe size. A SUITey of the carnotite 
fields. carried out bv the Bureau of 
Iines in 
1912, re"Ç"ealed the L fact that the carnotite 
deposit" of Colorado and Ctah constituted 
by far the largest source of radium-bearing 
ores in the world. 1 It is estimated that these 
1 R. B. ::\Ioore and :Karl L. Kithil. L.!:'.A. Bureau 
of )Iines, Bull.) 1913, Xo. ïO. . 
VOL. IV 


deposits should be capable of 
ielding at least 
500 grammes of radium element. During the 
period from 1913 to 1919 the Standard Chem- 
ical Company, Pittsburg, Pa., alone produced 
50.8 grammes of radium element from thi:::l 
ore. 2 Carnotite is also found at OlaIT, 
outh 
Australia, but this "Variety, being mi
ed with 
ilmenite, is very different from the American 
carnotite. Autunite is found in commercial 
quantities in Portugal in the district between 
Guarda and Sabu
al. It is occasionallv 
found in "Very pur; condition, but for the 
most part as a very low graùe ore, bearing 
from 0,5 to I per cent of C 308' It is abo 
found together "ith torbernite near Farnia in 
South _\ustralia. 
All common rocks and minerals of the 
earth's crust contain minute amounts of 
radium (of the order of 10- 12 grarume of 
radium per gramme of rock). The atmosphere 
also contains radium in the form of emanation. 

 (3) EXTRACTIOS ASD 
EPAR.\TIO:S OF 
RADI"L'I FRO:Y RADIOACTIYE OREs.-The chief 
ore employed in the preparation of radium 
in the early stages of radioactiYity "as 
pitchblende. The following account of the 
extraction of radium from pitchblende is 
given by )Ime Curie. 3 The crushed ore is 
roasted "ith sodium carbonate, and the 
resulting material washed first "ith warm 
water and then "ith dilute sulphuric acid. 
The solution contains the uranium, whilst 
the insoluble residue contains all the radium. 
'Ihis residue chiefly contains the sulphates 
of lead and calcium, silica, alumina, and ferric 
oxide. In addition, nearly all the metals arc 
found in greater or smaller amount (copper, 
bi8mutb, 7Ínc, cobalt, manganese, nickel, 
vanadium, antimony, tballium, rare earths, 
niohium, tantalum,L arsenic, barium, etc.). 
Radium is found in this mixture as sulphate 
and is the least soluble sulphate in it. In 
order to dissol"Ve it, it is necessary to remo"Ve 
the sulphuric acid as far as pos
ble. To do 
tills, the residue is boiled "ith concentrated 
soda solution. The sulphuric acid combined 
with the lead, aluminium, and C'alcium passes 
into solution as sulphate of sodium, which is 
removed by repeated washing "ith "ater. 
The alkaline solution removes at the same 
time lead, silicon, and aluminium. The in- 
soluble portion is well "a!':hed and treated 
"ith ordinary hydrochloric acid, which 
completely disintegratps the material and 
dissolves most of it. The radium remains in 
the insoluble portion. This is "ell "ashed 
"ith water and again treaied with boiling 
concentrated solution of sodium carbonate. 
This opf'ration completf's the transformation 
of the sulphates of barium and radium into 


I 
fielll'e, 1919, xU"\:. 227. 
S Tran:::lation of Thesis for Doctorate, Chern. Sn r !:, 
1003, p. 134. 
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carbonates. The solid is filtered off, washed 
with sodium carbonate solution and then 
with water, and dissolved in HCl quite free 
from H 2 SO I' The filtered chloride solution 
is treated with sui ph uric acid to prt"cipitate 
radium and barium sulphates which are 
contaminated with traces of lead, iron, and 
calcium sulphates. The crude sulphates thus 
obtained have an activity from thirty to sixty 
times as great as that of metallic uranium. To 
purify the sulphates they are boiled with 
sodium carbonate and transformed into the 
('hlorides. The solution is treated with sul- 
phuretted hydrogen, which gives a quantity 
of active sulphides containing polonium. 
This precipitate is removed by filtering, and 
the remaining solution oxidised by means of 
chlorine, and precipit.ated with pure ammonia; 
the precipitate which contains actinium is 
removed, and the filtered solution treated 
\vith sodium car-bonate. The precipitated 
carbonates formed are washed and converted 
into chlorides. These chlorides are evaporated 
to dryness and. washed with pure concentrated 
hydrop-hloric aeid to remove traces of calcium 
chloride. The calcium chloride dissolves al- 
most entirely, whilst the chlorides of barium 
and radium remain insolublp.. 
From 1 ton of J oachimsthal residues about 
8 kilograms of a mixture of barium and 
radium chlorides are obtained, the activity of 
which is about sixty times that of metallic 
uranium. To extract pure radium chloride 
from barium chloride containing radium the 
mixture of the chlorides is subjected to frac- 
tional crystallisation in pure \Va tel', and then 
in the later stages in water to which hydro- 
chloric acid has been added. The crystals 
of radium chloride which separate out are 
elongated needles, having exactly the same 
appearance as those of barium chloride. 
Both crystals show double refraction. Crystals 
of bari
m chl0ride containing traces of r
dium 
are colourless, but. when the proportion of 
radium increases they have a yellow colora- 
tion after some hours verging on orange and 
sometimes a beautiful pink. The maximum 
coloration is obtained for a certain degree 
of radium present. This fact serves as a 
useful check on the progresR of fractionation. 
Giesel pointed out that the s
paI'at.ion of 
barium and radium by fractional crystallisa- 
tion in water from a mixture of the bromides 
is more rapid and efficient than from 
that of the chlorides. 1 Another method of 
separ1.ting harium and radium is givpn by 
l\Iarckwald. 2 
A method of extracting radium from 
pitC'hblende by fusing the ore "ith sorlium 
sulphate was employed on a large scale by 
1 GieseI, Ann. Chrm. Phll.r;., 189f) (ii.), lxix. 91; 
Schall, Am. Chem. Soc. J., 1020, xliii. 889-806. 
2 Ber. 1904, xxxvii. 88. 


Haitigner, Luding, and Ulrich. 3 This method 
has also been used in Australia by Radcliffe 
in treating carnotite ohtained at Olary, South 
AURtralia. 
Fusion with sodium carbonatp. was employed 
in AmericR, on carnotite ores, but this method 
has the great disadvantage that it carries a 
large part, if not all, of the silica into solu- 
tion. This adds greatly to the cost of the 
operation and tends to gi\Te radium-barium 
sulphates of a rat.her high degree of impurit.y 
which require special treatment. The method 
adopted at present by the Burpau of Mines, 
U.S.A., 4 is based upon the Iact that strong 
nitric acid dissolves radium-barium sulphates 
in considerable quantities, as well as the other 
soluble constituents of the ore. The usp of 
strong nitric add is advocated because the 
radium-barium sulphate can be precipitated 
at once in a remarkahly pure form, and the 
nitric acid can be largely recovered in the 
form of sodium nitrate and uspd again. The 
radium usually exists in the ore in the propor- 
tion of 1 part in 200,000,000; a recovery of 
90 per cent of the radium present is claimed 
for the nitric acid method. H. Schlundt 5 
gives a method of extracting radium from 
carnotite ores with concentrated sulphurie 
acid, and has applied. it with success to carno- 
tite ores from Colorado and Utah. By Loiling 
carnotite ores with concentrated sulphuric 
acid the barium and radium compounds 
present are converted into bisulphates, which 
rem:Ûn in solution in an excess of the acid and 
may then b
 separated from the insoluhle 
components by filtrat.ion, followed by washing 
the residue \vith concentrated sulphuric aeid. 
From the acid liquors thus obtained the radium 
is recovered by diluting with water, whereby 
radium-barium sulphate is precipitated. Two 
types of carnotite ores were dealt with, a low- 
grade ore containing I.ßß per cent U 3 0 8 , 
4,.03 per cent V 2 C 5 ' and 4..88 parts of Ra pCI' 
billion, and a high - grade ore containing 
14.39 per cent 0 3 0 8 , 9.()7 pf'r cent V 2 0 5 , and 
42.78 parts of Ra pfJr billion. ]
y using 
'3ulphuric acid of more than 78 per ('ent 
concentration, at least 90 per cent of the 
radium present in these ores may be recovered 
by the above method. 
Plum 6 gives the following summary of the 
method employed by him in separating 
radioactive products from carnotite con- 
centrates. One kilogram me of carnotite 
concentrates was boiled for several hours 
with 2 litres of a solution containing 
400 grammes of anhydrouR sodium car- 
bonate. The filtrate yielderl SR.l grammcs 
3 Ber. fibcr die Beflrbeitung der Pechhlenrl-Riick- 
.r;tlind(' [(. K. Akfld" Wiss(,lI.r;ch((ft, 1008, cxvii. 619. 
4 C. L. Parsons, R. B. )[OOff', 
. C. Hnd, auel O. C. 
S('haf'ff'f, J. of Ind. flnrl Enq. Chrm., viii. :No. L 
5 Journ. of Pl
!I.r;. Chnnistrl/, 1916, xx. 485. 
8 Journ. Am. Chem. Soc. xxxvii. 8. 
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of uranyl sodium carbonate, -C0 2 CO a 2Xa 2 CO a , 
whieh rf'presented 88 per cent of the total 
uranyl in the samples. The filtrate stiJ1 held 
2 per cent of the uranium in solution. A 
second treatment of the ore ,\ith 300 grammes 
of sodium carbonate under the same conditions 
as above dissolved out only 2.8 per cent of 
the uranium. The residue was treated with 
400 ('.c. hydrochloric acid diluted with about 
a litre of water, and boiled for about 8 hours. 
The rarlium-barium sulphate separated from 
the filtrate weighed 7.36 grammes. The 
residue was next heated for a day "jth 200 C.c. 
of nitric acid diluted with about a litre of 
water. 'The radium-barium sulphate precipi- 
tated in this filtrate weighed 0,4,33 gramme. 
The percentage of radium in these combined 
sulphates was 89.8 per cent of the total 
amount in the ore. Reprecipitati6ns of 
barium sulphate in the two acid filtrates 
carried down 2.7 per cent more of the radium. 
The lead sulphate separated from hismuth 
and containing radio-lead, weighed 0.-19 
gramme. The polonium precipitated with 
bismuth aT\d then depositerl on copper "as 
50.1 per cent of the total amount in the ore. 
The residue was finally trE'ated with t\\ ice its 
weight of sulphuric acid after being diluted 
with about an equal weight of water and then 
heated until most of the sulphuric acid had 
escaped in fumes. The activity of the ionium 
found in this solution was 61 per cent of the 
total amount in the original carnotite. The 
re8idue lE'ft, after all extra.ction processes 
had been carried out, weighed 507 grammes 
and its acti,-ity ::;howed that only 4.2 per cent 
of the radium still remained in it. 

 (4) 
rET-\LLIC RADI"C:\I has been isolated 
by 
Jme Curie and Jìebierne 1 by the electro- 
lysis of pure radium chloride. The radium 
amalgam so obtained was heated to about 
700 0 C. in a current of hydrogen to volatilise 
the mercury. A white metal remained 

Ietallic raili
um melts at about 700 0 C. and 
the vapour gixen off rapidly attacks quartz. 
The metal turns blu'('k in air, pos<:;ibly owing 
to the formation of a nitride; it chars pa pE'r 
ann dissolvE's rapidly and completf'ly in "ater 
and in dilute hy(lrochloric acid. J t decomposes 
water" ith the evolution of hydrogen forming 
radium hydroxide solution. 

 (5) '\TO:\UC 'YEIGHT.-
rme Curie made 
se,-eml determinations of the atomic weight 
of radium, by treating purified radium chloride 
\\ ith silver nitratf' and estimating the amount 
of fiilver chloridE' ohtained. The last deter- 
mination made hy her gave a value 226.4 for 
the atomiC' weight. 2 Employing the same 
method and a bout 1.3.3 grammes of purified 
radium chloride O. H onigschmid 3 obtained 


1 f'omples Rrnr711s. 1910, eli. 523. 
2 IMd., 100ï. exlv. 422. 
3 TJ'ien. Ber., 1911, cxx. 1617. 


the value 22,),95. A similar set of experi- 
ments "ith the bromide gave 22.3.96. A 
spectros('opic examination of the final bromide 
preparation USE'd showed tpat it contained 
less than 0'OU2 per cent of harium. The 
ralue 226 is at present ac('epted as the atomic 
WE'ight of radium. 

 (6) SPECTRt'::\l.-Demarçay 4 showed that 
radium gave a well-marked and characteristic 
spectrum. Twelve lines "ere obsen-ed be- 
tween ^ = 5000 p.p., and ^ = 3,")00 p.p., toget her 
with well-marked bands. The general aspect 
of the sppctrum is that of the alkaline earths- 
these metals have well-marked line spectra 
with 'a number of band8. Later the spark 
spectrum of radium was examined by Runge, 5 
Exner and Haschek,6 Crookes,7 Runge and 
Precht. 8 The chief lines observed, in order 
of decreasing intensity, WE're: 3814'6, 4682,4, 
43-10,8, 5729.2, 4826,1, 443ß'5, 5813.8, 62UO'6, 
5938-4, 5ß60.8, 4533.3, 2813.8 p.p.. Radium 
salts give a fine carmine coloration to the 
Bunsen flame. The flame spectrum of radium 
was examined by Runge and Precht. 9 The 
foUo"ing lines and band:;: showed up clearly: 
4826, 6130-6330, 6329, 634-9, 6530-6700, and 
6653. .A good test of the completion of the 
separation of harium and radium is the rclative 
intensities of the lines 4533-3 (radium) and 
4.).54.2 (barium). These two lines are of 
same intensity" hen only 0.6 per cent barium 
is present in the radium salt. An activity 
fifty times as great as that of lllf'tallic uranium 
is required to distin[!:uish clearly the principal 
railium line (3814.6 p.p..) in the spark spectrum. 
'Yith a sensith-e electrometer the radioacti,-itv 
of a substance, only one-hundredth of that 
f 
metallic uranium, can be detected, so that the 
ionisatìon lllf'thnd of detecting raòium is 
much more sensiti,-e than the spectro
cûpic 
method. 

 (7) SALTS OF RAIH"Cl\t:. - The salts of 
radium resemble the corresponding salts of 
barium. Radium sulphate is less soluble 
than the barium salt, the carbonate also is 
sparingly soluble. For a 50 pCI' cent or weaker 
solution of sulphuric acid the solubility of 
radium sulphate is practically the same as 
that in water, namely 2.0 x 10- 8 gm. RaS0 4 
per c.e. at 2.3 0 r. This value is that pre- 
dicted from comparison "ith the decreasing 
solubilities of Ca, Sr, and Ba sulphates. On 
increasing the concE'ntration of H 2 S0 1 abO\-e 
65 per ('ent, a marked rise in solubility of RaSO-l 
takes placE'; it is more than t\\ ehoe times as 
soluble in 70 per cent as in 63 per cent acid. Io 


4 Comples Remlus 18!)8, exX\ ii. 1218. 
5 Ann. d. Phys., 1900, ii. 74
; 1
)03, xii. 407. 
II Wien. Ber., 1r101, ex. 964. 
7 Roy. Soc. Proc.. 100+, .\, h.xii. 
95. 
8 Ann. d. Ph.llR., 190+. xiv. US. 
e Ibid., 1903, :x. 6;);). 
. 10 (Ynderwood and Whittemore. Am. Chern. Soc. J., 
1918. xl. 
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The bromide and chloride crystallise "ith two 
molecules of water: RaCI 2 2H 2 0, RaBr 2 2H 2 0, 
and these crystals are isomorphous with 
the corresponding barium salts. The radium 
halides are much less soluble than the 
barium halides. Several other salts, for in- 
stance nitrate, azoimide, cyanoplatinate, have 
been prepared. The radium salts when freshly 
made are white, but they afterwards become 
yellow and brown, particularly if the salts 
are impure. Solutions of radium salts have 
a blue luminescence and the salts are all 
luminous in the dark. The following table 
gives the percentages of raùium element in 
some of the radium salts: 


TABLE I 


Salt. 


Formula. 


Percentage of 
Radium Element 
in Pure 
Radium Salt. 


I R3.dium bromide' 
crystalline I 
Radium bromide t 
anhydrous I 
Radium chloride \ 
crystalline , 
Radium chloride \ 
anhydrous J 
Radium sulphate 
I Radium carbonate 


RaBr 2 2H 2 0 


per cent 
53.6 


RaBr 2 


58.6 


RaCl 2 2H 2 0 


67.9 


RaCl 2 
Ra:-;04 
RaCo 3 


76.1 
70.2 


 



 (8) RATIO OF RADIU:\I TO URANIUM IN 

hNERALS.- In the early stages of radio- 
activity Rutherford and Soddy had suggested 
that radium was a disintegration product 
of one of the radioactive substances in 
pitchblende and, since radium was always 
found "associated with uranium, it appeared 
probable that uranium was t.he primary 
source from which radium was derived. If 
this were the case the weight of pure radium 
per gram me of uranium in a mineral in radio- 
active equilibrium should be a definite con- 
stant. A large number of radioactive minerals 
were examined by different investigators with 
a view to testing this conclusion. The ratio 
of the amount of radium to uranium in the 
older minerals showed remarkable constancy; 
minerals of more recent formation, however, in 
which radioactive equilihrium had not been 
established, showed variation, and according 
to expectation the values of the ratios were 
always lower than in the olùer minerals. 
The weight of pure radium per gramme of 
uranium in a mineral in radioactive equi- 
librium was found by Rutherford and Bolt- 
wood 1 to be 3.2:3 x 10- 7 gramme, so that 323 
milligrammes of radium element are present 
per ton of uranium clement approximately. 
This value of the "equilibrium ratio" lms 
been confirmed by Lund and \Yhittemore 2 
1 Ann. Journ. Sci., 1f>06, xxii. 1. 
2 Bur. of 3Iines, Tpchn. rapers, 1915, lxxxviii. 


who examined samples of carnotite represent.' 
ing large quantities of the ore (a few hundred 
pounds tn several tons). Samples from small 
quantities of ore-hand specimens up to a 
few pounds-tended to exhibit abnormal 
ratios; in one instance the ratio was as low 
as 2.-18 x 10- 7 , in another it was UR high as 
4.6 x 10- 7 . These abnormal differences are put 
down to local variations which are equalised 
in large samples. 

 (9) ESTIMATION OF RADIUl\I.-The quan- 
tity of radium in a preparation ia estimated 
in terms of the International Radium standard. 
This standard is a specially purified specimen 
of radium chloride containing 21.99 milli- 
grammes of radium chloride prepared by 
:1\fme. Curie. It is kept at the Bl:ireaU Inter- 
national des Poids et l\lesureR, Sèvres, Paris. 
Copies of this standard have been supplied 
to the National Physical Laboratory, Tedding- 
ton, and to the official testing institutions of 
other countries, who undertake the determina- 
tion of the quantity of radium contained in 
prepara tions su bmi t.ted to them. 
Two general methods ha,re been employed 
for determining quantitatively the amount 
of radium in a preparation, namely, the "Y-l'ay 
method which is suitable for measuring 
quantities of radium yarying from 0.1 milIi- 
granllue to 1 gramme, and the emanation 
method which is suitable for measuring S1l1<11] 
quantities of the order of 10- 6 milligramme. 
(i.) The "Y-ray .111 efltod. - This method of 
measurement depends upon the fact that the 
radium in a radium salt, hermetically sealed 
in an enclosure, is in equilibrium with its 
product
 of disintegration in about a month's 
time after the preparation of the salt, and 
emits a yery penetrating "Y-radiation, the 
intensity of which is proportional to the 
amount of radium present. The radium itself 
emits no "Y-radiation, neither do the next 
three products which follow It, except radium 
B which gives off soft "Y.radiation; the 
penetrating "Y-rays of radium are entirely 
due to the fourth product radium C, and 
it is for this reason that it is ne('cssarv 
to enclose the salt in a hermeticallv sealc
l 
tube, so that equilibrium has been estahlished 
before measurements are taken. It is only 
when equilibrium has been attained that 
the "Y-radiation gives a measure of the radium 
presen t in the tube. 
(a) Rutherford's D1'rect JletJwd.-To measure 
the quantity of radium in a sample in terms 
of the standard the -y-ray activity (If each pre- 
paration is measured under identicai conditions 
by means of an eled,roscope and ionisation 
chamber. The apparatus employed is shown 
in Fig. 1. The rates of fall of the electroscope 
leaf after correcting for natural leak are 
directly propnrtinnal to the amounts of radium 
in the tubes and thus give a direct comparison 
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of their amounts. It is essential for accurate 
measurements that the electric field inside 
the ionisation chanlber is ßtrong enough to 
produce saturation. The most accurate COIll- 
parisons are those made ;hen the sample and 
standard contain about the same quantity of 
material; comparisons correct to about 1 per 


lonisation Chamber 
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cent can be made, however, when one sample 
is ten times as strong as the other if a sufficient 
number of readings be taken. It is advisable 
to make comparisonR at different distances 
from the ionisation chamber and also to place 
different thicknesses of absorbing screens in 
front of the chamber. The ratio of the 
actÏ\"ity of the two samples should remain 
constant during these modifications. 
Ieasure- 
ments should not be made with the samples 
too near the electroscope because a small 
displacement relative to the electroscope 
introduees a large error. It is essential to 
prevent radiation other than 'i-radiation from 
entering the chamber. The latter is therefore 
made of lead a t least 3 
millimetres thÜ:k and the 
windows of the electroscope 
should be made of thick 
lead glass and be well 
guarded by 
ead shields. 
The
e precautions prevent 
the entry of ß-radiation, 
but s
attered 'i-radiation 
from objects in the neigh- 
bourhood of the apparatus 
"ill always enter the ap- 
paratus, and for this reason 
such objects should not be 
moved during the course of a comparison. 
It is of advantage to enclose the radium 
in small tn bes so tbat they act as point 
sources, also the walls of the tubes should 
not exceed O. 2 mi1limet
e in thickness. If 
they do not exceed this thickness the correc- 
tion due to absorption of the rays in the glass 
is negligible. For thicker walls, a correction 
will ha\Te to be applied, the absorption 
coefficient of the rays in glass being 0.10 per 
cm. It is convenient to have at hand a series 
of graduated 8tandards, say 0,1, I, J. 10, 30 
milligrammes radium element for the compari- 


R 
0-------- 


sons. The error introduced on account of 
lack of saturation may be selious "hen 
quantities of radium of very different activities 
are com pared by the above method. The 
graduated standards would be useful in this 
connection, because they could be com bineù 
together to give an amount of radium approxi- 
mately equal to that in the tube to UP t('sted. 
(b) Rutherford and Chadwick's Jlethod.- 
Another delicate method of comparison has 
been devised bv Rutherlord and Chadwick. 1 
The method co
sists in balancing the current 
produced in an ionisation vessel by the "I-rays 
from the t" 0 specimens of radium to be com- 
pare..l in turn against that produced in a 
second vessel by uranium placed inside it. 
The ionisation in this ve
sel remains constant 
",hilst that in the other one is varied by 
alterin,J' the distance of the radium from 
it. "
hen the ionisation currents ha\-e been 
balanced the position of the radium on a scale 
gives a measure of the quantity present. 
The disposition of the apparatus is shown 
diagrammatical1y in Fig. 2. In the apparatus 
described by Rutherlord and Chadwick, the 
vessel Å consists of a ]ead cylinder 2 cm. 
thick, 10 cm. long, and of internal diameter 
J J em. The enrl of the vessel, through" hich 
the "I-rays enter, is covered "ith a lead plate 
I em. thick. This vessel is placed at one end 
of a graduated scale about four metres lon
 
along which a slide carI'}ing the radium R 
can be moved to any desirerl clistance from it. 
The in
ulated electrode of the chamber is 
connected to that of the chamber B bv a wire 
which is enclosed in an earthed tube T, about 
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3 to 4: metres long, which can be e\-acuated. 
This prevents the production of ionisation 
in the tube by stray 'i-rays "hic:þ would 
vitiate the results. The Te:J8el B is a bras.s 
cylinder 4: cm. high anù 4 cm. in cliameter. 
The ionisation in this vessel is produced by 
the a-ravs emitted bv a film of uraniulll oxide 
deposite
l on a plate placed at the bottom 
of the chamber. The ionisation can be varied 
over a large range by opening or shutting an 
iris diaphragm placed ahove the uranium. 
The insulated 
ysteIn i
 connected through 
1 Phys, Soc. Proc., 1912, xxiv. 141. 
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an earthing key K to one pair of y. uadrants 
of the electrometer E, the other pair of 
quaùrants being earthed. In order to pro- 
duce ionisation currents in opposite directions 
in the two cham ber::;, the one cham bel' is con- 
nected to a potential (usually 
about 200 volts) equal anù To Support 
opposite to that on the other. 
The electrometer and ionisation 
chamber R are both endosed 
in a box covered with leaù 
5 mm. thick, and as a further 
protection from the -y-rays, the 
vessel B is enclosed in a lead To 
Earth Q 
cylinder 6 em. high and 3 cm. 
thick, and insulated from it. 
It is con\;enient to arrange the 
apparatus so that the move- 
ment of the spot of light on 
the scale can be watched at 
the same time that the earthing key is worked 
and the slide carrying the radium is moved 
along the scale. 
In making a comparison of t\VO preparations 
of radium, the only measurements required 
are the distances of the balancing points from 
the surface of the cham her. It is necessary, 
however, to know the depth of the ionisation 
chamber A, anù a correction has to be made 
for the absorption of the ')'-rays in the air 
between the sources and the vessel A. In 
the calculation use is made of the fact that 
over a wide range of distance the intensity 
of the radiation producing ionisation ia in- 
versely proportional to the square of the 
distance of the radium from the ionisation 
vessel. 
If r.is the distance of the radium from 
the front surface of the ionisation vessel and 
t the thickness of the lead plate covering it, 
then if f-ll ig the absorption coefficient of the 
-y-rays in lead and f-l their absorption coeffi- 
cient in air, the intensity of the radiation 
in the ionisation vessel 
is proportional to 
e - ""It . e -,.,.r /r(r + d), where d is the depth of 
the ionisation vessel, \vhich is small compared 
with r. 
Hence if Rl milligrammes of radium, placed 
at a distance r l' produce t.he same ionisation 
in the \Tessel as R 2 miIligrammes placed at a 
distance r 2' then 
R1e - ,.,.r l _ R 2 e - ""'2' 
rl(r l + d) - r 2 (r 2 + d)' 
. R 2 _
 r 2 + d -- ,.,.(rl - r 2 ) 

.e. - d . e . 
R 1 r 1 r 1 + 
This method can he employed to measure 
quantitieR of radium greater than one milli- 
gramme tú an accuracy of about 1 part in 
400. 
mallel' yuantities than this have to 
he brought so near to the ionhm,tion vessel 
that the inverse square law no longer holds. 


(c) ...lIme Curie's JletllOd.-A -y-ray method 
ùue to J\Ime Curie is shown in Fig. 3. The 
radium is placed on top of a large cÏrculpr 
plate condenser C consisting of two sheets 
of lead about RO cm. diameter and 5 Hun. 
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thick. An insulated aluminium plate situated 
between the lead plates, with a clearance of 
about 2 millimetres on either side, serves as 
the electrode. To obtain saturatif\n the lC'ad 
plates are connC'cted to a high potent.ial. The 
ionisation curre
lt produced is balanced by 
the use of a qnartz piezo-electrique Q. The 
relative saturation currents produced by the 
test and et.andard preparations afforù a definite 
measure of the radium present. 
(d) Soddy's Jlethod. - Soddy describes a 
-y-ray method by which the radium content of 
a low-grade preparation can be estimated. l 
A spherical flask is fill{'d with a known weight 
of the salt and sealed up. After eq uili briulll 
has been attained a comparison is made he- 
tween t.his and the standard by the first method 
described above. An accurate correction can 
be made in this instance for the a bsorptioll of 
the rays in the salt. Suppose I is the in- 
tensity of the radiation obsenTed from thc flask 
and 10 what it \v(mld be if no absorptiun of 
the radiation occurred. Then it can be shown 
that 
I 
I
 = 1 - ïf-l R + T
 (f-l R ) 2 - Hf-l R )3 + "3 2 0 (f-l R )4 
- õ\_(f-lR)5 + . 


. . , 


where f-l is the ahsorption coefficient of the 
radiation in the material and R the radius 
of the flask. The value of f-l/ P \\ here p is the 
density may be taken as 0.040, the density 
of the substance being taken as the mass 
divided by the known volume V of the flask. 
The series is rapidly converging, and three or 
four terms will suffice in most cnses. 
For a rapid approximate estimation of. 
radium in minerals Soddy employs a large 
lead electroscope, about 20 cm. high hy 20 
cm, diameter and of wall thickn{'ss 0,4 cm. 


I Soùùy, The Chemistry of the Radio-element.,>;, 1917, 
i. 93. 
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Thð "indows are made of lead glass and 
arf' shielded by lead so as to prevent the 
entry of secondary radiation into the electro- 
scope. The leaf system is of the simple type 
and is insulated by sulphur. In comparing 
pitchblendes and other minf'rals a lump of 
20 to 100 grammes, according to the rich- 
ness of the mineral, is taken and placed on 
top of the electroscope. The increase in the 
leak is compared "ith that produced by a 
similar lump of a standard pitchblende, the 
uranium content of which is known. These 
measurements supply enough data to calculate 
the amount of radium in the mineral. Fúr 
example: 


Per cent. Weight. Leak of 
U Electro
cope. 


Standard . GO 
Specimen tested. x 


::?l gms. 
30 " 


I::? di
. pH min. 
ts u 


X=
t X t'J. x 60=28 per cent. 


The" equilibrium ratio" of radium to uranium 
in a mineral of old formation is 0.323 x 10- 6 , 
that is, thCle are 323 milligrammes of radium 
element present per ton of uranium element. 
Hence the amount of radium in the above 
sample is 0.28 x 0,32:3, i.e. 0.090 gramme per 
ton of mineral. 
(ii.) The Euwllation Jleflwrl.-This method 
is very suitable for accurat.e meù8uremep-ts 
of minute quantities of radium. It depends 
on the fact that radium produces a gaseous 
product, the emanation, of a comparath-ely 
long period of transformation which can be 
separated completely from radium solutions. 
The emanation reaches its equilibrium value 
aft.er the radium solution has been sealed up 
in an enclosure for about a month; when 
this stage is reached the amount of emanation 
present is proportional to the radium content 
of the solution. As a standard of comparison 
it i:s necessary to prepare solutions containing 
a known quantity of radium which has been 
lueasured by one of the )'-ray methods. A 
standard 
olution is prepared as foUo" s : 
A known quantity of radium salt, say I milli- 
gram me, is dissolved in distilled water contain- 
ing a little dilute hydrochloric acid so as to get it 
all into solution. This is made up to a litre by 
the addition of water. One cubic centimetre 
of this Rolutioi1 is measured carefully, either 
by means of a pipette or by weighing, and 
transferred to another flask, and water added 
up to a known yolume, say 1 litre: 1 cubic 
centimetre of this solution would therefore 
contain 10- 6 milligram me of radium. A' 
number of solutions of different strengths are 
prepared in this manner and kept as standards 
of reference. It is essential to take great 
precautions that all the rarlium is initiallv 
put into solution, and it is advisable to add a 


Jittle hydrochloric acid to the standard solu- 
tions when they are made, so as to ensure 
that the radium remains permanently dis- 
solved. After the standard. solution is 
made, it is placed in a distilling flask 
which can be sealed up. Before sealing up, 
however, the solution is thoroughly boiled 
to (hive off all the emanation. Boiling for 
a fe" minutes suffices for this purpose. The 
flask is sealed up before it cools and is 
kept for a month to allow the emanation to 
accumulate. 
\Yhen the radium content of a sample is 
required, it is put into solution in a manner 
similar to that described above in the case 
of the standard. In a month after the vessel 
containing the solution is sealed, the emanation 
is transferred into an electroscope. This 
transference is effected by means of the 
apparatus shown in Fig. 4. The distilling 
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flask A, containing the radium solution, is 
opened and the air rushes into the partially 
exhausted vessel so that there is no loss of 
emanation. This is then connected to the 
gas burette B, which is filled \\ith hot water 
forced into it from the flask C. The 
flask A is then heated for about five minutes 
so as to drive the emanation into the gas 
burette; the emanation collects in the top 
of the burette and does not dissolve in the 
hot water. Cold water di8solves the emana- 
tion to an appreciable extent. The flask A 
is again sealed, and the emanation in the 
burette sucked into an electroscope where its 
activity is measure\l. To do this the electro- 
scope is evacuated by means of a water pump 
and the emanation passed into it through a 
drying tube. The burette is finaUy discon- 
nected from the df)ing tube and a stream of 
dry air aUm, ed to pa
s into the electroscope 
until atmospheric pre
sul'(\-Ís established. The 
electroscope is then closed. The rate of leak 
due to the emanation in the electroscope in- 
creases rapidly at first and then more slowly, 
reaching a maximum in about three hours 
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after the introduction of the emanation. The 
increase of leak i
 due to the production by 
the emanation of its products - radium A, 
radium B, and radium C. During this interval 
it is advisable to keep the leaf of the electro- 
scope negatively charged so as to concentrate 
the active (Ieposit on the central rod. Owing 
to the intense field near the central electrode, 
saturation is obtained more easily than if the 
active deposit were driven to the walls uf 
the electroscope. For accurate work it is 
desirable to take measurements of the leak 
when at its maximum. The emanation should 
be swe1)t out of the electruscope as soon as 
the measurements are made, so as to avoid 
contamination from radium F, which will 
increase the naturallcak. 
The same procedure is gone through with 
the standard solution. The ratio of the leaks 
in the two cases gives a measure of the 
amount of radium in the sample in terms of 
the standard. 
The emanation method is very accurate and 
reliable. The emanation from 10- 6 milli- 
gramme of radium gives a comparatively 
rapid discharge, and it is possible to measure 
one-hundredth of this quantity with cer- 
tainty. 

 (10) MESOTHORIUl\I. -. The ')'-ray method 
does not differentiate between radium and 
ruesothorium, both of which emit penetrating 
')'-radiation. The penetrating power of the 
rays from radium is slightly greater than that 
of the rays from mesothorium, anù a careful 
comparison of the absorption of the rays in 
lead will reveal the cúntamination of radium 
by mesothorium without the necessity of 
opening. the tube containing the preparation. 
A more satisfactory, although a more laborious 
method of detecting the presence of meso- 
thurium is to dissolve the salt and drive 
off the emanation. If the solution contains 
no mesothorimn the ')'-ray intensity will 
almost vanish after three hours; this "ill not 
be the case if there is any mesothorium 
present. The objection to this method is that 
the tube containing the preparation must be 
opened, which involves the risk of tho loss of 
some of the material. 
The carnotites are known to contain only 
a negligible amount of mesothorium. Tests 
made at the Bureau of Standards, 'Vashington, 
on radium produced from this ore indicated 
that the mesothorium present did not exceed 
0.2 per cent of the radium content of the 
material. Com
equently it is qnite safe to 
assume that the radium produced from these 
deposits is practically free from mesothorium. 

 (11) RADIUM ('05STA
Ts.-Radium itself 
emits 3.57 x 10 10 a-particlf"s per second per 
gramme of radium; when in f"<]uilibrium with 
its products 14.3 x 10 10 are expelled per second 
per gramme of radium. The total charge 


carried hy the a-particles emitted per secund 
from] gramme of radium and from each of 
its products in equilibrium with it is 33.2 e.S.ll. 
or 1.11 x 10- 9 e.m.n. l 
The quantit.y of emanation in equilibrium 
with 1 gramme of radium is knm\ n as a curie 
of emanation, and one-thousandth part of it 
is a IliÌllic'llrie. Similarly the quantity of 
radium A, radium B, and radium C in equi- 
librium with one gramme of radium are known 
as one curie of radium A, radium B, or radium C 
respectively. The total ionisation current due 
to a-rays from one curie of emanation is 
2.89 x 10 6 e.s. u. when the enumation is hv 
itself and 9.94 x 10 6 e.s.u. when it is with its 
a.ray products. 2 The total charge carried by 
the ß-particles emitted per second by Ba B or 
Ra C in equilibrium with 1 gramme of radium 
is 18.3 e.s. u. 3 The volume of the emanation 
from 1 gramme of radium in equilihrium is 
0.63 cubic millimetre, ", hich agrees closely 
with the value calculated from the knowledge 
of the numher of a-particles emitted per 
second, per gram me of radium itself, namely, 
0.62 cubic millimetre. 4 The total heating 
effect of 1 gramme of radium and its products 
in equilihrium with it is 13--1:.7 gramme calories 
per hour. The contribution to this total 
amount by each of thp products is as follows: 


Raùium alone. . 2.3.1 grammf> calories per hour. 
Radium emanation , 28.6 
Radium A . . 30.5 
Radium B } 
Radium C . . 50.5 


" 


" 


" 


" 


The production of helium by radium was 
investigated by Ramsay and Soddy.5 Puri- 
fied emanation from about 50 milligrammes of 
radium bromide was introduced into a small 
spectrum tube. Ko helium could be detected 
spectroscopically immediately after the intro- 
duction of the emanation, but after standing 
for four days the helium spectrum appeared 
with all its characteristic lines. This showed 
that helium is produced directly by the trans- 
formation of the radium emanation. It was 
the first definite evidence of the production of 
a known element during the tram;formation 
of radioactive matter. Boltwood and Ruther- 
ford 6 found experimentally that l().! cuhic 
millimetres of helium are produced per gramme 
of radium per year; this figure is in good 
agreement vdth that found by calculat.ion, 
namely, If>3 cubic miUimetres. 
Fro
 the number of a-particles emitted p<:,r 
second by 1 gramme of radium RntJ1('rford 
and Geiger ca.lculated that the half - value 


1 Rutherford and Gf>iger, Roy. Soc. Proc., 1908, 
A. Ixxxi. 14-I. 
.2 Geiger. ibid., 1 flO!), A, Ixxxii. 486. 
3 l\[o:':f>le
', ibid.. 1!)12. A. Ixxxvii. 230. 
ft Rutherford, Phil. -'-'1(((/., )!)08, XYi. 300. 
6 ROll. Soc. [>ro('., 1 !)O
, A. lxxii. 204. 
6 Phil. .Lllag., 1911. xxii. 586. 
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perIod of transformation of radium was 1690 
years. Bultwood 1 determined this quantity 
experimentally by sepa.rating the whole of the 
ionium present in a uranium mineral and 
determining the growth of the radium from 
it in terms of the equilibrium amount of radium 
in the mineral. He found that the half- value 
period was about 2000 years. A more recent 
determination by this method, and employing 
four different minerals, has been made by 
)Ille. Gleditsch. 2 The mean of the four deter- 
minations gave the value 1660 years for the 
half-value period, which agrees more closely 
with the above-calculated value. If 10 is the 
initial activity of radium and I its activity 
after an interval of time t, then Ijlo=e-Àt, 
where X is a constant known as the "radio- 
active constant." It may be defined as the 
fraction of the total amount disintegrating 
per unit of time, assuming the time unit to 
be so small that the quantity at the end of 
the time unit is not sensibly different from that 
at the beginning. For radium 1/10=0.5 
when t=1690 years, so that X=4.10xl0- 4 
per year. An atom disintegrating according 
to the above law can be shown to have an 
average life of 1/^" which in the casP of raùium 
would be 2-140 years. 
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 (1) EARLY HISTORY OF THE RAKGE- 
FlXDER.-The evolution of the short home- 
base range-finder provides one of the most 
interesting stories in the " hole range of 
applied optics. From the earliest times, the 
distances of inaccessible objects ha,-e been 
determined by simple triangulation methods. 
This has resulted in a constant demand for 
instruments of the theodolite type, designed 
to measure angles in azimuth with the greatest 
possible accuracy. "-hen, howe,-er, the prob- 
Jem of determining ranges during a battle, 
under the eyes and fire of the enemy it mi!!ht 
be, became an urgent one, it was soon dis- 
covered that what were in essence surveying 
methods suffered under great disadvantages. 
They necessitated the use of a comparatively 
long base, and the employment of a number 
of men, for the carrving out of an operation 
which took a ('on
iderable time, and- had to 
be conducted under conditions which made 
accur:1Ìe work difficult. Thus arose the 
demand for the short-base, single-obseryation 
range-finder. 
In the earlier forms of short-base ranQe- 
finders two theodolites in effect were mounted 
at the ends of a kno"n and rigid base. The 
theodolite telpscopes were directed either 
successively by a single observer, or simultane- 
ously by different observers, on to the distant 
object, and the convergence angle determined 
from the readings of the theodolites. 
In Jater forms of this type the two telescopes 
were fixed rigidly to the ends of the base with 
their axes parallel to one another and at right 
angles to the base. In making an obsen-ation 
the image of thp. object was brought on to the 
fixed cross. wires of one telescope, by rotating 
the range-finder in azimuth, and then the 
displacement of the image from the axis in 
the second telescope ,,,as determined by an 
ocular micrometer, graduated, it might be, to 
give range
. This marked a decided advance. 
In effect the object was brought into position 
along the a
is of one telescope, and the range 
determined from the parallactic displacement 
of its image in the field of view of the other 
telescope. 
The two-independent-telescope type, how. 
ever, was open to manifest objections. 'Yhen 
two observers were employed it "as difficult 
to ensure that the same object was being 
ranged upon in each telescope, and ranging 
upon a moving object presented even greater 
difficulties. It was thus realised that the two 
telescopes employed should projpct their 
images into a single common eyepiece, so that 
the two images given by the two telescopes 
could be observed simultaneously by a single 
obsenyer. 
One of the earliest forms of coincidence, or 
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rather sU'perpo
ition range-finders, was that 
invented in 177.3 by an optician named 
:Magellan. In this apparatus, as shown by 
Fif}. 1, sliding telescopic tubes a and b carry 
mirrors )1' and l\I at their outer ends, the 
latter mirror being fixed in front of a telescope 
L. Thus a distant object can be seen directly 
in the telescope L, and indirectly, after suc- 


a 


b 


L 


FIG. 1. 


cesslve reflection of the light by mirrors :àI' 
and :U. These mirrors are inclined at a small 
angle to one another so that within certain 
limits superposition of the image can be 
effected by adjustment of the base length. 
From this base length and the constant angle 
of convergence of the mirrors the range can 
be determined. A notable instrument of this 
type was also invented for military purposes 
by Brander, a description of which was pub- 
lished in 1781. 
An interesting range-finder was that patented 
in 18.38 by General Clark (see Fig. 2j. In this 
instrument a single telescope only was em- 
ployed. Light from the object fell simultane- 



 1 


R3 R4 
I 1 
,,/
 ------

 
/ 
 k1 


FIG. 2. 


ously upon two end reflectors Rl and R 2 , 
from which the light passed to inclined 
reflectors R3 and R4 mounted in front of 
a telescope object-glass. Two pictures, dis- 
placed horizontally with respect to one another, 
were thus seen in the focal plane of the eye- 
piece. This horizontal displacement, which 
was a measure of the range, was measured 
directly by means of a micrometer screw. 
It should be noted that Clark's instrument 
was not, strictly 
peaking, a coincidence range- 
finder, since the actual displacement of one 


picture with respect to the other was deter- 
mined directly. It was, however, one of the 
earliest instruments of fixed base length which 
permitted of simultaneous observation by a 
single observer in a single eyepiece. 
In 1860 Adie took out what would now be 
called a master patent for a short, constant 
base, coincidence range-finder. Up to this 
time coincidence, or supcrposition, had been 
secured by varying the base length; or, the 
base length being fixed, the parallactic dis- 
placement in the ocular field had been 
measured directly. Fig. 3 is taken from Adie's 
specification. An outer tube d carries a 
telescope system consisting of an object-glaRs 
b', prisms p2 and p3, and an eyepiece a 2 . An 
inner tube d' pivoted at c carries a second 
telescope object-glass a' and prisms p, p'. 
Each of the telescopes therefore projects an 
image into the focal plane of the eyepiece a 2 . 
"Then the inner tube is rotated about its 
pivot c by the operation of a micrometer d 2 , 
the image produced by the telescopic system 
on the left is moved horizontally across tho 
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FIG. 3. 


line of sight in the field of riew, and can thus 
be superposed, or brought into coincidC'nce 
with the image produccd by the telescopc on 
the right, and the range determined. 'Yith 
such a simple system of reflecting separating 
prisms, partial fields with a sharp dividing 
line cannot be obtained, a condition which 
has been shown to be essential to accurate 
work. 
An interesting 
pecimen of Aclie's telemeter 
is to be seen in the Science Museum, South 
Kensington. It has a base length of 3 ft. The 
parallactic angles are read off directly, whilst 
reference to a table carried by the instrument 
gives the corresponding ranges from 100 to 
2000 yards. The instrument was used on 
H.)J.S. Triton, from 1885 to 19u4, during the 
survey of the East Coast of :England. 
Very soon after the date of Adie's invpntion, 
the German optician Steinheil, and the French 
optician Tavernier, brought out coincidl'nce 
range-finders in which the coincidence was 
brought about by a rotation of one of the end 
reflectors. 1Iarindin as late as 1901 patpnted 
a range-finder in which coincidence was secured 
by a similar tilting of an end reflector. 
In 1868 Paschwitz described a range-finder in 
"hich coincidence was obtained by swinging 
a plane-parallel plate in the beam passing along 
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one of thp telescope5, that is in a con, prgent 
beam. 
The pentagonal prism appears to have been 
fir
t applied to range-finders by Colonel Goulier 
of the French Armv abuut 1864. 
In 188.3 )Iallock
 introduced a range-finder 
in which an opt.ical ;;;quare made up of two 
plane reflectors, inclined at 45 0 to one another, 
was used as an end reflector. Coincidence was 
brought about by tilting a reflector by means 
of a micrometer. 
Finallv, in 1888, )Iessrs. Barr & Stroud 
invented their wdl-known rangp-finder, which 
embodied in one instrument so many of the 
features which e-xperience has shown to be 
essential {or efficiency in a service instrument. 
Thus far we have dealt \\ ith the history of 
the coincidence or monocular type of range- 
finder only. Quite early. however, as we shall 
see, it was recogni
ed that a second type, 
depending upon the plastic character of 
binocular vision, was possible. 

 (2) STEREOSCOPIC R.!.XGE-FlXDER'3. - In 
binocular free vision, objects can be relatively 
positioned in the line of sight with very 
considerable accuracy, but a limit i'3 imposed 
by the fact that before an object can be 
stereoscopically resolved. or seen in relief, it 
must have a certain minimum dimension in 
the line of sight, a dimension which, according 
to Helmholtz, must subtend an
des at the eyes 
of the observer, the sum of which is at least 
equal to one minute of arc. This limiting 
angle, it may at once be said, has been reduced 
to 20 seconds of arc, and even less, by later 
workers. The sum of these angles, it can 
easily be shown, me
l,sures the change in the 
convergence angle of the axe.3 of the eye Wh(,ll 
directed first at the nearer, then at the more 
remote end of the object; thu3, put in 
other words. the statement means that in 
order that two objects at different distances 
from an observer shall be seen as at different 
distances, the convergence angle of the axes 
of the eyes must change by at least 20" in 
passing from one object to the other. 

ow assuming an average inter-pupillary 
distance of 2!- inche
, the distance at which 
this inter-pupiÏlary distance subtends an angle 
of 20" is equal to 2}' tan :!O'/ inches, a 
distdnce of about 700 yards, whilst for an 
object at infinity the co
vergence angle is of 
course zero. Obviouslv, then, no two objects 
which occur in space 
utside a sphere "ith a 
radius of 700 yards can be stereoscopically 
resolved, i.e. the radius of the spherical stereo- 
scopic field of free vision is about 700 yards. 
Xothing beyond that can be seen in relief as 
compared with an object even at an infinite 
di
tance. A point of light, for instance, 
beyond 700 yards away cannot be seen to 
be in relief a
ainst stars in the sk
T. 
Accepting the principle of Helmholt7's limit, 


it i:5 obvious that the greater the inter- 
pupillary distance of an ubserver, the greater 
must be the radius of his stereoscopic field of 
view. Herschel and Helmholt7, independently 
of one another. very ingeniously took advan- 
tage of this fact about the years 18.=)5-58, 
and by optically magnifying the inter-pupillary 
distance of an observer gave to him increased 
stereoscopic power. This was done by a 
reflecting system of four mirrors RI' R 2 , R 3 , R4 
(Fig. 4). I..ight from a distant object }Joint 
r?r
- -- - - - - 
:y- - - - - - - - -- 
'-'" 
. 
t 
I 
I 
I 
I 
actJ-h, 
bc!}
2 


, 
I 
I..:t
 - -- -- - - 
 

 - - - - - - -- 
'. ..) - " 
FIG. 4. 


reaches the eyes respectively by successive 
reflections from the mirrors R3 and R I , and 
R.. and R 2 . The effect of this is that the 
inter-pupillary distance ab is optically magni- 
fied to the distance AB, with a corresponding 
increase in stereoscopic power. The limit of 
20" now becomes (20 x AB)Jab spconds. Her- 
schel and Helmholtz both proposeà, further, to 
com bine the reflecting system shown "ith a 
binocular telescope, and thus obtain a further 
increase in the final convergence angle, and 
thus, it may be remarked, a further increase 
of the radius of the spherical stereoscopic 
field of view. 
A remarkable reference to a stereoscopic 
range-finder occurs as early as 1738, in Smith's 
A Compleat System of Opti":8. 1 The instru- 
ment and its use is described in the folIo" ing 
words: 
.. Having opened the points of a pair of 
compasses, somewhat" ider than the interval 
of the eyes, with your arm e"'\:tended, hold the 
head, or joint, in the ball of your hand, with 
the points out" ards. and equidistant from 
your eyes, and somewhat higher than the 
Joint. Then fixing your eyes upon any remote 
object lying in the line that bisects the interval 
of the points, you will first perceive two pairs 
of compasses (each leg being doubled) with 
their inner legs crossing each other, not unlike 
the old shape of the letter 'r. [The old 'Y 
referred to was like two \""'g slightly over- 
la pping.] But by compressing the legs with 
your hands, the two inner points "ill come 
1 :;ee A Compleat :Syðlem of Optiks, yoJ. ii. p. 
388. 
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nearer to each otlwr, and wlu>n they unit.e 
(having stopped the compressiun) the two 
inner Ipgs will also entirely coineide and biseet 
the angle under the outward ones, and will 
appear more vÌ\Tid, thicker and longer than 
they do, so as to reach from your hand to the 
remotest object in view, even in the horizon 
itself, if the points be exactly coincident." 
\Ve have in the words quoted a very com- 
plete and interesting anticipation of what we 
shall subsequently refer to as the" wandering- 
mark" type of stereoscopic range-finder. It 
is, however, to Hector Alexander de Grousilliers, 
who took out a patent in 1893 for an "Im- 
proved Stereoscopic Telemeter," that the 
modern instrument is due. Thp specification 
in question is a remarkable document. It sets 
out the theory of the instrument in the 
following words: 
"Assuming AIA2 to be points at which, 
in both fields of view, an infinitely distant 


R 1 


r-------- 
.-- -- -f+---- 


object A is depictpd. and N 1 N 2 to 
be the points at which is depicted 
an object N, situated at a finite 
distance E from the observer; the 
difference between the linpar dis- 
tances A 2 , N 2 and AI' N 1 , i.e. the 
parallactic difference between the 
image of the one object, 
ituated 
at an infinite distance, and the 
other object, placed at the finite distance E, 
wiH be 


images, or pietures, of the object may he dis- 
placed in a similar way to the wandering-mark 
in the second type, to bring the stpreoscopic 
image of the object into thp same plane as that 
of the stereoscopic image oÎ two fixed ma.rks, 
one in each eyepiece. 
In effect, in the first type, when a range is 
taken, the pair of corrpsponding scale marks 
is selected which has the same inter-eyepiecp 
separation as the two images of the object 
point under observation. In the second typP, 
the wandering-mark is adjusted to obta.in this 
equaJity of separation; whilst in the third 
type, one of the pictures is traversed across 
the line of sight until th(' separation of the 
two images of the object point is made equal 
to the fixed separation of the two range marks. 
The fixed scales required in the first type of 
range-finder might be produced in the fonow- 
ing way: 
Let a number of pegs 


H 


be driven into the 
I 
I 


R 2 


. ---
---- 
... 


- 


ground so as to form a straight line 
acros.3 an illimitable plane, and. 
further, let each pPg be marked 
with its distance from a certain 
place. N ow suppose that from 
this place a pair of stereoscopic 
photographs of these pegs are taken 
with a binocular prismatic teleseope, 
from which the oculars have been 
removed, to allow of photographic plates being 
fixed in the two focal planes of the objectives. 
These photographs, aftpr devplopment. could 
be returned to the binocular telescope so as 
t.o occupy the positions that they did rluring 
the taking of the photograph. In the field 
of a binocular, equipped with scales produced 
in this way, and directpd to a distant landscape, 
that landscape would be spen in stereoscopic 
relief in the usual way, and passing through 
it, or over it, would be seen, also in relief, a 
distance scale, to a position along which any 
object might be assigned and its distance thus 
determined. Stereoscopic scales are not, as a 
matter of fact, usuall.y prepared in this way. 
It is more convenient to calculate and rule 
them. 
F1'g8. 5 and û are taken from GrollsilliNS' 
specification. Two Lroken telescopic systems 
are mounted in tubes RJ and R 3 , secured 
collinearly to the ends of a box-like casing H. 
End reflectors PI and P 2 deflect the light 
along the axes of thpse telescopes, whil
t 
reflectors PI' p" reflect the beams outwards 
parallel to one another, through p
T('rie('cs 0 1 
and O 2 , in the focal planes of .which stereoscopic 


irt i 
0 1 O 2 


FIGS. 5 and 6. 


ß 
A 2 N 2 - A1N 1 =0 ='E .f, 
f being the equivalent focal length of the 
telescope-lenses, and 
 the distance between 
their respective axes. 
" In the case of two objects Nand N', both 
of whieh are located at finite distances E, E' 
from the observer, the parallactic difference 
in the two images will consequently be 
N 'T' N 'T' ( 1 ] \ f " 
.1' 2
'42 - 1
'41 = E- E')j,. . 


Finally Grousillicrs describes and elaims three 
types of the range-finder, namely: (]) the fixed 
scale, in which each eyepiece has a fixed scale, 
which bears for each range a range mark 
corresponding to a similar mark on a similar 
scale in the other eyepiece; (2) the wandering- 
marl
, in which a 
ingle fixed mark occurs in 
one eyepiece, and a similar mark, but capable 
of micrometric displacement in the plane of 
the instrument and across the line of sight, 
in the other; and (3) what may be called the 
wandering-picture type, in which one of the 
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scales s} and S2 are mounted, the one on the 
right being moya ble by means of a micrometer 
R': to effect the necessary adjustment and thus 
determine the range. Since the telescopes are 
provided with ordinary erecting systems the 
r<."flections by PI' PI cancel one another, with 
the result that the images are seen prpct. 
Grousilli<."rs' claim for the fixed-scale 
modification is as follows: 
"An improved telemeter, conf':isting of a 
double tel
scope (which term includes tele- 
stereoscopes with an enlarged distance between 
the ohject-glasses) within the ocular fields of 
which scales are so arranged that, when yie" ed 
binocularly, they present the image of a series 
of diEtanf'e marks extendinf! downward::, and 
situated at predetermined distances from the 
ob
erver: the image of such series of marks 
being projected into the image or pahorama 
of a landscape, as seen through the double 
telescope, so that. the distance of an
T object 
viewed may be immediately read off the scale 
according to the point beh,:een any two marks 
of such scale to which the object can be made 
to correspond with regard to the visual depth." 

 (3) THEORY OF THE SHORT HO:\IE-BASE 
RAXGE-FlXDER.- The theory of the range- 
finder is based upon a method-well known 
to schoolboys-for finding the distance of an 
inaccessible object. 
Let A, Figs. ï and 8, be the object, and let a 
rectangle BDEC, "ith sides of length band f, 
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FIG. 7. 


FIG. 8. 


be 1:10 positioned that the object A is seen 
along the lines DB and FC, F being in line 
with C and A. 'Yith the object A at an 
infinite distance, it would be sighted along 
the two parallel lines DB and EC. The 
length EF, equal to d, say, is therefore the 
parallactif' displacem en t along the line DE 
of the intersection of the line of sight CA, 
whil
t BAC' is the corre
ponding paralladic 
angle, i.e. the angle subtende(l at the object 
point A by the base b, 
X ow, since the triangles ABC and CEF are 
similar, it follows that R, the range, equal to 


BA, is to b as f is to d, that iR, the distance 
of the object A is equal to the product bf, 
divided by the paralladif' displacement. This 
is the fundamental equation for both coincid- 
ence and stereoscopic range-finders: 


bl 
R=cT 


In the case of both these range-finders, b 
represents the optical base length of the 
instruments, f the focal length of each of 
the two telescope objectives, R the range, 
and d the parallactic dispJacement in the 
common fOf'I'.d plane of the two objectives 
when the range-finder scale is set to infinity. 
The accuracy of the range-finder then depends 
fundamentally upon the accuracy with which 
the parallactiC' displacement d can be 
measured, and this in the limit depends on 
the eye. 

 (4) THE ACCrRACY OF RAXGE-FIXDIXG 
AS DETER:\II:YED BY THE EYE. (i.) Coincidence 
Type.-In this type the accuracy of the 
results depends upon the aligning power of 
the eye, as exemplified, for example, in the 
setting and reading of a vernier. In the case 
of the range-finder, this aligning takes place 
usually across a sharp horizontal line, which 
divides the field of view into t" 0 parts. A 
flagstaff, for instance, that is being ranged 
upon, is seen "ith its top part, carrying the 
flag, displaced laterally with respect to the 
bottom. In adjusting for coincidence these 
parts are brought into alignment, so that the 
accuracy with which this operation can be 
done dptermines the accuracy of the range, 
other things being equal. The im portan t 
question then is-given two collinear straight 
lines in the field of yiew, through what angle a 
can one be moved laterally with respect to the 
other before the fact that they are no longer 
collinear is detected by the eye? For practical 
range-finding purposes this angle has been 
taken as equal to about 12 seconds of arc in 
free vision, and the same, therefore, in the 
image-space, or :final field of view presented 
by a range-finder. There is no doubt. however, 
that under favourable conditions many trained 
observers can work down to an angle of the 
order of :5 or 6 seconds of arc. Further, on 
artificial objects such as lines drawn on 
silvered glass plates placed in the focal planes 
of collimators. higher accuracy even than this 
can be obtained - 2 to 3 seconds of arc. 
Xow let 0' (Fig. 8) represent in actual space- 
the object-space-the angle corresponding to 
a in the image-space, then an object accurately 
ranged upon in the position A may move up 
through a distance r, subtending the angle 0', 
at the range-finder, I until the angular parallactic 


1 For the purpo
{' of simplifvinl! the diuf!rams we 
hu'-e supposed the ubject to move up along the axis 
of one of the tele.,coprs. 
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displacement in the field of view is equal to 
a, before an object at C can be differentiated, 
with re'3pect to its distance, from an object 
at A. The possible error under these circum- 
stances in ranging upon an object at A is 
equal to the dist.ance r, and it may ob'Tiously 
occur in either direction. 
(ii.) Stereoscopic Type.-In this case the 
following considerations apply: If two pins 
be stuck into a table close together, and at 
the same distance from an observer, then one 
pin can be moved backwards and forwards in 
the line of sight through a certain dist.ance 
before the observer can see with certainty 
that they are no longer at the same distance 
away; that is, a certain change in the angle 
of con vergence of the optic axes of the eves 
is necessary in order that two objects can U be 
seen to be at different distances. Helmholtz, 
as mentioned above, made a number of 
experiments in this way and came to the cun- 
clusion that in free vision a difference between 
the convergence angles of one minute of arc 
was the least difference necessary for differ- 
entiation of distance in the line of sight. Later 
workers have, however, reduced this limit to 
something of the same order as that claimed 
for the coincidence range-finder. \Ve shall 
revert to the question later. 
(iii.) Coincidence and Stereoscopic Types.- 
\" e will assume, therefore, that the possible 
error angle a represents (i.) in the case of the 
coincidence range finder, t.he greatest angular 
parallactic displacement in the field of view 
which can occur without loss of coincidence 
being detected; whereas (ii.) in the case of the 
stereoscopic range - finder, it represents the 
maximum difference of the convergence angles 
in the field of view which can occur without 
apparent change of the range of the object 
under observation. 

 (5) FUNDAMENTAL RANGE-FINDING EQUA. 
TIoNs.-In Fig. 8 the range-finder wit.h base 
length b subtends at the ohject A the angle O. 
\Vhil
t the range changf's by a length r, the 
angle of parallax changes by an angle 0'. To 
find the relationship between these changes, 
the angles 0 and 0' being expressed in circular 
measure. Now 


b 
8=R' 


and since in any triangle the sides are pro- 
portional to the sines of the opposite angles, 
and in the triangle ACE the angles 0 and 0' 
are small, we have 


CA ß' 
CE = 7J ' 


and since CA =r and CE (very nearly) = R, 


r fi' 
R-O' 


Substitut.ing the value of 0 from (I), 


R2t/ 
r=-b . . 


(3) 


Let P e be the percentage error for a given range 
R, then ".. 
Pe = 100r , 
R 


ann substituting the value of r from (3), 
P e = I UU 
O' 
b . 


(4) 


Let a be the error angle, as set out above, 
for both the coincidC'l1ce and the stereoscopic 
types of range-finders, and 
I the magnifying 
power of the telescopic systems employed; 
then, in the case of the coincidence ranCfc-finder 
(see F1:g. 8), it is evident that the len g a1 AC, in 
the object-space, subtending an angle 0', at the 
window of the range-finder, wilJ appear to the 
observer, i.e. in the image-space, under an 
angle 1\10'; whilst in the case of t,he ste-reo- 
scopic range-finder, the angles of convergence 
in the object-space, which are 0 for the- point 
A, and 0 + 0' for the point C, become 1\10 and 
M( 0 + 0') respectively, in the image-space, so 
that the change in the con ve-rgence angle-s is 
equal to MO'. Thus for both types, 


0' = 
. 

1 


Substituting in (3) and (4), we obtain 
R 2 a 
, r = 
r' . 


(;'}) 


and 


p _ 10 9 Ra 
e- bl\1 


(6) 


Thus, a, b, and 1\1 being constants, the per- 
centage error varies directly as the range. 
To express 0' in (3) in seconds of arc, instead of 
in circular measure, 
0 1 =


Wß()()O. (i) 


(I) 


Assuming a value for a of 12 seconds of arc, as is 
usually done, pquation (6) enables us to formulate 
a very useful rule, namely. that 
" The percentage error of any range-finder at one 
thousand yards is equal to 6 divided by the b
I 
val lIe," since 


100 x lOOn x . 00006 
p-- - 
e - b
l 


6 
= b:\I' . 


(8) 


b being expressed in yards. 
The corresponding error in range r is obtained 
from 


(2) 


Gx 10 
r= bAl . 


(9) 
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Kno\\ ing the range error r 
for 1000 yards. it follows 
from equation (5) that the 
range error for any other 
range Rt, expressed in 
thousands of yards, is equal 
to rRt2. Thus the error at 
1000 yards being 5 yards, 
that at 10.000 yards "ouid 
be .300 yards. 
A word of caution is, 
perhaps, necessary here. 
The numeral in equation (8) . 
assumes a value of 12 sec. 
for the angle a; but, in the 
opinion of many experts, 
tlus angle is in practice 
considerably greater for the 
stereoscopic than for the 
coincidence range - finder, 
and equation (6) sho,", s that 
the percentage error for a 
given range-finder and a 
given range varies directly 
as the angle a. 


I. DETAILS OF COS- 
STRUCTIO
 



 (6) GEXERAL CON- 
STRt:"GTIO:X OF CO- 
IXC[DE5CE RASGE- 
FI
DERS. (i.) Barr &.: 
Stroud's Range-.finder.- 
Figs. 9 and 10 show in 
sectional eleyation and 
pian respectively a 
small Barr & Stroud 
coincidence range-finder 
with a base length of 
50 cm., a magnification 
of 7 J times, and scale for 
ranges from 3.30 to 1500 
yards. The optical 
system, and the prinC'i- 
pal features of the 
mechanical design 
shmnl, are practically 
iclentical with those 
adopted in instruments 
of much 
reater pmver. 
The instrument consists 
of an outer cylindrical 
tube T, with er
d fittings 
carrying the windows ,y 
and 'Y I' and end caps 
Q, QI carrying the sup- 
porting platf's for the 
prisms P and PI' The 
inner tube E, of rect- 
amrular cross - section, 
carries the objectives 
O. 0 1 and the separating 
prism P 3' which deflects 
the light entering by 
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the objectives 0 and 0 1 to a common focal 
plane, in which the coincidence is secnred 
by observation through the single eyepiece. 
The deflecting prism K slides backwards and 
forwards in the tube E between the O.G. 0 1 
and the separating prism P3' to give a vari- 
a ble lateral displacement to the correspondin
 
image, and thus effect coincidence under the 
action of a finger button L. The range-scale 
S is attached to the mount of the prism K, 
and slides in guides carried by the inner tube. 
The scale is observed through an eyepiece V 
and a system of reflecting prisms as shown. 
U is a condenser by means of which the scale 
is illuminated from the back. 
It is important that any strain of the outer 
tu be T should not 
be communicated to 
the inner tube E. 
To secun" this end 
the tube E is fitted 
with rings F and F l' 
the former of which D 
carries, at approxi- 
mately 60 0 apart, two fixed radial pins G 
and a spring pin H, engaging with the 
inner surface of the outer tube. By this 
arrangement the tube is left free to move 
longitudinally whilst secured co-axially with 
the outer tube. The second ring F] carries 
on its lower side a cup, which engages with 
a stud I, whilst the upper part of the rim 
carries a longitudinal slot, which engages with 
the stud J. The stud I prevents longitudinal 
displacement of the tube E, whilst the stud J 
prevents any lateral displacement of the axis 
of the tube E. 
The - adjustment of the range-scale for an 
object at infinity is obt.ained by rotating in its 
own plane the window 'V, which is in the form 
of a weak rdracting prism with its refracting 
edge horizontal, by means of a finger pinion D. 
The prism P is clamped to a plate A, secured to 
the base-plate R, carried by the end-cap Q, 
by screws S2 and S3' which permit of a rocking 
motion of the plate A and prism P with respect 
to the plate R, about an axis passing through 
the points 8 2 and S3. The forward p::trt of this 
plate A can be raised and lowered by means of 
a screw SI operated by means of a finger 
pinion C, to raise and lower thp image in the 
corresponding partial field of view and thus 
effect the "halving" adjustment. This ad. 
justment secures, when coincidence has been 
effected, that the image on one side of the 
separating line is a complete reflected image 
of that on the other, or, in the casp of a circular 
object, like the moon, that the image is single 
and circular. 
(ii.) Cooke & Sons' Range - finder. - NIl'. 
Dennis Taylor, of :1\1essrs. Cooke & Sons, has 
done a large amount of work in the df'vclop- 
ment of a type of ntnge-finder which differs 


frolll that already described in several import- 
ant particulars. 
F.ig. II shows a section of one of the modi. 
fications of this range-findf'r as originally 
patented in 1904. Two optical squares of the 
pentagonal type are mounted in a tube T', at 
a distance apart which determines the base 
length of the instrument. At one end of this 
tube a telescopf' of the ordinary terrestrial type 


T' 


li'IG. 11. 


is shown. The optical squares are mounted on 
different levels, so that the light rays from a 
distant object, passing into the instrument by 
the reflector S', enter the upper half of the 
telescope object-glass 0 only, whilst light 
entering by the reflector S2 enters the telescope 
by the Imver half of the a.G. In this way, in 
the example shown, two pictures arc proj
cted 
simultaneously into the focal plane uf the eye- 
piece, which overlap to an extent depending 
upon the adjustment of the instrument and 
the distance of the object. The squares being 
angle-true and adjusted parallel to one another, 
the images of an object at infinity would over- 
lap and coincide, wherea3 under the sanlf' condi- 
tions an object at a short distance would give 
two images, the separation being df'pendent 
upon the range. To bring about coincidence 
of the two images given in genC'ral, two weak 
achromatic prisms P' and p2 are employed, the 
first P' being fixed in position to give minimum 
deviation to the rays passing through it from 
the square; whilst the second prism p2 is 
adapted to rotate as sho.wn about an axis 
parallel to its refracting edge by means of a 
sector L and worm 'V. The light reflected by 
the square 8' passes through the prism P', and 
the light reflected by the square S2 passes 
through the prism P2. In use, therefore, the 
worm W, which carries co-axially the range 
drum D, is rotated to swing the prism p2 
through the angle necessary to secure co- 
incidence of the two images in the field of 
view. Thus the range is determined and 
indicated on the drum D directly. 
As an indication of thf' sensitiveness of this 
swinging prism micrometer, it may be stated 
that a prism producing a minimum deviatiun 
of 2 0 has to be swung through an angle of 
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about 30
, to increase the- dc, iatiun by 1.3 
minutes of arc. One important advantage 
claimed for the s" iu!!illg prism over the sliding 
prism is that it give:5 a mueh more open scale 
for long ranges. It must, ho" ever, be mounted 
in a parallel beam: in a vergent beam it spoils 
the definition. 
In a later m;)ùification of the Cooke 9 ft. 
naval range-finder, patented in 1920, several 
features of non>lt,y are introduced. The end 
optical squares reflect in opposite directions, on 
to superposed 
cross mirrors 
mounted near 
the middle of 
the ranae-finder, from which mirrors 
the light beams pass, parallel to 
their original direction, to a single 
mirror, mounted to direct both beams 
into a single telescope, which is in- 
clined at an an!!le of -15-:> to the axis 
of the range-fi
der, but broken by 
an erecting prism system, which 
finally directs the light to the eye- 
piece' in such a dir;ction that the 
obsen-er looks in the direction of 
the ohject being ranged upon. 
Two simultaneously operated 
swinging coincidence prisll}.s are 
employed, one behind each of the optical 
sq uares. To prevent the intrusion of light 
from one partial field of vipw to the other, 
an ingenious "hah-ing grid" is employed. 
Thi'3 consi
ts of a number of stretched 
threads or cords mounted side by side in 
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a plane containing the axis of the tete- 
scope, each thread - being at right an
des to 
that a xis. This grid practically extends from 
the- object-glass to the erepiece, thus dividing 
the telescope into upper and lower hah-es. To 
obviate the serious and unsuspected errors 
which may arise from the fact that the axes 
(virtual m
ef'ting edge-I;)) of the end squares are 
not parallel to one another, and normal to the 
plane of triangulation, an auto-collimating 
tf'lcscope is m
unted within reach of th; 
obsen-er, bv n1Pan
 of which a beam of light 
from a fid
cial mark in the e-yepiece can be 
directed to one of the optical squares, by which 
VOL. IY 


it is rpßected back again to the telescope. 
Should thp axi
 of the- square not. he normal. 
the image of the fiducial mark is see-Il di
placed 
,nth respect to the fiducial mark itself. The 
necessary adjustmf'nt having been made, paral- 
lelism of the axes is effected sirnultane-ousl:r 
with any neces
ary adjustment for hah-ing. 
Sereral advantages are daimpd for this 
modification, as compared \\ ith the 190-1 
range-finder: 
(1) Coincidence of the images can be ob- 
tained for 
all 


range-s 
across the 
field of 
view. (2) The light paths' for the 
two ends are shorter and more equal 
in length. (3) _\djustments for 
parallelism of the axes of the- h, 0 
optical sq uare-s in the "ay referred 
to abore. (4) Greater light-gather- 
ing power-60 per cent gre-ater than 
the older ran
e-finder. (5) Accuracy 
of range readings independent of 
bending or buckling of the tubes in 
a horizontal pIane-. 
(üi.) Continental Patterns. - Thf' 
coincidence range-finders as made on 
the Continent, by Zeiss and others, 
do not vary substantially in genpral de-sign 
from those made in England. A ,-ariable- 
power deflecting prism, mounted in a paraJIel 
beam of light, is, howe-ver, usually substitute-d 
for the travelling prism of the English range- 
finder, although the latter too is employed. 


FIG. 12. 
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(iv.) J[odern Barr & Stroud Pattern.- 
Fig. 12 shows the Barr & Stroud 9 ft. base 
na\-al rangp-finder with which the British Fle-et 
was equipppd at the battlp of Jutland. The 
range-finder itself, fitted with bearing rings, is 
adapted to rotate about its own axis in bearings 
carried by the upper ends of the .. Y;' whiC'h 
is free to rotate about a ,-ertical axis undeI 
the actio!l of a hand-wheel. Adjustment in 
altitude is effected by means of a radial handle 
se-en on the left of the support. 
Finally, Fig. 13 represents a mnnste-r co- 
incidence ranfTe-finder of 100 ft. base which has 
been constru
ted by ::\lcs8r8. Barr & Stroud 
2T 
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for purposes of coast defence'. Optically the 
instrument is practically identical with that of 
smaller base length. For the pnrpose of com- 
parison the man in the cpntre of the figure is 
shown using the smallest ran
e-finder with a 
base length of 30 in. 

 (7) STEREOSCOPIC RA
GE-FI:YDERS, GEX- 
ERAL CONSTRUCTIO:Y of.-Fig8. 14. and I.") 
show diagrammatically. in plan and elevation 
respectively, the optical system of a typical 
stereoscopic range-finder, invented by Carl 
Zeiss in 1907. The end square<=; ,.,,' direct light 
through telescope object-glasses b to right- 
angled roof prisms c', which deflect the light 
into the focal plane of the object-glasses, in 
which two fixed stereoscopic marks p occm". 
These marks are in the focal plane of eyepieces, 
each of which consists of a pair of lenses d and 
e, between which a rhomboidal prism f occurs. 
A ray passing outwards through the eyepiece, 


Ipft ocular. The image thu
 produced should 
superpose 011 the real mark. It. wiU be noticed 
that, in this adjusting arrangement, each 
objective acts as a collimator for ìts curre- 
sponding stereoscopic mark. In operation, 
therefore, the light from one of the marks is 
collimated by its corresponding object-glass, 
from which it passes as a parallel beam to the 
secon(I object-glass to be brought to a focus in 
the focal plane of the othpr mark. Thp3e 
adjusting arrangements will be found dealt 
with more fully below. 
(i.) Forbes Range-jinder,-One of the pioneers 
of the stereoscopic range-finder in this country 
was Professor fieorge Forbes. In 1901 he 
patented a range-finder constructed of two 
separate parts, namely, a portable base having 
a set of reflectors rigidly fixed to it at each 
end, and a hinocular field-glass. In the ap- 
proved form of the instrument the wander- 
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therefóre, ::mffers reflection:s as shown by the 
surfaces of this rhomboidal prism, with the 
result that a lateral displacement of the ray 
occurs. By simultaneous rotation in opposite 
directions, therefore, of the eyepieces about 
the axes of the lenses d, thf' 
eparation of the 
two eye lenses e can be adj usted to suit 
individual obsf'rvers. It "ill be noted that 
this adjustment is secured without any altera- 
tion of the distance bet, ween the two stereo- 
scopic marks p. . 
In this instrument, which is of the wander- 
ing-mark type, the necessary lateral displace- 
ment of the picture produced by the right 
telescope is effected by the axial displacement 
of a prism g'. To detect readily any defect in 
the infinity adjustment, a subsidiary optical 
system is employed to project an image of 
each of the marks d into the plane of the other 
one. Light, sav from the mark p on the right, 
is reflected by the prism c Þ to the object-glass b, 
thence by reflection by a prism l', on the right, 
to a similar prism l', on the left, and finally 
through the object-glass b, on the left, to the 
prism c', and thence to the mark d in the 


ing-mark was adopted, namely, a fixed line in 
one eyepiece combining stereoscopically wit.h 
a similar line in the other eyepiece tra verspd 
laterally by means of a micrometer. The 
marks employed were "pictures of ordinary 
objects such as a balloon as shown, the ends 
of the trailing ropes marking the centres of 
the field." An important advantage was ob- 
tained by the use of this balloon mark. The 
observer naturally brought it over the object. 
being ranged upon, and thus in many cases 
avoided the psychological difficulty, which so 
often occurs in stereoscopic range-finding, of 
being compelled to see the scale, as if behind 
an object, such as a hrick wall, known to be 
opaq ue. 
In a seconrl specification, taken out in 1903, 
fixed marks are employed in the focal planes 
of the eyepieces, and one of the pictures is 
displaced laterally with respect to the other 
one, by means of a rotating prism, to bring 
up the stereoscopic picture into the same plane 
as that of the image of the two fixed marks. 
This type, however, as we have seen, was 
described by Grousillier
. 
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(ii.) Zeis8 Submarine Range-finder. - The 
3-metre base stereoscopic range-finder made by 
Carl Zei
d for U:5e in submarines probably 
represents the highest development of this 
type of instrument. The range-finder per 8e 
is contained in a horizontal tube, which forms 
the horizontal branch of a "T;' the \-ertical 
branch of which represents a periscope pas$ing 
into the interior of the boat through the 
deck. The two- pictures of external objects 
are projected upon stereoscopic graticules, 
mounted close together and paraIlel to one 
another, transverse to the axis of the range- 
finder. and near its middle. The images in 
the planes of these graticules, and the range 
marks, are projected by means of a bino- 
cular periscopic system into the focal planes 
of a pair of oculars at the lower end uf 
the vertical tube. The optical system em- 
ployed for the range-finder i" comparatively 
simple in character. Light enter8 by the win- 
dows and is reflected along the tube in opposite 
directions by the usual optical squares. each 
beam being brought to a focus in the plane 
of its corresponding graticule by à long focus 
lens of the telescope object-glass type. These 
graticules are fixed after being adjusted, and 
the final stereoscopic picture itself is caused 
to "wander," i.e. move backwards and for- 
wards in the line of sight, for ranging. In one 
half of the tube a weak refracting prism is 
mounted to slide backwards and forwards, 
along the axis of the tube, between the object- 
glass and the graticule, for the purpose of dis- 
placing laterally the image seen in the corre- 
sponding ocular, for the purpose of bringing 
about that adjustment, or wandering of the 
stereoscopic image in the line of sight. neces,;ary 
to bring it up to the fiducial mark--the crossing 
point of the two linear stereoscopic scales. In 
the other half of the range-finder, a plane- 
parallel plate is mounted between the object- 
glaRs and the graticule, as so to tilt about a 
horizontal and transverse axis, for the purpose 
of raising and lowering the picture in the 
correcponding ocular, to hring it to the same 
vertical height as the picture with which it 
has to be stereoscopically fused. 
Direct observation of the graticules being 
impossible, the range-finder is combined with 
a binocular periscopic system, with the aid of 
which the graticules can be observed from a 
position inside the submarine. For this pur- 
pose a pair of optical squares are mounted 
between the two graticules to face in opposite 
directions and deflect the beams of light passing 
through the graticules at right angles to the 
range-finder, and in a horizontal plane, each 
beam being again reflected vertically down- 
wards, through a collimating lens, and 
into a tel('scope by which, finally, an image 
of the corresponding graticule is presented 
to the ohsen"er. Thi:, periscopic system i
 


duplicated for the second half of thp range- 
finder. 

 (S) HEJGHT-FI
DERs.-In the early days 
of the war the need for a height-finder as an 
auxiliary to anti-aircraft guns was recognised. 

Iany tentative solutions of the problem were 
proposed from time to time, but the final 
solution, resulting in the provision of an 
efficient Rhort-base service instrument, was due 
to ::\re
srs. Barr & Stroud in 1917. 
In ranging on an aeroplane, a horizontal 
range-finder is rotated about its axis to elevate 
the liup of sight and hring the aeroplane into 
the field of view. Coincidence is then effected 
and tlH' range determined. It \"\ ill be observed 
that in this operation we have got the two 
necessary elements for solving the right.-angle 
triangle defined by the observer, the target 
(aeroplane), and a point on the ground im- 
mediately belmv the t.3.rgf't. The range gives 
the hypothenuse of this triangle, and the angle 
of elevation, or sight, one of the acute angles. 
'Yith these two elements, it is a simple slide- 
rule problem to determine either the height 
of the aeroplane above the ground, or its 
horizont.al range, that is, the distance from the 
observer to the bottom of the perpendicular 
dropped from the aeroplane. This" as the 
principle upon whieh some of the first height- 
finders were constructed. One of the scales 
of the range-finder \\ as operated more or 
less automatically by the motion in altitude 
of the range-finder, to se1 off the logarithm of 
the sine of thp angle of sight, and then, by 
a hand-setting of the range, the equation, 
log H = log R + log sine angle, was solved and 
the height H determined. All these arrange- 
ments, however, ga\e the range primarily, su 
that so long as the range of the target was 
altering con<;:t.ant adjustment of thp working- 
head was necessary. "
hat was wanted was an 
instrument the constant-coincidence surface of 
which was not a hemisphere, as in the range- 
finder, but a horizontal plane-a height-finder. 
(i.) Barr &: Stroud. - In Barr & Stroud's 
specifications the invention df'scribed gives 
both range and height automatically. It con- 
sists of a known rangf'-finder of the coincidence 
type so modified as to function also as a 
height-finde!.'. This in effect is carried out by 
fitting the range-finder with an automatically 
operated slide rule. The two sliding parts are 
constrained to move, one proportionately to 
the logarithm of the range, and the other 
proportionately to the logarithm of the sine 
of the angle of sight. The height can thus be 
read off directly. The motion of the adjusting 
head of the range-finder and the elevation of 
the range-finder are transmitted to the sliding 
scales through the medium of logarithmic 
toothed gearing. 
The working head is transfern'd from th(' 
range-finder to the height-indicating attaeh- 
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ment, so that the instrument acts primarily 
as a height-finder. No manipulation of the 
working head, therefore, is necessary, so long 
as the target under observation retains its 
heigh t. 
Fig. lû shows the range-finder, with a base 
length of two metres, mounted on a tripod 


carrying the height-scale, and also-on R radial 
shaft-the jockey wheel d, which gears \\ith 
the upper anù lo\\er members of a differential 
pair of spur wheels g and h. The upper 
member g of this pail' i
 driven directly from 
the elevating head b, through logarithmi
 spiral 
gear which gives to g an angular displacement 
proportional to the 
logarithm of the sine of 
the angle of sight. rIhe 
lower lllelll bel' II of the 
differential pair carries 
the range-scale, and 
is geared up to the 
deflecting range-prism 
through a clutch, not shmvn, so as 
to have an angular displacement 
proportional to the logarithm of the 
range. 
It will be seen, then, that so 
long as the elevation of the range- 
finder is not chan!!erl thf' upper 
wheel [I remains fixed in a po
ition 

Yith an angular displacement pro- 
portional to the lo
arithlll of the 
sine of the angle of elevation. The 
operation of the working head, to 
secure coincidence, under these con- 
ditions drives simultaneouslv and 
proportionately the wheeh;: f ;nd II, 
and thus also the height- and range- 
scalps. These conditions are realised 
by ranging on a target flying away 
from the observer along a straight line. 'Yith 
the working head fixed, the elevation of the 
instrument operates the upper wheel g, and 
also, through the jockey wheel d, the lower 
wheel h, and thus the deflecting prism and 


FIG. 16. 


stand, upon which it is rotatod about a 
vertical axis by the operation of a two- 
speed hand-wh;el A. The operation of a 
second hand - wheel B rotat.es the range- 
finder .about its own axis to elevate the 
line of sight. Coincidence 
is maintained bv the work- 
ing head C, whilst n is a 
finder. 
Three 0 bservf'rs are re- 
quired: the first looks into 
the eyepiece E and operates. 
as required for t,he main- 
tenance of coincidence, the 
workin a head C. and the 
hand-\\
heel B to' direct the 
line of sight in altitude. 
The second observer uses 
the finder ]) and is reRpon- 
sible for the training of the 
range-finder by means of the hand-wheel A. 
The third observer reads off the height- and 
range-scales. 
The instrunlf'nt is eRsentially a range-finder 
with a gearing attachment, as shown by Fig. 
17, which automatically, as the target is kept 
in the field of view and coincidence maintained, 
indicates the height and range. The end of 
the shaft of the working head a carries a 
pinion e, which gears with a bevel-wheel J. 
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FIG. 17. 


the range-scale. Sinc<" however, the wheel f 
remains fixed, the height-scale is unaffected.' 
This represents the conditions of use when 
the target ranged upon is moving about in a 
horizontal plane. 
(ii.) Rottenburg and Trillnn.-An ingenious 
optical solution of the IH"ight-finder problem 
was patented by Rottenburg and \Villan i.n 
191(>' By this in\ ention a second prism IS 
com bined with the deflecting prism, and the 
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t,,,o prisms rotated equally and oppositely, 
about the axis of the in<::trument, by the 
adjustment of the in4rUIl1f'ut in altitude neces- 
sary to keep a target in the field of view. 
The result of thi
 arrangEment is that whereas, 
in the ordinary Barr & Stroud range-finder, 
a simple deflecting prism of constant power is 
employed, in Rottenburg and 'Yillan's in,-en- 
tion a varia hle- po" er coincidence prism i
 
employed. t.he power of which is such a function 
uf the elevation, or angle of sight., that the 
in::;trument is adaptpd to operate as a height- 
finder; no operation of the working head 
being neces
ary so long as the target remaiu:5 
at the same height. 


II. OPTICAL ELE:\IE
 TS OF THE 
RAXGE-FIXDER 



 (9) ESD REFLECTORS: OPTICAL SQUARES. 
-In the early days of the range - finder, 
plane-reflectors, or right-angle total-reflecting 
prisms, \\ ere employed as end reflectors, 
but these forms were open to the serious 
objection that any bending of the frame 
of the ran
e-fìnder in a horizontal plane, 
due to unequal heating, for instance, caused 
these end reflectors to turn in effect about a 
vertical axis and thus alter the angle through 
which the rays "Were deflected; and it "as not 
until these r
flectors were replaced by optical 
squares that the difficulty ,,,as overcome. 
""Then a ray of liQ'ht is reflected in succession 
by a pair of plane 
eflecting surfaces, as in the 
cas
 of the sextant, the angle through "Which 
the ray is deviated is equal to t\\ ice the angle 
included between the reflectors, so long as the 
reflections take place in a plane at right angles 
to the meeting edge of the reflectors. If then 
these reflectors are inclined at an angle of 4,") 
to one another, the de,-iation produced by 
successive reflection::. is equal to a right angle, 
and we have an optical square; that is, an 
optical device which gives us an angle of 
dm"iation which is independent of the angle 
at "hich the entering ray strikes the first 
reflecting surface. The end reflectors of small 
range - finders are now, almost invariably, 
optical squares made from a single pentagonal- 
shaped block of gla
s. In use, any given ray 
passes through the entrance face practically 
normally, and after internal reflections at the 
two bounding surfaces meeting at an angle of 
43 0 , pas8es through the exit face, again practi- 
caHy normally, with a deviation of a right 
anglE" "hkh is independE"nt of any small 
rotational displacement of the prism in its 
0\\ n plane. The conditions of accuracy for 
such a s
uare are (1) homogeneous glnsg; (2) 
reflecting surfaces indined at an angle of 4:5 0 ; 
and (3) plane entrance and exit fa.ces, meeting 
under an angle of 90::1 in an edge parallel to the 
meeting edge of the t\\ 0 reflecting surfaces. 


Such :squares in large sizes become impracti- 
cable, mainly on account of the loss of li.ght 
incurred by absorption, so that considerable 
attention has been devoted of late years to the 
designing of optical squares com prising two 
plane reflectors, the included angle of "hich 
shaH be maintained "ith great accuracy, in 
spite of beading stresses and temperature 
changes. )1r. Denni" Taylor has paid par- 
ticular attention to this subject, as "ill be seen 
by reference to his ,-arious patents. 
* (10) ÐEFLECTIXG SYSTE:\IS FOR COISCID- 
EXCE RAXGE-FISDERS.-The following optical 
micrometrical devices for effecting coincidence 
have been used, but the first three are now 
those commonly employed: 
(a) _-\ longitudinally traveUing prism in a 
convergent beam, i.e. between the telescope 
O.G. and the separating prism (Barr & Stroud 
and others). 
(b) A tilting prism in a parallel beam 
(Taylor). 
(c) Oppositely rotating prisms in a parallel 
beam, acting as a variable-pm\ er prism (Zeiss). 
(d) Rotary end reflectors. 
(e) Laterally displaced object-gla
se
. 
(j) ..:\ tilting plane-parallel plate of gla::% in 
a convergent beam. 
(g) Differently magnified images brought 
into coincidence by the rotation of the range- 
finder about a veliical axis (Eppenstein). 
The first of these sy:o:tems has the great 
merit of simplicity, and les...; liability, therefore, 
to derangement. The prism itself, as has 
already been pointed out, carries an irory 
scale some se'-en or eight incheð in length, 
graduated in ranges "Which are read off oppoÛte 
a special eyepiece provided for the purpose. 
In the second system the advantage of a more 
open scale at long ranges is secured. In tbe 
third system two "Weak prisms are mounted, 
face to face, between the end squares and the 
O.G. 's, so as to rotate equally and oppositely. 
In this \\ ay a variable deflecting prism is 
obtained which produces deflections in a 
horizontal plane only. This system is open to 
the defect that the maximum deflecting power 
of the combination is obtained by a rotation 
through ISO degrees only, of the prisms. This 
difficulty has been, to some extent, overcome 
in the Zeiss range-finder by the introduction of 
a multiplying 
.stem of' gear wheels, \\ hich 
gives to a circular range-scale an angular dis- 
placement practically twice that of the deflect- 
ing prisms. 
In the ordinary coincidence range-finder it is 
important that the two images brought into 
coincidence should be magnified equally, 
other\\ isr different range-reading
 "ill bp 
obtained according a
 the coincidence happens 
to be made near th(' middle or towards the 
end:,; of the separating line in the field of ,-ie'\. 
In a new type of range-finder, introduced 
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wit.hin the last few years by the firm of ZC'iss, 
and invented by Eppenstein, the twu ima
es 
are differently magnified; so that as thp 
range-find.er is rotated ahout a vertical axis, 
the more magnified image moves more rapidly 
across the field of view than the less magnified 
image doeR-starting bphind it, it may be, 
catching it up, and then passing it. From this 
it follows that for every range betwef'n infinity 
and the minimum range required, there is one 
place, and one 
place only. along 
the separating 
line in the field 
of view, at which 
coincid.ence of 
the two images 
can occur. A 
range-scale is 
therefore drawn 
along the separ- 
ating line, ex- 
tending from 
infinity on the 
left to the mini- 
mum range required on the right. In ranging 
on an object, therefore, no adjustment is 
required beyond that uf rotating the range- 
finder about the vertical axis until the two 
images of the object being ranged upon are 
seen to be in coincidence. 1 
ê (11) ASTIG l\IA TISERS. - 'Vhen the 0 bj ect 
heing ranged upon is ill-defined and illuminat,ed 
in patches, or a point such as a searchlight., 
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FIG. 18. 
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FIG. 20. 


astigmatising systems are intf'rposed in the ray 
paths on both sides of the instrumf'nt. This 
system may consist of a pair of nf'gative 
cylindrical lenses, with axes horizontal, which 
can be thrown at will into the ray paths. The 
action of these lenses is to draw out the image 
in the eyepiece into vertical streaks across the 
separating line, when coincidpnce can be 
effected in the usual way. 

 (12) SEPARATI
G PRIsMs.-The separating 
prism comhination is perhaps the most import- 
ant optical element in the range-finder It is 
situated between the object-glass of each of the 


1 For information on t.h(> calihration of the range- 
scales for iustruments of different t
'pes see below, 
ã (1ü), etc. 


telC'scopes and its focal plane; its function 
bf'ing to deflect the imaging cones of rays, 
which it receives from the ends of the rauge- 
finder, at right angles into the common focal 
plane of the eyepiece and the two objecti'Tes, 
with fine and sharp boundary lines between 
the partial fields, and at the same time giving 
to the images in these fields the desired 
orientation. An ideal separating prism would 
give a field of view with an invisible dividing 
line when direct('d 
to a clear sky. 
In early furms of 
range- finders the 
separating prism 
consisted simply 
of two rectangu- 
lar prisms super- 
posed as shown 
by Fig. 18, the 
light from the 
left window pro- 
d ueing an image 
in the upper part 
of the field, and 
the light from the right window producing 
similarly the image in the luwer part of 
the field. Another simple arrangement is 
shown by Fl:g. 19. The two prisms are 
placed edge to edge as shown, with the 
result that the field is divided by a vertical 
line instead of a horizontal one. In both 
these cases, however carefully the prisms may 
be made, the dividing line is shown to be very 
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FIG. 21. 


rough and badly illuminated when viewed, as 
it is, in the range-finder, with an eyepiece 
magnifying from 10 to 12 times. 
In the separating prism system employed in 
some forms of the Zeiss range-findC'r (see F1.g8. 
20, 21, and 22), two prisms are cem('nted to- 
gether wit.h the surface of contact silvered, 
excppt for a small rectangular opening shown in 
plan view (Fig. 20). This rectangular opening in 
the silvering oceurs in the common focal plane 
of the eyepiece and thp telescope object- 
glasses. Light from the right eye of the 
range-finder is totally reflectC'd from two face-s 
of one of the compone-nt prisms, as shown by 
Fig. 21, and then from the silvered inter-face 
into the eye of the observer. Any light, how- 
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focus:;ed up simultaneou::;ly throughout its 
entire length. This is a defect. 
Fig. 23 shows. in side elevation and plan 
respectivel)
, one of the various forms of eye- 
piece prism systems used by )Iessrs. Barr &, 
Stroud in their range-finders. The top prism 
receives the light from the left eye of the 
range-finder, and the bottum prism acts 
similarly for the right eye of the range-finder. 
The ray L, shown as a full line, enters the top 
prism and is reflected at 1, at right angles in a ' 
forward direction-that is, a\\ av from the into the ray paths at will to astigmatise the 
obser\?er-and in the horizontal plane. It is final observed image. 
again reflected at right angles into a downward g (13) STEREOSCOPIC GRATICULES.-In the 
direction at 2. ultimately beinQ reflected at 3 Zeiss instruments, each graticule of the pair 
to the separating pris
l -\; 
 the horizontal I used in instruments of the fixed-scale type has 
dihedral edge of which, formed by the meeting a number of range-marks, which are numbered 
of the two prism faces at an obtuse angle. is in at intervals and arranged along a zigzag line. 
the common focal plane of the eyepiece and of 'Yhen these scales are combined visually, a 
the telescope objective. and forms the fine single stereoscopic range-scale is seen. which, 
separating line in the field of view. All rays starting in the foreground of the picture, 
from the left eye of the range-finder fall upon extends away from the observer indefinitely. 
the two faces of the separating prism, but it is For the wandering-mark type a pair of 
only those falling upon the lower face which are similar marks, one in each graticule, is em- 
refracted through the opening in the diaphragm ployed. In later instruments, however, especi- 
to the eye of the observer. Those rays which I ally those of the wandering-picture type, each 
fall UPOl; the upper face are refracted 
s sho\\ n I of the graticules bears a number of range- 
by the lung-and-short dotted line so as to be marks (arro\v - heads pointing down\\ards) 
stopped by the diaphragm. Rays reaching the arranged in two straight lines, approximately 
separating prisms from the right e}?e of the horizontal, but crossing on
 another at the 


c\-er, \\ hieh falls upon the unsih-ercd r('C'Ì- 
an.{!u]ar upening passes through it and away. 
LÜ!ht frúm the left eye of the range-finder. after 
beiner reflected from the roof faces of the second 
o 
component prism (see Fig. 21), passes ,oertically 
upward until it reaches the inner face, at 
which part is stopped by the sih-ering and part 
passe3 through the rectangular opening to the 
pye of the obsen ere The picture in the field 
of view, therefore, is for the most part produced 
by light from the right eye of the range-finder, 
but the narrow rectangular opening seen in the 
middle of tliis field of view frames a picture 
due to light from the left eye only of the range- 
finder. A small subsidiary prism cemented 
into the angle on the right, between the two 
main component prisms already referred to, 
serves to reflect the range-scale reading into 
the field of view. It \\ ill be seen that since 
t.he "mall rectangular opening in \\ hich one 
of thf> partial pictures appears is formed on a 
prism fape, which is not at right angles to the 
optical axis of the eyepiece, it cannot be 


range-finder are dealt" ith in a 
imilar way. 
but" in this case, the rays falling upon the upper 
face of the prism are the only ones which 
ultimately reach the eve of the ohserver- 
those falling upon the l;wer face are refracted 
so as to be stopped by the diaphragm. In 
this way the separating prism acts to divide 
the field of view into two parts, the upper one 
of which receives light from the right eye only, 
whilst the lower part of the field receives light 
from the "left eye only, the two partial fiplds 
of view being separated by a fine sharp line. 
A com pound cylindrical lens B can be thrown 
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middle, at an angle of about 10 0 . These 
scales, when visually combined, present to the 
eye two overhead linear range-scales, each 
starting near at hand and receding into the 
distance; but whilst one is seen bearing a way 
to the right, the other appears to bear away to 
the left, so that at a mean distance they appear 
to cross, the crossing point having a common 
range-mark. In 0 hserving with this type of 
range-finder, the ddlecting prism is adjusted 
until the object being observed is seen to be 
at the same distance away as the range-mark 
COlllmon to the two scales at their crossing 
point. This design of graticule was invented 
by Zeiss about 1908. Greater accuracy when 
ranging on isolated objects is claimed for it 
over that obtained by thp use uf two single 
marks only. 

 (14-) RA
GE-SCALE ADJUSTING ApPARATUS 
FOR R.A:XGE-FIXDERs.-Tn an instrument like 
the range - finder, which. under the öevere 
conditions of use, is called upon to work at 
such a high order of accuracy, it will be 
readily understood that the maintenance of 
the various parts of the instrument in correct 
adjustment is a very 
evere problem for the 
designer and manufacturer. 80 far as the 
range-scale is concerned, the instrument can 
always be tested and adjusted when very 
distant or celestial objects are availahlp. It 
is then only necessary to direct the instrument 
to a distant object-the moon, say-and 
operate the working head to effect coincidence 
of the two images. The range-scale should 
then read "infinitv." If it does not do so, 
then the range-;cale is set to indicate 
.. infinity" and the adjusting prism forming 
one of t he windows, above referred to, is 
rotated until coincidence is effected. 
(i.) Latlt Adju8ter.-In the simplest form 01 
apparatus for effecting this infinity adjust- 
ment, apart from ranging on real and distant 
objects, two vertical lines are drawn upon a 
lath or board at a distance apart equal to the 
base length of the range-finder with which it 
is to he used. 'Yhen this board is fixed up at 
a distance of some hundreds of yards from 
the range-finder, and parallel to it, then one 
line is projected into one partial field of the 
eyepiece and the other line is similarly pro- 
jecterl into the other. If the range-finder be 
in correct adjustment the range indicaterl will 
be "infinity" when coincidence has been 
effected. Quite early, however, in the history 
of the range-finder, it was felt that this method 
was too crude anrl cumbersome. 
(ii.) ..lbbe's J.lletlwd.-In the year 18!)3 
Professor Abbe devised apparatus for correct- 
ing and adjusting telemeters or range-finders, 
which was based upon optical means which 
have practically bef'n common to all the later 
and more develop cd apparatus for securing 
the same end. 


Abbe's apparatus wa.;; partieulady a.ppli- 
cablp to range-finders of the type ('.terpo- 
scopic) in which two independent telescopes are 
employed. In F1'[JS. 24 and 2-lA, for example, 
the invention is 
hown diagrammatically aß 
applied to a stpreoscopic range-finder of the 
wandering-mark type, that is, the rangf' is 
determined by the adjustment of the micro- 
meter )1, which is necessary to gh
e to the 
observer the impression that the wandering 
stereoscopic mark seen in the field of vie" is 
at the same distance as the object being 
rang-pd upon. The adjusting apparatus con- 
sists of a pair of pentagonal pri
ms p' and p2, 
mounted in front of the two telescope objf'ct- 
glasses as shown. The left eye of the observer 
p2 
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FIGs: 24 and 24A 


is then taken away from the telescope A', and 
a mirror 8 is positioned to illuminate the fixed 
stereoscopic scale mark a'. Light from this 
mark. therefore, issues from the object-glass 
as a collimated beam and enters the prism P', 
by which it is reflectpd at right angles to the 
prism p2, and then simila.rly into the second 
telescope A 2, by which it is brought to a focus 
in the same plane as the wandering-mark a 2 . 
If the range-finder is in correct adjustment, 
and the prisms P' and p2 reflect the beam of 
collimated rays accurately through 18()0, then 
it follows that the imagp of a' will be projected 
on to the wandering-mark a 2 , when the 
micrometer 1\1 is set to infinity. Should thi
 
not be the case, the instrument is adjusted 
until it is su. The great advantage of this 
arrangement is that each of the penta.gonal 
prisms acts as an optical square, that is, the 
deviation produced by it is practically constant 
and. further, independent of any small rotation 
of the prism about an axis normal to the planc 
of the diagram. 'Yhcn the ba.se lpngth of the 
range-finder is small, t.he pair of optical squares 
may be made. from a single piece of glass. 
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The priRtns P' and p2 may together 
produce a deviation of the collimated rays 
something less than I
O(). Let this angular 
defect from Ibo o =8, then the rays "ill enter 
the telescope A 2, as they would from a real 
object on the axis of the telescope A', and at 
a distance equal to that at which the base of 
the instrument subtends the angle O. If this" 
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FIG: 23. 


angle 0 and its corresponding range are known, 
then the te.sting operation consists as before 
in projecting the mark a' on to the mark a 2 , 
but the micrometer ::\1 should, when' this 
adjustment has been made, indicate the 
corresponding range. 
In a later modification of Abbe's apparatus, 
invented by König in 1904-1908, the necessity 
for using one of the telescopes of the instru- 
ment as a collimator is avoided by fitting a 
collimator independently. 
(iii.) B'lrr & Stroud's JIetl/'
d. -An im- 
portant instrument for adjusting range-finders 
was hrought out 
bv l\Iesf':rs. Barr 
& Stroud in 1906. 
The opti cal 
principle upon 
which this instru- 
ment was con- 
structed is shown 
by Fig. 2.). Fidn- 
eial marks G' 
and c; 2 are borne 
by lense3 1. 2 and 
L' respectively, 
of equal focal 
length and separ- 
ated by a dis- 
tance eq ual to 
that focal length. 
Each lens a
 shown, therefore, acts as a 
ol- I 
limator to the fiducial mark on the other lens, 
with the result that the emem:f;'nt beams are 
coHinear, a property which is independent 
of any small latpral displacpment of eithpr of 
the lenses 
' and L2, prm-ided that the 
marks G' and G2 are mounted at the princi- 
pal points of the two lenses. These collinear 
beams enter prisms p2 and P' respectively. 
from which they are reflC'ctpd parallel to one 
another, and are therpfore in a condition to 
enter the range-finder and gÍ\ g e images of the 


lines G' and G2. equi\-alent to thp images of 
a single object at infinity. 
Fig. 2ß sho\\s in plan the application of this 
instrument to a range-finder, ar.d in addition 
an adjusting prifo;m J, which is adapted to 
rotate about an axis coincident with that of 
thp t" 0 lenses G' and G 2. By the rotation 
of this prism, therefore. the two i
suing beams 
. of light can be 
made either paral- 
lel to one another, 
or to diverge at the 
angle corre
pond- 
ing to that be- 
tween beams of 
light entering the 
range-finder from 
an object at a 
known distance. 
The adjusting ap- 
paratus may, as shO\vn, be made separate from 
tlie range-finder, or it may be attached to the 
framework of the range-finder itself. 

 (15) HAL\TSG ADJrsTl\IExT.-In general 
the picture seen in one of the fields-of-\yiew 
of a range-finder is duplicated and inverted in 
the second field, but it may happen that corre- 
sponding image points do not occur at equal 
distances from the separating line, so that 
when the infinity adjustment has been made, 
the image in the upper field is not a simple 
reflection of that in the lower field, \yith the 
line of separation as a line of symmetry. 
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The instrument is then said to be out of 
haldng adjustment. This want of adjust- 
ment, so long as straight edg
s at right 
angles to the separating line are being ranged 
upon, is not of great importance, but when 
a line inclined to the separating line is used 
for ranging purposes a very serious error is 
introduced by this want of adjustment. To 
effect the nef>essary adjustment it i
 ckar that 
one picture must be displaced in the field-of. 
view vertically with respect to the other one. 
This may be carried out in the range-finder 
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by (1) tilting one of the pen tagona I reflectors 
about a horizontal axis inclined at an angle 
of 43 degrees to the axis of the tu be and 
parallel to the path of the normally incident 
ray as it passes from one reflecting surface to 
the other; (2) by displacing one of the tele- 
scope object-glasses in a vertical direction; 
(3) by the rotation in its own plane of a weak . 
prism originally mounted with its edge ,"'crtical ; 
or (4) by tilting a thick plane-parallel plate 
in a convergent beam of light. 
The halving adjustment having been made, 
the correction of the infinity adjustment is made 
by shifting the upper field in a direction parallel 
to the dividing line as already described. 


III. CALIBRATIO
 OF RA:SGE-SCALES 

 (16) COINCIDE
CE RANGE-FINDERS. (i.) 
Sliding - prism Type. - The relations which 
must exist in a coincidence range-finder 


FIG. 27. 


between the length of its base b, the focal 
length f of its objectives, the deviating power 
õ in circular measure of its sliding deflecting 
prism, and the length L of its range-scale 
between the infinity mark and the mark for 
the minimum range Rm required, can be 
obtained as follows: 
Imagine a range-finder adjusted on an object 
at infinity, and that the object then moves 
up along the straight line joining it with the 
left eye of the range-finder till its distance 
from the range-finder is eq ual to the minimum 
range Rm w'hich it is desired to indicate on 
the range-scale. As the object thus moves, 
the parallax angle changes from a at infinity 
to bJRm at the minimum range, and the 
image projected by the right half of the range- 
finder into the focal plane of the eyepiece 
moves out of coincidence through a distance 
d such that 


d b 
f - R m ' . 
The image projected by the left half of the 
range-finder undpr the con(litions named would 
remain stationary. To re-establish coincidence 
of the images the sliding prism with angular 


deviating poneI' 0 must be moved through a 
distanC'e L. along tl1P a)",is of the beam of Jight, 
such thl1t d = Lõ; so that substituting this 
value of d, in equation (A) above, we obtain 
Lõ =

. 


(R) 


To apply this formula,. 
uppose it is required 
to find the length L, when the base length of 
t.he range-finder is 1 metre (39.37 inches), the 
foeal length f is 11 inches, the minimum range 
required is 2;;0 yards, and thp deviating power 
of the prism is one unit in a distance of 170 
units (equivalent to 20 minutes of arc). Then 
reducing the linear dimensions to inches in 
equation (B) we find that 
L= 11 x 1 
 3Ç).37 x 170 =8.18 . 
25u x 30 In. 
(ii.) Rotflting-pris1n Type.-In range-finders, 
such as the Zeiss, in which coincidence is 


FIG. 28. 


effected by imparting equal rotations in 
opposite directions to a pair of similar prisms 
mounted in the parallel beam between the 
end reft.ector and the telescope a.G., it is 
desirable to seeure the maximum possible 
openness of the range-scale by giving to each 
of the prisms an angular deviating pow{'r 0, 
such that a rotation of theRe prisms through 
180 0 , i.e. from the position shown in plan by 
Fig. 27 to the po
ition shown by Fig. 28, should 
allow of coincidence for all ranges between 
infinity and the desired minimum range Rm. 
The angular deviating power of each prism 
being õ, a rotation through 180 0 will ('fleet a 
deviation of any ray in the horizontal plane 
through an angle equal to 40, and the 
deviation 0], produced by a rotation through 
any an,gle a less than 180 0 , as shown by F1'g. 
29, is obtained from the equation 


0 1 = 2õ(1 - cos a), . 


(C) 


(A) 


it being remembered that when a is between 
90 0 and 180 0 the cosinf' is negative in valuf'". 
Thus for rotations of 0 0 , 90 0 , and 180 0 the 
deviations are 0, 20, and 40 re
p('ctively. The 
angle 4õ must therefore be made equal to the 



RAXGE-FIXDER, 
HORT-BARE 


6.31 


maximum angle of paralla
 !JJI
", to be 
measured, or 


b 
0= ,lk
 ' . (D) 
Thus when b=l metre and Rm=2,'jO m., 


1 
o = f
uõ' 
approximately 3! minutes of arc. It "ill be 
noticed that the focal length of the O.G. does 


not enter into equation (D), for the reason that 
the deviation is effected in the parallel beam 
and not in the convergent beam, as in the case 
of the sliding-prism type of range-finder. 
For any given range R the pa rallax angle 
Ð=bjR, and since 0 must be equal to Ð we 
have, by substituting in equation (C) above, 

 =20(1- cos a), 
b 
or cos a = 1 - 2-õR' (E) 
where a is the angle of rotation of one of 
the de\yiating prisms from its infinity position 
neee:;sary for bringing about coincidence. Bv 
giving to R in the above equation the successive 
numerical values it is desired to indicate on 
the rangp-scale, the corresponding angle a can 
bp found. 
Thus in the case of the range-finder con- 
sidpred above. with a base length of I metre 
and deflecting prisms ea.ch with an angular 
deflecting power of one in a thousand, equation 
(E) becomes 


500 
cos a=l- It' 
from which the following table has been 
calculated as an example: 


I Range Range 
(metre::;). Angle. I (metre::;). Angle. 
I 
20,(\u{) 12 0 50' hÛO 67':> 59' 
10,000 18 J II' 700 73 0 2:J' 
5,000 25 J 50' (j00 80 0 22' 
4.0uO :!8 J 58' 50u 9ú
 
3,1 H)O 33 J 35; 4UO 104: :!Ð Þ 
2,000 41 0 25' I 3(JV 131- 4Ð Þ 
1,000 ön:> 2.30 1841- 
9Uo 63-:1 ;
R' . . . . 


TheRe a.ngles must, of coun:e, be mu1tiplip(1 
by the gearing ratio adopted-usually two. 
(iii.) Two-magnification Type.-In this type 
of range-finder an eyepiece range-scale, extend- 
ing along the 10\\ er side of the coincidence line, 
is graduated so that" hen the instrument is 
in adjustment the coincidence of the h, 0 
differently magnified images of an infinitely 
distant object can only be obtained at the 
place along the coincidence line at which the 
infinity mark of the scale occars. Let Fig. 30 
represent the field-of. 
view of such a range- 
finder, and suppose 
that the images of an 
infinitely distant ob- 
ject have been brought 
in to coincidence on the 
line marked "oc. " 
Xow suppose the ob- 
ject to move up along 
the straight line, join- FIG. 30. 
iug it" ith the left eye 
of the range-finder, to a distance at "hich the 
base length b of the range-finder subtends an 
angle Ð. Then the partial image, in the upppr 
part of the field-of-view, produced by light 
passing through the right eye of the range- 
finder, will, during the supposed movement of 
the object, mo\ye from left to right through a 
distance f
Ð, where II equals the focal length of 
the corresponding telescope objective, "hilst the 
partial image due to the left eye, in the lower 
part of the field, remains on the infinity mark. 
Kow suppose the range-finder to be rotated 
through a small angle a about a vertical axis, 
in the counter-clockwise direction as seen from 
a bove, both the images will then move to the 
right, but the more magnified image, in the 
lower part of the field, "ill move more quickly 
than the one in the upper part of the field, and 
eventually catch it up at a distance d from 
the ., 00 " mark, such that d = 12a, where f2 
is the focal length of the telf>scope objecti\-e 
on the left. Since the image in the 10" er 
field is more magnified than the image in the 
upper field, it follows that 12>11' and that ill 
conseq uence, whilst the lower image moves 
through the distance 12a, the upper image will 
move through a shorter distance Ila. Thus 
d=/IÐ+ Ila, . (I) 
but d=/2a, i.e. a=l, . (2) 
b W 
and Ð =:R' (:J) 
Substituting these values of a and Ð in equation 
(1) we get _ _fIb, lId 
d - Ii -r f2 ' 
and solving for d we obtain 
d=_ 
/2
 (4) 
R(f2 - II) 
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which shows that tlIP eyepiecp range-
cale is 
a reciprocal onp, since b, II' and /2 are con- 
stants for the range-finder. Equation (4) 
may be written 


lIb ( ) ( :; ) 
1 - f =- 1 " a constant, v 
1 2 d. \I 


i.e. the difference in the focal powprs of the 
two objpctive systems must be made pqual 
to the base length divided by the product of 
the length of the range-scale, and the range 
corrpsponding to that length. 
In practice the total length of the range- 
'3cale is limited to about 1 cm., and the mini- 
mum range required is, say, 230 metres, so 
that if the base length equals 1 metre, then 


1 1 
f - - - f =0.4, 
1 2 


the focal lengths being expressed in metre::;. 
FroU1 this equation, one focal length being 
assumed, the other can be found. Thus when 
.f'1 =23 cm., 12 must be made equal to 27.7 cm. 
In a range-finder of this type, made by Bausch 
and Lomb, il = 16.26 cm., 12 = 113.78 cm., 
b=0.8 m., and d=0.9.3 cm. for the minimum 
range of 430 m. 

 (17) STEREOSCOPIC RANGE - FINDERS: 
FIXED SCALE AND 'V A
DERI
G -MARK. - In 
these types of range-finders (see Fig. 8) the 
parallactic displacement D, in the common 
focal plane of the two objectives, is obtained 
from d = bf/R, where, as before, B is the ba'3e 
length of the range-finder, 1 the focal length 
of the telescope objectives, and R the range. 
The distance between the two infinity marks 
-marks upon which the two images of a star 
would be simultaneously projected-in the 
common focal plane of the objectives may, 
by suitable disposition of the retlector
, be 
given any value, usually that of the average 
interpupillary distance of the men likely t.o 
use the range-finder. This distance, once 
determined and adjusted, remains fixed, that 
i
, it is not affected by any adjustment of the 
interocuhtr distance necessary for individual 
observers. A fixed scale might consist simply 
of a single mark in one ocular field and a 
number of marks in the other field, correspond- 
ing to the series of ranges for which the instru- 
lllent is to be graduated. \Vith such an 
arrangempnt as this thp image of the single 
mark, in the use of thp instrument, would be 
fused 
tcreoscopically in succession with each 
of the marks in the other ocular field. In 
practice, however, it has been found better 
to provide for each of the ranges to be 
indicated a separate pair of marks, one in 
each ocular field, hut the principle of the 
calibration is the same. Thus for a range- 
finder in which the produet bf is equal to 
k, say, and in which the distance between the 


infinity marks is equal to A, say, the di:;;tanee 
apart of the pair of marks for anv finite ranae 
Rl must he made equal to A -l'/Ù l . 0 
The same principles apply in the case of the 
wandering-mark. Here one ocuhr field con- 
tains a fixed mark, whilst in the second field a 
second mark is adjusted transversely to the 
line of sight by means -of a micrometer screw, 
the drum of which is calibrated for the ranges 
corresponding to the paraJlactic displacements 
required for the given ranges according to the 
equation above. 

 (18) CO
(,LUSIoN.-From the story now 
told, it will be seen that whilst the English 
naval and military authorities accept the 
coincidence t.ype of range-finder as the most 
efficient service instrument, tllP German 
a uthorities on the other hand, under the 
guiding and compelling genius of Carl Zeiss, 
have favoured the stereoscopic type. Now in 
the case of a coincidence instrument there is 
no question but that a comparatiyely large 
percent.age of service men can be trainf'd to 
work it efficiently, whilst in the case of the 
stereoscopic instrument the conditions are 
very different. English military opinion tpnds 
to the conclusion that only about 5 pel' cent 
of men tried ever become efficient range-takers 
with the stereoscopic instrument, and this 
conclusion is supported by German experience. 
In the German training - schools we believe 
that, of the total num bel' of the men tried, 
only about 15 per cent are finally selected fur 
training. It is claimed that of these men a 
certain very small number, after an extended 
period of trial, attain a stereoscopic differentiat- 
ing power of 4 seconds of arc. This compares 
favourably "ith the standard reached by the 
best range-takers with the coincidence type. 
The average, however, claimed by the Germans 
is about 10 seconds-should a man not be able 
to attain an accuracy of 20 seconds or less, he 
is rejected. 
It must be remembered that the remarkable 
accuracy ,vhich has been claimed for hoth 
types 
f range-finder has only been secured 
by tests made under the most favourable 
conditions-laboratory conditions, in fact- 
and it may be that, as regards their best 
performances under these conditions, the one 
type can claim no decided ad vantage over the 
other. Tests under service conditions, how- 
ever, are the only ones which have any usdul 
di8criminating value, and these are not so 
easily carried out. A range-taker, under the 
intense nerve strain hrought about by a 
modern battle, ma V find that he can obtain 
very much better" results with one type of 
range-finder than the other, and, so far as 
evidence is available, there can be little douht 
that under the severest sprvice conditions the 
coincidence has a very decided ad vantage 
over the stereoscopic type. 



RAXGE-FIXDER, SHORT-BASE 


653 


Kow the battle of Jutiand was fought" ith 
9 - feet Barr & Stroud coincidence range- 
finders on the one side, and 3- metre Zeis:; 
stereoscopic range-finders on the other. Yery 
few instrunwnts of greater dimensions than 
these were used by either side. It is, however, 
strange to say. \yery difficult to arriye at a 
just conclusion as to the relative merits of 
the work done \\ ith these instruments. Each 
side has shown a deRire to give Iull credit 
to the work of the other. \Vhen, however, 
everything is taken into consideration, there 
appears to he very little doubt that the 


days of the stereoscopic range-finder, as a 
chief service range - finder. are numbered. 
This is not to be wondered at "hen it is 
remembered that, bpfore the war, Germany 
had held out against the world in adopting 
the type. X 0 don bt it "ill still be made and 
used for special work, possibly against air- 
craft. Anyone who has experienced the ease 
and precision with which a stereoscopic range- 
finder can be directed to and ranged on a mere 
wisp of floating cloud will readily realise 
that for work of this kind it stands out 
unrivalled. 


LIST OF THE 
IORE nIPORTA
T RRITI
H PATEXTS FOR RAXGE-FIXDERS 1 


Specification So. Year of Application. Name. 
357 1860 Adie. 
608 1863 " 
804-:3 1883 :\Iallock 
12404- 
886 Christie 
9320 1888 Barr & Stroud 
13507 1893 " " 
17048 1893 Grousilliers 
17868 1893 Abbe 
3172 1901 Barr & 
troud 
5267 1901 Forbes 
16647 IHOI :\larindin 
18273 1902 Barr & Stroud 
1462 1903 " " 
4258 1903 },'orbes 
12733 1904 Dennis Taylor 
28866 1904 König 
11726 190.3 Carl Zei::;s 
10039 19u6 Barr & Stroud 
28728 1906 " " 
12177 1907 Carl Zeiss 
15200 1907 Dennis Taylor 
16467 1907 Carl Zeiss 
26546 1907 .. .. 
830 1908 " " 
1299 1908 " " 
3326 1908 .. " 
9906 1908 Barr & Stroud 
13813 1908 " " 
21854 1908 C. P. Goerz 
22102 1908 Christie 
223G
 1908 Goerz 
23173 1908 " 
7785 1909 Barr & Stroud 
7786 1909 " " 
16847 1909 C. P. Goerz 
18611 1909 " 
21870 1909 Carl Zeiss 
30152 1909 Barr & Stroud 
6082 1910 Dennis Taylor 
7392 1910 " " 
24714 1910 C. P. Uoerz 
28022 1910 Cad Zeiss 
513 HHI " .. 

48:!1 1911 C. P. Goerz 


Suhject-matter. 


Coincidence: tilting mirror type 
Coincidence: tilting mirror type 
Coincidence: tilting mirror type 
Coincidence: lateral displacement of O.G. 
Coincidence: tm velling deflecting prism, 
etc., etc. 
Coincidence: astigmatisers, separating 
prisms 
Stereoscopic 
Infinity adjusters 
Two objectives side by side 
Stereoscopic 
Tilting reflector 
Single telescope type 
Separating prisms, optical squares 
Stereoscopic 
Single telescope: swinging deflecting prism 
Adjusters 
Separating prisms 
Deflecting rota ting prisms 
Self-contained adjusters 
Periscopic 
Scpara ting prism 
Stereoscopic 
Adjuster 
Adjuster 
Eppenstein-unequal magnification fields 
Stereoscopic image marks 
Separa ting prism 
Handles and working heads 

epara ting prism 
Adjuster 
Separating adjuster prism 
Separa ting prism 
Frames 

cales and scale-erecting prisms 
Cnequally divided fields 
Separa ting prism 
Adjuster 
Separa ting prism 
Binocular coincidence 

Iirrors for optical squares 
Yertical and horizontal eyepieces 
Folding 
Cpper invert. double separating line 
Reparating prism 


1 It \\ ill be noticed that this list is practically limited to patents taken out by the four chief manu. 
facturing firms. 
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LIST OF THE :\10RE HIPORTAXT BRITISH PATE
T
 .FOR RA
(
E-FIKDER
olltillued 


Specifil'atioll No. \ e:Lr of A pplicatioll. Name. 
:!.312
 ]911 Carl Zeiss 
25:?ü9 19l1 C. P. Coer.l 
25368 1911 ,. 
1:?9ß2 191
 Carl Zeiss 
14041 1912 " " 
1414.3 1912 C. P. Goerz 
16837 191
 Carl Zeiss 
21027 1912 " " 
:?3696 HH
 " " 
26233 1912 Barr & Stroud 
2748:3 If)! :? Carl Zeiss 
30090 1912 Dennis Ta vlor 
103 1913 Carl Zeiss 
153.3 HH3 " " 
4879 HH3 " " 
8098 1913 " " 
10966 1913 " " 
14183 1913 " ., 
13815 HH3 " " 
27217 1913 Barr & Stroud 
8312 1914 Carl Zeiss 
ll463 1914 " " 
14701 1914 " " 
15140 1914 Barr & Stroud 
15:!94 1914 " " 
20:?63 1914 Carl Zeiss 
21:?80 1914 " " 
5- H 1915 " " 
2114 1915 Barr & I-;troud 
3544 1915 Carl Zeiss 
1179 1915 " " 
4567 1915 " " 
5426 1915 .. " 
7679 1915 " " 
14508 1915 ., " 
123164 1 1916 Bottenhurg & Willans 
125587 1916 Barr & };troud 
12372.3 1918 Taylor 
127885 1917 Barr & Stroud 
127907 1917 " " 
12904-3 1917 Taylor 
129044 1917 " 
129345 1917 Barr & Stroud 
129881 1918 " " 
131610 1917 " " 
131611 1917 " " 
133974 1917 .. .. 
133223 1916 " " 
139224 1916 " " 
145094 1916 " " 
147106 19:?0 Carl Zeiss 
149326 1920 ., " 
16:5461 1918 Barr & Stroud 
177598 1920 " " 
J88930 1921 ., 


Subjeet-Illatter. 


Complementary inverted fields 
St'parating prism 
Separating pri:,,;m 
Halving adjustment 
Adjuster 
Adjuster 
Adj uster 
Periscopic 
Periscopic 
Yariable base range-finder 
Stereoscopic: with separating prism 
Differf'nt vertical and horizontal magnifica- 
tions 
Adjuster 
DiffC'rent vf'rtical and horizontal magnifiea- 
tions 
Binocular coincidC'nce: difTef('nt mag- 
nifications 
Adjuster 
Stereoscopic: with douhle' images in each 
field 
Separating prisms 
Coincidence and stereoscopic: doublC' 
deflecting devices 
ScalC'-indicating gC'ar 
Grouped to give singh' reading 
Optical squares 
Optical squares 
Exhausting adjuster 
Scale-convf'fsion gear 
AdjustC'r 
Addition to 15815/13 
Adj uster 
Exhausting range-finder 
Varia ble f('sistancf' scale indica tor 
Addition to 15815,13 
Setting gun-sight 
Adjuster 
Friction elf'vating gear 
Addition to 20:?63 14 
Heigh t- finder 
Height-finder 
Adjusting end squares 
Separating-prism systems 
Height-finder 
Singh' telescope: swinging-prism t.ype 
Halving systems 
Height-finder: conver:::;ion gear 
Height-finder: travelling deflecting prism 
Height-finder: travelling deflecting prism 
Height-finder: rotating deflecting prism 
Scalf'-conversion gear 
Multi-magnifying systems 
Height-findf'r 
"Cnit-magnitication system 
Periscopic range-finder 
Adj uster: zero base 
TN andcring- picture graticule 
Mounting large range-finders of the coaRt- 
defence type 
Periscopic range-finders 


1 From 1916 the spcdfication numbers run continuously, commencing with No. 100001. 
are given provisionally. 


Year numhers 
F. J. C. 
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RAXGE-FI
DrXG, ACCURACY OF. See" Range- 
finder, Short-base," 
 (4). 
RÅTIO
.\L IXTERCEPTS OR IXDICES, THE L.HV 
OF, in crystal structure. See "Crystallo- 
gra ph:,," 
 (10). 
RlYLEIGH LDIIT: the maximum difference 
in phase with which the various rays passing 
through an optical system may arrive at 
the focus without spoiling the definition. 
About ! wave-length. See ")Iicroscope, 
Optics of the," 
 (9): also" Light, Diffrac- 
tion of." 
R-\.YLEIGH'S RADI-\.TIO
 FOR
IULA. See 
<. Radiation," 
 (ß). 
RlYLEIGH I S THEORY OF THE SCATTERIYG OF 
LIGHT bv particles small compared with the 
wave-Iel
gth, applied to explain the blue 
colour of the sky. See "Scattering of 
Light by Gases," etc., 
 (2). See also" Ultra- 
microscope and its Applications," 
 (2). 
READIXG )IICRoscoPEs. See " Divided 
Circles, " 
 (12). 
RECOIL ATOMS from radioactive substance
 
which expel a-particles. See "Radio- 
acth-ity," 
 (19). 
REEDs, ::\IETAL, WTTHO{TT PIPES: musical 
insÚuments in which these form the vibra- 
tors. See" Sound,"' 
 (3]). 
REFLECTIXG TELEscoPEs. See" Telescopes," 

 (10). 
REFLECTIOX, A:\lOrST OF, FROl\I SILVERED 
)IrRRORS. See" Silvered )Iirrors and Sih-er- 
ing," 
 (7). 
REFLECTIOX, SPECTRAL. See " Spectro- 
photometry," 
 (1-1), 
REFLECTIVITY OF :\IETALS. See" Telescope," 

 (12). 
REFR-\.CTIOX (AT:\IOSPHERIC), ERRORS DUE TO. 
See'" Xavigation and 
adgational Instru- 
ments," 
 (5). 
REFRACTIOX, DOUBLE. See" Polarised Light 
and its Applications," 
 (.3). 
REFRACTIVE IXDEX, mea.;;urement of. See 
" Spectroscopes and Refractometers," 
 (9) 
ef seq. 
REFRACTIVE IXDEX AXD \YAVE-LEXGTH. See 
" Optical Glass" " 
 (3). 
REFRACTO)IETER : an instrument primarily 
designed for the rapid determination of 
refractive indices. See" Spectroscopes and 
Refractometers," 
 (13) et se']. 
REI
FORCED GLASS, )IAXUFACTITRE OF. See 
" Glass;' 
 (43). 
RE'IY DIPLOSCOPE: a useful form of 
phorometer. See" Ophthalmic Optical 
Apparatus," 
 (3). 
RESISTAXT GLASS, modern methods of test- 
ing. See" Glass, Chemical Decomposition 
of," 
 (3) (ii.). 


RESOLYIXG POWER OF A ::\lIcROSCOPE. S(e 
" 
Iicroscopy "ith Ultra-violet Light," 
 (2) ; 
" )Iicroscope, Opti.cs of the," Introdudion. 
RESOLVIYG POWER OF SPECTROSCOPE. See 
" Diffraction Gratings, Theory of," 
 (6). 
RESOLVIXG POWER OF A TELE::,COPE. See 
" Telescopes," 
 (7). 
RESO)i.AXCE -EFFECTS IX THE SCATTI:RIXG OF 
LIGHT BY GASES. See" Scattering of Light 
by Gasps," etc., 
 (.5). 
RESOXATOR, AIR, used as a sound detector. 
See" Sound," 
 (54:). 
RESTSTRAHLEX: a name given to the final 
radiations obtained by successive reflections 
from a substance; these possess their 
maximum energy for almost the same wave- 
lengths as the maxima of the absorption 
bands for the substance. See" \Vave. 
lengths, The )Ieasurement of," 
 (7). 
REVERSIXG DEVICES used in connection \\ith 
the copying camera. See "Photographic 
.\pparatus," 
 (3) (iii.). 
RIGIDITY OF GLASS. See" Glass," 
 (26) (ii.). 
RITCHIE \YEDGE PHOTO
IETER. See" Photo- 
metry and Illumination," 
 (27). 
RITZ, formula 
N 
n=A- , 
{m + IL + (dfm 2 ); 2 


n being tbe wave-TlUmber of a line in a series 
of the spectrum of an element, the series 
being determined by the constants A, p.., d, 
and the line by the quantity lIl, whose 
values differ by integers in anyone series, 

 being the "unÌ\
ersal constant." Sce 
" Spectroscopy, )Iodern;' 
 (10) (iü.). 
ROCHELLE S-\.LT PROCESS OF SILYERIXG 
)IrRRORS, introduced by Cimeg in 18lH, and 
used when the \\ ork is required to be 
silvered on the back. See" Silvered )Iirrors 
and Sih-ering," 
 (2). 
ROCHOX'S PRIS"
I FOR PRODrCTION OF DorBLE 
hIAGES. See "Polarised Light and its 
Applications," 
 (12). 
ROOF PHOTO:\IETER. See ,. Photometry and 
Illumination," 
 (28). 
ROTATORY DISPERSIOX. See" Polarised Light 
and its Applications," 
 (21) (ii.). 
ROTATORY POLARIS <\.TIOX : an effect exhibited 
bv certain substances in which the plane of 
p
larisation of a beam of light is' rotated by 
passage through the substance. The effect 
is exhibited by solids, liquids, and gases, 
and such substances are said to he optically 
acti,e. See "Polarised Light and its 
Applications. " 
 (20); also "Polarimetry" 
and" Quartz, Optical Rotatory Power of." 
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RO"CSSEAU DB.GRA'1: a dC'\'iC'(" for oht.aining 
the average candle-power of a source from 
its polar diagram. SC'e"' Photometry and 
Illumination," 
 (42). 
ROWLA)lD'S GRATI)lG. See" Diffraction Grat- 
ings, Theory of," 
 (II). 
RUBE)lS A
D \VOOD, their improvement in the 
method of isolating very long waves, based 
on the selective refraction and selective 
absorption of quartz. See" \Vave-Iengths, 
The ::\Ieasurement of," 
 (7). 
RULI
U ON GLASS. See" Graticules." 


RU:\IFORD PHOTO:\lETER. See "PhotolllC'tr.y 
and Illumination," * (2,3). 
RUSSELL AXGLES: a system of angles hy 
means of which the calculation of av('rage 
candle-power of a light source may he 
simplified. See" Photometry and Illumina- 
tion." 
 (42). 
RYDBERG, his relations between the wav("- 
nu:nbers of lines in the spectra of elements" 
and recognition of the éxistence of three 
chief types of ::;erie'3, known as the Principal, 
Sharp, and Diffuse 8eries. See" Spectro- 
sC'ùpy, 
Iodern," 
 (10) (ii.). 
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SACCHARDIETER: a term applied to polari- 
meters, used to measure the strength of 
sugar solutions. in which the quartz wedge 
compensation system is employed. See 
" Saccharimetry," 
 (2). 
SACCHARL\IETER SCALES. See "Sacchari- 
metry," 
 (4). 
SACCHARDIETERS, conditions govGrning the 
accuracy and sensitiveness of. See 
" Saccharimetry," 
 (7). 
:l\Iechanical construction and design of. 
See ibid. 
 (ß). 


S...\.CCHARJ)IETRY 


9 (1) [:
TRoDUCToRY.-The optical rotation of 
a sugar solution can be measured by means 
of the polarimetpr,1 and if the rotation of a 
pure sugar solution of the same C'oncentration 
be krÍO\\ n, the percentage purity of the first 
sample can then be calculated. Owing to 
the rotatory dispersion (variation of rotatory 
power with wave-length) of all acti\Te sub- 
stanc?s, a monochromatic light source is 
necessary in all polarimetric measurements. 
The half-shadow angle of the.polariser must 


and this is by no means the case "ith t.he 
average raw sugar solut.ion. 
Biot had observed t.hat the rotatory disper- 
sion of quartz was approximately the same 
as that of a sugar solut,ion, and in respom;e to a 
prize of 2000 francs offered by the "Société 
d'Encouragement " for a means of deterInining 
the strength of sugar solutions correct to 2 per 
cent, SolC'il 2 ingeniously evolved the quartz 
compensator system, in which he utilised the 
rotatory power of quartz, to neutrnlise that 
of the sugar solution. ,rith this arrangement, 
the polari
Pl' and analysel' are .fi.red and crossed, 
and the rotation of a sugar solution is given by 
the distance a quartz wedge has to hp moved in 
order to neutl'alise the rot,ation of the solution. 
Since the rotat.ory dispersions of quartz and 
of sugar solutions arc approximately equal, 
this system permits the use of white light with 
its relatively great intpnsity and convpnienee. 

 (2) SAC'C'HARDIETERs.-The term "sac- 
charimeter" is now generally applied only 
to polarimeters in which this quartz wedge 
compensation system is used. 
The optical arrangement in a standard 
polarimeter is shown in Fig. 1. The pol arising 
prisms CD form the Lippich 3 polariser. The 
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he small in order to obtain accurate results. 
But even with a half-shadow angle of 6 0 , only 
a small fraction of the incident light enters 
the pye of the observer at the matching 
point. The usual monochromatic light source 
(sodium light) was therefore too feeble for 
accurate measurements even when the optic- 
ally active substance was highly transparent, 
1 :O;ce" Polarim('try." 


Q 0 
I 
, 
Î : 
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wedges K aJHI L are madf' of left - rotating 
quartz and have their bases on opposite sides, 
so that a beam of light will pass through 
undeviated. The analyser l\I is "crossed" 
with the polariser CD hefore the quartz wedges 
are mounted. A compensating disc J of 


2 Sokil. Compt. Rpnd., 184;), xx. 180:j; 184;;, "Xxi. 
42ß 
 18-tï, xxiv. 9ï3; Jlém. lust., HH;), xiii. 214. 
3 See" Polarimetry," 
 (ß). 
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right rotating quartz is introduced. Its 
thickness is such that It equals that of the 
left rotating wedges K and L when the 
movable- wedge K has bf'en moved approxi- 
mately one-fifth of its total path (aR measured 
from the position when the tit inner end of 
K is nearer the centre). The objective X 
is achromatic and the eyepiece 0 is focussed 
on the sharp dividing line of the prism D. 
The light source is focussed on the diaphragm 
A of the polariser by a lens (shown in the 
diagram). A can therefore be regarded as 


long wedge is right rotating "hile the other 
is left rotating. The df:'viation of the beam 
is compensated by means of the glass wedge G. 
Although this method means a considerable 
sa \Ting 0" ing to the scarcity of optically pure 
quartz, it has not come into general use. 
There are possibly two reasons for this-first, 
the double refraction almost always present 
in a thick glass wedge "ith the decrease in 
sensitiveness that follows; and, second, the fact 
that the dispersion of glass being different 
from that of quartz a coloured fringe "Would 
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thc virtual light source. An image of this is 
hrought to a focus, in turn, at the objective 
X of the observing telescope, by means of 
the cundenser lens B. Cover glasses F and G 
serve to protect the polarising and analysing 
systems from dust and damp. 
'Yhen an observation tube containing a 
liquid is placed in the path between F and 
G, a halo is usually seen surrounding the 
usual fidd of view. This is caused by reflec- 
tions at the inner walls of the tube; if a 
diaphragm is placed at Q (the focal plane of 
the eyepiece) so that its aperture is equal 
to, or only slightly greater than the size of 
the image of E formed by the lens X at Q, 
then this effect is avoided. The apertures H 
and P serve to cut off scattered light from 
outside and multiple back reflections. 
In the double wedge instrument shmrn in 
Fig. 2 the optical arrangement is the same, 
only that now the quartz compen!?ating disc 
(in the case of the single wedge instrument) is 
replaced by two wedges J and K of opposite 
rotation to the other pair Land :\J. The long 
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Fm.3. 


,,,edge q K and L are mm'ahle. whilst the 
short wf'd
E"s J and 1\1 are fixed. The special 
advantages of having two movable wedges of 
opposite rot9t.ÏonH will he discm:;sed latpr. 
:\Iartens 1 suggested that the same result 
may be oùtain
d as shown in Fig.
. The one 
1 
[art('n
, Zritschr. jiir Instkde., H)OO, :xx. R2. 
VOL. IV 


be seen at each side of the field of view, since 
the light source is approximately white. 
The standard instruments of Fric, Schmidt 
and Haens('h, Goerz, Peters, Bausch and Lomb, 
and Hilger, are aU optically identical "" ith 
eit.her Fig, 1 or Fig. 2. The saccharimeter 
of Pel1in embodies a Laurent polariser, "hile 
in that of Bellingham and Stanley the modified 
Jellet prism described on p. !83 is employed. 
'Yhen a separate light source is used, another 
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FIG. -1. 


short focussed convex lens is mounted in 
front of the diaphragm A (Figs. 1 and 2), so 
that it forms an image of the source at A, 
when the latter is placed a particular distance 
(15 em. in the Schmidt and Haensch instru- 
ments) in front of this auxiliary lens X (in 
Fig. 4). In order to secure a uniformly 
illuminated field of view a diffusing screen is 
placed at Z, and the image of S can be accurately 
focussed on it by looking sideways through the 
elongated observation hole Y at the side of the 
tube carrying the lens:X:. The diaphragm at 
A is exte'nd;d outwards, as sho"" n, to screen 
off the extraneous light from the observer. A 
deviation prism "7 is mounted in an aperture 
in this extended diaphragm so that a ùeam 
of 1i00ht is obtained to illuminate the scales of 
the instrument. 'Yhen pled.rical illumination 
is used. the large diaphra
m at .\ and tl1P deyiat- 
ing prism can be dispensed with, the illuminat- 
int1 beam T beinO" obtainpd bv plaf'ing a small 
mirror at the rcq
i8it(' an
le 
bove the sourcc. 
2U 
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It must be noted that, as in the polarimeter, 
the beam emerging from the conùenser B is 
not strictly parallel, but is made to converge 
on the objective of the observing telescope. 
This secures that the maximum permissible 
amount of light enters tlH' eye of the observer, 
simultaneously" ith uniform illumination of 
the field of view. 

 (3) BATES'S SACCUARDIETER.-It is not 
possible to vary the half shadow angle of an 
ordinary saccharimeter, because it would pntail 
a remo
al of the quartz wedges, etc., in order 
to set the analysing nicol at the new position 
of matching. If the polariser and analyseI' 
are not accurately crossed, a match cannot. 
be made at any position of the wedge when 
the quartz compensating system is inserted, 
because, approximately white light being em- 
ployed, the rotatory dispersion of quartz will 
cause considerable colour differences in the 
two hahTes of the field of view. 
Bates 1 has constructed a saccharimeter in 
which the adjustment of the analyser is 
automatically made as the half shadow angle 
is varied by rotating 
the whole Lippich 
prism of the polariser. 
Let OP 1 in Fig. 5 
represent the plane 
of polaris
tion of the 
light emerging from 
the whole Lippich 
prism, 0 P 2 the plane 
of polarisation of the 
half J..Aippich, and 
A' AOA' that of the 
analysing nicol. OD 
is drawn perpendicu- 
lar to AOA', and OC bisects the angle P 1 0P 2 . 
Let 0 be the angle that the normal to the plane 
of the analvser makes with OC, the bisector 
of the half ;hadow angle. 


D 


A 


P 
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FIG. 5. 



 


7ra ,7ra 
LP 1 0A=2 -2+ 0 , L P 2 0A =2 -2- 0 . 


If I is the intrinsic intensitv of illumination 
of the light emerging from th
 whole Lippich, 
its intensity after transmission through the 
analyser will be given by 
I cos 2 P10A= I sin 2 (
- 0). 
The intensity of the light leaving the half 
Lippich will be appreciably less. A portion 
is lost hy reflection at the two ends of the 
prisô.. by absorption in the spar and by 
reflection at the balsam film; suppose this 
fraction to be 1 - 11.; the fraction transmitted 
will he I{. Anothpr portion is cut off because 
the half Lippieh is lIot paraJld to the whole 
Lippich, and the' fraction transmitted will be 
1 nat{'
, Bllli. Bur. Staml., In07, iv. 4n!. 


gÌ\Tcn by cos 2 a according to the law of 
1\1 [11 us. 
The resultant intensity of the light from the 
half Lippich "Will therefore be I x 11. cos 2 a, anè 
this after transmission through the analysCl 
becomes 
I x I{ cos 2 a cos 2 P20A' = II>. cos
 a sin 2 (
+ 0). 
\Yhen a match of the fields is ohtained, then 
I sin 2 (
-o) =11{ cos 2 a sin 2 (
+o). 


. a a . 
 t- . a 
. '. sm 
 cos 0 - cos 2 sm v = , I{ cos a sm 2 cos 0 
/- a 
+ "v I{ cos a cos 2 sin 0; 


a 1- 
sin.2 cos 0(1 - " I{ cos a) 
r 
= cos a sin 0(1 + " I{ cos a), 

 1 - "r;: cos a a 
.'. tan ()= /_ tan '). 
1 + , I{ cOs a .. 


1f the loss of light hy absorption a.nd reflec- 
tion at the half Lippich is neglected, then I{ = 1 
and tan 0 = tan 3aJ2 as \\'(lS shown by Bates in 
his first paper. But this factor K is important, 
as was realised bv Schönrock 2 and "T ri
ht 3 
independently. The latter aSfmmed tlu1,t the 
loss of light in the half Lippich wa.s approxi- 
mately 10 per cent, the value of the constant 
I{ in the above C'quation being therefore ,9. 
The following table, due to "Tright, shows the 
difference introduced by considering this 
factor. 


Half 
Shadow 
-\ll"le in 
Degree8. 


I 
"TallIe of Value of II Half 
ð from ð from Slladow 
Hate::;'!; \Vright Angle in 
Formula. (K=':I). I Degrees. 


I 
Value of I Value of I 
ð from 0 from 
Bates'li Wright 
}<'ormula. (K= .tI). 
I 


0 0 0 8 0 }' 7' 
2 0 0 2' 10 0 2' lO' 
4,0 0 3' l
o 4' 14' 
()O I' 4' I, 14 0 ()' IS' 


Schönrock calculated the loss of light from 
the well- known equation of Fresnel. For 
perpendicular incidence the percentage loss is 
given by (n - 1)2J(n + 1)2 x 100. Ta.king n as 
1.486 (refractive index of Iceland spar) the 
percentage loss is 7.5. A further allowance 
of ,5 per cent is arhitrarily ma(IC' for absorption 
inside thf' small Lippil'h, thuR making thp 
constant I{ in the above equation ,92. The 
e'ffect of considering the absorption is, as Batps 4 
pointpd out, to make the variation of 0 with 
a more approximately linear. If the analysing 
nicol is therefore made to rotate' with an 


2 :-khiinrc)('k. Z,'itsrh. rer. lk/lt. Zuc!;erilUl., J !IOt\, 
Iviii. 111. 
3 Wright, Amer. .fOlan. SdplI('(', 100R, xxvi. 301. 
t l1at{'s, Rull. Bur. St((1/(I., l!)OR, v. lÐ3. 
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angular velocity slightly greater than half of 
that of the whole Lippich, the variation of the 
zcro puint uf the analyseI' can in Bates's con- 
struction be reduced to ::t.14: 0 (or 1- .0.3 0 S.) 
from the true matching position as given above, 
even when the hali-shadow angle is altered 
from 3 0 to 13 0 . But it appears that, where 
the highest accuracy is required in measuring 
a rotation, a small allowance must be made 
for the change of the zero position with the 
particular half-shadow angle employed. 

 (4) SACCHARDlETER SCALEs.-The amount 
of the rotation of a substance is proportional 
to the distance that the movable \vedge has to 
be displaced in order to neutralise the rotation. 
A scale is therefore fixed to the movable wedge, 
and a vernier mounted on the fi
ed one as 
shrm n in Fig, 6. The scale and vernier 
(
 and \- of Fig, 6) are illuminated by the 
beam from the deviating prism (T in Fig. 4). 
This falls on a grey glass screen \V (F1'g. 6) 
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FIG. 6. 


and is reflected by t.he mirror Rl on to the 
scale and vernier. The reflected image of 
the latter in the mirror R 2 is observed by the 
telescope O. 
It will be realised that the scales of all 
saccharimeters are arbitrary, depending on the 
angle of the wedge and on the length of a 
scale division, the rotation in a particular 
position being nl tan 8(K) where n denotes the 
number of divisions the wedge has been moved 
from its zero position, l the length in milli- 
metres of a singlp scale division, 8 the angle of 
wedge, and K the rotatory power of quartz per 
millimetre for a particular wave-length. 
The wedge angle and len
th of scale division 
adopted by Solei I were such that the rotation 
of the plane of polarisation of sodium light was 
21.G7 when thp wedge was moved 100 divi- 
sions. This was supposed to be the amount bv 
which the plane of polarisation of sodium light 
was rotated when passed through a quartz platf' 
exactly 1 mm. thick, the faces of the plate 
being cut normally to the optic axis. 
The value of the rotation given above is that 
of Broch (1840). Later determinations have 
Hho" n that thp 
pecific rotation of quartz is 
apprceiably greater than the above vahlp: 
neverthele
s, tllC' 100 0 point on the scale has 
h('en standardisecJ for the rotation as given hy 


Broch, so that all French saccharimeters give. 
almost identical readings-which i"j by no 
means the case with the other continental 
saccharimeters. 

 (5) ROTATIO
 COXSTA
TS OF SUGAR.-The 
specification of the normal sucrose solution 
which, when placed in a 200 mm. tube, would 
have a rotation of 21.67
 for the sodium D 
lines at 20 0 C., has been the subject of a 
large number of determinations. The normal 
weight is defined as the number of grams of 
pure sucrose that is contained in 100 C.c. of the 
normal solution at 20 0 C., and values rangin
 
from 16.0 grm. (Dubrunfaut) to 16.51 grm. 
(Clerget) have been gi,-en. In 18í.J, the value 
of 16.19 grm. (Girad, and de Luynes) was 
adopted as the official normal weight. The 
International Congress of Applied Chemistry 
(Paris, 1896) suggested that a redetermination 
Rhould be made. The French Finance Ministry, 
acting on the report of l\lascart and Benard.] 
I adopted the 'Talue 16.29 grm, which remains 
up to the present the official French normal 
weight. 
Ventzke 2 in 1842 proposed that the rotation 
of a standard sugar solution should be used to 
determine the 100 0 point on a saccharimeter 
scale. Originally, a 25 per cent solution of 
cane sugar was suggested as the normal 
solution; he after" ards proposed that the 
specific gravity of such a solution could be used 
for determining the concentration (that the 
normal so]utiun should have a specific gravity 
of 1.1 at 17.3 0 C.). It was found impossible 
to make determinations of the specific gravity 
with sufficient accuracv, so that the normal 
solution was defined as
 one containing 20.048 
grm. of sucrose in 100 C.c. of the solution at 
17.5 0 C.3 
In 1833 the 
Iohr c.c. came into general use 
(1 :\lohr c.c. = volume occupied Ly 1 grm. of 
water wpighed in air with brass "eights at 
17..3 0 C., 100 
Iohr c.c. = 100.23-1 metric c.c.), 
and, until 1900, saccharimeters were standard- 
ised with a normal solution ba
ed on the 
.i\lohr c.c. whilst the normal weight remained 
unaltered. Thus the scale usually recognised 
as that of Ventzke has a normal weight 
1.0023-1 times greater than that proposed by 
him. 
Owing to the confusion and errors resulting 
from the two standards of volume, the Inter- 
national Commission for uniform methods of 

mgar analysis -I recommended a new dpfinition 
based upon the metric c.c. and a standard 
temperature of 20
 C., as 17.3) C. is generally 
below the average tempprature of a sugar 
laboratory. After correcting for the change 


1 
[a
('art f't TIt'nard. Ann. rld'n. Physique, 1899, 
(7), xvii. 127. 
2 Ventzkl', Erdman',,: JallTJI. fiir prakti.,:rhr Chemic, 
1 R"'
. xxv. (j,"). 
3 Ibid., 181:J, xxsiii. 111. 
t Zl'it..
rhr. "a. J>I'/ft. ZI(('knil/fl., 1!Wf) (I.) 1. 357. 
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in the specific rotation of the sugar soìution 
with temperature, and allowing for the tem- 
perature coefficient of the saccharimeter and 
tube, a normal weight of 26.01 grm. is obtainerl 
for an instrument standardised at 17..')0 C. 
with the 
Iohr flask. 
The International Commission decided to 
make the new normal weight exactly 
6'000 
grm. The following definition was formulated, 
and has since been accepted in all countries 
with the exception of France and the French 
colonies. 
" One dissolves (for instruments arranged for 
the German normal weight) 26.00 grm. of pure 
sugar in a 100 metric cu bic centimeter flask, 
weighing to be made in air with brass weight.s, 
and 'polarises' the solution in a room the 
temperature of which is 20 0 C. Under thpse 
conditions the instrument must indic
.te 
exactly 100.00. 
" The temperature of all sugar solutions tn be 
tested is always to be kept at 20 0 C., while 
thpy are being prepared and while they are 
being , polarised.' " 
By "polarising" is understood in this' 
connection the measurpment of the number of 
scale divisions that the wedge has to be moved 
in order to secure a match of the fields of the 
Lippich polariser when a column of the normal 
solution 200 mm. long is placed in the path, 
the point of reference being the reading on the 
scale when the fields are of equal intensity, 
without any active solution in the path. 
Owing to difficulty of making a solution of 
pure sucrose <'If the required concentration, a 
secondary standard has to be made for both 
the manufacturer in the primary graduation 
of the instrument, and the user of the instru- 
ment for checking purposes. 
The subsidiary standard is a quartz plate 
which when measured with a saccharimeter 
gives the same reading as that of a normal 
solution with the same instrument. The 
angular rotation of such a plate at 20 0 C. for 
sodium light was determined by SchÖnl'ock 1 
in co-operation with Herzfeld,2 the value given 
by him being 34.6.37 0 . Practically all sac chari- 
meters employing the scale of the International 
Sugar Commission have, until recently (1917), 
been standardised on this basis. The above 
figure is commonly called the "conversion 
factor," and its accurate determination is of 
great importance in saccharimetry. 
It had been noted at the Bureau of Rtandards 
that all normal sugar solutions, howevpr care- 
fully prepared. gave a reading below 100.00 0 
when polarispd in saccharimeters standardised 
on the basis of thp conversion factor given by 
Herzfeld and Schönropk. 
1 S{'hi;nro{'k Zeifschr. Va. Dellt. Zuckerilld. (Tt'clm. 
Tpil), 1004, Iiv. j
l, abst. in Ann. d. Pltys., I0U4, (-1), 
xiv. -lOlL 
2 Hprzfplll, Z(>itschr. Vcr. Deut. Zuckerind. (Techn. 
Teil), laOO, 1. 82ft 


A preliminary series of measurements were 
undertaken by Rates and Jackson 3 in 1912, 
when they found that the normal solution read 
99.90 0 S. This was subsequently yerified by 
'Yalker,4 who prepared sucrose by the alcoho] 
method and oLtained 99.88 0 S. Thi" led Rates 
and Jackson 5 to undertake an eÀhaustive in- 
vestigation of the whole problem. 
The a hsolut.e rotation of a normal solution 
of sucrose in a 200 mm. tube was measured 
by means of the spectro - polarimeter, using 
the green mercury radiation. This was found 
to be 40'7ü:J O . The absolute rotation of a 
quartz plate tha,t gave the same reading on 
a saccharimeter as the normal sulution was 
40.()90 0 , the (liffprence being due to the 
slightly different rota.tory dispersions of the 
two su bstanpes. 
The ratio of the angular rotations of a y'uartz 
plate for sodium light (7\ =.3R92.3 A.) and the 
green lllPrCury radiation (.,).W1 Å.) had bcpn 
previously measured by Bates 6; this constant 
was re-determined aud the mean value found 
to be 



OO ('. 
cþ A - r: )8 'H)' J - 
 
-. 
I- ..... = .8 i 08:- 
cþ20" 
'. OJ OJ. 
A=.}-Hll A. 


This ratio for the normal sugar solution \\ as 
also measured and found to be .84922. 
The value of the conversion factor is 
therefore 40.690 x .83083 = 3-1. ()20 0 for sodium 
light (7\ =3892.5 Á.) as against the value 
34.637 0 ffOm the Herzfeld-Schönrock dder- 
minat.ion. 
Herzfeld 7 has criticised this result on the 
ground that Bates and Jackson have omitted 
to guard against the presence of micro- 
organisms in their standard solutions, and that 
the solutions from which the pure sucrose was 
crys1-,allispd were not kept slightly alkaline 
during evaporation to avoid slight hydro- 
lysis. As Bates and Jackson have pointed 
out in their paper, the value for thp specific 
rotation of 
ugar for t!1f' normal solution 
obtained from the Herzfpld-Schönrock con- 
version factor is very m ueh higher than the 
average value determ
ined from thp formulae of 
Tollens and of Nasini and Yillavecchia as com- 
hined by Landolt. 8 According to the latter, 
[a]
oo c. = ß6.302, whilst the '
alue givpn by 
Schönrock 9 is 66.627. The value obtained 
from the redeterminations of Bates and Jack- 
son is 66,529, which serves to corroborate the 
3 Bat.('s and Ja('k
on, Eighth International Congress 
of App. ('hem" 1m2, xxv. ;)17. 
t Walker, 8ugar, HHj, xvii. No.2, 47. 
5 Rat.es and .1a('kson, Rull. Bur. Sta., HH6, xiii. 67. 
II Bate's, ihid.. lHU6, ii. 247. 
7 Herzfeld, Zeitschr. Ver. Delft. Zu('kerind., un 7, 
1 x:vii i. 407. 
8 LaIHlolt, D(u; o}ltisclw Dre/Jungsl'Crmögcn (2nù cd,). 
ISaR. p. 420. . 
9 Schünro('k, Zeit,,;. r er. Dcut. Zuckcriml., lU04, 11\. 
553. 
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value that they have obtained for the conver- 
sion factor. l 
This modification of the Herzfeld-Schönrock 
values for the scale of the International 
COlllmission has been accepted at the :x ational 
Physical Laboratory (England) and at the 
Bureau of 
tandards (America). Apparently 
pendin
 international confirmation it has not 
yet been accepted by other bodies. 
Sidersky and Pellet (189G) suggested that 20 
grm. should he u
ed as the normal ,veight 
instead of the 10 grm. (French) and the 20 
grrn. (German). The proposal was rejected 
by the International Commis:sion 2 in 1900. 
A strong movement for its adoption was 
started in America 3 in 1918. The reasons in 
favour of, and against, this scale are con:sidered 
b,? Saillard." 
L V"p to thp present. ho" ever, no reliable data 
of :mfficient accuracy are available to justify 
its adoption for high-precision saccharimeters. 
* (6) COSSTRUCTIO
 A
D DESIGN OF 
SACCHARDIETERS.- The polariser and analyseI' 
(with quartz compensating arrangement) are 
usually mounted on rigid trestle supports 
fastened to a hpavy base. The polariser 
is sirnilar to the types used on polari- 
mpters (q.z'.) with fixed half-shadow angle 
(" ith the exception of the Bates-Fric instru- 
ment). The movable wedge of the compen- 
sating system is moved along dose-fitting ways 
by means of a rack-and-pinion movement. 
The scale is mounted on the carriage holding 
the movable wedge. \Yhile the other wedge 
is fixed, in the sense that it is not mo,-ed when 
an 0 bserva tion is being made, it can be moved 
laterally by means of a screw and key when 
necessarv in order to arramre that at zero 
point o(matching, the length
 of the movable 
wedge on each side of the optic axis of the 
instrument should be in the proportion of 
30 : 115. This is needed so that the full 
length of the wedge and scale can be utilised. 
The vernier scale can be mo,-ed independently 
in a similar manner to correct for the zero 
error of the scale. The method of illuminating 
and observing the scale is indicated in Fig. 6. 
\Yhen two sets of wedges are employed as in 
Fig. 2, two i'eparate ohserving telescopes are 
used in the Fric instruments. ,vhile in those of 
GOETZ, and Schmidt and Ha
nsch, the t" 0 sets 
of scale and vernier are brought into the field 
of dew of the one observing telescope. 
The range covered by sinde wedge (movable) 
saccharimeters generally extends from - 30 0 S. 
1 An in(leIH'ndent. determination of the 100 0 point 
of the Herzfeld - 
ch(inrock scale has been made 
recentlv hv Stanek. His results confirm the values 
ohtainèd b\- Bates and Jackson. Listy cukromnlcke, 
H1:!o-:!1. Xo. -l5; 7ri(.<;rh. Zuckerind. cechoslomk Re- 
publik, 1021, xlv. 41 ï, -l25. 
2 lnta. Sugar JO'UrJI., l
Oï. ix. 5. 
3 Cf. Browne, Louisiana Planter, De('. i, 1918; 
Jan. fi. H)H>. 
t :-\aillard, JOllrll. df's FabrÜ'ants de Sucre, Un9, 
lx... X o. 13. 


to + 110 0 S. or 115 0 8., the \erniers rf'ading 
diredly to .1 0 S. (in the case of the Hilger 
saccharimeter the vernier reads directly to 
.0.")'> S.). Generally it is possible to esti;nate 
to "ithin a half of the ,.ernier di ,-ision. The 
scales and vernier are made of nickeline having 
a coefficient of expansion of .000018. or of 
glass (.000008). A sensitive thermometer is 
often mountpd in the compensator head, so 
that the temperature of the wedges and scales 
can be accurately known. 
The movable L" edge of the Bellingham and 
Stanley saccharimeter is only one quarter of 
the length of the usual wedge, and therefore 
the scale is correspondingly shorter. The 
latter is engraved by means of a photo- 
ceramic process and is observed by transmitted 
light, by means of a Im\ -p<H' er microscope. 
The vernier is similarly engra,-ed on a glass 
plate and is mounted in the focal plane of the 
microscope ocular. 
As the above-named process admits of only 
one definite size for the gcale and vernier. the 
variations in the angle of the wedge are com- 
pensated for by a slow motion tù rotate the 
wedge in the plane perpendicular to the optic 
axi::; of the instrument. since it i
 the angle of 
the wedge in the direction of it.s motion that is 
the effective factor in determining the length 
of the scale. 
The external features and other details of 
mechanical construction are best obtained 
from the makers named. 

 (7) CO:KDITIO:XS UOVER:KING THE ACCURACY 
A:XD SESSITI\TE
ESS OF S -\.CCHARDIETERS.- 
The optical purity of the quartz in the com- 
pensating system to a great measure controls 
the accuracy and sensitiveness of a sacchari- 
meter. Apart from regular t" in crystals, 
which can often be detected by an e).,amination 
of the crystal faces, 5 it is gpnerally found that a 
parallel plate of quartz cut perpendicular to 
the optic axis contains a number of spike- 
shaped cryi;tals of opposite rotation irregularly 
distributed, usually around the outside of the 
pIa te and pointing towards the centre. 
These can be con,eniently detected by the 
method of Buisson. 6 where interference bands 
are produced hy the quartz plate in a parallel 
beam of polarised light. \Yhen green mercury 
light is employed the interpenetrating: crystals 
show up as sharp discontinuities in the other- 
"ise uniform interference bands. 
If a quartz plate is examined in a powerful 
polarised beam of white light (sa
Y from a 
point-o-lite lamp) and the rotation of the plate 
be compensated for by adjui'tment of a pair 
of quartz wedges placed directly in front of 
the analysing nicol (method due to Twyman) 
a series of bands are seen of a hexagonal 
shape parallel to the natural edges of the plate. 


5 ('f. Lpwj,;;. Cr.l/!itallograpl/ll, p. j 19. 
· Bubson. Joum. d. Phys., 5 série, 1910, ix. 2.3. 
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These <tpparpntly indicate that the rotatory 
power of quartz is to some e'\.tent influencC'd 
by conditions at the time of its growth. As 
these bands are invariably present, even '" hen 
tlH' above-mentioned interpenC'trating crystals 
are absent, it is important to cut the wedges 
in a direction along the band. 
It is owing to the lack of homogeneit.y of 
quartz that the double wedge system (Fig. 2) 
is of considerable advantage. Not only can 
the scale of working wedge be calibrated with 
reference to that of tluo> "control" wedge at 
all points along its path, but also by placing 
thf' latter at different points. the rotation of 
a sugar solution can be measured ,,,ith different 
portions of the working wedge, thereby elim- 
inating errors due to local imperfections in 
the wedge. 
These local errors in saccharimeter wedges 
can also be determined by means of the 
"control tube" of Schmidt and Haensch. 1 
This consists of a telel::lcopic observation tube 
of metal which can be adjusted by means of 
a rack-and-pinion movement, to give a column 
of solution of any length between 223 anù 
410 mm. By means of a vernier the exact 
length of a column of solution within this range 
can be read upon a scale, to within 0.1 mm. 
If an approximate half-normal solution is used, 
the 100 0 S. point on the saècharimeter will be 
given by a column about 400 mm. long. If 
the length of column required to neutralise 
the wedge at each scale diviclion is determined, 
a calibration curve is obtained that allows for 
the faults of the wedge and also for any 
inequalities 
n the scale divisions. It is of 
course important that the scale of the tele- 
scopic tube be accurately calibrated independ- 
ently. Browne 2 has given the curves of 
errors of a Schmidt-Haensch and a Bates-Fric 
saccharimeter taken annually over a period 
of seven years. It is interesting to note that 
while locdl imperfections persist, there seems to 
be a small progrC'ssive decrease, from year to 
year, in the average error of the scale. 
n the optic axes of the quartz wedges and 
compensating disc do not accurately coincide 
with the direction of the optical axis of the 
instrument, the incident plane-polarised beam 
becomes elliptically polarised after transmis- 
sion through the quartz, to an extent depend- 
ent on the amount of "axis error" and the 
thickneHs of quartz traversed. The methods of 
Gumlich 3 and 'Valker 4 seem only satisfactory 
for comparatively thick plates. Schönrock 5 
has investigated the intf'rference bands (in 
convergent polarised light) of a plate of quartz 
1 Rchmidt und Hacnsch, Zeitschr.für Instkde., 188-1-, 
iv. 16!). 
2 Browne, Journ. of Ind. and Eng. Chem., 1920, 
xii. 792. 
3 Gumlieh, Wiss. .AM. d. phy.<;. techno Reichsanstalt, 
] 893, ii. 201. 
4 Walkf>r, Phil. ]laq. 
5 Schi;nrock, Zeitsch. Instkde., 1!)02, xxii. 1. 


the optic axis of which mal\.cs a small angle 
with the normal to the plate. In conjunction 
with Brodhun 6 he has evolved a method of 
accurately determining the axis error of a 
parallel plate of quartz. The quartz plate is 
mounted on the table of a sUlall spectrometC'r, 
and is mounted at an angle of about 40 0 to 
the optical axis of the collimator and telescope, 
which are in alignment. :Nicol prisms arc 
placed in both the telescope and collimator, 
and on illuminating the slit "ith sodium light 
the dark interference bands are seen. The 
plate is rotated in its own plane, until the 
displacement of the bands in either direction 
is a maximum. The plate is turned (about a 
vertical axis) until anyone band is central 
with the cross "ires in the telescope (or to the 
slit image). The plate is now rotated through 
180 0 in its own plane, the plate being simul- 
taneously turned (by rotating the table) so as 
to keep the band in the same position. The 
axis error of the plate is given by one-third 
of the angle that the plate has to be rotated. 
By employing a slow-motion movement for 
turning the spectrometer table Brodhun and 
SchÖnrock find that axis error can be dctC'r- 
mined to within a few seconds of .arc. 
The object of correcting for axis error in 
the quartz is to avoid elliptic polarisation of 
the plane- polarised beam after transmission 
through the quartz. The samp effect is caused 
by accidental double refraction at any point 
between the polariser and analyseI'. I t is 
therefore equally important that an the wedges. 
etc., be mounted as free from strain as possible. 
This is particularly applicable to the quartz 
control plates used for standardising and check- 
ing the 100 0 point of the saccharimeter, as 
the temperature variat.ions are more pru- 
nounced in this case, as Weichman 7 and 
others have observed. "Tilliams 8 has devisC'd 
a mount for the control plate, in which the 
latter is held freely in a guard ring of steel, 
.0023 mm. thicker than the quartz plate. 
The glass plates protecting the polariser 
analyseI' should bp made of well-annealed 
optical glass, as should also the end plate or 
cover glasses of the observation tube. The 
latter are often made of plate glass, this being 
the origin of some of the perplexing differences 
in rotation values obtained for one and the 
same solution examined in different tubes. 
Owing to the difference between the rotatory 
dispersions of sugar solution and quartz (which 
though small is not negligible), the colour dif- 
ference between the two haJvps of the field at 
the matching point is quite appreciable when 
a white light source is used, and an accura
e 
matching is very difficult. The difference III 


II Brodhun und 
chönro('k, Zeitsch. Instkde., 1
u2, 
xxii. 3(i-1-. 
7 Weichman, School of llJines Quarterly, 18!1n, xx. 
I 'VillLun
, Inter. Sugar Journ., 1919, xxi. 330. 
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the values of the rutatiun of a nurmal 
oluti()n 
,vhen the saccharimeter is illuminated "ith 
green merc,-!ry light (;X, = 3-!-01 A.) and sodium 
l\=5b
2'.) A.) is .lhS o S. (Schönrock 1) or .183 0 
S. (Bates and .Jackson 2), thc value for the 
green mercury radiation being the highpr. 
Schönrock 3 therefore suggested that one of 
the sodiUlll light fiUers of Lippich 4 should be 
used. The latter used a 10 cm. column of a 
t3 per cent solution of potassium bichromate, 
but Schönrock found that a 1.5 cm. layer" as 
sufficient. The International Sugar Commis- 
sion in 1912 adopted the resolution that when- 
ever white light is used in saccharimetric 
observations it must be filtered through a 
solution of potassium dichromate of such con- 
centration that the product length of column 
in cm. and percentage concentration = 9. 
The evaporation of the water and the 
instability of the colour necessitates that the 
solution be periodically renewed. To obviate 
this difficulty Adam Hilger, Ltd., have evolved 
an aniline dye filter that is more permanent 
and gives 011 a saccharimpter readings identical 
with those of the standard bichromate filter. 
Fig. 7 gives the percentage transmission curves 
o 
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for the two tilters, the d:1ta being obtained by 
means of a Hilger-Xutting spectro-photometer. 
It will be noticed that these filters only 
excludp the lower portion of the spectrum, all 
wave-lengths above about 5700 .A. being trans- 
mitted freely. It is only to be expected there- 
fore that different observers should obtain 

lightly different results owing to their vary- 
mg spectral sensibility curves. An interesting 
observation has been made In. Browne. 5 Three 
observers adjusted the length of control tube 
rpquired to eqnalise the intensities in the fields 
of Ì\F) saccharimeters the wpdues of which 
Wf're spt at 100 0 S. DividinO' th
 mean yalue 
of each oLserver (for each in
trument) by the 


. 1 :,;
lönroek, Zpitsch. rer. Deut. Zurkerind., IDO.f, 
hv. .M:'. 
Z Bates and Ja(:kson, Rllll. Bllr. Sta., 1916, xiii 
] :!
.t . 
. 3 .:';
ijnrock, Zeitsrh. rer. Ðe1't. ZllckeTind., 100-1, 
IIv. ;);):.. 
" I_ippieh, Zrifsrh. II/sfkrll>.. l
Ç)2. xii. 3-10. 
_ Ii Bruwne, JOUTn. of Ind. ancI Euy. C;hem., 1920, xii. 
192. 


general 
verage length of column, the foUm, ing 
values, 11l terms of the saccharimeter scalf' 
were 0 btained. ' 


::!chmidt and Bate,.,-Frië 
Oh>erver. Haensch Saccharimeter. A \'erage. 
Sdcchari meter. 
o 
. 00:>. 0;0;. 
A 100.020 99.971 99.9955 
B 99.992 100.013 100.002.3 
C 9û.98ï 100,01ï l00.00:!O 
A vcragc 99.9Ð9ï 100.OOO:
 100-0000 
I 


It will be noticed that there is a. difference 
of about .01 0 S. between the results of A and 
C on the one instrument. while ,\ ith the other 
instrument this difference has an approxi- 
mately equal negative value. On examination 
it was found that the half-Lippich pri:;m of 
the Bates-Fric s<\echarimeter is on thp right, 
while in the Schmidt and Haensch instrument 
it is on the left. This indicates that the 
partial absorption of the light by the half- 
Lippich prism is an appreciable factor in the 
complex problem. 6 

 (8) CORRECTIOXS FOR TE).!PERATl'"RE.-As 
the temperature corrections in saccharimetry 
are unusually complicated, it is desirable to 
work at a tcmperature as near to 2ú" C. as 
possible. 
The linear coefficients of expansion ()f quartz 
parallel and perpendicular to the optic axis 
are .000007 and .000013 respectively, so with 
a change of temperature the angle of the wedge 
is altered, the coefficient of the change being 
- ,000006. The specific rotation of quartz has 
a temperature coefficient of .000136 (Schön- 
rock 7), whilst that of the metal scale is about 
.000018 (or .000008 for glass). 
The total temperature coefficient of a 
saccharimeter is .000007 - 'OUOOI3 + .Ou0136 
+ .000018 = 'u00148 in the case of the metal 
scale, and .000138 when the glass scale is used. 
The true reading of the instrument at 20;: C. 
is given by 
R 20 = Rt +Rt(t - 20 0 C.)'000148 (metal scale), 


or 
R20=Rt+ R t(t-:W o r.).UWI38 (glass scale), 
"hpre Rt is the reading of the saccharimeter at 
the temperature t. 
The temperature coefficient of a quartz 
plate is .000136 + .000007 = ,000143. So that 
if P t is the rotation in sugar degrees of 
the plate at to C. its rotation at 20 0 C. is 
P 20 = Pt + Pk000148 - .OOOI-!3)(t - 20) for the 


II \ccording to a footnote to the above paper, 
Rrowne mentions that Horne ha
 experienced a 
simiIa.r rcversal of the .. personal equation" by 
looking at the imagp of the field in a plane mirror, 
or by observing the fie!d with the hf'ad bent downward. 
7 Sf'hönrock, ZeitschT. rer. Deut. ZuckeTind., lUO.f, 
Iiv. ;)21. 
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metal scale, and P20= P,.+ PkOOOOU.3)(20- t) 
for the glass scalc f',accharinwtC'r. 
Schönrock 1 has determined the temperature 
coefficient of suerose between 9 0 C. and :n 0 C., 
and in the neighbourhood of 20 0 C. it is .OOOU,4, 
the coefficient of e
pansion of the solution is 
.000283, and that of the glass observation tube 
.000008, hence the total coefficient for the 
sucrose solution in the tube is '0004Ûl. If we 
neglect the effect of temperature on the reading 
of the quartz plate, we can express the rotation 
of a sucrose solution at 2U o C. ('Y 2\') in terms 
of polarisation carried out at to C., as 


'Y20= ,Y t + 'Yd.000461 +K} {t-20}, 
where K is the temperature coefficient of the 
saccharimeter itself. 
The temperature coeffieiplIts of other sugars 
are given by Browne. 2 

 (9) TECHNICAL l\IETHODS OF SACCHARI- 
l\IETRY.-The saccharimeter is most generally 
used in the analysis of the products of the 
eane- and beet-sugar industries. 0" ing to 
the similarity in their rotatory dispersions, 
nearly all the sugars can be quantitatively 
estimated by means of the saccharimeter, 
although in certain instances, e.g. commercial 
glucosf', dextrin, etc., it is advisable to USe a 
bichromate filter of double strength (i.e. per- 
centage concentration x length in cm. = 18), 
as the rotatory dispersion of these substances 
is greater than with sucrose. 
For full details of the chemistry and tech- 
nique of sugar analysis, reference must be 
made to the standard text-books of Lippman,3 
Browne, 4 ,y eichman, 5 and others, and to the 
Circular (
o. 4-1-) of the Bureau of Standards. 
The fullùwing is the usual method of carrying 
out a direct polarisation, i.e. the determination 
of sucrose, in the absence of any other optically 
aetive substance. 
Dissolve the normal weight (2ß grm.) of 
the substance (assumed to be chiefly sucrosp) 
in a 100 c.c. flask containing some water. In 
general the solution \\ ill be dark, and a clarify- 
ing agent must be added, usually 1-3 c.c. of 
basic lead acetate solution follmved by 1-2 c.c. 
of alumina cream. (The amount of clarifying 
agent shuuld be as small as possible.) The 
volume is then compleh'd to the 100 c.c. mark, 
any foam accumulating on the meniscus and 
preventing accurate reaùing being dispersed 
by blowing on it a little alcohol or ether from 
an atomiser. 
The solution is Hhakpn thoroughly and 
filtered, the first portion of the filtrate being 
rejected, the remainder being well shaken up 
again. A 200 mm. tube is well rinsC'd in tllC' 


1 fkhrönrock, Zeitschr. rer. Dntl. Z1tckerind., 1903, 
liii. fijO. 
2 TIrowne, Handbook of Sugar Analysis, 1912, p. 128. 
3 T.ippman, Chemir dn Zuckerartf'n, 1004. 
4 Brownf', Handhook of 8U(/aT Anal!lsis, HH2. 
Ci '''eichman, Sugar Analysis, 3rù ed., 1914. 


solution and filkd. The reading ol>scrvC'd on 
t hp sacc harimetC'r (after correction for zero 
C'rror of in::5trument) will give dirC'ctly the pC'r- 
centage purity of the sample. If the whole 
operation has been carried out at a temperature 
other than 2u 0 C. a correetion of .O:{O S. per 
1 0 C. difference can be used for high grades 
of sugars. 
S (10) I
YERT OR DOUBLE POLARISATIO
 
METHoD.-The method of direct polarisation, 
as eXplained abo\'e, gh>es the percentage of 
sucrose only in the absence of other optically 
adive substances. The double polarisation 
method depends upon the principle that wllPn 
sucrose is hydrolysed :he reaction is expressed 
by the foIlo" ing equation: 
C12H22011 + H 2 0 = C 6 H 12 0 6 + C 6 H 12 0 6 . 


Sucrose. 


"-ater. Glucose. 


.Fructose. 


This resulting mixture of glucose and fructose 
in equal quantities is termed Invert Sugar, 
which has a specific rotation [a ]
O = - 20. It 
will be seen that one part. of sucrose is convC'rtC'd 
to (360/342) = 1.0.32H:3 parts of invert sugar. 
If the specific rot:.\Íion of sucrose bp taken 
as 66.ft, then the ratio of optical activity befure 
and after inversion will be 


66.5 
l'05263( - 20) 


-66.5 
21.0526 ' 


which is a decrease of 87.5526 in the specific 
rotation, and the decrease for a normal sucrose 
solution would be (100 x 87.5526)jü6.5 = 131'û6, 
so tha.t the scale reading of a normal solution 
of pure sucrose would after inversion read 
- 31.()ß0 s. 
It follows, there-forp, that the decrease in 
the saccharimeter reading on in version when 
divided by the f:.tctor 1.31ûß gives the percent- 
age of sugar originally present. This of course 
is only the case when no other optically active 
substance present is hydrolysed, and when 
the agent used for invprsion dnes not influence 
the specific rotation of the other substances. 
The inversion method of dptermining sucrose 
was discovered by ClergC't 6 in 18..H), the in- 
version agent be-ing a few c.c. of hydrochloric 
acid. It is necessary to warm the solution to 
a temperature of 68 0 c., and on cooling again 
allowance must be made for the dilution of 
the invert sugar by the acid. 'Yhen the solu- 
tion after inversion is too dark to be mpasure-d 
on the saccharimeter, it may be decolorisC'd 
by means of filtration through animal charcoal, 
or hy the addition of redu('in
 agents such as 
zinc dust, etc., the destruction of coloul'ing 
matter being due to the nascent hydrogen 
liberated by the action of the hydrochloric aeid 
pr
sent on the zinc. 
Vnfortunately, the hydrochloric acid con- 
siderably influences tIlC' specifif' rotations of 
II C'lergrt, ('ornpt. Rend., 1
4D, XYi. lOUU. 
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fruetose, raffinose, amino compounds. etc., that 
may hp }H'('sent, and the Clerget method is 
modified hy either equalising the conditions 
before and after inyersion \\ ith hydrochloric 
acid, or to use other inverting a
ents that do 
not havp the objections of hydrochloric acid. 
Kumerous organic acids have bpen tried, 
but as a whole have not bf'en satisfactory. 
Kjeldahl 1 in 1881 employed Yf'ast as the in- 
verting agent. the active part of which is the 
enzyme in\-ertase, which can be prepared by 
thf' method given by Hudson. 2 
This invertase method is probably the bpst 
of the Clerget modifications, as it has no effect 
on the specific rotations of substances usually 
present" it h sucrose except in the "Special cases 
where raffinose or gentianose is present. 
As the temperature of a solution of iu\-ert 
sugar is raised, the specific rotation' of the 
fruc-tose is graduaJly decreased, whilst that of 
the other constituent (glucose) is not affected. 
Those two substances being pre'Sent in equal 
quantitips, a temperature can be reached at 
which the rotatory power of the one substance 
will exactly neutralise that of the other. This 
temperature is usually taken to bC" 87 0 C., 
and forms the basis of the method of Chandler 
and Ricketts, 3 originally employed for estimat- 
ing the amount of commercial glucose present 
in cane-sugar, molasses, and honey. Thp 
saccharimeter reading is obtained by placing 
the solution in a water-jacketed observation 
tube (as dpscribed in "Polarimeter." 9 (17)). 
and circulating \rater from a therr..lOstat 
until the reading of a thermometer placed 
at the central opening is steady, at 87 0 C. 
w. E. F. 
F. T. 


SACCHARDIETRY. direct polarisation method 
of. See" Saccharimetry,," 
 (9). 
Invert or double polarisation method of. 
See ibid. 
 (10). 
Technical methods of. See ibid. 
 (9). 
Temperature corrections in. See ibid. 9 (8). 
SAT{TRATIO
 (OF COLO"LR IX LIGHT), the 
distinctness or vividness of hue. See 
" Sppctrophotometry," 9 (2). 
SATl"RATIO:X, DEGREE OF, used in connection 
with colour as an indication of purity. See 
,r Eye," 
 (8). 
SAVART'S POLARISCOPE. See" Polarised Light 
and its Applications," 
 (15) (iv-.). 
SCALE: a term used in music to denote a series 
of notes proceeding up or down at certain 
specifieù inten-als. See" Sound," 
 (3). 
SC-\LE-READIXG PROJECTIO
 FOR SEXSITIYE 
I:XSTRU)IE
TS. See "Projection Appar- 
atus," 
 (1 ï). 
1 Kjelùahl, Compt. Rend. Labor. Carlsberg, 1881, i. 
192. 
2 Hud
on, JOUTIl. Indlls. En(J. Chern., 1910, ii. 143. 
3 ('hamlkr anù Ricketts, Journ. Am. Chern. Soc., 
1880, ii. 428. 


SC'ATTEHIXG OF LIGHT BY GA
ES, 
'YITH 
PECIAL REI- EREXCE TO 
THE BLUE SKY 

 (1) LIGHT FRO
I THE SKY.-The fact that 
the sky is luminous at all calls for explanation. 
Its light is evidently deri\-ed from the sun, as 
the sky becomes dark whenever the sun is 
far below the horizon. But why do we 
receÍ\-e sunlight from directions a\\ ay from 
the sun, and why is the light modified to a 
blue colour! 
If the sky in a direction at right angles to 
the sun is examined "ith a :Kicol prism, it 
"ill be found that the light is strongly polar- 
ised. The direction of \""Ïbration is at right 
angles to the line joining the sun to the point 
examined. The polarisation, though by no 
means complete, is very conspicuous, and 
could not be milSsed by the most casual 
observer. 4 Capacity to explain this effect 
must be a crucial test of the merits of any 
proposed theory of the blue sky. 
All the expianations which have from time 
to time been giv-en postulate some material 
substance which intercepts part of the incident 
sunlight and scatters it laterally towards the 
observer on the earth's surface. 
This lateral scattering has ahvays been 
connected with the earth's atmosphere. The 
blue colour seen against the dark background 
of a distant mountain is ob\""Ïously to be 
attributed to the ISame general causes as the 
blue of the zenith; thus" e cannot assign 
the latter to anything that OCCUI'S in outer 
space. 
From many points of view fluorescence of air 
would seem to afford an explanation. The 
ultra-violet light of the sun might give risf' 
to a lateral scattering of blue light of lower 
refrangibility than its own. This theory, 
however, is negatived by the fact that the 
Fraunhofer lines are present in the light of 
the blue sky, just as in the direct light of the 
sun. A fluorescence spectrum has on the other 
hand no connection "itb, or at least no 
detailed resem bJance to, that of the exciting 
light. :\Ioreover, this view leaves the polar- 
isation llneÀplained. Another theory was 
attempted by Clausius. 5 He assumed that 
bubbles of water "ere present in the upper 
atmosphere, and he regarded the blue colour as 
an example of the colours of thin plates, 
produced by reflexion from the bubbles. If 
these are sufficiently thin the colour will be 
the blue of the first order. This theory, 
however, fails to account for the richness 
f 


" The phenomenon may be used to brinr the moon 
in its earlier pha,;;es into yiew at an earlier hour 
of tile day than would otherwi
e be })o"sible: the 
masking light of the sky being partially quenched 
with the XicoJ, 
5 PogUe 
llln. lxxii., lxxyi., lxxxyiii. 
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sky blue, nor does it llleet the requirelllC'nts 
as regarùs polarisation very s<ltisfaC'toI'ily. 
Moreover, the presence uf bubbles uf the 
rell uired thickness is a purely ad hoc 
supposition. 
The true direction in which to look for an 
explanation was pointed out by the experi- 
ments of Briicke.l He poured a small quantity 
of a solution of gum mastic in alcohol into 
an excess of water, which has the effect of 
producing a precipitate of the gum, in a 
fine state of di,"ision, and capable of remaining 
in suspension for a long period. If this liquid 
is illuminated by a horizontal beam of sunlight, 
the light scattered laterally will shm\' a marked 
blue colour. "Then this is examined with a 
Nicoi prism at right angles to the primary 
beam, it is found to be polarised almost 
completely, the vibrations of the laterally 
emitted, or scattered, light being executed in 
the vertical plane. If, keeping in the hori- 
zontal plane, we pass away from the rect- 
angular direction, the percentage of polarisa- 
tion becomes less, tending to vanish as the 
original direction of propagation is approached. 
The conditions of symmetry round the original 
beam allow us to anticipate this, since there 
is nothing to distinguish vertical and hori- 
zontal directions of vibration in the limiting 
case. 
An alternative method of producing the 
effects was employed by Tyndall,2 who took 
ad vantage of a peculiar property of certain 
organic vapours. Butyl nitrite vapour, for 
instance, when mixed with a little hydro- 
chloric acid, gives a fine cloud as the result 
of chemical decomposition when illuminated 
by a powerful beam from tIle sun or from the 
electric arc, and this cloud, for a minute or 
two after its formation, shows the blue lateral 
emission to good advantage: though the 
present writer has never been able to get so 
good an approach to a pure blue sky as 
Tyndall's descriptions would lead one to 
expect. As the action proceeds the particles 
become larger, and the scattered light tends 
to whiteness. At the same time the polarisa- 
tion becomes less marked. The condition 
for a good blue, and for nearly complete 
polarisation, is that the particles should be 
small. 

 (2) LORD RAYLEIGH'S THEORY. - Small 
compared to what? The answer was given 
by the third Lord Rayleigh. 3 They must be 
small compared with the wave-length of Jight, 
so thåt at any given moment nearly the same 
phase of the incident vibration prevails at 
all parts of the particle. 
Hayleigh entered on a full theoretical dis- 
I Pr.(J(l. .--inn. lxxxviii. 303. 
2 Phil. ..Uag., ::;eries 4, xxx,'ii. 385; Phil. Trans., 
1870. 
3 Phil. Mag., 18i1, xJi. 107-120, 274-279; Col- 
lected Works, i. 87. 


cURsioll of the subject. 4 He showed that if 
the particles arc regarded as small independ- 
ent vibrators, with their phases at random, 
simple considerations of symmetry indicated 
that the polarisation lllust be as observed. 
The case was essentially different from that 
of polarisation by reflexion from a glass sur- 
face, in that the phases of the elementary 
vibrators in that case were not at random. 
It was also simply shown from the theory of 
dimensions that the intensity of the scattered 
light must be inversely proportional to the 
fourth power of the wave-length: thus t.he 
short waves have a great predominance, 
which accounts for the blue colour. .From a 
consideration of the analogy of waves on water, 
it will readily be seen that a small obstacle 
is more effective in breaking up and scattering 
short ""aves than long ones. .For a more 
detailed treatment of the subject, Rayleigh 
made use of the elastic solid theory of light. 
Although this theory is now obsolete, it has 
sufficient formal analogy with the electro- 
magnetic theory to form a trustworthy guide. 
Later, the subject was rediscussed by him in 
terms of the electromagnetic theory. 5 
The blue colour of the sky, then, is to be 
attributed to the scattering of light by small 
particles. But uf what nature are these 
particles? The earlipr writers appealed to 
atmospheric dust, and Rayleigh in his earlier 
papers took the same view, favouring especi- 
ally particles of common salt. Later,6 he 
showed theoretically that the molecules of 
the air itself would account for the greater 
part of the effect. The calculation was based 
on the values obtained by Bouguer, who 
examined the transmissi0n of sunlight to 
the atmosphere, for various altitudes of the 
sun. The light scattered laterally is missing 
from the transmitted beam, and hence a 
measurement of the absorption gives a means 
of estimating the amount of, or at least a 
superior limit to, the scattering. In the 
calculation referred to, it was connected with 
the refractive index of air, and with the number 
of molecules in a cubic centimetre. 
Later and much more accurate results for 
atmospheric transmission have been obtained 
by Abbot working on l\It. \Vilson, and kno\\- 
ledge of the number of molecules in a c.c. is 
now much more definite. Using these im- 
proved data, Schuster 7 shows that the for- 
mula gives results "ithin 1 or 2 per cent uf 
those observed. 
It is to be remarked that this accurate 
agreement is only got when the observations 
are taken at a high altitude. The lower part 
" Phil. 111 ag., 18i1, xli. 44 ï -4.)4; Collected Works, 
i. 104. 
5 Phil. Jo,la(l., 18
1, xii. 81; Collerlrd Works, i. 518. 
e Phil. IIlag., 1899, xlvii. 3ï5; Collected Works, 
iv. 397. 
7 Theory of Optics, 2nù ed. p. 329. 
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of the at.mosphere-eay the lowest mile- 
contains dust which adds considerahly to 
the scatter:ng due to the molecules them- 
sehyes. 

 (3) DGST - FREE AIR: EXPERDIESTAL 
YERIFICATIOS.-Thus far the investigation 
was carried bv indirect methods. The direct 
observation 
f scattering by dust - free air 
followed considerably later. It was made 
independently by Cabannes,1 by Schmolu- 
chowski, 2 and by the present writer. 3 Previous 
workers (e.g. Tyndall) who had attempted the 
problem were discouraged by observing that 
the track of a powerful beam through air 
became apparently dark when means were 
taken to remove the dust by filtration. It 
must be remembered, however, t.hat the effect 
to be expected is very faint. The thickness 
of air illuminated in any laboratory "experi- 
ment can only be a small fraction of the 
height of tile homogeneous atmosphere. 
Thus if a beam of sunlight .) in. square 
were used, the intensity seen laterally should 
be only about trïr!outh of the brightne
s of 
the sky. 
Success depends not so much on increasing 
the intensity of illumination, or using a beam 
of large diameter, for the limit of what is 
practicable in these directions is soon reached. 
The point to be attended to is rather to design 
the apparatus in such a way that no false 
light interferes "ith the observation. If this 
can be achieved. then the great sensiti\-eness 
of the eve or the cumulative aetion of the 
photographic plate can be brought to bear. 
The principle to be used is to examine the 
beam, "hether visually or photographically, 
as it passes across the mouth of a black cave. 
If the cave is deep enough it gives an in- 
comparably darker background than black 
\
elvet or any other blackened surface. The 
arrangement' used by the" riter in his earlier 
experiments is illust.rated in Fig. 1. The 
beam enters by the "indow A. It is de- 
limited by the diaphragm B. It passes out at 
C, and is viewed laterally by means of the 
"indow D. E is the black cave which forms 
the background. F (diagrammatic only) is a 
photographic lens. 
'Yhen the apparatus is filled with the 
ordinary dustv air of the room, the track of 
the (horizont
l) beam is strongly marked out 
by the illuminated dust. On dra"ing a 
current of filtered air through the apparatus 
the beam appears to casual observation to 
become invisible. But closer examination 
\\ith a well-rested eye shows its track still 


1 Compte.,; Relldll!J, 1915, c1x. 6
; TMses présPlltÙs 
à [a Faculté dlls Sdcnccs dll I' Cniz'er.<;:ité dÆ Paris, 
1921. 
2 Bull. Int. de l' 
'1cad. de Sc. de Cracode, 1916, p. 218. 
3 n. J. 
trutt (Rayleigh. 4th Baron), Proc. Roy. 
Soc., H't18. xciv. 453; ibid. A, HH8, xcv. 155; 
ibid. A, 19
O, xc\ii. 436: ibid. xcviii. 57. 


marked out in a faint blue luminosity. 4 

Ioderate filtration with cotton-wool suffices 
to remove all dust from the air. The use of 
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:FIG.1.-Diagram showing Arrangemcnt of Apparatus. 


a much longer anù more tightly packed 
filter induces no further change. 
9 (4) POLARISATIOS ASD ISTEXSITY OF THE 
SCATTERED LIGHT. -lfaXicol or double- 
image prism is held in front of the eye or the 
camera, it can readily be verified that the 
scattered light is almost completely polarised, 
the vibrations being vertical (beam hori- 
zontal) (see Plate, .Kos. .) and 6). A closer 
examination, however, shows that there is a 
slight residual defect of polarisation. The 
horizontal "\ibrations are too faint for visual 
detection, but can be brought out by pro. 
longed photography. Experiments made in 
this way show that "ith air this faint com- 
ponent 
 polarisation has about 4 per cent of 
the intensity of the strong one. 
This result indicates much more complete 
polarisation than is found in the sky. It 
must be remembered, however, that that part 
of the sky which is at right angles to the sun is 
not illuminated by the sun only, but also by 
other parts of the sky. 
roreover, the air 
usually contains dust particler. which are not 
small compared "ith the" ave-length of light. 
Both these causes tend to make the polarisa- 
tion less complete. 
As regards the slight defect of polarisation 
found in dust-free air, this is to be attributed 
to the non-spherical symmetry of the scattering 
molecules. 
Similar incompleteness of polarisation is 
I observed in other gases; the extreme cases 


, Owim! to a peculiarity of colour ,.ision with faint 
lights, some persons are not 3 ble to recogni
e the 
cõlonr as blut', though others fef'} no doubt about it. 
The use of colour
fì.lters or a spectrographic ex.amina- 
tion, howen'r, leave
 no doubt that the scattered 
light i
 bluer than the inciùent (see de
cription of 
Plate, X os. 1, 2, 3, 4). 



668 


SCATTERIXG OF LIGHT BY GASES 


1 2 
\0 'it" " 0 aJ") " 00 
t'I") V) \0 M Lt) 
 
 
V) \D 0) \0 0 M 
N C"\I C'\I rr') t") v v 
3 
4 
,.... 0 1.1') ..... GO 00 
\D C"'1 V) V Ln \Om 
0'1 \0 0 C"") '1700 
'" .(f) M V V \nil) 


6 


1. Beam in dust-frcc air vicwed transversely. rltra-violct filter. The oval outline is light diffuseù by 
walls of vt:'ssel. The beam is seen pas
5Ïng across this oval. 
2. :-;imi!ar condition
, except that a 
cllow filter is substituted. Beam very much fainter rclathc to 
light diffused by walls of \"essc . 
3. SpeC'trum of light from mercury lamp scattered by dust-free air and showing ultra-violet lines 2536 and 
2(ij-l, but not the yellow and green linps. 
4. 
pectrum of mcrcury lamp direct, showing yellow line 5890 and grecn line 5460, but not the far ultra 
violet lines. 
5. Be,nll in pl1fP air through a douhlp imagf> prism. Vibrations in upper ima!.!e vertieaJ. in lower horizontal. 
The beam is invisible in thc lower ima!.!e, showing that polarisati0n of the scattereù light is nearly 
complete. 
G. Similar photograph with dusty air. The beam>; arc vrry strong, allJ compa.rable in intensity. 
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hitherto found are nitrous oÀide, giving a 
weak component pola,risation 1.5 per cent of 
the strong one, and argon, gi\ing .j per cent 
for the same number. The nearly complete 
polarisation in argon "ill naturally be con- 
nected uith the monatomic molecule. It is 
probable that data of this kind "ill afford 
a valuable due in unlocking the secret 
of molecular and atomic structure. J. J. 
Thomson has discussed the subject from this 
point of view. The total intensity of scattering 
in a given gas is proportional to the density, 
and this relation has been tested in carbon 
dioxide at ordinary temperature up to the 
point of liquefaction. There is no evidence 
of molecular aggregation, which would result 
in increased scattering, up to this point. 
The proportionality to density affords an 
expe-rimental proof that the intensities due to 
the separate molecules are additive, and con- 
sequently have their phases distributed at 
random. 
The total intensity of scattering in different 
gases has been compare-d, ,\ith the result that 
it is nearly proportional to the square of the 
refractivity. This is in accordance "ith 
theoretical anticipation for a spherical mole- 
cule, an assumption which for this particular 
purpose seems to represent the main feature-s 
of the case. 

 (j) RESOSASCE EFFECTS.-All that has 
been said so far applies to cases where the 
period of the incident light is very different 
from the free period of the gaseous molecules 
or atoms. 'Yith ordinary gases this condition 
is fulfilled, since the free periods are in the 
remote infra-red or ultra-yiolet. But in certain 
cases of metallic vapours it is possible to 
examine phenomena of resonance. R. ,Yo 
'Yood 1 has shown that when mercury vapour 
at the ordinary temperature is illuminated 
by light of the ultra- TIolet line in the emission 
spectrum of mercury at :\2.336, a copious 
scattering occurs. The scattered light is 
but slightly polarised, and the transition 
between this case and the ordinary scattering, 
in the absence of resonance, has not been funy 
traced on account of experimental difficulties. 
'V ood has also 0 bserved resonance in 
sodium vapour illuminated by D light. 2 
Th3 present writer extended the observation 
to the light of the ultra-violet line :\3303, 
which is the member of the principal series 
next to the D line. 3 He also showed that 
ill umination by À3303 gave rise to a secondary 
emi
sion of the D line. This observation, 
however, belongs more properly to the subject 
of fluorescence. R. 
1 Phil. lIn(l., HH2, xxiii. (ifìQ. 
2 Ibid. 1 no."'. x. j 1:3; al
() PII!I.cdcnl OpfiNI. 1912. 
3 R. .J. :-,trutt (Raylrigh. 4th Baron), Proc. ROll 
Soc. A, HH9, xcvi. 2ï:.>. 


SCATTERIXG OF LIGHT BY S:\IALL PARTICLE
, 
Rayleigh's law of. See" Cltramicroscope 
and its Applications," 
 (2); also" Scatter- 
ing of Light by Gase-s." 
SCH)UDT AXD HAEXSCH'S POLARI\IETER. See 
" Polarimetry," 
 (13) (iii.). 
SCHt:)L\S
 "
AYES: a name given to "ayes of 
extremely short length measured bv the use 
of a vacuum spectrograph, fluorite prism, 
and special photogra phic pIa tes. See " 'Va ve- 
lengths, The :\leasurement of," 9 (6). 
SCREEX, KrXE)[ATOGRAPH, surfaces suitable 
for. See" Kinematograph," 
 (II). 
SCREEX, PHOTO)[ETER: the surface which 
receives the light from the sources being 
compared. See" Photometry and IIIumina- 
tion," 
 (53). 

CREWS, manufacture and testing of precision, 
as used in optical measurements. See 
"Diffraction Gratings, :\Janufacture and 
Testing of." 
SE-\RCH-LIGHT :\IIRRORs. THE SILYERIXG OF, BY 
ELECTRICAL DEPOSITIOS. See "
ilYered 
::\lirrors and Silvering," 
 (3) (i.). 
SEARCH-LIGHT PROJECTORS, PHOTO::\IETRY OF. 
See" Photometry and Illumination," 
 (115). 
SEASOXAL V ARIATIOX OF D_-\.YLIGHT. See 
., Photometry and Illumination," 
 (74). 
SEC05DARY SPECTR('")I: the term given to the 
residual colour effects in a simple achromatic 
optical sy
tem. See" )1icroscope. Optics of 
the-," 
 17 ; also" Telescopes," 9 (9). 
SECTOR DISC: a device for re-ducing in a 
kno" n ratio the iIIumination on one side 
of a photometer head. See" Photometry 
and IIIumination," 
 (21). 
"SEED," A DEFECT IX GLASS: fine bubbles 
which should be remo"\ed during the process 
of fining, but which are sometimes found in 
the finished glass. See" Glass," 9 (16) (iii.). 
SEIDEL, VOX, THE FIYE ABERRATIOSS OF. 
See "Telescope," 
 (3); also "Lens 
Systems, Aberrations of." 
SELEslml CELL AS A PHYSICAL PHOTO:\IETER. 
See" Photometry and Illumination," 
 (33). 
SE)[l-IXDIRECT LIGHTIKG. See" Photometry 
and Illumination," 
 (71). 
SEXTAXT. See "Xayigation and Xaviga- 
tional Instruments," 

 (19), (20), (21). 
SEXTAXTS using bubbles and pendulums. 
See ".Kavigation and Xavigatìonal Instru- 
ments," 
 (21): also "Aircraft Instru- 
ments," 9 (9), V 01. Y. 
SU-\RP FOOT-CASDLE :METER: a portable 
illumination gauge-. See" Photometry and 
1IIumillation," 
 (ß3). 
SH-\RP-)hLLAR ILL"('")nXATIO
 PHOTO
IETFR. 
:)ee " Photometry and IIIuminatiou,.' 
 (.>9). 
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See "Sound 


SHELL-BURSTS, LOCATIO
 OF. 
Ranging," 
 (5). 
SH"LTTER, EXPOSING: a mechanical cont.riv- 
ance for exposing the sc>nsit.ive plate in the 
camera. See "Photographic Apparatus," 

 (8). 
SHUTTER, SPEED OF, measurement of, by 
various methods. See" Shutters, Testing 
of Photographic," 
 (2). 


SHUTTERS, 
TESTING OF PHOTOGRAPHIC 



 (1) IKTRODUCTIoN.-The problem of accur- 
ately measuring the speeds of camera shutters 
has engaged the attention of a great number 
of investigators, but the methods evolved, 
though differing greatly as regards the nature 
and complexity of apparatus employed, are 
all based on the measurement of small intervals 
of time. 


The term "speed" really denotes the total 
duration of exposure at any paint of the plate. In 
the case of between-lens sector shutters this is 
equivalent to the total time during which the shutter 
leaves are open. In the case of focal plane shutters 
the speed is usually specified as the time taken for the 
opening of the blind to pass a point in its own plane 
opposite the centre of the plate. The duration of 
exposure at any other point usually has a somewhat 
different value owing to the variable velocity with 
which the blind moves. These durations in the 
plane of the blind differ from the intervals for which 
the corresponding points of the plate itself are 
exposed. 
The speeds of ordinary shutters vary from 
about I. to 1/1000 second, though some types 
of shutter are designed to give speeds of the 
order of 1 to 5 seconds. In order, therefore, 
that a method should give accurate results 
over the ordinary range of speeds it should 
be capable of measuring intervals of time to 
an accuracy of from 1/1000 to 1/10000 second. 
It should be noted in this connection that for 
most purposes it is not necessary to obtain an 
accuracy of, s
y, one per cent, since in most 
shutters the speed corresponding to any given 
setting varies considerably in s\lccessive 
exposures. 

 (2) 
IEASUREME
T OF SPEED. (i.) Simple 
.J.lletlwd.s.-Bcfore describing the more accurat.e 
methods of measuring shutter speeds it may 
be of interest to refer to one or two simple 
methods which do not involve very com- 
plicated apparatus. One method consists of 
forming an image of an illuminated pinhole 
by means of a lens and placing the shutter 
to be tested in the path of the beam of 
light. If, now, a photographic plate or a 
piece of sensitive papcr is 1I1ade to move with 
a constant d('finite velocity in the plane which 
is normal to the optical axis of the lens , 


system and passes through the point image, a 
line is formed on the plate or paper, when the 
shutter is released. The length of the line 
gives a measure of the speed, provided that 
the velocity of the plate or pap('r is known. 
Instead of causing the plate to move in a plane 
it is perhaps more convenient to use a piece of 
sensitive paper wound round a drum, which is 
made to rotate at a constant rate, the axis of 
the drum being normal to the optical axis of 
the illuminating system. The accuracy of 
this method depends, of course, on the COIl- 
stancy with which the sensitive surface is 
moved and on the accuracy with which the 
motion can be determined. 
A method employed some years ago consisted 
in photographing a bright ball funning the 
ho b of a pendulum, 1 the ball being released 
from a known height and photographed in its 
I first osciJ.4ttion. A black background, with 
white lines drawn at distances representing 
equal intervals of time, was used for deter- 
I mining the speed of the shutter, this being 
given by the length of the trace of the bob 
image. 
A simple instrument for testing shutters has 
recently been put on the market by a German 
firm under the name" Colum bus." 2 It consists 
of a tuning-fork, giying 50 complete vibrations 
per second, between the prongs of which there 
is a small electric bulb. A sharp image of the 
lamp filament is formed by a microscope ob- 
jective attached to one of the prongs of the 
tuning-fork. The instrument is set up in front 
of the camera whose shutter is to be tested, 
so that, when the fork is at rest, the image of 
the filament is focussed on the ground glass. 
A horizontal slit is inserted in front of the 
camera objective; when the fork is caused to 
vibrate, the illuminated point image L'3 drawn 
out into a horizontal line. If, now, an ex- 
posure is made while the dark slide is moved 
I downwards in the camera, a wavy line is 
obtained. The speed of the shutter is the'.1 
determined from the number of waves formed. 
The instrument enables one to measure the 
speed for the central rays and. also the differ- 
ence in speed for the central and marginal rays. 
eseful information on simple methods of shutter 
testing is to be found in recent volumes of the British. 
Journal of Photograph!!, in the nerman work L. 
David's PraktiJ..
um, 3rd edition, and in a paper by 
P. Schrott in the Photographische 1{orresp07lde7lz, Oct. 
1919. 
(ii.) .ill ore acrllrate JJ1 ethods.- 
For more accurate dderminations of shutter speeds 
a number of devices, such as rotating discs proviàed 
with spokes, vibrating singing flames, and tuning- 
forks, have been employed for giving the necessary 
short intf'rvals of timC'. The first-named arrange- 


1 For discussions on l)('ndulum methods of Jlll'3Snr- 
ing Rhntter speed
 see Brit. Jount. of J>lwtographl/, 
1 flOG, Iii i. 
2 Zeit..;. f. Feinmeclwuik, ] 920, xxviii. 58. 
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ment was used by Abney.l the spokcs which project 
from a rotating disc being made to interrupt the 
beam of light which passcs through the shutter. The 
speed of rotation of the disc is determined by means 
of the note given out by a siren arrangement. 
)1ethods of measuring shutter speeds by utilising 
the motion of a revolving disc, containing a slit or 
slits. across a stationary illuminated slit, have been 
described bv A. Kersh
\\ 2 and J. de G. Hunter. 3 
The former. varies the speed of rotation of the disc 
until. on looking through the aperture of a shutter, 
the stationary slit appears to have no dark portion, 
indicating that the speed of the shutter is the same 
as the period of the rotating slit. In the case of focal 
plane shutters the stationary slit is arrang
d per- 
pendicular to the direction of motion of the blind. 
Hunter's method is somewhat similar, except that 
he measured the length of the trace transmitted by 
the stationary and rotating slits. A'> the positions 
of tbe first and last points of the trace have to be 
determined, a number of exposures are riecessary 
at each speed, and in order to keep the trace at the 
same position an automatic releasing device is used 
so that the exposure is made when one of the slits 
in the rotating disc comes to a certain position. The 
method ha
 the advantage that photographic records 
can be made at the different exposurcs. The 
hutter 
speed is determined from the length of the trace and 
the speed of rotation of the disc. 
Benoist 4 has utilised the vibrations of an acety- 
lene gas flame to give equally spaced short intervals 
of time. An image of the flame is formed on the plate 
of a camera. 'Yhen this is s\\ ung round during the 
exposufC's. a series of images is formed and the speed 
of the shutter can be determined if the frequency of 
the vibrations of the flame is known. One form 
of apparatus employed in this method is as follows. 
A box is provided on one face with a small burner, 
at the extremity of which the acetylene led into the 
box is lighted. The opposite face, which is formed 
by a rubber membrane, is fixed against an opening 
arranged at a convenient height in the wall of an 
organ pipe of known frequency. "
hen the organ 
pipe vibrates under the action of suitable bellows. 
the flame vibrates "ith the same frequency. A 
somewhat simpler arrangement is to use a flame of 
acetylene emitted from the end of a pointed tube 
which is surrounded by a glass 
chimney. f'uch a flame "sings" 
and the note can be , a1Íed by 
altering the length of the chimney. 
The frequency of vibration of the 
flame can be determined bv means M 
of the note. One disadval
tage of 
the singing flame method is that the 
tracf' obtained is a discontinuous 
one, so that the f:hutter speed 
can only be determined \\ ith an 
accuracy equal to the time interval of one vibra- 
tion of the flame. Benoist 5 also suggests the 
employment of the vibrations of an electric arc run 
on alternating current of known frequency. 
A method employed by the Eastman Kodak 
1 Sir " _\hnev, Treatise (m Photography. IfJOj, 
2!}0.. . 

 _\. Kershaw, Patent Xo. 16.0:>3, I!)O-t. 
3 J. de G. Huntcr, 0 pi. Soc. Tra 11.<:., ] flOG. ,iii. 1- 
4 I,. Benoist, Brit. JOllnl. of Phot., HIll, h-iii. 
9-!!). 
:; IJ. ]
enoist, Rull. Soc. Fr. Phot., 1910, 39û. 
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Compan
. 6 consists in taking a number of photo. 
graphfo:. of the shutter during its period of operation, 
the time of e
posure of each photograph being small 
in comparison ,\ith the rate of movement of the 
shutter. A beam of light from an arc lamp in a 
mall 
projection lantern is reflected frflm a lightly mounted 
aluminium crown 011 which are placed 
() small 
plane mirrors hpld vertically on the face of the 
crown; the lantern conden<;er focusses an image 
of the arc erater at the mirror surface. The cro\\ n 
of mirrors is rota ted a bout a vertical a "is R. t a f:peed 
of 50 revolutions per second by means of a motor 
controlled by a centrifugal governor. The beam of 
light is thus interrupted 1 f)f)O times per second, 
a frequency which has been fmmd most suitable for 
general testing. The beam is limited at the condenser 
bv a vertical slit 2 mm. \\ ide, the \\ idth of the beam 

 it flashes by refl(>Ction past the shutter opening 
being about 1/30 of the distance betneen the fla1'lu,,;; 
thus each expo::;ure is about 1,3 ססoo second. The 
reflected beam falls on a simple lens behind \\ hich 
the shutter to be tested is held, and a small camf'ra 
lens of 90 mm. focal length forms an image of the 
shutter on the rim of an aluminium wheel 12 inches 
in diameter, around which a band of negath-e 
cinematograph film is fastened. This \\heel is then 
rotated about a vertical axis by means of a ('rank and 
gearing at such a speed as to separate the different 
imaups of the shutter. Both the speech- and the 
efficiencies of a shutter may be determined bv this 
method. For recording sh
tter speeds of 1!IÒ. 1/5. 
and 1/2 æcond. the image of the shutter opening is 
restricted to a narrow band by inserting a I mm. 
slit in front of the box in which the moving film is 
enclo..,eJ. In order to save counting the hundreds 
of images obtained at these speeds one of the twenty 
mirrors may be painted black. 


A very accurate method of testing shutter 
speeds, depending on the use of tuning-forks 
and vibration galvanometers, has been de- 
scribed by Campbell and Smith. 7 A phn 
of the general arrangement of apparatus 
employed in a modified form of the experi- 
ment is shown diagrammatically in Fig. l. 
The light from a " Pointolite" tungsten arc- 
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P i" rdleded from the mirror 
1 of a vibra- 
tion galvanomekr and then passes through 
two lenses Ll and L 2 . 
\ diminished point 
image of the incandescent tungsten ball is 
thus formed on the surface of a drum D" hich 


· P. o. Xuttin!!, Brit. J01!T1l. of Plwt., ]f)16, lxiii. 
3f1-L 
7 .-\. ('ampl)eH and 1'. Smith. rll,lls. Soc. Proc.. 
1 !\Oi -fl. xxii. if'
; S .1>.11. Collt'cterl Researches. HH 0, 
vi. fl3: s('c alo;o T. 
m
th. Opt. Sor. Trn1l!
., 1910-11. 
xii. 1 :!8. 
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cHn be rotated about a horizontal axis at any 
convenient speed by means of a small-power 
motor with variable gearing. The shutter Sh, 
whose speed is to be measured, is placed in the 
position where an image of the tungsten ball 
is formed by the first lens L I . A piece of 
sensitive bromide paper is wound round the 
chum. 'Vhen the vibration galvanometer, 
which is in tune with an electrically driven 


: 
ß c 


FIG. 2. 


tuning-fork of known frequency, is set in' 
action, the mirror .:\1 vibrates about a vertical 
axis, so that the point image on the surface 
of the drum is C'aused to vibrate in a horizontal 
plane. A wavy image is thus imprinted on the 
bromide paper when the drum is rotated. The 
number of waves formed depends on the total 
duration of exposure of the shutter and the 
frequency of the tuning-fork employed. When 
measuring the time trace which is obtained, it 
is most convenient to count the number of 
complete half-waves and estimate the end 
portions in terms of their projections on a line 
parallel to the axis of rotation of the drum. 
In order to get the greatest possihle accuracy 
in determining the time intervals corresponding 
to these portions, it is necessary to remember 
tha t the motion of the pom t image is simple 
harmonic. By means of an easily calculated 
conversion table the lengths of the above- 
mentioned projections, expressed as fractions 
of the amplitude of the wave. may he obtained 
in terms of time intervals. In measuring the 
speed of a focal plane shutter a fine horizontaJ 
slit is mounted at the centre of the shutter and 
as near to the blind as possible; it is placed at 
the position where an image of the tungsten 
ball is formed by the lens LI (Fig. I). In the 
case of speeds where the width of the slit is 
not small compared .with the width of the 
blind opening, a small correction has to be 
applif'd to the result obtained, if great accuracy 
is required. 
For testing speeds over the whole range 
commonly met with, it is convenient to use 
a number of tuning-forks giYing, say, 50, 250, 
and 1000 vihrations per second respectively.] 
Each of these is f'lf'drically maintained in 


1 A vihrating cylinc1rkal har having a frequency 
of 1000 per second Illay be w.;ed. 


vibration and is in tune with a vibration 
galvanometer of corrf'sponding frequency. 


The dectriæl circuits employed are indicated 
diagrammatically in Fig. 2. 
The primary coil P of a transformer is connected 
through a microphone hummer 2 l\I to a battC'ry RI of 
from (} to 8 volts. The microphone is mounted on 
or near the tuning-fork (or bar) so as to be set in 
vibration "ith it. The current, which is induced in 
the secondary coil S of the trans- 
former by the intermittent current 
in the primary circuit, passes through 
a condenser K and a coil C which 
attracts one of the prongs of the 
tuning-fork F. A tertiary coil T of 
the transformer is connected through 
a variable mutual inductance I to 
8 the moving coil of the vihration 
1 2 galvanometer a ; 3 the amplitude of 
vibration of the galvanometer mirror 
can be varied by altering the mutual 
inductance. The field of the galvano- 
meter is maintained by the current 
from a battery B 2 of 100 volts, a 
lamp resistance L being included in the circuit. In 
order to get the best results the fullowing condition 
should be satisfied as nearly as possible: 


F 
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LKw 2 = 1. 


where 


w = 27rn, 
L=coefficient of self induction 
secondary circuit, 
K=capacity of condpnser, 
n=frequency. 


of the 
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The method of maintaining tuning-forks in vibra- 
tion by means of microphone hummers gives a good 
deal of trouble in practice. It is being supersedetl 
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FIG. 3. 


by a method which has been made possible by the 
recent development of triode valves in connection 
with wireless telegraphy. 4 The method is shO\\ n in 
Fig. 3. 


\I For information re microphone hummerR f';PC 
A. ('amphdl, Roy. Soc. Proc. A, IHOG, lxxviii. :208; 
N.l>.L. Collected Researches, ii. 2GR. 
S A. Camphell. Ph.1ls. Soc. Pror., 1!)0;)-7, xx. 
G
6; Phil. Mag., IH07, xiv. .fD4; ...V.l).L. Collected 
Rc.<;carches. 1 D08, iv. 201. 
4 ,Yo H. Eccles, J>hy.<;. Sor. Proc., 1m!), xx),.i. 2(ì!); 
,Yo H. Eccles and F. W. .1orclan. BI('cfriI'ÙI1 J . ]!)lO, 
]xxxii. 704: for thpflry, 
ee 
. Butterworth, Phl/s. 
I Soc. Proc., 1!)20, xxxii. 34;). 
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The filament F of the triode valve Y is heated by 
the battery FB. The anode A is connected through 
the anole battery AB and the coil AC to one terminal 
of the filament, and the grid G is connected to the 
filament through the coil GC. The tuning-fork T 
is permanently magnetised b
? an auxiliary magnet, 
on whose pole-pieces the coilq .dC and GC are wound, 
the poles of the fork being indicatel by n and 
. 
Suppose the fork to have been set in ,ibration, and 
consider the moment" hen the two prongs are moying 
away from their respective coils. The motion of the 


M 


. -. 


. -- 


pole s will induce an E.
lF. in the coil GC which 
\\ ill raise the potential of the grid and so increase 
the current flowing into the valve at the anode. 
This current leaying by the filament completes its 
circuit through the coil AC, round "hich it passes 
in such a direction as to repel the pole n, and thus 
assist its motion. The energy necessary for keeping 
the vibration galyanometer in action may be tapped 
off from a coil placed n
ar AC'. 

 (3) )lEASLREl\IE
"""T OF EFFIClE5CY.- In 
addition to the determination of speed it is 
sometimes necessary to measure the efficiency 
of a shutter at its different speeds. The 
method employed in the case of sector shutters 
is shown in Fig. 4. A time trace is formed 


the slit and the tungsten ball should lie on 
the same horizontal line. If, no"\\-, the shutter 
is released while the drum is rotating, a record 
is obtained, giving at each instant a measure 
of the length of slit unco, ered. Such a 
record for a sector shutter is shown diagram- 
matically in Fig. 5. 1 The time trace may be 
limited to one complete revolution of the 
drum by inserting an auxiliary shutter, set 
at the necessary speed, between the lenscs L 1 


:- - 


D 



 - 
---='::"'. 
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FIG. 4. 


L 2 


and L 2 ; the two shutters can then be released 
at practically the same instant. A series of 
measurements of the area of the shutter 
aperture, corresponding to different lengths of 
t'1e slit opening. is then made by projecting 
an image of the former on to a piece of 
sensitiye bromide paper, a fine thread being 
stretched across the shutter at the position 
occupied by the slit. Such a series of images 
is illustrated in Fig. 6, the white line in each 
case representing the position of the thread. 
From records like those shown in Figs. 5 
and 6 a eurve is constructed, giving at each 
instan t of the exposures the area of the 
shutter aperture through which light passes. 





 ç-; 
V\1V\7 
98 8 


FIG. 5. 


on sensitiye bromide paper, '\\ound round a 
rotating drum D, by means of a system of 
lenses L 1 and L2' as in the case of the speed 
test. In addition a horizontal slit S is placed 
in a diametral plane of the shutter Sit and 
as close to the Rhutter leaves as possible. 
This slit L'3 illuminated by light from the 
same" Pointolite " lamp P as is used for the 
time trace, a cylindrical lens La being employed 
to give a drawn-out image .of the tungsten 
ball. An image of the slit is formed on the 
surface of the drum by means of a lens L4,; 
it is adyisable to arra
ge that the images of 
VOL. IV 


FIG. 6. 


:\0'\\, if T=total duration of exposure, 
T=equivalent exposure, 
a=area of shutter aperture at time i, 
and A= maximum area of shutter opening, 
it follows that 
AT= fTadt. 
. 0 


-T 
I adt 
h I ffi . T. 0 
T us t Ie e Clcncy= =
. 
T 
"1T 


1 It is sometimes preferable to form the timc 
trace across the centre of the etliciency record. 
2x 
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The value of the numerator is obtained by 
measuring the area bounded by the above- 
mentioned curve and the time axis. Hence 
the efficiency may be determined. 
The efficiency of a focal plane shutter may 
be obtained theorf'tically from a consideration 


[] ' 
 '*_____ t U 

 . .,t
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Ò
 
FIG. 7. B P 
of Fig. 7. Let L bc the lens and P the plate 
of a camera, B representing the roller blind. 
Let 


'lo= width of opening in blind, 
v= velocity of blind, 
o=distance between blind and plate, 
j=focallength of lens, 
d= diameter of lens aperture. 
Then, using the same notation as before, the 
total duration of exposure T at a point 0 is 
given by 


w+d' 
T= -, 
v 
where d' is the diameter of the oeam of l1ght 
which the lens focusses at 0, measured in the 
plane of the blind. 
But d'=]. d, 
d 
w+-o 
therefore T=
" 
v 


On the other hand, the equivalent exposure 
T at 0 is given by 


T=w. 
v 
'1' w 
Thus the efficiency=-;. =-d - 
w+ jO 
In focal plane work with moving objects the 
user is interested in T, while the maker reckons 
to give T when he does not rely on his 
imagination. 
By way of example we may take v-= 100 
inches per sec. (a higher value than usual), 
for 1'=1/1000 sec., in which caRe w='] 
inch. Then, if d= f/4 anú 0 = .5 inch, T = 
9/4000 sec. 
"lith a more usual value of v, say 50 inches 


per second, 1'= 1/1000 sec. corresponds to 
T= 7/2000 sec. Thus the nominal superior- 
ity of the focal plane shutter for high speed 
work is largely one of nomenclature, and the 
difference between such shutters and good 
between lens shutters is less than the figures 
would indicate. 
The method of measuring the efficiencies of 
sector shutters has been employed by the 
writer for obtaining information with regard 
to the motion of the blind in focal plane 
shutte.rs. The shutter to be tested is mounted 
at Sh (Fig. 4) in such a way that the length 
of the blind opening is at right angles to the 
length of the slit S. 'Vhen the shutter is 
released, two traces are obtained on a piece 
of sensitive bromide paper wound round the 
drum D. Fig. 8 represents diagrammatically 


FIG. 8. 


the type of record that would be obtained, 
on unwinding and developing the paper, in 
the case of a blind mo.ving with uniform 
acceleration. AB is the image of the slit 
when the drum is at rest and the shutter is 
fully open; the clear spaces represent the 
images of fine wires stretched across the slit 
at certain points for the purpose of reference. 
A number of interesting data can be obtained 
from a study of the trace CD. Let lines be 
drawn through the points a, b, c, d, e, and j 
paraIlel to AB, so as to cut the time trace E 
in the points a', b', c', d', e', and 1'. Then, 
if we neglect the finite width of the slit 
image and also the distance of the slit from 
the shutter blind, we obtain the following 
results : 
(i.) a' b', c' d', e' l' represen t the times 
taken by the blind opening to pass certain 
points such as the top, middle, and bottom 
of the plate. . 
(ii.) a' e' and b' l' give the total times taken 
by the edges of the blind opening to tra"\ erse 
the pb tee 
(iii.) The slopes of the edges of the trace CD 
at any point give measures of the velocities 
with which the edges of the blind opening 
pass that point. J. s. A. 


SILICA, as used in the manufacture of glass. 
See" Glass," 
 (4). 
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 (1) HISTORICAL. - Polished silver surfaces 
have long been used as mirrors on account of 
their great reflecting power. Louking--glas5es 
made of polished siker were used by the 
ancients. and in more recent times similar 
surfa,,'es \\ ere gi \
en parabolic forms for use as 
reflectors in lighthouses. Such polished sur- 
faces \\ere capable of reflecting about 60 per 
cent of the incident light, but on account of 
the rapid loss in reflective power, due to 
tarnishing, it was more common to use polished 
surfa,ces of speculum metal, which does not 
tarnish readily and reflects about 63 per cent 
of light. 
The advantages of a combination of trans- 
parent glass backed by a hi
hly reflective 
medium are so great that mirrors were made 
by pressing mercury between glass and tin 
foil, the two metals forming an amalgam which 
adhered to the glass and in time hardened. 
This process is in use to-day and is fairly 
satisfactory for flat surfaces, but it requires 
considera ble skill to secure a surface free from 
blemishes; and, moreO\Ter, it is not suitable for 
surfaces with curvature. The process is often 
called" soft silvering." 
The chemical deposition of metallic silver 
on glas'3 as now practised probably owes its 
origin to Liebig,l who found in 1833 that a 
brilliant deposit of metallic silver resulted 
from heating an aldehyde with an ammoniacal 
solution of nitrate of silver in a glass vessel. 
It seems, however, that a process of sih
er- 
ing glass \\ithout quicksilver was practised by 
Thomas Rogers of London as early as 17,30, 
but no details of the method are available. 2 
Sih-ered glass spherical mirrors, for light- 
house
, were made by Letourneaux before 
1849, and the idea of sih-ering glass mirrors 
on the face for use in telescopes appears to 
have occurred to both Steinheil and Foucault 
independentl:, . 
Steinheil first silvered telescope mirrors in 
1836, and refers to the .. Liebig process," 
whilst Foucault's account, given in the Comptes 
Rendu8 of Februarv 18.37, refers to the" Drav- 
t0n process." Dr
yton's are the first Briti
h 
patents on chemically deposited silver, being 
pa.tt:'nts 9968/1843 and 12338/1848. Drayton 
used oil of clo\
es and grape sugar as reducing 
agents of an ammoniacal solution of nitrate of 
silver. 

 (2) 
IoDER
 )IETHoDs.-From that time 
the records of the Patent Office show that 
there is scarcely an interval in "hich patents 
have not been taken out for new methods of 
chemically depositing silver on glass. Xever- 
theless, all the processes so far known are 
empirical ones, and ther(' are so many COI1- 
I A 1l1lftl, It der ('Ii Ide ?Inri Plwrmncie. xcviii. 1:3
. 
2 Li!lhthouses, Alan 
tevf'nson, 18=>0, Part ii. 103. 


ditions affecting the reaction that no hard-and- 
fast rules can be laid down. The most suc- 
ces
ful methods are given below. 
The RocheIle salt process, introduced by 
C'imeg in 1861 (Patent Xo. GID), is almo
t 
universally used when the work is required to 
be silvered on the back; the "Brashear" 
or "Sugar" process is employed when the 
deposit is required on the face, as in tele- 
scope mirrors, and "here the glass can be 
suspended face downwards in the silvering 
solution. 
In sih ering large areas of p1ate glass, the 
sheets are first washed with a solution of 
proto-chloride of tin and then le\-elled up on 
a warm table; the silvering solution is then 
poured over the prepared glass (being retained 
in position at the edges by capillary action) 
and allowed to stand until the deposit is 
sufficiently dense. Further applications of 
the solution can be applied to increase the 
density if necessary. The effect of the proto- 
chloride of tin solution is to produce a darker 
and more uniform deposit, and at the same 
time a deposit that is more adhesive and does 
not flake off. To procure a uniform and 
adherent deposit of sih-er it is necessary that 
the glass surlace should be fresh. Surfaces of 
old standing, however chemically cleaned, do 
not silver well and ha\Te often to be reground 
and polished before a satisfactory deposit can 
be secured. 
Plate glass known as "silvering quality," 
having recei\-ed an extra finish, makes the 
best looking-glasses. Sheet glass usually makes 
mirrors exhibiting a yellow tinge, due to sul- 
phiding from traces of sulphur acquired in the 
flattening iier; and, moreover, the deposit on a 
fine surface is rarely as adhesive as that on a 
worked one. 
 
(i.) Rochelle Salt J1 ethod.- T\\ 0 stock solu- 
tions are req uired-A and B. 
Solution .A : Silver nitrate, 10 grams; water, 
80 c.c. \Yhen dissolved, add ammonia very 
slowly until precipitate is nearly redissolved. 
Dilute to 1000 C.c, "ith distilled water, and 
filter. Care must be taken to avoid an e
cess 
of ammonia, as on this the success of the 
sihTering depends. Thus, before filtering, the 
solution should exhibit a faint brown colora- 
tion. 
Solution B: Silver nitrate, 2 grams; dis- 
80h
e in as little water as possihle, and add 
1000 c.c. of boiling water. To this, whilst 
boiling, add 1.66 grams of Rochelle saIt (sodium 
potassium tartrate), and continue boiling for 
twenty minute
 or more until the liquid is 
nearly clear, leaving a grey precipitate. Filter 
hot. 
Equal parts of A and B are mixed, when 
silver immediately heg-ins to dppo
it. Thus no 
time should. be lost in pouring it over tho 
surface to be sih-ered. 
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In practice on a large scale the temperature 
is kept at 40 0 C., when a good film is deposited 
in about twenty minutes. 
(ii.) Bra<;hear's or Sugar ....11 ethod,-In Bra
h- 
ear's process the most important thing is the 
sug<1r solution. This improves by keeping, a 
solution some months old being more effective 
than a new one. The composition of the 
reducing solution is as follows: 1000 c.c. 
dist.illed water, 100 grams loaf sugar; dissohTe, 
add 100 c.c. alcohol and .3 c.c. nitric acid. 
Sulutions of 10 per cent of silver nitrate 
and of caustic potash are prepared separately, 
the latter one as wanted. A supply of ammonia 
and some yery dilute ammonia are also re- 
quired, the latter in order to obtain the pale 
Lrown colour of the ammoniated solution of 
silver nitrate that is necessary Lefore adding 
the reducing agent. 
Having selected a suitable dish to contain 
the liquid, in which the mirror can be placed 
face downwards with about ! or i in. of 
liq uid underneath, find, on the basis of 1 of 
silver nitrate solution to 4 of the total required, 
the amount of silver solution needed. To this 
add ammonia till the first precipitate is dis- 
solved; then add one-half of this quantity of 
the potash solution (this is a variation from 
Brashear's forlllula that works well) ; and again 
add ammonia till the mixed solution is quite 
clear, taking care to put only sufficient am- 
monia for that purpose; then add a weak 
sulution of nitrate of silver till a clear brown 
colour is obtained. Should this become a dark 
brown, some of the weak solution of ammonia 
will bring it to a pale brown colour, which 
must persist. 
The niÏrror, previously cleaned, is suspended 
in the dish in distilled water of sufficient 
amount to make up, on the additiun of the 
solutions, the total liquid required; it is lifted 
out and the prepared solution mixed with 
the distilled water and an amount of the 
reducing solution equal to about one-half that 
of the nitrate of silver solution, more or less 
as the temperature is under or over GOo j;"'. ; 
the mirror is then immersed, beginning by 
dipping the edges first and lowering so as to 
prevent the formation of air-hubbIes under 
the glass. The solution changes from pink to 
black, and in about thirty minutes sufficient 
silver is deposited. l 
The thickness of the silver film suitable 
for telescopes has been found by Dr. Draper 
anJ Dr. Common to be about 0.0001 mm. 
(iii.) .Alternative J.1I ethods. - 
\n alternative 
method to that of immersion for the applica- 
tion of the silvering solutions is one of spray- 
1 Further dptaÏl:'\ of RÏlvf'ring glass are to he found 
in TN' OlJ.'?errator.ll. 1'10. 1f):
. ]
f)2: Asl. Ph.l/. .Jour., 
t R!);), i. 2;)2 : Nature. Sept. 23, 1Sm, p. 505: Enf/li,'?h 
Jlerlwnic, F('h. 3, 1 f)11, Nov. 10 and 2+, 1Blß; 
]{nowlerlye, 
ov. WH, p. 402; Conjoint Report on 
Silt'ering by the Pltysiral and Optical SocÙ ties. 1921. 


ing. 2 This is an economical process, as the two 
solutions are mixed almo::;t at the moment of 
application. Usually the solutions are fed 
separately along the arms of a V-tube, uniting 
in the third arm, which is under air pressure, 
I the mixture issuing as a nebulous spray. 
This met.hod was tried, ,,,ithout much success, 
by Dr. Common in silvering large telescope 
mirrors, but in its motIenl application to 
searchlight mirrors silvered on the back, w!lere 
the spraying is done mueh in the same way 
as paint is applied by the aerograph, and 
where the mirror can be rotated at about 100 
revolutions per minute at the same time as it 
is sprayed, the process 3 has been quite suc- 
cessful in securing uniform films. 
Mirrors silvered on t.he face Lecome tarnished 
rather quickly unlpss protected from the 
action of traces of sulphides in the air; even 
then it is frequently necessary to re-polish or 
re-silver. \Vith mirrors silvered on the back, 
protection may be given by coating the silver 
in various ways according to the su bseq uent 
treatment it is expected tu receive. In ordi- 
nary looking-glasses the silver is first coated 
with shellac varnish or gold size, and subse- 
quently given a backing of red oxide of iron 
paint. Other backings, containing bitumen or 
gutta-percha, are also used. \Yith such pro- 
tections the silver remains good almost in- 
definitely, defects only appearing through 
action of the glass on the silver, impurities 
left before silvering, or on exposure to the air 
by fracture of the backing. 

 (3) ELECTRICAL DEPOSITION. (i.) Search- 
light .111 irrors.-Searchlight mirrors have metal- 
lic backings to protect the silver. First a 
coating of copper is deposited electrolytically 
on the silver, and frequently.this receives a 
further backing of electro - deposited lead, 
which may be of sufficient thickness to form 
a support for the mirror in case of fracture. 
Such a series of layers, glass, silver, copper, 
and lead, is, on account of differences in 
coefficients of expansion, attend('d ,,,ith dis- 
advantages if suddenly heated, for the metallic 
backings expand beyond the elasticity limits 
of the glass and tear the silver from the glass 
surface, causing "blisters" to appear in the 
silver film., In some cases the silver adheres 
to the glass so intimately that a surface layer 
of the glass itself i
 torn away, producing a 
frosted appearance. 
(ii.) 1Iletallic JJlirrors.-Advantage has been 
taken of the difference in the coefficients of 
expansion of metals and glass to produce 
metallic mirrors by electro-deposition. 4 
A glass surface accurately worked to the 
figure required receives a deposit of silver; this 


2 Patent, 9f)77 !HmR, l
arn('s and anot h('r. 
3 Patent 12731()/]!H7, J
arnps. 
4 Patpnts 22730/18!H, J.al.:c, and 5600/18:>9. 
Cowper-Coles, 12005/1907, Cowper-Cnlcs. 
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is then used as the cathode, and by electro- 
deposition of the required metal the mirror 
is built up to the necessary thickness. The 
whole is then subject to a sudùen temperature 
change and the metal part sprung from the 
glass. 
Silver cannot be electro-deposited on glass, 
except by first roughing the glass and pre- 
paring it ",ith plumbago or making it 
conductive by other processes, e.g. burn- 
ing gold or other metal into its su
face 
and then using the prepared surface as the 
cathode. 
(iii.) Cathode Rays.-A more reænt applica- 
tion of the deposition of silver by electric 
means is by the use of cathode rays. In 
vacuum tubes provided "ith electrodes-e.g. 
X-ray tubes-prolonged discharge produces a 
blackening of the tube due to the deposit of 
a metallic film on the interior walls. In a 
similar way small glass surfaces have been 
coated .with silver by this method of cathodic 
deposition or cathodic sputtering. The body 
to he coated is placed just outside the dark 
space surrounding the cathode and is con- 
nected to the anode. The cathode is disc- 
shaped or formed of a brush of fine "ires, and 
the tube is hydrogen filled at a pressure less 
than 0.1 mm. mercury. Almost any metal is 
readily deposited on glass by this method of 
sputtering, and almost any degree of opaque- 
ness can be secured. 
(iv.) Thermal Deposition.-Thel'mal deposi- 
tion of silver is practised by heating the metal 
in a small electric furnace in an exhausted 
vessel. The receiving surface is kept cool 
and brought close to the heated metal, when, 
as volatilisation takes place, it receives a 
deposit of the metal. 
Mention should also be made of the method 
of sprayi.ng surfaces with silver. The surface 
to be coated is placed below an oxy-acetylene 
flame, into" hich is inserted silver "ire. The 
glass travels to and fro under the wire or 'L'ice 
versa, and the force of the jet carries the 
volatilised metal on to the surface, where it 
condenses. 1 

 (4) DE
TAL .ÂPPLICATI05. - One of the 
latest applications of sihTering is in dentistry. 
Infected dental tissue is sterilised by treating 
\\ith an ammoniacal solution of silver nitrate, 
\\ hich it readily absorbs. Healthy tissue is 
unaffected. The infected area is then isolated 
hy a further application of formalin, which 
reduces the silver solution and deposits metaHic 
silver. This fills up minute cavities, inaccessible 
by other means, and thus prevents further 
infection. 
* (J) HALF-SILVERED 
IIRRORs. -" Half- 
sihrered " glass mirrors having a thin film of 


1 For fnll<.>r particulars 
('c .. J
IN'tric:1.1 and 
Thermal Di
intel!rati()n of )[etals" The Chemicnl 
World. ii. I-Wet seq. 


deposited silver have been applied to many 
kinds of optical instruments. r sually the 
film of silver is of such a den.
ity that half of 
the incident light is reflected and half trans- 
mitted. Such an arrangement is found in the 
Michelson interferometer 2 and aJso in a form 
of binocular microscope, "here the light, after 
passing through the objective, falls on a half. 
silvered surface, the reflected and transmitted 
beams then being directed to the IÍght and 
left eye respecti\-ely. Another application of 
the "half-silvered" surface is made in some 
forms of collimating gun-sights,3 where the 
line of sight passes through the film to the 
target, "\\ lúlst at the same time the eye sees, 
in the same optical direction, the reflection of 
a fiducial point contained in an attached 
collimator. 

 (6) )IISCELLAXEOUS ApPLICATIONS. - To 
prevent luss of light in certain optical instru- 
ments it is often necessary to silver glass faces, 
as in prisms on which the light is incident at 
less than the critical angle; of these may be 
cited the end reflectors or pentagonal prisms, 
also the compound central prisms in use in 
many rangefinders. 
A deposit of silver acting as an ollaque 
screen has been maùe use of in the Abbe test 
plate, where a silver film on glass is ruled in 
such a manner as entirely to relUO\Te the metal 
along the rulings. The result, when seen under 
the microscope, is a coarse gratin
, "ith alteJ.'- 
nating opaque and transparent bars suitable 
for testing microscope objectives. 
Xext to the use of deposited silver for 
looking. glasses, probably the greatest com- 
mercial application is the sihTering of the 
interior walls of vacuum flasks in order 
further to diminish the rate at \\hich radiation 
occurs. 
Glass and quartz fibres are silvered not for 
use as reflecting surfaces but to make them 
electrically conductive. In the Einthoven 
string galvanometer a sih
ered glass or quartz 
fibre is stretched in a strong magnetic field, 
the silvered fibre acting as a conductor and 
forming the moving system of the instru- 
ment. 

 (7) A "\IODXT OF REFLECTIox.-Steinheil, 
as long ago a:::; 1837, found that freshly 
deposited silver reflected 91 per cent of the 
incident light at 4.
o incidence and reflection. 

Iore recently Hagen and Rubens 4 have 
df'termin
d the coefficient of reflecti,)n for 
perpendicular incidence and reflection all 
along the spectrum, from ^l-tOOOO in the 
infra-red to ^2.jOO in the ultra-\Ìolet, and find 


2 Smith.c;on ian Contributions to [ÚIO/I'Zer1ge, K o. 8-l
, 
189
. p. 
 (footnotC'). . 
S .. Collimating Tf'l('
('op(' r.un-sight
," 
jr Howard 
Gruhb, Transactions Roy. Dublin So('., )Iareh 
O, 
1901. 
.a Ann. r1pr Pl/'!.<;.. I
OO, i. 3.)
, H)O
, "iii. I, 
1903, xi. 8;3. 
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that a face - siln>red mirror reflects almost 
equ'llly well all rays in the "isible 
pectrulll, 
the coefficients at À 7000 and À4000 being 
93 per cent and 83 per ('ent respecthTely. 
For values of reflectivity at varying angles of 
incidence see "Reflecting Powcr of 
Iirrors" 
hy C. A. Chant.! 
In the infra-red the coefficient of reflection 
rises to a steady 98 per cent, but there is a 
rapid falling off in the ultra-violet, where it 
diminishes to 4 per cent at À3160, but rises 
to 34 per cent at À2310. The trend of the 
cunre, according to Hagen and Rubens, is 
upwards at this point, though )Iinor 2 
finds a decreasing reflecting power beyond 
À2300. 
In consequence of this transmission of ultra- 
violet rays, silver reflectors are inadmi
sible 
in spectrographs and other instruments used 
for investigating the Schumann and extreme 
region of the ultra-violet. 
Advantage has, howf'ver, been taken of this 
transmission band to use thf' silver deposit 
as a light filter for taking photographs in the 
almost monochromatic light around À3000. 
(See" The 1\loon in Ultra-violet I..ight," 3 and 
"Xickelled Glass Reflectors for Celestial 
Photography," 4 by R. ,Yo 'Vood.) 
'Vhen we come to the reflectivity of glass 
mirrors silvered on the back-e.g. searchlight 
mirrors-there is a slight loss due to absorption 
and internal reflection in the glass. Measure- 
ments of the mean coefficient of reflection 
made at the 
.P.L. in 191H give a mean value 
of 88 per cent, whilst, one of ten specimens 
attained the high figure of 94 per cent. The 
claim for the superiority of the gilded mirror 
over that of a silvered one has now been 
ahandoned. The mean reflectivit.y of two such 
mirrors is about 70 per cent and 86 per cent 
respectively, but there are conditions of land- 
scape whi('h, under illumination from a gilded 
mirror, give greater contrast than when 
illuminated by a searchlight \\ith a silvered 
mirr\)r, owing to diminished reflection of the 
green rays by the gilded mirror. The same 
contrast effect, however, can be produced 
with the silvered mirror by making the 
observations through suitable ligbt filters. 

 (8) REFLECTION OF POLARISED LIGHT. 
-The phase change, when liü:ht is reflected in 
glass from a silver surlace, clepends upon the 
thickness of the silver, but for a thick film 
it appears to be three-quarters of a wave- 
length retardation. 5 
r'ircularly polp,rised light is ('hanged to 
elliptically polarised b
T reflection from silver 
surfaces. Details of the change in position 
of the axis of the ellipse due to changes of 
1 A
t. Phy. .Jour., 190:>, xxi. 21l. 
2 Ann. dI'Y PhllS., 190:t x. (j
l. 
3 ,Mont. Not. R..i.8.. IHlO, lxx. 22G. 
4 A.'It. Phll. .Jour., Hill, xxxi"\". 40-1. 
Ii Nature (Edser and :-\tansfield), 180;, lyi. 505. 


incidence are given in a " Note on the PolariPo- 
ing Effect of Coelostat Mirrors." 6 


w.S. 


SUDIANCE-ABADY FLICKER PHOTOl\lETER. See 
" Photometry and Illumination," 
 (98). 
SINE CONDITION: a relationship which must 
be fulfilled for rays passing through different 
zones of an optical system in ord('r that the 
defect known as coma mê:l,y be eliminated. 
See "l\Iicroscope, Opt.ics of the," 
 (12); 
also "Telescope," 
 (3), and "Optical 
Calculations. " 
SI
GLE-RAY VELOCITY, AXIS OF: a direction 
in a biaxial crystal in which a ray undergoes 
no double refraction; also known as a 
secondary optic axi
. See" Polarised Light 
and its Applications," 
 (7) (ii.). 
SIRE
: a device for producing a musical 
note of given frequency, in .which a diclc, 
wit.h a circle of holes in it, spins so that the 
holes are alternately opened and closed by 
passing a similar set of holes in a fixed plate, 
an air- blast gÏ\-ing the sound; this provides 
a suitable method for evaluating the frf'- 
quency of an organ-pipe. See" Sound," 

 (33) (ix.). 
" Sl\IASHIKG " POINT OF A LAMP. See" Photo- 
metry and Illumination," 
 (78). 
SODIUM OXIDE, USE OF, IN GLASS :\IANUFAC- 
TURE. See" Glass," 
 (5) (i.). 
SOLIDS, SPECIFIC HEATS OF, application of 
quantum theory to. See " Quantum 
Theory," 
 (5); also" Calorimetry, Quantum 
Theory, " Vol. I. 
SOPRANO, Eo: a brass wind-instrument of 
high compass. See" Sound," 
 (44). 


SOUND 


I. PITCH, SCALES, AND TEl\IPERAMENT 
* (1) PITCH AND FREQUENCy.-As the keys 
of a piano are struck in order from left to 
right, the various notes of the instrument 
are heard, and we pa'3
, by a gradual t.ransition, 
from the deep tones of the bass to the shriller 
tones of the treble. The sounds successively 
heard are said to be higher and higher in pitch, 
and pitch is that property of the note which 
determines its position in this musical range. 
It is found to depend solely on the number of 
vibrations per second occurring in that sound. 
This numher of vibrations per second, or 
frequen('y, is accordingly adopted as a precise 
physical measure of t.he pitch. :l\Iusically, 
the pitch of a sound is denoted con\"rentionally 
on the staff notation hy the place of a certai
 
symhol on a staff consisting of five horizontal 
lines and their a.ssociatpd spaces. Thf' pla,c(' 
of any staff among the pitchf's it is "iRhed to 
ß _1st. Phy. Jour., 1000, xxix 300. 
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denote is expressed hy the clef at its commence- 
ment. Each such sound or note is called by 
one of the follo" ing letters, C, D, E, F, G, A, B. 
Further niceties are then expressed by the 
presence of a sharp (::) or flat (')), denoting a 
certain sharpening or flattening of that pitch 
indicated by the giyen position on the staff 
or its corresponding letter. 1 
=J. __ = = -.-:--0 
9 
 

-------.......--
-
---- 
c.J------:e::
-G-------- 
C D E F GAB 
 
 
9 (2) I5TERYAL.--n T hen the above letters 
are used up the next musical sound to the 
right (higher in pitch) is called C again, some- 
times distinguished b
T an accent (C') to show 
that it occupies a higher place on the staff 
and in the sequence of possible notes. The 
frequency of this C', when recognised by the 
musical ear as sustaining the true octave 
relation to C, may be shown experimentally 
to be just double that of C. Further, any 
two Sl)lmds, for which the ratio of their fre- 
quencies equals tIco, are found to have the 
same musical relation. They are accordingly 
said to be an octave apart. Or, in oth;r 
words, the interred between them is said to 
be an octave. Similarly, "ith any other pairs 
of sounds which are recognised as sustaining 
some one definite musical relation, the ratio 
of their frequencies is a constant characteristic 
of and invariably associated" ith that relation 
and that only. . Thus, the illtenTal or range 
between any two musical sounds may be 
measured physically by the ratio of 
their 
freg uencies, or by some other method closely 
linked with and dependent on this ratio. Ìt 
thus follows that a large interval is measured 
by a ratio which is the product of those ratios 
which meaRure the small intervals of which 
the large one is composed, For, if three notes 
have frequencies in the relation 2, 3, and 4, 
the ratios of the small intervals are 3 : 2 and 
4 : 3, while that of the whole or extreme 
interval is 4: 2; and this is ohviously the 
product of the other two. But this multipli- 
cation of ratios of component intervals to 
obtain that of the larger is sometimes incon- 
venient. For exampl;-, it does not lend itself 
to plotting intervals to scale, on a diagram, 
,\hero the measure of the extreme interval 

nust be the sum of those of the component 
mtervals. To meet this need we take the 
logarithms of the ratios instead of the ratios 
themselves. Then, in the above numerical 
case, ,\ e have 
log 8/2+log 4í8=9og 3-log 
)+(log -i-log 8)=log 4,2. 
That is, the logarithms add where the ratios 
multiply. 
)Iusically, the intenTals between pairs of 
.1 For pro f ll1f'tion of sound..; of Yar
ous ùC'sÍrC'd I 
PItches see section" :-;ound Producers." 


notes are expressed by such terms as second, 
third, fourth, fifth, etc., corresponding to CD, 
CE, CF, CG, etc. To these terms various 
prefixes are used, such as major, mino,', dimÙl- 
is/ied, etc., to indicate the varieties possible 
in certain intervals though named by the same 
ordinal number. An "alternative method for 
naming small intervals is the use of the terms 
tone (or whole tone) and semitone. Thus, the 
intervals CD, DE are tone3, w}Üle EF is 
a semitone. It must not be taken to follow 
that CD is always exactly equal to DE, nor 
that EF is preeisely the half of either of the 
above. The intervals EF, BC, AR:" are 
called diatonic semitones; the inten-als CC::, 
FF:., BB
 being called cllTomatic semitones. 
9 (3) SCALES.-A scale is a series of notes 
proceeding up or down at certain specified 
intervals. These usually consist of tones and 
semitones, or of semitones only. Thus the 
following are exam pIes of scales; (1) C, D, E, 
F, G, A, B, C; (2) C, D, E
, F, G, A, B, C ; 
(3) C, C
, D, D::, E, F, F::, G, G::, A, B...., B, C. 
The first and second are diatonic scales, ?'.e. 
they include tones in their inten-als. The 
third is a chromatic scale, i.e. it is coluured or 
affected by using notes not belonging to the 
diatonic scale. Further all the above are 
scales of C since they begin and finish on C, 
called the keynote of the scale, and have the 
notes appropriate to that scale. In the 
chromatic scale (3) all the intervals are called 
semitones (though not necessarily all equal), 
In the diatonic scales, (1) and (2). the intervals 
are either tones or semitones, but the order 
of their occurrence differs in the t" 0 scales. 
Thus in the first the order of intervals ÍI:'>: 
tone, tone, semitone, tone, tone, tone, semitone; 
while in the second we have as the order: 
tone, semi tone, tone, tone, tone, tone, semi- 
tone. In the former case, the third from the 
keynote, CE, is called a major third and the 
scale a major scale. In the latter case, the 
third from the keynote, CE
, is called a minor 
third and the scale ami nor scale. The
e two 
forms of the diatonic scale are often referred 
to as the major and minor modes. The minor 
scale (2) is the ascending form of the melodic 
minor. The descending form would have 
B., and A
 instead of Band A. There is also 
the harmonic minor which has the same notes 
in descending and ascending. viz.: C, D, E
. 
F, G, A...., B, C. Its intervals in ascending 
sequence are, therefore. tone, semitone, tone, 
tone, semitone, tone and half. semitone. 
9 (4) )IODULATIO
.-Suppose that a piece 
of music began with the notes shown in scale 
(1) ahove and after a time the F wa
 always 
replaced by F::. It may then be found th
t 
the sequence of intern1ls is changed so that 
the seale in UF:e is really that of G. For, on 
passing up from G, we ha,-e: tone. ton(', sC'mi- 
tone, tone, tone, tone, selllitone; and thi::; 
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sequence is characteristic of the major dia- 
tonic scale. The piece of music is then said 
to have changed in key from C to G. If, on 
the other hand, when originally in the key 
of C major, after a time the E should be always 
replaced by E" the music will then have 
changed from the major to the minor mode, 
the key now being C minor. Such changes, 
either of key or mode, are called modulations. 

 (5) INTONATION AND TE)IPERA:\IENT.-By 
intonation is meant any precisely specified 
system of tuning the intervals in the various 
scales. A temperament is an intonation 
which, for the sake of simplicity, deliberately 
sacrifices some desirable exactness. The q ues- 
tion naturally arises as to why this should 
become necessary. Let us examine this point 
carefully, having in view a keyboard instru- 
ment with notes of fixed pitches. An ideal 
intonation would secure three signal advan- 
tages, n
mely: (1) pure concords; (2) free 
modulation; (3) practical convenience. The 
first is needed to express truly the intentions 
of the composer and to satisfy critical ears, 
at any rate in slow music. The second is 
needed to enable the singers or players to 
take a piece in any desirable key and to allow 
of any unrestricted changes of key or mode 
which may occur within the piece itself. 
The third advantage is usually construed as 
being a limitation to twelve notes to the octave, 
though a few more may be allowable if arranged 
with studied simplicity. It must be remem- 
bered that the limitation of the number of 
notes in the octave is desirable for various 
reasons. Thus, if too great intricacy is entered 
upon, there is difficulty not only in tuning and 
retuning, but in playing and also in writing 
and reading the music. 
Is there any inherent difficulty in simul. 
taneously satisfying the above three require. 
ments? To answer that we must find what 
they severally involve. 
It is found by experiment that pure con- 
cords necessitate simple ratios of frequencies; 
that is, ratios expressible by small whole 
numbers. This has led to what is called jU.'it 
intonation, in which the frequencies of the 
notes are as follows. Any departure from 
these precise relations impairs the purity of 
the concords. 


HelatiY
 }
4 27 80 82 86 40 45 48 
frequencIes 
Nate!'! C D E F G A B C' 
Intervals } 9/8 10/9 1û/15 9/8 ]() / f) 9/8 16/15 
as ratios 


In estimating the intervals by their ratios, 
that of the higher note to the lower is taken. 
The logarithms of tJU'se three sizes of intcrval1:; 
(which may he called the large tone, small tone, 
and semitoneì are rC'spectively 0,0.311525, 
0.04.3757.3, and 0.0280287. Or, if we take 


num bers of four figures 1Jroportional to the 
logarithms, we have for the. relative sizes of 
the three intervals of the just scale 5115, 
4376, and 2803. Now, if we repeah'd these 
intervals throughout the scale as given abo\Te, 
we should have the large tone occurring 
three times, the small tone twice, and the 
semi tone twice. This would give by addition 
a total number 30,103, to represent the interval 
of the whole octa\Te from C to C'. Hence, if 
the notes in the scale which give concords 
with C are to occur at certain of the natural 
equal steps in a ladder throughout the octave, 
such a ladder would need over thirty thousand 
steps. And yet this. as we have seen, would 
be only an approximation to absolute truth. 
But, for free modulation, we need to be 
able from any note to proceed by any interval 
of the scale. Further, all possible modulations 
must be linked up so that sharpened notes 
at some point or other coalesce with other 
flattened notes. Hence, for exactness, every 
step in the 30,103 would have to be provided, 
for no smaller numbers express the same ratios. 
Thus, in the inevitable nature of things, the 
intonation which satisfies the first and second 
requirements fails utterly at the third require. 
ment of practical convenience. Or we might 
equaUy say that what satisfies the first when 
limited to twelve notes in the octave, fails 
utterly to comply with the second. 
Another and more practical way of regarding 
the matter is from the point of view of the 
violinist or violoncello player. Let two such 
players tune a certain string of each instru- 
ment to unison, and let one player sound 
that whole string while the other plays upon 
such a portion of that string as to give pure 
concords with the other. Thus, one might 
hold the keynote of a scale while the other in 
turn sounds the other notes of the scale. Let 
the exact stops (or positions of finger) on the 
string be marked. Then it would he found 
that they do not fall in with any simple sub- 
division 
of the octave into any small number 
of steps corresponding to equal intervals. 
Such eq ual intervals would be obtained on 
shortening the string by thp same frartion of 
its then sounding length when proceeding to 
each new stop. Here lies the root difficulty of 
the whole problem. And it is impossible to 
remove it. \Ve can but bow to it and do the 
best that is possible under the circumstances. 
Yet another way of emphasising the diffi- 
culty and illustrating its inevitableness is as 
follows: Pass up from a given note, say 100 
per second, in three ways, namely, by octaves, 
by fifths, and by major thirds. Then we obtain 
the following three series : 


By octaves 
By fifths 
By major thirds . 


100, 
OO. 400, 800, WoO, etc. 
1uO, 1fiO, 225, 337!, etc. 
100, 125, 15ül, etc. 
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This at once shows that, in just intonat
on, 
no number of ascpnts ùy fifths or by major 
thirds wiiI ever equal any other number of 
ascents by octaves, for the last immediately 
brings us to even hundreds, while the former 
two lead to odd numbers and fractions. In 
other word
, the numbers concerned in these 
ratios (2, 3. and 3) are prime to one another. 
It is therefore clear that e\ ery practical 
solution of the problem must be a compromise, 
some desirable exactness of concord being 
sacrificed for the 
ake of simplicity and con- 
venience. Anù the way to find such practical 
solutions or temperaments is to seek some 
smaller number of steps in the octave such 
that certain exact numbers of them will gi\ye 
for each note of the scale a tolerable approxi- 
mation to the concord sought. In all such 
cases the octave relation must bo retained 
inviolate: for it is more sensitive to mistuning 
than any other interval (except the unison). 

 (6) THE CHIEF TE:\IPER.UIE
TS.-Such a 
system as described above is called a tempera- 
ment, because in it oertain intervals are 
purposely tempered or made to lose some 
accuracy of tuning in order to meet the 
requirements of practical convenience and 
allow of free modulation "ith fewer notes. 
The only temperaments that ha\ye enjoyed 
any great vogue hitherto are the rilean-tone anù 
the equal tempem:nent. But it seems desirable 
to notice briefly two others, viz. Bosanquet"s 
Cycle of Fiftv-4.:hree anù 'Yoolhouse's Cvcle 
of Kineteen, 
s the comparison of the four 
places the whole subject in a clearer light. 
(i.) Bosanquet's Cycle oJ Fífty-three.-This 
temperament is as near an approach to just 
intonation as could be demanded from any 
instrument "ith fixed kevs. It retains a 
diatonio semitone exceeding 'the half of a tone, 
and even distinguishes between the large and 
small tones of the diatonic scale. As its 
name implies, it dhTides the octave into 53 
equal parts or steps. It allots 9 of them to 
the large tone, 8 to the small tone, and 3 to 
the diatonic semitone. Its departures from 
the just intonation do not reach the hundredth 
of a tone, hence all the concords ma V be 
regarded as true. Its great fault lies 'here, 
two new notes are needed for each change of 
key to the next sharp or fiat remo\ye. This 
is due to the retention of the large and small 
tones (9 steps and 8 steps). X ow from C to D 
the interval must be 9 steps for the key of C, 
but from G to A (for the key of C) the inten
al 
must be 8 steps. Thus, when passing to the 
key of G, we require 9 steps from G to A (in 
order to reproduce here the old interval C to 
D, between the keynote of a scale and its 
second note). Hen
e the first sharp remove 
from C to G involves a slightly-sharpened A as 
well as the usual F::. Hence the first step 
to\\ ardd simplicity is to drop the distinction 


between largo and small tones as in the 
temperament to be noticed next. 
(li.) Jlean-tolle.-The mean-tone, as its name 
implies, uso
 one size of tone only, but makes 
it the mean of the large and small tones 
required by the just intonation. Thus, the 
interval C to E is made quite true on the 
mean-tone temperament, but is di\'ided into 
two equal mean-tones. This puts the fifths 
(and fourths) slightly out of tune. For, as 
we have already seen, just major trurds never 
repeat so as to build up any number of just 
fifths. Also, since the fourth is the difference 
of an octave and a fifth, it is disturbed also. 
Still the harmony of the mean-tone was found 
to be "onderfully good and was preserved 
on organs for many years. It presented the 
signal advantage that only one new note \\ as 
needed for each remove. The objection that 
drove it out of use was the fact that it still 
req uired so many notes to the octa \'e for free 
modulation into anv and every key. This 
was due to the retention of a diatonic semi- 
tone about three-fifths of the tone. Thus, a 
sharpened note really differed from that 
derived by flattening the note above. Hence 
to hear the mean-tone properly all these 
separate sharps and flats must be provided. 
But this was never done, its necessity being 
apparently only imperfectly understood. To 
realise the number of notes needed to render 
the mean-tone, we may note that Huygens's 
Cycle of Thirty-one is practically in agreement 
with it. Thus 31 notes to the octave are 
needed to give free modulation in the mean- 
tone, or in what is practically equivalent to 
it. This cycle allots 3 steps to each tone and 
3 steps to the diatonic semitone, leaving 2 
steps for a chromatic semitone. 'Yhen organs 
\\ith only five black digitals to the octave 
were tuned to mean-tone, only five keys could 
be played in beside the natural key of C. 
'''hen the attempt to play in other keys \\ as 
insisted upon, then notes tuned as sharps 
were used when flats were really needed, or 
vice versa, and disaster followed. But thirty- 
one notes to the octa\ye are too many to expect 
on an organ and were probably never provided. 
Hence the mean-tone has not been really 
offered alon a "ith free modulation. 
(ill.) JroolJwZlse'.., Cycle of Sineteen. - The 
next thing is obviously to reduce the number of 
steps in the octave while retaining, if possible, 
the diatonic semitone greater than half a 
tone as it should be. This was done in the 
proposal of 'Yoolhouse to divide the octave 
into 19 steps, allotting 3 steps to each tone 
and 2 steps to each (liatonic semitone. The 
first question to be asked is as to tho 
approximation to just intonation which this 
cyclp offers as regards the thirds and fifths, 
J t is found to be nearly as good as the mean- 
tone, having true minor thirds and major 
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sixths, the fifths and fourths being a little 
out of tune. It is to be specially noticed I 
that th
 sharps and flats of this temperament 
differ not in name only but in tuning. Further, 
that with nineteen notes in the octave modu- 
lation is quite unrestricted. The notes are 


c 


F 


8 


FIG. l.-Woolhouse's Cycle of Xinetcell. 


shuwn to scale in Fig. 1. \Yith this cycle it 
would be possible to play in the extreme keys 
B
" F
, G::, and D:: beside the usual 15 keys. 
For slow sustained music it should he easy 
enough to play on a keyboard arranged to 
sound this cycle. The present black digitals 
could be made with a front half (dull red, say) 


for the sharps and a back half (dull green, say) 
for the flats, then two shorter black digitals 
could be placed between :E and .If and between 
Band C. They would be the sharp of the 
lower note and the flat of the upper. 
(iv.) .Equal :Pemperament. - This familiar 
temperament makes the maximum sacrifice 
of harmony for the sake of free modulation 
with the minimum number of notes to the 
oet.ave, viz. 12. The semitones, "hether 
diatonic or chromatic, are just half the tunes, 
hence only 12 steps are IlC'eded. This tempera- 
ment makes the intprvals of the major third 
and major sixth much too large, thuse of the 
minor third and minor sixth much too smaJl. 
Hence the common chords in either mode 
are far from ideal. 
(v.) Comparison of Various Tef/zperaments 
with Just lntonation.-:\Iuch of what has pre- 
ceded on the different temperaments is com- 
pactly exhibited in the accompanying Table I. 


TABLE I 
CmEF MUSICAL TEi\IPERA::\:IENTS AND J-CST INTONATION 


Concorùs. Keys. X otf's. 
1 'i 
All 3 11 
true 12 
g 
Free Unlimited 
modulation number 
- 
31 11 
All 6 17 
practically 12 25* 
true 23 31* 
(51 in name) 
53* 53 
'rl'ue û 12 
major third 11 17 
Vf'ry good 2-l 30 
Illli,,"r third 31* 31* 
Hat her flat 6 12 
major third 
mill fifth 11 I, 
Trnf' minor 
thirfl 12 IR 
Second 
hetwt'pn ]0* 10 
Dan<I'D 
Vpry sharp 12 1
 
major third or 1,'j* ]:! 
sixth, and 
seventh or 20* I
 


1- Scalps, Intervals, Steps, and Errors. 
Xamf'S anù 
Steps. C. ! I I 
i D. E. F. G. A n. C. 
------ -- 
Just- I 
I Vibrations 2-1 27 30 32 36 40 45 48 
Intervals 0 l'O
 I 
13 2',W 3'51 4'42 5'44 6'00 
I 
------ -- 
Bosanq net's 0 1'02 1'02;' 2'49 3'51 4"415 5.434 6.00 
9, 8, 5, 9, 8., 9, 5 0 9 17 22 31 39 48 53 
= 53 steps I 
Errors 0'5b 0'5b 0'6b 
------ 
Hnygens's (I 0'9û5 1.93 2'52 3'48 4.45 5'41 Û.OO 
I (ulf'an-tone 
nearly) 
I ,'j, 5, 3, 5, 5, 5, 3 0 5 10 13 18 23 28 31 
=31 steps 
Errors 51, 3! 3b 31t 2!1 
I 
-- ----- -- 


Woolhouse's () 09,) 1'Sn.5 2'52d 3'4,4 4"-12 ,)'37 6 
3, 3, 2, 3, 3, 3, 2 1 0 3 6 8 11 14 17 19 
=19 steps 
I
 
Enol's 7 3'5b 3'û:r 3'ûb 
-- 
Equal 0 2 2-;} 3.;' 4'.1 [,.5 I û 
I 2, 2, I, 2, 2,2, 1 (I 2 4 5 7 9 11 12 
= 12 stf'IJs 
ErrOl s 2b 'ï:t 1ft Ib 

 Ii' 


* Ft'wpr Jlotf'S rf'lluirf'd for givt'n numlwr of kpys than Ulight han
 bel'n e:>.pected. 'flus is uecause in the full 
number of notes by wune some arð identical in pitch. 
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For the jU8t iiltanatiun the numbers of 
\Tibrati.ons in the same time are given for 
the 'Tarious notes of the scale. Then below 
follow the intervals up from C e)..pressed to 
the nearest hundredths of the equal tempera- 
ment tones. For the four temperaments 
which follow, the \ibrations are not gh-en, 
'JUt the intervals up from C are expressed 
})()th in equal tones and in the steps charac- 
teristic of the temperament in question. In 
a third line occur the errors of the tempera- 
ment from just intonation e)..pres8ed in 
hundredths of an equal tone. To gi,"e an 
idea what sort of interval this hundredth of 
a tone is. it mav be noted it is that between 
lengths 870 and 869 of a gi,-en stretched string. 
This may be realised in millimetres on a 
monochord. Again, to make clear ,\ hat the 
errors of a temperament mean when expressed 
as a change of stop on an instrument of the 
'Tiolin fa mil y, take \ Y oolhouse' s cycle and 
consider a 
olin string of .dbrati
g length 
13 inches (from bridge to nut). Then, if the 
open G string be taken as the keynote of a 
scale which is to be pla:red on that string 
alone, the lengths of \ibrating parts of string 
for just intonation and for \foolhouse's 
temperament are as follo\\ s : 


The reader may be here reminded that thÐ 
'Tarious in tprvals in Bosanq uet - s ('yc Ie of Fifty- 
three' are practÏC'ally indistinguishable from 
those of just intonation; they are accordingly 
omitted from the table entirely. 

 (7) HISTORIC-\L PITCHES.- \Yidely dif- 
ferent pitches have been adopted for the 
scales at yarious times and places and for 
distinct musical uses. A few typical }Jitches, 
ranging 0' er five centmies, are given in 
chronological order in the accompanying 
Table III. It "ill be seen from this that the 
church and chamber pitch began very high, 
fell, rose, and fell again. The representative 
European pitches remained "ith but small 
fluctuations for more than a century. The 
orchestral pitch, after remaining fairly steady 
for some time, rose to a climax, but a tendency 
to revert to a lower value showed itself 
 
lS96, and this low or fiat pitch is still often 
used. The pitches are specified by the 
frequency of the note A in the treble staff 
and also by the intervals in cents abo\e an 
imaginary lowest pitch. It ,\ill be seen from 
the column of cents that the whole range of 
church pitches in use covers se\en semitones of 
the equal tempered scale! The old European 
pitches, on the other hand, varied les:" than a 


X otE'S G. A. B. c. D. E. F:. G. 

 (Just 13 11.36 10.40 9.73 8.67 7.80 6.93 6 .50 inches 
S l W oolhouse 13 11.63 10.44 9.71 8.70 7-80 6-99 6.50 
Differences 0 0.09 0.04 0-04 0.03 0 0'00 0 
flat fiat sharp flat flat 


(As may be seen from the foregoing table 
of temperaments, violin players already depart 
more than this when adapting themselves 
to the equal temperament.) 
(vi.) Chief Intervals within an Octm'e.-In 
the accompan
ing Table II. are exhibited 
the chief intervals "ithin an octa\e. The 
first column gives the names of the intervals, 
the other four columns give their values 
classified under the \arious systems of tuning, 
viz. just intonation, mean-tone, \Yoolhouse's 
Cycle of Xineteen, and equal temperament. 
In the column for just intonation the \alues of 
the intervals are expressed both in cents (or 
hundredths of the semitone of equal tempera- 
ment) and in the ratio of frequencies of the 
higher to the lower tone of the inter\al. 
Thus, ior the major third. between the notes 
C and E, we ha,-e the interval expressed as 
::JS6 cents and also as ;,: 4. In the other 
columns the ratios are not gi,-en. as they would 
usually be cumbrous and of very little ,-alue. 
In the column for mean-tone, after the ,-alues 
of the intervals in cents. are inserted in round 

rackets the \alues for Huygens's Cycle of 
Thirty-one, "hich are \ery nearly the same. 


single semitonf'. The same remark applies to 
the modern orchestral pitches, but the lowest of 
these latter is above the highe;:;t of the former. 


II. PROP AG A TIOX OF SODSD 

 (8) SOURCE OF SOL'5D.-Sounds have their 
ongm in a rapid to-and-fro motion of some 
body. solid or fluid, which is then said to 
be in \ibration. This ,ibrating body may 
he the string of a harp, piano, or ,iolin. the 
column of air in an organ-pipe, flute, clarinet, 
or trumpet, the skin of a drum, the prong of a 
tuning-fork, or the sides of a church bell. 
In any of these cases the rapid to-and-fro 
motion thus started may spread by a wa ve- 
motion in the atmosphere somewhat as ripples 
spread on the surlace of still \\ ater on a pond 
round the spot where a stone fell in. Rut 
though there is a general resemblance between 
the two cases, sOllle contrasts need to be 
noticed. Thus, on the surface L)f "ater the 
spreading occurs in all horizontal directions 
from the central source of disturbance. Hence 
the ripples are circles. In the atmosphere (if 
unobstructed) the spreading is in all directions, 
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up and down as well as horizontal. In 
consequence, we have a spheri('(11 sound wa\ye 
Rpreading round its central source. Again, 
in the case of ripples on water, though the 
spreading is horizontal the to-and-fro motion 
of the water is partly up and down. But, 


Names of Interyals. 


Ellis'
 cent. 


Skhisma (2 cents 
nearly) 


Comma of Didymus 
(
2 cents nearly) 


Pythagorean comma 
(23 cents nearly) 


Step or smallest inter- 
val of cycle 


be rC'Íerred to here. The ripples are started by 
the stone itself; the sound waves often need the 
intervention of something else between them 
and the origin. Thus the string of a violin 
needs the bridge and belly of the instrument, 
otherwise no appreciable sound would be heard. 


CHIEF INTERVALS WITH
 AX OCTAVE 


TABLE II 


Just Intonation. 


Vahws of Intervals in various Systems. 


1/1200 of octave 


Excess of 8 fifths and 1 
major third over 5 
octaves = 1.953 cents 
Excess of 4 fifths over 2 
octaves and 1 major 
third =21.50G cents 
or 81 : 80 
Excess of 12 fifths over 
7 octaves =23.4G cents 


(For Bosanquet's cycle 
of 53 to octave = 
22-G415 cents) 


Cents 
f Dto D# 71 or 25: 24)""\ 
Chromatic semitone . \. 
l C to C# 92 or 135 : 1:.?8 , 
Diatonic semitonc 112 
f D to E 182 or 10: 9 } 
"Thole tone. t C to D 204 or 9 : 8 
Minor third C to E, 3lG or G: 5 
l\Iaj or third C to E 386 or 5 : 4 
Fourth C to F 498 or 4 : 3 
Tritone, F to B C to F
 590 or 45: 32 
Fifth C to G 702 or 3 : 2 
:\Iinor sixth C to At, 814 or 8: 5 
.Major sixth C to A 884 or 5: 3 
Harmonic sevcnth 1 
Minor seventh C to THJ 969 or 7: 4 , 
(Fourth +fourth) J -c to B'J 99G or 16 : {) , . 
Acute minor seventh C to BJ' 1018 or 9: 5 
(Fifth + minor third) 
Major seventh C to B 1088 or 15 : 8 
Octave C' to c 1200 or 2: 1 


Mean-tone. 


'Yoolhouse's ' Equal 
Cyclc of 1û. Temperamf'nt. 


One hundredth 
of semitone of 
which 12= an 
octa ve 
Practieally = 1/100 
tone 


Cents Cents 
(For Huygens's G3.157 100 
cycle of 31 to 
octavc=38.71 
cen ts) 
Cents 
7G.l (77.4*) (say) &3.lß 100 
117.1 (llG.l) 12G .31 100 
193.2 (193.5) 189.47 200 
310.3 (309'G8) 315-79 300 
386.3 (387'1) 378-94 400 
503.4 (503.23) 505.2G 500 
579.5 (580'G4) 5G8.37 (jOO 
69G.G (()9G.77) fi94.73 700 
813.7 (812.90) 757.R8 8(JO 
88!).7 (89()'32) 884.21 900 
100G.8 (1006.45) 1010.53 1000 
1082.9 (1083,87) 1073.69 1100 
1200 1200 1200 


· Numbcrs in ( ) refer to Huygcns's cycle of 31. 


in the case of sound in the air, while the waves 
of sound spread by advance along any and 
every straight line from the origin, the to-and- 
fro motion of the air at any point occurs woolly 
in tlte line along which the wave is there 
advancing. For this reason sound waves 
are said to be longitudinal. Thus, while the 
ripples in water show crests and troughR thp 
sound waves in air h:tve places of compression 
awl rarefaction. Yet a third contrast may 


Sounds may also advance by a wave motion 
through any other gases, through liquids (as 
the water of lakes or the open ocean), and 
through solids (as the crust of the earth itself). 
The speeds of sound in these different sub- 
stances will be different and will also vary 
slightly with the state of each 
ubstance. 
For mathematical and phYRical tn'atment 
of these cases see E. H. Barton's text-hook 
on Sound (London, 1922); J. 'V. Capstick's 
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Sound (('amb., 1913) ; or Alex. 'Y ood's Physical 
Bw;is of JI usic (('am b., 1913). A general 
account of the more important results is given 
in the folIo" ing articles. 

 (9) THEORETICAL SPEEDS OF SOUXD 
 
GA3ES.-It can be sho",'TI mathematically 


Further, in the case of sound in gases the 
elasticity in question is known to be its 
pressure (P) multiplied bv a factor (k) greater 
than unity. This factor (k) is the ratio of 
the two specific heats of the f!as under constant 
pressure and at constant volume respectively. 


TABLE III 
TYPIC-\.L PITCHES I
 CnRO"KOLOGTC
L ORDER 


Frequency of Treble .A 


I I Cf'nts 
Date. Church above Place. Instrument or Authorit
.. 
amI I European. I Orchestral. Lowest. , 
Chamber. 
I 
. . . . 3;0 . . 0 . . Imaginary lowest pitch to r( -ton 
I from 
13fH 50.').8 . . . . 541 Halberstadt Organ 
1511 3;7 . . . . 33 Heidelberg Arnold Schlick's low pitch 
1619 56;.3 . . . . 740 North German Church pitch 
1636 5U3.1 . . . . 7:W Paris J!ersenne's chamber pitch 
1640 457,6 . . . . 368 'ïenna Organ 
1648 ( 373.7 . . . . 17 Paris 
I l40
'9 . . . . 148 Pari" 
pinet 
16GG . . . . 437.1 289 ".orcester Cathedral organ (by Thomas and 
I Renatus Harris) 
1700 384-3 . . . . 66 Lille Old fork 
1751 . . 4
:?'5 . . 230 England Handel's fork 
1754 . . 41':; . . 199 Dresden Organ 
I 1776 414.4 . . . . 196 Breslau Cia, ichord 
1788 . . 4D.8 . . 2':;1 Windsor St. George's Chapel organ (meac:;ured 
by Ellis, Feb. 1880, \\ hile still in 
mean-tone) 
1810 . . 430 . . 260 Paris Fork 
1820 . . 422-5 . . 
30 "T estminster Abbey organ 
18
4 . . 423.8 . . 2t3 Paris Opera pitch 
I 1828 . . 433-2 . . 273 London SirG. Smart's own philharmonic fork 
I 1854 398.7 . . . . 129 Lille Old organ 
1836 . . . . 4t.:; -8 323 Paris Opera 
I 1859 . . . . 437 288 Toulouse Conserva toire 
I { 422.5 . . 230 England l'ur\\en's " Tonic Sol-Fa," C=.307 
1877 . . 444-6 318 London St. Paul's Organ 
. . 
I , 436 .1 . . 28':; London Fork to " hich organ tuned at 
H.Jl. Theatre 
1878 . . 
l 441.2 305 London Covent Garden Opera . 
. . 
. . 452.9 350 London Kneller Hall Jlilitary School (high 
pitch or old philharmonic) EO = 
I 479.3 at 60 0 F. 
I 1879 . . . . 455.3 359 London Erard's concert pitch 
1880 . . . . 460.8 380 L.S.A. Highest Xe\\ York pitch 
I 188.3 . . . . 4':;
 346 London International Exhibition of Im-en- 
tion and ::\lusic 
I ]b96 . . . . 439 297 London Low pitch or new philharmonic 
i B? 465, C 522 ; all at 60 0 F. 
. 


that the speed of a wave motion in any suit- 
able ela<;tic medium is the square root of 
the quotient-elasticity concerned divided by 
den.sity. Thus, if v is the speed of sound in 
a gas whose appropriate elasticity is E and 
density D, "e haye the relation 1 


v= 
/ (
). 


1 See" Vibrations of Air." 


(1) 


Its exact value depends upon the number of 
atoms in the molecules of the gas. It 
approaches 5/3 for a monatonic gas or vapour 
(e.g. argon or mercury vapour), it is about 
,12 for a gas with diatomic molecules, and is 
about 5/4 for gases \\ ith triatomic molecules. 
Thus for air k = 1.408 and for steam 1.20 nearly. 
Thus, if we now write U for the volume of the · 
gas per unit mass (this quantity being the 
reciprocal of the density), equation (I) becomes 
v= ,'(kPC). (2) 
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For moderate changes of temperature thi
 
becomes 


In using theRe equations to obtain numerical 
vahl('s for any gas in a specified state, the units 
used must be in agreement and on some 
definite system. Thus, if the speed is required 
in centimetres per second, the pressure P 
must be in dynes 1 per square centimctre and 
the density D in grams per cubic centimetre 
(or its reciprocal U in cubic centimetres per 
gram). If the speed is required in feet per 
second, the change could be effected by divid- 
ing the previous result by 30.48 (the number 
of centimetres in a foot); or, one might 
begin by putting the pressure in poundals 2 
per square foot and the density in lbs. per 
eu bic foot and so get the result direct in feet 
per second. The ratio k is a pure number and 
has no units. It remains, therefore, the same 
whatever system of units is in use. 
Example.- To find, in cm. per second, the 
speed of sound in dry air at 0 0 C. at a baro- 
metric pressure due to 76 cm. of mercury 
(of density 13.6), the density of the air then 
being 0.00129 gm. per c.c. and the value of 
k being 1.408. Then we have 
v= .J(1'408 x 76 x 13'6 x 981-:-0'00129) 
= 33,265 cm. per sec. nearly. (2a) 
Effect of JJI oisture.- The ratio of the specific 
heats in water vapour is about 1.26 and its 
density is 5/8 that of dry air at the same 
pressure and temperature. Hence kP/D for 
water vapour has a value 1.43 times that for 
air at same pressure and temperature. The 
speed of sound in air is accordingly increased 
by the presence of moisture. This increase 
d
pends on the amount of water vapour pre- 
sent, and may amount to about two-thirds of 
a metre per second. 

 (10) SPEED AFFECTED BY TEMPERATURE 
BUT NOT USUALLY BY PRESS1'RE.-By Boyle's 
law the product of pressure and constant 
volume of a given mass of gas is constant for 
temperature. Hence we see from the form of 
equation (2) that the speed of sound in a gas 
is constant if the temperature be constant, v..'lwtever 
the pressure may be \\ithin ordinary limits. 3 
For if P increases U correspondingly decreases 
so as to kepp the product PU constant. But 
if the temperature rises, then the value of 
PU increases bY"2"+-:r of its value at 0 0 C. for 
every JO C. rise of temperature. Thus, if 'l' 
is the speed of sound at to C., V O that at 0 0 C., 
and (PU)o is the value of the product at 0 0 C., 
we may rewrite (2) in the form 
v 2 =k(PU)o(1 +2
3) =1'0 2 (1 +2
3)' (3) 


1 At the sea-leyel in London, one gram .weighs 
about 081 dJ/1!P1? 
2 0\ t the sea-ten'l in London, one pound wdghs 
ahout 32-2 poundfll.c;. 
3 Koeh in H)()j 
how('d that in air at 0 0 , hnt unller 

5 atmosphf'rcs pressnrf', thf' speed of Honnel was 
1'008 timcs that in air under atmospheric pressure. 


V=t'O(1 + 5
6 ) nearly. 


(4) 


Thus for sound in air, if we take 33,200 cm./sec. 
for'L'o' we have 


v= (33,200 + 6lt) cm./
ec. nearly.. (,j) 
The equivalent approximate formula in feet 
per second is 


v=(1089 +2t) ft./sec. nearly, 


. (6) 


if the temperature be measured in degrees 
Centigrade
 

 (11) THEORETICAL SPEEDS OF SOUND IN 
LIQUIDs.-In the case of liquids the wave 
motion of sound is 
till a longitudinal one, a:::! 
in the case of gases. The elasticity called into 
play is also, as in gases, the volume elasticity 
or bulk modulus. But it is no longer easily 
obtained from the pressure, as for gases. On 
the contrary, the elasticity for a liquid must be 
found for each case from the experiments 
on it that have been made by recognised 
workers in this domain. Let the value of 
this elasticity be denoted by K for a given 
state of some liquid, and let :\1 denote its 
reciprocal called the compressibility, then 
we have for the s!Jeed of sound
 in the liquid 
the equation 
v= \1 (
) = \1 (

 ), . (7) 


where D is the density of the liquid. 
Often, in tables on the subject, the com- 
pressibility of liquids is given. Thus for water 
at 1-23 atmospheres pressure and 15 0 c. 
Amagat found the compressibility to be 
48.9 x 10 12 for an increase of pressure of one 
dyne per sq. cm. The density of water at 
15 0 C. is 0.99912 gm. per c.c. Thus the value 
of the speed of sound in it would be given by 


VIS = J (48'9 


 
9912) 
= 143,166 em./sec. nearly. (7a) 
If the density be taken at 8 0 C. as 0.9999 gm. 
per c.c. and the elasticity be supposed to 
remain practically constant, we should have 


v
 ,I (48 '9 
0

9 999) 
= 143,000 cm./sec. I
early. (7b) 


It may he seen that although the much greater 
density of water than air tends to le
sen the 
spp('d of sound in it, the still greater disparity 
of their elasticities overcomes that drawback. 
Thus the speed of sound in water is over 
four times that in air. 
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 (12) THEORETICAL SPEED OF SOrXD I
 
SOLIDS.-Suppose first that the solid is only a 
rod, and therefore quite free to shrink later- 
ally where stretched and to bulge wherc 
compressed lengtln-dse. Then if Y denotes 
the value of Young's modulus 1 for the 
material of the rod and D its density, we have 
the follO\\ing expression for the speed of 
sound in it : 
For a solid rod, I y 
t'= '\ (D)' (8) 


As an example consider brass, for which 
Y = 10 12 dynes per sq. cm. and D =8.4 gm. per 
c.c. ll{\arly. Then 
v= ,/(10 12 -;-8'4) 
= 3-13,033 cm./sec. nearly, (8a) 
or o\"er ten times the speed in air. 
For an extended solid like the crust of the 
earth, where there i
 no freedom for bulging 
sideways at places compressed end" ise, a 
quite different relation holds. In this case 
let K be the bulk modulus or rolume elasticity 
and N the rigidity (or shape elasticity). Then 
the expression for the speed of sound takes 
the furm : 
For an extended solid, 


'= /( K+!N ) 
v \ D' 


Suppose an extended mass of brass existed, 
and let it be req uired to find the speed of 
sound in it. Then, taking the value of K 
to be 10.63 x lOll and X to be 3.5 x lOll, each 
in dynes per sq. em., we obtain 
v= ,/{(10.65 + Jl)IOll-;-8'4} 
=427,031 cm.jsec. nearly. (9a) 
It may be noticed that the value of the 
speed for the extended solid is in this case 
nearl:v 5 .1 of that in a rod of the same material. 

 (13) EXPERHIEXT_-\.L DETER:\n
ATIO
S OF 
SPEED OF SOBSD IX AIR. PARIS, 1738.-The 
earliest exact determination of the speed of 
sound in the open air seems to have been made 
in I ï38 by members of the Paris Academy. 
The stations used were the observatory at 
Paris, )lontmartre, Fontenav-aux-Roses: and 
)Iontlh6ry, involving a total 'distance of about 
18 miles. The experiments were made at 
night by firing cannons alternately at the 
two end stations. The calculations depended 
upon seeinj! the flash and hearing the report 
at the other stations. Then the distance in 
question divided by the time elapsed between 
the receipts of the flash and the report gare 
the first rough value for the speed sought. 
The time required by light to cover this 
1 Thi.., i" the qnoti{'nt of stretching force p{'r unit 
area divided by elongation per unit lenoth. ::;ee also 
i' Vibrations of 3. Rod." '" 


(9) 


distance is justly neglected, since the speed 
of light is about 18ß,OOU miles per second. 
The experiments were continued for some 
time under different conditions of the atmo- 
sphere a.s to v.ind, temperature, barometric 
and hygrometric states. 
The conclusions arrived at from these 
investigations may be stated as follo\\s : 
. (i.) The speed of sound is independent of 
aIr pressure. 
(Ii.) It increal:!es with the temperature of 
the air. 
(iü.) It appeared to be the same at each 
distance from the source. 
(iv.) The speed of sound "ith the "ind i
 
the sum, and against it is the difference, of 
the speeds of sound and of the "ind. 
(v.) The speed of sound in still dry air at 
0 0 C. (deduced by Le Roux from above experi- 
ments) is 33
 metres per second. 
Four of the above conclusions hare been 
confirmed by other workers at various 
times and places and under very diverse 
conditions. 

 (14) SPEED OF SorXD IX AIR I
CRE...\SES 
WITH IXTEXSITY.
 The one conclusion that 
cannot be accepted to-day for ordinary 
conditions is the third. This would make it 
appear that the speed of sound is independent 
of the intensity. It might not have varied 
appreciably in the experiments in question 
so far as the stations used permitted an 
3nalysis of the matter. But it is now kno\\ n 
that "ith sufficiently great intensities the 
speed is appreciably increased. This was 
shown in 186-1 by RegnauIt at Yersailles 
by experiments in the open air, two distances, 
1280 and 2-1-1.3 met.res, being used, and reciprocal 
firing of guns adopted. The instants of firing 
and of receipt of the 
ound "ere electrically 
recorded, and the follm\'ing results were 
obtained: 


For the distance of 1280 metres, vo=33}'37 m. per sec. 
For that of 2445 metres, vo=330'j m. per sec. 


Hence by these experiments it is shown that 
nearer the gun, \\ here the sound is more 
intense, the speed is slightly greater. This 
is in accord with theory. For when the 
sounds are suffieiently intense the tempera- 
ture in the compressions is appreciably raised, 
and the speed increased accordingly 
This increase of speed "ith intensity of 
t.he sound is well shown by the photographs 
of bullets in ft.ight. due to Professur C. V. 
Boys, taken in London in ISU2 (see Fig. 2). 
If a projectilc mores much quicker than the 
normal speed of sound, the air in front of its 
nose is highly compressed and so heated 
until the appropriate speed of sound is that of 
the bullet.. So then the bullet has in front 
of it and round its sides a shell of compressed 
air like the breast wave round a swan WhCIl 
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advancing in still water. In each case, the 
quicker the motion of the object through the 
medium the sharper will be the advancing 
nose of the wave. Further, in each case, 
the relation of the speed of the mo"ing object 


\ 


......... 


FIG. 2.-Boys's Photograph of Bullet in Flight. 


to that of the normal waves in the medium 
can be ascertained from the geometry of the 
breast wave. 

 (15) EXPERDIENTAL DETERMINATION OF 
SPEED OF SOU.ND IN 'V ATER.- The classic 
experiments on the speed of sound in water are 
those by Colladon and Sturm carried out in 
1826 in the Lake of Geneva. The stations 
were t,vo boats moored at a measured distance 
apart. From one a hell hung in the lake and 
was sounded by a lever whose upper end by 
the same motion fired some gunpowder, thus 
signalling to the other boat the instant when 
the sound started. The sound travelling 
through the water was received at the other 
boat by a funnel whose mouth was below in 
the water and upper end applied to the 
observer's ear. The mean temperature ,v
s 
estimated as 8 0 .1 C., and the speed found 
was 1435 metres per second. 
It may be noticed that the theoretical result 
calculated earlier is in fair agreement with 
this, especially when it is considered that the 
water in the open lake must be very different 
from that experimented upon in the laboratory 
for its compressibility. 

 (16) SPEED OF SOUND IN 'VATER INCREASES 
WITH INTEXSITY.- Threlfall and Adair pu b- 
lished in 1889 their experiments on the 
speeds of sound-waves from explosions under 
water in Port Jackson harbour, Australia. 
Charges of gun -cotton were used; the firing 
was electrical and gave a signal on a cluono- 
graph, on which also was recorded the instant 


when the sound reached an india-rubber 
diaphragm immersed at the far station 150 
metres or more distant. The normal speed 
for feeble sounds in the water was calculated 
to be about 1500 metres per second; the 
o bserved speed of the explosion 
" a ve from 9 oz. of gun -cotton 
was 1732 m.fsec., and from 
ü-! oz. of gun - cotton was 2013 
1ll./sec. 

 (17) EXPERIl\IENTAL DETER- 

IINATION OF SPEED OF SOUND 
IX IRox.-For'this purpose Riot 
used 376 cast-iron pipes "ith a 
total length exceeding 930 metres. 
A bell at one end was struck and 
its sound travelled through the 
iron walls of the pi pm as well as 
through the air inside them. At 
the far end the sound through 
the iron was received first and 
that through the air arri ved at a 
measurable time, t seconds, later. 
Hence, if the total length of the 
pipes is L cm., the speed of 
sound in cast-iron u cm.fsec., 
and that in the air inside the 
pipes v cm.fsec., we have for 
the times of travel through air 
and through iron Lfv and L{u respectively. 
But their difference is t. Thus 


L L 
- - - = t, 
v u 


whence 


L'l.1 

t= -. 
L-vt 


The value thus found for cast-iron was about 
350,000 cm.fsec. or 3500 metrcs/sec. 

 (18) REGNAULT'S DETER:\UNATION WITH 
ROUGH PIPE
.-This determination was the 
result of an elaborate set of experiments 
carried out with the water-pipes newly laid 
in Paris in 18ü2-63. A pistol, explosions, and 
musical instruments were used as sources of 
sound, the method of measuring time being 
electrical. The shot broke that part of an 
electrical circuit just in front of the pistol, 
thus causing a shift of the mark traced on a 
smoked rotating drum. This shift registered 
the start of the sound on its course along the 
air inside the pipes. The sound on reaching 
the far end of the pipe moved a very fine 
mem hrane. This made an electric contact 
and so completed a circuit, thus causing the 
reversed shift of the mark on the drum. 
Side by side with this mark were (I) a set of 
dots indicating seconds given by a pendulum, 
and (2) a wavy trace due to a tuning-furk. 
Thus the time elapsing between the !:!tart and 
arrival of the 
ound (correspond.ing to the 
length on the mark hetween the first and final 
shifts) was measured in seconds by the dots 
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and in thousandths of a second by the wavy 
trace. Regnault tried to allow for the time 
lag of the membrane, which was greater for 
feehler sounds. The length of the pipe 
didded by the correct time gave a quotient 
which represented the speed of the sound under 
the experimental conditions. The pistol was 
inserted at the beginning of the pipe, "hic3 was 
there dosed by a disc, and the far end was 
dosed by the membrane. Thus the sound 
could pass to and fro several times, suffering 
partial reflections at the ends. Pipes of three 
diameters were used and a number of lengths 
tested. The variations of speed with length 
and diameter are shown in the accompanying 
graphs of Fig. 3. 
From these curves it may be seen (I) that the 
speed of sound tends to a lower limit" hen very 
feeble owing to the great distance traversed, 
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FIG. 3.-Regnault's Speeds in Pipes. 


and (2) that this limiting speed is greater in 
"ide pipes than in narrow ones. Regnault 
considered that in the pipe of 1.1 metre 
diameter its Elides were practically uithout 
effect. He therefore gave 330.6 metres per 
second as the speed of sound in air at 0 0 C. 
in an infinitely wide pipe (or, by taking the 
sound in its feeblest state, 330.3 m.fsec.). 
The humidity of the air in these experiments 
on pipes waR observed and corrected for. 
Rink by a spedal analysis of Regnault's 
resuìts deduced the value 330..) m.fsec. for 
the speed of sound through air in a pipe 1.1 
metre diameter. 
In other experiments Regnault failed to 
detect any difference in the speed of sound, 
altholigh the pressure was increased to more 
than five times its first value (viz. from 247 to 
1267 mm. of mercury). 
'TioUe and Vautier, in 190.3, by experiments 
on pipes, found that within the range of 
frequencies from about 32 to 6-10 vibrations 
per second the speed of sound in air does not 
change by one-tenth per cent. 

 (19) BLAIKLEY'S DETER
TIX -\.TIO
 W1TH 
S
l()OTII PIPES.- This account of researches 
in the speed of sound through air in smooth 
hras
 tuhes was published by D. .J, Blaikley 
in 1t)83-8-!. He felt that in any open-air 
VOL. IV 


experiments the results were usually vitiated 
by uncertainties as to mean temperature 
and hygrometric state of the air over the 
range in use, Further, hf" noticed that in 
Regnau]t's experiments with pipes the df"crease 
of speed there found would, if extended to 
the diametels used in brass instruments (in 
"hich Blaikley ,\ as specially interested), lead 
to smaller valuea than those actually ex- 
perienced. This discrepancy is attributed to 
the roughness of Regnault's pipes. Blaikley 
also feared that the. membrane used by 
Regnault might lead him to an underestima- 
tion of the speed, and this surmise \\ as then 
supported by special experiments. Dulong, 
in 1829, had estimated the speed of sound by 
experiments on organ-pipes specially chosen 
as giving a tone of good musical quality. To 
this Blaih.ley objected, because such a tone 
consists of the prime (or fundamental) ac- 
companied by a retinue of fainter overtones 
of frequencies double, treble, quadruple, etc. 
that of the prime. Now these overtones, when 
elicited separately. have frequencies slightly 
different in value from the exact double, 
treble, etc. of the prime frequency. Then, 
on blowing the pipe, these naturally in- 
harmonious overtones are forced into the 
strict relation to the prime expressed by the 
ratio numbers 2, 3. 4, etc. But this forcing 
into tune of the overtones and their prime does 
not operate solely by changing the overtones, 
but also may slightly disturb tlle prime 2'tself in 
arriving at the requisite adjustment. The 
prime tone is in consequence slightly different 
in pitch from that which, ,\ithout such 
constraint, corresponds to the true speed of 
sound and the wave-length under considera- 
tion. Hence, from the length of the pipe 
and this constrained pitch a ,itiated speed of 
sound "ould be inferred. 
In view of the above criticisms Blaikley 
preferred to experiment with a special form 
of pipe which resembled the glass chimney of 
an oil lamp instead of being parallel throughout 
as is an ordinary organ-pipe. That is to say, 
the pipe used has a bulb or pear - shaped 
portion in the first quarter wave-length near 
the mouth. Beyond the bulb there "as a 
considerable length of parallel cylindrical 
pipe in which worked a sliding plug. This 
pipe, when blown, gave the fundamental or 
prime tone alone. Consequently its pitch 
was not disturbed by being blo" n into tune 
with any overtones, as these were entirely 
absent. The blast was obtained from a fan, 
the wind from which passed a regulating 
bellows. The bellows pressure was 2.5 inches 
of water column, and that in the mouth less 
than 0.1 inch of ,\ ater, much under the lowest 
which Regnault had found to alter the speed. 
Both the temperature and humidity of the 
air were observed. The pitch was taken from 
2y 
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a Koenig fork of 236 vibrations per second 
and the pipes were set to give a beating 
rate of about four per second, the lengths 
being gauged by standard rods and a micro- 
meter. 
Experiments were made with smooth brass 
tubes of five sizes, the frequencies of the tones 
ranging from about 131 to 323 per second. 
The results are shown in Table IV. 
Blaikley's values show that the diminution 
of speed is proportional to the reciprocal of 
the diameter of the pipe. They also favour 
the view that it is proportional to the reciprocal 
of the square root of the frequency of the tone 
sounded in the pipe. 
Blaikley applied to the above mean values 


obtaineJ in Paris (a) in the opf'n air and (b) as 
deduced from pipes. 

 (20) HEBB'S TELEPHONE l\IETHOD FOR 
SPEED OF Sou:r-;-D.-In 1904 T. C. Hebb made 
a very careful determination of the speed of 
sound in air by use of parabolic reflectors and 
telephones. Ko pipes were used, as they \\ere 
regardC'd as introducing complications. _\11 
long-distance methods were objected to on 
the foHowing grounds: 
(a) '"Tery loud sounds must be useà, 80 
possibly involving a different speed near the 
source. 
(b) It. is almost impossible to correct accu- 
rately for wind, temperature, and humidity 
over long ranges. 


BLAIKLEY'S SPEEDS OF SOUND FOR DRY Am AT 0 0 C. IN BRASS TUBES 


TAB1.E IV 


: I 
Diameters of Tubes. 11.43 mm. 19.05 mm. 31'71 mm. 52.91 mm. 88.19 mm. 
3
4';;:

 3
7 .09 3
8'72 329.90 330.29 

 en . 
....;.;>":j 324.234 327.14 328.74 329.84 330-4ü 
o ..... ...... 


õ . . 326.98 328-78 329 -84 330-02 
E I:,) 

.
 55 . . 326.70 328.72 329.70 329.72 
a I:,) s... 327 -09 328.72 3:W'95 329.m} 
o ç:.. I:,) . . 
U1 
 0... 
<+-I Co) r11 . . 32ü -ü9 328.89 3
9'80 330.41 
0 Q :l) 326.99 328.76 329.53 330,09 
...., s... . . 

 ,.. 
 
rzj 
 Co) 326.79 328 -84 329.5ü 330.06 
?3 s.. S . . 
ç:..Co)..... . . 3:W-70 328.84 329'ü5 330-10 
U1 U1.
 326.85 328.83 329.48 330.:!O 
. . 
Mean speeds for each m./sec. m./sec. m./sec. m./'ðec. m./sec. 
diamcter 324.383 3:W.90 328.78 329.72 330.134 
I 
I (Probable errors of ) 
I m./sec. m./sec. m./scc. m./scc. 
mean speeds, added f . . i: 0.037 :t 0.013 i: 0.033 :t O.04ü 
by \vriter in 1921) . 


(The probablc errors were not given by Blaikley hill1
df, but have 1wen added for the present work to 
show how accurate this in vestigation is and how closely it Illay be trusted. Ii the probable error be both 
added to and t:tken from the mean value to whi('h it applies, limits will be obtained betwecn which the true 
value is as likely to lie as to be outside of them.) 


of t he speed for each sized pipe a modification 
of Helmholtz's formula in order to calculate 
the speed of sound in free air. He thus 
deduced the mean value 
'l'o=331'676 metres per second 
as his final determination for the speed of 
sounds of feeble intensity in dry open air 
at 0 0 C. (To this we might now add a probable 
error of i: 0.04 m./sec.) 
The corresponding value for the ratio of 
specific heats for dry air was k = 1.4036. 
For purposes of application to brass instru- 
ments this investigation must be regarded as 
the standard of appeal, since it .was (,htained 
by direct use of such tubes. Further, the 
speed deduced for the open air, though 
obtained indirectly, must be regarded as of 
extremely high value. It is seen to lie 
vet ween the two values already quoted, as 


(c) The lag (or personal equation), either of a 
human operator or of some recorùing device, 
is involved. 
In accordance with these principles a novel 
method was adopted by which it was hoped 
all the above drawbacks could be obviated. 
The experiments were carried out in a room 
120 feet long, with a whistle as the source of 
f;ound and blown so steadily as to maintain 
its frequency to an accuracy of 1 in 5000. 
This source was placed at the focus of a 
parabolic mirror made of plastC'r of Paris. 
From the mirror proceeded a parallel beam 
of sound waves along the roum to a second 
similar mirror which converged them to its 
focus. At the source of sound was a tekphone 
transmitter connected to a battery, and to 
one of two prÙJtaries of a special induction 
coil. At the focns of the spcond mirror was 
another Himilar tclephone transmitter, also 



SOUKD 


691 


connected to a h:l.ttery and to the other primary 
of the inductio!l coil. The secondary of thi-.: 
induction coil was connected to a telephone 
receirer. Suppose the wrustle to be sounding 
and the mÌ1T0rs to be such a distance apart 
that the sound heard from the telephone 
receiver is a maximum. Then the effects 
of the two primaries of the induction coil 
must be in such relation as to make their 
combination most po" erful, i.e. their vibra- 
tions are in the same phase and so are mutually 
helpful. Sow let the distance betwpen the 


The length L is called the u'are-length in air 
of the sound used. And it may be seen that 
it is on changing the distance bet ween the 
mirrors by half the u'a
'e-length that we change 
the effects of the two primaries from the 
complete additi,e to the complete subtractive 
relation, and so change the result heard from 
maximum to minimum. Hence, by locating 
a number of successi,.e maÀima and minima 
the wa '
e - length L was found. In this 
determination an accuracy of about one in a 
thousand was reached. 


SPEEDS OF SO
D 
 Y \RIOUS .MEDIA 


TABLE V 


)!edium. Condition. 
peed. Determined by, I 
Gases. )Ietres per second. 
Open air Still and dry at 0 0 C. 327 I Paris Academy in 1738 I 
: 
" " " 332 Pari,; Academy and Le Roux I 
I 331.2 Bureau des Longitudes, 1822 
I " " " 
I " o,-er 1280 metres " " 331.37 "' Regnault, 18G4, i.e. inten
e 
I " 24.t5 metre" " " 330.7 J sounds slightly faster 
Air in rough pipes 1.1 metre 
: diamett'r " " 330.G-330.3 Regna ult, 18fJ2-U3 
I Air in smooth pipes 88 mm. 
I diameter 330-13 "' 
" " Blaikley, 1883-84 
I Open air (inferred) " " 331.67G J 
Open air (inferred) " " 331-1 Yiolle and Ya utier, 188
 
, Air in laboratory. " " :
31.29:f- 0.04 Hebb, 1904 
Dry air free from CO 2 " " 331.92 :t 0.03 Thiesen, 1908 
Dry air . " " 330'
3 Esclangon, 1918 
I 
! Liquids. 
Frer,h water (Lake Geneva) 8 0 C. 1435 Colladon and Sturm, 18
ü 
Sea water (ð.plosions from 9 
oz. gun-cotton). ( 18 0 C. 1732 1 
, Sea wa ter (explosions from l J Threlfall and Adair, 1889 
I 64 oz. gun-cotton) 18 0 C. 2013 
I Sea \\ a ter 14 _50 C. 1503.5 )Iarti, 1919 
Solids. I 
Brass in bulk . . 4270 (say) (A pproxima te) 
Iron (wall of cast pipes) . . 3500 Biot I 
Iron (in bulk) . . 4300 (say) (A pproxima te) 
I 


mirrors be changed till the sound from the 
telephone receiver is a minimum. Then the 
primaries must be just opposite in their effects 
now. If the separate effects, which could 
thus be made additi,e or subtractive for 
different distances, were practically equal, 
then the minima effects would be reduced 
almost to zero, and the corresponding positions 
could be accurately observed. Let the fre- 
quency of the whistle be X per second and 
Hs period, or time of one complete ,ibration, 
be T second. Then. if the speed of sound in 
air is v anù t he distance in air passeù over hy 
sound in one period is L em., we may write 


V=
=XL. 


The determination of the pitch of the whistle 
was made by tuning it in unison ,dth a fork 
which was itself compared 'with a 512 fork 
by wavy traces on a smoked disc. The 512 
fork was compared in the same way "ith a 
pendulum, and then tlw pendulum "ith a 
clock. 
Thus kno\\ing L and X, their product gave 
v the speed of sound sought. The final 
determination for the speed of sound in dry 
air at 0 0 C. was 
l'o = 331'29 metres per second, 
with a probahle error of t 0.04 m./
ec. 

 (21) SPEEDS OF SOU
D I
 Y -\.RIO"LS 

IEDIA.-The foregoing, together "ith other 
d
tcnllinations uf the dpeeds of sound in 
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various media, are collected in the accompany- 
ing Table V. for ready reference. 

 (22) ARCHITECTURAL ACOUSTICS. (i.) 
Sabine's JVork.-It is well known that some 
churches, halls, theatrC'3, or other buildings 
are acoustically unsatisfactory. They prove 
trying to the speakers or musical performers, 
to the audience, or to both. Others are good 
for speech but bad for music, or vice versa, 
while yet others may be åcceptable for both 
speech and music. The principles and prob- 
lems underlying the successful design or 
remedial treatment of any auditorium to 
be used for a specific purpose for long 
failed to receive the attention which, from 
the importance of the subject, they de- 
served; but considerable progress in this 
direction has been made during the present 
century. 
The sounds uttered by a speaker or musical 
instrument reach the auditor somewhat en- 
feebled by the distance passed over, but have, 
on the other hand, various echoes, reverbera- 
tions or distortions added to them by the floor, 
walls, ceiling, furniture, and occupants of the 
room. Thus two questions accordingly present 
themselves for quantitative treatment: (a) 
\Vhat, if any, enfeeblement or additions are 
desirable in the case of speech, song, and 
instrumental music? (b) How may these 
desired effects be realised with approximately 
quantitative accuracy? The subjpct has 
been investigated along both these lines by 
the late \V. C. Sabine, who states: 1." In order 
that hearing may be good in any auditorium 
it is necessary that the sound should be 
sufficiently loud; that the simultaneous com- 
ponents of a complex sound should maintain 
their relative intensities, and that the successive 
sounds in rapidly moving articulation, either 
of speech or of music, should be clear and 
distinct, free from each uther and from 
extraneous noises." These three are the 
necessary and sufficient conditions tor good 
hearing. Scientifically, the problem involves 
the absence (n) of prejudicial enfeeblement, 
(b) of di8tortion of quality of sounds, and 
(c) of too prolonged reverberation. From the 
constructive point of view the pro blem 
involves the size and shape of the auditorium 
and the nature of the materials (including 
the audience itself) whose surfaces are exposed 
to the sounds. 
(Ibid.) "Sound, being energy, once pro- 
duced in a confined space, will continue until 
it is either transmitted by the boundary 
walls or is transformed into some other kind 
of energy, generally heat. This process of 
decay is called absorption. Thus, in the 
lecture-room of Harvard University, in which 
t.his investigation was begun, the rate of ab- 
sorption was so small that a word spoken in 
1 Sci. Aus. A, HH5, p. 194. 


an ordinary tone of voice was audible for 
5.5 seconds afterwards. During this time 
even a very deliberate speaker would have 
uttered twelve or fifteen succeeding syllables. 
Thus the successive enunciations blended into 
a loud sound, through which and above 
which it was necessary to hear and distinguish 
the orderly progression of the speech. Across 
the room this could not be done, nor even 
near the speaker, except with an effort, 
wearisome in the extreme if long main- 
tained. 'Yith an audience filling the room 
the conditions were not so bad but still 
intolerable. " 
"This may be regarded as a process of 
I multiple reflection from walls, ceiling, and 
floor, losing a little at each reflection until 
ultimately inaudible. This phenomenon will 
be called reverberat.ion. including as a special 
case the echo. In generat, rf>verberation 
results in a mass of sound filling the whole 
room and incapable of analysis into its distinct 
reflections. It is thus difficult to recognise 
and locate. In the general case of revC'rhera- 
tion we are concerned only with the rate of 
decay of the sound. This rate of decay was 
gauged by measuring what is inversely pro- 
portional to it-the duration of audibility of 
the reve
beration or residu,tl sound. 
"Broadly considered, thme are two, and 
only two, variables in a room-shape (includ- 
ing size). and materials (including furnishings). 
In d
signing an auditorium an architect can 
give consiùeration to both; in repair work 
for bad acoustic conditions it is generally 
impracticable to change the shape, and only 
variations in materials and furnishings are 
allowable. " 
To test tlIP effects of absorption Sahine 
tested a lecture-room at Harvard empty, 
without and with cushions. 'Vith an organ- 
pipe as source of sound and a chronometer for 
timing the duration of audibility after the 
sound had ceased, he found a time of ;).()2 
seconds in the absence of cushions. \Yith 
8.2 metres of cushions this time fell to 5.33 
seconds, and with 17 metres of cushions it 
fell to 4.94 seconds. 'Vith all the seats (4:
ß) 
covered with cushions the time of audibility 
was only 2.03 seconds. B,v covering the 
aislcs and platform and placing other cushions 
on a scaffold till the whole number available 
(1500) were in use, the duration of audibility 
fell to 1.14 seconds. 
Sahi
e found that the above duration of 
audibility of the sound in a room was 
directly proportional to the total volume 
of the room, and inversely as the total 
a bsorbing power of 1'00111 empty plus that of 
auùience. Or we may write 


v 
t=cn. +-A' 
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"here t is the time, c is a constant (àepellding 
on the units in use), and may be taken as about 
0.16 when the metre is the unit of length, 
or 0'U.3 when the foot is the unit of length, 
V the volume of the room, R its absorbing 
power when empty, A the absorbing power of 
the amlicnce. 
(ii.) Halls in Paris. -)Iarage tested the 
acoustic properties of six halls in Paris I and 
quoted Sabine's formula as applicable. "In 
the largest of the
e halls, the Trocadero, 
holding 4.")00, the mean time of resonance" as 
2 sec. when empty and 1.4 sec. when full. 
To make himself distinctly heard in thib 
hall a speaker must use a slow utterance, 
pausing at each phrase. But it was not 
necessary to use more energy than in address- 
ing 2.30 in the Physical Theatre of the 80rbonne. 
In the large theatre of the Sorbonne, holding 
3000, the re:::.(Jllance extended almost to 3 sec. 
empty, but was only 1 sec. or less when full. 
The acoustic properties of this hall were con- 
sidered very good." 
)Iarage agreed "ith Sabine that this time of 
resonance serves to characterise the acoustic 
properties of a hall. He found that this I 
duration of the sound varies "ith the quality, 
pitch, and intensity of the primary sound; I 
hence a haJl good for a speaker may be bad 
for an orchestra. For a hall to be good I 
acoustically l\Iarage considered that the dura- 
tion of the resonance should be practically 
constant at all parts of the hall, for all vowels, 
and fall between half a second and a second. 
If the duration of the resonance much exceeds a 
second, the speaker can make himself under- I 
&tood only by speaking very slowly, articu- 
lating distinctly, and avoiding giving to the 
voice too much energv. 
(iii.) Jaeger's Treat
nent.-G. Jaeger carried 
the treatment of the subject a step further 
by stud)ing the grm\ th, ma
imum, and decay 
of the intensity of sound in a room. 2 He 
showed that E, the intensity of sound per 
unit volume in a room, "hile the source was 
sustained constant, grew according to the low 


E= 4P (1_e- kC ), 
'i.'aS 


where P is the power of the source, v the 
speed of sound in the air of the room, a 
the mean absorption coefficient (ratio of 
absorbed intensity of sound to that falling 
upon it) of the surfaces in the room (walls, 
ftoor, ceiling, audience, etc.), 8 the total area 
of these surfaces, e=2.7IB3, k=vaS/(4 volumes 
of room), and t is the time from commence- 
ment of sound at source. 
Thus the maximum value of E would be 


1 Compte.<:; Rnn TlUI, April fI, Ifl06, cxlii. 8;8-880; 
and Scienci' Ab8tract.'1, _\, Ifl06, 313. 
2 Al.:ad. JJI.'lS. Hlen. ßer., 1911, cxx. 2L
' 613-634 ; 
Science Abstracts, A, HH
, 17. 


4P/raS. Thp decay of the sound when the 
source hecame sIlent "oulrl he gin"n by 


4P 
E = - (' - kC, 
raS 


where t is now the time from cessation of 
sound at source. 
The value of the product as, occurring in 
these formulae, is the sum of a number of like 
products" say alS I + a 2 S 2 + a 3 S 3 , where aI' a:!" 
a: p etc., are the absorption coefficients for sur- 
faces of areas 8 1 , 8 2 , S3' etc., respecth-ely. 
The formulae show that the greater the 
product as, the smaller is the malimum 
energy that can be attained in the room by 
a source of fixed power P, but that the rise 
to tlus maximum is quicker and the decay 
more sudden also; though these times of 
rise and fall depend upon the rolurne of the 
room as well. 
(i\-.) Watson's Im.:cstigatiQll,s.-In1913 F. R. 
"\Yatson published an account of a case in 
which the ventilating arrangements" ere held 
to assist the acoustics of the room under 
notice, namely, the Baltimore Academy of 
)[usic. 3 In this han "the whole supply of 
fresh air "as admitted at the back of tllP 
stage, was there warmed, then crossed the 
stage horizontally abol.'e the speakers, actors, 
or musicians, passed through the proscenium, 
and then, somewhat diagonally toward the 
roof, across the auditorium in one grand 
volume and "ith gentle motion so as almost 
entirely to prevent the formation of minur 
air-currents. It" as exhausted partially by 
an outlet in the roof and partly by numerous 
registers in the ceilings of the galleries. The 
acoustics of this auditorium \
-ere considered 
excellent. The weakest voice was audible to 
every seat :in the house: sounds such as a 
sigh, a kiss, or even the simulated breathing 
of the somnambulist, might be heard in the 
most distant parts; and all musical effects 
were exactly appreciated. All singers and 
speakers agreed in describing the facility with 
which the ,","oice was used on this stage:' It 
was stated that haphazard currents of air or 
those intervening between the speaker and 
the audience are detrimental, and should be 
a voided. 
Later, F. R. "\Yatson deRcribed his acoustic 
treatment of the faulty auditorium at 
Illinois. 01 
This room was dome-shaped and had many 
subordinate curved f1.urfaces, which focussed 
the sounds in an 0 bjectiona ble manner. It 
seated 2200 and originally 
hm\ ed a re\-er- 
beration of 9 seconds. After some treatment 


:I En(J. Record, I f)1
, h;:yii. 
6;)-
lÌ
; Scienci' Ab- 
stract.
, A, 1 f)1
, x.d. 3:30. 
t rnil'
 of lllinni.<: Bull., lflU, xi. Xo. 73, 3-
9; 
SciRliCe Abstracts, .-\, 19U, xyii. ,j.tO. 
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the mean time of reyerbcration determined 
from 400 observation,; was .).9 se('ond
, whereas, 
calculated by Sabine's formula (yolume of 
room 11,800 cubic metres), this time came out 
as 6.4 seconds. Thick carpets were placed 
on the stage, a large canvas painting (400 
square feet) was introduced, and the glass 
removed from the skylight in the ceiling. 
This reduced the time of reverberation of the 
hall when empty to 4.8 seconds. 'Yhen quite 
full the hall showed a still shorter reverbera- 
tion which was not troublesome. Pronounced 
echoes, however, still gaye trouble. These 
were prevented by draperies hung in the dome. 
A sound-" board" ,vas constructed of plaster 
in a paraboloidal form and acted well for a 
single speaker, but was objected to by some 
on account of its appearance. Further, it 
was useless for a chorus or band, and was 
accordingly discarded. The auditorium was 
finally corrected by installing a calculated 
amount of hair felt on walls that produced 
echoes. A decorative cloth was applied over 
the felt to give a pleasing appearance. 
'Yatson afterwards treated the armoury at 
Illinois. 1 This room presented an unusual 
case of defective acoustics because of its huge 
volume and small absorbing power. It was 
built to fulfil the usual requirements of an 
armoury in regard to military drills; but, in 
addition, it had been used occasionally for 
other large assemblies. The acoustics proved 
impossible fvr speaking and music. The room 
is 400 feet by 212 feet by 93 feet high at the 
centre of the roof, which is almost semicircular 
(and thus forms a reminder of the roof of 
St. Pancras Station, London). Calculated by 
Sabine's formula the time of reverberation, 
when empty, \vas 24 seconds. It was now 
seen why attempts with a special megaphone, 
parabolic reflectors, and loud-speaking tele- 
phones had all failed. 
The final and successful treatment lay in 
the introduction of canvas curtains to enclose 
a space 212 feet by 134 feet by 34 feet high. 
The time of reverberation in this enclosure 
for an audience of 4500 was then estimated 
to he 1.1 second. The arrangement was 
carried out and auditors in all parts of this 
space could hear and understand the various 
speakers. 
(v.) General.-Large, bare, unbroken wall 
spaces of stone, brick, or plaster may produce 
objectionable echoes and are to be avoided 
whenever possible in a room intended for 
speaking or rapid music. Roughnesses or 
recesses in the walls only count when their 
size is comparable to the wave-length of the 
sounds in use. For the quiet speech of a 
lecturer with a bass voice in a room to hold, 
say, 100, the wave-length is of the order eight 
1 Rn'ck1milder, 191.:>, 1-4; Sci{!nceAb
,tracts, A, lOW, 
xix. 74-75. 


feet. Consequently, in such a case, "indo\\" 
recesses two fect "idc and si
 inehes depp 
could scarcely be counted as roughnesses, hut 
alcoves four feet wide and two feet deep 
might be so reckoned. The same remarks 
apply to the recessing of the ceilings by bpams, 
coves, mouldings, etc. 
H by reason of bare hard walls distinct 
e('hoes occur, their objectionable presence Illay 
be sometimes reduced by the use of a sound- 
board over the speaker, Thus if, by the meet- 
ing of the direct and reflected sounds at sOllle 
one small region in the room, the hearing is 
there very defective, a concave sound-board 
may focus 1Jart of the sound directly to that 
" dead" place and so improve matters. In 
other cases it may be advisable to usc a plane 
or convex sound- board to prevent the chief 
sound proceeding direct to that surface which 
produces the objectionable echo, or to eut 
the sound off entirely from the upper part 
of the space. Obviously the sound-board is 
not easily applicable to the case of musicians, 
so we consider it for the case of a single 
speaker only and when located at a definite 
place. Then, since the wave-length may be 
large, say 8 feet, the sound-board must be 
correspondingly large or the waves of sound 
will bend round it and the board "ill be useles8. 
Again, if the sound-board is required (as usual) 
to reflect as much as possible, it i
 better 
made of plaster on a framework of wood and 
finished to the exact curvature needeà for 
the purpose in yiew. 
A careful examination of all the circum- 
stances of the case is req uired before 
deciding what, if any, sound-board is de- 
sirable and might be expected to prove of 
service. 
There are very few, if any, cases in which 
wires strung along or across a building can be 
expected to be of the slightest use. 
It is to be noticed that a room considered 
to be right for speech maybe just a little 
too dead for music. Such a room may he 
improved therefore by the removal, on musical 
occasions, of some carpets, curtains, or other 
deadening trappings which are needed for 
lectures. 
(vi.) Absorption Coefficients.-In the accom- 
panying table are given the values of the 
coefficients of absorption for a number of 
different materials as determined by \Y. C. 
Sabine, H. O. Taylor, and others. These will 
be found useful to insert in Sabine's formula, 
either when designing any auditorium, or 
when the endeavour is to remoye the de- 
fective acoustics of some room already in 
use. 
The ah80rption coefficient, a, is dcfined as 
the quotient, intensity of sound absorbed hy 
a given surface divided by the i/
tensity of 
sound faZZing upon it. 
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T <\BU:; VI 
ABSORPTIO'\S OF ;:;OU
 D 


Huhstance. 


Coefficient 
of 
Absorption a. 


Open window 
Audience . 
Ktir felt < 1 inch thick) . 
Compressed cork (l! inch thick) . 
Oriental rugs, e'-Ìm heavy 
Oil paintings and frame. 
Asùestos roU fire felt <i-inch thick) 
Heavy rugs . 
Rru
seh
 carpet 
Carpf't rugs . 
Cretonne cloth 
Linoleum, loos(' on floor 
Pine boards . 
.Plaster on laths . 
Single glass 
Bricks or plaster. 
Cheese cloth . 


1.000 
0-96 to 0.-1-1 
0- i8 to 0.30 
0-3:! 
0.29 
0,28 
0.2ü 
0.2,3 
0.23 
0-20 
0.13 
0-12 
O'Oli 
0-03-1 
O'U:!ï 
0.023 
0.019 


Reference should also be made to the sound- 
proofing of buildings. 1 
The bulletin on "Sound-proof Partitions" 

ives a survey of the whole subject with a 
bibliography of published articles. 

 (23) LOXG-RAXGE TRAXSIT OF SOUXD,- 
\rhen \Va yes of sound are spreading from a 
powerful source in the open air a number of 
causes operate to diminish their intensity 
and may prevent their ever reaching the 
destination for which they were intended. 
A number of these cases" ill be noticed here. 
:\Iuch of our knowledge of such phenomena 
is due to Tyndall and to the late Lord Ray- 
leigh. 2 
(i.) Radiation.-If sound issues from a small 
source, comparable to a point, and spreads 
eq ually in all directions in a still homogeneous 
atm08phere, then its intensity falls off in- 
versely as the square of the distance from the 
source. Thus at double the distance the 
intensity i::; reduced to a quarter, at treble 
the distance to one-ninth, and so on. 
(ii.) Temperature Gradient. - Kelvin has 
shown that, when undisturbed by "inds and 
sunshine, the air tends to a state which he 
called conccrtil..'e equilibrium. In this state, if 
air be suddenlv taken from one level to 
another, the e;pansion or compression con- 
sequent on the change of pressure, but without 
any gain or 1088 of heat, would just bring it 
to the temperature already possessed by that 
region. There is thus a lower temperature 
at greater heights since there the pressure 
must be less, and the air in ascending to it 
would suffer expansion and consequent 
1 
f'e" Insulation of 
oun<l," ,y_ f'. :-.ahin('. Rrick- 
builder, Hll:>, xxiv. 31. "
ound-proof Partitions." 
F. n. WatRon, ['ni,.. of lllinoi.y Bulletin, Xo, 127, 
In
:!. 

 
ce Tyndall's Sound, London, 1895. 


coolinrr. It can be shown that in such a 
state, the temperature of the air falls steadily 
in proportion to the height ascended. 
'''here this state of things prevails it has 
been shown by the late Lord Rayleigh that 
the path of a ray of sound through the air 
is a catenary with vertex ÙOWIH\ cuds and that 
if the ray were reversed the same catenary 
\\ ould be described. (A catenary is the shape 
assumed by a uniform and flexible chain or 
rope fixed at two points and hanging slack 
at rest under gra"ity, the vertex being the 
lowe::;t point.) 
(iii.) JrÙtd Grmlient.-If the "\\ind is every- 
where horizontal, and in the same direction, 
but increases uniformly from the ground 
upwards, the ray of sound may describe a 
catenary or something closely like it. But in 
this case the path is not reversible. Thus, 
if the direction of the sound is against the 
\\ind the catenary has its vertex downwards. 
But if the sound passes "ith the wind the 
catenary described has its vertex upwards. 
Hence, if cannons are fired at two stations, 
A and B, it may happen that those fired at A 
\\ill be plainly heard at B, whereas those fired 
at B may be inaudible at A. 
(iv.) Regular Reflection. -Any large solid 
surfaces, such as a hillside or a cliff, may 
produce regular reflection as in the case of 
the ordinary echo. Such reflection may also 
occur at invisible surface
 in the atmosphere, 
where its density suddenly changes owing 
to a change in temperature, or to a change in 
humidity, or to chanQes in both. These may 
be calle
d aerial ech;;-es. Tyndall considered 
they are probably concerned in the rolling of 
thunder. 
(v.) Scattering.-Sometimes the atmosphere. 
although optically transparent, is partially 
opaque to sound. It has been found that this 
is due to the presence of patches or layers of 
alternatelv different densities o\\ing to sudden 
changes in temperature, in humidity, or in 
both. In this sta te of things, no regular 
reflection occurs such as produces an echo. 
But, on the other hand, the sound is scattered 
from each such irregular surface, and so the 
intensiÌ\T of the direct sound is, in consequence, 
distinctÌ y diminished. This phenomenon is 
analogous to the reddening or partial obscura- 
tion of the sun when setting in a smoky atmo- 
sphere and to the scattering of light from the 
interior of a turbId liquid or of an opal glass. 
For in these latter cases the optical media 
cited, while failing to give a reflection in the 
rerrular manner needed to form a mirror ima!!e, 
YC't stop and scatter so much of it that th.e 
quantity passing directly onwards is apprcc'I- 
ably reduced. 
This state of semi-opacity in the acoustic 
sense" as carefully investigated hy T
Tndall. 
and illustrated by the follm\ ing lecture 
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experiment.. A numher of alternate layers of 
carbon dioxide anù coal gas werc interposcd 
between a hell and a sensitive flame. The 
flame then remained unaffected by the bell, 
though the region which was acoustically 
op.:tque was optically transparent. 'Yhen the 
two gases were turned off and air had diffused 
into the 
pace, the flame responded readily to 
the bell. 
Suppose the atmosphere has many of these 
patches which scatter the. sound, so that its 
acoustic action Illay be compared to the 
optical effects of a turbid liquid. Then, on 
this account alone, the law of ùiminution of 
the sound proceeding directly ahead ,vould be 
as follows. On advancing equal distances the 
intensity of the sound would lose eq uftl per- 
centages of the values it had on beginning 
each such distance. In other words, the 
intensity of the direct sound would dimini
h 
in geometrical progression as the distance 
increased in arithmetical progression. This 
same law has been found recently to hold for 
sounds under water in which many small 
obstructive patches occur. (For the recent 
development of su bma.rine signalling see the 
article on " Sound Ranging.") 
(vi.) Diffraction.-The spreading of sound 
behind obstacles, which is one form of diffrac- 
tion, must also slightly weaken the main or 
direct beam of sound, beyond that due to 
other causes. 
(vii.) Fog, etc.-'Ve may now notice other 
states of the atmosphere which have been 
supposed prejudicial to the free passage of 
sound, but which Tyndall by an elaborate 
series of exneriments found are not so. These 
include- the-'- presence of rain, hail, snow, and 
fog, which, he asserted, have "no sensible 
power to obstruct sound." Kelvin has shown 
that the temperature gradient, which forms the 
limiting condition of equilibrium of the air in 
a warm fog, is about. half that in the limiting 
condition for fog-free air. This state is, of 
course, one in which the temperature falls as 
we ascend. Thus on theoretical grounds it 
should be expected that sound would pass with 
less loss in a fog than when the air is clear. 
This inference is fully borne out by Tyndall's 
prolonged researches off Dover. 
It must be pointed out that the above 
statements, though correct, may be easily mis- 
understood and a false impression received as 
to what is really meant. Sound will usually 
travel better in a fog than in clear air, provided 
that the path in question is wholly in the same 
continuous bank of fog. That is to say, the 
sound must originate in and be heard in the 
same continuous bank of .fog. If a sound 
origina tes in clear air and is to he listened for 
n 
clear air on the far side of an intervening bank 
cf fog, then therp might be large reflections at 
the first and second faces of the fog, and the 


sound might be much weakened or inaudible at 
the' place where it was intended that it should 
be heard. Again, if the' sound 01 iginates in one 
bank of fog and the listener is in a second bank 
of fog "ith dear air intervening, the sound 
might again be very faint or inaudible at the 
listener's position owing to the two reflect- 
ing surfaces interposed. Thus, though it is 
rightly asserted that sound travels well while 
entirely in one continzlO'U.8 portion of fog, the 
presence of a nllmber of banl
s of fog with 
intervening clear spaces, all between the source 
and its desired destination, may prove Ye'IY 
detrimental to the long-range transit of sound. 
(viii.) Zones of Silence.-l\Iany notices have 
appeared of late years calling attention to 
exceptional cases of sound propagation in 
which some explosion is heard in the vicinity, 
follo.wing which is a zone or annular space of 
silence, thi
 being succeeded by a still more 
distant region in which the sound is again 
audible. Various theories have bee'n put 
forward to account for this, such as (a) "ind 
gradient, (b) temperature gradient, (c) more 
complex meteorological states of the atmo- 
sphere. The first alone lIlay suffice to bring 
sound down again by total reflection at a height 
where a certain critical state obtains. The 
difficulty in settling what has been the cause of 
such phenomena on any particular occasion 
usually lies in the absence of qualified observers 
expecting an explosion and listening for it. 
Thus evidence collected afterwards lIlay be 
biassed or in other ways untrustworthy. 


III. SOUND PRODUCERS 

 (24) GENERAL SURVEy.-\Ve shall treat 
here the various producers of sound whether 
devised for music, signals, or other purposes, 
the first class, however, greatly preponderating. 
It is often convenient to think of a musical 
instrument with its accessories (and certain 
parts of the performer himself) as divisible into 
three main portions. These are: (a) the 
exciter, or means of producing vibrations; (b) 
the vibrating system; and (c) the manipula- 
tive mechanism for the production of the scale, 
for expression, etc. Sometimes the vibrating 
system may be subdivided into a vibrator of 
definite pitch and a resonator which reinforces 
and otherwise modifies the sounds originated 
by the vibrator. In other cases there is a 
vibrator, not possessing a definite pitch of its 
own, but only favouring certain pitches, some 
one of which is made actual and dpfinite by 
t.he resonator (in addition to its function of 
modifying the quality of the tone). The sub- 
division gives, in all, four portions of the instru- 
ment. Take as an example the case of the 
violin. In this the how in the player's right 
hand is the exciter, the strings arc the vibrators 
of definite pitch, the sound box and contained 
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air form the resonator, "hile the finger-hoard ' 
and the fingern of the player's left hand fur- 
nish the mechanism for the scale. The second 
form of subdivision is illustrated by the tiute. 
öimilar analyses may be supplied by the reader 
for the other instruments. special intricacies 
being referred to as we proceed. 
Having thus briefly glanced at how the 
sounds may be produced, we now pass on to 
notice what are the characteristics which serve 
to distinguish one musical instrument from 
another. The chief of these are as follows : 
(a) The range of pitches possible, or the 
compass of the instrument. 
(b) The interval relation of the notes, or 
scale in use. 
(c) The power and delicacy of the sounds 
producible. 
(d) The noises accompanying the be
inning 
or finishing of the sounds. 
(e) The possible or ine"itable change of in- 
tensity of the sounds while they last. 
(I) The quality of the sound when estab- 
lished, by musicians termed tone. 
(g) The possibility of sounding a number of 
notes together or the restriction to one at a 
time, i.e. the capacity for hannony or the 
restriction to melody. 
Taking each of these se\yen points in order, 
we may illustrate them by the follO\\ing con- 
trasted pairs of instruments, of which one of 
any pair may be distinguished from the other 
on the above principles by hearing without 
seeing. 


(a) Harmonium Concertina Large, small compass. 
(b) Bugle Cornet Harmonic series, chro- 
matic scale. 
(c) Trombone Flute Powerful, feeble. 
(d) Trumpet Clarinet Declamatory, smooth. 
(e) Harp Yiolin Sounds die away. 
sustained. 
(f) Oboe French horn Penetrating, muffled. 
(g) Yioloncello Piano ::\Ielody, harmony. 


The endeavour has been made to cite 
typical examples, but no doubt the discrimina- 
tion between the members of each of the above 
pairs would depend partly upon other guiding 
factors, some perhaps too subtle to be recog- 
nised as such. 
As to CJ.uality of tone, we may trace an almost 
continuous gradation from rough coarse bass 
quality, through dull, rich, full, or mellow 
tones, to those which are described as brilliant 
or even penetrating. Helmholtz has shown 
that the qualities of tone thus popularly 
described correspond to compound sounds in 
which the prime or fundamental sound of 
lowest frequency is accompanied by a retinue 
of other (and usually) fainter sounds of higher 
freq uencies. All these sounds (including the 
lowest) are called partials. ,l\lusical sounds, as 


to their qualities of tone. may he f-eÍentifically 
di\ ided into the folIo" ing e1asses : 
(i.) Those "ith the full harmonic series of 
partials; i.e. the sounds have frequencies as 1. 
2, 3, 4, 5, 6, etc. 
(ii.) Those "ith the odd harmonic series of 
partials; i.e. the sound::; have frequencies as 1, 
3, 5, 7, etc. 
(iii.) Those "ith inharmonic partials; i.e. 
the sounds have frequencies inexpres8ible by 
small u'lwle numbers. 
(iv.) Those without any 1.lpper partials. 
(v.) Those \\ith harmonic partials, somp of 
which near .fixed pitches are specially fal.-'oured 
whatever the pitch of the prime. 
)lost musical instruments fall into the first 
of these classes: a few into the second; church 
bells, bars, and gongs into the third; tuning- 
forks into the fourth; \\ hile the human voice 
singing vO\\ els stands alone in the last. (The 
question of the special tuning of keyboard and 
other instruments is treated in 

 5-8.) 

 (23) COMPASSES OF CHIEF 
lUSICAL I
- 
STRU:\IEXTS. - Table VII. (p. 699) gives the 
approximate compasses of the chief musical 
instruments classified both scientifically and 
musically. The notes given show the true 
pitches of the limiting sounds, and not neces- 
sarily those written for the instruments, 
which are often different according to the 
pitch of the instrument and the traditions of 
the profession. 

 (26) THE GUITAR.-This instrument has 
six strings, the three upper being of catgut, the 
three lower of silk covered \\ ith silver \\ ire. 
The strings are plucked by the right hand, the 
thumb being used for the three lower strings, 
and the first, second, and third fingers for the 
three upper strings, the little finger resting on 
the body of the instrument. To obtain the 
different notes of the scale, the strings are 
pressed by the fingers of the left hand ( or 
stopped) against the frets or little pieces of 
wood which cross the finger-board at the 
appropriate places. \Yhen the -vibrating 
length of the string is thus reduced the fre- 
q uency is increased and the note produced 
is accordingly higher. Thus, if the string's 
vibrating length is reduced to one-half the note 
is raised an octave, because its frequency is 
doubled. Again, if the length is reduced to 
two-thirds the note is raised a fifth, because the 
frequency is increased in the ratio of two to 
three. Similar remarks apply to the other 
notes of the scale. Thus every use of the frets 
raises the pitch above that or'the open string. 
An account of the theoretical calculation of the 
frequencies of strings is given in 
 (32) (i.). 
.Notes called harmonics mav be obtained bv 
touchin CT the strinCTs liahtlv ;yith the fingers (:f 
or-CO' L 
. 
the left hand instead of pre
sing them hard on 
to the frets. Thus, touching at the middle 
yields the octave, touching at either point ot 
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trisection (one-tlânl up or two-tltirds up) yields 
the tWf'lfth, touC'hing at one-fuurth up yields 
the duuhle-octave. Hence (reverting to the 
typical 
ubdivisiuns uf a musical instrument) 
the thumb and three fingers of the right hand 
are the e
citers, the six strings the vibrators, 
the suund box the resunator, while the fingers 
of the left hand and the frets are the mani pu- 
lative mechanism fur producing the scale. 
Since the notes are made by plucking they 
soun die away. 

 (27) THE l\IANDoLIN.-This instrument has 
four double strings, thuse of each pair being 
set to unisun. The e" strings are of catgut, 
the a' strings uf steel, the d' strings of copper, 
and the g strings uf catgut covered with silver 
wire. The notatiun for these strings is that 
shown at the top of Table VII. The strings 
are plucked with a plectrum (of tortoise-shell 
or hurn), and stopped (that is pressed hard by 
the fingers of the left hand) upun the finger- 
board to produce the nutes uf the scale. H. 
Berlioz, the composer and writer on instru- 
mentation, states that the quality of tone of 
the mandulin has a keen delicacy not possible 
on uther instruments. This is probably due 
in part to the fine puint of the plectrum used 
to initiate the vibrations. As in the case of 
the guitar the notes of the mandolin are soon 
damped out. 

 (28) THE HARP.-This is the important 
representative of stringed instruments played 
by plucking with the fingers. The double- 
action harp is tuned in Ct? and has seven 
pedals. Each pedal acts upon all the strings 
of a given name throughout the compass of 
the instrument. Further, each pedal may be 
used to :r;aise the strings to which it applies by 
a spmitone or by a whole tone at the option 
of the player. Thus, by the right use of the 
pedals before cummencing a piece, the instru- 
ment may be arranged to provide anyone of 
the fifteen major scales in the keys from Cry to 
C::, both inclusive. The melodic minor scales 
cannut be thus set by the pedals, since they 
req uire different notes in ascending and 
descending passages. The harmonic minor 
scales can be set in the twelve keys from A, to 
C: inclusive. The octave harnwnics may be 
produced on the longer strings of the harp by 
touching them at the middle with the fleshy 
part of the palm of the hand and plucking with 
the thumb and two first fingers of the same 
hand. In the harp a separate string is pro- 
vided for each note of the diatonic scale, and 
the pedals are the only accessories needed 
to give the accidentals or other sharps or 
fia tee 
The harp's quality of tone mingles well with 
the various brass instruments. The tone is 
also 
omewhat under the control of the player, 
since the strings may be plucked at various 
places and in a variety of ways. 


It is to be noted that the lower note3 of thf' 
harp, being made by long and heavy strings. 
are fai dy powerful, anà nut so quickly quenched 
as those of the guitar and mandolin. Indeed, 
they often need to be damped or checked úy the 
/tands. Still, since they are plud...ed, they 
must die away in time, having no snpply of 
energy to sustain them. l.'urther, the faC;t 
that the string is excited by plucking leaves 
the string free to follow the vibrations natural 
to it, and this gives a certain characteristic 
quality tQ the tone of such instruments. This 
is due to the fact that the higher partials 
of a thick string are slightly in/wnnon ic and 
will so sound in the case of a plucked or struck 
string, whereas in a bowed string all the vibra. 
tions are forced by the bow into the strictly 
harmonic frequencies. 

 (29) THE PIANOFORTE.-!n this instru- 
ment 1 the strings are of cast-steellvire, at mo
t 
parts of the compa!'ls being in duplicate or 
triplicate, but at the bass end single and over. 
spun or wrapped with copper or other wire. 
In the grand pianos the strings are arranged 
horizontally to admit of greater length and 
correspondingly increased power. The sounds 
are excited by the felt.-faced hammers striking 
the strings, then rebounding and leaving them 
free to vibrate. The hammers are spt in 
motion by the action (or train of mechanism) 
intervening between t.hem and the keys whieh 
form the familiar kev board. The action also 
lifts a felt-covered 'damper from the string 
when the key is struck, holdl:; it off while the 
key is held, and replaces it to terminate the 
sound when the key is released. The depres- 
sion of t.he right pedal taked the dampers off 
all the strings and thus allows a considerable 
increase of loudness and change of quality of 
tone through the sympathetic reE;onances of 
strings which are not struck. The use of the left 
or soft pedal either (a) restricts the vibrations 
to a single wire for each not.e, (b) muffles 
the sound by the interposition of a layer of 
felt, cloth, or other soft matcrial between the 
strings and the hammers, or (c) obtains a 
softened effect by shortening the stroke of the 
hammers. Along the upper part of t.he frame 
(in the upright piano) there is the wooden 
wrest - plank carrying the tuning pins into 
which the stringa are fastened, their lower ends 
being secured to the hitch pins placed along 
the lower parts of the frame. The strings 
rest upon hard-wood hridges glued to the 
sounding- board. This is often of spruce fir. 
It is slightly convex towards the strings, and 
is strengthened by bars of pine glued to its 
inner concave side. 
Having thus outlined t.he construction and 
action of the piano, let us turn to thc factors 
upon whiC'h depend its retinue of part.ials and, 
consequcntly, the quality of its tone. 
1 See also" Pianoforte, The." 
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As we have seen, the exciters are the 
h:unnll'rs, the \ribrat/)rs of definite pitch are 
the strin It::; (one or more for each note), and 
the sound- h
ard is the resonator. Th{ls the 
blow of the hammer, at a spot chosen by the 
maker, imparts a transverse velocity to a small 
portion of the string. The state of things 
produced there runs to and fro along the string. 
This leads to a particular type of vibration 
according to the form and softness of the 
hammer face and the place at which it strikes 
the string. A sharp hard edge to the hammer 
would favour very many partials and develop 
a tinkling or piercing tone; the rounded soft 
face of the hammer in actual use 
ives a justly 
prized mellow tone. Again, if the string were 
struck at a seventh of its length from one end, 
it is impos..;ible for this point to be a place 
of no motion. ConEequently the seventh 
partial is not encouraged, for it would corre- 
spond to the vibration of the string in seven 
sections with one of its nodes (or places of no 
motion) at a seventh from one end. But this 
remark as to no motion at the node applies 
only to the vibration for which it is a node. 
Hence, though the hammer by striking at a 
seventh would not encourage the seventh 
partial, this partial might still crpep in. In 
some pianos the striking place is between the 
seventh and the ninth of the length of the 
strings from one end, varying in different parts 
of the compass. The time of contact of the 
hammer with the string may be of the order of 
half the period of the prime or fundamental 
of that string. FJ;'hus for the middle C (of, say, 
264 per second) the time of contact might be 
less than one five - hundrcdth of a second, 
perhaps- as low as one six - hundredth of a 
second. 
'Ye have seen that the character of the 
vibrations of the piano string itself depend
 
largely upon the nature of the hammer and 
the position of its blow. It must be noted, 
further, that the character of the vibrations 
depends also on the thickness and material 
of the strings. Th us, very thick strings of . 
rigid material would be too stiff to form very 
high partials, since they correspond to the 
vibration of the string3 in many small segments 
and involve considerable bending. And for 
the same reasons any moderate partials would 
be inharmonic and would so sound. 
But when the type of the vibrations of the 
string itself is finally settled, is the instrument 
committed to a definite effect as to quality 
of tone? Certainly not. Another very im- 
portant factor remains to be examined. Thi
 
is the sound- board and its bridge upon ,,,,hich 
the string presses. 
The importance of the sound-board may be 
seen thus. If a string isolated from the sound- 
board vi brated precisely as a pianoforte string 
does, very little sound would be heard. The 


rC'asc)fi is that 01(' air "ould fIo" and reflow 
round the string and be scarcely disturbed 
far away. A sounù- board, on the other hand, 
cannot vibrate without setting in motion a 
large body of air, thus starting waves of 
sound that are audible all over a large room. 
Accordingly we must ask, nnt merely what 
vibrations doeR the string itself execute, but 
also what vibrations does the string force 
the sound - board to execute? Of course. 
the latter vibrations depend upon the 
former, but may differ from them in essential 
respects. 
If the vibrations of the string itself are 
precisely all that conld be desired, then it is 
the duty of the bridge and sound-board to 
reinforce them without change of character 
and convey .them to the air. If, on the 
contrary, the vibrations of the string are 
defective in any way, then on the bridge and 
sound-board is imposed the double duty of 
reinforcing and improving these vibrations 
so that the desired quality of tone is received 
from the instrument as a whole. - 
The exact types of complex vibration 
which are most acceptable as forming the ideal 
musical tone are to some extent matters of 
opinion or controversy. Still more difficult 
is it to assign the precise dimensions of the 
mechanical details of hammer, string, hridgp, 
and sound-board which would secure their 
production. Probably the nature of the wood 
of the sound-board and its seasoning are very 
important. Possibly also the exact dimen- 
sions of a sound-board must be varied accord- 
ing to the particular nature of the specimen 
of wood used for it. The various points 
here briefly referred to have been under 
investigation for some time, but no final 
solution of such intricate problems can be 
expected at any early date. In matters of 
this kind we no doubt owe much to the 
refined taste and instinct of those concerned 
in the making of pianos, and to their accumu- 
lated experience during two and a half 
centuries.! 

 (30) THE VIOLIN FAMILY. -The instru- 
ments of this family now in use in England 
are four, namely, the violin, the viola, the 
violoncello, and the double-bass (see Figs. 4A, 
4B, and 4c). The violin has its strings of 
catgut tuned to e", a', d', and g, the latter 
being covered with silver wire. The notation 
here used is that at the top of Table YII. 
 (23). 
The viola has its strings tuned to a', d', g, and c, 
all being thus a fifth lower than those of the 
violin. The violoncello iR pitched an octave 
bplow the viola, its strings heing accordingly 
tuned to a, d, G, and C. The double-bass may 


1 For research work on piano vihrations see paprrs 
hy G. H. Berry, Pldl. J/og., April and October HHO 
and July HH 1: also one hy C. V. Haman, Roy. Soc. 
Proc., AprillU20, xcvii. UU-liO. 
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have three strings or four, and they may be 
tuned to fourths or fifths, the earlier alterna- 
ti ve in each case being that in more general 
use in England. Thus the three-stringcd 
bass may hc tuned in fourths to 0, D, and AI' 
or in fifths to A, D, 
and G I . 
Except for the 
strings. their tun- 
im!, and the corre- 
sp-;;nding sizes of 
the instruments, 
they have much 
in common. Thus 
manv of the follo\\ - 
ing 
emarks apply 
to all of them. The 
bow \\ ith its ros- 
ined hairs is the 
exciter, the strings 
are the vibrators 
of definite pitch, 
the sound - box is 
the resonator, while 
the finger - board, 
free from frets, 
alIo\\ s the scale to 
be played by the 
fingers of the left 
hand. The vibrat- 
ing portion of the 
string reaches from 
the bridge to what 
is called the 11 ut, 
the little cross- piece 
of ebony or wood 
between the neck 
and head or peg- 
box. \Ylwn the left 
hand is farthest 
from the bridge it 
ii:! said to be in 
the fi rst position. 
Thpn, the first, 
second, and third 
fingers \\ hen uSf'd 
in turn to stop the 
string (i.e. to press 
the string against 
the finger - board) 
give the notes of 
the diatonic Bcale 
req uired to bridge 
the interval between one open string and the 
ne)",t. Thus from the fourth or g-string 
of the .violin, these fingers give in turn 
the notes a, b, and c'. The next open 
string is d', on which the fingers stop the 
notes e', J', and g'. The fourth finger may 
bE' used on an:" of the three l(m er strings 
to give a note in unison with the open stnng 
above. "
hen the hand is shifted nearer 
the bridge 80 that the first finger occu!)ies 
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FIG. -l.A.-Violin. 
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FIG. 4B.-YioloncC'llo. 



 


the place formerly held by the second finger, 
the hand is' f!aid to be in thc second pOf'ition. 
The third, fourth, fifth, sixth, etc. positions 
are also used, the odd being easier than the 
even positions. Each position has its advan- 
tages as regards the notes commanded on a 
given string, either for the sake of (a) smooth- 
ness of phrasing in certain passages, or (b) the 
special quality of tone of the string on which 
such notes are now played. For E'ach string, 
differing in thickness and mass from its 
fellows, has its own tone and other individual 
characteristics. 
The fingering of the violin in the first and 
third positions, in illustration of the above 
remarks, is shown in Fig.:J. In the third 
position the notes 
indicated by 
 are 
played by the 
fourth finger 
stretched out a notE' 
higher and only 
touching the string 
lightly at its 
"centre." thus 
eliciting the oc/az.e 
lwnnonic. \Yhpn 
thE' term centre is 
used here it must 
be interpreted, not 
necessarily as the 
point equidistant 
from bridge and 
nut, but as that 
point which dividps 
the string into two 
segments which 
vibrate in the same 
time. This is often 
not quite the same 
as the former, be- 
C?Juse the strings are 
usually slightly 
tapering from end 
to end. 
Let us now ex- 
amine more closely 
the action of the 
violin and the rôlp 
played by its various 
parts. "
e may thus 
learn something of 
the qualities a fine 
instrument should possess, and also of 
what its technique demands. The stroke 
of the bow pulls the bowed part of the 
strin!! aside at. its own speed; 1 this part then 
springs back, usually at a different speed. 
FurthE'r, when the bow properly rosined is 
applied ,vith due pressure at tIt(' right place 
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FIG. 4('.-Double-Bas;;. 


I Snrmisf'(l hy Hplmholtz and f('('('ntIy (HIl-l) 
e
bhli
Il('c1 hy c. ,
. Hama.n. (
cc Science Abstracts, 
A, lUl3, xyiii. 87.) 
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on the st.ring and moved at the Dpproprinte 
speed at right angles to the length of the 
string, then the full 
eries of partial tones is 
elicited, and "ith a special grading of their 
inh'nsities as follow
: 


Relatiye freqUencie!'} 1 2, 3, 4, 5, 6, f'te. 
of partials ' 
IlItf'n
ities in Yi01in} I 1/4, l/fI, I/lü, ] /'25, 1/36, etc. 
tOile ' 


Or, in words, the intensities of the partials 
of a well-bowed string are inversely as the 
squares of their fre- 
quencies. This highly 
specialised composition 
constitutes what may 
be called violin tone. 
But these partials do 
not make any im- 
mediate appeal to the 
ear. The vibrations of 
the string first affect 
the bridge (of maple); 
its feet press upon the 
pine belly and set that 
in sympathetic vibra- 
tion. The belly sets 
the ribs (of maple) and 
back (maple or syca- 
more) in vibration, 
and thus dso the air 
contained in the sound- 
box, which passes in 
and out at the two 
!-holes. The belly is 
strengthened by the 
bass bar, which is inside 
it and lies beneath the 
g-string. :N early under 
4 one foot of the bridge 
o (on the e" -string side), 
the belly is supported 
by the sound-post, a 
little round piece of 
pine which is held in 
place by t.he pressure between back and belly. 
It seems highly probable, therefore, that the 
main portion of the sound heard is that proceed- 
ing from the vibrations of the belly, the back, 
and thf' air betwecn them. Further, since 
these' structures are of complicated shapc 
with asymmetrical strengthening pieces, it is 
not likely that they can follow precisely the 
vibrations conveyed to them from the string 
by the bridge. Indeed it has been shown 
experimentally that the vibrations are modified 
in character as they pass through the serics 
of moving parts: string, bridge, bclly, and 
air between it and the back. And this is 
only what may be expeùted from the practical 
consideration that the valuc of the instrument 
lies in the sound-úox that modifies the vibra- 
tions in ;j, certain individual manner 7 and not 


4 


FIG,5. 
Fingering of Violin. 


in the strings that originate them. The fine 
old violins have also a special varnish whÍ<:h 
prcserves and perhaps enhances thpir tone.l 
Let us now consider what the violin requires 
from the performer. The fingers of the left 
hand have to stop the strings so as to produce 
the notes in the intonation desired according 
to 
. hat other instruments are ubeJ in concert 
with the violin. Further, this task must be 
performed -,vithout any help from frets, which 
are not present on the keyboard. But this 
leaves the possibility of gliding the finger 
from one stop to another, thus introducing the 
grace called porta mento, which must be uscd 
with discrction. The finger holding a stop 
may also be rocked or rolled, thus producing 
an effect called the tremolo. It may be 
executed rapidly to intensify dramatic e
pres- 
sion, or slowly to impart tenderness to a 
pathetic melody. Thus, except for the 
portamento and the tremolo, only accuracy 
(in stop and time) is demanded from the 
left hand. But from the right hand are 
required not accuracy only but the production 
of all the tone anù expression of which the 
violin is capable. The bow should always 
move perpendicularly to the strings; the place 
of bowing must be chosen according to the 
effect desireJ, near the bridge for loud passages, 
farther away for softer ones. Again, "ith 
each such place must be associated the corre- 
sponding pressure and speed. The strings 
of the harp are plucked, those of the piano 
struck, and the vibrations of each die away 
according to the inexorable law of such 
instrument, over which the player has no 
control. The vibrations of a bowed string, 
on the contrary, may be sustained of constant 
intensity, or may be gradually increased or 
decreased in intensity at the will of the 
performer. Indeed, in this respect, everything 
is possible on the violin, though correspond- 
ingly difficult. 2 

 (31) l\IETAL REEDS WITHOUT PIPES.-The 
harmonium, the An:lCrican organ, and the 
concertina present examples of this class of 
vibrator, the reeds in question being callcd 
free reeds. A reeu or tongue of this t.ype is a 
thin oblong metal plate or strip fastened at one 
end to a block in which there i
 a hole behind 
the tongue of the same shape. In some 
examples of these reeds the tongue, when at 
rest, closes the hole in the block except for a 
very fine clearance at its margin. "'hen in 
motion the tongue alternately opens and 
(nearly) closes the hole in the block. Now, it 
is a result of theory that, the more sudden 
the discontinuity of any periodie motion, 


1 For rrSf'arC'll work on the violin see PIliI. .1J ((a., 
.\n
. ]909, 
cJ!t. ]910, .June 1912; al
o HuZlrtin, 
o. 
];), Indian 
\ssociation for the Cultivation of Hl'Ìf'Ill'e, 
IBI8. 

 }.'or a res('arch on these points see PMl. .Mug., 
May 19
O
 xx
ix, 53!)-i):36. 
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the greater the relati\
e importance of the high 
partials \\ hich are present in the corresponding 
sounù. Thus, the more sudden the action of 
the reed, the more obtrusive are the high 
partials in the sound, and the more cutting 
or grating is the quality of tone. Further, 
since in the instruments now under notice 
there is no pipe whose resonance might 
modify this quality, it remains of that cutting 
character which soon palls. 
To sharpen the pitch of a reed, a little is 
scraped off the tip. This, while not changing 
the spring, diminishes the mass at the end 
\\ here its effect is greatest and so increa
es 
the frequency. To flatten the pitch, a little is 
scraped off the root of the reed. This, while 
not changing the effective maðS, \\ eakens the 
spring and so decreases the frequency. 
In the harmonium the bellows forces the 
\\ ind through the reeds, while in the American 
organ the \\ ind is drau,'n through the reeds 
into the bellows. The English concertina is 
tuned to mean-tone 
nd has separate notes for 
D::: and E..." also for G::: and A...,. 
* (32) REED PIPES I
 THE ORGA:Y.-These 
differ in two respects from the reeds of the 
harmonium, first in having a pipe to modify 
the quality of tone produced by the reed, 
second in the manner of their tuning. It is 
abo to be noticed that the reeds are of two 
kinds, free reeds like those in the har- 
monium, and beating reeds which are too large 
tf) pass into the opening \\ith which they are 
a
sociated. They therefore bend. on to the 
opening like a covering flap until they have 
nearlv closed it. Such a reed is adjusted, 
or voiced, so as to close "ith a rolling motion, 
and thus gradually cover the aperture. The 
harshness of quality consequent upon a sudden 
discontinuity is thus ob\yiated. The free reed 
of an organ pipe is tuned by a "ire clip which 
grasps it near its root. The shorter the 
vibrating part of the reed the higher the 
pitch. The beating reed has a \\ ire pressing 
upon it near the root, and by its adjustment 
the reed is tuned. By varying the de '.ign of 
the reeds and the shape of the pipes with 
which they are used, various typical tone 
qualities can be obtained or approached, thus 
imitating or suggesting the various orchestral 
instruments. 
In these reed 8top8 (or sets of pipes of a 
gÎ\
en type for se\-eral octaves) \\e may note 
the folIo" ing parts and functions. The blast 
of \\ ind is the exciter, the reed of definite 
pitch is the vibrator, and the pipe \\ith "hich 
it is associated is the resonator modifying the 
quality of tone produced. 

 (33) ORGA
 PIPES WITHOUT REEDS.- 
These constitute the flute, or flue, stops of the 
organ. They are usually parallel and always 
have a typical opening called the moutll. 
Above the mouth is the speaking length of the 


pipe, below it is the rack length, or portion 
of smaller tube by which the pipe is put in 
connection with the \\ ind chest from which 
it is blo\\ n. :Metal pipes are usually of 
circular cross-section, wood pipes are usually 
rectangular in cross-section. The flute pipes 
also fall into two main classes according as 
they are open or st-opped at their top end. 
Let us inquire how these pipes comE" to 
utter their musical sound. (See Fig. 6.) 
Suppose the pipe is in position, the air in 
the \\ind chest at the right pressure, and the 
key is depressed. Then the blast of air i:::ìsues 
from its slit-like opening at the lower part of 
the mouth of the pipe and passes up in the 
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Pipe. 


form of a thin sheet or blade and strikes the 
lip or upper edge of the pipe's mouth. It may 
pass chiefly outside the pipe and so make a 
rarefaction inside or it may pas;; chiefly inside 
and so make there a compression. \Yhichever 
state is first produced just inside the mouth 
ad\ances to the top of the pipe, is there re- 
flected, and returns to the mouth. On 
reaching the mouth this reflected disturbance 
reacts upon the unstable blade-shaped stream 
of air still passing upward at the mouth. 
Accordingly this stream is easily pushed or 
dra\\ n aside, and by this very deflection 
encourages that stat
 which al;eadv e
ists. 
Thus t1
e "ind maintains thE" soun
l of the 
pipe. But its pitch or frequency is fi
ed by 
its speaking-length, the nature of the reflec- 
tion at th(' top. anù the speed of sound in 
tre air of the pipe. 
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(i.) Open Pipes.-If the pipe is open then a 
compression arriving there will be reflected as 
a rarefaction, fur the two opposite states are 
req uired to keep the pressure practically con- 
stant, as must be the case at an open end. 
Hence, if a compressiun starts up from the 
muuth, it is changcd intu a rarefactiun after its 
ascent, and after its descent it is again reyersed 
in ::;tate by reflection at the mouth, so starts up 
again as a compressiun. That is, the original 
state of things is repeated after twice travers- 
ing the speaking-length of the pipe. Consider 
nuw the case of a stopped pipe. A compression 
arriving at the top end is reflected as a com- 
pression (the double compression being easily 
suppurted by the stopped end), desccnds to 
the mouth, is there reflected as a rarefaction, 
and passes up and down the pipe again in 
that state. Then, by reflection at the mouth, 
it is changed to its original state of compres- 
sion. And this occurs after traversing foltr 
tim.es the speaking-length of the pipe. Thus a 
stopped pipe has about double the period 
and half the frequency of an open pipe of the 
same length. In other words, stopping the 
pipe lowers its pitch about an octave. All 
the above remarks apply to the prime or 
fundamental of the pipe. Let us now inquire 
what are the pitches of the other partials 
possible to the pipe. Take first an open 
pipe as shown in Fig. 6. To prepare for the 
upper partials we may with advantage go 
into a little closer detail in the prime itself. 
Thus the mouth and the upper open end are 
both anti nodes or places of freest motion. 
These are accordingly marked A in the first 
column of Fig. 6 under the heading prime tone. 
But, h!tlf a period after a compression leaves 
the mouth to ascend, a rarefaction leaves it 
also and starts up the pipe. Now, at this 
very instant a rarefaction, derived from the 
previous compression, is starting down from 
the top. Thus, these two rarefactions will 
meet at the middle of the pipe, and while (by 
their opposite direction) annulling all motion 
they will produce a double rarefaction. This 
middle point is therefore for the prime a 
node, or place of no motion but greatest 
changc of pressure. It is accordingly marked 
N on the figure. If the pipe were overblown 
it could sound its sccond partial tone. The 
corresponding state is as shown in the column 
under that heading. Thus, there arc again 
antinodes at the open end and mouth, hut 
now an antinode in thc middle also, nodes 
occurring mid\vay between the antinodes as 
before. The wave-length of the vibration is 
accordingly half that for the prime and the 
frequency, in consequence, is doubled. The 
next column shows the state of things for the 
third partial, in which the. wave-length is a 
third that for the prime and the frequency is 
trcbled. In Fiy. ü a little tambourine with 


sand is shown at the middle, by which it may 
be demonstrated that there is no motion at 
the node::; and much at the antinodes. The 
gas jets .11', G, H show that there is a fluttering 
of pressure at the nodes. 
.Kow, when the pipe is supplicd with wind 
of the appropriate pressure it sounds the prime 
most prominently, but also the uther partials 
too, their intensity falling off as we ascend in 
the series. A set of pipes intendcd for use 
at any given pressure must therefore be so 
voiced (or adjusted at their mouths) as to 
respond readily to blowing, and start their 
notes as promptly as possibh>. If the stream 
of air were so directed as to fall outside the 
pipe always, or inside it always; then in 
each case the pipe would nut speak. It must 
be so directed and of such unstable nature 
as to be easily pushed out or drawn in by the 
fir::;t feeble pulse that has travelled up and 
down the pipe. Further, this stream of air 
must bc of such nature as to encourage, not 
the prime only, but each of the other desired 
partials also, and each in the degree desired. 
But the pipe has a great effcct upon the final 
result whatever the stream of air is favouring. 
Thus, with a narrow open pipe, all the partial 
tones are well in tune, that is the frequencies 
possible to the pipe are almost exactly in the 
ratio 1, 2, 3, 4, J, ü, etc. Now when the 
blast is on, all the partial tones actually 
sounded must "be precisely in tune as just 
mentioned. Hence, un bluwing such a pipe 
these partial tones readily respund and the 
tone is fairly bright because many partial 
tones are present. Again, consider an open 
pipe, but this time a wider one (and perhaps 
of wood), the possible partials have frequencies 
nearly as 1, 2, 3, 4, 5, 6, gctting more out of 
tune as we ascend the series. Accordingly it 
requires more effort to induce these higher 
partials to speak in tune, which they must 
do under the influence of the blast if they are 
to speak at all. The result is that these 
higher partials speak more feebly in a wide 
pipe than in a narrow one, and the tone is 
consequently mellower or less bright. 
(ii.) Stopped Pipes. - Turning now to a 
stopped pipe, we must always have a nude at 
the stopped end and an antinode at the mouth. 
For the prime tone there is no other node or 
antinode in the pipe, which accordingly has a 
length about a quarter of the \\ave-length 
speaking. For the next partial we should 
ha ve the state of things n'prescnted by 
A
 A
; beginning at the muuth and denoting 
by A an antinode and by N a node. The 
length of the pipe is accordingly three-q uartcrs 
of thc wave-lcngth now in use. In other 
words, the wave-length is now <me-third that 
for the prime and the frequency is trebled. 
Similarly for the next higher partial we should 
have the SChClllJ A
A
AN. This shuws that 
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tho pipe is fi ve-q uarters of the wave-length 
nuw in use, whose frequency is accordingly five 
times that of the prime. Thus, for a stopped 
pipe the frequencies of the partials pos8ible 
are as 1, 3, 5, 7, etc., i.e. as the odd numbers 
only. \Yith the stopped pipes again (as with 
the open ones), the narrowness of the pipes 
favours the upper partials and produces a 
brighter tone, while widening discourages 
them and gives a duller tone. But, whether 
wide or narrow, the stopped pipes have a tone 
quality distinct from the open ones because 
of the odd partial::; only bein
 present instead 
of all. The tone of stopped pipes may be 
described as somewhat hollow, the wider 
stopped pipes h::we a dull quality of tone, and 
when very low are said to be soft and powerless. 
The tuning of open flue pipes when of metal 
and cylindrical is accompanied by shifting a 
sleeve which slides on the upper end. Pushing 
the sleeve up lcngthens the pipe and flattend 
the pitch, pushing it down shortens the pipe 
and sharpens the pitch. 
\Voodell open pipes are tuned by bending a 
metal piece which shades the top. The pitch 
is flattened by lowering this flap, because the 
upen end is then more effectively shaded 
and this is equivalent to lengthening the pipe. 
For the virtltal open end, as regards the wa\Tes 
of sound, is always beyond the actual end, 
and the less open the end- is the greater the 
discrepancy between the two. To sharpen 
the pitch the flap or shade is raised and the 
pipe virtually shortened. 

 (34) THE FLU"TE A
D PICCOLO.-In thc.se 
instruments (and fifps) we have a pipe parallel, 
or nearly so, open at one end and pierced with 
a special mouth-hole near the other end. They 
are thus comparable to the flute pipes of the 
organ as to the manner of maintaining their 
sound, though the lips and chest of the 
flautist replace some corresponding mechanism 
in the organ. The air blast may be regarded 
as the exciter, while the vibrating system 
comprises (a) the blade-shaped stream of 
air which passes from the player's lips and 
strikes the sharp erlge of the mouth-hole, and 
(b) the column of air within the cylindrical 
pipe. The pitch is decided and kept steady 
by the length of the air column whose vibra- 
tion causes the stream of air alternately to 
enter or pass over the mouth-hole. The 
manipulative mechanism for the production 
of the scale consists of the holes and keys 
along the side of the tube which act by regul
t- 
ing the effpctive length of the tube in use. It 
is this length which governs the time of 
passage of a pulse to and fro in the tube. In 
a very simple form of flute or piccolo there 
are only six finger holes and six keys, the former 
being open excppt when closed by the fingers, 
the latter closing holes except when opened 
by the fingers. In such a flute the uncovering 
VOL. IV 


of the holes in order beginning at the right-hand 
ur upen end wuuld usually give the diatonic 
scale of D. If, however, the tube is lengthened 
and other keys provided, the chromatic scale 
may be continued down to C natural. By 
some musicians the flute is then said to be in 
C, although the holes still correspond to the 
scale of D. In Table VII., p. 699, flute in D 
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FIG. 7.--Concert Flute, 
Pratten's Conp. 


FIG. 8.-Silver Concert 
Flute, Boehm C
 linder. 


i
 inserted although of this type. In the Boehm 
flute the holes are all cO\
ered, but the positions 
of these key-holes correspond to all the finger- 
holes and key-holes in the simpler arrange- 
ment. The two flutes are shown in Fig8. 7 
and 8. The musical notes indicated against 
the open end and the other holes give the 
pitches sounded in the lowest octave when 
each place is in turn the first opening counting 
from the month-hole. In other words, the 
place in question is oppn but everything else 
is closed between there and the mouth-hole. 
The higher octaves are obtained by oyer. 
blowing and slightly different fingering. 
2 Z 
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The flute has the full series of partials since 
its tube is parallel and open at each end, but 
the partials do not usually extend far. Thus, 
the quality of the flute's tone is very mellow 
and pleasing, being somewhat dull in the lower 
register if sounded softly, but brighter in the 
middle part of the com pass. The partial 
tones of the flute are in some cases almost 
limited to the prime and octave. In attempt- 
ing to obtain low notes loud, the octave (or 
second partial) may be much louder than the 
prime, and there is difficulty in keeping the 
prime going at all. 
The piccolo is about an octave above the 
flute, but in other respects similar. The 
lower part of its register is poor in quality and 
is not much used, the flute giving better notes 
in this part of the com pass. Also the higher 
notes of the piccolo, if loud, are somewhat 
harsh and need toning down by a sufficient 
accompaniment. But the piccolo, judiciously 
used, can give an incisive brightness not 
otherwise obtainable. It can also continue 
a melody beyond the range of all other 
orchestral instruments. 
The flute and piccolo are the most agile of 
the wood-wind instruments, being capablo 
of rapid staccato passages which would be 
difficult and ineffective on reed instruments. 
This is in great measure due to the possibility 
of double and triple tonguing on the flute, 
which is impossible with a reed, To grasp 
this point we muat note that the ordinary 
method of producing or tonguing detached 
notes on the flute is by articulating the syllahle 
too, or something which approximates closely 
to it. Now this is done by sharply withdraw- 
ing the. tongue from between the lips and emit. 
ting a puff of air. But if this syllable too were 
required for every detached note, however 
rapid the music, only a confused scuffle would 
follow. For the tongue would have to perform 
two motions, backward and forward, for every 
note uttered. This difficulty is obviated by 
pronouncing different syllables alternately, 
say too with the backward stroke of the 
tongue, and koo with its forward stroke, a 
musical note being obtained at each stroke. 
Various syllables are u'òed according to 
individual choice, clearness and equality of 
articulation being the aim. It is easily seen 
that double-tonguing offers the same advan- 
tage to the flautist that up-and-down bo\\ing 
does to the violinist, a note being obtained at 
each stroke, instead of only one note for both 
strokes, as in single t.onguing on the flute. 
or using all down-strokes with the violin bOl\.-. 

 (35) THE OBOE A)/D BAssooN.-These are 
the soprano and bass instruUlpnts of the same 
family. Each iR played with a small doublc- 
cane reed, and each has a conical tu be. It 
can be shown mathematically that such an 
in'3trument (a COIle closed by the reed at its 


vertex) must have the full series of partials. 
And it is found by experiment to be the case 
for the oboe. Indepcl, some of its high partials 
are very powerful, and therefore make the 
tone quality thin but penetrating. The oboe 
takes so little air that the player is practically 
holding his breath while sounding a continuous 
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FIG. 9.-The Oboe. 


FIG. to.-The Bassoon. 


note, and needs rest not to take breath but to 
expel that which could not be passed through 
the repd. 'Yith these instruments the air 
blast is the exciter, the repd and its associated 
tu bp form the vibrator, and the somewhat 
complicated system of holes and keys supply 
the mechanism for thp })rodnction of the scalp. 
This is accOmpliRhf'd by changing the ('ff('ctive 
length of the tube from the recù tu the firRt 
opening. 
The conical tube of the oboe is straight, 
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while the bassoon, about two octaveq lower, 
has a bent tube. The bell of the bassoon is 
at the upper end, the other or reed end being 
near the bell, but lower, while the è
mical 
tubing passes down from the reed to the con- 
cealed bend at the lowest part of the instru- 
ment and thence straight up to the bell. Both 
instruments are shown in Figs. 9 and 10 
The English horn or ('or .Anglais may be 
regarded as an alto oboe, but the bell is rather 
different in shape, and the 
tone is quite characteristic and, 
in certain cases, extremely 
effective (see Fig. 11). 
All the instruments of thi
 
family (like the flutes) yield the 
octave by overblo",ing. By 
this device, therefore, combined 
,dth suitable fingering, the 
higher octaves are obtained. 

 (36) THE CLARIXET.-This 
instrument is ver)"' special from 
the scientific standpoint and 
justly prized by musicians for 
its fine tone. It is played "ith 
a single beating-reed of cane; 
the tubing is parallel, except 
for a small part near the 
mouthpiece and the end '" hich 
forms a bell. Thus, since the 
reed must count as a closed 
end, the clarinet has the odd. 
numbered partials most pro- 
minent, although the even ones 
are not entirely absent. It is 
this, together "ith the special 
behaviour of the reed in the 
mouth of a skilled performer, 
that gives the tone of the 
instrument its quality so 
characteristic of the clarinet. 
Further, it must be noted that 
the instrument (because of its 
odd partials) overblows the 
tzcelfth (instead of the octave, 
as in the flute above). In 
other words, since the strong 
partials have frequencies, as 
F 1, 3, 5, 7, etc., that of triple 
!G. 11. f . h 
Cor Anglais. requency IS t e next note to 
the prime, and so is got by 
overblo"ing. And this note is the twelfth 
of the prime in the musical method of reckon- 
ing by counting the notes of the diatonic 
scale. Accordingly, on the clarinet a sufficient 
num ber of holes and keys must be provided to 
give the chromatic scale over the interval of 
a twelíth from low E up to B. This requires 
at least 19 holes and keys, but it has been 
found preferable to provide 7 holes and 13 
l;;eys. These are, as sho\\ n in Fig. 12, the 
letters against each holt" or key indicating the 
notes sounded when the place in question is 



 


i , 
!- - ( 

i 
 


k@.I: 


0&. ,I'iI 
I 
f 
 I 
'. ;!, . 


- . ,I 
".. I 

 

 

 
, I : 


fi: 


I 
l. 


I 
t
- 



 


open and all else is closed between there and 
the reed. 
Since the fingering is somewhat complicated 
in the clarinet it is fonnd prefera hIe to keep 
it "ithin the limit of keys "ithout more 
than two flats or 8harp
 in their signatures, 
at any rate for rapid pas!"ages. This necessi- 
ta tes the provision of clarinets in various keys, 
those in common use in the orchestra being 
in C, in B"t, and in.d. Thus, if a piece of 
:music required perform- 
in
 in the key of E? 
(three flats in the signa- 
ture >, b
T directing the 
use of the B"t clarinet 
the music would be 
"ritten in F (one flat 
only in the signature). 
For the fingering that 
produces F on the C 
clarinet "ill produce E, 
(a tone lower) on the B, 
clarinet, since the instru- 
ment itself is a tone 
lower by reason of its 
extra length of tubing. 
Again, if music in the 
key of E (four sharps in 
the signature) were to 
be played on tlw clari- 
net, the music would be 
written in G (one sharp 
in the signature) and 
assigned to a clarinet in 
A. Then. since this 
instrument gives A for 
the note written and 
fingered as C, it "ill gi,-e 
E for that. "Written and 
fingered as G. Of course 
the C clarinet could be 
used for the five keys 
B." F, C, G, and D; but 
the B., clarinet would be 
better for the first of 
these, about equally good 
for the second, while 
the A clarinet would be 
better for the last. But 
apart from the ease of 
fingering which has just 
been alluded to there is the distinctive quality 
of tont" of each instrument to be considered. 
Thus the C clarinet is in the upper parts some- 
what unsympathetic, while the .d clarinet 
is duller than the B, instrument. "hich is 
considered the richest and fullest in tone. 
H may be noted that the clarinet is specially 
capable of the most delicate gradations of 
pirzno and pianis8imo. Further, in common 
with all the other reed instruments, the 
clarinet is heard at its best in Jegato phrases. 
Staccato pla:ying on the reeds is ineffectiye 
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in rapid passages, as no douLle - tonguing 
is possible (as in the case with the flute). 

 (37) THE FRE
CH HOR
 'YITHOUT V ALVES. 
- 'Y e now commence the notice of a class 
of instrument very important musically and 
of high scientific interest, namely, the brass 
of the orchestra and other bands. All these 
have hyperbolical pipes and cupped mouth- 
pieces, the human lips forming the very special 
double-reed. To produce any desired note, 
that is possible with the length of tube In use, 
the lips (at the right tension) are applied to 
the mouthpiece, the tongue is suddenly 
withdrawn from them and a sound like too 
articulated. This sound is steadied in pitch 
and much increased in power by the tube. 
Thus the blast of air is the exciter, the human 
lips and the tube together forming the vibrator. 
In the above respects all the brass instruments 
are alike. They differ, howeyer, very ,videly 
in the mechanism for the scale, in compass, 
in power, and in many other details. 
All French horns have very long tubing 
coiled in a circular form and ending in a large 
ben, and are played with a long narrow taper- 
ing mouthpiece which favours the production 
of high notes of a soft quality of tone (see Fig. 
13). In playing, the right hand is placed 


/ú/ 
" 1{/ 

 


FIG. 13.-Frcnch Horn without Valves. 


inside the bell to give the tone a slightly 
muffled or veiled quality. The hand can 
also be changed somewhat in position so as 
to alter the pitch by various fractions of a 
tone, quarter-tone, semitone, three-quarters 
tone, etc. This changed position of the hand 
involves also a change in the degree of muffling. 
In common ,vith an the other brass instru- 
ments French horns have the fu]] series of 
partials. This is due to the fact that a cone 
closed at the vertex gives this full set, and 
that all the brass instruments are quasi- 


conical. The curvature is to correct for the 
bell and mouthpiece, etc. By a suitable 
pinch of the lips these different partials may 
be elicited in turn as the open notes of the 
instrument, those which are lower than the 
note required being suppressed. In this 
way the various possible frequencies from 
] to 16 may be sounded. These notes for a 
horn in C may be represented in ascending 
order as follows: 


[0] c g (f e' g' (l/I?) (f' d" e" (f") g" (n") (b"b) b" e"'. 
[1] 2 3 4 5 f) 7 8 9 10 11 12 13 14 15 16. 
The notation here used is that at the top of 
Table VII., p. 699, giving the compass of the 
various instruments. The first note or pedal 
is shown in square bracket8 and is very 
:-;eldom used musically. Indeed, it is not 
strictly in tune, but is somewhat displaced 
in pitch in order to bring the other notes 
that are used into more exact tuning. Again, 
the 7th, 11th, 13th, and 14th notes are in 
round brackets to indicate that they are 
not in exact tune with the notes shown by 
b", f, and a, nor indeed with any notes in 
the tempered scale in use. But, if the instru- 
ment is a good one, the notes in question have 
the frequencies shown by the numbers 7, 
11, 13, and 14. It is seen that the series of 
open notes give some approximation to a 
diatonic scale in the top octave but not in 
the Imver ones. In the original form of the 
horn (which is very ancient) no valves were 
provided, and the fist had to be used to 
modify the open notes if an approach to 
the ordinary scale were required in parts of 
the compass ,,,here the open notes left large 
gaps. For this reason the French horn with. 
out valves is often called a hand-horn. But 
when the instrument was used without valves 
there were still gaps in the lower parts of its 
compass where the open notes are a musical 
fourth or fifth apart. To meet this deficiency 
horns were used in variuus keys by the addition 
of coiled tu be8, caned crooks, near the mouth- 
piece. The crooks were of different lengths, 
90 as to put the horn in A, A", G, F, E, E" etc. 
Thus, by having some horns in one key and 
some in another, a composer could get alì 
the notes he required. Such crooks are stiU 
used on the French horns with valves, because, 
by putting the horn in a suitable key, more 
open notes are obtained. In order to tune 
the horn some parallel tubing is pnwideò, 
of which one piece like a U can be drawn 
out at pleasure. This is called a tuning 
slide. 'Vhen no valves were used the horn 
would have a characteristic of its own, 
owing to its scale limitation, apart alto- 
gether from its special quality of tone. 
The same thing is noticeable to-day in bugle 
calls and in fanfares on trumpets without the 
use of valves. 
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 (38) FREXCH HOR
 WITH YALYES.-Lct 
us now consider the use of valres to complete 
the chromatic scale on a brass instrument. 
Such valves act by putting in use additional 
lengths of tubing and so flatten the pitch (see 
Fig. 14). (This may be contrasted "ith the 
method of side openings on the wood-wind 
instruments "hich shorten the portion of 
tube in use and so sharpen the pitch.) For 
the French horn the longest gap which it is 
necessary to bridge is that between the 
second and third open notes c and g, a musical 
fifth apart. "
e thus need six different 
lengths of tubing to derive, from the upper 
note g, the notes f':, f, e, d
. d, and c
. Then, 
if this longest gap is bridged, all smaller gaps 
are bridged also and "ith something to spare. 
Further, the valves ",ill be available to extend 
the scale down from c, should that be req uired. 
The six lengths of tubing needed are supplied 
by three valves, of which the middle or second 
v
lve adds sufficient length to depress the 
pitch a semitone, the first valve alone flattens 
the pitch a tone, while the third valve alone 
flattens the pitch about a tone and a half. 
Then the combinations, second and third, 
give a flattening of about two tones, the first 
and third two-and-a-half, while all three 


TABLE YIII 


be difficult to obtain and those below the 
bottom C sho" n in braces are difficult also. l 
It is easily seen from the table below that 
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FIG. H.-French Horn. 


in the higher parts of the compass alternative 
fingerings are possible. These "ould be 
indicated by writing notes in the lines so as to 


SCALE o
 FRE
CH HORN IX C 


.Fingering and S otes 



 
Order of I 
Open X utes Open 1 ] 1 1 
in Use. 2 2 2 2 
o. (or 3) 3 3 3 
lG C . . . . . . . . . . . . I 
15 B: . . . . . . . . . . . . 
14 - Bb A G; . . . . . . . . 
I 12 G F
 F . . . . . . . . 
10 E D:: . . . . . . . . . . 
9 D C= . . . . . . . . . . 

 . .. .. .. .. .. .. .. .. .. .. .. .. .. .. .. .. .. .. ................ .--....... ................ .--- ....... .. 
8 C n'" Db A G: . . . . 
G G F
 F . . . . . . . . 
5 E D:: D C' . . . . . . 
4 C B:: BI7 A G:: . . . . 
3 G F
 F E D
 D C
 
2 C {n: Bb A G:t G I F:} 

 


together flatten the pitch about three tones. 
It may be noted that the first and second 
valves
 are generally used together instead of 
the third alone. The use of the val res, and 
the notes produced on a horn (or other valved 
in:;trument) in (', are shown in Table YIII., 
together \\ith the order of the partial or 
open note in use on the tutal length of 
tubing. 
Any notes above the top C shO\\ n would 


fill up all the blanks, taking care to descend 
a semitone in each shift to the right. It 
may be noticed also that two valves (the first 
and second) would give the chromatic scale 
over the upper part of the compass. 'Yhen 
a longer crook is fitted to the French horn 
1 On the cornet and SOI1W other \'ah"e(1 in
trnments 
no note higher than the C, which is the eighth open 
note, is u
ually l'ml1loyed, thi
 limit heing indicated 
by the dottcd lint'. On the ('ornet, howe\'cr, the low 
notes in lJraces are all readily olJtained. 



7]0 


SOUXD 


each of the valves needs more tubing also. 
They are accordingly fitted with slides that 
are dra\\n out to suit. 

 (39) FAULTY IXTOXATIOX OF ORDINARY 
Y ALVEs.-Let us now inquire if the valves 
can be tuned so as to be strictly correct for 
use alone and in combination. Suppose that 
only the equal temperament is aimed at, so 
that the problem is simplified as far as 
possi ble. Even then the theoretical req uire- 
ments cannot be met by ordinary valves. 
Perhaps the simplest way to see this is to take 
some concrete case as follows: Let the first 
and third valves give the df'pression of a 
musical fourth correctly, i.e. the length of the 
tubing is increased in the ratio 3: 4. (The 
tempered intonation is practically equal to 
the just for this interval.) Then, if the 
second valve used alone depressed the pitch 
by an equal-tempered semitone, it will need 
to be t of its previous length to depres
 it a 
semitone when used along with the other 
two valves. If therefore the second valve 
is not altered when in combination with 
the others it will depress the pitch by !l 
of a semitone only; thus leaving the note 
in question one - fourth of a semitone sharp. 
Hence, with three ordinary valves, some 
compromise is inevitable. Thus, as exactness 
throughout the compass is impossible it has 
to be considered on what notes mistuning 
will be least objectionable. A glance at 
Table VIII., 
 (38), shows that the first and 
second valv('s are more used than the third, 
which is scarcely needed in the upper range. 
Also the three valves together are needed 
only for one or two notes near the hottom of 
the compass. :Further, it must be remarked 
that the resonance of the instruments under 
consideration is much more spread in the 
lower part of the compass than in the upper. 
That is to say, it is quite easy t.o blow the 
lower notes a little sharper or flatter than their 
natural pitches, but difficult to do so with 
the upper notes. Indeed, other things being 
equal, the difficulty of blo\\ing a note sharper 
or flatter than its true pitch is proportional 
to its freq uency.l All these considerations 
point to the de::;irability of keeping the first 
and second valves, used alone or in combina- 
tion, as true as possible and allowing errors to 
accumulate on the' combination of all three. 
But to mini mise the sharpness in this last 
case the third valve slide may be made fairly 
long. Let us now illustrate this by a numerical 
example. Suppose some cornet has an ap- 
proximate length of .30 inches of tu hing from 
mouthpiece to bell when no valves are in use, 
and, for simplicity, let us ignore any modifica- 
tions in lengths that may ari"e from the fact 
that through the valves the tubing is parallel 
but is tapering both hefore and after, then 
1 See Phil. .LUag., July 1913. 


the lengths to the nearest tenth of an inch 
required for the yarious notes in equal 
temperament are as shown in Table IX. 
It is to be noted that the nominal note C is 
really the open note natural to the instru- 
ment. Next below are given the lengths 
that might he added by the ordinary valves, 
the total lengths of tubing so obtained, and 
the errors in length and in fractions of a 
semitone. It is seen that the C: and F:: are 
about a quarter of a semitone sharp, and 
that the D:t: Ç1nd G:; are about one-seventh 
of a semitone flat. Also if the third valve 
be used instead of the combination of one and 
two, we have the E and A about a quarter of 
a semi tone flat. 

 (40) EQUAL TEMPERAMENT WITH SPECIAL 
VALVEs.-Let us now notice the principle of 
certain special valves with which it is possible 
to attain equal temperament. This improve- 
ment has been introduced by two firms, t.he 
details of construction being different. In 
each case, however, the main principle is the 
same, viz. that when the third valve is useù 
in combination with either of the others (or 
both of them) some extra length of tubing 
shall come into use over that in use with thc' 
first and second valves alone or together. 
The effects of this arrangement are shown in 
the lower part of Table IX., by which it is 
seen that the lengths shown for the first and 
second valves are greater when the third is in 
use than when it. i
 not. The results are seen 
to be errors so slight as to be practically 
negligible. Hence, musically speaking, the 
instrument is true to the equally tempered 
chromatic scale throughout, provided the 
open notes are so tuned. l\Iessrs. Boosey & 
Co., of London, obtain this advantage by 
arranging that certain extra compensating 
knuckles of tubing shall come into use in 
connection with the first and second valve3 
when, and when only, the third valve is de- 
pressed. They called their device" compen- 
sating pistons." 
:l\Iessrs. Besson & Co., Ltd., of London, 
have a pair of separate knuckles of tuhing for 
the first valve, and a pair for the second also. 
One of each pair is called the short s]ide and 
comes into play when that valve is used 
without the third valve. The other of each 
pair is the long slide and comes into play only 
when the third valve is depressed as well as 
the valve in question. The arrangement of 
these pairs of !'lides (long and short below 
and above) is clearly seen from Fig. 15, show- 
ing one of Be
son's cornets with their "en- 
harmonic" valves. Each of the five valve 
slides may be drawn for tuning so as to reach 
the best adjustment. It seemed desirable to 
show these valves at the outset in connection 
with the cornet, but it must be remarked 
that their use is more desirable in the 
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TABLE IX 


VALVES 05 CORSET 


Tnches. Inches. 
53.0 5()-I 
F
 F 
B- B> 
3.2 
t).3 
53.2 5t)-3 
+0,2 +0,2 


Inches. 
59-5 


Inches. Inches. Inches. 
ü3-C ()() - ï 70,; 
D
 D C:: 
(' - G F
 
,.. 
3.2 3.=:! 
()-3 ()-3 
10.3 10-3 10-3 
li3-5 ûü.6 tj9-8 
+0.5 +0,1 -0'9 


E 
A 


3.2 
and 
().3 
(10-3) 


59<> 
(üU.3) 


o 
( +0-8) 


1/ 1 5 1/ 15 
3.13 
6.=:!5 


o 
(1,4'1 ) 


I,7b I 3, 0.:?3:: 
3.,3 3-75 
7-4 7.4 
9.4 9-4 9.4 
li3.13 li6.8 ,0.55 
-t 0,15 +0,1 -0.13 
II=:!3 ? 1/37 11:!7 ; 


3.13 
and 
6.25 
or 
9.4 


53.15 5G.
5 
+0.15 +0.1.) 
1/ 2 0 1120 


59,4 


-0.1 


1,34 


aIr In these bass instruments make it much 
harder for the performer to correct any faulty 
intonation by blowing so as to force the 
notes in tune. 'Yhereas," ith smaller instru- 
ments like the cornet and trumpet, professional 
players often disdain all complications, since 
they are so expert at forcing each note into 
tune. 

 (..H) THE BACH TRf":\IPET.-This trumpet 
is quite straight and allows the light to pass 
through it when the valvps are not depressed. 
It is usually made in E
 and D, the change 
being made by using the E,., or thp D middle 
piece bptween the \yah.cs and the bell. (See 
Fig. Iß.) 
As in the case of the French horn. this 
trumpet is made "ith t" 0 or three valves 
according to the musical pas
ages for which it 
is required. Thus in Handel's Jlessiah, for 
the trumpet obbligato in "The trumpet shall 
sound," the solo player generally uses an 
instrument with two valres only_ the third 
valve not heing required. Indeed this part 
was originally written for a valveless trumpet 


FIG. l:>.-Cornet with bpecial Yalves. 


eu phonion and bom ba rdon. These will bC' 
dealt with later. The much greater maSb
S of 
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of double length and therefore an octave lower. 
Then the high }' and :F: had to be blown into 
tune from the eleventh open note, which 
really lies between them in 
pitch. This trumpet has a 
tone of great nobility and 
brilliance, but yet is sus- 
ceptible of piano passages 
and is then comparatively 
mellow. It reaches easily 
the highest notes allotted to 
the orchestt'al brass. It is 
tuned by the particular 
setting of the middle piece 
between the valve portion 
and the bell, a certain 
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,: I 
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FIG. 16. 
Bach Trumpet. 


FIG. 17. 
Trumpet in Bo anti A. 


latitude being available at each end. To 
put the instrument in the low pitch (or " new 
Philharmonic") a small bit of tubing about 
an inch and a quarter long is inserted next 
to the mouthpiece. The valve slides are all 
drawn the correct distances when this bit is 
in use or when the trumpet is put in D. 

 (42) TRU'\TPETS IN Eo'), F, ETc.-The trum- 
pets in ordinary use have the tubing coiled 
up in the fashion so familiar and as shown 
in Fig. 17. This model changes easily from 
B, to A 
 by drawing the slide as indicated 
lightly at the right. This kind of trumpet 
is now made in C also and is much in use in 
orchestras. Fig. 18 shows the symphony 
trumpet in C with rapid rotating chanqe to 
B; made by C. G. Conn, Ltd., of Elkhart. 


Trumpets in F and E, of the same model 
as the above, but without any rapid change, 
are often used in orches- 
tra
 for the lower 
trumpet parts. They 
can be set to Eo') by the 
insertion of a crook as 
shown in Fig. 19. 
Trumpets in B, are 
a]
o made without 
val ves for fanfares, etc. 
Their scale is then re- 
stricted to the notes of 
the ha.rmonic series of 
relative frequencies ll], 
2, 3, 4, 5, 6, [7], 8. 
The first and seventh 
notes are not generally 
used. (See Fig. 3.3, 

 (52) (vi.).) Bugles in 
B
 are similar as to 
the absence of valves 
and consequent restric- 
tion of scale, but are 
more gently tapering 
from the bell and so 
ha ve a mellower, less 
b FIG. 18. 
rilliant tone. (See Trumpet in C and n#. 
Fig. 34, 
 (52) (vi.).) 

 (43) TRo
IBo
Es.- 'V e now consider a 
family of brass instruments in which no 
restriction is p]acpd 
on the intonation 
possible. Thus it 
may be equal tem- 
perament or just any- 
thing that is wished 
and the performer has 
the skill to attain. 
This is owing to the 
fact that the mechan- 
ism for the scale 
consists of a U -slide 
which may he drawn 
out so as to flatten 
the pitch C'ontinu- 
ous]y by any desired 
amount to six semi- 
tones. "Then the 
sJide is closed it is 
said to be in the first 
position. By extend- 
ing it to the second 
positi()ll the pitch is 
flattened a semi tone, 
on reaching the third 
position the pitch is 
a whole tone lower, 
and so on to the full 
extension of the 
lide, 
,\ hich is the seventh 
position and inv.olves a fla.ttening of six 
semitones. On comparing this arrange. 



 
1 


i: I
, 


q 
'1 


FIG. lB. 
Trumpet in F and Eb 
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ment "ith the system of three valves it is ' 
seen that the fir::)t position of the slide corre- 
sponds to the open notes on the valved 
instrument, the second position to the depres- 
sion of the second valve alone, the third 
position to the use of the first valve alone, 
and so on, the seventh position corresponding 
to the use of all three valves in combination. 
The full comparison may be shown thus: 


PO:l
à
ns Of} 1st. 2nd. 3rd. 4th. 5th. 6th. 7th. 
Flattening in- } 0 1 2 3 4 5 Û { Semi- 
voh-ed tones. 


corresPOnding } 0 
, alves 


1 2 
2 3 


1 

 
3 


2 1 


1 
3 


Slide trombones are made of various pitches 
called alto, tenor, and bass trombones; these 
are in E
, B.." and G 
respectively. A tenor 
trom bone is shown in 
Fig. 20. 4\t the top end 
is seen the tuning slide, 
and it may be noticed 
that its plane is at right 
angles to that of the 
long slide used for the 
scale, \\ hich extends 
downwards from the 
mouthpiece. This set- 
ting of the two bends at 
right angles is a peculi- 
arity of slide trombones, 
and distinguishes them 
from all other instru- 
ments, in which the coil- 
ing of the tubing is 
almost parallel to one 
plane. Although the 
sìide of the trombone 
allows of perfect intona- 
tion, it calls for ad(ll- 
tional skill on the part 
of the performer to take 
all the positions with 
readiness and right ad- 
justment. Further, it 
calls for great care on 
the part of the makers 
as to the right propor- 
tioning of the taper 
and curvature of the 
FIG. 20. t b . I b 
Tenor Trombone in B.,. u mg. n any rass 
instrument there is 
much difficulty in obtaining a tube of such 
shape as to give the harmonic series of open 
notes in tune down to the second. This 
difficult V is enhanced when the taper is 
interruI;ted by a parallel portion to ac-t as a 
tuning slide or a set of valves. Now in the 
case of the three ordinary valves there must 
he a length of parallel t
bing provided suffi- 


Jj 


cÏent to fl
tten the pitch three tones. The 
part of this length in use varies from nothing 
to the full amount. But in the slide trombone 
an additional length of parallel tubing suffi- 
cient to flatten the pitch three tones must 
be drawn out for the seventh position, and 
the same length of parallel portion must be 
present for the slide to close upon into the 
first position. Hence in the slide trombone the 
length of parallel tubing provided is double 
that required for three tones, the amount in use 
varying from the half to all of it. Again, in 
the slide of the trombone" e have a slight 
change of diameter inevitable on pas:sing 
from the parallel fixed portions to the 
movable portions of tubing "hich slide 
upon them. To minimise complications and 
avoid a "break" upon certain notes this 
difference of diametm s must be as small as 
possi ble. 
The trombones are capable of great power 
and have a rich and brilliant tone. In the 
hands of sympathetic performers they are also 
capable of pianissimo 
effects of great beauty 
and value. The somewhat 
uncouth mechanism for 
the scale forbids their use 
in quick florid passages, 
especially in the 10" er 
parts of the scale where 
the extreme positions of 
the slide are needed. 
They shine rather in slow 
movements of a certain 
stately grandeur. It may 
be noticed in conclusion 
that the possession of the 
slide confers the power to 
produce the grace called 
porta 1Il ento, or the con- 
tinuous gliding of the 
pitch from one note to 
another. This po" er in 
its complete fulness is 
other"ise po
sessed only 
bv the instruments of 
tl;e violin family and by 
the human voice. 
A slide trum pet is occa- 
sionally used for oratorios 
and other purposes. It 
is very little "different 
from the trombone in essential qualities, so is 
included here (see Fig. 21). By the use of 
crooks it can be put in 'Tarious keys. 

 (4-1-) rALVED IXSTR{J)IEXTS OF BRASS 
B..\SD.-'Ye now notice the instruments" hich 
form a complete family of similar units and 
constitute the brass band proper, to which 
may be added trombones and trumpets. All 
the various plements of this family have 
valves, usually three only, but some (If the 
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FIG. 21. 
Slide Trumpet. 
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bass ones occasionally have four or even five 
valves. Beginning at the upper part of the 
com pass and passing ùown to the bass, we 
have in order the following chief instruments: 
E
 soprano, B7 cornet, E
 tenor horn, B, 


(The orchestral tuha, in C is a note aboyc the 
B, bom bardon.) 
Of the main instruments, thc first four, 
I soprano, cornet, tenor horn, and euphonion, 
may be compared to the four varieties of 


(4ì 
ffLJi; 

, _ _ 

, i;>i 

 .tj l'-1 
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FIG. 22.-.Ej Soprano. 


FIG. 23.-B:, Cornet. 


}'IG, 24.-E!? Tenor Horn. 


euphonion, E, bombardon, BB, monster bom- 
bardon. These are shown in F-lgs. 22 to 27. 
Others of secondary importance are B, fluegel 
horn, same pitch as the cornet; B, baritone, 
same pitch as the euphonion but of smaller 
tubing; BD bombardon, same pitch as BBþ 
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.FIG. 2.J.-B(J .Euphonion. 


monster but of smaller tubing. Thus, glan- 
cing at the list, we see that the tenor horn 
is an oct a ve below the soprano, while the 
bombardon in Eo is an octave below the 
tenor horn. Again the euphonion is an 
octave below the cornet, while the Bo') born. 
bardon is an octave below the euphonion. 


human voice, soprano, contralto, tenor, and 
bass. The bom bardolls differ from the 
euphonion more in getting greater po"er on 
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FIG. 26.-Eb Bombardon. 
the low notes than in going so much lower 
This is due to the fact that the euphonion 
is Jftel1 provideù with a fourth valve to enable 
it to take the full chromatic scale down to its 



ped,tl ß
. Thi
 fourth valve lowers the 
pitch about a musical fourth, so by it, in 
conjunction "ith the others, the player can 
btidge the gap of an octave between the 
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FIG. 27.-BB o )IOllster Bombardon. 


second open note and the pedal or first of 
the same name. This devi.ce is occasionally 
applied, however, to the E, bom bardon als
. 
In either case the fingering is as follows, the 
notes being written C to C as is usual for any 
valve instruments playing from tbe treble 
clef : 


X otes in I 13. B". A. G;. G. 
'; F. E. 
pedal octa Ye I C. 
Fingering Of} 0 2 1 1 1 3 
2 1 3 2 
four valves 3 3 3 4 4 


In these bass instruments the compensated 
pistons or enharmonic valves are specially 
important. For the mass of air to be set in 
vibr&.tion is very much greater than in the case 
of higher and smaller instruments. Conse- 
quently it is hardpr for the player to elicit 
a fun and powerful tone unless the resonance 
is at its best, because no forcing to a somewhat 
different pitch is needed. It may also be 
spen that with uncompPllsatpd 
alves the 
deiect, would be emphasised by the addition 
of a fourth valve to be used "ith them down 
to the peù:l1. 
Of the instruments now under review, each 
ha
 a some" hat different voice and utterance 
(as well as compass), and each has its appointed 
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place tf) fill. The cornet is specially prized 
as a solo instrument, and ne
t to it the 
euphonion, the two being roughly compa-rable 
to a contralto and a bass soloist. Bv the 
device of double-tonguing (borrowed 
rigin- 
ally from the flautist) very rapid iterations 
on the cornet are quite easy. Also the attack 
may be varied from one of almost ideal smooth. 
ness to the ùther extreme of declamatory 
abruptness, the tone very varied to match. 
Staccato and legato playing are equally easy, 
shakes and turns (though not quite so fine 
as on the strings or wood-wind) can be readily 
executed, and just a slight suggestion of 
portamento is possible. A" ide range of 
po" er from double forte to pianissimo is at 
the disposal of the competent performer, 
either oyer a succession of detached notes 
or in the crescendo and decrescendo of a 
sustained note. Further, the grace called 
tremolo is possible on the cornet and may be 
easily indulged in too freely. This embellish. 
ment appears to consist of an alternate wax- 
ing and \\ aning of the sound a few times per 
second, produced by vibrating the instrument 
in the hand. But the cornet may be and often 
is vulgarised, as it lends itself so easily to 
music that is frivolous and ephemeral. .Most 
of the a bove powers belong as well to the 
trumpet as to the cornet, but the trumpet, 
having a more noble and brilliant tone (and 
often associated "ith "ood-"ind and strings), 
is usually reserved for loftier utterances and 
is concerned rather "ith the clash of battle 
or the pomp of regal appearances than "ith 
the more commonplace occasions of life and 
the sentiments appropriate to them. 
Comparing for a moment the piano, organ, 
Lowed strings, and "ind instruments, we see 
that the first lacks sustaining power, the 
second lacks accent, "hile the rest have both. 
In compensation, the first 
two are harmony in- 
struments in themselves, 
while the rest are only 
melodic components of a 
concerted harmony. 

 (4.3) Hr
L\.x VOlcEs.-In many respects. 
to the human voice must be conceded the 
highest place among musical instruments. 
For the variety and depth of e
pression which 
can be concentrated into a single note, it 
stands unrivalled. Though the com pass of 
anyone voicp may be less than that of most 
instruments, the four varieties taken together 
range over and exceed the limits of the treble 
and bass staves. Among the women's and 
mpn's voices and the boy sopranos we have 
also a delightful variety of tone quality and 
aptitude for music of distinctly different 
characters. But the chief characteristic of 
the human voice is its unique po" er of so 
modifying the quality of the sustained sounds 
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and so speC'Íalising their start and cessation 
as to give utterance to vowels and consonants. 
That is to say, the human voice alone can 
render the wo
ds as well as the music. For 
the vowels consist of a very special quality 
of sustained tone which may be called 'Vowel 
quality. Of the consonants some are produced 
by specially rapid and irregular vibrations 
preceding or folIo" ing an intermediate vowel. 
Some other so-called consonants can be sus- 
tained as long as any recognised vowel and 
have scientifically the right to be classed as 
vowels. The letter s is a case in point. 
This is not the place to enter into any 
Ininute anatomical examination of the human 
organs of song and speech. A very cursory 
notice of a few salient features must suffice 
here. Adhering then to our usual subdivision 
of the essential parts of a musical instrument, 
we may, for the human voice, state briefly 
as foll
ws. The exciter is the breath from 
the lungs via the windpipe. The 'l'ibrator of 
definite pitch is the pair of vocal cords (or 
ligaments), which form a partial obstruction 
across the larynx (or voice-box) and leave only 
the vocal chink or slit between them for the 
passage of air. The resonator is triple, consist- 
ing of the cavities of the pharynx (or upper 
part of the throat), the mouth, and the nose. 
These are modified by the tonsils, the soft 
palate, the tongue,' and the lips. The 
lllechanism. for the scale consists of the set 
of muscle
 which control the position, tension, 
and therefore also the vibrations of the 
vocal cords. The vocal cords in a state of 
rest are about three-q uartel'S of an inch long 
in men, and about half an inch long in women. 
'Vhen producing a musical sound the vocal 
chink (or slit between the vocal cords) is 
alternately closed and opened at the required 
freq uency. depending on the tension of the 
vocal cords, their length, mass, and loading. 
The air-blast is, in consequence, checked and 
allowed to pass alternately and at the right 
freq uency. Thus the loudness and pitch of 
a note depend upon the amplitude of vibration 
and frequency of the vocal cords, and conse- 
quently upon the muscles which supply the 
blast and set the vocal cords in the precise 
state required. It may be remarked that the 
resonator, having soft walls, is unable to 
modify the }>itch fixed by the vocal cords. 
Upon what does the quality of the tone depend? 
Clearly, (a) upon the exact nature of the vibra- 
tions executed by the vocal cords and so 
impressed on the issuing air, and (b) upon the 
resonant cavities which modify these vibra- 
tions, encouraging some partials and relatively 
discouraging others. That special quality 
which we recognise as constituting a given 
vowel appears to be due to thé special favour- 
ing by resonance of any partial
 near a given 
fixed pitch, whatever the pitch of the prime may be. 


Thus, the \Towel 00 , as in moon, is character- 
i:;;ed by the favouring of those partialB whose 
frequencie
 are near 175 per second. Accord- 
ingly, a musical note whose prime was 87.5 
per second "ith a very loud second partial 
(173) would sound like õõ; so also would a 
musical note who:::;e prime was 17.3 per l:3econd, 
if the prime itself were very loud compared 
with any of the upper partials. It is easily 
seen that the cavities affecting the human 
voice lllay be set at "ill to respond to various 
pitches and thus give utterance to the COlTe- 
sponlling vowel. Further, if a given vowel is 
sung in note
 of different pitches, then the 
sett.ing of palate, tongue, and lips must be 
preserved unchanged to keep the same vowel 
(according to the above statement) \\ hile the 
vocal cords are altered to change the pitch of 
the prime. And this is a matter of experi('nee, 
as anyone may verify. 

 (46) COMPARISON OF THE VOICE WITH 
OTHER I
STRLMENTs.-"Te may now naturaJIy 
compare the human voice with ot.ht....r musical 
instruments as to the pow('r left to the per- 
former to control the quality of tone produced 
and in other respects. 
In the case of the piano the quality varies 
somewh(tt with loudness, but probably the 
performer has little or no control over it for 
any specified degree of 10udllPss, though he 
often imagines he has. Indeed it seems 
scarcely possible that he should have such 
control. For the maker has settled the shape 
and quality of surface and mass of the hammer 
and the place on the string to be struck by it, 
also the sound-board and bridges; and upon 
all these the quality depends. 'Yhat choice 
remains to the perlormer concerning an 
individual note played ,vithout use of pedals? 
The speed at which the hammer shall strike 
the string. This appear
 to be the sole 
variable at the disposal of the performer, 
especially in the casp of pianos in which the 
hammer is free from the mechanism of the 
action before it strikes. But of course for 
each note struck there may be a different 
speed of striking in use anù consequently 
a different quality of tone elicited. Thus 
an air or certain notes in it may be made 
distinct from those of the accompaniment 
by a different degree of loudness and con- 
sequent difference in quality of tone, and 
the power to produce this difference is at th(' 
instant disposal of the performer. 
In the orga.n it is the maker again who has 
controlled the quality of tone in the pipes 
of each stop. The performer has no power 
over that and can simply mix as he ChuORf'S 
what is provided for him. But even so, "hat 
a vast field is placed at his disposal! '''here 
only ten stops are available over a given 
compass, if all were suitable for the purpose, 
no l
ss than 1023 different combinations are 
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po:,sible. (This is ea:,ily seen if we note that 
there are 10 wa
Ts of taking a single stop 
and 10 more for nine stops, 4.3 ways of taking 
two stops and 4.3 for eight stops, 120 "ays for 
three stop:::; and 120 for se,-en, 210 ways for 
four stops and 210 for six stops, 
.32 ways for 
five stops, and, finally, only 1 way of taking 
all ten.) Again, for twenty stops the number 
of combinations is I,Ü-!b,573, or .')00 per week 
for a bout 42 years! The varieties of tone 
quality at the disposal of the organist are, 
however, available only for broad effects, and 
not for single notes as in the case of the 
pianist. 
In the case of the violin much has been 
done by the maker and the age and ripening 
of the instrument, but very much is still left 
to the performer. He may re-set the sound- 
post to his liking, he may choose his strings 
to suit the particular in- 
strument, also his bow, 
and take care that it is 
"ell haired and properly 
rosined. He may often 
choose upon which string 
a certain passage shall 
be taken. He must 
always choose the place 
of bowing, the pressure 
and the speed, and can 
vary these a t "ill for 
each string, for every 
stop upon it, and for 
every instant while the 
note lasts. And all 
these ,-aria bles affect the 
quality of the tone. 
In the case of the 
wood-wind there is the 
right application of the 
player's lips to the flute, or to the reed of the 
oboe or clarinet, and the appropriate pres
mre 
and air supply. And these variaùles must be 
changed in concert for the different notes 
and for every variety of li
ht and shade on 
each. 
On the brass instruments there is the right 
application and tension of the lips to the mouth- 
piece, and the corresponding suitable pressure 
of air and speed of supply to be arranged and 
maintained for each note of the scale and each 
degree of loudness or delicacy "ith which it is 
produced. 
But, in pla)ing all the foregoing instruments, 
there is no po:ssibility open to the performer 
of appreciably varying the character of the 
resonance arrangements a pplica ble to each 
note. That has been settled beforehand by 
the maker of the instrument. 
 
In these respects the human voice has at the 
command of the singer resources not offered 
by any musical instrument fashioned bv man. 
f':or n'ot only can the human voice be con- 
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trolled at the very seat of its production, 
where the hreath passes between the vocal 
cords, but the resonant cavities which modify 
the original yibrations are all under control 
also. Hence the final resulting quality mav 
be varied from instant to instant so as to 
render tones expressive of triumph, menace, or 
entreaty, or 
as
ing from artless gaiety to 
pa thetic "ailing. 

 (4ï) DRC:\IS.-As is well known, the exciter 
of a drum is the drumstick, the vibrator is 
the circular membrane called the drumhead 
or skin, the resonator is the chamber between 
the two drumheads, or, in the case of kettle- 
drums. the space below- the single head. In 
the case of ordinary drums, hass or side, there 
is such a jumble of sounds produced that it 
is extremely difficult to as"ign any definite 
preponderating pitch to the resulting effect. 
In the case of kettle- 
drums it is quite possible 
for the trained ear to 
detect the preponderat- 
ing pitch and to tune 
the drums to the note 
required. In Fig. 28 
is sho" n an orchestral 
kettledrum in which the 
T -sha ped tuning handles 
are clear! y :seen. I t is 
customary to have three 
kettledrums in an 
orchestra, all under the 
charge of a bingle drum- 
mer. The drumsticks 
may be entirely of wood, 
or have felt heads, or 
have heads of cork 
covered "ith chamois 
leather. Berlioz ex- 
pressed a preference for drumsticks ",ith their 
heads covered" ith sponge. 

 (48) LATERAL YIBRATIO
S OF BARS A
D 
TUBES.-If a thin uniform bar of metal, glass, 
or wood is supported at two places rather 
more than a fifth of its length from its ends. 
and then struck or other" ise excited, it "ill 
execute its slm\ est lateral vibrations and 
sound its corresponding fundamental note. 
Other higher notes are possible to the bar if 
supported at two of the places which are 
nodes for those higher sounds. If the funda- 
mental for such a bar be the note c, then 
the first few of the series are approximately 
c, f'
, I", dOl, a"'. Expressed more accurately 
by their relative frequencies these would be 
1, 2'756, 5,404, ð.933, and 13.345 respectively. 
It is seen that the possible partials of this set 
rise in pitch much quicker than those of 
strings, open parallel pipes, and open-ended 
cones closed at their vertices. Indeed, except 
for the second partial, they rise quicker even 
than those for a stopped parallel pipe, "hich 
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FIG. 28.-Kettledrum. 
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has the series 1, 3, 5, 7, 9, etc. The 
sounds of these bars afford a good example 
of inharmonic partials, i.e. those whose 
frequencies are inexpressiblp by small whole 
numbers. 
Sets of bars supported so as to cmit their 
fundamentals when excited, and arranged 
to give the chromatic scale over about two 
octaves, are used occasionally in orchestras 
under the name of glockenspiel (chime). The 
bars are struck by little mallets or strikers 
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.I!'IG. 29.-Glucken:;piel. 


(see Fig. 29). Bars with both ends free, as 
here dealt with, are often called free - free 
bars. 
Instead of bars laid horizontally and sup- 
ported at two points, tubes (or bars) may 
be hung vertically and struck with a mallet 
or beater (padded or bare) and so imitate 
bells to some extent. They are usually made 
in octave sets of 8 tuned to the diatonic scale, 
or 13 tuned to the chromatic scale. (See 
Fig. 30.) On referring to 
 (50) it ",'ill be 
seen that the quality of tone of a church bell 
is different from that of a plain bar or tube, 
since its partials form a distinctly different 
series. 

 (49) TUNING FORKS.-As a standard of 
pitch for ready reference a tuning fork is very 
convenient as it has no need of supports at 
special places like a free-free bar. Each prong 
of the fork is very like what is called afixed-free 
bar, being practically fixed in the massive 
part near the shank .where the prongs unite, 
but free at the other end. A single fixed-free 
bar would be very unsuitable as a standard 
vibrator since it ,,,"auld be unbalanced and 
therefore need a very massive base to fix one 
end. The tuning fork ahyays vibrates with 
its prongs both out or both in together, and so 
balances itself and consequently needs very 
little support. I t should be noted that a fork 
lightly and carefully bowed at or near the 
ends of the prongs emits practically its prime 
partial only. Its second partial is vpry high, 
having about (J.G times the frequency of the 
prime. This is obtained when a fork is struck 
on a bare table or other hard surface. The 
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prime is much fuller" hen the fork is mounted 
on a suitable resonance box. 

 (50) BELLS.-As we have already seen, 
the musical string, whether of catgut or metal, 
i::l very simple in its behaviour and yields the 
full series of harmonic partials. A membrane, 
though flexible like the string, is two- 
dimensional, having length and breadth 
instead of being almost confined to length 
only like the string. Hence its vibrations 
are much more complicated than those of a 
string. 'Ye may approach the vibrations of a 
bell by way of those of a straight bar, which 
we have seen consist of a set of inharmonic 
partials. 'Yhcn the straight bar is replaced 
by a bent one in the form of a fork with 
special mass and shank at the bend, the vibra- 
tions are still more complicated. If we now 
pass to the case of a bell, whose sides are like 
a number of prongs all united into one of 
circular form, we have far more complication 
still, even if the sides and top were uniformly 
thin. If the top and the different levels of the 
side have all varieties of thickness, then the 
state of things .is quite beyond rigorous 
mathematical treatment. 'Ye can only derive 


.FIG. 30.-Tubular Chimes. 


some guidance and light from acorn bination 
of theoretical speculation and experimental 
tests. Thus we might eÀ pect the bell to show 
nodal meridia,
s, or lines where an axial plane 
cuts the surface, and along which there is no 
radial displacement. Again, we might expect 
there would bp nodal circles wlwre plancs 
perpendicular to the axis Gut the surface. 
Both these surmises are verified by experi- 
mental tests. It should be noted that a 
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node for raùial motion may he an a'ltinode 
for tangential motion. Bell-founders recogni
p 
five chief tones or partials in the sound of a 
church bell. Beginning from the highest these 
are called the nominal, quint (or fifth), tierce 
(or third), fundamental, and hum-note. The 
nominal, fundamental, and hum-note are 
spaced about an octave apart. The other two 
approximately fill in the fifth and minor-third 
in the upper octave. At one time none of the 
fi ve were in any exact relation that could be 
expressed by small whole numbers, i.e. . all 
the partials were inharmonic. But, by turnmg 
or boring at certain regions of the bell, it "as 
afterwards found possible to get the three 
main notes in the true octave relation or nearly 
so. It has now been asserted that one firm of 
bell-founders is able to tune each of the five 
tones of a church bell true to a single vibration 
per second. 

 (31) FOG-RORxs.-For the warning and 
guidance of mariners fog-horns are erected 
on capes and other important points, and serve 
the same purpose during a fog that a light- 
house serves dming the night. Small ones 
may be worked by hand power, but large ones 
are driven mechanically by an engine or motor 
of some kind. The pa,;sage of air in the throat 
of the apparatus may be alternately inter- 
rupted and freed by a revolving disc or 
cylinder "ith holes or slots which pass similar 
openings in a corresponding fixed plate or 
cylinder. Such an arrangement is called a 
siren. The sound thus originated is reinforced 
and directed to its objective by a large horn. 
This may be twenty feet long and taper from 
a fe" 1 inches diameter at the throat to five 
or six feet across at the mouth of the bell. 
If (as is usual) the sound is required to spread 
o\?er a large distance horizontally and a les
 
distance vertically, then the mouth of the bell 
is made elliptical \\ith the major aÀis vertical 
and the minor axis horizontal. For the less 
any diameter of the bell is the better does 
the sound spread in the directions of that 
diameter. This is an example of the diffrac- 
tion of sound, a phenomenon more frequently 
met "ith and studied in connection \\ith 
light. 

 (32) FREQUEXCIES OF SOUXD PRODrCERS 
CALCïLATED.- 'Ye now notice how the fre- 
quency of a simple sound producer may be 
calculated so that arrangements may be 
made accordingly in any actual case. 
(i.) Strings.-In the case of strings displaced 
transversely we may note first that the speed 2 


1 Sometimes surprise is expressed that sufficient 
ran'!e can be obtained with so small a throat. Xo 
su('h difficult\' need he felt when it is remembered 
that the mouthpiece of a cornet narrows to one-fifth 
of an inrh in diameter and that its sounds may he 
heard with eai'e half a mile away. . 
2 See "Rtrill,:!<;, Yibrations òf"; also Raykigh, 
Sound, i. chap. \"i. 


of propagation of such a disturbance is given 
by v= ,'(F,uz), where F is the stretching 
force in dynamic units and m is the maS$ of 
the string 
 per unit length. Thus, if "e want 
v in cm. per sec., we should take F in dynes 
and 1n in gm. per cm. If, on the other 
hand, F is expressed in poundals and In in 
pounds per foot, v "ill be obtained in feet 
per sec. 
Suppose now a harp string be plucked near 
one pnd, then the disturbance passes along to 
the far end, is there reflected "ith a rez-er8al 
of the displacement, comes back to the end 
where it first occurred, and is there a second 
time reflected with a reversal. Hence after 
pas:sing over tv. ice the length of the string 
the original state of things is almost repeated. 
Thus, the time in question must be the period 
of vibration. Or the reciprocal of that must 
be the frequency of the string. But this "ill 
be the number of double traverses accom- 
plished in one second, and therefore equal to 
the speed of propagation di,ided by t\\ice the 
length of the string. Thus, for the frequenc) 
of the fundamental (or prime) of the string, we 
have the expression 
N - 
- ,/(F 1m) (1) 
1 - 2L - 2L ' 


where 
 1 is the frequency of the prime for a 
string of length L, The violin family falls 
under this class. So the pitch is raised by 
stupping a string on the finger-board and 
thereby shortening its vibrating length. 
For the other possible partials of the string, 
we imagine it Yibrating in h\ 0 segments 
\\ith a node at the middle, in three segments 
"ith two nodes at the points of trisection, 
and so forth. Thus the virtual lengths for 
these become half, third, and ,"0 forth of the 
whole length. Hence the upper partials have 
frequencies double, treble, etc., that of the 
prime. Or 


x _
2_

_ :X.t 
... 1 - :2 - :{ - 4:' 


(2) 


where X 2 is the frequency of the second partial, 
etc. On this principle harmonics are obtained 
on the harp, ,iolin, etc. 
(ii.) Open Pipes. - The case for parallel 
pipes open at both end:, is very similar to that 
of strings. 'Ye are concerned "ith the speed 
of propagation in the air 1 or other gas filling 
the pipe, and "ith the number of traverses of 
its lenath L before the original state of things 
c . 
is approximately repeated. (See 9 (33) (1.).) 
Thus, for the open pipe, since at each end a 
compression is reflected as a rarefaction and 
vice 
'ersa, two traverses complete the cyelp 
and constitute the period. Or the frequency 
of the prime i:o: the speed di,idcd hy the 


3 ðee " Yihmtiolli' of Air ill a Tube." 
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double length of the pipe. Hence we may 
write 
N]=2

= '
(;i!D)=

,/(l 
 fOj2 73)), (3) 


where Nt is the frequency of the prime, L 
t.he length ùf the pi})c, v the speC'd of sound 
in the gas, P and D its pressure and density at 
temperature to C, k the ratio of its specific 
heats, and V o the speed of sound in the gas 
at 0 0 c. 
By subdivision of the pipe into segments 
we see that quicker vibrat.ions can occur, 
and that the conditions for these segments 
are (a) antinodes at ends, with (b) freedom to 
hare either nodes or antinodes at other places 
in the pipe. Hence the pipe may subdivide 
in 2, 3, 4, etc., segments. (See Fig. 5, 
 (33).) 
Thus we have for the frequencies N 2 , N 3 , X. 1 , 
etc., of the upper partials 
N 1\2 N 3 N 4 
.1' 1= 2- =:f=4' etc. 


(iii.) Corrections for J[outh and Open End.- 
"Te have hitherto supposed that the reflection 
occurs exact1y at the end of the pipe. In 
reality there is an end correction needed, 1 as 
though the pipe were a litt1e longer, or as 
though the vibrations extended a little beyond 
the end before reflection occurred. For a 
cylindrical pipe without any flange this 
correction is three-tenths of the diameter. 
}"'urther, if the fully open end needs a correc- 
tion, as though it were not open enough, 
much more must there be a correction for the 
mouth, which is far less open. This correction 
is of the order 1.36 times the diameter. Thus 
the two together make about five-thirds the 
diameter. Hence, if we denote by e and In 
the end and mouth correction respect.ively, 
(3) and (4) may be rewritten thus, 
N = V o ,/(1 + (t O j'273)] (5) 
1 2(L+m+e) 
N 1 = N?= ?Is = N 4 , etc. 
'2 :
 4 


The flute falls under this category. So the 
pitch is raised by opening a side hole and 
thereby shortening the vibrating length in 
use. But it is noteworthy that the end 
correction e will be much greater for a side 
hole than for the open end of the flute. And 
the smaller the hole the greater the correction. 
(iv.) Stopped Pipes,-As previously shown 
(see 
 (33) (ii.)) the disturbance passes four 
lengths of a stopped pipe before the original 
state of things is repeated. Hence for the 
freq ueney of the prime we may write 


N v o ,'(1+(t O j'273)) 
.1' 1 = 4( L + 1n) , 


1 See Rayleigh, Sound, ii. 201; also ibid. chap. xii. 


where 1'0 is the speed of sound in the gas at 
0 0 C., t is tIle' temperature of the gas in the 
pipe, L i8 its length, and 'In the correction for 
the mouth. 
Further, as we have seen (
 (33) (ii.)) that 
the second partial has three times the frequency 
of the first, the third partial five times the 
prime frequency and so on, we have 
N N2 N 3 X 4 
l' 1 = :
 = -5 = 7-' etc. 


(8) 


(4) 


The clarinet falls approximately under this 
category, hence its special tone quality and its 
overblo,ving the twelfth. It is also seen that 
the opening of its side 
I h Third Closed Sixth 
ho es s ortens the Partial Vertex Partial 
vi brating length and so 
- - - - - - - - - -- .
 
raises the pitch. : 
(v.) COllical Pi])es.- ----- 
 
Let us now consider 
the case of a conical 
pipe closed at the vertex 
and open at the base. 
Then it is found that 
there is an antinode at 
the open end and that 
the other antinodes 
occur equidistantly just 
as if the whole pipe 
were parallel and open 
at both ends. The 
nodes, on the other 
hand, are displaced to- 
wards the apex from 
the intervening equi- 
distant po:sitions they 
would occupy in a 
parallel pipe. Moreover, 
those antinodes near 
the open end are dis- 
placed a Ii ttle, the 
others more and more 
till the last is always 
displaced right up to 
the vertex. (See Fig. :FIG. 31.-Conical Pipe. 
31.) Thus, with due 
correction for the open end, the po
si ble 
frequencies for this conical pipe are given hy 


I 
I 
I 
.----- 


-----0 


':< 


G----- 


-----0 


x 
. 



 
e----- 


-----0 


----->5 


0----- 


-----0 


----
 



----- 


- - --- 0 


x 
-----. 


G---- - -----0 
Open 
Mouth 


(6) 


N _ 1'0,/( 1 +(t O j273)) = N 2 = N 3 = N n t ( CI ) 
.1' 1 - 2(L + e) '2 3 11' e c., u 


(7) 


where N 1 , N 2 , etc., are frequencies of prime 
and partial, V o is speed of sound in the gas in 
use at 0 0 C., L is the actual length of the pipe 
in use, and e the end correction. In the 
figure the antinodes are shown by circles, 
the nodes by crosses, and their undisplaced 
position by dots. The pipe is shown Rpeaking 
its third and its sixth partials. 
This case includes (approximately) the 
oboe and bassoon. It should be observed 
again that the end correction e will be much 
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more for a small side hole than for the termina- 
tion of the pipe at the bell mouth. It is easily 
seen that the mouthpiece and bell involve a 
slight departure from the simple form of the 
ideal cone. 
(d.) Hyperbolical Pipes with Jlouthpieces.- 
The case of all the brass instruments "ith 
cupped mouthpieces falls under this class, which 
accordingly merits special attention. It may 
seem that the simple cone and the larger brass 
instruments have very little in common, but 
the wide gap between 
them may be bridged 
by a number of quite 
small steps. Take 
first the tandem horn 
shown in Fig. 32, and 
next the drag horn 
sl-Iown in Fig. 33. 
The first of these 
departs but slightly 
from the sim pIe cone, 
the second rather 
more. But neither 
of them disturbs ma- 
terially the sequence 
of the partials pos- 
sible to the pipe. 
This is on account 
of thp hyperbolical 
curvature of the sides, 
which is purposely 
introduced in order 
to counteract the 
disturbing effects of 
the bell and the 
mouthpiecp. The 
great length of such 
straight tubes is 
often very incon- 
venient. 'Therefore 
they are often coiled 
up into a compact 
form. Thus, the 
tandem horn giyes 
place to the bugle 
(see Fig. 34), and 
the drag horn to 
FIG. 3
. FIG. 33. th I t t 
Tandem Horn. Draa Horn. e cava ry rumpe 
"" (see Fig. 35). 
\Yhen the ideal cone is departed from by 
introduction of bell and mouthpiece, it is 
difficult to so model the pipe as to retain all 
the partials in their strict harmonic relation. 
The practical escape from this difficulty for 
musical purposes is highly interesting. Such 
a curvature is adopted as "ill keep all partials 
in relati,?e tune except tile pedal, or prime of 
the whole series. A mouthpiece is adopted 
wh:ch is usually too small to allow of the easy 
production of the pedal. Then the others are 
all musically availablp, and the largpst gap 
to be bridged by valves or slide is a fifth 
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(between open notes 3 and 2) instead of an 
octave (between open notes 2 and I). The 
resultant set of partials for some forms 
of tubing involves a 
sharpening of the pedal 
from its pitch as in the 
cone, but more often we 
find in use a form of 
tu bing involving a Bat- 


- 


..... 


FIG. 34. 
The Duty Bugle. 


FIG. 3,j. 
The Cavalry Trumpet. 


tening of the pedal. The two casps are con- 
trasted with the simple cone in the follu\\ing 
approximate statements of frequencies. 
Trumpet and Cornet .
, 2, 3, 4, 5, 6, 7, 8, etc. 
:-'imple Cone 1, 2, 3, 4, 5, 6, 7, 8, etc. 
Euphonion and Bombardon i, 2 3, 4, 5, ti, 7, 8, etc. 
If, therefore, we seek the length for a bras!"' 
instrument of a giyen pitch, it is easily seen 
that there is the choice to be made between 
calculating for the mistuned pedal or for the 
other notes musically in tune. Again, if the 
pitch is to be right at a gjyen temperature of 
the room, there is the further uncertainty as 
to the actual temperature (and moisture) 
of the player's breath in the instrument when 
in such a room. It is difficult to settle any 
of these points "ith precision. In the me'ln- 
time it is instructive to work out a concrete 
case for a simple cone and compare the result 
with an actual in
trument, say the B., cornet, 
whose length has probably 
 been fixed by 
experience. The military pitch of the treble 
B? is 479.3 vibrations per second at 60 0 F. 
= 15;;0 C. Thus for the length L of the cone 
\\ith 'end correction e we haye 


L =IO
9+(2x
")
)=!!20
=4'675ft. (10) 
+ e 2 x (479-3-;-4) 2:3U.6 
If the diameter of the base is 4.5 in., we have 


e = 1.33 in. 


Hence 
L=,t-.673 x 12 -1.35=36.1 -1.3=34.8 in. 


The length of the tubing of a B., cornet by 
Boosey & Co. measures 54.5 in. when in the 
military pitch. It thus appears that the 
various departures of this case from the 
simplicity of the cone are almo.::t compensa- 
torv. As to what Romp of the separatp 
del;artures are we may note thp follo\\Ïng. 
:3 A 
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The player's breath has a tempen,ture well 
over 80 0 F., as may be found by breat.hing 
on a thermometer. Suppose the breath 
leaves the cornet at about 61 0 F. (as a simple 
test showed), then the mea.n temperature in 
the "instrument may be taken at say 77 0 F. 
or 2.3 0 C. Further, the moisture due to the 
breath might be accountable fur an extra 
5 ft. per second in the speed of s
und. Then 
the speed of sound in the cornet might be 
1089 + (2 x 23) + 5 = 1144 ft.fsec. Again, taking 
the pedal as expressed by % instead of unity, 
its freqm>ncy would he -ß- of (479-;-.4)=100 
pe:- sec. nearly. Then, finding the length as 
though it were not changed by the hyperbulic 
shape, we should have 
L+ e=2I;

0 =5'72 ft. =68.64 in. (II) 
So that for e = 1.35 in. as before, L = 67.3 
in. nearly. Hence, the higher temperature 
and the moisture both increasing the speed 
and the flatter pedal note decreasing thp 
frequen "y, all concur in increasing the length 
of tubing required. The factors which reduce 
the length are therefure to be sought in (a) 
the hyperbolic shape of the tubing from the 
bell to the valves, (b) the parallel part through 
the valves and tuning slide, (c) the slight taper 
from the valves to the mouthpiece, (d) the 
shape of the cupped mouthpiece itself, and (e) 
the different diminutions of the speed of sound 
in each part, because the air is not open but 
in a small pipe. And these factors must act so 
as to reduce the length from 67,3 to 54.5 in. 
It must not be assumed that pipes of a 
different proportion, like those of the euphonion 
say, would show the same departure as above 
from what might be expected as to the length 
from considerations of actual temperature, or 
that all the disturbances in this case would 
mutually cancel. Probably in all these forms 
of tubing the lengths have been settled as a 
matter of trial and error, tradition, etc. 
(vii.) Temperature and Pitch of Tr1'nd 
Instruments.-It is evident from the foregoing 
that the pitch of wind instruments depends 
somewhat upon the t'mperature of the ruom 
in which they are played. But this dependence 
must be slight for a small in<;trument easily 
warmed by the player's breath (like the flute) 
and more pronounced for a large instrument, 
like the hombardon or the organ, where the 
player's breath has little or no effect. The 
details given in Table X. are taken from 
lectures dclivpred hy D. ,J. Blaikley at the 
Hoyal :\Iilitary School of :\IusÏc. 
Reeds, on the other hand, flatten with a rise 
of pitch. Hence, if the temperature of the air 
used in an organ on some occasion is much 
warmer or cooler than usual the reed and flue- 
pipes will be oppositely affected and cannot 
be used in combination. 


TABLE X 
TEMPERATURl<: AND PITCH 


Rise of Pitch due to Rise of 
10 0 }<'. in Room. 
Instmment. ActUlll Increase 
I-!'rcentage of 
 umber of 
I ncrease of Yibra.tions per 
Frt'quency. Se"ond in Bb 
(479 per sec.). 
I 
Flute and Oboe. 0.31 1.50 
Clarinet 0-43 2.06 
Corn et and 
trumpet 0.51 2.45 
French horn . ì 0-60 
Trom bone J 2.
R 
Euphonion 0.6G 3-16 
Born bardon 0.73 3-50 
'lean of full wind 
band 054 2.60 
Organ flue-pipes. 1.05 5.04 


(viii.) Free-Free Bars.-The calculation of 
the frequency of lateral vibrations of uniform 
bars is very complicated, only the result can 
be quoted here. If N 1 be the 
frequency of the 
fundamental of a steel bar of length L cm. 
and thickness a cm., then it C1,n be shown 1 
that 
N 1 =538,400 x a-;-.L2 per sec. (12) 
Th us for a steel bar 29 in. long and 
 in. 
thick we find 
N ' 38 400 2.54 (2 0 2 '> 
1=<'>' x- 2 --;-...,x '54)-=126persec" 


,vhich is the value experimentally found for 
the prime tone of the bar in question. 
(ix.) Fixed-Free Bars.-'Ye meet with an 
approximation to this case chiefly in the 
prongs of tuning-forks. If of steel, we have for 
the frequency N 1 of the prime executed by a 
uniform bar of thickness a cm. and length L 
cm., the expression 
N 1 =84,590 x a-;.-L2 per sec. (13) 
Hence for a prong of steel II in. long and .1 in. 
thick, we find 
N 1 = 84,590 x t -;- (11 2 x 2.54) = G8.8 per scc., 


which is in agreement with experiment. 
(x.) Temperature-Change of Pitch in Forks. 
-Since the frequency of a tuning-fork depends 
on its dimensions and the density and elasticity 
of t.he steel, it is scarcely likely that the value 
of its frequency will escape unchanged when 
all these factors are changed hy an alteration 
of temperature. The variation with tempera- 
ture is too small to be important in ordinary 
musical practice. But, as a matter of strict- 
ness, it needR notice for the sake of a('curacy 
in copying forks or comparing one with 


1 See Ra
'I('Ïgh, Souud, i. 273. 
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another. If l\t is the frequency at to C. 
No that at 0 3 C. we have the relations 


Nt = 
o(l - 0.000112 to). . 


The change per 1 0 F. would be only 5/9 
of the above decimal fraction or 0'000U62. 
This is equivalent to about one vibration in 
sbçteen thousand per èegree Fahrenheit. 
Thus the Kneller Hall B, fork, giving at 60 0 F. 
the military pitch of 479.3 per second, has at 
other temperatures the values shown below. 


Temperature} 40 0 F 50 0 F. 60 0 F. 70 o P. 80 0 F. 
of fork . 
Freqn
ncy } 4"9.9 4ï9.ô 479.3 4ïg.O 478.7 per sec. 
of fork I 


9 (53) EXPERDIE
TAL DETER
n
ATIO
 OF 
FREQUENCIES.- \Y e shall notice first a fe" 
comparative methods that yield the difference 
or ratio of the frequencies and then pass on 
to methods that obtain absolute values of the 
frequency. 
(i.) Difference by Beats.-'Yhen two musical 
sounds of nearly equal frequencies are abouf 
equally intense and remain so we may notice 
the phenomenon of beats, which is the alter- 
nate waxing and waning of the sound. Thus, 
if we start lvith two tuning-forks of the same 
pitch, bow each and place them together with 
the mouths of their resonance boxes side by 
side, we shall find a smooth flow of the sound 
as though there was only one fork sounding. 
Next, let a little soft wax be stuck on the end 
of the prong of one fork and some lead shot 
em bedded in the wax. Then, on bowing the 
forks, an alternate loudening and softening 
of the sound will be noticeable. If the number 
of throbs or beats per second be counted, 
this "ill give the difference of frequencies of 
the two forks in their state at the time: for 
the loudest phase of the beats corresponds 
to the instant when the forks are impressing 
the ear "ith vibrations just in step with one 
another. The softest phase of the beats 
corresponds to the instant when the vibrations 
at the ear from the tl'"O forks are just out of 
step. To hear beats to advantage from strings 
and forks they should be plucked or struck 
and let go. . If one continues bowing the 
vibrations are liable to be changed by the act of 
bo"ing and the beats wiU not be trustworthy, 
if indeed audible. 
(ii.) Detection of J[ine Gases by Beats.-The 
method of beats has a useful application in 
the detection of deleterious gases in coal mines. 
A portable equipment has been devised to 
be carried in the pit, by which two similar 
pipes are blown so as to emit simultaneouslv 
their notes, one pipe taking pure air from 
 
re<;;crvuir, the other pipe being hlown froUl the 
air, etc., present in the mine. Long hefore 
the air is bad enough to be dangerous it
 


and I 
(14) 


vitiation is in this way detectable by the beats 
between the two pipes. 
(iii.) Ratio by tlte Ear.- Yery often only a 
rough gauge of the interval between two 
musical sounds i
 required. and for this purpose 
the musical ear (" here possessed) may suffice 
even when the sounds occur successively. The 
result of the test can be announced almost 
instantly if the interval is one in. musical use. 
But if it is nut of that simple musical character. 
it may take longer to decide quite what it is. 
The accuracy of results obt!J.ined in this manner 
should be quite right as to the number of semi- 
tones in a musical interval. Such decisions 
could be scarcely trusted, however, to dis- 
criminate between the large and small tones 
of just intonation, their ratio frequencies 
being 9/8 and 10,9 respectilTely. 'Yhen the 
sounds occur simultaneously the sensithyeness 
of the ear is distinctly greater, and fairly good 
tuning is possible in this way, especially as 
the occurrence of beats often assists in the 
final judgment. 
(iv.) Forl's compared by Smoke Traces.- 
A convenient way of comparing frequencies 
of forks is that of letting each" rite a wavy 
trace on smoked glass or paper. This method 
has the advantage of being independent of 
hearing altogether. Each fork has a small 
F'tyle of alumini um foil fixed on it, and the 
forks must be so arranged that the t" 0 traces 
can be obtained side by side for comparisons. 
This may be accomplished in a variety of ways. 
One plan is to have both forks fixed by their 

hanks and some wood packing in a vice so 
that the four prongs are all side by side 
horizontaHy, the styles being on the under- 
side' of the prongs. Then, the forks are set 
in vibration, preferably by bOlling, and the 
smoked glass moved by hand parallel to the 
prongs and in contact "ith their styles. 
Another plan is to have the forks mounted on 
a frame along which the smoked glass can 
slide. 'Yhen the traces are obtained their 
wave-lengths are compared with whatever 
nicety is desirable for the purpose in view. 
Thus the ratio of the frequencies is found, 
since Nl
l =:K2
2' "here the .x's are the 
frequencies and the A'S the corresponding 
wave-length of traces. Both these frequencies 
are slightly different from those of the forks 
without the styles. If the latter are sought the 
method of cor;'ection at end of 
 (53) (viii.) may 
be adopted. 
(v.) Lissajous' Figures.-This is an optical 
method for testing the accuracy of tuning of 
some simple interval (unison. octave. etc.) 
between two. forks. The arrangement is 
slHm n in Fig. 3H. 
The light from an arc lantprn passes through 
the focn
sing lens L. and is reflected at a little 
mirror P on the fork _\, then at a mirror Q on 
the fork B, and finally reaches the screen at 0, 
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if both forks are at rest. The vi bration of 
fork A "ill displace the spot of light parallel 
to XOX', those of fork B will displace it 
parallel to YOY'. Hence, if both forks 
are vibrating together in 'Unison, a special 
figure is described, ",-hich may be an oblique 
straight line or an ellipse or circle according 
to the phase difference of the vibrations; 


of sound in the air at the temperature (to C.) 
in the room at the time. Hence we may write 
N4(L 1 + e) = v = (33,200 + 6lt) cm./sec., (3) 
where e is the end-correction for the tube and 
equals 0.3 of its diameter, whence N the on Iv 
unknown can be found. J..et the next larger 
air column that responds be L 2 . Then one. 


:FIG. 36.-Lissajous' Figures. 


SothatN' is accurate to one in twelve thousand, 
or N' =99.9917 per seconù. This illustrates 
the accuracy possible; the interval is less than 
one five-hundredth of a semitone. 
(vi.) Resonance Tube.-If a tall, narrow jar 
or tuhe be taken, and the lpvel of water in it 
quickly and quietly adjusted, the air column where g is 981 cm./sec 2 . 
above the water may he set to respond well- (viii.) Fall Plate.-A very useful method 
to a vibrating fork held over the top of the for the frequency N of a fork is that known 
tube. Suppose the shortest length of air as the faU plate mpthod and illustrated in 
column that responds is Ll' then this is like F1.g. 37. A smoked-glass plate is allowed to 
a closed organ-pipe, whose length we have fall so that a style G carried by the fork F 
seen is traversed four times in the period of tntcps the wavy mark p. Q, R on it. ...\S seen, 
the vihration. Thus this distancp multiplied I the plate hangs by a thread, which is burnt 
by the frequency N of thp fork gives the speed between the !)ins HH when all is ready. At 


but nothing else is possible if the unison is 
exact. If, however, the unison is not exact 
the figure slowly melts from one of the above 
figures to another, and after a time, t seconds 
say, returns to its original form. Let the 
frequencies be Nand N', the latter being the 
less. Then in the time t one vibration has 
gained a complete period on the other. So 
Nt -1 =N't, 


or 


N - N' I 
- Ñ- = Nt ' 


whence 


N' 1 
N = 1 - Nt' 


As an -example, suppose one fork is known to 
have the frequency 100 per second=
 say, 
and the figures are found to go through their 
cycle in 2 minutes = 120 seconds. Then 


N' 1 
N = 1 -12,000' 


or 


N' 
N 


11,999 
12--:-UUU' 


third the length of this III ust correspond to the 
previous Ll' Thus we have 


N4(L 2 +e)=3v=3(33,200+ tilt) cm./sec.,. (4) 
whence, by subtracting (3) from (4), we find 


v 
N = 2(L 2 - L
) 


33,200 + 6lt 
2(L2 - L 1 ) . 


(5) 


(1) 


This is preferable to using (3) alone, if the jar 
or tube is long enough to permit of finding 
this second place of resonance. 
(vii.) .Jlonochord 11Iethod.-To find the fre- 
quency uf a fork it is sometimes cunvenient to 
set the string or wire of a monochord so that a 
certain length L of it (adjusted by a movable 
bridge) is in unison with the fork. This 
adjustment should be done first by ear, and 
second by beats. 
"'inally, it may be made 
more exact by setting the vibrating fork with 
its stem on the string where it crosses the 
bridge. It should start the string in vibration. 
This last is a very delicate test of the exact 
unison, the vibration of the string bE'ing 
repeatedly started and detected by the finger. 
Then, the tension of the string being due to a 
weight of 
I grams and the mass of the string 
m grams per cm., the frequency of the fork 
and string being each 
, we have 


(2) 


N _ ,iMg(m 
- 2L ' 


(6) 
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the ,-ery beginning of the trace the "aves 
:t.re too ('rowded to be distinf!uished; but a 
httle Í<1rther on. sav at P, let them become 
clear. Then count 
n exact number of wa,-es 
11. and measure the length PQ =1 1 totalled by 
them. Then, from the end Q of that set, 
count the same number n of waves and let 
them occupy the total length, QR =1 2 say. 


H H 


F 


.\ 
I 


already described are not available. Indeed 
some other sound produced by an air hla
t 
seems preferable as a standard of comparison. 
For this purpose a siren may be used in which 
a disc "ith a circle of holes in it spins so that 
the holes are alternately opened and closed 
by passing a similar set of holes in a fixed plate, 
an air blast giving the sound. ''"hen the siren 
is set rotating at such a speed that its 
sound is in unison "ith that of the pipe 
under tCbt, the number of revolutions in a 
given time must be obser\"'"ed by the counting 
arrangement on the siren and a stop-watch. 
Then, if the frequency sought is X, the number 
of holes in the circle on the disc is lil, and the 
number of revolutions of the disc is n, in 
time t seconds, we ha\"'"e 


x = '!!!!!. . 
t 


(10) 


It is not possible to keep the siren steady 
if dri\"'"en by air alone unless some mechanical 
supply is available and a screw-clip or similar 
adjustment is used on the india- 
rubber pipe conducting the air to 
the siren. .Another method is to 
supply the siren from a "ind-chest 
in which the air is kept at a con- 
stant pressure b:v means of a loaded 
safety-vake. If it is not possible 
to keep the siren in unison, we 
may keep it a little too slow all the 
time, t, and count the total number, b, of 
beats thereby produced. Then, obviously, (10) 
changes to 


c 


FIG. 37.-Fork and Fall Plate. 


Then if u denotes the speed of fall of the 
plate when the style touched P, we have for 
the fall PQ 


11 = ut + !gt 2 , 


"here t is the time of n "..aves = nlN. Again, 
for the fall QR, the speed at Q is u + gt; thus 
we have 


1 2 =( u+ gt)t + !gt 2 


Hence (8) - (7) giyes 
( gn 2 ) 
1
-11=gt2= );2 ' 


or 


X =n,1 ( 1 2 
lJ . 


It should be noticed that the presence of the 
style on the fork "ill load it and flatten its 
pitch somewhat. This flattening could be 
evaluated if another fork were available 
exactly like that used, so that without its 
style they were in exact unison. Then the 
difference" due to the style could be found bv 
observing beats behn>;n the two forks. Ìf 
it were h\o per second, then we should have to 
add two to the value found by (9) to obtain 
the frequency of the fork when the style was 
removed. 
(ix.) Siren.-If the frequency of an organ 
pipe is to be evaluated, some of the methods 


(7) 


X= mn+b . 
t 


(11) 


(8) 


(x.) Tonometer.-This arrangement consists 
of a set of tuning-forks extending throughout 
an octave or through a number uf octaves. 
The successive forks differ in frequency by 
a few vibrations per second only, say, about 
four, all these differences bein
 obsen-ed 
by beats and carefully noted, till the series 
building up an exact octm,,'e is dealt "itb. 
Then, if the bottom fork of this oct a \"'"e has a 
freq uency X, the tup fork has a frequency 
2X. Further, let the number of beats per 
second between successive forks be a, b, c, 
d, etc., and let the sum of all these through 
the octave be found. Then obviously this 
sum is the value of X. Then the frequency 
of one fork being known, that of any other in 
the series is known by adding the beat- 
numbers. 'Ye can then compare any other 
sound "ith the forks of neighbourin
 fre- 
quencies, note the beats, and thus ascertain thf' 
frequpncy of the sound in question. Thus, 
suppose we have forks of frequpncies 132, 
13(3'1, 1-10.2, 143,8, and 147.9 per sec. Then, 
if our sound to be tested gives about 5 beats 
per second with the first fork, 1 beat per 


(9) 
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second with the next one, and 3.1 beats per 
second with the third, and about 7 per second 
with the fourth, we see that the frequency 
sought is 137.1 per second. Such a set of 
forks, ranging over a number of octaves, may 
be taken into a belfry and So the exact pitches 
of the partial tOllPS of any or all the church 
bells there be ascertained. 


TV. 
OUND DETECTORS 

 (.34) AIR RESON ATORS. - The air in a 
globular or conical gas or lamp shade may 
sometimes be observed to ring or resonate in 
response to some sound made by chance near 
it. In such ca
es it is often found that a 
musical sound a semi tone higher or lower 
a.wakes very little response. Thus, the 
response of such an arrangement would 
act as a detector of the presence of a sound 
of particular pitch mixed up with other 
sounds of different pitches. To apply this 
principle "e may use a jar, bottle, or flask 
and tune it to a particular pitch (as given by 
a tuning-fork) by pouring water into the flask 
to sharpen it, or partly shading its mouth 
by a cardboard to flatten it. In this way 
the first bottle picked up may he readily 
tuned to respond ,veIl to any ordinary fork. 
Then, in the case of a tuning-fork an octave 
lower but very vigorously bowed, this im- 
provised resonator may be used to detect the 
presence of the octave of this lower fork's prime. 
For with large amplitudes of a big tuning-fork 
the air near its prongs executes a complicated 
motion in which the octave may be detected, 
although the prongs do not give that octave 
by sÌIIlple subdivision of vibrating segments 
as a string does. Such a resonator may also 
be used to detect the octave or higher partials 
in the human singing voice. The use of a 
special form of resonator for a determination 
of pitch is given in 
 53 (vi.). 

 (53) SENSITIVE FLAl\'IES.-Various flames 
have been found to be sensitive to sounds of 
high or medium pitch and have been studied 
from several points of view. Apparently this 
phenomenon was discovered first by J. 
Leconte 1 and then independently by "T. F. 
Barrett in 186!>.2 
(i.) Tyndall's Vowel Flame.-This is a high- 
pressure gas flame sensitive to very high- 
pitched sounds, and so can ùetect and exhibit 
peculiarities in certain sounds owing to the 
presence in them of different high partials. 
The gas issues from the single small hole of a 
Sugg's steatite pinhole burner, and the flame 
is about two feet high. The gas may be 
derived from a weighted gas bag or a steel 
cylinder of compressed gas with regulator. 
The flame must be adjusted to the sensitive 
1 Phil. .110'1.. 18;)8, xv. 33;)-3:10. 
2 Ibid., 1867, xxxiii. 216-222 and 287-290. 


state, as tall as possible without flaring. 
This flame responds, by ttlling down to a 
half or a quarter of its normal height, when 
eÀcited by suitable sounds, such as a tap on 
a distant anyil, the shaking of a bunch of 
keys, the jingling of coins, the creaking of 
boots, the crumpling or tearing ()f paper, or 
the ticking of a watch. A loud 00 leav('s it 
unaffected, it quivers to 0, is strongly affected 
by ee, and still more so hy ah ! 
(ii.) Rayleigh' 8 Sensitive Flame.- The late 
Lord U,ayleigh devised an enclosed jet 
sensitive to sounds of ordinary pitches, say 
those through the compass of a piano. It has 
the advantage of working off the ordinary gas 
supply. A jet of coal-gas rises from a steatite 
pinhole burner placed in a chamber (which 
may be cubical of about two inches side). 
The gas then passes up through a vertical tube 
i-inch diameter and 6! inches high, mounted 
on the chamber. On reaching the top of 
the tube it burns in the open air. The front 
of the chamber is covered with tissue paper to 
receive and yield to the sound and affect the 
jet inside. To adjust the flame to sensitÏ\Te- 
ness, begin with the full pressure of the 
ordinary gas supply and slowly turn the tap 
down till the flame suddenly assumes a 
fluttering lop-sided appearance, being at one 
side drawn down the insiàe of the tu be a 
little. Lower the pressure yet more till the 
flame, though still lop-sided, is steady. It is 
then right for use and ,,,ill be found sensitive 
to the crumpling of paper, clapping of hands, 
and the piano. Its recovery after stimulus is 
rather slow. 
(iii.) Bunsen-burner Sensitive Flame. - For 
this purpose the Bunsen burner must be 
carefully chosen. The following type has 
been found suitable: upright tube of brass 
5 inches high and 
-inch bore, only one side 
hole for air, which is perfectly closed by a 
half-turn of the sleeve. To obtain the sensi- 
tive state exclude the air completely and reduce 
the pressure of the ordinary gas supply until 
the flame is lop-sided but quiet. The maxi- 
mum pressure consistent ,vith these conditions 
seems to give the best results. The flame is 
about 4 inches high, that side of its base next 
the supply tu be being detached from the lip 
of the upright tube and extending down 
into it about a third of an inch. The burner 
is not, however, lit back. 'Vhen responding 
the flame falls to about 1 
 inches high and 
quickly recovers. It is insensitive to crump- 
ling of paper and to the jingling of keys, but 
responds promptly to clapping of the hands, 
shuffling the feet on boa.rds, coughing, speak- 
ing, whistling, or singing. It is possible to 
whistle a slow staccato passage, each note 
being acknowledged by a lowering of the 
flame and each rest by a recovery to the 
normal height. This flame is very useful for 
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detecting the nodes and ar.tinodes where a 
sound is reflected from a wall. The wa ve- 
length can thus be found and the frequency 
of the sound calculated. 

 (.36) THE RAYLEIGH DISC.-It is found 
that any fla1 obstacle in a stream of fluid 
tends to set itself across that stream. This 
was utilised by the late Lord Rayleigh in the 
form of a disc suspended by a fibre with itd 
zero position at angles of 45 0 to the directions 
of flow of air in the vibrations to be detected. 
The quantitative treatment of sueh a disc 
\\as given by König in 1891. The turning 
couple or torque is thus shown to be expressed 
by 


G = !pa 3 \Y2 sin 28, 


where G is the couple, p the density of the 
air (or other ga
) moving at speed 'Y, a is the 
radius of the disc, and {} is the angle bet" een 
its normal and the direction of the ,,,ind \\? 
when undisturbed by the disc. A simple 
experiment "ith the disc is as follows : Just 
inside the mouth of the resonance box of a 
tuning - fork suspend by a cocoon fibre a 
disc of mica, thin card, or very thin mirror 
about an inch in diameter. Arrange that the 
zero position of the disc shall be at 4.3 0 with 
the plane of the mouth of the box. Then on 
bo,,, ing the fork, or singing its note in front. 
the disc will promptly set itself across the 
mouth. By light reflected from the mirror 
the effect may be made evident to an audience, 
or by use of a scale in addition the action 
may be used as an absolute measure of the 
intensity of the sound in queRtion. In this 
quantitative manner the Rayleigh disc has 
been used in various researches in architectural 
acoustics and other investigations. 

 (57) HmIA
 HEARIXG.-This is a vast 
subject taken in all its possible aspects; only 
a few of the physical ones can be noticed here. 
But their importance is \ery great, because 
almost all sounds are brought to the arbitra- 
ment of the human ear, hence the necessity 
of gaining what insight we can into the organ 
itself and its manner of working. 
(i.) The Ear.-A general view of the human 
ear, somewhat departing from exact scal{} 
for the sake of clearness, is giyen in Fig. 38. 
In this we easily recognise the external ear, 
the ear passage ending at the drum-skin 
(often improperly spoken of as the drum). 
Beyond this lies the cavity which is properly 
called the drum. From the drum the 
Eustachian tube proceeds to the pharynx. 
This tube opens when swallo\\ing occurs 
and so sets the pressures eq nal on each side 
of the drum-skin. This equality is essential 
to hearing, and if by plunging or diving 
under "ateI', or ascending in an airplane, 
the equality is lost, it may be restored by 
purposely swallO\\ing. The cavity of the 


drum is bridged acro
s from the drum- 
skin to the labyrinth by a train of three little 
bones cAIIe(1 re"pectively the hammer, the 


FIG. 38.-neneral View of Human Ear. 


anvil, and the stirrup. The labyrinth com- 
prises the vestibule, the three semicircular 
canals, and the cochlea. The vestibule is 
the middle part of the labyrinth, and contain
 
the oval "indow which receives the foot of 
the stirrup. Forward and downward from the 
vestibule we have the important structure 
resembling a snail-shell and called the cochlea. 
It contains a spiral canal, which is seen in the 
cross-section of a single turn or whorl gïven 
in Fig. 39. 
The cochlear canal (canalis cocltlearis) is 
seen to be almost triangular in cross-section, 
and is divided from the scala restibllii by the 
mem brane of Reissner, and, by the basilar 
membrane, from the scala tympani, whIch 
ends in the round window when it reaches the 


FIG. 3û.-Cro::\s-section of a 'Whorl of the Cochlea. 


drum. These two scalae (or staircases) are 
separated by the lamina spiralis, through 
which the fibrils of the auditory nerve are 
distributed to the sensitive structures of th
 
basilar membrane. 
(ii.) TIle Act of Hearing.-\Vhen minute but 
rapid alternations of air pressure of suitable 
frequency and range occur at the external 
ear, they pass along to the drum-skin and set 
it in vibratory motion. This motion passes 
through the chain of tiny bones (hammer, 
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anvil, and 
tirrnp) to the oval window, whose 
displacemcnts, according to Helmholtz, never 
exceed a tenth of a millimetrc. :But the area 
of the drum-skin is fifteen to twenty times 
that of the oval ,,,indow. Thus, the train of 
bones receives the motion of the comparatively 
large drum-skin moved by the air and changes 
it into the more forcible motion of the very 
small oval ,,\Índow, which has to move the 
liquid in the labyrinth. Hence the motions 
are handed on to this liquid, and the waves 
passing along the scala vestibuli are felt in the 
canalis cochlearÙ
 and then affect the sensitive 
apparatus on the basilar membrane. At the 
tip of the cochlea the partition ceases between 
the scala vestibuli and the scala tympani, so 
the wa ve
 proceeding along the first can return 
by the second. This ends at the drum with a 
round window which seems to pIety the part 
of a safety-valve. lUnch controversy has 
raged as to which are the structures that 
form the sensitive part of hearing and how 
they act. Some hold that these structures 
are some tuned vibrators which are set in 
sympathetic vibration by impulses of their 
own natural frequency. On this view, a 
vibration of 100 per second, say, would set 
in full vibration any vibrators which had the 
same or a near frequency (sharper or flatter), 
these vibrators would stimulate the nerve 
fi brils, and so the message would reach the 
brain that certain vibrators were in motion. 
This would constitute hearing a sound of 
frequency 100 per second. Any other audible 
frequencies would be dealt with in like manner, 
each setting in action those responders of 
frequencies near to that of the external 
stimulating sound. And all these could be 
heard simultaneously as separate sounds if 
not too close in frequency, or some of them 
too faint to be recognised amid the din of the 
others. Some reject this so-called resonance 
theory of hearing, but have little to put in its 
place which is intelligible or acceptable to a 
physicist. It is perhaps too early to feel 
certainty with respect to any hypothesis of 
audition. But it may be pointed out that 
one objection to the resonance theory has 
been recently removed. It was at ne timp 
imagined that thousands of differently tuned 
responders would be needed in the ear to 
satisfy the requirements of that theory. It 
has now been shown that about twelve to the 
octave in the musical range of hearing, and, 
say, a hundred in all, may be taken as sufficient 
to account for all the delicacy of perception of 
pitch possessed by us. 1 
(iii.) Limits of A udition.-Separate impulses 
may have a frequency too slow to be heard as 
a continuous sound, and vibrations may be 
too ra!-.id to be heard at all. Thus for each 
person there are limits of pitch outside which 
1 Phil. .1lu(J., IBiD, xxxviii. 16-1-173. 


no sound is heard as such. These limits are 
very differ('nt for diffcren1 persons, and vary 
"ith time for the 
ame person. Some cannot 
hear much continuous tone for less than 
thirty per second, though others may hf'ar 
down to fifteen per second. Some gigantic 
organ pipes are effective by a smies of throbs 
shaking the floor or panes of loose glass rather 
than by any continuous il1fiuent'e they may 
have on the ear. The highest pitch audible 
is also somewhat uncertain. Thus, some can 
hear sounds up to or beyond -1-0,000 per second, 
while others fail at an octave lower. \Ye might 
then place the extreme limits at 15 to 40,000 
per second, those useful for musical purposes 
at about 40 to 5000 per second. Thus, while 
the eye only sees one octave, the ear hears 
about eleven octaves, of which about seven 
are musically available. It should be noticed 
that not only are the qualities unpleasant at 
the extreme pitches, but that the sounds are 
useless musically for another reason, namely, 
that the discrimination of pitch is obscured 
and lost beyond certain points both up and 
down. And this is just what would be the 
case if we heard by means of a set of vibratory 
responders. For 0 bviously such a set must 
have its limits up and down. :Fnrther, any 
note within the range of this set would be 
located in pitch quite distinctly. But, beyond 
the range of this set, if upwards, the note 
would be recognised as high because only the 
high-pitched responders would be affected. 
But the pitch could not be precisely dis- 
criminated, because there would be no other 
responders still higher in pitch than the note 
heard. And to locate a pitch, on this view, 
it would need some respondpI'S too high to be 
disturbed by the sound. some responders too 
low to be dísturbed by it, and some between 
that were powerfully affected. Thus a sound 
so high as to be beyond the range of the 
vibrators present would be known to be high 
but not clearly discriminated in pitch. Simi- 
larly, a sound lower in pitch than any of 
the responders present in the ear would he 
acknowledged to be low, but its exact pitch 
would elude discrimination. And this is just 
what we actually experience at each end of 
our auditory range. 
It is also a matter of some interest to ascer- 
tain the total number of vibrations needed 
to enable an observer to decide the pitch 
of a sound heard. Kohlrausch investiga.ted 
this by attaching to a pendulum an arc of 
a circle with a limited number of teeth on it. 
On letting go the pf'ndulum the teeth struck 
a c3.rd, and on hea,ring the sound a monochord 
was set to agree as closely as possihle with 
the pitch as it was judged to be. As the 
number of teeth was reduced so was the 
fineness of judgment as to the pitch heard. 
Thus, the error of judgment rose from 0.14 
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of a semitone with lß teeth to 0-.') of a semitone 
with 2 teeth. Hence, e,-ell with t\\ u vibra- 
tions the judgment of pitch" as only in error 
by a quarter of a tone. 
(iv.) JIininwm Amplitude Audible.-So far 
back as 1870, Toepler and Boltzmann made 
an estimate on this subject by e
periments 
on an organ pipe. Their result was that 
with an amplitude (or displacement each 
:;ide of the mean position) of 200 x 10- 8 em. 
a sound of frequency about 180 per second was 
just audible. The late Lord Rayleigh carried 
out experiments on two plans, one "ith a 
whistle, the other "ith a tuning-fork. The 
first, "ith a frequency of 2730 per second, 
gave an amplitude of 8 x 10- 8 em. as being 
just audible. The second, "ith a frequency 
of 2.36 per second, gave a minimum audible 
amplitude of 12. ï x 10- 8 em. Dr. P. E. Shaw 
in 1904 applied his electrical micrometer to 
test the minimum audible amplitude of the 
diaphragm of a telephone receiver. For an 
e:\.pected sound he found the minimum audible 
motion of the diaphragm to be 7 x 10- 8 cm., 
and inferred that the motion of the air produced 
by it at the ear was only one-fifth the above. 
Thus the minimum audible amplitude "ould 
be 1.4 x 10- 8 em., or abuut 1-7-180,000,000 of an 
inch ! 
(v.) Perception of Sound Direction.-In 1907 
the late Lord Rayleigh published a series 
of experiments undertaken to ascertain the 
powers of the ears in estimating the directions 
from" hich sounds came, and how these powers 
may be explained. By theory and experi- 
ments it was concluded that for sounds higher 
in pitch than about en (512 per second) the 
discrimination of right and left is made chiefly 
upon the difference of intensities at the two 
ears, but that at low pitches, at any rate below 
e (128 per second), the recognition of phase- 
differences at the t\\ 0 ears must be appealed 
to. But it is to be noticed that we have very 
little judgment about front and back in 
attempting to locate the source of a sound 
heard. Thus, on board ship, if wishing to 
locate the source of a fog-signal, a combination 
of several observers facing different ways 
offers advantages. In comparing their judg- 
ments attention should be paid only to which 
of his sides, right or left, each listener supposed 
the sound source to lie. 


V. SOGXD REPRODUCERS AXD RECORDERS 

 (38) THE TELEPHoxE.-In 1876 Graham 
Bell patel1ted his speaking telephone. l At this 
time his instrument acted both as a trans. 
mittel' (giving to the line signals corresponding 
to the sounds spoken into it) and as a receiver 
(which reconverted those signals into sounds 
I :-'ee also "Telephony," 
 (1ï), Yol. II.; H)[icro- 
phones," Vol. II.; ")licrophonl', The Hot "
ire," 
Vol. II. 


at thC' receiving end). In essential principle, 
l
ell's telephone, as a rccpiH'r, is in use to-day; 
though alterations have been made in detaÙs. 
But, as a transmitter, the Ben telephone is 
superseded by some form 
of carbon transmitter. 
The Bell telephone is 
shown in section in Fig. 
40, and an Edison car- 
bon transmitter is :;hown 
in Fig. 41. 
'Yhen using for tele- 
phony a carbon trans- 
mitter, a battery is 
needed to generat; the 
current, and it is the 
function of the trans- 
mitter, by the variation S 
of its own resistance, to 
vary the current thus 
produced. How this is 
T T J 
done may be seen from 
the figure. The sound FIG. 40. 
"a ves pass through the Bell's Telephone. 
mouthpiece :\1 and set 
the diaphragm D in vibration. This motion 
acts upon the button B and the adjoining 
platinum plate, which thus makes a variable 
contact "ith C, a disc of carbon (sometimes 
now replaced by 
separate carbon 
balls). The electrical 
circuit in the instru- 
ment is from th(> 
terminal T through 
the spring S to the 
I t . I t FIG. 41. 
P a lnum p a e, Edison Carbon Tran:,mitter. 
thence through the 
carbon and the case of the instrument to the 
second terminal T'. The variations of the 
electrical resistance (due to the movement of 
the diaphragm upon which sound wave:, fall) 
are thus impressed upon the current through 
the line to the other station, and there act 
upon the telephone receiver (see Fig. 40). 
The current enters and leaves by the terminals 
T and T', and so passes through a coil C near 
the end of a magnet .xS. The variations of 
the current attract in varying degrees the 
diaphragm of the receiver. It thus vibrates 
in correspondence with that of the transmitter, 
and so emits sounds which agree in essentials 
with those falling upon the transmitter's 
dia phragm. 
Portable telephone sets (called audiphones) 
have been arranged to relieve partially deaf 
persons, the carbon transmitter being on the 
dress and the receiver or receivers applied to 
one or both ears. To some patients they have 
proved beneficial. But at pre
ent the details 
of a scientific test of defecth-e hearing seem 
to be not so far advanced as the corresponding 
ones applicable to a test of eyesight. 
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 (59) DUDDELL'S SPEAKI
G ARC. - This I photography of sound curves, called the 
arrangement may be said to utilise the arc plIO node ik. This is shown diagrammatically 
light as a special form of telephone receiver. I in Fig. .t:t It collects from the air what we 
The arc is at the same time (i.) part of the may call the total resulting sound from all 
direct-current circuit \vhich supplies its main parts of the instrument. under test. This 
current and (ii.) part of an oscillating circuit passes do\\ n the horn h to a diaphragm of glass 
containin(1 a condenser and a coil. On this about three-thousandths uf an inch thick, held 
oscillating circuit are impressed the alternat- lightly between soft rubber rings. To the 
ing currents ohtained by induction from the middle of the diaphragm a few silk fibres (or a 
fluctuating currents of a telephone transmitter. platinum wire 0.0005 inch in diameter) are 
The arc then changes its state in such wise as attached, and after passing once round a tiny 
pulley finish at a spring tension 
piece. This pulley is on a spindle 
carrying a mirror ì1"Z, 1 millimetre 
square, the whole mass being 
under one five - hundredth of a 
gram. Light from a lamp l passes 
to the mirror focussed by a lens 
on to a film f moving in a special 
camera. The uniform motion of 
the film is perpendicular to the 
motion on it of the spot of light 
due to the vibrations to be re- 
corded. Thus a displacement - time graph 
is obtained. The apparatus can be arranged 
also with a rotating mirror and screen instead 
of the camera. thus projecting the curves in 
the sight of an audience listening to the 
sounds which produce them. 
)Iany interesting results have been obtained 
with the phonodeik. a few of which are repro- 
duced here. Figs. 44 to 48 show records of the 
violin, flute, oboe, piano, and bass voice 
respectively. Finally, F'ig. 49 is from a 
gramophone and shows Tetrazzini singing alone 
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.FIG. 42.-Duùllell's ::;peaking Arc. 


to emit very feeble sounds, but it can yet 
render speech and song and the performance 
on musical instruments so as to be just audible 
to an audience of several hundreds. The 
arrangement is shown diagrammatically in 
Pig. 42. It is seen that in the direct-current 
circuit of main supply is included an induct- 
ance L to prevent any appreciable part of the 
alternating current obtruding there. Also in 
the oscillating circuit a condenser S is included 
to prevent the direct current from flowing 
there. ùnly in the arc itself are both the 
steady and the alternating 
currents allowed to flow. 
The atterna ting currents are 
inductively produced in the 
cuil B by the variations of 
current in the coil A through 
the waves of 
peech, song, etc., 
falling u pon 
I the microphone 
(or telephone transmitter). 

 (60) :\lILLER's PHONODEIK. 
-Various arrangements have 
been adopted by different 
experimenters to analyse the motions of the 
strings and uther parts of musical instruments, 
separately or simultaneously. Probably the 
first was the vibration microscope of Helmholtz. 
Others have involved the photographs of an 
illuminated portion of the vibrating string 
together .with a uniform perpendicular motion 
of the sensitive film ur plate. They al
(J 
include the use of rocking mirrors reflecting 
a spot of light and so recording photographic- 
ally the motions of the bridge, belly, and air 
of a violin, etc. These methods have been 
used by F. Kl'igar-
Ienzel and A. Raps, by 
E. H. Barton and by C. V. Raman. 
In 1912 D. C. l\Iiller published an account 
of his apparatus, for the demonstration and 
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FIG. 43.-Miller's Phonodeik. 


a high B, in Lucia di Lammermoor, thc fluc. 
tuations in amplitude being due to a slight 
tremolo. The whole record for this one note 
lasts about three seconds; only about a tenth 
of it, just at the finish, is here shown. 

 (61) RANKINE'S PHOTOJ>HO:KE :FOR TRA:KS- 
MISSION OF SPEECH BY LIGHT. - In 1919 
A. O. Rankine published an account of his 
arrangements, which may be described briefly 
as follows. Light from a point source is col- 
lected by a lens and an image formed on a 
small cuncave mirror which is attached to the 
diaphragm of a gra,mophone recorder. The 
light diverges and passes through a second 
similar lens, which projects it to the distant 
station. Two similar grids are mounted, one 
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FIG. H.-Photograph of the Tone of a Yiolill at the time of Rever:.'ing oi the Bowing. 


FIG. 4.').-Three Photographs of the Tone of a Flute, pla
 ed p, ml, and I. 


FIG. 46.-Photograph oi the Tone oi an Oboe 
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in front of each lens. An image of the fir
t I development. For reproduction of the SOUll<Js 
grid is slllJl'rposed. un the second l)y reflectioll light from an illuminat('d !;lit i!; f(l(,us
l'd un 
in the concave mirror when silence reigns. the tilm, bphind whie-h a selenium cell is placed 
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FIG. -!7 .-Photograph of th
 Tone of a Piano. 
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:FIG. 48.- Photograph of a nass Voice. 
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FIG. 49.-Sound 'Yaves from the Soprano Yoice (Tetrazzini) simdng high Bb. 


But when the mirror oscillates under the 
vibrations of speech, the dark spaces of the 
image move uver the upenings of the second 
grid, thus producing fluctuations of the inten- 
sity of the beam. The light is received by a 
collecting lens and focussed un a selenium 
cell in circuit with a battery and telephone 
receiver. 
If the light from the above photophone 
transmitter is concentrated on a narruw slit, 
an image of which is produced hy another 
lens on a cinematograph film, then the varia- 
tions in intensity of the light (caused by the 
sounds on the photophone) are recorded as 
variations in the density of the film after 


connected to a telephone circuit in "hich 
may be heard the sounds. l E. H. B. 
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 (1) GE
ER-\.L.-" Sound Ranging" consists 
in the location of a source of sound by means 
of measurements made on the sound wave. 
which spreads from the source. Fig. 1 
illustrates the manner in which this may be 
done. A sound originates from the point S 
in the figure, and is recei'Ted at three stations 
A, B, and C. At each station the time is 
registered at which the sound wave arrives, 
and so the time intervals between its reaching 
A and B, Band C, can be measured. A 
geometrical construction such as that shown 
in the figure then gives the position of the 
source with reference to 
the surveyed stations A, 
B, and C. If the sound 
arrives at B i l seconds 
after reaching A, and at 
C t 2 seconds after arriv- 
ing a t A, circles are 
dra wn with Band C as 
centres and with radii 
equal to VtI' Yt 2 , where 
V is the velocity of sound 
in air. The centre of a circle which passes 
through A and touche,; the other two circles 
"ill coincide with the point S. This point S 
may alternatively be regarded as the inter- 
section of two hyperbolas. If the time 
interval for the stations A, B is '1 seconds, 
all possihle positions for S lie on a hyperbola, 
"ith A and B as foci, and which is determinerl 
by the relation S13 - SA = Yt I . _\ similar 
hyperbola can be dra"\"\ n for Band C, and the 
two curves inter
ect in S, 
It will be clear that the method is not 
applicable to a source of continuous sound: 
it can only be u
ed when the sound has a 
sharply defined commencement. 
Towards the enrl of ]91-1-, "h('n the fighting 
in Fr'ance and d
cwhcre d('v;lnped int
 
" trcnch warfar('," it bccame clear that Sound 
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Ranging might provide a valuable means of 
locat.ing hostile artillery. The batteries on 
both sides took up fixed positions, in which 
the guns were protected from shell fire by 
emplacements, and were carefully camouflaged 
to screen them from aerial observatiun. 
Their location bpcame increasingly difficult. 
At the same time the stability of the front 
line made it possible to develop more complex 
methods of determining their positions. For 
instance, one method which soon proved of 
great value consisted in the installation of 
observation posts at suitable points behind 
the front line, from which bearings were 
obtained of the flashes and smoke PUffR when 
hostile guns fired. These positions '''ere 
accurately surveyed, and the locations deter- 
mined by the co-operation of several posts. 
Experiments ,,,ere also commenced in the 
French and German armies, and later in the 
British army, to test the practicability of 
Sound Ranging, and their successful result 
led to the establishment of Sound Ranging 
as a valuable means of location. 

 (2) SOU
D RANGING IN PRACTICE. (i.) 
Difficultie.
 of Location.-Although the prin- 
ciple of Sound Ranging is simple, in prac- 
tice many difficulties had to be surmounted. 
The batteries to be locakcl were situated 
from 5000 to 15,000 metres from the points 
where it was possible to put the rec0rding 
stations. In ordpr that the locations may 
be of value they must be accurate to ,,,ithin 
] 00 or 200 m
tres. A consideration of the 
displaC'.ement of the plotted position which is 
caused by errors in timing the sound shows 
that these timing errors should not exceed 
one-hundredth (If a second. For this reason 
it is impossible to use human agency to 
record the sound ,va ve, except under the most 
favourable conditions. A man recording the 
commencement of a gun report, by pressing 
a key or starting a watch, will make errors 
of at least one-tenth of a second. Some 
success was attained by systems of sound 
ranging in which stop watches, or registering 
mechanisms actuatpd by the pressing of keys, 
,,,ere employed; and in the German army 
these methods were continued until a later 
date than in the British and French armies. 
FinaBy, however, they were replacpd by an 
automatic registration of the sound by mpan
 
of microphones or similar devices connected 
by cable to a central station. 
The velocity of the sound wave is affected 
by the wind and is dependent on the tempera- 
turp, so that allowances must be made for 
these factors. Both wind velocity and tem- 
perature vary with the h('ight from the ground, 
and measurcmpnts of thpm made at gruund 
level will not servp as a basis for ealcula tion. 
This question will be dealt with morC' fully 
helow, for the calculation of the true wind 


and temperature corrections is a complpx and 
difficult problem. 
(ii.) Effect of TV-ind. - Pntil experiments 
were made, it was not generally realised to 
what an extent the audibility of a sound 
coming from a point several miles away 
depends on the direction of the wind. The 
wind velocity almost invariably increases with 
the height from the ground. A sound wave 
proceeding in a direction opposed to that of 
the" ind is in consequence refracted upwards, 
its velocity along the ground being greater 
than that at some distance above it. Its 
energy is dissipated upwards, and it will not 
affect a microphone or observer on the ground 
level. It was found impossible to make 
locations when the wind was blowing from 
our side of the line towards the enemy; the 
reports of the guns never reached the micro- 
phon('s, or were drowned by other noises on 
our side of the line. On the other hand, 
when the wind was blowing from the batteries 
towards the recording stations, the reports 
were heard clearly and had a sharply marked 
commencement. 
The wind, besides displacing the apparent 
centre from which the sound wave is spread- 
ing, also causes irregularities due to local 
variation in velocity. The sound wave is 
slightly distorted and cannot be represented 
on the plotting board by the arc of a circle. 

o perfection in the accuracy ,,,ith which 
timing is made will obviate this, and the 
errors thereby caused can unly be reduced to 
reasonable dimensions by having the record- 
ing stations a long distance apart, The 
system of recording stations, generally five 
or six in number, constitutes what is termed 
the sound-ranging" base," and it is necessary 
to have a base from 5000 to 8000 metres 
in length in order to record \vith accuracy 
guns at normal ranges. 
S (3) SOUND-RANGING STATIONS. (i.) The 
Base.-F
.g. 2 shows diagrammatically the 
general arrangement of the microphones and 
central station which was employed on the 
British front. The receiving stations were 
six in number. They were arranged regularly 
along a base three or four miles in extent, 
at positions which were surveyed with extreme 
accuracy. The relative positions of the 
microphones must be known to a metre, and 
their absolute positions with relation to the 
trigonometrical framework to about twenty 
metres, if the locations are tu b(' accurate. 
'fhp basp was situated about 3000 metrps 
from the front line. Each mkrophone waR 
connected by cablp to a central station 
behind tlw hasp, anrl at this station a recorrl- 
ing apparatus rpgist('r('d the variations in 
dectrjeal current ('mIRed hy the impinging of 
the sound on tll(' microphones. It COHRiRted 
of an Einthoven galvanometpr, in ,\'hich six 
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fine \\ ires were mounted between the pole.:; 
of the electromagnet, each "in
 being con- 
nected to one of the microphones. The 
shadows of these six 
wires were thrown, bv 
a suitable arrangeme;t 
of lamp and lenses, 
across a narrow slit in 
the side of a camera. 
A strip of cinemato- 
graph film passed con- 
tinuously bE'hind the 
slit \\ hile a record was 
being taken, and, if the 
Einthoven "ires were 
stationary, the mm 
'\\ hen developed showed 
six continuous straight 
lines where the shadows 
of the \\ ires had pro- 
tected it from exposure 
to the light. If a 
wire quivered in response to a signal from 
a receiving station, the line on tbe film 
had a corrpsponding .. break." The illumina- 
tion \\ as cut off one hundred times a 
second by a toothed \\ heel 
rotating in front of the 
Jamp, the angular velocity 
of the wheel being regulated 
by a tuning-fork. In this 
way a series of timing lines 
was ruled across the film. 
By counting the number of 
lines between two breaks, 
the time interval between 
the arrival of the sound at 
the two stations could be 
read. Fig. 3 shows a typical 
record, that of the report 
of J a ho\\itzer which has 
reáched all six microphones 
in turn. The film has run 
from right to left, so that 
the left-hand edge of each 
break marks the arrival of 
the sound. The time in- 
terval can be estimated on 
the film to .002 of a second. 
(ü.) Obsen:ation Posts.- 
In front of the sound- 
rancing base two for" ard 
obs
rvãtion posts were sta- 
tioned. These \\ ere so 
placed that enemy guns 
were heard at one post or 
the other at least three 
seconds before the sound 
arrived at the nearest microphone. The 
observer in each po
t pres
ed a key \\ hen 
he heard a gun fire, and the key operated 
electrically a s\\ itch at the central 
tation 
which set'in motion the recording apparatu8. 
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The observer kept the key depressed until 
he judgpd tbat the sound of the gun and of the 
shell- burst had reached all the núcrophones. 
He then stopped the recording apparatus 
and telephoned to the central station such 
information about the sound as would aid 
the computing staff to make the location. 
The film was developed and fixed, the time 
intervals read, and the position of the gun 
plotted on a chart of the surrounding district. 
An automatic means of developing and fixing 
the film was finally adopted by means of which 
these two processes could be completed in 
fifteen seconds. 
(iü.) The Jlicrophone.-The microphone was 
of a special type,l The report of a gun differs 
from other sounds in that a great part of the 
energy is represented by waves of very low 
frequency. In the case of a 15-in. gun, for 
instance, the main oscillations of pressure 
occur at the rate of four or five per second. 
The microphone was made responsi ye to 
waves of low frequency, and was practically 
unaffected by the rapid oscillations of pressure 
caused by other noises than reports or shell- 
bursts. A gun-report almost imperceptible 


Report reaches 
 o. 1 
Microphone. 
.I, 


Report reaches 1\0. 6 
}licrolJhone. 

. 


.1 


3 


4 


5 


6 


'\-'- 


FIG. 3.-The figure is an plllargpd print of the recorò of a 13-cm. 
howitzer, the r('port of which has reached Xo. 1 mkrophone fir
t 
and Xo. 6 microphont" la:;;t. The film has bpen moving from right 
tD left while tht" rt"cord W:18 being taken. The timp intervals are 
marke(l bv vertical lines. one hundred to the 
econd. PYf'1'Y t('nth 
line being'heavier so a:;; to facilitatp countin!!. The h01'izonfallinC's 
rf'present the sharlows of thp Einthoyen strings, which lip across 
the slit behind "hkh the film is eÁposed, and the movements of 
which are shown on the record. 


to the ear was recorded bv it, whereas rifle 
fire, the noise of traffic. and 
ther disturbance
. 
produced no effect. This tuning \\ as done by 
placing it in a small aperture opening into a 
1 :-'ee .. )licrophone, The Hot Wire," Yo!. II. 
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canister of large volume, on the principle of 
the Helmholtz resonator, constituting a highly 
damped system whose natural period was 
about one-twelfth of a second. It was further 
necessary to devise a type of microphone which 
recorded the amplitude and ,,"-ave-length of 
the sound, and therefore gave characteristic 
records. )Iany other sounds interfere with 
those from the gun being located, and this 
made it necessary to be able to recognise on 
the film the breaks which belonged to the 
same senes. 

 (4) THE" O.NDE DE CHoc."-One of the 
most formidable difficulties in measuring the 
time of the arrival of the report was found 
to be the" Onde de choc," or " Shell-wave," 
which precedes the true report when the 
observer is within a certain area in front of 
a gun which is firing. The shell from a gun 
travels initially with a velocity greater than 
that of sound, and in so doing it creates in 
the air a conical bow-,vave such as is evident 
in the well-known photographs of a rifle- 
bullet in flight. This bow-wave is heard 
as a sharp crack, the intensity of which, as 
judged by the ear, is generally very much 
greater than that of the report which succeeds 
it. The shell-wave affects the ordinary type 
of contact microphone to a far greater extent 
than does the gun-report, and generally masks 
the latter in consequence. The special type 
of microphone employed, invented by Lieut. 
Tucker and named after him, distinguishes 
hetween the two sounds, and the adoption of 
this microphone contributed very greatly to 
the success of Sound Ranging in the British 
army. 

 (oj) LOCATIO.N OF SHELL-BURSTS.-\Yhen 
a record of a battery in action was obtained, 
it was possible to locate the bursts of the 
shells as well as the guns which were firing. 
The distance hetween gun and burst told 
the range at which the battery was firing, 
and a simple calculation from the time 
interval on the film between report and burst 
gave the time of flight of the shell. By 
comparing the range and time of flight with 
those for various types of guns as given in the 
range - tables, a guide to the calibre of the 
piece could be obtained. The shell-wave was 
also of assistance in the determination of the 
type of gun. No shell-wave is created by 
the low-velocity shell from a howitzer, so 
that howitzers and guns could at once he 
distinguished. The heavier the piece, and 
the greater the initial velocity of the shell, 
the longer is the time interval between the 
shell-wave and the gun-report as heard by an 
observer in the line of fire. This interval 
can be caJculatC'd from the range-tahles for 
each gun, and when the interval read off from 
the film is correctcd for the elevation and 
line of firc, it is a guide in the determination 


of type. It was also found that the wave- 
length of the sound increased with the 
cali bre, and could be used as an indication 
of it. Finally, since the position of the 
hursts had been recorded, it was possible 
in many cases to tell the calibre from the 
fragments of shell and the fuses in the shell- 
craters. 
This information was of great value. The 
number and character of the batteries on any 
particular section of front was an indication 
of the offensive or defensive intentions of 
the enemy in that area. Further, in cases 
where large numbers of batteries were placed 
in a limited area, locations, owing to errors, 
mi.ßht overlap to a considerable extent. If 
the calibre were determined in each case, this 
mass of locations could be resolved into groups 
which were assignable each to one battery, 
and the probable position of that hattery 
fixed with greater certainty. 

 (6) \VIND AND TEMPERATURE CORREC- 
TIONS.-It has been stated that wind and 
temperature corrections play an important 
part in accuracy of location. If rays are 
drawn from the source of the sound, these 
rays being every,vhere normal to the wave, 
like those used to illustrate the propag
tion 
of light, then the sound will travel from 
source to microphone along that path for 
which the time taken is the shortest possible. 
'Yhen the wind is blowing from the gun 
towards the microphone, the highest point 
on the path may be one or two thousa.nd 
feet above the surface of the ground, since 
at these heights the greater wind velocity 
more than compensates for the longer distance 
over which the sound has to travel. The 
temperature may be very different at these 
heights from that near the ground. The 
problem of calculating the corrections is so 
complicated tha,t it was found necessary to 
determine them empirically. At certain 
points, at some distance behind the front, 
microphones were arranged on the arc of a 
circle of about 7000 metres radius. Every 
hour a charge was exploded at the centre of 
the circle and the average velocity of the 
sound travelling to each microphone was 
determined directly. From these data values 
for the "effective wind and temperature" 
could be calculated which, when applied as 
corrections to the results obtained by sections 
at the front, brought their locations on to the 
true gun positions. The effective vánd and 
temperature found in thiR way were nearly 
thp same for all the st.ations on the front, 
except when some rapid change in th(' weather 
conditions was taking place. By comparison 
of these results with thp Hwteorological data 
measured in thp ordinary way, empirical 
relationships between them were formulated 
which cou.ld he used when the special in
ta))a- 
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tions to measure wind and temperature were 
not in action. . 

 (7) )IETHOD OF USE.-Sound Ranging could 
only be employed "hen the front remamed 
stationary for several days at the least. In 
installing a section, a base must be planned and 
carefully surveyed, positions made for the 
microphones, central station, and advanced 
posts; some forty or fifty miles of cable laid 
in an exposed situation, the apparatus set 
up, and the chart constructed on which the 
results are plotted. The time necessary to 
carry this out was reduced by training and 
experience to two or three days, and could no 
doubt be still further reduced by improved 
methods. If a method of ,dreless trans- 
mission of the signals could be devised, it 
would obviate the labour and delays caused 
by the constant cutting of the cable by 
traffic and shell-fire. Though the use of 
Sound Ranging has hitherto been restricted 
to conditions of stationary warfare, it may 
develop into a means of location available 
under all conditions. 


W. L. B. 


SOUSDIXG .\I-\.CHIXES. See" Xavigation and 
Xavigational Instruments," 
 (17) (iii.). 
SPACE-LATTICES defined by Frankenheim and 
Bra,-ais, fourteen in number, fundamental 
to the 230 modes of arranging points in a 
homogeneous structure such as is possible 
to crystals. See" Crystallography," 
 (11). 
SPARK-GAP: the maximum sparking distance 
between point or sphere electrodes, the 
degree of s?paration being a measure of the 
applied ,-oltage. See" Radiology," 
 (20). 
SPECIFIC HEAT OF GLASS. See " Glas
," 
 (28). 
SPECIFIC I
DUCTIVE C.-\.PACITY OF GLASS. See 
" Glas
," S (
()). 
SPECIFIC RE'3ISTANCE OF GLASS. See" Glas
," 

 (30). 
SPECTRA: 
Arc and spark, Fowler's work on. See 
,. Spectroscopy, )Iodern," 
 (11). 
Band: a type of spectrum, usually associated 
"ith thf' spectra of compounds or mole- 
cules, which are composed of bands; that 
is, of groups of lines which converge to 
definite heads, the head of a band being 
freq uently the strongest line in the band. 
. The lines in a series of bands may be 
represented by the formula 
n=Am 2 +Bn 2 +C, 
where A, B, C are constants and III and n 
integers. See ibid. 
 (12). 
Chlssification of luminous, into t\\ 0 classes: 
(1) continuous spectra, due to the radia- 
tion of heated solids; (2) discontinuous 
spectra, in general peculiar to luminous 
gases. See ibid. 
 (2). 
YOLo IV 


Dispersion and resolution in. See" Diffrac- 
tion Gratings, Theory of,.' 
 (6). 
Overlapping. See ibid. $ (7). 
SPECTRO.:\IETER. See" Spectroscopes and 
Refractometers. " 
Adjustments of. See" Spect.roscopes and 
Refractometers," 
 (8). 
Hilger's Constant de, iation type used as 
monochromatic illuminator. See "Im- 
mersion Refractometry," 
 (7). 


SPECTROPHOTO:\IETRY 


I. I
TRODUCTIO
 
ALL sources of illumination, such as the sun, 
the electric arc and sparl,,-, the incandescent 
electric lamp, the gas and kerosene flames, 
the fire-fly, and countless others, emit what is 
known as radiant energy. 'Yhen this impinges 
upon any obstacle and is in part absorbed, 
there is, in general, a rise of temperature of 
the absorbing substance. Other manifesta- 
tions of the reception of radiant energy are 
also well known. Some kinds, for instance, 
when reaching the retina of the eye give rise 
to the sensation of colo-ar, some cause blacken. 
ing of a photographic plate (when it is exposed 
and developed), some give rise to an electric 
CUi'rent under certain condition
, and so on. 
T
e time-rate of transfer of radiant energy is 
called the radi
nt power, and this may, of 
course, be expressed in the same units as 
other power. - It has become of great import- 
ance in many branches of science and industry 
to be able to analyse qualitatively and quanti- 
tatiyely the radiant power "hich any source 
emits, or that which a gi,Ten material may 
transmit or reflect. 
"-hen this radiant power is examined by 
means of a prism and the resulting spectrum, 
it is found that only a part is visible to the 
eye; that beyond the red end of the spectrum 
i
 a large invisible region, called the infra-red, 
which may be detected by means of the rise 
in temper
ture of variou; kinds of sensiti,Te 
radiometers; and that in the other direction 
bevond the violet is a second invisible region, 
caÌIed the ultra-l.'Íolet, which may, if sufficiently 
intense, be detected by these same radiometers, 
but much more easily by the photographic 
plate or photoelectric cell. 
The usual types of radiometer, which depend 
for their action primarily upon the heating 
effect of the incident radiant power, are non- 
selective as regards wave-length or frequency, 
and can be used to measure this po" er in 
absolute quantities. The eye is different 
from the radiometer, however, in being 
sensitive to only a part of the radiant power 
from any source, that part by definition b('ing 
the visible region of the spectrum. It is also 
different in that it cannot give the absolute 
3n 
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value of this radiant power. "Then, however, 
two beams of light of the same quality and 
brightness are brought into the proper juxta- 
position, the eye can detect very small varia- 
tions of brightness in either beam provided 
the other remains constant. Therefore, if the 
proper means are available for varying the 
brightness of either beam, the two may very 
accurately be brought to the same brightness. 
This fact is the fundamental basis of photo- 
metry. 
SPECTROPHOTO)IETRY, strictly speaking, is 
the visual measurement of relative radiant 
power as a function of wave-length or fre- 
quency. The term, however, is usually not 
limited to visual methods; it is often made 
to include also certain radiometric, photo- 
electric, and photographic methods of measure- 
ment used not only in the visible region but 
in the ultra-violet or infra- red. The term is 
so used herein. The kinds of work are many 
and varied, but may be classed, in general, 
under three heads: 
(i.) The measurement of the relative spectral 
distribution of radiant power of sources of light. 
If the absolute or relative spectral distribution 
is known for anyone source, used as a standard, 
the others may easily be computed. 
(ii.) The measurement of the spectral tran-8- 
missÏl.:e properties of transparent materials, 
such as eye-protective or signal glasses, dyes, 
oils, and all kinds of organic and inorganic 
solutions-in fact, solid, liquid, and gaseous 
matter of great variety. 
(iii.) The measurement of the diffuse spectral 
reflection of opaque objects, such as paints, 
cloth, paper, an
 so on. .:\Iagnesium carbonate 
or oxide is usually taken as a standard white 
for comparison purposes. 
SPECTROPHOTOMETRY is gem'rally admitted 
to be the fundamental basis of colour specifica- 
tion. "A spectrophotometric table, derived 
from at least twenty-five points (for a con- 
tinuous spectrum), gives the only unique 
description of a colour, and it appears probable 
to the "Titer that the requirements of precision 
technical colour measurement are most likely 
to be met by the development of simple and 
rapid means 
of plotting and recording accurate 
spectrum . plots of reflection or transmission 
characteristics." 1 The large and growing 
demand made by industrial and commercial 
as well as scientific interests for the standard- 
isation and specification of colours may be 
partly realised by referring to a paper on 
"The 'York of the (U.S.) :National Bureau of 
Standards on the Establishment of Colour 
Standards and :l\1ethods of Colour Specifica- 
tion." 2 The relation between spectrophoto- 
metry and colourimetry will be brought out 
more fully in Part II. 
lIves, .Jour. Pranklin JlISt., Un5, dxxx. 700. 
:II Priest, Trans. J.E.S., 1918. xiii. 38. 


It has not been attempted to give a history 
of the science of spectrophotometry nor a 
complete bibliography. Such will be found, 
up to the year 1903, in Kayser's Handburh der 
Spectroscopie, vol. iii. A fairly detailed de- 
scription of visual instruments in use up to 
1909 is also given in Krüss' Kolorimetrie und 
Quantitative S pektralanalyse. The references 
given herein, however, cover the field in a 
general way; and a study-of the papers cited, 
together \\ ith the references which they in 
turn suggest, will lead one directly into a 
comprehensive study of the whole subject. 
Most of the different types of visual instru- 
ment are mentioned herein. Since certain 
fundamental principles underlie the use of all 
of them, one of these in<;;truments has bpen 
selected for a detailed description of method 
of use. The instrument and method so 
selected have been proved accurate and reli- 
able by direct and extensive comparison of 
results with those ubtained by other methods, 
not ,
isual. The photoelectric and photo- 
graphic methods so tested are likewise, by 
this intercomparison, proved accurate and 
reliable. They are both null methods and 
eliminate ma
y possible errors, uncertainties, 
and difficulties. Because of their importance 
in confirming and t'xtending resuLts obtained 
visually, these are also described in (If,tail. 
A fourth method available in this inter- 
comparison of methods has heen the thermo- 
electric method. This is briefly described, 
but the large and important subject of spectro- 
radiometry in the infra-red is otherwise un- 
touched. This fourfold comparison of methods 
has made it possible to found a statement of 
the accuracy at present ohtainable by spectro- 
photometric methods upon a basis of fact 
rather than of opinion; but there is no reason 
to believe that the accuracy obtainable may 
not be still further increased by further work 
along this line. 


II. RELATION OF SPECTROPHOTO
IETRY 
TO COLOURIMETRY 

 (1) THE NEED FOR A RECOGNISED NOMEN- 
CLATURE AND SYSTEM OF STANDARDs.-Ifor 
an intelligent discussion and undE'rstanding 
of any science therE' should be available an 
exact and well-knmvn nomenclature and 
system of standards. Otherwise one is under 
the necessity of 
iving detailed definitions 
of all terms used if he wishes to be sure that 
the reader will understand by the terms what 
he himself has in mind. Thi; has been largely 
the case in pa pers on spectrophotometry, 
especially those which have rcference to the 
measurement of the transmiRsive properties 
of materials, ",hich part of the science has 
probably had a wider field of applicatiun 
than the others. 
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The sciences of spectrophotometry and 
colourimetry are in::;epara bly connected; and 
a majority of the terms and expressions used 
in one are also necessary in the other. An 
effort to eliminate the j)resent confusion in 
the nomenclature of the science of colouri- 
metry has been initiated by the Optical 
Society of America and a preliminary report 
made. l The follm\ing paragraph from the 
introduction to this Report is very pertinent in 
this connection: 
In the field of chromatics and colourimetry, f'xperi- 
ment and knowledge have outrun established and 
recognised langua
e. ThE"re are many names for the 
same thing and many different things designated 
by the same name. ProgrE"ss req uiws the co- 
operation of indi,iduals and the co-ordination and 
discussion of results; and co-operation and discussion 
are primarily conditioned upon unambiguous 
language. 'Yhile numerous pleas for standarcEl"ation 
a.nd some detached recommendations for particular 
dE"finitions and terms have been made in the past, 
no attempt at all commensurate "ith the magnitude 
and importance of the subject has been made to 
formulate and presE"nt a consistent organised system 
of nomenclature as extensi ,-e as is found necessary 
in practice. Probably the most urgent need of 
{'olourimetry is the establishment of a recognised 
nomenclature and system of standards. To one not 
thoroughly familiar with the subject, the insi.;;tence 
upon this, and particularly the E"laborate and exten- 
sive system "ith fine distinctions of meaning to be 
set forth in this report, may appear pedantic and 
academic. Xot so to him whose daily work is in 
this fielrl, for in his preparation of reports and ordinary 
conversation with his colleagues and assistants, he 
is continually inconvenienced and annoyed by the 
circumlocution and misunderstanding occasioned by 
lack of suitable terms and symbols to express his 
ideas and findings cogently and without ambiguity. 
He finds that the orderly and efficient conduct of 
his work compels him to assume the tedious and un- 
pleasant task of formulating a nomenclature. This 
necessity is the cause of the present report. 
Certain parts of this Nomenclature Report 
are of special yalue for the science of spectro- 
photometry, and are therefore presented here. 
All the quotations in Part II. of the present 
article are taken from that Report. 

 (2) GEXERAL TER:\I1XOLOGY.-" COLOUR 
ie the sensation- due to stimulation of the 
optic nerve. " 
" Colour may be evoked by various stimuli 
acting on the optic nerve, for example, 
mechanical and electrical stimuli; but the 
only one of these "ith which we shall be 
much concerned is light (see definition below), 
which may be called the proper or ordinary 
stimulus of colour. 
"In adhering to the strictly subjective 
definition of colour" e are not estopped from 


_ 1 Optieal 
o('iety of America, Committee on 

onl(>ndature and 
tandards, :-;ub.committee on 
('olonrimetry, 1. G. :Prif'
t, Chairman, Repo-rt, HH 9 
(Preliminary Draft), L .S. Bureau of Standards 
Library, Washington, D.C. 


the use of such convenient expressions as 
'the colour of light,' or the 'colour of a 
material,' for we proceed consistently to 
define : 
.. The colour of. light as the sensation which 
that light evokes; and 
" The colour of a material as the sensation 
evoked by the light transmitted or reflected 
by that material under specified conditions 
of illumination." 
" CHRO:
IATICS is the science of colour." 
" COLO"CRDIETRY is the science and practice 
of determining and specifying colours by 
reference to the stimuli and conditions "hich 
evoke them." 
" LIGHT is radiant pO'lt'er multiplied by the 
VISIBILITY of the radiant power in qucbtion." 
" RADIATIO:X is the process by which energy 
is propagated through space. . . ." 
"RADIO),lETRY is the measurement of 
radiant energy or radiant power." Spectro- 
photometry is thus seen to be one branch of 
radiometry. 
"The SPECTRG)l is a graphic arrangement 
or setting in order of radiant energy "ith 
respect to wave-length or frequency." 
The ware-length units which are convenient 
for use in spectrophotometry are the micron, p. 
(one-millionth of the metre), and the milli- 
micron, mp' (one-thousandth of the micron). 
The latter unit is used throughout this article. 
"BRILLIASCE is that attribute of colour 
without which colour cannot exist, the 
attribute in respect of "hich all colours may 
be classified as equivalent to one Of another 
of a series of grays of which black and v;hite 
are the terminal members." 
" H rE is tbat attribute of colour in respect 
of which it differs from gray, the attribute in 
respect of which colours may be classified as 
red, orange, yellow, green, blue, 'fÍolet, and 
purple, or their intermediates." 
"SAT"GRATIO:X is the di8tinctness or vivid- 
ness of /we." 
" Qc ALITY is the property of colour due to 
its hue and saturation." 

 (3) ::\IETHODS OF SPECIFYING COLOUR.- 
" A colour may be specified by reference to 
stimuli in the fullowing ways: 
"(i.) By specification of the identical 
radiant power actually evoking the colour, 
both in regard to 
(a) Its total amount, 
(b) Its spectral distribution. 
"The crude specification of spectral distribution 
referring roughly to spectral regions rather than 
points is sometimes used for special purposes, 2 
but its limitations must be kept in mind. 
" The partial specification of spectral distribution 
may be used as a colour specification in particular 
, In':'; Tint Photometer, Hess- In's ('0.. Philadelphia; 
Rlo('k, .. 'Die Kenn7eiehnllng der Farbe des LichtE";," 
Elect rot. Zs., 1913, xlvi. 1306. 
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cases,! but as in the case above, its limitations must 
be carefully observed in order to avoid erroneous 
conclusions. " 


"(ii.) By specification uf a stimulus empiric- 
ally found to evoke the same colour in 
juxtaposition. 
"There are, in practice, several important 
special c...."ses of this. They are: 
" (a) The stimulus composed of hetero- 
geneous light of the spectral distribution 
which alone evokes the colour gray plus 
homogeneous light-the wave-length of the 
latter, the total light, and the ratio of hetero. 
geneous to homogeneous light all being ad- 
justed by trial and error until the sensation 
evoked is exactly like the colour to be specified. 2 
This method we call homo-hetero-analysis. 
"(b) The stimulus composed of lights of 
three (or more) different frequencies (or 
frequency ranges), the relative and absolute 
values of ,vhich are adjusted by trial and error 
until the sensation evoked is exactly like the 
colour to be specified. 3 
"(c) The spectral distribution of energy of 
the stimulus modified by rotatory dispersion, 
and its total radiant power adjusted in any 
way by trial and error to evoke a sensation 
exactly like the coluur to be specified. 4 
"(d) The spectral distribution of energy 
of the stimulus and its total radiant power 
modified by the selective transmission of 
glasses or solution::) 5 chosen by trial and error 
to evoke a colour exactly like the colour to 
be specified. 
" (e). The stimulus being radiant power 
from a complete radiator (' black body'), the 
temperature of which is varied until the 
quality of the colour evoked is exactly like 
that of the colour to be specified, the spectral 
distribution of energy being a known function 
of temperature." 

 (4) THE FUNDA)IE
TAL PHYSICAL BASIS 
OF COLouRnIETRY.-" The method indicated 
under (i.) of 
 (3) is, of course, the primary 
basis of colourimetry." In this connection, 
note the statement by I ves 6 alre3,dy referred to. 

 Priest an(1 P<>ters, Bur. Stand. Tech. Pap. No. 92. 
Bezold, 
heory of Colour, Eng. trans. by Koehler, 
Am. Ed., 18/6, p. 100; Rood, .J..Uodern Chromatics 
1879, chaps. Hi. and xiv. p. 213. Abney Colou; 
AI eas,urement and AIixture, 18fH, ch'aps. iv. å
d xiii. ; 
Nuttmg, Bur. Stand. Bull., 1!H3, ix. 1; Jones, 
Trans. J.E.S., 1aU, ix. 687; Priest, Jour. Wash. 
Acad., Feb. 4, 1916. 
3 l\[.axwcll, "Co!our Box," J. CINk-)[axwell, Sci. 
Pal!' I. 420; F. E. lves, .Jour. Frank. I1UIt., 1907, 
dXlv. 47 and 421; Howland, Science Conspectus Soc. 
of Arts, lJIass. Illst. of Tech., 1916, vi. 29; Carpets 
JVall Papers, and Curtflins, Feb. 2, 1918. ' 
II Konig, Ann. der PII!!., 1882, xvii. 990; 
Ieisberg 
Z.
. fÜr anal. Chem., 1904, xliii. 137; Arons, Ann. de; 
Ph}/s. (4
, 1910, xxxiii. ï9a, and ibid. (4), J912, xxxix. 
54:); Priest, Phys. Rev. (2), 1917, ix. 3-U, and ibid. x. 
208. 
I) J.ovibond tintomf'ter; "Amy's Solution!::;," 
n. V. Amy, Jour. Ind. and Eng. Chem., Oct. J9H), 
xi. 950. 
6 Ives, Jou'ln. Frank. Inst., 1915, clxxx, 700. 


"Radiometry, in its most general sense, is 
the key to all fundamental work in colouri- 
metry. Some empirical testing and comparin(T 
may be done without direct reference to it 
 
and. its bearing on the subject may not be 
ObVlOUS to the casual observer of routine 
testing; but the essence of all fundamental 
standardisation is radiometry. :Kote the 
following: 
"(a) The fundamental reference standards 
of colourimetry are light sources of ppecified 
energy distribution. 
"(b) The most important specification of 
the colour of a transparent. -plate is its spectral 
transmission. 
"(c) The most important specification of 
the colour of an opaque object is its spectral 
reflection. 
" If two transparent objects have identical 
spectral transmissions, or two opaque objects 
identical spectral reflections, they will evoke 
colours exactly alike i'n light of any spectral 
energy distribution. Moreover, this is the 
only form of colour specification for materiala 
which will ensure this result." 

 (.3) TECHNOLOGICAL ApPLICATIONS OF 
SPECTROPHOTOMETRY. - The following ex- 
amples will illustrate to what uses the science 
of spectrophotometry has been or may be put 
as regards its technological applications: 
:l\Iany vegetable oils, such as cotton-seed 
oil, for example, have for many years been 
graded from the standpoint of their colour, 
approximate and empirical methods being 
used. The present status of this work, and 
the growing demand that the standardisation 
be put upon a spectrophotometric basis, may 
be noted by referring to recent numbers of 
the Cotton Oil Press. 7 
Accurate spectrophotometric data are of 
value in the analysis of dyes,8 or would be if 
such were available to any great extent. The 
concentration of all kinds of solutions might 
also be determined from known transmissive 
da ta. 


The great importance of securing adequate protcc. 
tion from injurious radiant energy is now well 
recognised, and a large numb('r of glasses are on the 
markf't advertised to protect the eyes from the ultra- 
violet and infra-red and from excessive hrightness in 
the visible region. Since both the amount and the 
wave-length of the transmitted energy dctcnnine 
the value of these glasses for protpctive purposes, it 
is obvious that their transmission curves should be 
accurately known. The results of such a study on 
a large numbcr of glasses in th(' ultra-violet, visibl{', 
and infra-red have been published. 9 The last of 
these papers givcs also the spcctral transmif:sion of 


7 Chemists' Section, conducted by the American 
Oil C'hemi!';ts' Society, e.g. .Tan. l!)21, 'Ilp. 42-4-1. 
8 l\Iathewson, Assoc. Off. Agr. Chern. yol. ii. No.2, 
p.1(H. 
II Bur. Stand. Tech. Pap. No. 03, 1017, 3rd. p.d., 1919; 
No, 110, 1910; No. 148, la
O. 
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coloUff'd railway 
ignal gla<;ses and of glas.:,e::; wsed in I 
ultra- violet r-ignaIling. 
Selecth-e ray filters, both of glass and of dyed 
gelatine films, are nO\\ \\ idely u
ed to increase 
\.isibility (i.e. the ability to see clearly).! This iE 
true not only vi
ualJy, but has become of great 
importance in aeroplane photography. The increase 
in yisibility is brought about by absorption oî the 
shorter \\ave-lengths, and the spectral transmission 
of the glasses and dyes used is necessary to make 
any intelligent study of the subject. Other filters, 
especially the dichromatic red-blue kind, are of 
value in the detection of chromatic camouflage, 


III. YISUAL I:SSTRr:\IEXTS 

 (6) GEXERAL CHARACTERIt)TICS. - The 
'CÏsllal spectrophotometer, as the name "ould 
imply, is really composed of two separate instru- 
ments, the spectrometer and the photometer; 
and various problems in the construction 
and use of these instruments are, therefore, 
present in their combination. Those which 
haye special reference to spectrophotometry 
as a single and separate science will be dis- 
cussed at the proper places. 
(i.) The Photometric Field.-In practically 
all visual spectrophotometers two beams of 
light (beams 1 and 2) of approximately the 
same wave-length are finaHy brought to form 
the two parts of what is called a photo- 
metric or comparison field, which may be 
viewed by the eye, and the brightness of one 
or both parts of which may be varied at will 
in a known manner, the two parts being 
finally brought to a match-that is, to an 
equality of brightness. 
Some of the common types of photometric 
field are shown in Fig. 1. The light in parts 
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FIG. I.-Types of Photometric Field. 


1 and 2 comes from beams 1 and 2, respectively. 
Tvpe B is slightly different from the others 
and is known as a contrast field. Its con- 
struction is such that the trapezoidal parts are 
slightly darker than the surrounding field, 
equality of contrast being the criterion for a 
match. Type E is that usually obtained when 
a simple spectrometer with eyepiece is used, the 
light in parts 1 and 2 coming from different 
parts of the same slit. Ko one of these types 
has any special advantage over the others, 
unlcss it is type B, whie-h is probably less 
fatiguing to the eye, Bnd in the faint red and 
blue regions more sensitive than the others. 
(ii.) Conditions for High Sensibility. - 
One of the most important conditions for 
1 Phys. Bel'. (2), 1919, xiv. :Wl. 


obtaining maximum sensibility is that the 
diYiding line or lines between parts 1 and 2 
of the photometric field should be as fine as 
possible and should disappear when the match 
has been made. Another essential condition 
i::; that the field be of the proper angular size. 
....\. field subtending an angle of 3 to 5 degrees 
is considered very suitable. These two con- 
ditions are, of course, understood and, so far as 
possible, complied "ith by the makers of com- 
mercial instruments. 
A third condition for obtaining maximum 
sensibility is that the field be of the proper 
brightness. In spectrophotometry one is seldom 
troubled by having too llluch light. For 
the sake of the measureme"nts in the low- 
visibility parts of the spectrum-the red, blue, 
and violet-one should, in general, strive to 
have as much light as possible available. If 
the field becomes too bright throughout the 
green and yellow, it may easily be reduced 
by narrowing the slits of the instrument or 
by means of rotating sectors. It is also very 
important for accurate work that each separate 
part of the field be of uniform brightness. 
In addition, the eye should be protected 
from all stray light; the room should be 
dimly lighteù, if at all; and if the observer 
has to record his own observations, the 
illumination of the record sheet should be as 
low as can be used. A single glance at a bright 
sheet of paper or other light may incapacitate 
an observer's eye for several minutes if he is 
working at low brightness. 
'Yith any in
trument or method, too, there will 
be certain co1'\ditions under which measurements 
may be made with ma
imum preci
ion; and every 
instrument should be studied and used with this 
in mind. For example, at "hat value on the scale 
(i.e. at what slit-\\ idth, at what distance, at what 
angle of the nicol, etc.), at \\ hat concentration and 
thickness of solution, etc., "ill the percentage error 
in the final result be thl' least if an error of one 
division is made in the setting? Such a study is 
too often neglected. 
(iii.) The Sources of Illumil1ation.-""hen 
the relative spectral distribution of radiant 
power of a light is to be obtained, the follow- 
ing essential conditions should be met: 
(fl) A source of illumLYlation must be avail- 
able whose relative spectral radiant power is 
accurately known, so that it may be used as 
a standard. 
(b) Light from this standard and from the 
unknown source mu
t be subject to the same 
conditions; that i:;;;, they must travel along 
identical paths and be compared in turn with 
the same illumination, supplied by 3. third 
source. 
(c) All the sources of illumination must be 
kept of 'constant value "hile measurements 
are being made. 
If the spectral transmissive or reflective 
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properties of materials are to be studied, the 
apparatus should be so constructed, if po::\siblc, 
that the following conditions are true: 
(a) The two beams of light should originate 
from the same source, so that fluctuation will 
not introduce errors. 
(b) It shauLl be possible to obtain diffuse 
spectral reflection as quickly and as a.ccurately 
as spectral transmissive properties. 
(c) In work on transmissive properties no 
error should he introduced or correction needed 
because of the change in length of the optical 
path caused by the beam traversing the 
specimen. 
(d) In reflection work the illumination of 
the surface should be as nearly as po::;sible 
equally diffuse from all directions, and the 
sample Rhould be studied from a direction 
normal to its surface. 
(e) The illumination should be intense 
enough to permit of very narrow slits being 
used: for the narrower the slit the purer the 
spectrum and the more accurate will be the 
measurements. An intense source of light will 
also make possible further and more accurate 
readings in the red and violet. 
(f) In addition to heterogeneous illumina- 
tion, sources of homogeneous illumination 
should be available at as many different wave- 
lengths as possible, that all slit-width errors 
may be completely eliminated and the hetero- 
geneous readings checked. 
(iv.) 
ll ethods of varying the Brightness of 
the Photometric Field.-Different well-known 
methoçls are available for varying the amount 
of light which comes to form the parts of the 
photometric field. In spectrophotometry the 
actual amount of light which enters the slits 
of the instrument is not required; it is 
rather the relative amounts under specified 
conditions. to 
One may vary the brightness by varying the 
distance of a small source of light from the 
slit, the amount of light entering the slit for 
any two positions of the source being inversely 
proportional to the squares of the distances 
between the source and slit (or screen before 
the slit) in the two cases. This relation is very 
accurate, provided the diameter of the source 
is very small compared to the distances being 
used, e.g. 1/25. 
A second accurate method is to use a pair 
of polarising nicol prisms in the path of the 
light. The light transmitted is then zero when 
the nicols are crossed and a maximum at a 
position 90 degrees from that, and the amount 
transmitted at intermediate positions is pro- 
portional to the square of the sine of the angle 
measured from the position of extinction. The 
faces of the nicols should be perpendicular to 
the direction of propagation of the light, the 
light entering the first nicol should he un- 
polarised, and the first nicol only should be 


rotated. Other combinations of polarising 
prisms may be also used, such. for example, 
as three nieol prisms (the middle one being 
rotated), or a ,r ullaston prism and nicol. 
Yarying the widths of the slits is a method 
often uRed with certain types of instruments, 
the brightness being taken proportional to the 
slit-"idth. This method is, however, "bad 
at heart," and should not be used where other 
methods are possible. In order to secure a 
suitable range of variation the slit-width has 
to be varied from a large part of a millimetre, 
which includes too much of the spectrum, 
making it very impure, down to a few 
hundredths of a millimetre where errors due 
to diffraction from the edges of the slit may 
hecome serious. It is probable, however, that 
this diffraction error is approximately elimin- 
ated by subtracting 0.02 mm. from all read- 
ings. l The error resulting from the use of too 
wide a slit may become enormous if, for 
example, one is measuring the transmission of 
substances like didymium glass or thc solutions 
of certain rare eãrths which have very strong 
and narrow absorption bands. l\Iethods for 
making the slit-width correction have been 
derived. 2 If it is necessary to use the slit- 
width method of varying the brightnes
, a 
thorough calibration should be made with a 
rotating sector or other means under thc same 
conditions of wave-length and brightness as 
are to be used in the investigation. 
A fourth method of varying the brightness 
is by the use of rotating sectors at speeds 
where flicker is no longer noticeable. The 
transmission of the sector as judged by the 
eye is accurately proportional to the aperture 
being used. \Vhere this cannot be changed 
while the sector is rotating, the method is 
of greatest use as an auxiliary to increase 
the range of other methods. Sectors whose 
aperture may be changed while in operat.ion 
have, however, been designed,3 and in this 
form the method is 
s accurate and con- 
venient as any other. 
Other methods are sometimes used, such, 
for example, as interposing an absorbing wedge 
of varying thickness in the path of t.he light. 
but these are, as a rule, not as suitable as the 
others mentioned. 
(v.) Calibration of tlte Dispersing Prism. 
- In spectrophotometric work the wave- 
lenqth (or frequcncy) calibration need not be 
made as exactly as is required for most 
spectroscopic work. Because the amount of 
the spectrum being examined at any wave- 
length is usually one or more millimicrons, it 
1 
khols and Merritt. Phy.<:. Rel.'., 1010, xxxi. 502. 
2 lhid. xxx. 328 ; Hyde, Astrop. Jou.r., HH2, xxx\". 
237. 
3 Hyde, Astrop. Jour., HH2, xxxv. 257; A
m{'y, 
Researches in Color JTisinll, f). fiR; Brodhun, ZCltsf'hr. 
f. ltu;trk., HI07, xxvii. 8. The instrument de!';cribed 
in the last rpfcrcnce has a rotating beam of light and 
a stationary but variable sector. 
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is as a rule sufficient if the calibration can be 
guaranteed to a fe,,, tenths of a millimicron. 
The use of symmetrically opening slits is, of 
course, highly desirable, so that changing the 
\\ idth of a slit ,vill change the effective wave- 
length as little as possible. 
The usual method of calibration is to locate 
the position of a number of well-known spectral 
lines on the arbitrary scale of the instrument. 
(If the scale is already graduated in wave, 
lengths it should be checked very carefully 
before using.) These lines should be well 
distributed from the extreme red to the 
eÀtreme violet, no extensive part of the 
spectrum being omitted. As a rule, the more 
lines one observes, the more accurate will be 
the calibration. The sources often used for 
this purpose include the mercury, helium, and 
hydrogen vacuum lamps, and the electric arc 
of metals like cadmium, copper, zinc, etc., 
whose spectra contain not too many lines. 
The known values of \Va ve-Iength, or fre. 
quency, and the corresponding readings on 
the arbitrary scale of the spectrophotometer 
should be plotted to a proper scale and a 
smooth curve carefully drawn through these 
points. It is then a simple matter to obtain 
the value of the arbitrary-scale reading for 
any desired wave-length or frequency. The 
frequency curve will be found to have much 
less curvature, and is therefore safer to use 
if but few known values are available. 
Empirical equations have been found which 
represent the wave-length curve quite accu- 
rately and which may be obtained when 
three or four lines well distributed over the 
range to be used have been accurately located. 
The constants of the equation having been 
obtained from these values, it may then be 
used to compute the value of the arbitrary- 
scale reading for any desired wave-length. 
The use of equations, however, is apt to be 
quite laborious, and the graphical method first 
mentioned is ordinarily sufficient. 

 (7) I
DIVIDUAL TYPES. (i.) The L1.lmmer- 
Brod/tUn Spectroplwtometer. - The Lummer- 
Brodhun spectrophotometer 1 is a well-known 
instrument, a brief de'3cription of which will 
iUustrate some of the points already men- 
tioned. (A much more complete illustration 
of the various principles underlying the use of 
any spectrophotometer will be found in Part 
IV.) An outline diagram (plan) of the instru- 
ment is shown in Fig. 2. The light in beams 
1 and 2 enters slits 
1 and 8 2 respectively of 
collimators T 1 and T2' and is madf" parallel by 
lenses L 1 and L 2 . These two beams of parallel 
light then enter the Lummer-Brodhun cube 
at right angles to each other. 
This cube is composed of two pieces of 
glass. Part 2 is a right-angled total-reflection 
1 Zeitschr. j. Illstrk., 1892, xii. 132. See" Photo- 
metryanù Illumination," 
 (18). 


prism, and if used alone would reflect all of 
beam 2 towards P and all of beam 1 a wa V 
from it. A small part of the surface of part 1 
is, however, cemented on to part 2 with Canada 
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FIG. 2.-The Lummer-Broùhun Spectrophotometer. 
Th Tz=collimating tf'lescopes; Ta=observing tele- 
scope.; 
h.

h 
3:=Yertical slits; Lh L 2 , L 3 =lenses; 
P=dISpersmg prISm; C=Lummer-Broùhun cube- 
giving field of type C, Fig. 1. 


baÌsam, the rest of that surface of part 1 
being ground away so as not to be in contact 
with part 2. Under these conditions the 
central part of beam 1 and the outer part of 
beam 2 will form the photometric field of 
type C, Fig. 1. (Type B is another common 
form of photometric field found with Lummer- 
Brodhun spectrophotometers.) This is viewed 
by the eye placed at slit 8 3 , no eyepiece being 
used. Uniformity of the field is obtained by 
using pieces of ground glass before slits 8 1 and 
8 2 or by having the light come from illuminated 
pieces of magnesium carbonate. 
This instrument is especially well adapted 
to compare the relative spectral distribution 
of radiant power of two light sources. 'Yhen 
this is being done, it is best to compare each 
one of them in turn with a third source, this 
third source being placed, for example, before 
8 1 , giving rise to beam 1, and the other two 
being in turn placed before 8 2 , giving rise to 
beam 2. Anyone of the methods already 
indicated, or a combination of them, may be 
used to val')' the amount of light entering 
slits 8 1 and 8 2 and thus bring the two parts 
of the photometric field to equality. 
In transmission work two sources may be 
used-or better, only one, the light being re- 
flected by mirrors or pieces of magnesium 
carbonate into the two slits. This will depend 
somewhat upon the method used for varying 
the brightness to obtain the match when the 
sample being examined is placed in or out of 
one of the beams of light. For the measure- 
ment of diffuse or specular spectral reflection 
special auxiliary illumination apparatus is 
necessary. This may be easily devised. 
(ii.) The .König-Jlarten8 Spe.:trophotometer.- 
A second well-known instrument operating on 
a very different principlc is the König-.Martens 
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spect.rophotometer. 1 In this ca
e variation of 
brightness of the photometric field is brouaht 
t'"' 
about within the instrument by polarising the 
light and intercepting it with a nicol prism. 
An outline diagram (plan) is given in F'l
g. 3. 
D I L P W BL N 
e
mS1 ", ' 
 ' S3r 
I - :'-_. E 
- -, . I 
Bern} S2 - 
,FIG. 3.-Thc Künig-:\Iartens bpeetrophotometer. 
. 
=lenses; \Y = 'Vollaston prism; B= bi-prism, 

uvmg fi
ld. of .type A, Fig. 1; P=dispersing prism 
(the (
enatI?n IS away tram the plane of the paper) ; 

 = meol pn::;lll; 
h 
2' :-:;3 = horizontal slits (
l and 

2 are parts of the Ramp slit); .E =poRition of the 
eye. 


The light from beams 1 and 2 tra verses 
the instrument approximately as shown. By 
means of the \V ollaston prism each beam is 
split up into two parts vibrating at right angles 
to each other. One part of each beam is lost 
within the instrument; t.he remainin a parts 
polarised mutually perpendicular, are brought 
by means of the bi-prism and lens to form the 
two halves of a photometric field, which is 
viewed by the eye through the nicol prism. 
Errors do not result from the partial polari
a- 
tion by the dispersing prism P, because the 
light is polarised by 'V after leaving P. The 
field is of type A, Fig. 1, the dividing line being 
produced by the apex of the bi-prism. Uni- 
formity of field may be secured in the same 
way as with the Lummer-Brodhun spectro- 
photorp.eter. 
Since the two beams of liaht reachin a the 
. I ö ö 
nlCO are polarised in directions at right angles 
to each other, a rotation of the nicol prism will 
obviously increase the brightness of one half 
of the field while decreasing that of the other, 
one beeoming a maximum when the other be- 
comes extinf't, and dce versa. The angular 
scale is made to read zero for one of the 
positiuns of extinction. 
If one of the original beams, e.g. beam 1, is 
kept constant while the other, beam 2, is 
varied, and a match has been obtained in 
two different cases, the brightness of beam 2 
in the first case to that in the second case will 
be given by the ratio of the squares of the 
tangents (or cotangents) of the angles of match. 
If ?eams 1 and 2 may be interchanged, the 
ratIO of brightness is the product of the tangent 
of the angle of match in one case by the co- 

angent in the other. :!\let.hods of using this 
mstrument are explained in detail in Part IV. 
(iii.) Other Tnstruments. - These two ex- 
amples are illustrative of the great variety in 
method which has been employed to bring 

wo beams of light of the same wave-length 
mto the proper juxtaposition in a phot.ometric 
1 Ann. der Pnys. (4), 1003, xii. 984. 


field, Ilud to enable eithpr or both beams to 
be varieù in brightness at. "ill in a continuous 
and known manner. They are illustrative of 
the two general classes into which visual 
spectrophotometer::; are often divided-viz. 
polarisation instruments and others (mostly of 
the variable-slit type). Thpy are also iÌIu'3- 
trative of ano
her general division which might 
be made-vlz. thos(' which are desianed 
p
im
ril
 for the comparison of the spe
tral 
dlstnbutIon of radiant power in two sources 
and those in which the measurement of th
 
spectral transmissive properties of materials is 
the .
ain purpose in mind. "Tith the proper 
auxIlIary apparatus, however, most instru- 
ments may be used for both these purposes as 
well as for the measurement of diffuse reflec- 
tion. 
There are many other well-known instru- 
me
ts in addition to the two already de- 
scnbed. One of the earliest types was the 
double-slit spectrometer of Yierordt,2 in which 
a single collimator carried a divided slit 
either half of which could be varied in width 
independently of the other, values bein a com- 
o 
puted fro.m these known slit-widths. The type 
of field IS that represented by E of Fiy. 1. 
The accuracy possible" ith this instrument was 
increased by later investigators. Krüss 3 used 
slits which opened symmetrically on either 
side instead of having one side fixed and the 
other variable. Further improvements in this 
method by various investigators consisted in 
devising means for making the dividing line 
of the photometric field as fine as possible and 
at the same time separating the two beams of 
light a short distance to make it easier to 
insert a specimen in one beam without inter- 
fering with the other beam. One of the modem 
varieties of the double-slit instrument, hut with 
two collimators and a Lummer-Brodhun pube 

s called the Differential Spectrophotometer,
 

n which the two slits work by a single screw 
III such a way that the sum of the two slit- 
widt.hs remai
s constant. 
The Brace 5 spectrophotometer is very 
similar in action to the Lummer-Brodhun, it 
having two collimators widely separated. In 
this instrument, how('ver, the photometric 
field is formed in the prism itself; it is of 
type D
 Fig. 1. 
'Vhile much valuable work has been done 
\vith variable - slit instruments, the general 
accuracy and reliabilit.y of all uf them are 
increased if some other means of varying the 
brightness of the photometric field is used; 
and this has often been done. 6 


2 PO(J(J. Ana., 1809, exxxvii. 200; 1RiO, ex1. 1 i2. 
3 Ilf'p. d. Phys., xiii. 20i; Zeitschr. j. ((Jl(tll/tisclte 
Chemie, 1882, xxi. 1/'!
. . 
" Shook, A.'Itrop. Jour., HHi, lxvi. 30;). 
6 Pllil. .May. (5), 18
}!), xlviii. 4
O; A,<;trop. Jour., 
1900, xi. G. 
II B.(J. 1,cJUon, Aslrop, Jour., IOU, xxxix. 20-t-. 
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Spectrophotometers which make lIse of 
polarising apparatus to vary the brightnpss of 
the field do not require the use of variable 
slits, but retain the same ease and speed of 
making settings. They should, ho\\ ever, like- 
wise be subjected to thorough test as to the 
po::)si ble presence of errors resulting from the 
polari...ing action of the dispersing prism or 
other parts of the apparatus. The objection 
often made to polarisation instruments, yiz. 
the los:- of light "ithin the instrument, has 
become of little weight because of the high 
efficiency, e5pecially in th6 blue and violet, of 
the gas-filled incandescent lamps now avail- 
able. In addition to the König-)Iartens in- 
strument, elsewhere described in detail as to 
construction and use, the following' methods 
ha ye been used. 
In Glazebrook's 1 instrument two widely 
separated beams are each polaru:ed by a nicol 
prism, but mutually perpendicular. These are 
brought into ju
taposition and Yiewed by the 
eye through a third nicol. By rotating this 
nicol a photometric match is obtained, yalues 
being computed by the tan 2 relation as "ith 
the König-)Iartens instrument. 
In another type of instrument,2 similar in 
many respects to the König-:Uartens spectro- 
photometer, a single collimator is used. Light 
from two separated parts of the slit are 
polarised mutually perpendicular by means of 
a Rochon prism. The two beams, after pass- 
ing through a nicol prism, finally form two 
contiguuus spectra, any "idth of \\ hich may 
be e
amined by the eye. Equality of bright- 
ness is obtained, again, by rotating the nicoJ 
and values computed from the tan 2 relation. 
A polarisation instrument of different type 
is that by Cro,-a, 3 in which the light in only 
one beam is polarised. In that beam t\\ 0 
nicul prisms are placed and equality of bright- 
ness obtained by rotating one of the nicols, 
the sin 2 relation being used for the computa- 
tion. In this instrument the two beams of 
light come from different parts of the same 
slit, but. that in one half i5 deflected in by 
means of a total reflection prism, its original 
direction being at right angles to the other. 
Three nicols instead of two ha\-e sometimes 
been used. -I In this case the middle one i
 
rotated; and the sin -I relation must be used 
in computations. 
In Hüfner's spectrophotometer 5 one beam 
only is polarised, one nicol being pla.ced in 
one beam before the collimator slit, the other 
in the obserring telescope. Hüfner's rhombic- 
prism scheme is used to bring two slightly 
separated beams into the proper juxtaposition 
through different parts of the same slit. 
1 ('amb. Proc., 1

;3, iv. :30-1. 
2 Wan, Wit'd. Ami.. 1877, i. 351. 
3 .-tllll. de rhim. et Ph!/s. (3), 1i-\83, xxix. 556. 
1 Zenkpr. Zeit.'Schr. f. II/5;tl.:., 18
3, iy. i-\3. 
5 Zeit.<;rhr. j. physik. Chemie, I88D. Hi. 362. 


The action of a polarisation instrument by 
'Yild 6 depends upon th{" vanishing of the 
interference bands furmed by the l)roper 
superposition of the two beams of light from 
anyone source. 
Yarious devices are available by "hich any 
spectrometer may Le converted into a spectro- 
photometer; in fact, some of the instru- 
ments already mentioned are practically that. 
Total reflection or rhombic prisms are used for 
this purpose, bringing two beams of light into 
separate but contiguous parts of the collimator 
slit. Auxiliary means must be provided for 
varying the brightness of one or both beams. 
Such methods have been used by Xichols,'ì 
Houston,S Ives,9 Xutting,lO and others. 
One of the most recent forms of sl)ectro- 
photometer is the Keuffel and Esser Color 
AnalyseI', a direct - reading in:strument. A 
constant-deviation spectrometer is used. A 
hi-prism placed oyer the telescope lens gives a 
fieJd of t) pe A, Fig. 1, \\ ith horizontal dividing 
line. The two beams come from different 
parts of the Sàme slit. The brightness of one 
beam relative to the other is varied by means 
of a va.riable rotating sector, and the scale 
re3.ds transmissive or reflective percentages 
directly. 
A somewhat different method from any of 
the above is that bv Abney,ll where the 
illumination of two sh
do" s, ;ide by side and 
touching one another and cast on a screen by 
placing a rod in the path of the t\\ 0 sets of 
rays, is equalised by placing a variable-aperture 
rotating sector in the path of one of the beams. 
)Iention might also be made of spectro- 
photometers operating on the flicker principle. 1 2 
This subject, howe\Ter, is one for hetero- 
chromatic photometry rather than spectro. 
photometry, and is, therefore, untouched here. 

 (8) PHOTO'IETERS 
D HO)IOGEXEO""["S 
LIGHT.-Considerable work of value in the 
line of checking and studying other methods, 
or in actual experimental work, if a spectro- 
photometer is not available, may be done by 
means of a photometer, source of homogeneous 
light, and selective ray filters. The )Iartens 
photometer 13 has been used at the U.R Bureau 
of Standards for this kind of "ork; other 
types would also be suitable. The mercury, 
hydrogen, and helium lamps are of value 
because of having several "idely separated 
lines of sufficient brightnesb to be used. If 


· Rep. d. Phys., 18$J, xix. 812; TJie1. AI/I/.
 1
ð3, 
xx. -152. 
7 Phys. Re,.., 18
H, ii. 138. Diffraction grating 
also used for di5per
ion. 
8 Phil. Jlag., 1908, xv. 282. 
I Phy.<;. Ret., 1910, xxx. .H6. 
10 Bur. Stand. Sci. Pap. Xo. 113, 1011: see also 
The Xutting Photometer, adwrtbed by Hilger. 
11 Re.<:earches in ColorlT rision, p. ï-t. 
II E.g. LUllllller-Prin!!
heilll, JaliTPsber. d. ,f:;('l,[es. 
(;es. f. raterl. Kultllr, H10li; B:>ibl., 1HOï, -1tili: )Iillle, 
Proc. Roy. Soc., Edinburgh, 1912-13, xXÅiii. :!.37. 
13 Phys. Zeit.. 1900, i. 299. 
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all three sources are available, the following 
wave-lengths may be obtained: 
Hg-!O!'7+!Oì'8, 43.3,8, 546.1, 576.9+579.1 


m,!.t ; 
H -43!'1, 48ü.2, 656. 3 m,lt; 
He-387.ü, 667.8+ 70ü.5 (70ü..) weak in com- 
parison to öô7.8), 70ß.5 mp.. 
The helium lines in the blue are too close 
together to be efficiently separated. 
Glasses for filtering out these lines are 
described in Bur. Stand. Tech. Pap. Xo. 148; 
and gelatine filters for the same purpose are 
advertised by the Eastman Kodak Co., 
Rochester, N.Y. 
A V ariation-of- Thickness Photorncter has 
recently been designed for measuring the 
transmissivity of liquids. The following are 
the essential features: 1 
"Two beams of light proceed horizontally, 
one above the other, from a uniformly illu- 
minated vertical surface. 
"A rotating sector disc of known trans- 
mission can be interposed in the upper beam. 
" By means of two totally reflecting partially 
immersed rhombs, the lower beam is diverted 
through a variable thickness of oil determined 
by the distance between the rhombs, one of 
which is carried by a slide on a track parallel 
to the beams of light. The oil is contained in 
a horizontal trough with open top into which 
the rhombs dip. 
"The two beams are brought into juxta- 
position in the photometric field by means of 
an arrangement of biprisms. 
" The thickness of oil in the lower beam is 
varied until its transmittance 2 equals the 
transmission of the sector disc as judged by 
equality of brightness in the photometric field. 
" A suitable scale provides for direct reading 
of transmissivity 3 or the logarithm of trans- 
missivity. 
"Light of definite wave-length may be 
obtained either by: 
" (1) Use of light filters with a selective 
source, such as a mercury lamp, or 
" (2) Dispersion with a prism, which con- 
verts the instrument literally into a spectro- 
photometer. " 


IV. DESCRIPTION AND COMPARISON OF 
METHODS 
For several years the subject of spectro- 
photometry has been given considerable 
attention in the chromatics section of the 
U.S. National Bureau of Standards. This has 
been necessitated by the many requests 
1 Priest, The Cotton Oil Press, July 1920, p. gO. 
2 Trnnsmiffrrnre: the ratio of the rndiant power 
incident on the' Rccoml snrfare of a substance to that 
transmitted by the first snrfac('. 
3 Transmis,<;ivity, t: Let T=transmittance, h= 
thickness; then t = 
T-. 


continually being received there for tests 
of the spectral transmi::;sive and reflective 
properties of all kinds of material, and by 
the large and increasing demands for the 
standardisation and specification of colours. 
Spectrophotometry, as already noted, is the 
fundamental basis of all work of this kind. 
It was early realised that sufficient attention had 
never b("en paid to the detection and elimination of 
errors by the comparison and counterchecking of 
radically different methods. It is no trouble at all 
to obtain, for example, "smooth" spectral trans- 
mission curves by anyone m("thod, the observational 
error bcing perha.ps very small, and repetition of the 
measurements being easy to obtain. It is only 
when the Ramf' specimen is measured by a different 
method over the same range tha tone realises there 
may be enormous errors present though previously 
undetected. :Moreover, anyone method is limited 
in range and becomes somewhat unreliable as the 
outer regions are approached. The limits of the 
visible spectrum are often taken as 400 and 750 mfJ.-, 
but little accurate visual"" ork has ever been done at 
wave-lengths less than 450 and greater than 700 mfJ.-. 
And yet cases arise wl1ere measurements within these 
regions are of great importance. 4 
For these reasons several independent methods of 
spectrophotometry have been developed, in addition 
to the construction of much auxiliary apparatus for 
use with instruments aJready availablf'; and by 
mcans of the countcrchecking thus made possible 
the work has been brought to a high degree of 
efficiency and reliability. It has thE"r('fore been 
thought that the ends of this article can be served 
in no better way than by descrihing in considerable 
detail the apparatus and methods now beiI1g used 
there. Most of thi'3 material has been obtained 
from publish("d papE"rs, and reference will be made 
to these at appropriatf' places. 

 (9) THE VISUAL J\IETHOD WITH THE 
KÖNIG-
IARTENS SPECTROPHOTOMETER AND 
AUXILIARY App ARATUS.-As already noted, a 
spectrophotometer for general purposes should 
be of such a kind and used in such a way 
that anyone of three different kinds of 
experimental work may be accurately and 
conveniently performed with it; that is, it 
should be available for the determination of 
(i.) the relative spectral distribution of radiant 
power of the various sources of illumination 
in commercial use at the present time, (ii.) 
the spectral transmissive properties of all 
kinds of substances, up to a consid{'rable 
thickness if necessary, and (iii.) the diffuse 
spectral reflection of a great variety of 
materials. The König-Martens spectrophoto- 
meter, when used in thp proper way and with 
suitable auxiliary apparatus, nwpts these 
conditions admirably, as will be illustrated. 
The usual working range of the instrument 
has been from about 450 to 700 m,u, with 
slit - widths of 0.10 1llfJ.- in collimator and 
telescope. But by widening the slits reliable 
" E.(J. in chromatic camouflage, Jour. Opt. Soc. 
America, 1920, iv. 390. 
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work has been dope as far as -12<. and 7.:>0 m,u 
with the heterogeneous source. The brilliant 
mercury line at -13.3.8 mil has been of great 
assistance in obtaining relia ble readings in 
this region. The use of the bright homogeneous 
lines of the mercury and helium lamps has 
prmred of considerable value for checking 
purposes. 

Iethods of computation, which would ordinari1y 
be vcry laborious \\-ith this instrument, have been 
simplified by the design of I'lide-rule.<<, by wruch 
the various computations in.olving tangents and 
cotangents, or their squares, may be performed as 
conveniently and accurately as in ordinary numerical 
work \\-ith the ordinary slide-rule. 
(i.) Comparison of Light Sources.-The use of 
this spectrophotometer for the comparison of 
light sources is described in a paper on the 
.. Colour and Spectral Composition of Certain 
High-Intensity Searchlight Arcs." 1 By the 
method therein ghTen in detail it is possible 
to obtain the relative spectral distribution 
of radiant power of even a varying source 
like the electric arc. The follo"ing diagram 
and description of the method are taken from 
tha t paper. 
An illumination box was constructed and 
fastened to the spectrophotometer immediately 
in front of the slits (Fig. 4). This consisted 
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FIG. .t.-Detail:; of Illumination Box, used with the 
König-)Iartens :Spectrophotometer for the com- 
parison of light source:;. 


of a brass box divided into two compart- 
ments by a brass partition. "The interior 
ùf each compartment was coated white with 
magnesium oxide, put on by burning magne- 
sium ribbon, and blocks of magnesium 
carbonate were placed as shown. Thus thð 
whole interior was white and the reflection 
from all surfaces was entirely diffu
e. The 
magnesium-carbonate blocks were illuminated 
as shown, and light from these two illuminated 
surfaces entered the double 3ìit of the spectro- 
photometer through small openings in the 
illumination box. The whole interior of the 
box is, of course, illuminated bv diffuse 
reflection from the magnesium-
arbonate 
1 Bur. Stand. Tech. Pap. 
o. 168, 1920. 


bloch.s, and t" 0 beams of light from the 
sides of the boJ\.. next to the spectrophotometer 
pass through openings in the opposite side 
and are compared by means of the 
Iartens 
photometer." A red glass filter was placed 
over the eyepiece of this photometer to 
eliminate the colour difference between the 
arc and the comparison lamp, and a ground- 
glass diffusing screen used, as 
ho" n, to 
make the photometric field still more uniform 
and of the proper brightness. Lenses" ere 
used to obtain sufficient illumination of the 
magnesium-carbonate blocks, care being taken 
that this illumination was uniform, and that 
chromatic effects were avoided. Rotating 
sectors of known aperture were used on one 
side or the other, as needed, so that the 
comparison field of the spectro})hotometer 
might be brought to equality" ithin a suitable 
region on the scale. 
The substitution method of measurement 
should always be used in this kind of work; 
that is, a comparison lamp should be kept on 
one side and light from it compared first with 
light from a standard lamp "hose relatiye 
spectral radiant power has been determined 
radiometrically, and then with that from the 
lamp, arc, 0; other source of illumination 
whose relative spectral radiant power is to 
be determined. If the unknown source of 
illumination is one that may be easily main. 
tained constant, e.g. an incandescent light, 
but two observers are needed-one to watch 
and control (by means of a potentiometer) 
the voltage around the lamps, thus maintaining 
constant illumination on eithðr side, the other 
to make observations at different regions in 
the spectrum. If the unkno" n source is an 
arc (in this case the Sperry searchlight arc), 
more observers will be required. 


"Five people were necessary in making the observa- 
tions on the arc, one to watch and control the are, 
recording the readings of the voltmeter; a second 
to regulate the current through the are, recording 
the rf"adings of the ammeter; a third to observc 
the illumination through the )Jartens photometer; 
a fourth to take readings on the spectrophotometer; 
and a fifth to record those readings and keep the 
proper .oltages on the lamps by means of the 
potentiometer. The procedure for taking a series of 
obseITations under the8c conditions \\aß as follO\\8 : 
"The arc was allowed to run a few minutes in 
order that conditions might become as steady as 
possible. '''hile this was being done, the comparison 
lamp \\-as kept at its proper voltage and the variations 
of the illumination from the arc followed on the 
:Martens photometer. Finally, the photometer was 
set for equality of brightness betv.een the Í\\O 
sources at what seemed to be the best mean value 
of the illumination from thE' arc. This setting "as 
then unchanged during the run. Sow, for any ginn 
wave-length, thc variations in the illumination from 
the arc were folio" ed on the spectrophotometer, the 
attC'mpt being made to keep the two hal.es of the 
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photomf'tric field always equal in brightness. 'Yhen- 
pVf'r conditions were right, as shown Ly the :\Iartens 
photometer, a 
harp signal wa"! given and the reading 
of the sp
ctrophotometer taken at that instant. It 
waS not attemptf'd to do thi
, of course, if the 
illumination varied too rapidly through the proper 
value. Csually the variations were quite slow, the 
illumination often sbt
'ing constant at the correct 
value for a considerable part of a minute. It was 
noticed during the course of the investigation that 
the value of the current through the arc would have 
served nearly as well as the au-xiliary photometer 
for enabling measurements to be made always at 
the same illumination; for the current was practi- 
cally always at a given value, about 75 amperes, when 
the signal was given by the observer at the l\Iartens . 
photometE'r. 
" At each wave-length from four to ten readings 
were taken on the spectrophotometer, the number 
depending on the agrf'ement obtained among the 
rpadings. l\Ieasurements were made between wave- 
lengths 430 or 440 and 710 mfJ- usually at every 
20 mI-'-. 
"After this series of measurements was completed, 
the total reflection prism was set up to locate the 
position of the arc and hept there until the standard 
lamp had been put in position. It was then removcd, 
and another series of measurements made at the 
same wave-lengths as previously on the arc. Only 
two observers were now necessary, one to make the 
measurements on the 
pectrophotometer, the other 
to record the data and kef'p the voltages constant 
with the potentiometpf. 
" In this manner all the data were obtained, either 
a complete run or check points being taken on the 
standard lamp between any two of the runs on the arc. 


" The spectral distribution of radiant power 
of the arc \vas computed as follows: All the 
values of the angles of the nicol prism read on 
the spectrophoto
eter for the standard lamp 
were plotted at the proper wave-lengths and a 
smooth average curve dra,vn through these 
points. All values for the standard lamp 
used in the computations were taken from this 
curve. Thus the Same values of the standard 
lamp were used for all computations. For 
each wave-length the square of the cotangent 
of the average angle, read on the spectro- 
photometer when the arc was in position, was 
divided by the square of the cotangent of the 
angle as read from the curve when the standard 
lamp was in position. \Vhen this is done for 
all the wave-lengths, the radiant power of the 
arc relative to that of the standard lamp is 
obtained. By multiplying these values by the 
known relative values of radiant power of 
the standard lamp at the different wave- 
lengths, the relative spectral distribution of 
radiant power in the arc was obtained." 
(ii.) Spectral Transmissive and Reflective 
Jlea8urements.-No complete account of the 
illumination apparatus which has been 
developed for use with the Kä.nig-:Vrartens 
spectrophotometer has yet been published, 
but brief reference to it haR bepn made 


in two papers.! The e
sential features 
np as 
follows: 
A metallic box was constructed large enough 
to contain ten 500-watt, incar..d.escent, l\Iazda-C 
lamps and three large M-shaped mercury 
lamps well distributed throughout the intel"Îor. 
A system of air and water cooling prevents 
undue heating of any part of the apparatus. 
The interior of the box was painted white 
and finally coated with magnesium oxide, 
giving diffuse illumination from all parts. 
The box was set up in front of the spectro- 
photometer at sufficient distance to allow 
samples of considerable thickness to be inter- 
posed. In the side of the box next to the 
slits two small openings were cut just large 
enough to include the angles subtcnded by 
the slits and lens of the spectrophotometer. 
On the opposite side of the box, t,vo pieces of 
magnesium carbonate are placed, in such a 
position as to cover the same angles. These 
two surfaces of magnesium carbonate are 
illuminated from all directions within the box 
by means of the lamps and the white walls, 
the incandescent lamps or the mercury lamps 
being used at will. 
A telescope arrangement within the box 
prevents any of the light entering the slits 
of the spectrophotometer except that coming 
from the surfaces of magnesium carbonate. 
Thus the comparison field of the instrument 
is filled with light, half from one magnesium- 
carbonate surface, half from the other; and 
any variations in the amount of light from the 
lamps ,vill be exactly neutralised. The lamps 
may thus be run on an ordinary, fluctuating 
circuit, even the flickering of the mercury 
lamps causing no trouble. Throughout the 
part of the spectrum of high yisihility only a 
part of the lamps need be used, and these can 
be run below thc maximum efficiency to 
prolong their life. It is only in the red, blue, 
and violet that it is necessary to make use of 
aU available light. 
'''"hen the spectral transmission of any 
material is to be obtained, the sample is 
placed in its carrier Let ween the box and the 
slits and made to intercept the light first in 
one beam and then in the other. This inter- 
('hange may be quickly effected by the observer 
without leaving his seat. For anyone position 
in the spectrum he first takes from one to fivE' 
readings with the sample in one beam; he then 
transfers the sample to the other side and takes 
twice as many readings; finally he returns it to 
the first beam and repeats his readings there 
to detc'ct any possible change of conditions. 
The transmission is then computed by the 
pro(lnct of the tangent of one set of readings 
with the cotangcnt of the oUler. 
\Vhen the spectral diffuse reflcction of any 
1 Bur. St(wd. Tech. Pap. No. 148, lÐ20; Ko. IG7, 
1 Ð20. 
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material is to be measured, a sample is cut 
to the riuht size .and substituted for one of the 
magnesi
m - carbonate surfaces. Interchangp 
of sample and the other magnesium-carbonatf' 
surface is ea'>ily mads by the observer, and a 
set of readings taken analogous to those 
already described for transmission work. 
The result "ill be the reflection relative to that 
of magnesium carbonate. This latter is nearly 
100 per cent. 
The carriers for holding the specimens in both 
transmii"::.ion and reflection \\ ork were very carefully 
made so that in transferring the specimen from one 
beam to the other it might always be returned to 
exactly the same position. Tlui'- is very important, 
for it often happens, especially in r('flection measure- 
ments, that the samples an> not absolutely uniform 
throughout. The carri{'r for transmission measure- 
ments has, of course, to be adjustable in order that 
specimens of varying thickness and diametf"r may 
be accommodated. 
In connection \\ ith the study of the spectral 
transmissive properties of dyes and other solutions, 
special apparatus has been constructed. The cell:; to 
hold the solution and solvent were made after the 
pattern of those put out by Hilger for use with the 
sector photometer. 'Yhile it is unnecessary to 
describe this cell in detail, it has 
our .alua ble char- 
acteristics \\ hieh should he posses:>ed by all cells used 
in thi:; kind of \\ork: 
!.
 evaporation is prevented; 
(
) nothing but glass (or quartz) comes in contact 
"ith the solution; (3) no "ax or cement of any sort 
is used; (4) in order to refill, it has to be completely 
taken apart. and may therefore be easily and 
thoroughly cleaned for each ne\\ solution. 
Inasmuch as some solutions change their trans- 
mis:;ive propertie" rapidly \\ith change in tempera- 
ture, holders for thffie cells have been constructed, 
in which \\ater at constant temperature is circulated, 
the constant temperature and circulation being 
maintained by a pump-and-thermostat arrangement. 
The solutions may thus be kept constant within a 
fraction of a degree at any de:;ired temperature over 
a considerable range. A detailed description of this 
auxiliary apparatus for use with solutions has been 
published. 1 Similar apparatus has abo been con- 
structed for use with the other method" whose 
description follows. 



 (10) THE PHOTOELECTRIC SeLL ::\IETHOD. 
(i.) Admlltages of the JletJwd.-The well- 
known difficulty of obtaining accurate spectro- 
photometric measurements in thl;' blue and 
violet by any other method led to the develop- 
ment of the photoelectric null method herein 
dl;'scribed. 2 The potassium-hjydride, gas-filled, 
photoelectric cells now on the market make it 
possible to obtain as reliable determinations 
throughout the blue and violet, and e,en 
beyond those regions, as are obtained at 
other wave-lengths by other methods. 
The photoelectric cell has been u,>ed in 


1 BUT. Stal/d. Sri. Pap. :So. 440, 1022: "I. The 

cven Food Dves .. 
I Gibson, Jòur: Opt. Soc. Am., Jan.-)Iar. 1919: 
Bur. Stand. Sci. Pap. :So. 349, 1019. 
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various ways by different in,estigators. 3 
Either the galvanometer or electrometer 
may he used "ith it; and in practically aJl 
measurements of spectral transmissÌ\-e or 
reflective properties some form of deflection 
method has been used, much valuable "ork 
having been performed. F or exam pIe, the 
absolute specular spectral reflections of a 
large number of metals have been determined 
in the ultra-violet between wave-lengths 380 
and 180 m.u. 4 
In various ways, however, a null method 
seems to be more suitable than a deflection 
method. It has been concluded by the 
majority of investigators that it is not safe 
to assume a direct proportionality between 
photoelectric current and exciting radiant 
power; and therefore any cell used in a 
deflection method, unless it be a method of 
equal deflections, must be tested and calibrated 
if there is deviation from this straight-line 
relationship. The so
called dark current must 
also be eliminated or a correction made, unless 
the radiant po"ers used are so great that it 
may be neglected, wbich is seldom the case in 
spectral work. 
'Vhen the electrometer is used, still further 
difficulties are met by one using a deflection 
method. 
\. strict proportionality between 
deflections of the disc, as read by means of 
the mirror and scale, and the potential acquired 
by the quadrants, mu::;t be proved by test or a 
calibration made. Timing devices are also 
necessary "ith their accompanying incon- 
venience and possible errors. But the electro- 
meter is so much more sensitive than the 
galvanometer that it is desirable to use it if 
possi ble. 
In the following description of the null 
method are sho" n the ways in which the 
questions of the current-irradiation 5 relation- 
ship and the dark current may be avoided 
and their errors eliminated while retaining 
the extreme sensitivity of the unshunted 
electrometer. 
(ii.) Spectral Transmissive Jleasuremenl8.- 
The principles on which the null method 
is based are very simple and may be under- 
stood in connection with the accompanying 
diagram (Fig. 5). 
" "
hen the earth connection is made at l:, 
both pairs of quadrants are at zero potential. 
Under this condition the charged electrometer 
nee-dIe will be at rest. Let the \yoltage applied 
to P 1 be V 1 and that applied to P2 be Y2' 
and let the total resistances (mainly that of 


:I R
sumé, Coblentz, hUT. Stand. Sri. Pap. :So. 319, 
1918. 
4 Hulburt, A.
trop. Jour., 1915. xlli. 205. 
Ii The terms irradiate and irradiation, as emphasised 
by Ives (ARtrop. Jour., 191i, xlv. 39), shculd 
he used analogously to the terms illuminate and 
illumination when radiant energy rather than light. 
is discussed. 
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the photoelectric cells) between U and G' 
be R I by way of PI and R 2 by way of P 2 . 
Then through Pia current will flow of magni- 
tude II = Y l/RI and through P 2 of magnitude 
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:FIG.5. 
Illustrating the Photoelectric 
Null .Method. 
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E = Dolezalek quadrant electrometer, disc charged 
to + 1;)0 volts; motion shown by spot of li
ht and 
scale, as usual; P1P2=Kunz photoelectric cells; 
GG' = earth connection, zero potentia!; U = make- 
and - break mercury connpction; VI V 2 = voltages 
applied to PI and P 2 , respectively: H=position of 
Hilger constant-deviation glass-prism spectrometer 
with slits 
2 and :)3 (
2 = 
3 always); B = loca tion of 
speeimen whose transmission is to ùe mpasurcd (means 
provided for moving in and out of beam) ; R = rotating 
sector to increase range of measurements; T = track 
on which distance of (jOO-watt lamp L 2 from slit H 2 
may be varied; 8 1 =siit by which irradiation of PI by 
miniaturp lamp L 1 may be varied, the amount being 
accurately proportional to the width of SI' 


1 2 = V 2 /R 2 . No radiant energy to which the 
photoelectric cells are sensitive is considered 
as falling on them, II and 1 2 being what are 
ordinarily called the dark currents. 
"If the earth connection at U is broken, 
the electrometer disc will be deflected (shown 
by the dri.ft of the spot of light) unless II 
is exactly equal to 1 2 , If they are not equal, 
they may be made so by changing the relative 
val ues of Viand V 2' This is done by varying 
the point of ground connection at G / . 
"Now let PI and P 2 be irradiated by L 1 
and L 2 . This will bring about a great increase 
in the photoelectric currents II and 1 2 , and the 
irradiations may be so adjusted (by varying 
the currents through the lamps, the width of 
8 1 , or the distance of L 2 ) as to make II again 
exactly equal to 1 2 , as shown by the zero 
motion of the electrometer disc when the 
ground connection at U is broken. N ow let 
the irradiation of P 2 from L 2 be reduced by 
interposing the specimen B. Then 1 2 will be 
less than 11' and, with U broken, the spot of 
light will be deflected. Two methods may be 
employed to make II and 1 2 again equal, a 
means of 0 htaining a measure of the trans- 
mission of B being thus possible: (1) The 


amount of radiant energy falling on PI may 
be decreased by narrowing 8 1 until II becomes 
equal to 1 2 , the ratio of the slit-widths in the 
two cases being a measure of the transmission: 
or (2) the amount of radiant energy falling 
on p 2 may be increased by moving L 2 nearer the 
slit 8 2 until 1 2 again becomes equal to I H 
the inverse ratio of the squares of the distances 
in the two cases giving the transmission. 
"The value of the transmission obtained 
by the two methods will be the same only 
in case the dark currents are exactly equal 
and in case the two photoelectric cells obey 
exactly the same irradiation-current law. In 
case either of these conditions is not fulfilled, 
the value of the transmission obtained by the 
first method will be in error, but by the 
second method the accuracy of the value 
of the transmission will be unimpaired though 
either or Loth of these conditions are not 
fulfilled. Therefore, the transmission is 
measured by merely varying the distance 
of L 2 from the slit 8 2 , this distance being the 
only variable in the operation; for the width 
of the slit 8 1 , the amount and quality of the 
radiant energy falling on PI and P 2 , the 
photoelectric currents II and 1 2 , and the 
currents through L 1 and L 2 are unchanged, 
whether the specimen is in or out." 
"The distance of L 2 from S2 can uever be made 
If''sS than 4ß em. because of the other apparatus on 
the bench, such as the l:ieetor, carrier, etc. This, 
combined with the fact that the filament of L 2 
is in a plane only 1 em. square, enables the inverse- 
square lfl.w to be assumed; that is, the amount of 
radiant energy entf"rjng the slit R 2 varies inversely 
as the square of the distance of L 2 from 8 2 , The 
rotating !'ector serves as a mf'ans of making sure 
that the apparatus kpeps in peIiect .working condition 
from day to day. The length of thf" photometer 
rn.'neh enables L 2 to be moved back to 255 em. from 
the slit. Therefore, tht' range of transmission 
possible with the J 0 per cent sector is from 1.00 to 
approximatply 0'004." 
Between 410 and 55() mfJ- inclusive, the method is 
vpry reliable as shown by agreements with other 
methods. These wil1 be discussed later. If a quartz- 
prism spectrometer wt'rp uspd, measurements could 
be extended into the ultra-violf't. In the long wave. 
length direction the cell itself soon hecomes very 
im;;ensitive. The u
ual working range of the 
apparatus has been from 390 to 600 mfJ- inclusive, 
but values have been obtained as far as 380 and 
650 m.u. 
(iii.) The JIeasurementof Diffuse Spectral Re- 
flection and other Applications.-The apparatus 
was designed primarily for the measurement of 
spectral transmissive properties, but has also 
been used to obtain the diffuse spectral reflec- 
tion of substances relative to that of magnesium 
carbonate. For this purpose the lamp L 2 
is moved forward, and by means of lens and 
mirror the rays are brought to a focus upon 
the substance to be studied, the angle of 
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incidence being approximately 4.3 degrees. 
The diffuse reflection lea"'Ç"ing this substance 
(or the magnesium carbonate) at right angles 
then enters the 
lit S2' and the resulting 
photoelectric current in P2 is balanced by that 
in P 1 excited by L 1 , as was done in the case 
of spectral transmi::;...lon. The method of 
obtaining the balance now, however, has to 
be by the means of varying the "idth of S1' 
The method ha.s not been as thoroughly tested as 
that for the trallsmi!':sion measurements. Com- 
parison \\ith other methods, however, has shown 
that for apprm..imately diffusing surfaces the method 
is .el)' reliable except at waH'-lengths where the 
M'nsitivity is low or the reflection being studied is 
very small in .alue. ''"here values have to be obtained 
by', arying the width of 8 1 , ho\\ ever, the. accuracy 
is about half that resulting when the distance of L 2 
from 1';2 ca.n be varied as explained under spectral 
transmission. But as already noted this accuracy 
is dependent upon the two cells obeying the same 
current-irradiation law. 


)Ieasurements of relati,e specular reflection 
ha"'Ç"e also been made by the method of \ar)ing 
the "idth of 81' 1 
"The apparatus is well adapted for the 
comparison of spectral distribution of radiant 
power of t" 0 sources over the same range 
of wave-lengths as used in transmission and 
reflection measurement::,. If the two sources 
are such that they obey the inverse-square 
law, the method of \arying their distances 
from 8 2 could be u8ed, 8 1 being kept constant. 
If the in\erse-square law were not obeyed 
by either source, the other method could be 
used, their distances from 8 2 being kept 
constant and S1 va.ried to obtain a balance:' 
(iv.) The Elimination vf Errors.-Ill setting up the 
apparatus the usual precaut-ions \\ere taken to 
eliminate so far as possible all mechanical .ibration, 
moist air, stray radiant energy. ::Ind electrical 
disturbance:;:. This was accomplished by the proper 
use of a metallic enclo,ure for the electrometer and 
photoelectric ('ells. and by resting tlili upon a cement 
pier in a basement room. 
The use of the null method eliminates the err(l!'3 
liable to be found with electrometer-deflection 
methods. "
uch errors mav be those due to the 
ùefle('tions of the electromet
r disc as given by the 
spot of light on the scale not being strictly propor- 
tional to the charge 'or potential acquired by the 
quadrants. those due tQ leakage of ('harges because 
of imperfect insulation or moist air, or those connected 
"itb the 1be of timino dences." 
The method of va
ing the di&tance of L 2 from 8 2 , 
as illustrated under spectral transmission measure- 
ments, eliminates two other possible errors : 
(1) "Errors due to the photoelectric current not 
being strictly proportional to the radiant power 
incident on the cell. Xo calibrations of the cells 
are nec
sary, and it makes no difference \\ hat the 
I Karrer and Tyndall. Bllr. Stand. ."d. Pap. So. 
3";9. 19
O, p. 3M. In thi" work the Brace spectro- 
p
ot.ometer was used to measure the speC'tral trans- 
nUS:,lon of the atmosphere. 


relation is between radiant power and photoelectric 
current;" (2) "Erron; due to \\ hat is ordinarily 
known as the dark current. It makes no difference 
whether or not it is eliminated. Sor do the dark 
currents through the two cells have to be the same, 
though approximatel
 this condition is desirable for 
convenience' sake." 
Error3 \\ hich might result from 1m detected change8 
of the dark currents throuF!h PI or P 2 or of the currents 
through L 1 or L 2 are largely eliminated by taking 
the first and third readings \\ith the sample in the 
beam, the second \\ ith it removed, etc. 
Erron, arising because of the inverse-square law 
not being exactly obeyed by L 2 "would be expected 
to be very small becallie of the filament occupying 
an area of only 1 cm. 2 , and because it is not possible 
to move the> filamt:nt clo
r tQ the slit than 46 em. 
It has been tested by means of the rotating sector. 
Other inve'5tigators 2 have found that Talbot's la\\ 
holds for th
 photoelectric cell; and a great number 
of observations at different times and at manv wave. 
lengths on the apparatu.::. herein described pr
Ye that 
the inverse-square la\\ is obeyed. assuming Talbot's 
law to hold, or that Talbot's law hi obeyed, assuming 
the inverse-square law to hold. Actually, the error 
due to any failure of 
 tû obey the inverse-square 
la w is too small to be detected over the range of 
distances used. It might be noted here that when 
the transm.i.ssion of thick specimens is measured) 
correction is made to the distance as read 011 the 

cale, this reading being larger than the true optical 
di--tance of 
 from 8 2 ." 
Errors of ob&eryation arE> small because the final 
result is not a question of judgment, as in vi'5ual 
and photographic methods. 
Errors to "hich all meth<><ls of spectrophotometry 
are liable, such as th08e resulting from stray radiant 
energy and inaccurate wa.e-length calibration, were 
carefully guarded against. Slits of O.:W mm. (S2 
and 8 3 ) have been usuaUy used. This include.
 
appro
imately from 1 mtJ. in the "iolet up to 4 mp. 
in the red. Errors due to these finite slit-" idths are 
consiùered negligibie except {or wry nanow bands. 

 (11) THE THER)WELECTRIC 
IETHoD.-All 
that has been done in this connection is to adapt 
one of the well-known radiometric methods 3 
to the measurement of spectral transmissi\e 
prope.rties in the red anel infra-red as far as 
13">0 mu. This limit 'Was necessitated in this 
case because the thread of the spectrometer 
"as cut no farther. The same spectrometer, 
glass prism. was used as already described 
in the previous 
ection. A Coblentz linear 
thermopile and sensiti\e galvanometer "ere 
used. The a ppam tus has been arranged so 
that the thermopile and gal\anometer may be 
substituted, in a momenfs time, for the 
photoelectric cell P 2 (Fig. 5) and electrometer. 
L 1 is not used Radiant energy from L 2 is 
focussed upon the slit 8 2 and measurements 
made by mOTIng the specimen in and out of the 
beam. The follo\\ing points are of interest: 


z lve::. A.
trop Jour., 1916, xliii. 24; hUlll. 
A.
rop. Jour., 191;, "{Iv. (i!). 
:II :-\ee. for e"{anlp}p, Coblentz, Carnegie 111 st. of 
Jrash.,.Pub. So. 35, 1905. 
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(i.) The absorption of 1 cm. of water 
becomes so great at 1330 m.u that readings 
could not be made with any precision much 
beyond that point. The ordinary glass 
spectrometer is therefore sufficient for work 
upon aqueous solutions. 
(ii.) Over this range and for a considerable 
way beyond, where large glass spectrometers 
and high-power incandescent lamps may be 
used, such an arrangement seems better than 
the usual infra-red spectrometer, because it i:::; 
})ossible to work with very narrow slits. In 
this particular case slits of 0.20 m.u width 
were sufficiently large, that being equivalent 
to about 4 m.u in the red and about 18 m.u 
at lUOO mp" less than 1/3 of the widths 
often used. This is important in the study 
of narrow absorption bands. 
(iii.) Instead of a single lens it would be 
better to use two lenses, the light between 
them being in a parallel beam and the specimen 
inserted in this parallel beam. No errors 
because of the thickness of the specimen would 
then arise. 
(iv.) The quartz-mercury lamp is excellent 
for calibration purpo::;es in this range, it having 
strong lines at 1014 and 1129 m.u and weaker 
lines above 1300 m.u. 
(v.) The method is of great aid to visual 
work between G30 and 80U m.u. 

 (12) THE PHOTOGRAPHIC METHOD WITH THE 
HILGER SECTOR PHOTOMETER A
D AUXILIARY 
ApPARATU8.-A great advance in the ease and 
accuracy of photographic spectrophotometry 
has been made possible by the sector photo- 
meter, manufactured by Adam Hilger, Ltd. 
'Vhile this might be used in any spectral 
region where photography is applicable, its 
primary importance is in the ultra-violet. 
The measurement of the spectral transmissive 
properties of all kinds of organic and inorganic 
chemicals is of great importance to the chemist 
and the physicist, theoretically and practically, 
and an immense amount of work has been done 
along this line. The great outstanding fault, 
however, of most of this work in the ultra- 
violet is that it is merely qualitative. As 
noted by Hilger, "it must not be forgotten 
that not only the intensity but the actual 
position of the maximum of an absorption 
band is undetermined until quantitative 
measurements have been made, since any 
variations throughout the spectrum of inten- 
sity of the light source, or sensitiveness of the 
photographic plate, or of dispersion, may 
cause the apparent maximum of absorption 
to be in a position different from that of the 
actual maximum." \Vhile quantitative work 
is possible by the older photographic methods,1 
it is apt to be tedious and liable to serious 
errors which are entirely eliminated by the 
sector- photometer method. 
1 Résumé, Ewest, l>hotog. Jou '., lOU, liv. 90. 


Auxiliary apparatus is necessary consisting 
of a quartz spectrograph and a source of ultra- 
violet radiant energy. The following descrip- 
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FIG. B.-Hilger ::;ector Photometer :Method. 


tiun of the method is taken from a pa per 
pu blished by Messrs. Hilger. 
"Immediately in front of the slit and 
attached to it is a bi-prism, ll, which receives 
the light from the source in the folIo" ing 
manner. The light emanates from the 
source, L, and may reach the slit by two 
alternative paths. An upper beam passes 
through a rotating sector, S, the aperture of 
which can be varied. The beam then passes 
through the wedge prism, P, and, falling on 
the bi-prism, is deviated by the lower half of 
that prism to pass axially along the cullimator 
of the spectrograph. The second bcam 
traverses first the absorbing liquid under 
examination contained in a suitable cell, A, 
then through a rotating sector, S', of fixed 
aperture, and a wedge prism, P', similar 
to P but so arranged as to divert the light 
upwards instead of downwards. The beam is 
then diverted by the upper half of the bi-prism, 
B, and passes axially along the collimator of 
the spectrograph like the first. 'Ye thus have 
the spectrograph fed by two beams, the one 
capable of being varied in intensity at will 
by varying the aperture of the rotating sector, 
the other subject to the absorption of a 
known thickness of the liquid under examina- 
tion. A series of photographs is taken with 
the sector S set to different apertures. If we 
consider one of these photographs we shall 
see that it consists of a pair of spectrum 
photographs in close juxtaposition, one of 
which is of reduced density throughout its 
whole length, the other-that, namely, which 
has passed through the material under test- 
being more dense than the first in certain 
parts and less so in others, there being certain 
wave-lengths where the density of the two is 
equal. 
" It is found that the wave-Ie71gth at which 
the densities of the two spectra aæ equal is, 
within wide limits, independent of t.he expos- 
ure, of the intensity of illumination, and of 
the speed of rotation of the sectors. 
"Furthermore, t,he photographs are taken 
simultaneously, and there are, therefore, no 
errors arising from fluctuations in the light 
source. 
"IJCt the fractions of whole revolutions 
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during which the variable and fixed aperture 
sectors allow light to pass be respectively t 
and t', anù let the intensities of light of wave- 
length ^ reaching the slit by the upper and 
lower beams in Fig. ß be respecth-ely I and I'. 
<. Then if at wave-length ^ the density is 
eÀactly the same in both spectra, we have 
I l ( ' ) " 
I' = J', t , t . 
The makers of the instrument assume the 
Schwarzchild 1 relation, 1/1' = (t'jt)n for un- 
interrupted expo
ures, to hold in this case, 
n being different from unity, and supply a 
calibration from "hich 1'/1 may be obtained 
from the known values of t/t'. It has been 
found, 2 however, that "the photographic 
plate, the use of which in photometric measure- 
ments is usually considered questionable, 
integrates intermittent exposures in such a 
way that the comparison of two intensities 
can be made directly in terms of sector 
openings, provided that the time from the 
beginning to the end of the exposures is the 
same, and that the two exposures produce 
equal blackening of the plate" ; i.e. the con- 
stant n for the sector photometer i::; unity 
within the limits of photometric accuracy. 
This relation has been further verified by 
comparison with other methods,3 and exten- 
si.vely by comparison with the König-)Iartens 
vI::;ual method and the photoelectric null 
method at the Bureau of Standards. These 
data have been published in the Bureau of 
Sfandards Paper, No. 4-1-0, on the spectral 
transmissive properties of the seven food dyes. 
The sector photometer at the Bureau of Standards 
. has both sectors variable, so that, for example, the 
cells containing :;olution and sol\"('nt ma v be inter. 
changed for check readings. The quartz spectro- 
graph is a Feus8 instrument (slit-\\idth=û'lO mm.) 
with a dispersion of nearly 14 em. bpt" e('n 500 and 
2.,0 mm. The source of radiant energy is a high- 
voltage (Tesla eoil) spark under water, which gives 
a continuous spectrum from the visible as far as the 

uartz system wi1l transmit. The vertical spark 
Log more satisf
ctory than the horizontal, for it kepps 
the two spectra in contact throughout their wh
le 

engt
l. Two pieces of magnesium carbonate diffusely 
Illummatf'd as in the König-l\Iartens auxiharv 
apparatus, but by the spark, would be still bett
r 
and \\ ould enable measurements of diffuse spectral 
reflection to be made as \\ ell. provided sufficif>nt 
intensity could be obtained. 
Errors in locating the wave-length or frpquency 
of equal density have been made very small by 
means of a special comparator, described in Appendix 
to Bur. Stand. Tech. Pap. Xo. 148, \\ hich permits 
of readings being made \\ithout marking the ne!2'ativp. 
Therefore any number of readings may be-made 
1 A.'1trop. JOltr., IriOn, :\.i. 89. 
Z Howe, PJ/.II,<;. Rei'. (
), 1nlG. \ Hi. 674. 
3 Tran!.. Opt. Soc., HH 7, x\ iii. :W; Pliys. Ra. (2), 
1917, x. ;67; 13/1r. Stand. Tech. Pap. Ko. 119 191:) 
and No. U8, l!}:W. ' , 
VOL. IV 


and an average taken. The principal source of error 
at prcsf'nt i'5 thought to be due to occasion
l non- 
uniformity of the spark. Displacement of the 
electrodes, and therefore of the spark as a \\ hole, 
from the proper position may be quite accuratelv 
controlled. Interchange of solution and wlvenVt 
will test this, as well as exposure \\ it h both cells 
containing solvent. 

 (13) GE5ERAL C'O)IPARISON A5D RELATIVE 
ACC"GRACY OF THE DIFFEREST ::\IETHODS.- 
The azreements and lack of agreements found 
when the spectral transmissions of a large 
n
mber of glasses were first obtained by 
dIfferent methods are well illustrated in Bur. 


tand. Tech. Pap. Ko. 119, In this investiga- 
tIon four methods "ere used: the König- 
)Iartens and the Lummer-Brodhun spectro- 
photometers in the visible, and also the 
)Iartens photometer with selective ray filters 
and monochromatic light, and the Hilger 
sector photometer method in the blue, violet, 
and ultra-violet. Each apparatus was con- 
sidered to be in reliable working condition. 
but the cotnparison of results showed occasional 
very serious discrepancies, especially in the 
blue and in the red beyond ßõO m,u. )Iuch of 
this was due to insufficient IJrecautions against 
stray light. 
Since that time the four methods already 
described in detail-viz. the "isual, the photo- 
electric, the thermoelectric, and the photo- 
graphic-have been developed or improved; 
and values of spectral transllli::;sive character- 
istics may now be obtained from about 230 
to 13:>0 m,u "ith no "weak" regions and no 
serious discrepancies. In the pa per on the 
food dyes noted above the ubserved values 
of transmiUancies 4 by all four methods are 
plotted for all the concentrations, thicknesses, 
and temperatures studied. As a result of this 
investigation the following statements may be 
made: 
(i.) Errors of method are believed to have 
been eliminated in the visual method" ith the 
König-:\Iartens spectrophotometer when homo- 
geneous light is used. 
(ii.) There is very close agreement b(;tween 
the visual and photoelectric methods. This 
is true not only between 500 and .3.30 m,u, 
where buth methods are very reliable, hut 
throughout nearly the whole range of eitheI. 
(iii.) In comparing the photographic deter- 
minations "ith the visual or photoelectric 
between 390 and .3UO m,u, it has been found 
that the agreement is usually better the 
shorter the wa,?e-Iength, the less tllf' trans- 
mittancy, and the "steeper " the trans- 
mittancy . curve. From the nature of the 
photogra phic method it is difficult to determine 
exal'tly the value of maximum or minimum 
I TmllMnittallcy: thp ratio of th(' transmission of 
a cell ('ontaininl-!: a suh
taJl('(' in 8olutioll to that of 
the same or an equiv:\lent cell filled with the solvent 
onl
'. " 
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transmittancy. But the agreement in the 
blue and violet indicates that in the ultra- 
violet, where thf' dispersion is greater, thp 
method is very reliable, e
pecially for the 
determination of the frequency and magnitude 
of absorption bands, the main purpose of 
most inve::;tigations in this region. 
(iv.) Agreements between the visual and 
thermoelectric methods between üUO and 700 
mu indicate that no serious error::; are present. 
(v.) On the König-:\Iartens spectrophoto- 
meter with homogeneous light, values of L, 
the specific transmissi,""e index,! may, as a 
rule, be obtained accurate to within :t 2 per 
cent, provided that suitable concentrations 
and thicknesses are used. 2 
(vi.) Values of k at any wave-length between 
about 400 and ß80 m}L visually or photo- 
electrically (i.e. both methods being used) 
with a heterogeneous source may be obtained 
with slightly less accuracy than this. 
(vii.) Definite maximum values of k, i.e. the 
absorption bands, if not too narrow, may be 
obtained in the visible accurate to within 
:t 3 per cent; but in the ultra-violet, because 
of certain characteristics of the method, the 
uncertainty may often be greater than this. 
(viü.) In the visible and ultra-violet the 
wave-lengths of definite maximum values of 
k are accurate within i: 1 m,U; in the infra- 
red the uncertainty becomes greater, but is 
considered less than :t 5 m,u even at 1350 m,u. 
The visual method is the only one so far 
developed by which measurements of diffuse 
spect.ral reflection may be made under approxi- 
mately ideal conditions, and there is no reason 
to doubt that values of reflection are obtained 
with as high accuracy as is possible in trans- 
missive work. As already noted, the photo- 
electric method gave values of reflection 
considered of perhaps half the accuracy of 
transmissive measurements, for approximately 
diffusing surfaces. I
xamples of the close 
agreement between the visual and photo- 
electric methods for such surfaces are given 
in Bur. Stand. 'llech. Pap. No. ] ß7. Approxi- 
mate measurements on some of the same 
samples by the photographic sector photometer 
method with a quartz-mercury lamp as source 
indicate the reliability of the method if proper 
irradiation is used. K. s. G. 


SPECTRO-POLARIMETER: an instrument for 
measuring the rotation for different wave- 
lengths of the plane of polarisation of light 
LJy various substances. See" Polarimetry," 

 (14). 


1 Specific transmissÜ'e index, k: Let T=trans- 
mittancy, c = concentration, b = thickness; then 
k= -loglo 
/T. 
2 The photometric preci!';ion of this im;trunwnt, as 
tf'stcd hy mmn!-; of accurately calibratc!l rotating 
sectors) is bett<,r than 1 per cent. 
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I. THEORY 

 (1).- 'V HEX ligh t falls on a prism a tic piece 
of a transparent substance it is deviated by nn 
amount depending on thc angle of th(' prism, 
and on the property of the substance knoW11 
as its refractive index, which varies with the 
wave-length of t.he light. Light of diffcrent 
wave-lengths is therefore deviated to differpnt 
extents; and if the incident beam contains 
constituents of more than one wave-length, 
each constituent beam emerges from the prism 
in a different direction. 
The deviation of a beam of light by a 
prism depends, therefore, on two intpr-related 
physical quantities, the refractive index of 
the prism and the wave-length of the light; 
and it may be measured with a view to df'ter- 
mine unknown wave-lpngths, if the properties 
of the prism are known (or eliminated), or to 
determine the refractive properties of the 
prism for known wave-lengths. The instru- 
ment.al requirements for precise determinations 
vary somewhat, depending on which of thcse 
purposes is in view; and the spectroscopist, 
who is primarily interested in wave-Ipngth 
measurements, would rarely have much use 
for the instrument best suited to the requirp- 
ments of the refractometrist, who is primarily 
interested in the refractive indices of the 
prism. 
Since the determination of refractive indices 
may be said to be the basic measurement in 
applied optics, inasmuch as the design of any 
optical instrument depends for its realisation 
on a precise knowledge of the refractiv(" 
properties of the materials used in its construc- 
tion, we shall dpvote some consideration to 
the methods and instrumcnts best adapted 
to this measurement; and in the first place 
we shall investigate gencrally the conditions 
which govern the refraction of light by a 
" prism" with a view to determining the 
comparative accuracy of different mctJlOds 
and the actual accuracy likely to be obtained 
with a given instrumcntal equipment. 

 (2) PASSAGE OF LIGHT THR01:GH A PRISM. 
-All the methods suitable for precise re- 
fractometry involve the determination of the 
angular deviation, with respect to some fixpd 
direction, of a beam of light which has been 
refracted by a system of Illane RurfaceR, 
usually two in number. Separate formulae 
are readily obtained for the various met1lOds; 
but it is more useful, in order to corrplatp 
such methods and compare thcir advantages 
and disadvantages, to treat them as special 
cases of a quite general relationship. 
Let AB, Pig. 1, be a ray of monochromatic 
light incident on thp first of two plane surfaces 
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which separate three regions in which the 
refractive indices for the wave-length of the 
light em})loyed are. }.tl' }.t2' and }.t3. 'Ve shaH 
assume that the incident ray 
and also the normals to the 
surfaces lie in the plane of the 
paper. 
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}'IG. 1. 


It is necessary to employ a definite conven- 
tion with respect to thf' signs of angles in 
order to prevent confusion, and, in certain 
cases, ambiguity. All angles will be considered 
positive when measured in a cmmter-clod.'u'ise 
direction froll1, the appropriate reference direc- 
tions. For angles of incidence and refraction 
the reference directions are the normals to 
the respective surfaces; while, in considering 
the angle betwE'en two surfacE's, the normal 
to the surface first encountered by the ray 
is the reference dirE'ction for the normal to 
the second surface. As regards thE' deviation 
of a ray, the initial dirE'ction of the ray is the 
reference line for the final direction. 
Fi;;. ] has been drawn so that all the angles 
with which we are concerned are positive on 
the above convention. The formulae obtained 
from it will of course differ in the signs of 
certain tE'rms from those deduced in the tE'xt- 
books, in which the magnitude of an angle is 
alone taken into account. 
Let the angle of incidence ABN 1 = i. The 
refracted ray BC in the second medium 
makes an angle Nl/BC, =r, with the normal 
at B, and finally enters the third medium, 
making an angle of emergence N 2 'CD, =e, 
with the nonnal to the second surface at C. 
If the angle between the surfaces is 0, it 
foUows from the geomf'try of the figure that 
BC
2' the angle of incidence at the second 
surface. = r - 8, and that anale CDO = 8 + e - i. 
But CDO is the angle by 
hich the ray has 
been deviated by the two refractions, = ô say. 
Therefore the deviation, Ô, = 8 + e - i. 
sin 2 8= {sin r cos (r - fi) - cos r sin (r - 8n 2 
= sin 2 r + sin 2 (r - 8) -
 sin rsin (r - 8)cos 8. 
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F'rom the law of refraction 
J11 sin i=}l2 sin r; J12 sin (r - 8) =}ls sin e: 
therefore 
J12 2 sin 28= J11 2 sin 2 i + J13 2 sin 2 e 
- 2}l1}la sin i sin e COB 8. (1) 
Equation (1) is the starting-point from which 
all special cases may be deduced. 
(i.) Parallel S'llrfaces.-If 8 =0, equation (1) 
reduces to 


J13 sin e = J11 sin i. 


But this is the same relationship between i 
and e that would apply if the first and third 
media were separated by a single surface. 
The parallel plate of index }.t2 is therefore 
without effect on the final direction of the 
beam, which depends simply on the properties 
of the first ar d last media. If P-l =}l3 the ray 
will be undeviated by passing through the 
plate. 
(ii.) P'fis'm in Air.-In this case J11 =}l3= 1 
(appro x.), and equation (1) becomes 
}l2 2 sin 2 8=sin 2 e + sin 2 i - 2 sin e sin i cos (). (2) 
There are three speCial cases of practical 
importance, yiz. e=O; i=90 0 ; and the case in 
which the deviation is a minimum. 
(a) 'Yhen e=O the ray strikes the second 
surface of the prism normally. Equation (2) 
reduces in this case to 


sin i 
}l2 = sme 


(3) 


(b) 'Yhen i =90 0 the incidence is "graz- 
ing," the ray being refracted at the so-called 
critical angle. 
Equation (2) reduces in th.s case to 
2-1 ( COS 8 - sin e ) 2 
}.t2 - + sin (j . 


. (4) 


(c) 'Yhen the deviation is a minimum 
the angles of incidence and emergence are 
eq ual. This is shown in all text-books and 
it is needless to proye it here. 'Yhen this 
condition is fulfilled i = -e and equation (2) 
becomes 
J12 2 sin 2 8=2 sin 2 i(l +cos 8), 
or 4f.t2 2 8in 2 (8/2) cos 2 (8/2) = 2 sin 2 i. 2 cos 2 (8/2), 


"hence 


sin i 
}l2 = sin (8j2 f 


The de\"iation. Ô, = 8 + e - i, 
i =!(8 - ó); therefore 
sin !(8 - ð) 
}l2 = -sit1iiJ2 . 


= 8 - 2i, or 


(5) 


The reader may have observed that the sign 
of sin e in equation (4) and of ô in equation (5) 
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are different from the usually given forms. 
In the latter case, ò is invariably negative on 
the sign convention adopted in this treatment; 
so if ð denotes the numerical value of the 
measured deviation, ò = - 5 and 


_ sin !(8+ "ð) 
P-2 - sin 8/2 ' 
which is the usual form. In the case of 

quation (4) the formula is usually deduced 
111 the text-books for a case in which e is 
negative, in which case, if the numerical 
value of sin e is denoted by sin ë, the usual + 
sign is obtained in the formula. However, 
in this method e is by no means always - ve. 
n 8 or P-2 is small, the emergent ray may lie 
between the normal and the refracting edge 
of the prism, in which case e is positi,'e and 
the negative sign in equation (4) must be used. 
It is easier therefore, as in other optical 
pro blems, to remem bel' the generalised forms 
o
 thes
 equations, inserting the appropriate 
sIgns m practical cases, rather than to 
remem bel' each case separately. 
(iii.) Prism witl
 one Surface in Contact with 
another Refractive Substance.--.'Suppose that 
in contact with the first surface of the prism 
there is another refractive substance. In this 
case /11 
 1, and equation (1) becomes 


/12 2 sin 2 8 = sin 2 e + P-1 2 sin 2 i - 2 U 1 sin i sin e cos O. 


The only case of practical importance is that 
of grazing incidence, or i =900. 
In this case the equation reduces to 


P-l = :t sin 8 ",/ /12 2 - sin 2 e + sin e cos 8. 


The index P-l is positive and greater than 
unity, whereas the }1roduct sin e cos 8 is I 
necessarily less than unity; so that the 
positive sign before the square root must 
always be taken. Thus 
/11 = sin 8 J JJ.2 2 - sin 2 e + sin e cos 8. (6) 
If P-2 and 8 are known, P-l can be determined 
from equation (6), the only measurement 
required being the angle of emergence e 
which the ray makes with the normal to the 
second surface of the J>riRffi. 

 (3) ANGLE OF INCIDENCE FOR A GIVEN 
DEVTATIo
.-ln the preceding section the 
relations involved in the principal methods of 
refractomet.ry have been deduced. In each 
case some particular value of i, e, or ò was 
chosen, the choice being dictated by the 
convenience of realiRing these particular 
conditions in practice. 


It is somctimeR dE>sirf'd to produce a givpn devia- 
tion b
' a givcn priHm (in air), and an angle of in- 
cidencp has to be chosen to give this deviation. 


The general equation, (2), is 
f-t2 2 sin 2 8=sin 2 e+sin 2 i - 2 sin e sin i cos 8 


(5a) 


=! {2 - (cos 2e +cos 2i)} 
- cos 0 {cos (e - i) - cos (e +i)} 
=![2- 2 {cos (e+i) cos (e- i)}] 
- cos 8 cos (e - i) + cos 8 cos (e + i) 
=1- cos (e +i){cos (e- i) - cos 8} 
- cos 8 coo (e - i). 
But e+i=ò+2i-8, and e-i=ò-8; . 
.'. Jl2 2 sin 2 8 -1 +cos 8 cos (ò- 8) 
= -cos (o-8+
i) rcos (ò-8)-cos O} 
or 
cos (ò- 8+2i)=l_-=-tL 22 sin 2 8- c
s e cos (ò
 
). 
co
 (ò-8)-cos 8 
Since 9 iR alway
 - ve, prO\'ided /12 -... I, we may put 
0= - ò where Õ IS the numerical valuf' of the df'via- 
tion, and 
2 . 2 - 
cos (2i- 0- ð)= I-f-t2 

 n _ O- 
o

_
_
os ( 
+o) 
cos (0 + 0) - cos () 
 
from which, since 8 and /12 are suppo!':ed kno\\ n, 
the value of i corresponding to a specified value of ð 
can be calculated. 

 (4) SEXSITIVITY of'l\lETHODs.-The equa- 
tions of 
 (2), relating to various methods of 
refractometry employed in practice, ten us 
nothing about the relative advantages of the 
methods, and give no guidance as to which 
should be used in any particular circumstances, 
It is necessary to discuss the sensitiyity of the 
methods, that is, the ('hange in the measured 
quantity per unit change of refractive index, 
and also the extent to "hich the results are 
affected by errors in the values of the auxiliary 
constants, such, for instance, as the angle of 
the prism, or, in the case of the method tu 
which equation (6) refers, the refractive index 
P-2 of the auxiliary prism. 
Taking first the mm;t familiar method, the 
quantity measured is ò, the minimum devia- 
tion. The sensitivity S may be measured 
by the number of seconds" hieh ò varies when 
the refractive index of the prism changes by 
one unit in the fifth decimal place. Thus 
s= êò x 57.3 x 6? 
60 =2.06 !ò . 
0/12 lOa C/12 
From equation (5) aboyc, 
êtL2 _ 1 cos !(O - 0) 
co - -"2 - sin 0/2 . 
-4.12 sin 0/2 
cos i (0 - ò) . 


'Vhence 


s 


(7) 


Thus the scnsitivity is a function of the deyia- 
tion and of the angle of the prÜnn. \Ye can 
calculate its value for any values uf tL2 and fi, 
first finding the appropriate values of 0 from 
equation (5). 
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For a gin'n material (i.e. 1-'-2 constant) it is 
interesting to observe how the sensitivity 
,-aries for different prism angles. There is 
dearly a major limit to the permissible angle 
for any value of I-'-'!., which is reached when 8 
is such that both the angles of incidence and 
emergence are 9ó o . If 8 is greater than this 
there is no emergent ray, the light being totally 
reflected at the second surface for an possible 
angles of incidence on the first. 
If i= -e=9Û o , õ=8+e-i=8-180 o , and 
equation (5) reduces to 


1 
1-'-2= sin 8)2- 


The largest refractive index of which measure- 
ment c;n be made with a prism of given 
angle, or the largest angle which 
a prism of gi,-en index may have 
and still transmit light, is gi,-en 
by the abo,-e relationship. 
If 1-'-2 = 1.6 the largest possible 
prism angle i
 77l o , while for the 
usual 60'=' prism the largest 
po<::sible index is 2. 
In Fig. 2 the sensitivity of 
prisms of refracthye index 1.6 g 20 
and 1.7,) is plotted for different g 
prism angles. The sensitiyity 
increases as {} increases, the rate 
of increase being very rapid as 8 
approaches its greatest possible 
'Talue, bein
 infinite when that 
yalue is reached. The cun-e 
shows that for 1-'-2 = 1,6, which 
i" about the average of the values 
encountered in practical work of 
high preciaion, an angle of 75) 
would give more than five times 
the sensitivity of the usual 60 0 
prism. 
Sensitidtv is. howevcr, only 
one factor ht the accuracy of th
e 
measurements; and we Fohall see that there are 
other factors which prevent the utilisation of 
the large sensitivity which might be obtained 
by suitable choice of prism angle. 
Lea ,-ing for the moment the case of minimum 
deviation, let us consider the method in which 
the incidence is grazing, and for which we 
found (equation (4)) 
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The quantity in hrackets is always positive 
provided 1-'-2 < 1, since, if 1-'-2 is unity, the ray is 
undeviated and emerges parallel to the 1st 
facC', in "hich case e = 90 0 - 8 and 
in e = cos 8. 
This is the large
t positi,-e value e can have, 
so that if '1-'-2> I, sin e < cos {}. Thus ce/êl-'-2 is 
always - vc and the ray is alwa,"s deviated 
farther away from the r
fracting 'edge for an 
increase in the refractive index. 
Clearly the maximum value of 8 for a given 
1-'-2' or rice rersa" is the same as in the minimum 
deviation method, since the case in which 
both i and - e = 90 0 may be regarded indiffer- 
ently as pertaining to either method. 
I As regards the sensitivity obtained with 
different angles for a given J.1..2' the general 
features of the curve would be similar to Fig. 2, 


B 


A 


50 0 


60
 
Angle of Prism 


o 170 0 
69.5 


t 80 
777'3 0 


FIG. 2.-
ensitivity of )Iinimllffi Deviation JIethod for different 
Prism Angles. 


2 _ 1 ( COS 8 - sin e ) 2 
1-'-2 - + sin---O--' 


In this case the measured angle is e, and the 
sensitivity, in the same units as adopted for 
the last case, "ill be S = 2.06 (êefêJJ.2). 
2M ê!2 = _ 2 ( COS 8. - sin e ) c?s e , 
2 ce sm 8 sm 8 


or 


S 
n28 / . 
= - 2'06,u 2 - (CDS 8 - sm d. 
Cose 


A, ,u=l'ûO. 


B, ,u=l'j'j. 


(8) 


for it is easy to see from the form of equation 
(8) that as cos e approaches zero, that is, as the 
an,!lle of the prism approaches the value for 
which the emergent ray is grazing, ce/êf.12 
increases more and more rapidly, becoming 
infinity "hen the limiting value of the angle is 
reached. In this case as in the last, however, 
practical considerations pre,-ent the highest 
sensith-itv being fully utilised and, as we shall 
see, the bala
ce 
f advantage f(lr most 
ordinary purposes lies with the 60 0 prism. 
If then we take the 60 0 prism as basis, it is 
useful to compare the sensiti,ities of theRe two 
methods throughout the range of refractive 
index usuaBv encountered in practice. 
These ha;e be-en plotted in Fig. 3. The 
cur"\es tell us the accurac,T "ith which the 
direction of the emergent 
 beam has to be 
determined in each m
ÜlOd in order to have 
an error not exceeding 0.00001 in the refractive 
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index. The precision required is greatest for - which, after transformation and substitution 
low indices. For indices helow 1.5, an error from equation (6), becomes 
of 3 seconds in the direction of the emergent c s e J 
ray will introduce an error of I 0_. _ J.L2 2 -1l1 2 . 
0.00001 in the result with either '" 112 2 - sm 2 e 
method. .At higher indices there 15 
 Thus the sensitivity for measurements of J.LH 
is a slight improvement, particu- 
 which we may denote by SJ.LH 
larly with the minimum deviation 
.. 
method. 'The region of high 
 
sensitivity (1.8 to 2.0) is not of 
 
g reat im p ortance, as most sub- 
 
10_ 
stances employed in optical work 9 g 
have indices bet\veen 1.4 and 1.8, 9 
the great majority lying between C 
7 
 
Q, 
6 <IJ 
"!3 
5 
 

 
4
 
...... 
3 ::s, 
..... 
2 :
 
oL.3 
1 .
 

 
(%) 


1'3 


2.0 


FIG. 3.-Sensitivitit:s of Refractive Index 
leasure- 
ments for different Indices. 
A, :\Iinimum Deviation )[etl1od. 
B, Grazing Incidence )lethocl. 


1.5 and 1.75. In the majority of cases, then, the 
sensitivity for the grazing incidence method is 3 
seconds per 0.00001 change of index and for the 
minimum deviation method from 3 to 4 seconds. 
The third method which it is 
of importance to discuss is that 
due to. 'V ollaston, I in which the 
object is not the determination 
of the index of the prism but 
of a substance in contJl,ct with 
its first face, the prism merely 
filling an auxiliary rôle. Several 
commercial refractometers due 
to different in\?entors are made 
on this principle. The prism 
we may term the standard prism 
or standard block. 
Equation (6) refers to this C 
method, III being the index to D 
be determined, 112 the index, for I 
the wave-length in question, of 1'0 
the standard block, and 8 its 
angle. The quantity measured FIG. 4.-Sensitivity of Refractive Index 
Ieasuremcnts by W oUaston 
is e, the angle of emergence from Method. 
the second face of the block. 
Differentiating equation (6) under the con- 
ditions that 8 and 112 are constant, we obtain 
êJ.L sin 8 . 
",1=1 ,_ _ ._ (-2 sm e cos e) +cos e cos 8 
ce " P2 2 -sm 2 e 
cos e f I 2 . 2 . . 1 
= -=- - . tCOS 8, 112 -sm e-sm e sm 8f, 
,....' J.L2 2 - sm 2 e 


1 Phil. Trans., 1802, p. 365. 


A:. 0 = 90 0 
B:- 8 = 80 0 
c:- 0 = 60 0 
0:- 0 = 45 0 


I 
1'1 


2e 2.06 " 112 2 - sin 2 e 
=2.06-= 
è III cos e ,f ;;'2 2 - 111 2 . 


(9) 


This quantity can be calculated for different 
values of J.LI' J.L2' and 8, the appropriate values 
of e being obtained from equation (6), "hich, 
for this purpose, can be reduced to a rather 
more convenient form, viz. 


sin e=1l1 cos 8- sin 8"/fJ-2 2 -J.L1 2 . . (10) 
In Fig. 4 a selies of curves are drawn showing. 
for the case in \vhich J.L2=1.75 (a usual value 
for this method), how the sensitivity, SfJ-I' 
varies with the index under test (Ill) for 
prisms of different angles. The sensitivity 
is in all cases high for indices near that of the 
block, diminishing to a minimum value, 
which is lower, and occurs at a lower value of 
J.LI' the smaller 8 becomes. Thus with a 90 0 
block, the minimum sensitivity occurs when 
III = 1.57 approx" and is about 6 seconds per 
0.00001 variation of Ill; for 8 = 80 0 the 
minimum is at III = }.5, and is under 5 seconds; 
for 8=60 0 the minimum is not reached until 
III is in the neighbourhood of 1.2, and is just 
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over 3 seconds, while for 8 = 45 0 the minimum 
is never reached. 

 (5) EFFECTS OF ERRORS IN AUXILIARY 
CONSTANTs.-In all the formulae which we 
have considered the an
lp, 8, of the prism 
occurs. This quantity has, in general, to 
be experimentaHy detprmincd, and is therefore 
subject to possible error. Thp assumption 
of an erroneous value for 8 in any of the 
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form utH' for refracti\re index will lead tv a 
corresponding error in the result. This 
error is clearly proportional to the partial 
derivatives with respect to () of the expres- 
sions for fJ.. 
For the minimum deviation method we 
obtain, by partial differentiation of equa- 
tion (5), 
ê!2 = 1 cos 

-
L2) _ ì 

 _(() - ò/2) cos 8 / 2 
cO "2 sm fjj2 sm 2 {)/2 


_ 1 sin Ò /2 . 
-"2" sin 2 0/2 
It is usually more convenient to express the 
result as the inverse of this, i.e the error in 
angle which will produce unit error in the cal- 
culated refractive index. 'Ve may call this the 
Tolerance in prism angle and denote it by Tf, 
the factor 2.06 being introduced as before to 
give the result in seconds of arc per 0-00001 
error in index. 
sin 2 0/2 
Thus Tø=4-12 sin ò/ 2-' (11) 
For the grazing incidence method by differ- 
entiation ,Üth respect to 0, of equation (4) 
'''"e obtain 
2 
2 =2 ( C OS 
 -sin e ) 
'fJ.2 o(} sm (} 
{ sin 0 ( COS 0 - sin 
 ) () } 
--_ - cos 
sin (} sin 2 (} 
( COS (} - sin e ) r 1 (} ( COS () - sin e ) "' 
= -2 ---Sin-fj- l +cos - sin 2 o- J 


= - 2 { ,' ,u2 2 - 1 + (I-L 2 2 - 1) cot 8}, 


Tø = 2.06 
(} = _- 2.06 J-tz . 
CJ-t2 ,I J-t2 2 - I + (J-t2 2 - I) cot (} 
In F:g. 5, To is plotted for both of these 
methods for different prism angles, the 
refractive index being taken as 1.6. 'Ye see 


A 


8 


grazing incidence than for minimum deviation, 
except near the limiting prism angle, in which 
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FIG. 6.-Tolerance in Angle of Pri
ll1 used for 
Refractiye Index l\Iea
urell1ents. 
A, .:\Iinhllulll Deviation. 
B, Grazing Incidence. 


case the two methods tend to become identical. 
In Fif}. 6 is plotted the tolerance with a 
60 0 prism, for different values 6 
of the index. 
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- P- 1 1.6 1.7 
(P- 2 = 1-75) 
FIG. 7.-Tolerance of Angle of Block in 
W ollaston Method. 


In the case of the 'V ollaston method we 
have, from equation (6), 

1 =cos (} .. ../ J-t2 2 - sin 2 e - sin e siD 8, 
cO 


(12) 


which reduces to 


" J-t2 2 - J-t/'. 


Thus 


ôB 2.06 
Tø = 2-06;::;-, - 
 . . 
CJ-tl " J-t2 Z - J-t1 2 


(13) 


In this case, therefore, the tolerance 
in angle is independent of the angle 
of the prism, depending only on the 
values of J-tl and J-t2' Assuming 
J-t2= 1.75, Fig. 7 shows the value of 
Tø for different values of the inde""<: 
under test. 'Ye see from it that 
the effect of an error in (} is less 
the higher the index under test. 
For substances of index about 1.5 
77YJo 80 0 an error of hvo seconds in the angle 
of the block will introduce an error 
of 0.00001 in the value of the index. 
The accuracy of this method 
also depends on the accuracy with 
which J-t2, the index of the prism, 
is known. The error in J-tl due to 
- , an error in the assumed value of J-t2 will be 
proportional to the partial derivative of the 
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FIG. 5.-Tolerance in Angle of Prism
 used for Refractive Index 
Determinations_ 
A, 'Jinimum Dí'\"iation } - 1-6 
B, Grazing Incidence -,". 


from the figure that the effect of an error in 
the angle of the prism is much greater for 
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deviated to different extents. If the slit 
is at infinity, all the rays from any point of it 
which reach the prism are deviated equally 
and can be recombined at a single point 
in the focal plane of the tele:scope. A sharp 
image of the slit is the result. The sli1 is 
usually formed between two jaws of untarnishÞ 
able metal. The edges are bevelled on the 
side which faces the lens and are ground 
perfectly sharp and straight. The method 
of mounting the jaws varies in different 
designs; but therc is invariably provision 
for opening or closing the sJit by means of 
a screw of fine pitch, which is usmilly pro- 
vided with a divided drum so that the slit 
width can be set. at definite values. In the' 
majority of cases one of the jaws is fixed, 
and the slit opens and shuts unsymmetric- 
ally. In some of the more e
pensive slits 
both jaws move simultaneously, so that 
the centre of the slit remains in the same 
position whatever the slit width. Some 
workers have a preference for symmetrical 
slits; but except when the instrument is 
used as a monochromatic illuminator, it iJ 
doubtful if there is appreciable advantage. 
}'IG. 8.-'Vollaston :Uetho<l. Effect of Errors in Index in their use. On the other hand, with an 
of ;:,tandard Block. observer who is apt to take an instrument 
on trust, they may be a source of danger. 
It will be noticed that the smaller the value \Yhen precise measurements are in question 
of () the smaller is the effect of an error in J12' it must never be assumed that the centre 
of the slit has exactly the same position for 
different widths. It is not therefore satis-. 
factory to vary the slit width when dealing 
with spectnllll lines of different brightnesses. 
as advocated by some writers. If some 
lines are too bright with the slit width necessi- 
tated by the faintness of others, their bright. 
ness should be diminished by placing absorbing 
glasses bet,veen the slit and the source, fe.. 
moving these when working on the faint lines.. 
There is no slit mechanism sufficiently perfect, 
to enable one to assume an absolutely sym- 
metrical opening and closing of the slit to 
the very high degree of accuracy of which a 
well-designed spectrometer is capable. 
\Vhether symmetrical or unsymmetrical, a 
good slit will also have provision whereby the 
exact paraBeJi:.-;m of the jaws may be adjusted. 
In certain classes of work extremely fine slit 
widths, as little as 0.01 mm. for instance, 
are used. It is only with the most accurate 
adjustment for paraBelism that slits of such 
fineness are possi ble. 
\Yhen a good slit has been obtained it 
should be treated with the utmost care. To 
close the jaws completely is almost invariably 
fatal, and it is rare to find a slit which has 
been in general laboratory use for any length 
of time which will close down to a very narrow 
width without showing streaks across the 
spectrum due to some parts of the jaws being 
in contact. 


right-hand side of equation (6) \\ith respect. 
to J12' 0 and e being regarded as constant. 


êll 1 sin R . JI9, sin 0 
_ - 1 - 
'J - 
O}L2 - 2 "}L22-sin2 e'.oJ. 2- J}J-2 2 - si n 'l. e' 


(14) 


In the particular case when () = 90 0 , this 
reduces to J.l.2/ Ill' In Fig. 8, (tJ11/?}L2 is plotted 
for different prism angles for two values of J11' 
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II. THE SPECTROMETER 



 (6).-The spectrometer in its simplest 
elements consists of a coHimator, an adjustable 
table on which a prism or other dispersing ap- 
paratus may be placed, a telescope which rotates 
about an axis concentric with the table, and 
a circular scale on which the angular position 
of the rotating telescope play be determined. 
It is necessary to be able to rotate the table 
itself about the same axis as the telescope 
rotates; and, except in the simplest instru- 
ments, means are provided for reading the 
angular position of the table, either on the 
same circle as used for the telescope or on a 
separate circle. 
The former arrangement is the more 
generally useful, since it enables rotations of 
the table to he determined ,vith the same 
accuracy as rotations of the telescope. "
here 
a separate circle is provided for the table it 
is rarely of the same accuracy as the other. 
(i.) The Collimator. - This consists simply 
of a narrow slit at the focus of a lens. The 
rays from each point of the slit are therefore 
rendered parallel by passage through thp 
lens. The necessity for coJlimatio
l is due to 
the fact that unless the slit were virtually 
at infinity, rays from any point of it would 
meet different parts of the prism at different 
angles of incidence and would therefore be 


90 0 
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The use of quartz jaws \\as suggested by the possible over a field of at least 2 on either 
late Sir \r. Crookes. 1 These are be\-elled to side of the axis. Further, the field of yiew 
a very sharp edge in the same \\ay as the should bp flat, otherwj
e the measurements 
ordinary metal jaws. The edges therefore with the micrometer eyepiece will be affected 
form prisms, and light \\ hich passes through by distortion. 
the quartz is refracted towards the sides of the The power of the eyepiece employed may 
collimator tube, by wmch it is absorbed. vary o-ver a fairly wide range.\\ithout appreci- 
Only the light passing between the edges ably affecting its usefulne
s; but a convenient 
reaches the lens of the collimator, just a
 in power is one which gives a magnification of 
the case of opaque jaws. The ad\-antage of the telescope as a whole of l
 to 20 diameters 
quartz jaws is that they can be polished to a for each inch of effective aperture. 
more accurate edge than metal. The dis- An important feature of a spectroscopic 
ad\yantage is that the edges are so extremely telescope. and one "hich greatly influences 
fragile. The jaws should therefore be mounted the accuracy of the results obtainable \\ ith the 
in such a way that the mo\ying mechanism instrument, is the cross-lines. 
drags them fonnud by friction, so that there Considerable experimenting "ith settings 
is no possibility of jêtnUlling them together in of different types has been done by various 
the event of the slit being accidentaJIy closed. workers, but there is very little doubt that 
It is surprising that this method has not been the most suitable arrangement for general 
generally adopted even for metal ja\\ s, as it I spectroscopic work is that in \\ hich the cross- 
\\ ould greatly minimise the risk of damage to lines are mounted diagonally as sho\\ n in 
a valuable slit. } Fig. 9 (a). The angle beh\een the lines \-aries 
The sJit is usually attached to a short tube in different instrunwnts from about 
Oo to 
which slides into the end of the collimator 90-'. \Yhere IJossible the writer always mounts 
tube, and may be adjusted, preferably by rack them at fiO O . Such lines can be set with great 
and pinion, for focus::;in
 the collimator. accuracy on a vertical line as in Fig. 9 (b J' As 
The body tube of the collimator shouJd be regards the thickness of the lines, there is 
lined with some corrugated material or fitted no great advantage in ha-ving them excessively 
with a series of diaphragms to prevent light fine. \Yithin reasonable limits, the thicker 
which falls on the side of the tube from being the lines the less fatiguing it is to keep them 
reflected as stray light through the lens. 
The lens of the collimator 
hould be a 
telescope objective of the finest quality. It 
should be free from all but the merest trace 
of spherical aberration. The lenses employed 
in spectrometers are almost in\
ariably ce- 
mented doublets. There is therefore always 
considerable residual chromatic aberration, ((l) (b) 
which is usually particularly manifest at the FIG. 9. 
blue end of the spectrum. By the use of 
triple lenses the greater part of this could be in sharp focus. \Yith an eyepiece of about 
obviated, and a very serious nuisance to the Ii cm. focal length a convenient diameter of 
spectroscopist removed. fibre to employ is from 4 to 8 p... 
(ii.) The Tele.scope.-The requirempnts of this In the case of a micrometer eyepiece, the 
important part of the spectrometer have not, best type is that in which the ocular can be 
unfortunately, received the attention from moved as well as the cross-lines. If the ocular 
makers which ought to ha,,-e been devoted is fixed only small mo\-ements of the cross-lines 
to them. As in the case of the collimator, are possible, since the definition falls oft 
telescopes are frequently fitted "ith object I rapidly towards the edge of the field. But 
glasses made to an ordinary formula suitable I if the ocular can also be translated, so that 
for telescopes of surveying instruments, etc. the cross-lines al" ays appear in the centre of 
The type of colour correction suitable for such the field of view, good definition is obtained 
instruments is entirely unsuited for spectro- o\-er a much larger range. 
scopic work, in which the rays at the extreme (iii.) The Axis and Sca ' e.-The considerations 
ends of the spectrum are just as important as of

(4)and(5)showusthatinordertomeasure 
those in the more central regions. Here,:Is in refracti\ye indices correctly to the fifth decimal 
the case of the collimator, it would be possible place it is necessary that we should be able to 
to get a much more satisfactory result from a determine angles to "ithin a little over one 
triple lens than from the usual doublet. second of arc
 This requires most accurately 
As the tele
cope may sometimes have to be turned centres and accurately divided scales; 
used with a micrometer eyepiece, the lens but even when the instrument-maker has done 
()ught to be designed to give the best definition his very best, there is much to be done by the 
1 Chern. ...Yeu's, 1895, Lxxi. 1;5. experimenter in discovering the peculiarities 
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of the instrument and the errors to which it is 
liable, and in de\?ising means for their elimina- 
tion or correction. The proper attitude to 
adopt to any instrument is one oi distrust and 
suspicion; and it should not be regarded as 
accurate in any particular until it has been 
carefully verified by tests as many and varied 
as possible. 
For working to anything less than ten 
seconds verniers are unsatisfactory, and the 
scale has to be read by two or four micrometer 
microscopes. The need for an even number 
of microscopes arises from the very probable 
existence of " centering error." This error is 
due to the scale not being exactly concentric 
with the axis of rotation. 
Suppose C 1 , Fig. 10 (a), is the centre of the 
scale, and C 2 is the axis about which the moving 
portion of the instrument rotates. Let C 2 V 
be the arm carrying the vernier or micrometer. 
Then the reading will be at R, where O 2 V inter- 
sects the scale. Let the line of excentricity 
EEl make. an angle 8 0 from the zero point Z 
of the scale and let C 1 C 2 = e. It is clear that 
if the scale reading is 8 0 , that is, when the 
radius bar lies along EEl' the reading is 
independent of the displacement e, and is 
therefore the same as if e were zero. \Vhen the 
bar is in any other position the angle through 
which it has been rotated from EEl is RÇ2ËI' 
But the angle recorded on the scale is RC.\E I . 
The recorded angle is lherefore too small in 
the case shown by C I RC 2 =esin8jr, r being 
the radius. }""or any scale reading ø, therefore, 
there !s an error of - (ejr) sin (Ø - 8 0 ), This is 
of maximum value when the vernier arm is 
perpendicular to EEl' and is zero when it 
is parallel to EEl' The curve of error will 
be a sine curve of the form shown in Fig. 10 
(b). The actual error between two readings 
Ø1 and Ø2 is the algebraic difference between 
the ordinates of the curve at these readings. 
It may therefore vary from zero to 2(ejr) de- 
pending on the values of 411 and Ø2' 
\Ve notice, however, that the ordinate at 
any point of the curve is equal and opposite 
to that at a point 180 0 from it. Thus if 
there are two verniers 180 0 apart the errors 
of one will always be equal and opposite to 
those of the other, and the mean of their 
readings will give the true angle. 
Thus centering error can be eliminated if the 
mean reading of two verniers (or micrometers) 
180 0 apart are taken. Spectrometers, except 
of the most elementary type, are therefore 
fitted with two or four verniers (or micro- 
meter3) equally spaced round the circle. 
This, however, while it E'liminates centering 
error where the direction and magnitude of 
the eccentricity is constant, does not elimin- 
ate every possibility of error from defective 
centres. If in the course of rotation the 
relative position of C 1 and C 2 alters, which is 


eprtain to happen to a greater or less extent 
unles
 the bearings are perfect in the literal 
senRe of the term, the errors in each vernier 
reading need not follow the simple sine law 
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and will not necessarily be eliminated by 
taking the mean of readings IRO o apart. An 
instrument, even if IJerfect ,vhen new, is 
certain to develop erratic centering errors of 
this type in the course of time, unless the rotat- 
ing portion is very carefully ba.lanced so as to 
press uniformly at all points of the bearing. 
If the contact is heayier on one side than 
another, the axis will be worn slightly elliptical 
in use, work being more concentrated in some 
ranges of angle than in others, and therefore 
e will change both in magnitude and direction 
for different readings. 
Apart from centering errors, the scale 
divisions may themselves be non-uniform. 
There may be gradual variations of the size 
of a division due to unsuspected centering 
errors in the dividing engine with which 
the graduations were cut, or there may be 
irregular displacements of the division lines 
owing to imperfect working of the engine. 
To calibrate the circle for every di vision 
is a very tedious business, and is not at all 
easy to perform with great accuracy except 
where spe-cial apparatus exists for such tests. 
On this account it is usual in the best instnl- 
ments to provide means for altering the 
orientation of the scale with respect to the 
verniers or microscopes, in order that a 
particular measurement may be repeated, 
using different graduations distributed round 
the scale. In this way, if sufficient measure- 
ments are made, the graduation errors tend 
to average out. 
The foregoing considerations apply both to 
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the measurements of the rotation of the 
telescope and rotation of the table. A serious 
defect in the design of most spectrometers is 
that the axis of rotation for the tahle is much 
less satisfactory than for the tel
'3cope; 
consequently measurements of table rotations, 
even when made on the same circle as those of 
the telescope rotations, are liable to much greater 
errors due to defective action of the centre. 
This is a serious matter in the general use of 
such instruments where, for certain purposes, 
such as the measurement of prism angles, for 
instance, it is necessary that the table rotation 
should be measurable with the very great
st 
accuracy. 
There is one more important point about 
the centering arrangements of the spectro- 
meter. The two mo,
g parts should be 
mounted on a single axis, the ta ble being, of 


4 


"ith radial and (.>oncentric webR on the lower 
::;idf', and provided with two concentric slot
 
of J... section in the upper facp. The
e are 
shown at 1 in the figure. The collimator, 2, 
is of 3J-inch aperture, and can be clamped 
to the base in any azimuth by four bolts, 
the heads of which are in the broad pOltion 
of the J... slots. The telescope, 3, of 21-inch 
aperture i:, mounted on an accurately balanced 
arm. In order to reduce the "eight on the 
centres to a minimum, light alloys wer
 
employed wherever mechanic81 considerations 
permitted. .A second telescope, 4, the uses 
of which are indicated later, is provided. 
This telescope is identical with 3, except that 
it stanrls on a pillar which can be clamped 
in any po:sition round the base in the same 
way as the collimator. \Yhen not required 
it can be removed. Both telescopes and 
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course, uppermost; and the clamping devices 
and fine motion fittings should be so arranged 
that there is no frictional connection whatever 
between the two rotatable parts. If this is 
not secured the usual result is that the part, 
which in a given experiment is supposed to 
remain fixed, suffers a slight drag by the 
moving part in the direction in which the 
latter is moved. 
(iv.) A Standard SpertromftfJr.-In Fig. 11 
is shown a spectrometer designed in its 
essentials' by the writer and in detail by 
)Iessrs. E. R. \Yatts, Ltd., of London, who 
made the instrument for the Optics Depart- 
ment of the Xational Physic
l Laboratory. 
The diameter of the base is 36 inches, which 
gi \yes the scale of the figure. 
The aim in the design was to a void all 
Sources of error which could be foreseen and 
to render easy the detection and eHmination 
of such unforeseen and unavoidable errors 
as might still be present in the èompleted 
instrument. 
The base is a circular iron plate, strengthened 
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FIG. 11. 


collimator are provided with adjustments 
for horizontality of axis, which are carefully 
designed to give great rigidity "ithout the 
introduction of strain in the tubes. 
The centre consists of a strong tapering 
pivot. About the lower portion of this the 
telescope rotates, fine adjustment being 
obtained by means of the clamping collar, 5, 
and tangent screw, 6. A ring, 7, is screwed 
on a thread at the lower end of the pivot. 
This ring supports a ball-bearing, which in 
turn supports thc weight of the moving tele- 
scope system. By adjusting 7, the moving 
system can be slightly raised or lowered to 
vary the tightness of the centre and secure 
proper freedom of rotation. 
On the upper half of the central pivot, a 
second moving system, consisting of the 
table and graduated circle, rotates. The 
circle, which is of 15 inches diameter, is 
completely enclosed by a dust-proof coyer. 
The scale is read by four micrometer micro- 
scopes, 8, reading directly to half.seconds 
and by estimation to less. These are attached 
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to a ring associated with the lower moving 
system and can be fixed in any posi.tion 
relativp to it. The table itsplf can rotate 
for adjustment purposes indepellflentJy of the 
circle. For this motion it is actuated by an 
endlpss tangent screw, 9, which can be thro-w11 
in or out of gear by a paul, 10. 
'Vhen using the instrument for purposes in 
which rotation of the telescope is to be 
measured, the upper moving system haH to 
be clamped to the I)ivot, thus fixing the 
position of the circle. The clamping device 
employed is such that no radial force whatever 
is exerted on the system. There is therefore 
no possibility of centering error being intro- 
duced by the process of clamping. \Vhen 
measuring rotations of the table, the telescope 
being fixed, the upper moving part is un- 
clamped from the centre. Fine motìon of 
the circle relative to the te]esc0pe is obtained 
by means of the clamping cnllar, II, and 
tangent screw, 12. This collar can be removed 
entirely when not required, thereby removing 
any dangcr of a slight frictional drag on the 
circle and table when rotating the telescope. 
If desired, the tangent screw, 12, can be 
tram:ferred to the support of the additional 
telescope, 4. 
This instrument, it will be seen, can be 
used with equal accuracy for an purposes for 
which a spectrometer can be employed. 

 (7) THE PRISM. - In the last section 
the principal features and requirements of a 
spectrometer designed for the most accurate 
refraçtometry (and goniometry generally) 
were indicated. \Ve shall now look at the 
requirements of the prism on which such 
measurements are to be made. In the first 
place, we must decide to what angle it should 
be cut. In discussing the sensitivity of the 
two princip:lI methods available for determin- 
ing the index of the prism, viz. the minimum 
deviation and grazing incidence methods, we 
saw that the sensitivity considerations alone 
would lead us to employ the largest angle 
for which light would still be transmitted 
by the prism. Further, from F1'g. 4, the 
extent to which an error in the angle of the 
prism affects the result is seen to be nearly 
the same for all prism angles for the minimum 
deviation method, while it diminishes appreci- 
ably as the angle increases in the case of 
grazing incidence. This would also lead us 
to use as large an angle as possible. 
There are other considprations, however. It 
is clear that the more nearly grazing the 
emergent ray is, the narrower is the transverse 
aperture of the beam which enters the telescope. 
This results in loss of definition. Up to a 
certain extent this is found to hp without 
effect on the precision of the settings; but 
when carried too far some accuracy is lost, 
particularly in the method of grazing incidence, 


in ,,,hiC'h, as we shall see later, the setting 
is unsymmetrical. This consideration would 
lead us to use small angles. The final 
cun ideration, and the decisive one in the 
present. stage of angular metrology! l
 that 
angles which are submultiples of 3GO<\ such 
as 30 0 , 45 0 , 60 0 , and 90 0 , can easily and 
conveniently be measured with greater 
accuracy than those of intermediate value. 1 
This faC't leaves the balance of advantage with 
the 60 0 prism. :K ot only so, but if the 
substance is isotropic, or if it is a uniaxial 
crystal with its axis perpendicular to the 
principal plane of the prism, so that it has 
the same refractive index in any diredion in 
the principal plane, it js possible, if all thrce 
faces are polished, to make measurements 
with each angle in turn. Glazebrook has 
shown 2 that if the individual angles of an 
approximately equilateral prism do not differ 
too much from (jOO, the mean of the dcviations 
when each angle is used in tunl is equal to the 
deviation corresponding to a prism angle of 
exactly 60 0 . It must be borne in mind, 
however, that this result assumes that the 
prism is a true prism, i.e the three edges are 
supposed to be accurate1y parallel. By the 
assumptions on ,vhich the formulae of prism 
refraction are based, the angle of the prism 
is the angle between the two ])Iane faces at 
which refraction occurs. If the prism is 
pyramidal, the sUln of the angles between 
the faces taken in pairs exceeds 180 0 , and the 
mean deviation corresponds not to GOo but 
to 60 0 + 
/3, where the sum of the three angles 
is 180 0 +
. It is shown in the article on 
"Goniometry," where the methods of measur- 
ing prism angles are dealt with, that for a 
60 0 prism, 
=0.279p2 x 10- 5 seconds, where P 
seconds is the inclination of an edge of the 
prism to the opposite face. Thus if the 
pyramidal error of the prism is 10 minutes, 
the sum of tbe angles is 180 0 + 1 second. 
'Vhile it is necessary to bear this in mind, and 
to test for pyramidal error, no prism which is 
otherwise good enough for prccision determina- 
tions is likely to have more than a few minutes' 
pyramidal error at the outside, in which case 
the excess of the angles over 180 0 can be 
neglected. 
Thus with a GOo prism it is possiblc to 
dispense altogether with a prpf'ise knowledge 
of the angles, thereby eliminating about half 
of the possible experimental error of the index 
determinations. 
A prism which is to be used for ùetermina- 
tions of great accuracy must be in the highef:t 
degree homogeneous and have its surfaces 
very accurately plane. 
The total ('ffect of dcfects of surface and 


1 Ree article on .. Ooniometry," 
 (3). 
2 Kee footnote to paper by Gifford, ROll. Soc. ['roc., 
1902, xx, 230. 
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non-homogeneity on thp. t.ransmitted waye- 
front, and also the planeness of the surfaces 
themselves, can be tested by int.erference 
methods (vide H Interferometers: Technical 
Applications," 
 (-1)), and from these results 
the departures from homogeneity of the 
material can be deduced. The great skill 
with which surfaces can now be polished 
renders it easy to get prisms with surfaces of 
almost perfect fia tness; but it i
 by no means 
easy to obtain a vrism of satisfactory homo- 
geneity. In fact the homogeneity of the 
material is what sets the limit at present to 
the accuracy to which it is worth while 
attempting to push refractometric measure- 
ments. 
Theoretically, by increasing the mechanical 
perfection of the spectrometer, and by using 
telescopes of greater a}Jerture and power, 
the precision of the angle measurements could 
be increased very considerably be\?ond what 
is nece
"ary for. fifth place ;ccur;cy in the 
index measurements; but the useful size 
of the telescopes is ìimited by the size of 
prism which can be obtained of satisfactory 
homogeneity. It is of little USE at present 
to att-empt to use }1fisms of more than 2- 
inch side. 

 (8) ADJl
"STJIE
T OF SPECTRO:\IETER.- 
There are t.wo principal adjustments which 
have to be made before a spectrometer is ready 
for use. The collimator and telescope have to 
be focussed for parallel light, and they have 
also to be adjusted so that their optic axes 
are ]Jerpendicular to the axis of rotation of 
the instrument. There are various wa\?s of 
performing these adjustments; but by far 
the most convenient makes use, in each case, 
of an auxiliary telescope. Since such an 
auxiliary telescope is of the greatest con- 
venience in many methods of using the 
spectroscope, particularly for goniometry 
(vide" Goniometry," 
 (2)), the e:
q)('rimenter 
should always provide one for his instrument. 
The telescope should be similar to that of the 
spectrometer, though it need not have a 
micrometer eyepiece, and should be mounted 
on a rigid stand with adjustable feet as 
des('fibed in the article just quoted. 
The adjustment for collimation is very 
simple. First one telesC'ope and then the 
other is focussed on the slit of the collimator. 
The two telescoI)es are then placed in line 
with each other, and the cross-lines of one of 
them illuminated by meam
 of a lamp placed 
behind the eyepiece. If on looking through 
the other the cross-lines of the first ap})ear 
in sharp focus, the conimation is correct. 
If, however, the coUimator was not in correct 
adjustment to start with, the telescopes 
would each be focussed for an object either 
within or beyond infinity. Suppo
e the latter, 
i.e. the telescope ('ross-lines, are nearer the 


objecth-e than the true focus, then if the light 
passes in the reverse direction, rays from a 
point in the plane of the cross-lines "ill leave 
the objecti,-e as a di,-ergent beam. ThuR 
when the first telescope is employed as a 
collimator with respect to the second, the 
rays from it dh'erge, whereas the second 
telesco})e is focussed for converging rays, and 
so the cross-lines of the first are not seen in 
shaI1J focu
. Half the adjustment necessary 
to bring them into focus should be made" ith 
each telescope, after which both will be 
correctly conimated. Either can then be 
directed towards the collimator and the latter 
adjusted to bring the slit into focus. 
If the initial error of collimation is great, 
the }Jrocess should be repeated; a very few 
repetitions will secure IJerfect adjustment. 
Apart from spectrosco}Jic work, any three 
telèsco}Jes or collimators can be focussed for 
infinity in a very short space of t.ime by 
adjusting them in this way until they win 
focus on each other in pairs. 
In the case of the spectroscope the collima- 
tion must be adjusted for the wave-length of 
the light with which the instrument is about 
to be used, since the chromatic aberration 
of the lenses is always apl)re('iable near the 
extremities of the spectrum. 
The adjustment of tl]e optic axes of the 
telescope and collimator to be perpendicular 
to the axis of rotation of the former is also 
most conveniently performed with the aid 
of the auxiliary telescope. The method is 
as fonows : 
The rotating telescope is turned to an 
oblique position, such as T 1 , Fig. 12, and a 
prism is set on the table and adjusted so that 
one of its faces reflects the light from the 
collimator into the telescope. It is necessary 
to mark the approximate centre of t.he slit. 
This is usually done by stretching a fine wire 
or fibre across it; but it is much better to 
employ two such fibres, separated by about 
0.,3 to I mm. The point half-way between 
t.hese, which can be judged with ample 
accuracy, is taken as the centre of the slit. 
This obviates making settings where the slit 
is crossed by the fib
e. The L prism is levelled 
by means of one of the adjustment s('rews 
of the table so that the centre of the slit comes 
on the cross-lines of the telescope. The latter 
is now rotated out of the way and the auxiliary 
telescope, T 2 , set up in its .place. The latt
r 
is adjusted by means of its own levelling 
screws until the centre of the slit is exactly 
on the cross. lines. It will be clear that b\ 
this process we have placed the auxiliary 
telescope "ith its axis in exactly the same 
direction as that of the tplescope Tl in its 
initial position. The prism is now removed, 
and Tl is s\\ ung into a position in line with 
T 2 . ...\. lamp is placed behind the eyepiece 
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of the latter to illuminate the cross-lines, which 
are then visible in the field of Tl' If the adjust- 
ment is correct. so that the axis of Tl generates 


T 1 in first arrangement 
T 2 in second 
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T 1 in second arrangement 
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a plane on rotation, it is evident that the 
cross-lines of T 2 and those of Tl itself will be 
at the same height in the field. But if the 
optic axis of T 1 is not perpendicular to the 
axis of rotation, it generates a cone, and in 
this case there is a vert.ical displacement 
betw
en the cross-lines of T 2 and those of Tl' 
Obviously the angular extent of this dis- 
placement is twice the amount by which the 
axis of T 1 departs from perpendicularity 
to the axis of rotation. Tl is therefore adjusted 
to reduce thp vertical displacement by one. 
half, when its axis should be in correct adjust- 
ment. It is then brought into line with the 
collimator and the latter adjusted with respect 
to it. It is advisable to repeat thp process 
if the initial error is large. 
This method of axis adjustment can be per- 
formed quite quickly in practice, and is much 
less tedious and also more accurate than the 
customary spirit-level methods. 

 (9) THE USE OF THE SPECTROMETER 
FOR REFRACTOMETRY. )1I:
Il\'IUM DEVIATIO
 

IETHOD.-The prism of which it is intended 
to measure the refractive index is placed on 
the table. Let Fl and F 2 , Fig. 13 (a), be the 
faces which are to be employed in U1P measure- 
ment; one of them, F l' should be placed ap- 
proximately perpendicular to the line ab joining 
two of the adjustment screws of the table. 
The telescope is put in any convenient position, 
say T, Fig. 13 (b), and the tabk rotated so 
that an image of the Hlit is Reen by rpflcction 
in Fl' The centre is brought to the lpvpl of 
the cross-lines by the screw a, Fig. 13 (a). 


The table is then rotatpd until F 2 is in the 
p03ition pre-viously oCf'upied by F l' and the 
height of the image adjusted by the adjust- 
ment SCf('W c. Since this does not affect thf> 
previous adjustment of F l , both Fl and F 2 , 
and, the ref Off>, also the edge in which they 
intersect, are now parallel to the axis of 
rotation. The prism is then in adjustment 
for making the index measurements. The 
minimum deviation method is carried out as 
follows: 
The. prism table is rotated so that the light 
transmitted by the prism is deviated to one 
:side as in Fig. 13 (c). The table is rotated, 
and the image followed with the telescope 
until the deviation is a minimum. Many 
observers use special methods for determining 
when the deviation is a minimum; but it is 
quite easy to obtain the correct position 
without them. In case of douht, however, 
the best method is to note the two positions 
of the table for which the deyiation has a 
particular value just a littIp in excess of the 
minimum, and then set it half-way between 
these positions. If the telescope i; provided 
with a micrometer eyepiece the best method 
of determining the position of the telescope 
is to clamp it in the approximately correct 
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position únd note the scale reading. This should 
be left fixed and the series of actual settings 
on the spectrum line made by means of the 
micrometer eyepiece. The individual sd.tings 
will usually be of greater l>recision, and conbt:- 
quentIy fewer will be required to attain a giyen 
af'curacy of the mean than if the telescope 
is mm-ed bodily at each RPtting. 
Having determined the direction of thft 
refracted ray in this position, the prism tahl.. 
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is rotated so that the deviation is to the other 
sidé', Fig. 13 (d), and the same process of 
measurement is performed. The difference in 
the scale readings for the two cases, corrected 
for the difference in the micrometer means, 
is twice the angle of minimum deyiation. 
The necessity of doubling the angle by 
emploJwg the two positions of Fig. 13 (c) 
and (d) arises from the difficulty of taking 
the zero reading with the telescope and 
collimator in line. Thes(' are focussed up 
for the waye-Iength of the monochromatic 
radiation for which the determination is 
being made. If a direct zero reading "ere 
attempted the light in the image of the slit 
WQuid comprise all the components emitted 
by the source, and in general the. settings 
could not be made without readjustment of 
focus. 
Such, in outline, is the minimum deyiation 
method. There are various matters of tech- 
nique which must receiye attention, however, 
if the highest accuracJ" is aimed at in the 
result.s. 
(i.) Position of Prism on Table. - This 
must be so adjusted that in both positions, 
Fig. 13 (c) and (d), the light comes from the 
same area of the collimator lens and enters the 
same area of the telescope lens. If, for 
instance, the prism is arranged with its centre 
coincident with the axis of rotation, this 
condition will not be fulfilled. Thus in Fig. 14 
the portion of the apertures used is mostly 
to one side of the axis in (a) and to the other 
side in (b). The errors which may arise from 
such an arrangement, on account of imperfect 
focussing or spherical aberration, are discubsed 
in another article. l The prism must, be 
moyed towards its base so that it employs 
the apertures centrally, as in Fig. 14 (c). 
To make this adjustment, examine the exit 
pupil of the telescope with a magnifier. The 
illuminated al)erture of the prism will be 
seen within the circular aperture of the 
telescope. )Iove the prism until its illumin- 
ated face appears s}"11lmetrical with respect 
to tIle telescope lens, taking care to keep the 
bisector of the refracting angle above the 
axis of rotation. "Then this is done the prism 
aperture will be symmetrical with respect 
both to the telescope and collimator axes 
in both positions, Fig. 13 (c) and (d). Xeedless 
to say, the parallelism of thf' refracting edge 
to the a"\:is of rotation should be checked 
after the prism is in its final position. 
(ii.) Adjustment of the Dighf.-The source 
of light has to be adjusted so that the aperture 
of the collimator is evenly filled with light. 
\Yith broad sources such as flames it is some- 
times good enough simply to place them at a 
little distance from the slit. 'Yith vacuum 
tubes or other small sources it is essential 
1 II Goniometry,o' 
 (1). 


to form an image of the source on the slit. 
The source should be placed at some distance 
from the slit and adjusted until the rectangular 


FIG. ] 4. 


patch of light, which will be seen falling on the 
collimator lens, is at the centre of the latter. 
A lens is then interposed and adjusted until 
an image of the source is formed on the slit. 
The aperture and focal length of the lens should 
be such that the cone of rays which it con- 
centrates on the slit just fil
 the lens of the 
collimator. If a "ider cone is supplied some 
of the light is scattered from the sides of 
the collimator tube and may ultimately reach 
the field of view, adding to the stray light 
which is always to be found there. 
(ill.) Illumination of the Cro88-line8.-!t is 
necessary in order to make comfortable and 
accurate settings that the cross-lines should 
be clearly seen. Further, it is necessaQ, 
particularly towards the blue end of the 
spectrum, to illuminate them with light of 
the same wave-length as the spectrum line 
on which measurements are being made. If 
this is not done very serious troubles ari
e, 
due to chromatic parallax, which make accurate 
settings an impossibility. The peculiarities of 
chromatic parallax, which arises from the 
chromatic aberration of the eye and the 
restricted size of the exit pu})il of the telescope, 
are e),..1Jlained in another article. 2 
There are several methods of eliminating 
chromatiC' parallax, 3 but the most convenient 
for refractometric work, and in fact for any 
I c' F:re, The" 
 (
7)' 
3 Guild, Pro<:. Phys. :-Ol"., 191 i, :\.xix. 311. 
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spectroscopic work except when there are 
numbers of lines closely packed together, is 
to use a wide slit, say 1 to 2 rum., with a fibre, 
similar to those used for the cross-lines, 
stretched along its centre. Each spectrum 
line then gives rise to a band of light with 
a black line down the middle. The band 
serves as a bac1.ground for the cross-lines, and 
settings are made on t.he central line. Suit- 
able fibres of quartz or glass can be mounted 
on large washers, together with a horizontal 
pair to mark the ccntre of the slit, and pro- 
tected with microscope cover glasses. These 
can then be affixed in front of any spectro- 
scope slit with wax. It will be found useful 
to prepare a number of such fibres of varying 
thickness, say from .3 to 10 thousandths of a 
millimetre, and employ that which gives the 
greatest comfort under the circumstances 
of the observation. The collimation has 
of course to be adj usted with the fibre in 
position. 
This arrangement has several advantagefl. 
in addition to the elimination of chromatic 
parallax. Every worker with a spectroscope 
has realised the difficulties of set.ting cross- 
wires accurately on a fiue spectrum line. 
Even when the general field illumination is 
satisfactory and the cross-lines are dist.inctly 
visible there is an annoying uncertainty as 
to the exact point of superposition. Diffrac- 
tion effects make themselves evident in a 
wa vering and loss of definition at the point 
of intersection, which is very trying. 'Yith 
the arrangement described there are no such 
effects at the moment of contact. En'ry- 
thing appears as distinct and clear as if it 
were a diagram drawn on paper. Secondly, 
the tiresome fluctuations of accommodation, 
to which the eye is subject when using faintly 
illuminated cross-lines, are practically absent. 
ThirdlylO the full brightness of the line is 
utilised. 'Yith a fine spectrum line the field 
illumination has to be low enough to give a 
satisfactory contrast. 'Vith faint lines this 
involves working at illuminations for which 
the acuity of vision is not great. 'Vith the 
wide slit method the full brightness of the line 
is utilised as background for the cross-lines, 
so that the maximum use is made of the 
available light. 
The method can be used with advantage 
for all cases in which there are not several 
lines packed close together. \Vith sodium 
light, for instance, the ,.;lit images for D} and 
D 2 arp superposed, but the central line of 
each is quitc clearly defined. It is only when 
the bands of several close lines overlap that 
the in(lividual images of the fibre become 
difficult to see. 
(iv.) Elimination of 8cflle Error8. - 'Yhen 
determining the scale rpading hy means of 
the micrometer microfl.copes, settings should 


be made on several consecutive rulings. This 
tends to reduce errorg due to local irregularities. 
To eliminate progressive errors of ruling it is 
nece!õ;sary to repeat the ,,,hole determination, 
say half-a-dozen times, with the scale shifted 
through about GOo in relation to the micro- 
scopes each time. 
(v.) Careful J[anip1l1ation.-In general thf' 
greatest care in handling the instrument 
in the course of a series vf observations is 
essentiaL No spectrometer will give consistent 
readings if subjected to strains and flexures. 
In particular the rotation of the telescope 
from one position to another must be made 
slowly and with the careful a voidance of 
sudden accelerations; and the manipulation 
of the micrometer eyepiece must be performed 
without any tendency to push or pull the eye- 
piece in the direction of measurement. 

 (10) CRITICAL AXGLE .METHOD. - The 
essential condition for this method is that a 
converging beam of light should fall tangen- 
tially on one face of the prism, FiJ. 15. The 



 



 


FIG. 15. 


rays are refracted into the prism and fall 
obliquely on the second face, at which they 
are refracted into the air and may be received 
by a telescope suitably placed. [t is clear 
that all rays which have the same angle of 
incidence will Le deviated equally hy the 
prism and will com Line in the focal plane of 
the telescope to form a fine line parallel to 
the refracting edge of the prism. Actually 
the line will be slightly curved (as in the case 
of the image of a slit) on account of the fa(.t 
that the deviation for rays which are inclined 
to the principal plane of the prism is greater 
than for rays in the prinripal plane. In 
practice. if the adjustments of the prism have 
been properly carried out, we are only con- 
cerned with rays in the principal plane. 
"
e have, then, a fine line in the fieJù of 
the telescope corresponding to ea<;h angle 
of incidence present in the converging hearn. 
The resulting- effect will he a band of light. 
Lt is evident that thc incidence angle is sharply 
delimited at 90 0 , when the rays are jU:-it graz- 
ing. There are tJ1Prefore no rays for "hiC'h 
the angle of refraction is greater. than for 
those at grazing incidence, and the band of 
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light in the telescope must terminate abruptly 
at the line corresponding to these rays. Thus 
the band will have a sharp edge; and if the 
cro::is-lines are set on this edge the inclination 
of the telescope axis to the normal of the 
face F 2 "ill be the angle of emergence, e. 
in the formulae which 'Were de,eloped in 
 (2) 
for the case of grazing incidence. 
To make a determination by this method: 
the prism is mounted on the spectrometer 
table and levelled as described in the preceding 
paragraph. The source S is placed in line 
\"ith one of the faces, Fig. 16 (a), and a lens L 
inserted to produce a converging beam, The 
distances of Sand L should be such that an 
image of S is formed about an inch or so 
beyond the prism. 
The telescope is rotated until the critical 
edge is on the cross-lines and a series of settings 
made. As in the case of minimum deviation, 
it is preferable to make these settings with 
the micrometer eyepiece, lea ,ing the telescope 
clamped in one position throughout. 
Having determined the reading for the 
critical edge in the position shown, the source 
and lens are shifted to S' and L' so as to 
bring the illumination from the other side 
of the prism. The telescope has then to be 
moved to the dotted position and the settings 
repeated. If 
 is the angle between the two 
positions of the telescope, and e is the angle of 
emergence (the sign of e being given in 
accordance "ith the convention adopted in 

 (2)), 


2e=
+ C-l
O
. 


It has to be noted that the angle of emer- 
genee in the first position corresponds to a 
refraeting angle ...\, while)n the seeond position 
the refracting angle is B. If these differ the 
angles of emergence are not equal in the two 
cases. However, if they do not ç!iffer greatly, 
the value of e given by !(
+ ü -180::) will. 
correspond to the mean of the angles A and 
B. Clearly. if the measurements are made 
with the light incident on each of the faces 
in turn, gi,ing three nearly equal values, 
cþ', cþ", cþ"', for the rotation of the telescope, 
"e can put e =! {( fþ' + 1>" + fþ"')/3 + 60 0 -180 0 } ; 
and the value of e so obtained will correspond 
to a prism angle of exact1y 60 0 (assuming no 
p:vramidal error). 
The order of magnitude of tþ is about 60 0 , 
more or less. This method, therefore. involveM 
the measurement of a fairly large angle. An 
alternative arrangement, which only involves 
measuring a small angle, is shown in Fig 
16 (b). It requires the use of the additional 
telescope on a separate stand, to which 
reference has already been made (
(8), p. .(3). 
The light is incident along the two faces "\\ hich 
contain the refracting angle. The telescope 
Tl is rotated so as to receive one of the 

OL. IV 


emergent beams. The auxiliary telescope T 2 
is placed so as to receive the other. The 
method of making the measurement is as 
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follows: The critical edge in the field of the 
fixed telescope T 2 is brought on the cross-lines 
by means of the tangent screw which rotates 
the table; then the telescope Tl (or its 
micrometer eyepiece) is adjusted so that its 
cross-lines are set on the other critical edge. 
Both settings should be repeated several 
times, the telescope reading being noted each 
time. If õ is the angle behveen the axes oÎ 
the two telescopes when they are both correctly 
set on the respective critical edges, 2e = õ - o. 
lf the process is repeated mth each angle of 
the prism in turn, giving three nearly equal 
values, õ', õ", õ"', then 2e = (õ' + ö" + õ"')/3 - 60 0 . 
where e is the angle of emergence corresponding 
to a prism an
le of 60 0 . 
To measure õ we illuminate the cross-lines 
of T 2 and treat it as a collimator with respect 
to T I , 'Which should be rotated until the 
two sets of cross-lines coincide. The angle 
through which it has to be mo,ed is the angle õ. 
In ';;rder that all the observations may be 
made "\\ithout remoTIng the prism from the 
table, it is convenient to arrange the height 
of the latter (or of thp telescopes, if this is more 
eon,enient) so that the lower half of the 
telescope objectives are utili sed for the critical 
angle measurements, while the upper half are 
above the level of the prism top and are a,ail- 
able for the collinear measurements. 
As regards the latter there are one or two 
precautions to be observed. In the first place, 
it is not satisfactory to attempt to set the 
two cross-lines in exact coincidence. Such a 
settin!! is verv insensitive. The telescope 
axes ;hould b
 ver,}" sJightly out of line in 
the l:ertical direction, so that one cross is a 
little above or below the other. Then when 
the axes are- in line horizontally the two sets 
3D 
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of wires form a small symmetrical rho111 boid. 
If a suitable vertical displacement is chosen, 
this rhomboidal setting can be made with 
great precision. In repeating the determina- 
tions ab initio, the cross-lines, which in the first 
case were lower, should be the higher next 
time, and so on. In this way any error due 
to want of exact parallelism of the two sets 
of wires is eliminated, and a true setting 
corresponding to exact coincidence of the axes 
is secured. 
As in the case of the minimum deviation 
method, the final accuracy of the 
result depends on the care with 
which the manipulation is per- 
formed, and on the arra.ngement of 
the apparatus so that the processes 
involved in the actual measure- 
ments are rendered as few and as 
simple as possible. In the critical 
angle method the success or failure 
largely depends on the illumination 
arrangements. If these are satis- 
factory the method is easy and 
accurate; but if they are 
otherwise, as may very 
easily be the case, or if 
they require readjustment 
in the course of a deter- 
mination, the greatest 
trouble may be encoun- 
tered. It is undesirable, 
for instance, to ha ve to 
shift the source so as to illuminate 
first one face of the prism and then 
the other. Two sources must be 
set up to begin with; or, what is 
better still, an arrangement should 
be adopted by which one source' 
may be employed to illuminate 
both faces simultaneously. 
A convenient and easily con- 
structed illuminator for this pur- 
pose is shown in plan in Fi]. 17. 
D is a hole of about 3 mm. dia- 
meter a little outside the focus of 
a condensing lens L. The source, if it 
has appreciable width, is placed behind D, 
or an image of it is formed at D by 
another lens, as if D were the slit of a 
spectroscope. The light leaves the lens L in 
a slightly converging bE-am. It then meets 
a 60 0 prism, which should be of clear coloudess 
glass polished on all three sides, but which 
need not otherwise be of good quality. This 
splits the he3-m, by internal reflection, into 
liWO beams which emerge in the directions 
shown. These beams, when they have 
separated to an extcnt of 1.3 cm. or so, meet 
a pair of right-angled prisms so placed as to 
make them reconverge at an angle of GOO. 
The various parts can he mounted permanently 
on a singlo stand. The supports of the right- 


angled prisms shoJIld be capable of rotation, 
as this facilitates adjustment. 
The illuminator is so placed in relation to 
the spectrometer that the prism under test 
occupies the position which is sho" n dotted 
in the figure.! The lens L should have a po\\er 
of about 10 diopters, and the distance of D 
from it should be such that images of Dare 
formed at D' and Ð", about two inches beyond 
the apex of the prism. 'Yhen the illullli
ator 
has been placed approximately in the correct 
position, a slight rotation of the right-angled 
prisms will usually be sufficient 
to give satisfactory bands \\Ìth 
sharply defined edges. 
If the source is rie h in light of 
other wave-lengths than that for 
which the measurement is heing 
made, stray light of these wave- 
lengths almost always appears in 
the field, and may give rise to 
chromatic parallax troubles. To 
overcome this difficulty filters must 
be used in front of D to cut out 
or reduce the objectionable 
rays. 
In determining ô, the 
suitable iUumination of the 
cross-lines of T 2 may pre- 
sent some difficulty. It 
is evident that when the 
telescopes are sharply 
focussed on t.he critical 
edge of the refracted beams they 
are (
ollimated for the wave-length 
of the light employed. In the 
presence of the usual amounts of 
chromatic aberrat.ion, they wiJI 
not be in correct focus for other 
wave -lengths. If the refracted 
light is in the yellow or green 
part of thp spectrum it will 
generally be quite satisfactory to 
put a table lamp behind the eye- 
piece of T 2 with
 possiLly, the 
interposition of a colour filter to 
a.pproximate the colour to that for which 
the telescopes are focussed. If, however, 
the refracted light is not near the middle 
of the spectrum it is not usually possible" 
to get sharp enough focus with colour filters, 
and it is necessary to employ Jight of the 
wave-length for which the index determination 
is being made. An arrangement which proves 
convenient, except with faint Jines, is to 
mount a small mirror close up to the eyepiece 
of T 2 and adjust it so that it sends the refracted 
light whirh emerges from the eyepiece b
ck 
into it to ilJuminate the cross-lines. F]'his 
adjustment has to he made with so:nc nicety, 
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1 Parti('ular
 of thi!'\ mctho(l are given in a papf'I 
br Guiltl ami Vale, Trans. Optical Soc., 1920, xxii. 
pt. 3. 
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so it is ex:pedient to mount the mirror on the 
end of a lever, pivoted on a suitable stand. 
It can then be swung out of position when 
it is de8ired to 1001\0. into the eyepiece of 
T2' and swung back to position for the 
collinear measurement, without upsetting 
its adjustment. In this way the difficulty 
of securing light of the same wave-length 
for all the measurements involved can be 


overcome. 
Special Case of p. = 1,53.- From equation (4), 

 (2), if P.2 = 1.528 the emergent angle is I 
- 30 0 , and the two critical 
rays are collinear, provided 
() = 60 0 exactly. Thus for 
indices near this value 0 is 
very small, and can be 
measured on the micrometer 
eyepiece without rotation of 
the telescope at all. For 
such indices we thus ha ve a useful 
check on the accuracy of more general 
methods; since we eliminate com- 
pletely the axis of the instrument and 
any undetected peculiarities it may 
possess. 
It is this feature of the method 
which invests it with importance in 
precise refractometry. It is not in 
itself quite so easy to perform as the 
minimum deviation method, and is 
not suitable at all except for bright 
spectrum Jines; but the fact that it 
can be made to involve only very 
small rotations of the telescope or, 
in a particular case, no rotation at 
all, makes it highly useful as a check 
to be used in conjunction with other 
methods which depend for their 
accuracy on the accurate measure- 
ment of comparatively large rota- 
tions. 
It is desiraLle therefore to investi- 
gate the errors to which the results 
m
y be liable on account of the 
unsymmetrical nature of the setting. 
There are two points which require 
attention. In the first place, on account 
of the phenomenon of irradiation, the bright 
area will encroach on the dark area and 
the edge "ill be displaced on this account. 
The magnitude of this error can easily 
be determined experimentally. As the 
observer should always determine it for 
himself with the telescope to be used for the 
measurement, a mE-thod of doing so may be 
described. 
A prism P, Fig. 18, is placed at the focus 
of a long focus telescope objective L with 
one of its faces approximately at -15 0 to the 
axis. A glass plate A is placed a little behind 
the prism, also inclined at 4.3 0 to the axis. 
A source of light 8 1 and a sheet of ground 
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glass G 1 are placed so as to illuminate the 
face of the prism, and a second source 8 2 
and ground glass G 2 are placed where they 
will illuminate the plate A. The observing 
telescope is placed at T and focussed sharply 
on the edge E of the prism. If 8 1 is turned on 
and 8 2 is off, the field will be bright on one 
side of E and dark on the other; while if 8 2 
is on and 8 1 is off, the bright and dark sides 
are reversed. If, then, the cross-Ïines are set 
on the edge '" hen first one side and then the 
other is bright, the difference in the micrometer 
readings will be t" ice the 
error due to irradiation. 
"
hen such measurements 
are made it is found that the 
e
r'or amounts to about 40 
seconds divided by the 
magnifica tion of the tele- 
scope. Thus for a telescope 
of power 20 the error is only a bout 
2". Further, this is found to be 
independent of the brightness over 
a very wide range, and also of the 
colour. Thus one may find very pre- 
cisely the correction to be applied 
to critical angle readings on account 
of irradiation. It" ill be clear, of 
course, that this correction includes 
any other" personal equation" error 
which may influence the setting in 
addition to irradiation. 
There is one particular in which 
the conditions in the actual critical 
angle setting differ from those in 
the arrangement just described. It 
is evident that in the latter case 
the intensity is uniform right up to 
the edge, and that a sudden dis- 
continuity occurs there. In the 
case of the critical edgp there is no 
actual discontinuity. The intensity 
falls off more and more rapidiy as 
the critical angle is approached, and 
is actually zero at that point. The 
intensity curve can be calculated 
from Fresnel's equations for refrac- 
tion and reflection, correction being made 
for the fact that the rays in the refracted 
beam are compressed more and more closely 
as the critical angle is approached. These 
curves have been calculated by Kruess,1 and 
in Pig. 19, the intensity curve for a band 1 0 
wide is given for p.= 1,6, and p.= 1.0J. 'Yhat 
\\;U the eye adopt as the "edge" of such a 
band? There is reason for believing that 
the "edge" will be that part at "hich the 
intensity is diminishing most rapidly. 'Yhile 
it is not evident from Fig. 19, on account of 
the scale on which it is drawn, the slope 
of the intensity curve increases continuously 
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1 Hugo Kruess, Zeit. j. Instk. xxxix., )Iarch 1919, 
p. 73. 
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up to the critical angle, and is therefore 
greatest at this point. Therefore, if the 
above suppositiQn 
1J is correct., the same 
setting should be 
made as if the 
brightness were 
uniform up to the 
edge and suddenly 
dropped to zero. 
That this some- 
what unexpected 
result is correct to 
a high order of 
accuracy has been 
demonstrated ex- 
perimentally.1 Con- 
sequently the criti- 
cal angle setting 
only requires the 
easily determined 
co rrec tion, men- 
tioned above, for 
irradia tion and 
personal equation. 
The results of the 
method may there- 
fore be employed 
with confidence 
for com paris on 
with those obtained 
by the minimum deviation method. 
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III. REFRACTOMETERS 

 (11).-The methods which have been 
described in some detail in the preceding para- 
graphs are those suitable for the most precise 
absolute determinations. They involve a con- 
sidera"ble amount of time to carry out com- 
pletely,and also requiro carefully worked prisms 
of fairly large dimensions. They are even more 
troublesome when applied to the case of liquids; 
as the liquid has to be contained in a hollow 
prism, built up of accurately plane parallel 
pieces of glass, which has frequently to be 
t,aken to pieces for thorough cleaning. 
There is a large amount of refractometry, 
which has to be done in connection with various 
industries, for which the very highest accuracy 
is not demanded, and for which the time and 
trouble involved in such detenninations would 
be unjustifiably expensive. :For such purposes 
a number of instruments have been devised, 
most of which are largely empirical in their 
results, but which are very rapid in use, and 
req
IÌre a minimum of material and labour 
for the preparation of the necessary specimens. 

 (12) ABBÉ'S AUTOCOLLI"MATION SPECTRO. 
scoPE.-This instrument employs a modifica. 
tion of the minimum deviation method in which 
1 Guild and Dale, Trans. Optical Soc., 1920, 
xxii. 13. 


the telescope also serves as collllnator. In the 
upper half of the focal plane of the eyepiece 
is a slit. The light enters by a hole in the 
side of the tube and is reflected through the 
slit by a small 45 0 prism. In the lower half 
of the field is a sharp pointer. The prism 
employed for the test is cut with an angle of 
30 0 . The prism table is rotated until the 
light refractcd at the first face of the prism 
meet.s the second face normally, and is 
returncd along its path to form an image of 
the slit in the focal plane of the telescope. 
'Vhen this image coincides with the pointer, 
the normality of the beam to the second face 
of the prism is exact. 
The angle of refraction is then equal to the 
angle of the prism. The angle of incidence, 
i, is found by rotating the telescope until it is 
normal to the first face of the prism, and the 
refractive index is obtained from the formula 
sin i 
J1. - sin O ' 
The method is not very convenient for 
accurate determinations of the refractive 
index, since the value of 0 must be deter- 
mined; but it gives quite accurate values for 
the dispersion. It has the advantage for 
commercial work of req uiring only half aG 
much glass as a 60 0 prism, but has the dis- 
advantage over some of the empirical refracto- 
meters, described later, of requiring two first- 
class surfaces instead of only one. 

 (13) PULFRICH REFRAcToMETER. 2 -This 
employs the TV ollaston method discussed theo- 
retically in 

 (2) to (5). The main feature of the 
instrument is a block, A, Fig. 20, with one 
polished face horizontal and another vertical. 
The substance whose index it is desired to deter- 
minc is placed in contact with the horizontal 
surface and a convergent beam of mono- 
chromatic light, L, is directed along the inter- 
face. In Fig. 20 (a) the arrangement employed 
for liquids is illustrated. A circular glass 
tube, C, is cemented to the block with a cement 
or wax which is not soluble in the liquid 
to be examined, some of which is poured 
into the cell thus formed. A portion of the 
incident light is refracted from the liquid 
into the block, ultimately emerging from 
the vertical face into the air, and is received 
by a telescope. As in thc casc of thc critical 
angle method for determining the index of 
the prism itself, a band of light is produced 
in the field of view which has a sharp edge 
corresponding to the direction of emergence 
of a ray incident at grazing incidence on the 
first face. The anglc of cmergence, e, which 
this ray makes with the normal to the vertical 
face of thc block is determined. In order 
to set the telescope normal to the face of the 
2 C. Pulfrich, Zeits. Instrll , mentenk. 1888, viii. 47 ; 
and 1895) xv. 389. 
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block it is provided with an autocollimating 
device, consisting of a small 45 0 prism fixed 
behind a portion of the cross-lines. This 
l}risHl can be illuminated by a lamp placed 
to the side of the instrumen t. \Vhen the 
telescope is approximately normal to the face 
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FIG. 20. 


of the block a reflected image bf the illumin- 
ated face of the little prism is seen at the side 
of the field opposite to the prism itself. It is 
crossed by images of the parts of the cross-lines 
which are in front of the prism. 'Yhen the 
actual cross-lines are brought into coincidence 
with thosp images the axis of the telescope is 
normal to the face of the block. 
To avoid having to place the head in incon- 
venient positions, the telescope is constructed 
as in Fig. 20 (c), with a right-angled prism 
behind the object glass, so that the main 
body of the telescope is always horizontal. 
The circle is usually dirided so as to read 
to minutes bv means of a vernier. It is 
provided with 
 a radius arm and micrometer 
tangent screw by means of which it may be 
mO\
ed through a range of 50 or 6 0 , for which 
readings can be taken on the drum of the 
tangent screw to 0.1 minute. Thus the 
actual "alues of e can be determined to about 
I minute, which, from the curves of Fig. 4, 
corresponds roughly to I unit in the fourth 
decimal place, whereas the differences of 
readings within the range of the tangent 
screw may be accurate to 0.1 minute, corre- 
sponding "to about 1 unit in the fifth place. 
The quantities usually wanted in practice 
are the refractive index for some wave-length 
near the brightest part of the spectrum and 
the di
persion, i.e. the differences in refractive 
index for a series of lines S"pread throughout 
the spectrum. The lines almost universallv 
used are C, D, F, and G', the first, hird, and 
fourth being obtained from the vacuum tube 


spectrum of hydrogen, and the second being 
the well-known sodium line. The procedure 
usually followed is to bring the tangent screw 
to the beginning of its range, and rotate the 
telescope so as to bring whichever of these 
lines corresponds to the smallest value of e, 
usually C, to the middle of the field. The 
circle is then clamped to the radius arm and 
the settings on tht" various bands madt" by 
means of the tangent screw. By noting the 
circle reading which corresponds to some 
reading on the tangent screw, and correcting 
for the reading which corresponds to the 
normal (e=O), the values of e for the various 
lines will be obtained correct to 1 minute, but 
mutually consistent to a much higher degree. 
For determining the indices of solids, the 
arrangement of Fig. 20 (b) is employed. The 
specimen requires to have two polished faces, 
one of them two to three em. long and accur- 
ately flat. The other, which should be approxi- 
mately at right angles to the first, need only 
be a few millimetres deep, and its quality is 
immaterial provided it intersects the first 
surface in a clean sharp edge without trace of 
bevel. 
In order to obtain optical contact, so that 
refraction from the specimen to the block 
may occur, it is necessary to interpose a film 
of liquid of higher refractive index than the 
specimen. If the film is parallél-sided-which 
can always be secured by examining the 
interference bands at the interface - the 
presence of the film does not affect the ultimate 
direction of the rays, which is the same as if 
the specimen were in optical conta.ct with the 
block. 
For this refractometer, in which the angle of 
the block A is 90 0 , equation (6), 
 (2). becomes 
P_1 2 = !J.2 2 - 8in 2 e. 
For convenience in c
mputation the instru
 
ments are usually supplied with tables ghing 
the indices corresponding to values of e, 
increasing by intervals of 10 minutes. for each 
of the lines C, D, F, and G'. The ,""a lues for 
intermediate angles are obtained by pro- 
portionate interpolation. 
rnfortunatelv such tables as issued are 
rarely sufficiently accurate for any but the 
roughest approximation. The actual angle 
of the block usually departs appreciably from 
00 0 ; and thp values adopted for the indices 
of the block are those determined for a speci- 
men of the melting used for a number of 
blocks, and mav differ considerably from those 
actually posses
ed by anyone of them. 
The angle should always be measured, and 
th". true 'indices of the 'block deduced from 
careful determinations ,,,ith a substance whose 
indices have been detennined by an accurate 
absolute method; or, if t
li
 is not. available
 
with a specimen of quartz" for which the 
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values are reasonably well estaLlished. Hav- 
ing obtained thi
 information a new set of 
tables can be computed; but it is much 
simpler to employ the erroneous tables and 
a})ply carrections. 
For instance, suppose the angle of the prism is 
90 0 - 00, where 00 is a small quantity. 


00 
}.tl =;11 - Te 
õO ,.j 2 _ 2 
=j1 - _ }.t2 }.t1 ( from 13 ) 
1 2'06 ' 


where /1] is the value given by the tablc
. TIle 
tabulated value, ill has to be diminished to give 
the true value if the angle of the block is less 
than 90 0 , and increased if the angle is greater 
than 90 0 . The correction can be calculated for a 
series of values of ii I ) say 1'5, 1.55, l.ü, l'ü5, etc. 
It will not be necessary to tabulate it for smaller 
intervals unless the error in angle is unusually 
large. 
A similar small correction can be applied to the 
tablf's for errors in the assumed values of }.t2' This 
of course has to be done for each wave-length. Let fi2 
he the assumed value used in computing the tablef'!, 
and }.t2 the true value. Also let P-l be the value of 
the index under test as given by the tables, and }.tl 
the true value. 


- ÔfJ.1 ( _ ) 
JLl = J.A.l - ;s- fJ.2 - }.t2 
<-'}.t2 


=;11 -1!
(i12 - }.t2)' 
1-'-1 
This correction can also be tabulated for a series 
of values of ïi 1 for each wave-length. If there is also 
an error in the angle of the block, the two corrections, 
being small, can be obtained separately as above and 
added to give a 
ingle correction. 
The total correction for values of ill increasing 
by intervals of .01 can be got out in a comparatively 
short time. The corrections should be computed 
to the sixth decimal place to prevent accumulations 
of small errors mounting up to I in the fifth place. 1 

 (l!) THE ABB}
 R.EFRACTOl\iETEH. - This 
instrument is of lower accuracy than the 
Pulfrich refractometer and gives results which 
are only reliable to a few units in the fourth 
decimaÌ place. 
The essential parts of the instrument are 
shown diagrammatically in Fig. 21, the 
arrangement of parts being that followed in 
thp instrument made by Bellingham and 
Stanley of London, which has various advan- 
tagcs over the Zeiss model. PI and P 2 are two 
prisms of dense glass. Surfaces 1, 3, and 4 are 
polished; surface 2 is matt. The prism PI 
is hinged at H, so that it can be swung away 
from P 2 and removed altogether if desired. 
In determining the index of a liquid, a drop 
of the latter is placed on Rurface 2, which is 
1 For a discussion of the possihiIitiPs of the 
Pu1frkh Rf'fractomf'ter amI the limitations of 
('xisting pattf>rns of the instrum('nt t see Guild t 
Proc. Phys. Soc. xxx. part 111t p. 157. 


then dosed up into contact with surface 3, 
the liquid being sllueezed out into a thin film. 
Light from a suitable source is directed to- 
wards the prism system by a mirror 1\1. It 


:FIG. 21. 


strikes the matt surface 2, and is scattered 
into the liquid film and the })rism P2' Since 
no ray can enter P 2 with a greater angle of 
refraction than that of the ray at grazing 
incidence, the emergent rays when collecicd 
by a telescope will all COI1\Terge to points on 
one side of a line in the focal plane. The field 
will therefore be divided into dark and light 
portions, the edge of the bright IJort,ion 
corresponding to the value of e for the critical 
rays, as in the similar cases previously dis- 
cussed. 
The rotation of the telescope is registered 
on a graduated arc which reads refractive 
index directly. In practice the instrument 
is used with white light. To com}Jensate for 
the disl)ersion of the system, and at the same 
time get a rough measure of the dispersion 
of the substance under test, the ingenious 
device is a,dol)tpd of introducing a reverse 
dispersion by means of two direct vision 
prisms. These are mounter1 one above the 
other in front of the object glass of the tele- 
scope, and are geared so that by turning a 
milled head they may be rotated in O})})osite 
directions. They are so oriented t.o star t 
with that their planes of dispersion are parallel 
to each other and to the principal plane of the 
l)rism P 9 , their dispprsions being additive. If 
k is the 
ngular dispersion of one of the prisms 
between thp C and F lines, the total dispersion 
in this position is 2 It. If now the prisms are 
rotated at equal rates in OP1)osite directions, 
the resultant dispersion is still parallel to the 
principal plane of P2' but i
 diminished. For 
any orientation, ø, from thp initial })osition 
the resultant dispersion is 2 k cos ø. 'Vhen ø 
is 90 0 the dispersion due to the prisms is Zf'ro, 
and when rþ pxceedR 00 0 it changes sign, and 
inere3 ses to 2 1.: in the reverse direction. 
In using the instrument the critical edge as 
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arrangement is advantageous with specimens 
whose edges are irregular or not apIJroximately 
pe
Ðndicular to the face in contact with the 
block of the instrument; but the edge is not 
so sharp nor the contrast so good as \\ ith 
grazing incidence. In order to l)ass readily 
from one method of illumination to the other, 
the source is mounted in line with the axis 
of rotation of the tdescolJe, the light being 
reflected in the direction L or L' by a mirror 
mounted on an arm which rotates about the 
same axis. Thus, by swinging the mirror, 
the light can quickly be adjusted for either 
type of illumination. 

 (16) THE DIPPIXG REFRACTO::\IETER.-This 
instrument is designed for the refractometry 
of liquids available in fairly large quantities. 
It is only suitable for use over a small range of 
index and is therefore mainly used for special 
purposes, such as the estimation of alcohol, 
wines and beers, sea 8nd Ulineral waters, etc. 
The principlf' of the apparatus will be clEar 
from Fig. 23. P is 
 cylinder of glass on which 
a plane surface inclined at about 30 0 to the 
axis has been ground and polished. The end 
of the instrument is immersed in the liquid, 
which is contained in a vessel "ith a glass 
side so that light reflected 
from a diffusing reflector, 
R, may enter the vessel. 
The critical edge is viewed 
in the focal plane of the 
eyepiece, in which there is 
also a scale divided to read 
refractive indices direct Iv. 
A is a direct vision pris
l 
which compensates the 


first observed will probably be spread out into 
a short spectrum. The compensating prisms 
are rotated until the colour disa})l)ears and 
a sharp achromatised edge is obtained. The 
cross-lines are set on this edge; the reading 
on the arc then gives the index for sodium 
light. The orientation of the compensating 
prisms gives, by reference to a set of tables 
supplied with the instrument, a rough value 
of the disl)crsion, from C to }.." of the su b- 
stance under test. 
To use the Abbé refractometer to detennine 
the indices of solids, the prism P is removed, 
and a specimen similar to that employed 
with the Pulfrich refractometer placed against 
face 3, optical contact being obtained by a 
film of liquid, as described in connection with 
the latter instrument. 

 (1.3) ÂBBÉ'S CRYSTAL REFRACTO:\IETER. 1 - 
Tò.is instrument is designed for the conT'enient 
examination of crystals in different orienta. 
tions. The block is in this case hemispherical, 
Fig. 22, and is fitted with a cell to contain 
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liquids. The crystal specimen is }Jlaced on 
the surface, immersed in a liquid of higher 
refractive index. The axis of rotation of 
the telescope passes through the centre of the 
hemisphere, so that the optic axis is always 
normal to the latter. The front surface of the 
object glass is close to the hemisphere and 
parallel to it, thereby neutralisillg the effect 
of the curvature of the block on the focus of 
the emergent beam. There is evidently no 
deyiation of the beam on leaving the block, so 
that when the telescope is set on the critical 
edge it measures r, th
 angle of refraction of 
the critical ray into the block. The index 
of the specimen. J.LIt = J.L2 sin r. 
It is possible to rotate the hemisphere about 
a vertical axis, thereby altering the orientation 
of the crystal with respect to the direction 
of the light. The illuminatiQn may either 
b'3 supVlied at grazing incidence, as in the 
Pulfrich refractometer, or the beam mav be 
incident from within the glass as shown 
dotted at L'. In the latter ca!;e the critical 
edge dirides the field into reg:ons of total and 
partial reflection, the critical direction being 
the same as for grazing incidence. The 
1 See S. f'zapski, Zeits. f. Instrumentk., 1890, x. 
2!6, and Feussner, ZeUs. f. Instrumentk., 1894-, 
XIV. 87. 
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dispersion and ensures a sharp achromatic 
edge. The instrument is usually supplied 
with several nose-pieces of different glass to 
render it suitable for different ranges. The 
most usual range is 1.32.3 to 1.:3ü,j. 


IV. EFFECTS OF TE
IPERATURE AXD PRFSSL'RE 

 (17).-ln the preceding paragraphs we 
have concerned our!'ehTes "ith the methods of 
determining refracti,-e indices as accurately as 
possible, under the rirrumstanres u'/iirh premil 
during the determination. For the results to 
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be of value it is necessary to state them in 
such a form that they can be compared with 
those made under other conditions. In the 
first place. the quantity measured by all the 
methods employed in practice is the relath'e 
index, i.e. the absolute index of the substance 
with respect to vacuum divided by the 
refractive index of air. If ìi is the absolute 
index and I-'- the observed index, jl = J.Ln, 
where n is the refractive index of the air 
during the observation. Both jj, and n are 
affected by temperature, and n is also affected 
by pressure. An observed value of fJ. is 
therefore only correct for the particular 
temperature and pressure for which the 
determination was made. 
As regards the variation of 'ß" this may be 
taken as linear over the usual range of la bora- 
tory temperatures, so that P-t= jJ,t' + fJ.a(t - t'), 
where a is the temperature coefficient of abso- 
lute index, and is taken as positive when the 
index increases with temperature. 
The variation of n with temperature and 
pressure follows Gladstone and Dale's law 
that n -1 is proportional to the density of 
the gas. Thus . 
1) ( 760 ) P 273 
n t - 1 = no - 1 700' 27 3 + t 
=ß( 1 + 7
0 ) (1- 2
3 ) =ß +ßi
O -ß2
3' 


where 1 + ß is the refractive index of air at 
0 0 C. and 760 mrn. pressure, and ô is the 
exress of pressure above 760 millimetres. 
Let 
8 be the observed relative index at to C. 
t 
and 760 + ô mm. pressure, then 
i1 =p.,Bn B =fJ. S ( 1 +ns -1) 
t t t t t 
8 ô t 
= fJ. t + J.Lß + fJ.ß 760 - J.Lß 273 ' (i.) 


This gives Üt in terms of the observed relative 
index. Similarly, for observations at any 
other temperature and pressure, 


_ , _ s' a' t' 
fJ.t - fJ. t ' + J.Lß + fJ.ß 760 - fJ.ß 273 ' (ii.) 
Subtracting (ii.) from (i.) and rearranging, we 
get 
l/ B ô - ò' ( , ( ß ) ( "' ) 
J.L t , = fJ. t + J.Lß 760 - p t - t) a + 273' Ill. 


Equation (iii.) gives the relative index at any 
temperature and pressure in terms of the 
relative index at the temperature and pre8sure 
of the ohservation. It is eviùent that the 
temperature coefficient of the relative index is . 
a + (3/273. 
These relationships enahle us to express a 
result either as absolute index at a standard 
temperature, or as relative index at a standard 
temperature and pressure. The most useful 


in practice is the latter, and, where possible, 
results should be expressed for a temperature 
of 17 0 C. and a pressure of 760 mill. 
The values of ß can be obtained from the 
results of Kayser and Runge,l Scheel,2 and 
others. Kayser and Runge's formula for 
damp air at 0 0 C. and 760 mm. pressure is 


ß= 10- 7 (2878.7 + 13. 16 à +0. 316 14)' 
where ^ is the wave-length of the light. For 
dry air 3 x 10- 7 should be added. This 
difference is negligible for our present purpose. 
The following table gives the indices for dry 
air for various spectrum lines: 


Designation Approximate I 
in Holar ß. 
Spectrum. À. 
A 7590 AU. .0002905 
B 6870 " .0002911 
C 6360 " 
914 
D 5890 " 2922 
E 5270 " 2933 
F 48f>0 " 2943 
G 4310 " 2962 
H 3970 " 2978 


From these figures the reduction of the 
results to standard pressure can álways be 
performed; and. if a is known, the reduction 
from one temperature to another. The co- 
efficients both of absolute and relative index 
are given for a typical series of optical glasses 
in Hovestadt's "Jenaer Clas." li"or the 
ordinary flint glasses a varies fairly regularly 
with fJ., and the value for any glass of this 
type can be found sufficiently accurately for 
correction purposes by interpolation. For the 
more complex glasses, hQwevpr, the data are 
insufficient for interpolation, except for glasses 
which are very near one of the type glasses, and 
it may be necessary to determine a. In 
doing this it is safest to avoid attempts to 
heat the prism. It is very difficult to obtain 
reliable results in this way. In most labora- 
tories there is some room or rooms of which 
the temperature can be varied over a range 
of at least 10 0 C., so that measurements can 
be made, with the whole apparatus at a 
uniform temperature, over a sufficient range to 
give the necessary accuracy in a for correcting 
over a smaller range. 


V. SPECIAL VARIETIES OF SPECTROSCOPES 

 (18).-1'he type of spectrometer discussNI 
in 
 (6) is really in principle the simplest and 
earliest form of sp<,ctroscope, elaborated in 
mechanical detail so as to enable the measurc- 
1 AUtm'lfll. d. Rerl. Akad. Wiss., 1893. 
2 Bert. .Verh. d. Physik. Ges., 1907, ix. 
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ments involved in refractometry and gonio- 
metry to be maùe with the utmost accuracy. 
Except for these specific purposes, ho\\ ever, 
such an instrument \\ ould rarely be used. 
It would find no place, for instance, in the 
equipment of a modern spectroscopic labora- 
tory, where the primary object of the work 
is the identification and accurate measurement 
of wave -lengths. Such determinations are 
always made by interpolation between adjacent 
lines of known wave-length, and the spectro- 
scopist is never concerned \\ith any but quite 
small angular measurements. This being so, 
the instrumental requirements are somewhat 
different. Not only so, but the development 
of photographic methods has practically ousted 
the spectroscope as an instrument of spectro- 
scopic research. 
Thus the beautifully designed instruments, 
'with long trains of prisms intended to give 
very high resolving POWH, which were formerly 
features of spectroscopic laboratories, are now 
rarely if ever employed; they are replaced 
by spectrographs, which not only are capable 
of greater accuracy, but have the inestimable 
ad\Tantage of giving permanent records of the 
observations. The visual spectroscope is only 
u;;;ed for the identification of simple known 
spectra, or for other work for \\ hich great 
accuracy is not required. The special needs 
of the spectroscopic laboratory are beyond the 
purview of this article, which deals primarily 
with the requirements of the "applied" 
rather than the "pure" physicist; but a 
certain amount of spectroscopic equipment, 
suitable for general work, is essential in an 
optical laboratory. 

 (19) THE DIRECT VISIO
 SPECTROSCOPE.- 
This im:jtrument, which is suitable for the ex- 
amination of light sources to ascertain the 
general nature of their spectra, has all its parts 
mounted in one straight tube, and is therefore 
easily directed to the light when simply held 
to the eye. Its essential element is a com- 
pound prism, P (Fig. 21), \\hich consists of a 
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prism of dense flint glass cemented \\ith 
Canada balsam between two prisms of cro\\ n 
glass. The refractive index of the denser 
glass will be about 15 per cent greater than 
that of the other, but its dispersion may be 
t\\ice as great. Consequently, if the prisms 
be cut to such angles that the total de'Tiation 
for, say, the sodi
m light is zero, rays at the 
blue end of the spectrum "i]] be deviated 
towards the base of the dense pri<;m, and those 
at the red end will be deviated in the opposite 


direction, on account of the preponderating 
dispersion of the flint glass. 
The collimating and telescope lenses, L] 
and L:?" have usua]]y a focal length of 2 to 3 
inches. In some instruments the slit, s, is 
fixed, and the positions of lines in the spectrum 
are read on a scale in the focal plane of the 
eyepiece. This is only convenient for instru. 
ments of small dispersion. If the dispersion 
is large the "hole spectrum cannot be seen 
in the field of ,-iew at once. In a convenient 
form of instrument made by Hilger the slit 
can be moved acrORS the end of the tube by a 
tangent screw. By this means different parts 
of the spectrum can be brought to the centre 
of the field of view, which is marked by a 
pointer. 
Larger and more ambitious types of direct- 
vision spectroscope can be obtained; but 
for anything except the roughest of purposes 
it is better to employ- 

 (20) THE HILGER COXSTAXT DE"VIATIOY 
SPECTROSCOPE.-This is an eÀceptionally con- 
venient instrument for general laboratory use. 
Fig. 2.3 (a) is a diagrammatic plan. The colli- 
mator C and telescope T are permanently fixed 
at right angles to each other. The prism P 
is clamped to a table which may be rotated 
through a small angle by means of a tangent 
screw. The nut in which the tangent screw 
works is attached to the fixed part of the 
stand, and its movement is registered by a 
drum D \\ith spiral scale. The special feature 
is the prism, \\ hich can be regarded as built 
up of three prisms arranged as shown in Fig. 
25 (b). II a ray of Jight is incident at. such an 
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angle on AD tbat it is refracted parallel to 
BC it will be parallel to EA after intel11al 
reflection at the hypotenuse face of the 4.3 0 
prism CED. It is therefore incident on AD 
\\ ith an angle of incidence etjual to the angle 
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of refraction at AB, and so emerges from the 
prism at an angle, e, which is equal to the angle 
of incidence i. Since D
.\B =90 0 and i =e, 
the incident and emf'rgent rays are at right 
angles. But we may regard ACB and ADE 
aq two halves of a 60 0 prism, so that a ray 
which travels paranel to BC and EA suffers 
minimum refraction. l This applies to any 
ray which traverses the prism and emerges 
at 90 0 to its initial direction. Clearly the 
shorter the wave-length, and, consequently, 
the greater the refractive index of the prism, 
the greater the angle i will have to be in order 
that the refracted ray should be parallel to 
BC. Thus as the prism is rotated by the 
tangent screw, thereby altering the angle of 
incidence of the beam from the collimator, 
the spectrum will pass across the field of 
view, each wave-length being at minimum 
deviation, in the restricted sense indicated in 
the footnote, at the moment when it occupies 
the centre of the field. 
The advantages of this instrument over an 
ordinary 60 0 prism spectroscope are, firstly, 
that both telescope and collimator being fixed 
extreme rigidity and permanence of adjust- 
ment are obt:.1Ïned; and, secondly, no readjust- 
ments of the prism are necessary in order to 
get minimum deviation for all measurements. 
The drum is graduat.ed to read wave-lengths 
directly; and all that is necessary is to adjust 
the cross-lines of the eyepiece occasionalJy so 
as to make the instrument read correctly for 
some known wave-length. 

 (2n :\IO
OOHRO
IATIO ILLUl\IINATORS.-It, is 
frequently necessary to ohtain monochromatic 
light, either from a source giving a continuous 
spectrum, or by isolating a particular line in 
a line spectrum. Any spectroscope can be 
used for this. It is only necessary to replace 
the eyepiece by a second slit in the position 
normally occupied by the cross-lines. If the 
collimator slit is illuminated hy white light, 
or light containing more than one spectrum 
line, the light which passes through the 
second slit can only contain the wave-length 
of that part of the spectrum which falls on 
it. Either the direct vision spect.roscope 
described above, or the constant deviation 
spectroscope, make excellent monochromatic 
illuminators. The former is particularly suit- 
able for separating the green line of the 
mercury spectrum from the other lines. If 
the slit widths are chosen as wide as possible 
without including any of the nearest yellow 
line, the resulting iJIumination is very bright, 
and Ruitable for such purposes as polarimetry 
1 The total deviation, which is due not only to 
refraction but to reflection at DC, is never a minimum. 
It is only the portion (hIP to rf'Îraction that has a 
minimum value; hut under these conditions the 
magnifkation is unity, as in the ca
e of a 600 pri
m 
at minimum dC'viation. It is only in thi:-; restricted 
sen
e that tllC' term minimum deviation can be 
employeù in connection with this instrument. 


where an intensf' light is required. For use 
with white light greater dispersion than that 
of the direct - yision instrument is required, 
and the constant - deviation spectroscope is 
better. Hilger makes a special form of the 
instrument for use as a monochromatic 
illuminator. The telescopes are shorter and 
of larger aperture, thus securing a greater 
amount of light. and both sEts open sym- 
metrically. On account of the fixed direction 
of the emergent beam, the Hilger instrument 
is specially suitable for purposes in which it 
may be necessary to vary the wave-length 
during an experiment. The importance of 
being able to do this will be rcalised in reading 
the article on Immersion Refractometry. 
There is one precaution which must be 
borne in mind in using monochromatic 
illuminators for work, such as polarimetry, 
in which complete exclusion of other wave- 
lengths is essential. There is always a 
proportion of the light which passes through 
any spectroscopic system scattered irregularly 
at the surfaces of the lenses and prisms, and 
even within the material. This is due to 
imperfect polishing, minute air-bubbles, and 
to any dust partiC'les that may be present. 
Some of the scattered light, which contains 
all wave-lengths present in the light from the 
source, passes through the slit in addition to 
the rays which are properly focussed there. 
Thus, in separating the green line of mercury, 
if the light from the monochromatic illuminator 
is examined by another spectroscope it will 
be found to contain an appreciable quantity 
of the yellow and blue radiations. For most 
purposes this is immaterial, but for polarimetry 
it is fatal, on account of the rapid variation 
of optical rotations with wave-length. It is 
necessary in this case to pass the light from 
the first illuminator through a seconù, which 
reduces the sC3.ttered residuum to a negligible 
amount. J. G. 


SPECTROSCOPY, MODERN 

 (1) ApPARATUS AND l\lE'l'HODS OF OBSERVA- 
TIoN.-In the classical researches of Bunsen 
and Kirchoff, one of the chief functions of 
the spectroscope appeared to lie in its use 
as a tool in chemical analysis and in the 
discovery of new elements, and indeed it 
may be said that many of the chemical 
elements would probably P.0t have b('('n 
detected or isolated without the help of the 
spectroscope. In addition to the spectro- 
scopic detection of elements, by examination 
of the radiations which they emit when in 
the state of luminous gases, the spectroscope 
has proved of signal service in the identifi- 
cation of compounds, particularly in organic 
chemistry, by observation of the radiations 
which they absorb, either in a pure state or 
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"hen dissolved in appropriate solvents. At 
the present time, however, the main uses of 
the spectroscope are in its application to 
physical problems, in which it has proved one 
of the most powerful methods of attack in 
many widely differing fields of investigation. 
In its simplest form the spectroscope consists 
essentially of a slit on which the image of a 
luminous source is projected, the rays \\ hich 
traverse the slit being made parallel by means 
of a lens, known as the collimating lens, and 
after passing through the dispersing system, 
consisting of one or more prisms, being brought 
to a focus by means of a telescope lens, the 
spectrum being either observed visually 'with 
an eyepiece or recorded permanently . on a 
photographic plate. This simple system forms 
the basis on which the modern spectrometer has 
been developed, and can be used in this form 
for preliminary visual observation and approxi- 
mate measurement of wave-lengths. In recent 
years, ho\\ever, visual observations have been 
almost entirely superseded by photographic 
methods, for the latter have numffOUS advan- 
tages both in regard to accuracy of measure- 
ment, the range of wave-lengths which can 
be recorded, and m\ing to the fact that a 
considerable portion of 
 the spectrum can be 
photographed at the same time on the plate, 
thus obviating the instrumental displace- 
ments which are liable to occur when con- 
secutive measurements are made. Spectro- 
graphs were formerly designed with trains of 
prisms of relatÍ\rely small aperture and lenses 
of short focal length, but in recent years there 
has been a tendency towards single prism 
instruments of large aperture, the required 
dispersion being obtained by the use of lenses 
of greater focal length. In the design of all 
forms of spectrograph, rigidity of all the parts 
is an essential feature, since exposures often 
extending over many hours have to be made. 
and any displacement of the apparatus would 
give rise to serious errors in measurement or 
loss of definition. In designing a spectrograph 
for a particular purpose it is generally necessary 
to arrive at some compromise between dis- 
persion and light-gathering power, the former 
attribute being essential for the accurate 
determination of wave-lengths and the latter 
for recording faint spectra which would require 
impracticably long exposures \\ith an instru- 
ment of low light-gathering power. For the 
accurate determination of wave-lengths either 
concave gratings or plane gratin
s mounted 
wIth lenses of long focus are to be preferred, 
though good results can be obtained "ith 
prism instruments of adequate dispersion. 
}'or the photography of faint spectra it is 
often essential to u
e prisms of large aperture 
and lenses of relati\rely short focal length "ith 
a consequent sacrifice of dispersion. For the 
visible spectrum and the ultra-violet spectrum 


down to about 3ûOO Á. the lenses and pri
ms 
are usually made of glass, but for the more 
refrangible rays do" n to 1800 Å. both lenses 
and l)risms are made of quartz, since glass is 
opaque to these radiations. In the latter case 
the quartz prisms are made up of t\\ 0 halves of 
right- and left-handed quartz respectÍ\rely, and 
the collimating and camera lens are also made 
of right- and left-hand quartz in order to ob- 
viate the doubling of the image" hich would 
otherwise occur. An instrument which is 
now "idely used and which has many advan- 
tages is known as the Littro" spectrograph. 
This mounting, in which the principle of auto- 
collimation is used, is applicable both to grat- 
ings and prisms and is essentially similar to 
the Abbé spectrometer. In the determination 
of wave-lengths a spectrum containing a 
sufficient number of lines of kno" n wa ve- 
lengths is photographed in juxtaposition to or 
superposed on the spectrum to be measured. 
The wave-lengths of the unknown lines are 
determined by measurement of their positions 
"ith respect to the standard lines and subse- 
quent reduction by appropriate f
rmulae. In 
all accurate work the utmost care must be 
taken to ensure correct superposition of the 
spectra and to guard against i
strumental 
displacement between successÌ\
e exposures. A 
great deal of attention has been paid to the 
photographic plates used for spectroscopic 
purposes, and whereas ordinary plates are 
insensitive to wave-lengths greater than about 
5000 Å. it is now possible to obtain plates 
which have been bathed in appropriate dyes 
which render them sensitive as far as the 
extreme visible red, and by the use of dicyanine 
bathed (I) plates it has recently been found 
possible to extend the sensibility of the photo- 
graphic plate to about 9ûOO Å. In the regions 
of shorter wave-length the ordinary plate is 
sensitive to about 2000 A., but beyond this 
limit its sensibility falls off rapidly owing to 
the absorption of the more refrangible rays 
by the gelatine of the plate. Plates are now 
made on a commercial scale in which this 
difficulty is overcome by following the special 
methods of preparation devised by Schumann 
(2), in which the gelatine is reduced to a mini- 
mum, and such plates have recently been used 
successfully by Millikan do" n to a \\ ave- 
length of 3ÛO ..\. It should be mentioned that 
a number of special methods, notably that of 
Abney (3), have been devised for the purpose 
of extending the sensibility of photographic 
plates into the infra-red, but the technique 
of these methods is exceedingly difficult and 
laborious and they have not come into general 
use. In spectrographs in which lenses of 
single material (not achromatic lenses) are 
used, it is necessary to incline the plate, so that 
the rays do not fall on the plate at an angl{' 
perpendicular to its surface, and in such cases 
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it is essential t"l],at backed plates should be 
used to eliminate the reflection from the back 
of the plate, though it is desirable to use 
backed plates in all cases in which the most 
critical definition is required. For the photo- 
graphy of the ultra-violet regions below 1800 
Â. it is necessary to use specially designed 
spectrogra phs from which the air can be 
exhausted or which are filled with pure 
helium, since air absorbs these radiations 
strongly. For the examination of the infra- 
red regions of the spectrum which are beyond 
the range of sensibility of photographic plates 
special spectrometers are used. In these 
instruments glass must be eliminated and 
either gratings, or prisms of rock-salt or sylvin, 
are used. Lenses are usually replaced in 
these instruments by concave reflectors of 
metal, and a second slit is placed at the focus 
of the telescope reflector. Radiations which 
tra verse this second slit are detected and their 
intensity is measured by means of a thermo- 
pile or a bolometer which is fixed behind the 
slit. 

 (2) CLASSIFICATION OF SPECTRA.-Lumin- 
ous spectra can be divided into two classes, 
namely continuous spectra, which result from 
the radia,tion of heated solids, and discontinu- 
ous spectra, which are in general l)eculiar to 
luminous gases, though in some cases con- 
tinuous spectra can be observed from luminous 
gases, and solids may under certain conditions 
give rise to spectra which ca.nnot be described 
as continuous. Discontinuous spectra may 
be subdivided into line and band spectra, 
the "former consisting of lines distributed at 
intervals through the spectrum in a manner 
in which certain mathematical relations can 
frequently be found, though the existence of 
such relations is not immediately apparent; 
band spectra usually consist of complex 
groups of lines arranged in a manner in which 
some regularity is 0 bvious, these grou ps 
repeating themselves at intervals in the 
spectrum. The regularities in these two 
classes of spectra are discussed in a later 
section. 

 (3) THE PRODUCTION OF A SPECTRUM. 
(i.) Flame Spectra.-One of the most striking 
phenomena in spectroscopy is to be found in 
the variation in the spectrum of an element 
under different conditions of excitation. The 
spectrum of substances introduced into the 
Bunsen flame consists generally of a certain 
number of lines due to the element together 
with bands due to compounds of the element 
with oxygen or with other elements with 
which it has been introduced into the flame. 
Thus in a spectrum of calcium chloride intro- 
duced into the Bunsen flame we have, in 
addition to the characteristic flame lines of 
the element, bands due to calcium oxide and 
other bands due to calcium chloride, the 


spectrum of calcium bromide bcing thus 
similar as regards the lines and oxide bands 
but showing bands peculiar to calcium bromide 
in place of those due to calcium chloride. The 
efficacy of flames, as a method of producing 
spectra, can be greatly enhanced by introducing 
the substances in a finely divided state, most 
conveniently in the form of a spray (4), but 
the method is in general limited to the more 
volatile elements. 
(ü.) Arc Spectra. - The spectra of less 
volatile elements can be conveniently pro- 
duced by burning an electric arc between 
poles of a metal under investigation or betwC'cn 
carbon poles impregnated or filled with the 
substance in the case of non-metallic bodies. 
\rhen the arc burns between metallic poles 
the spectrum is found to consist of lines due 
to the element and sometimes also of bands 
duo to the oxide; but in the case of sub- 
stances introduced into the carbon arc there 
are a vast number of lines due to impurities 
in the carbon poles and bands which are 
attributed to cyanogen and other carbon 
compound::;. The number of lines exhibited 
by different elements under these conditions 
varies widely, as also does the quantity of 
an element necessary for the appearance of 
its spectrum. The distribution of intensity 
amongst the lines in the spectrum of a given 
element depends also on the density of the 
radiating vapour, and it is found that the last 
lines to disappear from the spectrum when the 
quantity of a substance in the arc is gradually 
reduced are not necessarily the lines which 
are strongest when the density of vapour in 
the arc is greater (3). The recognition of the 
last lines to disappear under t.hese conditions 
is, of course, a matter of imporlance for the 
detection of small quantities of a substance 
which is present as an impurity. The elect.ric 
are, burning between iron l}oles, is a source 
of radiation of great importance in spectro. 
scopy, since its spectrum contains the liiles 
selected as the international secondary stand- 
ards of wave-length, and a special form of the 
iron are, due to Pfund (ü), has been chosen as 
the standard iron arc for this purpose on 
account of the fineness of the iron lines whirh 
it yields. Arc spectra generally contain, in 
adùition to the" arc lines" proper, the lines 
characteristic of the flame spectrum and also a 
certain number of lines which belong more 
appropriately to the spark spectrum. A 
number of interesting changes occur when the 
arc is burnt in vacuo. Under these con- 
dit.ions the spark lines, which are rdativcly 
feeble in air, are greatly enhanced, and the 
oxide bands disappear and are often replaced 
by bands usually attributed to hydrides. The 
arc in vacuo thus represents a transition stage 
bctween the arc in air and the spark Rpectrum, 
and it has the advantage that the sp
rk Hnes 
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are exceedingly narrow and therefore capable 
of mea
urement with a high degree of precision, 
"hich is unobtainable in spectra of condensed 
spark discharges, in which the spark lines, 
though relatively stronger in so far as their 
energy content is concerned, are so diffuse 
as to be unsuitable for measurement. 
(üi.) Spark Spectra.-A striking change in 
the spectra of most substances is found when 
the ârc spectrum is compared with the spec- 
trum obtained when high potential discharges 
from an induction coil or transformer are 
allowed to pass between poles of the sub- 
stance under investigation. 'Yith discharges 
obtained ,,,ithout the use of a condenser the 
spectrum consists mainly of bands due to 
air with feeble metallic lines in the neighbour- 
hood of the poles, but when a condensed 
discharge is employed the spark spectra of 
the poles are obtained together "ith the 
characteristic spark lines due to the nitrogen 
and oxygen of the air. \Yhilst the latter 
lines extend uniformly across the spark gap 
the lines due to the poles are strongest in the 
immediate neighbourhood of the poles and 
extend to varying distances across the spark 
gap (7). Both arc and spark lines are present, 
the latter being greatly enhanced in intensity, 
and being in many cases found only in the 
immediate neighbourhood of the poles, whilst 
the arc lines extend to a considerable distance 
between the poles or right across the gap. 
The lines which extend furthest across the 
gap are precisely those lines which are the la3t 
lines to disappear when the amount of the 
substance in an electric arc is gradually 
reduced. The spark lines themselves extend 
to varying distances across the gap and can 
thus be classified into different groups. A 
remarktble change is observed when the period 
of the condenser is increaRed by the introduc- 
tion of a self-induction coil in the circuit (8). 
Under these conditions the air lines disappear 
from the spectrum, which in other respects 
approximates closely to that of the electric 
are, only the "longest" of the spark lines 
being visible in the immediate neighbourhood 
of the poles. The temperature of the poles 
al;:;o eÀ.erts an influence on the spectrum, the 
effect of cooling being in general to enhance 
relatively the intensity of the spark lines. 
(iv.) Tube Spectra.-Gases can best be 
excited to luminosity by the use of vacuum 
tubes. Such tubes generally consist of two 
glass bulbs connected by a length of capillary 
tubing, each bulb being provided "ith an 
electrode which is usuallv made of aluminium. 
The tubes contain the g
ses to be investigated 
at relatively low pressures, generally in the 
neighbourhood of a few mm. of mercury, 
and can be excited by means of an induction 
coil or transformer. The preparation and 
filling of these tubes require a great de3.1 of 


care, as the spectrum of the substance which 
it is desired to examine is often masked by 
impuritie
, notably compounds of carbon, 
with which the glass tube and the electrodes 
are freq uentIy contami:1a bd. In preparing 
these tubes they are u;:;u3,lly exhausted to a 
very high vacuum, and there are several 
methods by which the desired g:1S can then be 
admitted into the tube in a 
ufficiently pure 
state, but special methods are u;;;ually required 
for different gases. .A53 in the case of the 
spectra of spark discharges between metallic 
pole:-;, the spectra of gases in vacuum tube3 
can be profoundly modified by the introduc- 
tion of a condenser and spark gap into the 
electrical circuit. Xitrogen, for example, 
shows with an uncondensed discharge two 
band spectra, one of which is known as the 
negative band spectrum, and which appears in 
the neighbourhood of the cathode, whilst the 
other, the positive band spectrum, is brightest 
in the capillary portions of the tube. \Yhen 
the condenser and spark gap are introduced 
into the circuit the two band spectra disappear 
and are replaced by a bright line spectrum, 
which is the spark spectrum of nitrogen. 
This spectrum is itself ca pa ble of further 
modification, for when more powerful spark 
discharges are employed certain of the lines 
are relatively enhanced. 'Yith these powerful 
condensed discharges, it is usual to find lines 
due to the constituents of the glass walls of 
the capillary. A very striking example of 
the change due to the introduction of the 
condenser and spark gap is afforded by the 
rare gas argon, which "ith the uncondensed 
discharge glows \\ith a red light, \\ hich changes 
to a bright blue when the condensed discharge 
is used. In addition to spectra due to pure 
substances, it is common to find in vacuum 
tubes bands due to compounds. A large 
number of different types of vacuum tube 
have been designed for different purposes. 
For the investigation of the ultra-violet it is 
necessary to use tu bes of fused silica, or glass 
tubes provided \\ith a quartz "indow. For 
the investigation of some substances, e.g. 
metallic cadmium, which are not volatile at 
ordinary temperatures, it is possible to obtain 
satisfactory results by raising the temperature 
of the vacuum tube. In tubes containing 
mi
tures of gases it frequently occurs that 
the gas whioh is present in smaller quantity 
dominates the spectrum, though it is often 
possible to reverse this state of affairs by a 
change in the conditions of electrical excita- 
tion. Thus in a mixture of helium and argon 
a small quantity of argon is sufficient to mask 
the helium spectrum when an uncondensed 
discharge is used, although the helium lines 
appear blightly when a condensed dischaqre 
is employed. Some gases are decomposed 
by the passage of the electric discharge, and 
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in these cases it is necessary to arrange for a 
continuous flow of the gas through the tube 
so that the products of dccomposition are 
carried away. Changcs in t.he spectrum of 
gases in vacuum tubcs can also be brought 
about by changes in the pressure in the tube, 
and by the presence of impurities. Some of 
these changes are very striking and can be 
observed without difficulty, whilst others are 
discovered only when photometric measure- 
ments are made of the relative intensities of 
the lines. 
(v.) Other Jletlwd':i of Production.-Interest- 
ing results have been obtained by examining 
the spectra of substances at very high tempera- 
tures by enclosing them in graphite tubes 
heated by the passage of. a very powerful 
electric current (9). In such cases the 
luminosity is probably due to temperature 
alone, but it rescmbles in general the spectra 
from electric arcs, although at the highest 
temperatures available a certain number of 
spark lines can be 0 bserved. In recent years 
attention has been paid to the spectra of 
fluorescent substances (10). In the case of 
solids and liq uids, the spectrum usually 
consists of broad and somewhat indefinite 
bands, but in the case of fluorescent vapours 
the spectra are discontinuous and often 
exceedingly complex, the spectrum depending 
on the nature of the exciting light. 
9 (4) ESTIMATES OF INTENSITY.-In record- 
ing a spectrum it is usual to give, in addition 
to the wave-lengths of the lines, an estimate 
of their intensities and an indication of any 
peculiar characteristics which they sho\v. 
Thus, in a given spectrum some lines may 
appear perfectly sharp, whilst others are 
diffuse, either uniformly or in the direction 
of longer or shortcr wave-length. It is usual 
to express intensities on an arbitrary scale 
from 0 to 10, the strongest lines being desig- 
nated 10, whilst those which are just visible 
are given as intensity O. This procedure, 
whcthcr by direct visual observations or from 
photographic platcs, is very inaccurate and 
is subject to considerable personal error on 
the part of the observer. In the infra-red 
rcgions of the spectrum where the thermopile 
or bolometer are used, the intensities can be 
quantitatively measured, and methods have 
been introduced reccntly by which quantitative 
measuremcnts can also bc made photographic- 
ally in the visible and ultra-violet portions of 
the spectrum (11). 

 (5) DOPPLER'S PRINCIPLE.-There are a 
number of phenomena in spectroscopy which 
dcpend on the application of Doppler's prin- 
ciple. According to this principle a small 
changc in the wave-length of a line is found 
whcn the ohserver or the Rourcc of radia- 
tion is in motion. If Au is the wave-length 
.ohserved when both the observer and the 


source are at rest, and if a is the velocity of 
the observer and b that of the source in" the 
line of sight, V bein<J' the velocit y of liaht 
o 
 , 
then A, the observed wave-length when the 
observer or source is in motion, is given by 
the equation 


(Y+b, 
^ = ^o l V :t a J ' 
the upper sign being used in the case of 
approach. 
Thus, if the displacement of a line is 
measured, the velocity of the movina source 
relative to the observer can be det
rmined. 
This has been applied to the deh:rmination 
of the vclocity of the positive rays in hydrogen 
and other gases (12). In such expf'riments 
in addition to the displaced line, there is 
 
line in the undisplaced position, the lat.ter 
being due to particles made luminous in the 
path of the positive rays, whilst the former 
is due to the radiation of the moving lmrticles 
themselves. According to the kinetic theory 
of g
ses the particles of a gas are in motion, 
and III consequence part of the radiation in a 
luminous gas will be from particles which 
are approaching the observer, and some from 
particles which are receding. The result of 
this is that spectrum lines are never infinitely 
narrow, but are broadened according to a 
law which depcnds on the distribution of 
velocities in the gas. These velocities arc 
proportional to the square root of the ahsolutc 
temperat.ure, and inversely proportional to the 
sq uare root of the masses of the radiatin a 
particles. According to the kinetic theury 
the distribution of intensity in a line which is 
broadened in this way follows a law of the 
form y=e- k ;r.2. The width of a spectrum 
line is thus mathematically infinite, but it is 
usual to define it by the" half-\\idth," which 
is the value of x when y = t. Lord Rayleigh 
(13) has shown that if OA is the" half-\vidth ), 
of a line of wave-length A from a source at 
TO ahsolute, the masses of the radiating 
particles, in terms of that of the hydrogen 
atom, being m, 

 -3.r,:7 10- 7 / 1' 
X - 
 x \ m' 


This affords a means of det.crmining the 
masses of the radiating particlcs in luminous 
gases if the tempcrature i8 knmvn, or the 
rclative masses independently of the tempera- 
ture in the casc of mixtures of gases. By 
measuring the "half-\"idths" of thc lines of 
the rare gases from vacuum tubes at ordinary 
temperatures, and when immersed in liquid 
air, it has been possible to show that the 
temperature of the radiating particlcs in a 
disC'harge tuhe is not apprcciably greater 
than that of thc walls of the tubc, and that 
thc mcasured "half-widths" of the lines are 
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in dose agreement "ith the v-alues deduced 
on theoretical grounds (1-1). 

 (6) DISTRIBUTIOX OF IsTEXSITY.-It has 
been found possible to measure the actual 
distribution of intensity in the lines, and the 
results have been found to be in accordance 
with theory. In'
estigations of this kind 
require the use of spectroscopic apparatus of 
very high resoh-ing power, far exceeding that 
of any prism instruments and barely "ithin 
the capacity of the largest gratings. The 
instruments usually employed for investiga- 
tions of this kind are the )lichelson or Fabry 
and Perot interferometers, the Echelon 
diffraction grating, or the Lummer-Gehrcke 
plate (1.3). The method of measuring the 
"idths of lines with the interferometer consists 
in gradually increasing the distance between 
the plates until the interference fringes vanish, 
the ,. half-"idths" of the lines being deducible 
from the optical difference of path'- when this 
occurs (13). By somewhat different methods 
the Echelon and Lummer-Gehrcke plate may 
aI'So be used for measurements of the widths 
of lines. These instrumpnts are of great v-alue 
in all cases in which phenomena delJending 
on small changes or differences of wave-length 
are concerned, though the largest gratings 
can a Iso be used. 

 (7) THE ZEE)IAX EFFEcT.-Amongst the 
phenomena included in this category may be 
mentioned the magnetic resolution of spectrum 
lines into components discO\-ered by Zeeman 
in 1
96 (16). Zeeman found that when a 
source of light is placed in a powerful magnetic 
field the lines are split up into components, 
some of which are polarised in a direction 
perpendicular to the magnetic field, " hilst 
others are polarised parallel to the field, when 
the luminous source is observed transversely 
to the field. In the simplest case a line 
observed transversely is split up into three 
components, the outer components being 
polarised at right angles and the central com- 
ponent parailel to the lines of force. The 
separation of these two outer components is 
an important constant, from" hich the ratio 
of the electric charge to the mass of the elec- 
tron has been deduced. It is found that 
Zn={'
\/X2H) x 10 5 , where 
X b the separation 
of the outer components of a "normal" 
Zeeman triplet, X the wave-length, H the 
magnetic field, and Zn a constant which, 
according to the most recent results, is equal 
to 9.38.'). \Yhen newed along the lines of 
force the resolution in the simplest case is into 
two components of equal intensity which are 
circularly polarised in opposite directions. 
This simple case has been accounted for 
theoretically by Lorentz, but the phenomena 
dre generally much more complex. many dif- 
ferent typ<'s of resolution being now recognised. 
It ha
, however, been found that all lines 


belonging to the same spectral series exhibit 
the saIlle resolution, and corresponding lines of 
different elements behave in the same "ay. 
Runge has shown that in many cases these 
complex separations may be eÀpressed as 
simple fractions of the separation of the 
normal Zeeman triplet, but there are many 
complex types which do not appear to con- 
form '\\ith this rule. The phenomena are even 
more complicated in the case of certain lines 
which exhibit dissymmetries and shifts, and 
complex phenomena are frequently observeJ 
in the resolution of lines which are themseh
es 
close doubles. 
:\Iany spedrum lines, "hen examined under 
a high resohing power, are found to possess 
a complex structure. Tlús is most common 
in lines of the hea'vier elemenb, which are 
frequently accompanied by satellites. Certain 
regularities in the positions of these satellites 
have been observed, but their precise nature 
is not yet understood. 

 (8) YARH.TIOXS OF 'YAYE-LEXGTH.-It has 
bepn found that the wave-lengths of lines are 
in many cases affected by the pressure of gas 
in the luminous source. The change in "ave- 
length observ-ed is usually v-ery small, ev-en 
when very great ranges of pressure are em- 
ployed. These displacements appear to be 
directly proportional to the pressure and vary 
for different lines and for different elements. 
They are independent of the partial pressure 
of the luminous gas, but depend only on the 
total pressure. Recent investigations have 
shown that the prpssure effect is an exceed. 
ingly complex problem. 
It has been founrl that in electric arcs at 
atmospheric pressure minute changes of wa'\e- 
length of some of the lines are to be found 
in the neighbourhood of the poles. This 
phenomenon, which is known as the Pole 
effect, is distinct from the change in wa ve- 
length due to pressure, and is of fundamental 
importance in the choice of standards of wave- 
length. The eÀact nature of the phenomenon 
is at present not fully understood. 
Spectroscopic apparatus of v-ery hif!h re- 
solving power is reqrured in the inn'stigation 
of the minute difference::; in wave-length which 
ha ve been 0 hserved between the lines of th
 
isotopes of lead. 

 (9) THE STARK EFFECT. - Stark dis- 
covered in 1913 (17) that whpn certain 
spectrum lines are emitted in strong electric 
fields they are resolved into components, 
"hich. as in thE' case of the Zeeman effect, 
are polarised in different planE's. This pheno- 
menon differs from the Zeeman effect in the 
fact that the resolution is not thE' same for 
lines of thE' f:ame series. the separation and 
numbpr of the components increasing "ith the 
term number, though. as in the case of the 
Zeeman effect, the polarisation and Dumbe!" 
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of the components depend on the direction 
with réspect to the field in "hich the observa- 
tions are made. Stark's method of investigat- 
ing the phenomenon was to observe the radia- 
tion of positive rays in a space between two 
metal plates which were kept at a suitable 
difference of potential in a specially designed 
vacuum tube, w}1Ïlst Lo Surdo, who discovered 
the phenomenon independently at about the 
same time as Stark, found that the electric 
field in a vacuum tube in which the cathode 
was in a constricted part of the tube was great 
enough to exhibit the phenomenon. It has 
recently been found possible to investigate the 
electric resolution of the less volatile elements. 
In some cases the resolution is symmetrical, 
whilst in others there is a marked dissymmetry 
of the components, both as regards their 
position and intensity. Lines of the diffuse 
series are affected to a much greater extent 
than those of the principal and sharp series. 
Stark has pointed out that the broadening of 
spectrum lines which occurs when powerful 
electric discharges are used is greatest for 
those lines which exhibit the greatest electrical 
resolution, and has suggested that the broaden- 
ing in this case is due to the electric fields of 
neighbouring charged atoms on the radiating 
particles. Later investigations have confirmed 
this explanation of the broadening both quali- 
tatively and quantitatively. It should be 
pointed out that this broadening by powerlul 
condensed discharges, and also the broadening 
which results from an increase of pressure, is 
distinct from and superposed on the broaden- 
ing which is due to the motions of the radiating 
particles in the line of sight. 'YIÜlst the latter 
effect imposes an inferior limit to the widths 
of spectrum lines, the former conditions can 
be varied from a negligible effect to a state 
in which the lines broaden to an almost con- 
tinuous spectrum. 

 (10) SPECTRUl\l SERIES. (i.) Babner.-Jt 
had been recognised for many years (18) that 
the lines in spectra were arranged in a manner 
which implied some definite relation b2tween 
them, but the first successful representation 
of a series of lines was the formula of Balmer, 
which represents to a high degree of accuracy 
the chief series of lines in the spectrum of 
hydrogen. The word series is taken to mean 
a succession of lines the intervals between 
which become less from the red towards the 
violet and which degrade in intensity in the 
same direction. These series may consist of 
single lines, pairs or groups of more complex 
structure, and a spectrum usually comprises. 
a number of such series. In the simplest 
case, that of hydrogen, Balmer expressed the 
wave-lengths of the lines (in reality complex 
lines) by the formula 
m 2 

=3646'14
 4 ' 
7/1- - 


where m takes a series of intearal values 3 4 
o , , 
5, etc. The series therefore converges to a 
limit at À=3646.14, but the limit of a series 
is never observed owing to the rapid degrada- 
tion in the intensities of the lines, though in 
the case of hydrogen upwards of 30 members 
of the series have been observed in the chromo- 
sphere of the sun. In all the more recent 
work on spectrum series it has been found 
convenient to express the results in terms of 
the wave number, which is the reciprocal of 
the wave-length or the number of waves per 
centimetre. In terms of the wave number 
Balmer's formula reduces to 
n=27418.75 _ 109675 . 
'U"/,2 
(li.) Rydberg, Kayser and Runge.-Further 
regularities in spectra were recognised in the 
classical work of Rydberg and of Kayser and 
Runge. These investigators recognised the 
existence of three chief types of series which 
are now known (following Rydberg) as the 
Principal, Sharp, and Diffuse series, which are 
abbreviated P, S, and D respectively. Kayser 
and Runge expressed the wave numbers of 
the lines of series by the formula 
n=A- Bm- 2 - Onl,-4, 
where A, B, and C arc constants, A being 
the limit of the series; but this method of 
representing the series is inferior to that of 
Rydberg, which not only expressed with suc- 
cess the wave numbers of the individual lines of 
series, but brought out the relation between the 
different series. Rydberg employed the formula 
N 
n=no - (m+ p.>" 2' 
where no is the limit of the series, p. a constant 
peculiar to the series, and N the" universal 
constant," which is equal on Rowland's scale ùf 
wave-lengths to 109ß73, m taking successive in- 
tegral valups. A recent investigation of Curtis, 
in which the lines of the Balmer series of hydro- 
gen were remeasured ,,,ith great precision, has 
shown that on the international scale of wa,Te- 
lengths the value N = 109678.3 should be 
adopted. This" constant" is nearly the same 
for all series and all elpments, and its inter- 
pretation in the light of the quantum theory 
is one of the most stril.....ing achievements of 
modern theoretical physics. The P, S, and 
D series differ physically in many important 
characteristics. 'rhus, of the three series, the 
P series, which usually contains the mo
t 
prominent lines in the spectrum, shows the 
phenomenon of reversal most readily; in the 
S series, as its name implies, the lines are sharp 
under most conditions and are seldom reverf-;ed ; 
whilst the lines of the D series are uf:ually 
diffuse. and undprgo a greater resolution in 
the electric field than the lines of the other 
series. Rydberg and Schuster discovered in- 
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dependently the important relation that the 
difference between the limit of the P series 
and that of the S c;eries is equal to the wave- 
number of the first P line. The relations 
discovered by Rydberg can be seen from the 
follo\\ing formulae, which represent the wave- 
numbers for the three series in the case in 
which each component of the series is a pair. 
'Yriting p, 8, and d for the values of p. in the 
P, S, and D series respectively, and noting that 
the limit of the series no in the simple Rydberg 
formula. can be written ill the form Xf(m+ p.)2, 
we have 
P series, 


n -x ( _
 _ 1 ) 
l-
 (1+8)2 (m+pl)2' 
n 2 =x(( 1 
8)2 - (m: P2)2 ); 


S series, 


n =K ( 
 ---r-
- ) , 
1 (I+P2)3 (111,+8)2 
n 2 =X( (I +lpl) 2 (m
 8)2 ); 


D series, 


n 1 =X( (l +lp2)2 - (m
 d)2 )' 
n 2 = X ( { 1 1 ) 2 - ( 1 dr ) ' 
+ Tl m+ 
 


11 1 in each case denoting the member of the 
pair of greater wave-number. The following 
important facts emerge from these relations: 
( 1) The Sand D series con verge to the same 
limit, but the separation of the components of 
the pairs remains constant. 
(2) In the P series the separation of the 
components of the pairs decreases with the 
term number, converging to a common limit. 
(3) If the more refrangible member of the 
pair is the stronger in the P series, the less 
refrangible member "ill be the stronger in the 
Sand D series. 
(ill.) Ritz and IIick8.-These relations are 
probably exact, though the wave-numbers 
of the individual lines of series may be more 
accurately represented by the formulae of 
Ritz and Hicks. The formula of Ritz may 
be written appro
imately 
X 
n=A - (111,+ p.+ (afm2))2 ' 
while Hicks finds that the most accurate 
representatiun of the wave-numher is given by 

 
n=A - {m+ p.+ (alm))'
 ' 
In the Ritz formula m takes inte!!ral values 
for the P and D series, but in the S series 
it assumes the values 2,3, 3..,), 4.3, etc. In 
the Ritz and Hicks formulae the values of 
VOL. IV 


p. and a for the P, S, and D series are expressed 
by the symbols P7T', 8U, dó respecth-ely, and the 
relations between the series can be conveniently 
expressed by adopting the abbrevjated forms 
due to Paschen, who "rites, for example, 
mp, ms, and md, for the variable parts of the 
P, S, and D series; similarly Ip denotes the 
common limit of the Sand D series. Similar 
relations to those given above are found in 
the case of series consisting of triplets. The 
above formulaf' require some amplification 
in the case of series which have sateJIites 
associated with the D series. It "ill be seen 
that every line in the scheme given above is 
represented as the difference between two 
wave-numbers, one of which is the limit of 
the series, and Ritz's important combination 
principle states that lines are often obsen-ed 
which can he represented by combining these 
wave-numbers in different ways. Thus in 
certain "combination" series, as they are 
called, the wave-numbers are equal to the 
differences between other observed wa ve- 
numbers. The validity of the combination 
principle has been established by the 
recognition of a great number of combination 
series. Of these com billation series the most 
important is known as the Fundamental or 
F series, the wave-numbers of which can be 
expressed, in Paschen 'snotation, as 1lF = 2d - mf. 
Ritz has suggested another representation of 
this series" but this does not appear to be fully 
established. The spectra of elements in the 
same group in the periodic table are similar, the 
separation of dou blets or triplets being roughly 
proportional to the squares of the atomic 
weights. 

 (11) ARC A:KD SPARK SPECTRA (FOWLER ).- 
In a previous paragraph the terms arc and 
spark spectra "ere used to denote the lines 
which were relatively stronger in the spectra of 
electric arcs and spark discharges respectively. 
These terms have now assumed a new and 
more fundamental significance in the .light of 
the important work of Fowler (19) on series 
in spark spectra. The fundamental difference 
in the spark and arc series lies in the fact that 
the "universal constant" 
 in the series 
formula is replaced by 4X in spark series, 
"hich is in accordance \\ith recent theoretical 
investigation'3 on the origin of spectra. The 
case of magnesium may be cited as an example. 
In the spectrum of this element there is a 
complete set of arc series "ith the "uni,-ersal 
constant" equal to N, comprising a triplet 
system and a single line system, and also a 
pair svstem of spark lines in "hich the :x is 
replac'ea by 4X. Both these sets of series are 
accompanied by combination series. These 
results are of fundamental importance in 
recent work on the origin of spectra in relation 
to atomic structure, but their discussion is 
beyond the scope of the present article. 
3E 
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 (12) BA
D SPECTRA. - The existence of 
rpgularities is very apparent in the case of 
band spectra. Bands, which are usually 
associated with the spectra of compounds or 
molecules, consist of groups of lines which 
converge to definite heads, the head of a band 
being frequently, but by no means invariably, 
the strongest line in the ban(l. These bands 
may be degraded either towards the red or 
towards the viulet, and a large nulU bel' of the 
lines composing them can often be enumerated, 
and bands of similar structure recur at intervals 
in the spectrum. Deslandres has shown that 
the wave - numbers of the lines composing 
bands may be expressed by a formula of the 
type n=A+Bm2, where A is the wave-number 
of the head of the band, B a constant, and m 
takes a series of integral values 1, 2, 3, etc. 
In the same way it has been shown that the 
heads of the different bands may be arranged 
in series by a similar formula. The two 
formulae may be united into one, so that the 
complete representation of the lines in a series 
of bands is given by 
n=Al2+ Bm,2+ C, 
where A, B, and Care cunstants and l and In 
are integers. These formulae are unlyapproxi- 
mate, and a number of more complex modifica- 
tions have been proposed; but in the absence 
of any theoretical knowledge as to the origin 
of band spectra, it may be considered doubtful 
whether they are to be regarded as having 
greater significance than purp interpolation 
formulae. Band spectra are often exceedingly 
complex, several series frequently converging 
to the same head, and these different com- 
ponent series may show variations in their 
relative intensities under different physical 
conditions of excitation. Fowler (20) has 
recently observed a new type of band series 
associated \\ ith the spectrum of helium. In 
these hands the individual lines composing 
the bands are arranged in a manner which can 
be expressed approximately by Oeslandres' 
formula, whilst the heads of the bands are 
arranged in series resembling those found in 
line spectra. T. R. M. 
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SPECTRUM: the arrangement of radiant 
energy in order of wa,ye-Jength or fre- 
quency. Ree" SpectrophotollH'try," 
 (2). 
Arc, the production of an. See" Spectro- 
scopy, ::\Iodern," 
 (3) (ii.). 
Flame, the production of a. See ibid. 
 (3) (i.). 
Spark, the pruduction of a. See ibid. 
 (3) 
(iii. ). 
Tube, the Production of a. Se(' ibid. 
 (3) 
(iv.). 


SPEf'TRUM THEORY, application of quantum 
theory to. See" Quantum Theory," 
 (7). 
SPHERICAL ABERRATION: a defect of an 
optical system in which the focal length 
varies for different zones of the aperture. 
See "Microscope, Optics of the," 
 (3): 
"Telescope," 
 (3); "Optical Calcula- 
tions"; "Lens Systems, Aberrations of." 
In telescopes. See" Telescope," 
 (3). 
Investigated by Foüeault's original knife- 
edge method. See" Optical Part
, The 
'Vorking of," 9 (3) (ii.). 
l\Ieasurement of. See "Camera Lenses, 
Testing of," 
 (2); "Telescope," 
 (f>). 
Of eye. See" Eye," 
 (24). 
Physical asppct of. See " ::\Iicruscope, 
OptiC's of the," 
 (7). 


SPHEROMETER: an inRtrument for measuring 
the curvature of the surfaces of lenses and 
mirrors. Sep" Spherometry," 

 (1) to (6). 
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 (1) IN thp following paragraphs methods 
will he descrihpd which are suitable for the 
determination of the curvatures of thp surfaees 
of lenses and mirrors. Only these arrangp- 
ments will be treated whieh are of general 
applicability, and which will he found useful 
in determining the structural ùa,t,a of optieal 
instruments. A complete compen(liulll of all 
the arrangement
 pmployed by different px- 
perimenters would bf' quitp heyond thp spH('e 
at our disposal; hut the methods descrihed 
will be found to cover satisfactorily the whole 
range of curvature encountered in pradicc, 
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from the minute radii of the high - po"" er 
microscope objecti'Tc to tl]e long radü of nearly 
flat surfa.cps. 


J, )IEcH txrc AL )IETHODS 



 (2) THE SDIPLE SPHER01IETER. - For 
medium curvatures, provided the diameter 
of the surface is 
reasona bly large, 
the determina- 
tion of curvature 
is most easily 
performed with 
a spherometer. 
The simplest 
form of sphero- 
meter is shown 
in Fig. 1. Three 
rigid legs, ter- 
minating in 
points a, b, and 

 c, are attached 
b to a stout plate. 
Through the 
centre of the 
plate passes a micrometer screw, also terminat- 
ing in a point d. 
The three points a, b. and c are at the corners 
of an equilateral triangle, and d is equidistant 
from each of them. If the spherometer rests 
on a plane surface and d is screwed do" n so 
as just to touch the surface, the reading of the 
micrometer corresponding to zero curvature is 
obtained. If the instrument rests on a curved 
surface, and d is adjusted to make contact, the 
difference be- 
tween the micro- 
meter reading and 
that correspond- 
ing to zero curva- 
ture is a measure 
of the curvature. 
Suppose this 
difference is h, 
and that the 
radius of the 
circle on which 
the three fixed 
feet lie is p. In 
Fig. 2, de=h and 
eb ( = ec = ea) = p. 
From the geo- 
metryof the figure ed x ef=eb 2 , i.e. h(2r-h) =p2, 
"here r is the radius of the spherical surface. 
Therefore 
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FIG. 2. 


p2 h 
r=2h +:2. 


In order to determine the exact moment at 
\\ hich d makes contact, the usual method of 
using the instrument is to grip the milled 
head Ill, Fif!. 1, lightly between the thumb 
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and the first and second fingers, and screw up 
the micrometer, taking care to avoid bearing 
more heavily on one of the feet than on the 
others. So long as d is not touching, the 
spherometer remains quite steady; but as 
soon as d touches the surface any further 
rotation tends to raise the other feet from the 
surface and the whole spherometer rotates. 
'Yith a little pFactice in handling the instru- 
ment, readings can he repeated to a surprising 
degree of accuracy by this method provided 
the span, 2p, is fairly large. This type of 
instrument is very useful therefore for large 
surfaces; but for surfaces of smaller diameter, 
where an instrument with the feet closer 
together must be employed, the precision of 
setting falls off considerablv. 
For'--'the great majority o{ lense8 the diameter 
is under two inches, and it is desirable to employ 
more accurate types of spherometer. 

 (3) THE ABBÉ f;PHERO)IETER. 1 - This 
spherometer, designed by Professor Abbé, gets 
oyer the difficulty of determining when con- 
tact is made by dispensing altogether with 
the micrometer 
screw and re- 
placing it by a 
plunger which 
slides freely in 
guides and is 
pulled against 
the surface of the 
lens by a definite 
force. The de- 
gree of contact is 
therefore always 
the same. The 
position of the 
plunger is read FIG. 3. 
by means of a 
microscope with micrometer eyepiece. Fig. 3 
is a diagrammatic section of the instru- 
ment, from which its construction will be 
easily understood. B is a circular plate 
supported on two stout pillars, of which 
only one, P, is shown. The sJiding rod 
R passes through the centre of Band 
through a Jower guide G, \\ hich is attached 
between the two uprights. A counterweight 
,y is attached to R by a string" hich pa

es 
over a puJIey. This is slightly heavier than 
R, so that it tends to pull the latter up" ards. 
A finely-divided scale is attached to the side 
of the plunger and is read by a microscope 
attaehed to the underside of P, fractions of a 
division being obtained by the micrometer 
eyepiece. The lens under te
t rests on a ring 
A which is concentric with the plunger. The 
ring is not bevelled to a single razor edge, but 
is ground to an annular plateau about ! nun. 
"ide. Conca ve surfaces make contact \\ ith 
1 
ee l
ulfrich, Zeits. j. lnstrumentk., 18D
, }..ii. 
307. 
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tile outer rim anù convex surfaces \\ ith the 
inner. There is therefore a slightly different 
value for p, the raùIUs of the ring, in the two 
cases. The reason for this arrangement is 
that with pointed feet, as in the simple 
spherometer first described, or with rings 
bevelled to a single razor edge, the points or 
edges become rounded in use and lenses of 
different curvature make contact at different 
distances from the centre. I t is therefore 
impossible to ascribe an accurate value to p. 
'Vith Abbé's arrangement the edges are much 
less acute and so do not round off readily. 
There are a number of rings such as A, but 
of different diameters, which may be fitted on 
the instrument so that lenses of various sizes 
may be measured. 

 (4) THE ALDIS SPHEROl\iETER.-In this 
spherometer the lens rests on three steel balls 
instead of on points or rings. rhis appears 
to be the best method of support, inasmuch 
as the blunting difficulty is entirely eliminated; 
and, further, t.here is no tendency to scratch 
or mark the lens, a fault which some users 
allege against the ring support. 'Vith spheri- 
cal supports the formula requires a little 
modification. Let AB, Fig. 4, be a convex sur- 
face of radius 
C r resting on 
spheres of 
radius a whose 
rentres are on a 
eircle of raùius 
p. Thequantity 
which the 
spherometer 
measures is h, 
the vertical 
distance be- 
:FIG. 4. t wee nth e 
lowest point of 
the surface and the plane :FG tangential 
to the spheres, the zero being obtained 
by the use of a flat surface in the ordinary 
way. This is equal to the vertical distance 
between the lowest point of A'E', a curve 
concentric with AB but passing through the 
centres of the spheres, and the phtnf" F'G'. 
Thus the ordinary spherometer formula, w
ing 
the values It and p, would give the radius of 
A'E' which equals the radius of AB plus the 
radius of the supporting spheres. Therefore 


p2 h 
r= 2h +2- a. 


p2 h 
r= 2h +2 +a. 


Similarly the formula in the case of a concave 
surface is 


In the Aldis instrument, which is shown 
diagrammatically in Fif!. 5, the lens is held 


down on the three-ball support by the weight 
of a plunger P, which slides smoothly in a hole 
in the superstructure. The micrometer screw 
is brought up from below. Before it makes 
contact the lens is held fairly firmly against 
the three peripheral 
spheres, and there is 
a pprecia ble frictional 
resistance to rota- 
tion. 'Vhen contact 
is made, however, the 
lens is practically 
held between the 
point of the micro- 
meter and the 
plunger, and can be 
rotated freely. 
There are 0 bvious 
defects in this ar- 
rangement for accu- FIG. 5. 
rate work. The 
weight not only of the lens but of the 
plunger has to be supported on the sharp 
point of the micrometer. Quite an appreciable 
local depression is therefore produced before 
lifting occurs. This will occur to approxi- 
mately the same extent in taking the zero 
reading, but the process is disastrous to any 
surface which undergoes it very often. The 
flat used for zero testing is soon ruined. The 
sensitivity with which the contact can be 
detected by rotating the lens is fairly high 
\\ ith large lenses, but for small lenses, such 
for instance as those in eyepieces, it becomes 
very low. 

 (5) THE GrILD SPHEROl\IETER.t-This in- 
strument is similar to the Aldis instrument 
as regards the arrangement of the micrometer 
parts and the use of three-sphere supports, 
but the method of detecting contact is quite 
different.. 
The micrometer screw, instead of terminat- 
ing in a point, terminates in a small sphere of 
quartz (or glass). 'Yhen this is nearly in 
contact with the surface of the lens under 
test, Newton's rings can he seen if a suitable 
arrangement for observing them be pro- 
vided. From the helm viour of these rings as 
the micrometer is rotatcd the point of contact 
can be observed. The instrument is shown 
diagrammatically in Fig. 6. L iH the lcns 
under test resting on the three-sphere support 
(only two are shown). B is the small trans- 
parent sphere in which the micrometer ter- 
minates. A microscope 1\f, with an ordinary 
vertical illuminator V fitted above the ob- 
jective, is arranged for observing the Newton's 
rings formed hehveen Rand L. Illumination 
is supplied by a sman 4-volt lamp on a 
suitable bracket. A piece of "T ratten No.2.> 
gelatin filter (red) is mounted behind th(' 
aperture of the illuminator, anù renders the 
1 GuilJ, '1'rOIl8. Upt. Society, lU18, xix. 103. 
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light sufikiently monochromatic for several 
rings to be seen surroundinp- the point of 
contact. 
The Inethoù of m..:ing the instrument. is 
simple. Suppose that the small sphere B is 
gradually approaching the surface of L. \Yhen 
it comes within a short distance of it the 
Ne" ton's rings become visible on suitably 


:FIG. G. 


focussing the microscope. As the surfaces 
approach stilI closer the fringes expand out- 
\\ ards, a fresh one appearing at the centre for 
each half wave-length that the screw advances; 
but when actual contact is made the expansion 
of the fringes ceases abruptly, any further 
motion of the screw siml)ly lifting the lens 
from its support. This point can be deter- 
mined "ith certaiuty to less 
than one five-thousandth of 
a mil1imetre. J t is better, 
however, to use as the 
criterion of contact not the 
point at which the expansion 
of the ring system ceases, 
but some easily recognised 
configuration just before this 
stage is reached. A con. 
venient confi
uration is that 
in which the central black 
spot approximately trisects 
the diameter of the first 
black ring. This has the 
advantage that the appear- 
ance of the rings continues 
to alter for a little beyond the required 
setting, which is more satisfactory in practice 
than when the criterion adopted is one.. 
sided. But the greatest advantage is that 
the surfaces are not in tight contact at this 


sta.t!e, and RO no errors due to local distortion 
of the surface can arise. 
\\ïth thi'i instrument, exactly the same 
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accuracy in the micrometer settings is obtained 
with small lenses as with large. \Yith a little 
practice readings of h can 
be repeated to a ten- 
thousandth of a milhmetre, 
which is several times as 
sensitive as the hest of the 
other existing types. An 
actual instrument is shown 
in Fig: ß \. 

 (6) THE \YATCH - POCKET 
SPHERO
IETER. - For very 
rough work, and for the 
rapid identification of sur- 
faces, it is convenient to use 
a simple arrangement sold 
under the name of the 
Dioptre-meter. In appear- 
ance it is similar to a watch, 
with three feet projecting from the rim 
(Fig. 7). The outer feet are fixed. and 
the central one can be pushed in against 
the pressure of a Hprin
. \Yhen the feet are 
pre
sed against a len:;; 
urface, the ccntral leg 


-------- 
--'" 


.FIG. 7. 
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is pushed inwards to an extent depending on 
the curvature of the 
mrface_ Its motion is 
converted into rotation of the dial pointer by 
toothed wheels_ 
As the instrument is principaHy used to 
measure the power of spectade lenses, it is 
graduated to read the power of the surface in 
dioptres, assuming a refractive index of 1.52. 
Thus the actual reading gives the quantity 
0-32,'r, where r is the radius. 


II. OPTICAL ::\IETHODS 



 (7) NEWTON'S RINGs.-}<"or lenses at least 
1 cm. in diameter, provided the curves are not 
too shallow, the curvatures can usually be 
most conveniently determined hy means of an 
accurate spherometer. There are cases, how- 
ever, in which the sphero- 
meter is inapplicable. 
For very small lenses, 
such as may be en- 
countered in a micro- 
scope objective, or for 
lenses of shallow curva- 
ture for which the value 
of h would be very small, 
other methods have to 
be adopted. There are 
a great variety of such 
methods, but they are 
not all of satisfactory 
accuracy or convenience 
to be of practical value. 
'Ye shall restrict ourselves 
here fo a description of 
some of the methods 
which are of real utility 
in the optical labora- 
tory. Of these the Newton's Rings method is 
the most suitable of any for convex curves 
of long radius; but by employing suitable 
arrangements it can be used down to quite 
small radii. 
In Fig. 8 lC't P be a platE:', of '" hich the under 
side is accurately flat, resting on the surface 
of a lens L, and let a beam of mono<:hromatic 
light fall on it from above. The lower surface 
of the plate forms with the lens an air film of 
which the thickness increascs in all directions 
from the point of contact. Circular inter- 
ference fringes surrounding the point of contact 
can therefore be seen if suitable observing 
apparatus is provided. Let us assume that 
the thickness of the film is zero at the centre. 
Since the ray reflected from the lower surface 
of the flat is incident from the glass side of a 
glass-air surface, it undergoes no phl.tse change 
on reflection. The light reflected from the 
surface of the lens, being incident from the air 
side of a glass-air surface, undergoes a phase 
change of half a wave-length. Consequently, 
at the point of contact, where the thickness 


of the air film is zero, the rays allllul each 
other hy interference and produce <larkn('s
. 
There is thE:'rE:'fore a hlae-I,;: spot at the centre 
of the system. At any point away frOlll the 
centre tÞe illumination "ill be a maximum or 
zero according as the total retardation, which is 
equal to twice the distance between the surface
 
+ half a wave-length, is an even or odd number 
of half wavp-lengths; that is, there will he a 
hright or a black ring at a distance p from the 
centre according as 2h, Fig. 8, is an odd or 
even number of half wave-lengths. For pur- 
poses of measurement the black fringes are 
always used. These will be at auch distances 
from the centre that twice the separation of 
the surfaces =mÀ, where À is the wave-length 
and 'In has successively the valm's 1, 2, 3, 
etc. If pn is the radius of the nth ring, 2h 
for this ring =1"X. But 
2rh - h 2 = Pn 2, where r is 
the radius of t.he curved 
surface. Since h is only 
a few wave -lengths, h 2 
may be neglected in 
comparison with 2rh, so 
that 


p 


FIG. 8. 


versely proportional 
centre; for if 


Pn 2 =2rh =rnX, 
. '. pn = '.. /rnX. 


The radii of the rings are 
therefore proportional to 
the sq uare roots of the 
natural numLers, and the 
fringes hecome closer to- 
getl]er as ,,,-e pass out- 
warùs from the centre. 
The width of a fringe is 
very approximately in- 
to its distance from tlw 


Pn 2 =nr}.., 


Pn_1 2 =(n-I)rX, 
. '. (Pn - Pn-l)(Pn + Pn-l) = 1'À. 
AppJ'Oximate1y, therefore, the width of a fringe 
r}.. 
=pn - pn-l =9" 
""'pn 


It is easier to measure the diameter of the 
rings than their radii. If DI
 is the diameter 
of the nth ring, 


Dn 2 
1" = 4n
.: . 
This relation can be employed to determine 
the radius of curvature of the smfucE:'. It 
assumes, however, that the flat is gcmnetricaJly 
tangential to the lens at the point of contact. 
In practice the nature of the contact is by no 
means definite. If the surfaees "erp to touch 
at one point only the IH'essure \\ ouJc! be 


(1) 
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infinite. Then> is ah, aY8. then>fore, a flatten- 
ing of the CUlTe and denting of the flat to 
spread the contact o\
er an appreciable area. 
0\\ ing to this deforma tion near the middle of 
the system the diameters of the rings "ill not 
be a
curatcly gh'en hy the formula we have 
diclcussed. However, the difference in the 
diameters of rings at some distanf'e from the 
centre "ill not be affected, and the radius of 
the surface "ill be correctly given by 
r _Dn22-DIl12 (2) 
4(n2 - 11 1 )\ ' 
where D n2 and Dill are the diameters of the 
n 2 th and n l th rin
s respectively. In carrying 
out this method for lenses of long radii a 
travelling microscope, such as that employed 
for the measurement of spectrum photographs, 
etc., is essential. The lens is laid on the stage 
of the microscope, Fig. 9, with the surface to 
he tested upwards, and the flat plate lairl on 


top of it. Unsteadiness can be prevented by 
little pellets of plasticene or soft wax near 
the periphery. The illumination should be 
supplied in a parallel beam at exactly normal 
incidence by means of an arrangement of tbe 
type shown in the diagram. A is a small 
aperture in a screen, behind which is placed 
a strong source of monochromatic light. The 
aperture is at the fOCllS of a lens L. The light 
i;; reflected at a transparent glass reflector R, 
which is mounted in a brae 1 æt "ith universal 
adjustment attached to the Íramework which 
carries the micro
cope. By adjusting R the 
light can be brought to normal incidence. 
In making the'-' actual measurements it is 
neces:o:ary, as we have seen, to measure the 
diameters of two ringR, the nlth and the 1l:::th. 
The acpuracy of the final resnlt will he greater 
the greater n 2 - 1l1' It is not desirable, however, 
that eitller n!,. or n l should be small, as the 
rinþ!s near the centre heing broad and diffuse 
the accurapy of setting is considerably less 
than for rings further out. The effect on the 
re:sult of errors in D n2 and D 1I1 is readily 
deduced by differentiating equation (2) \\ ith 


respect to eae-h of them separately. It re- 
quires DlI:!/Dnl times as big an error in Dltl 
as it requires in DI/
 to produce a given error 
in r. Thus the relatiye accuracy \dth which 
the diameters ha yc to be measured is propor- 
tional to the diametpfS. 'Ve saw that the 
widths of the fringes were inversely propor- 
tional to their diameters, so that if settings 
were accurate to the same fradion of a fringe 
"idth the probable error in the result would 
be of the same order in each mea<::nrement. 
As a ma Her of fact the accuracy of setting 
does \
ary nearly in this way at some distance 
from the centre, but for the first few fringes 
the fringe width is \
arying rapidly and the 
judgement of the setting is affected by the want 
of symmetry. It is not desirable therefore 
to make measurements on rings of smü.ller 
order than the 6th or 7th. For the outer ring 
as large a value of n as possible should be 
taken. This involves working w-here the 
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FIG. 9. 


I fringes are very close together, and it will 
be found of convenienpe to employ a micro- 
meter eyepiece to the microscope. The 
microscope as a whole is moved slO\\ ly across 
the fringe system by means of the screw S, 
the fringes being counted as they pass the 
cross-lines, 'Yhen the fringe is reached at 
which it is intended to stop, the reading on 
the drum D is taken. Seyeral setting'3 arc 
then made hy means of the mÎ<'rometer eye- 
piece, and thp mean of these readings uspd to 
correct the drum reading. The a(lvantage of 
this process is that if the repeated. settings 
are mad.e with the sprew S, the cross-lines ha\
e 
to be brouf!ht back seyeral fringes each time 
in order to take up the Lacklash of the screw. 
It is very easy in doing this to get confused 
as to the fringe on "hich the mea
:mrement is 
being made. 
Tf the repetitions are made with 
the micrometer eyepiece, howe\"'"er, the screw 
neing of finer pitch and the mechanism neing 
more delicate alto,aether it is not usn ally neces- 
sary to retreat more than a friu
e width to 
take up the nacklash, and the rhanees of 
getting on the wrong frin'ge are minimised. 
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There are one or two details in t.he arrange- 
ment of Fiy. H which differ from those usually 
deseribcd in tcxt-books and papers, and whieh 
require some explanation. The lens is uni- 
versally made to lie on the flat surface, and 
in consequence the fringes are seen through. 
the lens, and are in general magnified. An 
object in contact with one surfaee of a lens 
is magnified, when observed through the lens, 
in the ratio f/flJ, wlwre f is the focal length 
and j b is the "back focal length," i.e. the 
distance from the principal focus to the surface 
of the lens. It is only in the spf'cial case of a 
lens in which the other surface is flat, and in 
which, therefure, the appropriate nodal puint 
coincides with the curved surface, that fò=j. 
In all other cases the distance traversed by 
the microscope has to be multiplied by J df 
t.o give the true diameters of the rings. In 
the diagrams illustrating the method this 
point is always avoided by the convenient 
choice of a pIano-convex lens; but in practice 
this is the exceptional case. The expedien t of 
placing the flat uppermost, as in Fig. Ü, over- 
comes t.his difficulty entirely. 
The use of the inuminating arrangements 
described here, instead of the usual vertical 
illuminator above the microscope objective, 
ensures a paraHel beam at normal incidence 
for a}J positions of the microscope. ""'ith the 
ordinary method of illumination, in which the 
light comes as a converging cone from the 
objective, fringeR are only visible with ex- 
tremply thin air films, and consequently the 
lens and flat must be in contact. This being so, 
the expedient is adopted, in dealing with 'con- 
cave surfaces, of measuring the difference in 
curvature between the Rurface and a convex sur- 
face of greater curvature which rests within it, 
This is an inaccurate arrangement except when 
the two curvatures are very nearly equal; as an 
error in the assumed value of the radius of the 
convex smface produces a greater percentage 
error in the re
mlt obtained for the concave. 
Suppose h is the vertical distancp he tween 
the two surfaces at a dishtnce p from the centre. 
I.et It I and II',!. be the respective distances of 
the convex and concave surfaces above a 
plane which is tangential to them at thcir 
point of contact. 
Then if r 1 is the radius of the convex and 
r 2 that of the concave sudace 


1 _ 2h 1 
---2-' 
r 1 P 


1 _ 2h 2 
---2' 
r 2 P 


. 1 1 2 2h 
.'. - - - = 2(11 1 - 11 2 ) =2 = constant ; 
r 1 r 2 P p 


G.' 


1 1 
.'. - 2 rlr l = 2 dr 2 
r 1 r 2 

lr1. 
2 _ dr 2 
r 1 r 1 - r 2 . 


Thus a percentage error dr 11rl in the assuHlcd 
value of r 1 gives rise to a percentage error 
dr 2 /1''l.' which is r2/fl timcs as great. f'inee, 
except in special casei'!, r 1 has itself to be 
determined, and cannot be kno\\n to a greater 
percentage accuracy than is also desired for 
r2.' the method is not a good one. 
\Vith the method of illumination shown in 
Fif]. 9 it is quite possible to get fringes "ith 
a large total path differpnce and to measure 
the radius of a concave surface directly against 
a fiat. The flat is laid on the rim of the lens 
as in Fig. 9 (a), and when the light is properI; 
adjusted the fringes will be seen and can be 
measured in the same way as for a convex 
surface. The light has to b
 absolutely normal, 
and the angular aperture which the source 
su btends must be small. The reasons for 
these precautions need not he treated here; 
they will be understood from the treatment 
of interference by thick l,lates in another 
article. In making the adjustments the best 
method of procedure is to mount the lens L 
on a stand which has rack-and-pinion adjust- 
ments both hurizontally and vertically. Re- 
move L and adjust R by hand until the fringes 
appear as distinct as possible. Replace L
 
and adjust it horizontaHy and vertically until 
the rings are equally distinct in all parts of 
the field. A guide to the correct adjustment 
wiII be found in the size of the rings near the 
centre. Since for normal incidence the retarda- 
tion is a maximum, the rings shrink to a 
minimum size when the incidence is normal. 
The movements of the rings with slight 
changes in the adjustment of the light give 
rise to the impression that the results obtained 
dC'pend entirely on the adjustment. This is 
not so, however, as the relative positions vf 
different parts of the ring system are affected 
by the adjustment. of the light to exactly the 
same extent as if the smfaces \\ ere in contact 
as in the ordinary method. 
The necessity of employing as small a hole 
as possible at A necessitates the use of a very 
bright source of light. The green line of 
mercury is the most useful to employ, and 
should be obtained from a quartz arc made 
specially for interference work.! The other 
lines in the spectrum are much less intf'nse 
than the green line, and only detract slightly 
from the blackness of the fringes, the positions 
of which are determined by the green line. 
The best type of a pertul'e to u::!e a.t A is a 
small iris diaphragm, which can be adjusted 
to give the best compromise bet" een brightness 
and distindnf'ss. 
In employing Newton's Rings for medinm 
and steep curves, the trayclIing microscope 
cea
es to be satisfactory on account of the 
smallness of the radii of the ..ingR. It is better 
in this case to use an or(linary mic>ros('ope with 
1 Guild, Proc. Phys. Soc., lU
O, xxxii. 3U. 
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a. micrometer scale Ül the focal plane of a 
Hamsden eyepiece, and to measure up the 
rings on this scalp. An objecti,-e 
hould he 
chosen of such po" er as to give an image of 
the ring system of suitable size. "ïth steep 
curve::;, the objective requires to be of too 
high a power to aHo" the interposition of the 
vertical illuminator shown in Fig. 9, and an 
ordinary vertical illuminator a bove the 
objective must be employed. The arrange- 
ment cannot then be used for concave surface
. 
However, for medium and steep curves the 
method is no more accurate and is much more 
tedious than several other methods which will 
now be described. 

 (8) l\IICROSCOPE )IETHúDs.-The following 
methods require a good micro- 
scope stand "ith mechanical 
stage and a universal sub- 
stage with centring adjust- 
ments. A vertica! illuminator 
of the ordinary inclined cover 
glass type is mounted above 
the objective. 
(i.) For Concave Surfaces. 
-The leng is mounted on a 
support attached to the sub- 
stage fitting, which ('an be 
raised or lowered by the rack 
and pinion P, Fig. ]0 (a), 
and centred by the screws 88. 
A piece of thin cover glass 
on which some easily recog- 
ni3a ble markings have been 
sera tched is })lace(l on the ----- 
stage, and the microseope 
is focussed on these, vertical 
illumination being supplied 
hy the lamp L. The sub. 
stage is then racked up or 
down until the image of the 
markings formerl by';efleétion 
at the concave surface is also 
seen in sharp focus. By means of the screws 88 
the image is centred with respect to the object, 
which is then at the centre of curn\Ìure of the 
surface. The cover f!lass is removed and the 
microscope raeked down until some lycopodium 
grains sprinkled on the surface of the lens are 
in focus. The distance the microscope has 
been moved is the radius of curvature required. 
The method is accurate to about 0.0.3 mm. 
(ii.) For Conre,c Surfaces.- For this case the 
arrangement is some,\ hat more complicated. 
The microscope is initially raeked down so 
that the objective is ahout the level of the 
stage. The sub-stage is adjusted until some 
lycopodium grains on the surface of the lens 
are in focus. The sudacf' is then at the ohject 
point 1 of the microscope. A piece of silvered 
1 For cony('nience of d('
cription we may use this 
term to denote the point conjugate to the centre 
of the focal plane of the ('Y('I)iN'e. To fix the po:-;ition 
of this pl,UlC a graticule should be fitted. 


glas
 ,Üth a numher of scratches cut on it is 
placed at U, and its distance from the vertical 
illuminator is adjusted until an image of the 
scratches is seen simultaneou
l.r "ith the 
lycopodium. rnder these circumstances litrht 
f
om the scratches, after reflection at the 
vertical illuminator and passage through the 
objective, converges towards the object point 
of the latter. The sub-stage is then racked 
upwards until an image of the scratches 
is again in focus. This happens when the 
rays converging from the objective meet 
the surface normally - that is, when the 
object point of thf' microscope coincides 
1;\ ith the centre of curvature of the sur. 
face. The microscope is now racked up- 
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FIG. 10. 


wards until the lycopodium is again in focus, 
and the distance moved is the radius of the 
surface. 
This method is frequently described in an 
inaccurate manner. By foHo" ing the pro- 
cedure outlined above, it wiJI be obsenred that 
aU adjustments involving the image of the 
scratches arc made "ith the microscope and 
the object 0 in a fixed relative position. This 
is clearly an essential condition to accuracy. 
The results are reliable to about 0.05 mm., as 
in the case of the previous method; but the 
range of curvature for which it can be u
ed is 
limited by the working distance of the objective 
which is available. In the previous method the 
range was limited only by the range of vertical 
traverse of the microscoþe. 
(iii.) JI agn ification JI etlwd fur t'ery large 
CUITutnres.-For large curn1Ìures such as are 
met with in some of the lenses of microscope 
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objectives, none of the methods so far H1ell- 
t.Ïoned are satisfaetory. The fullowing method 
is at onCe extremely simple 
and extremely accurate; and 
has the great advantage tha,t 
the percentage accuracy is 
practically independent of 
the curvatun'. Suppose 
(Fig. 11) that we employ as 
ohject a suitable mark on 
the front lens of the object 
glass of the microscope, and 
so adjust a reflecting surface 
1\1 that an image of this 
objcet is seen in sharp focus 
in the focal phule of t.he eye- 
piece. It follows that the 
image I formed by reflection 
in the surface is situated at 
the object point of the 
microscope and is therefore 
_.
 at a fixed distance from 
0, = k S3>Y, whatever the 
curvature of the surface may 
be. From the magnification 
of the image the curvature 
FIG. 11. can he deduced. Let u be 
t.he distance from the sur- 
face to the object, v the distance from the 
surface to the image, and r the radius of the 
surface. Then l/ll+ I/v=2Ir, quantities being 
regarded as positive when measured against 
the incident light. /.. =10 =u - v. The 
magnification of the image at 1= - vlu, =1n 
say. 
ence 
1- m = 2v , 1 _ 1 = 2u 
r m r' 


1 2k 
,'.m--=- 
1n r 


or 


-2mk 
r = 1 _ rn2 . 


. (ii.) 


From (i.) we see that in general there are two 
distances of the mirror from the object which 
satisfy the condition of the experimcnt, 
namely the value of u which gives a magnifica- 
tion 'In, and another value u' for which the 
magnification is m', where m' = -11m. In the 
case of a convex surface one of these values 
is negative anù so is experimentally in- 
admissible. The other value is such that 
the magnification is + ve and numerically 
less than unity. 
For a concave surface, both values of 'it 
are positive. In one case 'il is less than rJ2 
and the magnification is positive and greater 
than unity. In the other case 1.l is greater 
than r, and the magnification is - ve and 
numf'rically lesH than unity. 
This method can be employed over a large 
range of curvature; but the heRt experiuwntal 
conditions differ for different ranges. 


(i. ) 


1'''01' verv Rhort radii the al'rangellH'nt of 
Firj. 12 i
 eonvenient. The microseope is 
fitted with a vertieal illuminator. pl'cfl'l'a hly 
(A the type shown, ill "hich the reflecting 
cover-slip is just under the eyepieee. Light 
is supplied by a small 4-volt lamp, attached 
for convenience to the microscope. The 
illuminated aperture of the lens itRelf serves 
as the object. The curve C to be measured 
ia placed centrally on the stage, and, on 
racking the microscope up or down, a circular 
disc .will be secn which is the image by rdlec- 
tion in C of the aperture of the objective. 
Thi
 is sharply focussed and its diameter 
measured on a micrometer scale in the focal 
plane of the eyepiece. The 3C'tual dimensipn
 
depend of course on the magnification of tIle 
microscope as well as the 
magnification 1n of the 
reflected imagE'. However, 
for a given objective and 
tube Jength, the measure(1 
diameter is proportional to 
the magnification m. Th,
 
instrument is calibrated by 
measurements on a series 
of the steel spheres sold as 
ball- bearings. These can 
be obtained of diameters 
ranging from -.ill of an inch 
to 3 inches by small steps. 
The sizes up to about, an 
inch make excellent optical 
standards, and a complete 
set should be available in 
any laboratory. They can 
be measured with a micro- 
meter gauge; but it will 
be found that they are invariably so close 
to their nominal values that for optical 
purposes these values can Le taken as sub- 
stantially corre
t. 
The accuracy with which the diameter of 
th
 luminous disc can be measured dq)ends 
of course on its size. An ohjective shuuld 
he employed which gives an image of at 
least 4 mm. on the eyepiece scale. The size 
of the image depends not only on the PO\\ er 
of the objective but also on its working 
distance and the linear dimensions of the 
aperture. However, it is easy to find a series 
of three or four ohjectives which beh\ een 
them will cover the range from the smalleFo:t 
radii encountered in microseope work up to 
radii of ahout 10 mm. If, hy Hwans of the 
steel balls, calibration curves are drawn for 
each objedive for the range in which it iH to 
he used, they will be found to be pradj('ally 
Rtraight lineR within the accuracy of observa- 
tion. This follows at once from the relation 
r = - 2mhJl - '1n 2 when m is very small. as is 
the case ,vith surfaces uf such Hhol't radii. 
Thus the scale reading is prolJortional to the 
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FIG. 12. 
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radius. By a single reading the radius of any 
surface can be ubtained from the calihration 
curve. It is s
der, however, to make check 
measurement
 on one or two of the spheres 
each time the apparatus is reassembled, to 
ensure that the constant of the instrument 
has not been altered. 
It .is evident that the calibration cun-e 
obtained with the spheres "ill do equally 
well for the measurements of concave curves, 
the real image formed being of the same 
magnification as the image obtained with a 
convex curve of the same radius. 
It will be observed that if suitable objectives 
are employed, the diameter of the disc to be 
measured is of the same order of magnitude 
(40 to 100 scale divisions), howe,er small the 
radii tested may be. Since it is easy to read 
to' 1 scale division (with a good quality micro- 
meter scale), the average sen
itivity of the 
method is about 1 part in 700. Further, the 
method is virtually one of sub
titution, and 
all aberrational effects of the observing micro- 
scope are eliminated. 
Thus there is no source of error other than 
the accidental errors of measurement, and the 
accuracy is equal to the sensitivity. 
In practice the definition is impro"'Çed by 
using a light green filter to cut out the 
extremities of the spectrum. as, if white light 
is used, chromatic aberration tends to spoil 
the sharpness of the image. 
(iv-.) J!agnification Jlethod for Jledium 
Cun'ature..ç.-It is not convenient to use the 
method in the form described ahove for 
radii much over I em., because the disc 
becomes too lar
æ to be contained in the 
field of view e;en "ith the lowest power 
objectives. 
For larger radii it is better to use as object 
a scale, similar to that employed in the 
eyepiece, attached to the front of the objective 
with soft wax or plasticene. An image of tRis 

cale is seen when the object is at the correct 
distance from the .surface. Bv measurinO' 
the dimensions of a suita ble 
 num her of 
graduations, the magnification can be obtained 
from a knowledge of the magnification of the 
microscope. ,y
 may, if we 
hoose, determine 
"', and calculate the radius directlv from 
formula (ii.) abo,e. To measure /.: a flat 
surface, preferably silvered, is laid on the 
stage and the microscope focussed on some 
scratches on the silver. On racking down- 
wards, an image of the scale comes into focus. 
The distance which the microscope has been 
mO\
ed i
 clearly lk. 
As in the case of ,erv small radii, however, 
it is better to calibrate the instrument empiric- 
ally. rnfortunatply. there are no easily avail- 
ahle standards such as the ball- bearings 
employed in the former ('a:;:e; but points on 
the cun'e can be obtained from measurements 


on lens surface
 "hi('h have been determined 
accurately with a spherometer. If suffil'ient 
of such standard
 are ayailab]e to determine 
the calibration curve accurately, an unknown 
radius can be ohtained dire
tlv from the 
cun-e; but it is usually hetter
 to measure 
'In for the surface in question and also the 
corresponding ,alue for the near
t standard, 
and deduce the unkno" n raGtius from the 
formula 


m(l- 1n 1 2 ) 
7=r 1 . 
Nl 1 (l- m 2 ) 


In the case of concave curves, if the radius 
does not exceed h\ 0 or three centimetres, it 
is easy to obtain the real and diminished 
image, and in this case the conveÁ standards 
apply to concave curves aR well. "'ith 
shallo" er cur,es, however, the real image is 
too far from the lens to be \\ ithin the range 
of ,ertical traverse of ordinary microscopes; 
and it is necessary to work with the ,irtual 
image, for which, as we saw earlier, m is greater 
than unity. A separate set of conca,e 
standards is necessary for those. Cnfortun- 
ately, as the magnification increases the 
image of the scale becomes ,ery faint, and the 
measurement is some" hat difficult with 
magnifications greater than unity. The range 
of curvature for which the diminished real 
image can be utilised may be increased by 
mounting the lens on the sub - stage or 
e,en on a separate support below the 
microscope. 
Except "ith comparatiyely small radii the 
4-volt lamp L (Fig. 12) \\ ill not gi,e a 
sufficiently bright field. It is better to 
employ a 100 c.p. "Pointolite" lamp, or 
any similarly intense source, behind a ground- 
glass screen situated about 30 em. from 
the miC'roscope and on a level "ith the 
aperture of the illuminator. Except for 
the ground glass the lamp should be entirely 
enclosed. 
The scale employed as object should not 
be too fine. A It - inch objective "ith a 
working distance of about an inch will giye 
satisfactory results over most of the range 
for which the method is applicable. 
There are a variety of other magnification 
methods 
 but they in,olve the measurement 
of two magnifications and are inferior in 
convenience and accuracy to that just 
described. 

 (9) DIRECT LOCATIO
 OF CEXTRE.-For 
conca,e curves of radü above 20 em. this 
method may be employed proYided the ratio 
of the diameter of the surface to the radius 
of cur,ature is not too small. The principle 
of the method is that if an object and its 
imaf!e by reflection in the surface are co- 
incident, or in close jUÅtaposit1on in a plane 
perpendicular to the axis of the surface, 
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they are located at thp centre of curvature. 
The method as usuaJly ùescribed, in which 
the imagp is formeù on a card, is not, how- 
ever, very sensiti,'e; anù if the hest possible 
accuracy is required in the result the following 
arrangement will be founò much better. A 
microscope slip is silvered or platiniseù on one 
siùe, and a network of very fine E'cratehes is 
made with a sharp needle. The slip is mounted 
on the stage of a microscope which is turned 
back so that the microscope tube is horizontal. 
The scratches are illuminated by means of a 
small pri::;m P, Fig. 13 (a), and a " pointolite " 
lamp S. The concave 8urf:1ce )1 is arranged 
so that an image is formed on the slip a little 


db 


þ 


Pin"- 
hole -" 


(c) 


to the side of the illuminating prism P. In 
this region the pla,ting should be almo::;t all 
scraped off, a few stl'f'aks being left on which 
to focus the microscope. 'Yhen thp adjust- 
ment is correct, these streaks and the reflected 
image of the illuminated scratches will be 
simultaneously in focus. The plated side of 
the slip should be towards the mirror, and the 
distance between them can be measured in 
any convenient manner. It is advantageous 
in practice not to attempt precise adjustment 
of the mirror, but to get it approximately 
correct and measure the error by racking 
the microscope so that first the surface of 
the slip is in focus and then the reflected 
image. Half the distance between the two 
positìons iB the correction to be applied to 
the distance from slip to mirror. Thf' edges 
of a silvered film can be focussed np with a 


microscope more criticall,v than almost any 
other type of ohject, and the depth of foeus is 
reduced. to a minimum. The a<,curacy ({prends 
on the ratio of diameter to radiu:s of curvaturc. 
It is about 0.1 mi1limetre for a ratio of 1 : 20. 
The direct location of the centre is un- 
fortunately impossihle with convex snrfaces. 
The method in which an auxiliary lens is 
used to produce a convergent beam, which 
meets the convex surface normally anfl is 
reflected back through the lenR and focussed 
in the vicinity of the object, is valueless for 
work of any accuracy on account of the 
aberrations of the lens. 
9 (10) FOUCAULT'S SHADOW 1\IETHOD.-This 


FIG. 13. 


is another useful method for concave curves. 
It forms at the same time a sensitive test of 
the sphericity of thp surface. A convenient 
arrangement is shown in F1:g. 13 (b). P is a 
small 4;]0 prism with clean sharp edges. One 
of the sq uare faces is covered with tinfoil 
in which a fine hole has been pierced with a 
needle close up to one of the 43 0 angles, 
Fig. 13 (c). This prism is mounted on a 
platform capable of fim
 adjustment in two 
directions. A good mechanical stage of a 
microscope will do. The pinhole is illuminated 
by focussing on it a very bright source, e.rJ. 
a "pointolite" lamp. A beam of light 
spreads out from the pinhole, and the mirror 
AB is placed so that an image of the pinhole 
is formed just a little to the side of the prism. 
The eye is I)laced ju
t behind the prism at E 
so as to receive the reflected Jight. Since 
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this comes from all parts of the surface the 
latter appears uniformly bright all over. 
If, now, the prism is moved laterally, Sf) as 
to hring the pinhole closer to the axis of the 
mirror, a point i
 reached at "hich the edge 
of thp prism cuts into the reflected beam and 
shuts off some of the light reaching the eye. 
Assume first that the surface is truly spherical 
so that all rays corresponding to one point 
of the object converge to one point in the 
image. If P is exactly at the centre of 
curvature it will cut the beam exactly at the 
image, and the surface "ill darken uniformly 
all over. If P is insìde the focus the rays from 
A are intercepted before those from B and a 
shadow come
 over the surface from A to B. 
If P is outside the focus the shadow starts from 
B. The stage is moved 10ngitudinaIly until 
the lateral movement produces a darkening 
of the whole surface simultaneously. Thf' 
distance from the pinhole to the surface is 
then the radius of curvature. As a test of 
the surface this method is valuable. If there 
are any parts of it from which rays do not 
converge to the same point as from others, 
the surface will not darken uniformly in any 
position of P. If, for instancp, the focus for 
the peripheral zone is farther out than for the 
central zone, and P is at the focus of the latter, 
the central zone wilI darken uniformly, but 
the rays from A will be cut off, while tho
e 
from B will not. A crescent-shaped regioI"l 
near A will therefore remain bright after 
the remainder of the surface is obscured. If 
P is a.t the focus of the marginal rays the 
reaiòns near A and B will darken simul- 
ta
eously; but rays from the side of the 
central zone nearest A will pass the edge 
Qf the prism and this region will appear 
bright. 
The effect of local irregularities is to gjve a 
patchy appearance to the field. The exact 
path of the rayò from different parts of the 
surface can be determined, for the place 
where the rays from any two parts, say the 
centre and any other region, intersect the same 
vertical plane parallel to the axis is found by 
adjusting P till the two parts in question 
darken simultaneously. By making observa- 
tions with AB in azimuths differing by 90 0 
the paths of the rays may be completely 
determined. 

 (II) SIDDIARY.-The methods of curvature 
measurement described in the preceding 
sections provide complete equipment for 
curvatures of all possible magnitudes. \Yhere 
to leav
 off one method and use another 
depends largf'ly on the predilections of the 
observer, as their ranges of utility overlap. 
As the intf'ntion "as to give only those methods 
which are of general application, description 
has had to he omitted of vaIious useful 
methods, suitable for works practice, "here ' 


the possession of both the convex and concave 
curves of any radius is assumed. l J. G. 


SPIRIT-LEYELS 

 (1) GESERAL. - Spirit -levels are used to 
determine the direction of the horizontal, or 
vertical, at any point, and sometimes to 
measure small angles from the horizontal. 
The usual form consists of a glass tube sÌ1a ped 
so that the longitudinal section of its upper 
internal surface is the arc of a circle. The 
tube is nearly filled with liquid, so that a 
bubble of vapour is left. The bubble rise
 
to the highest portion of the tube, and when 
at rest the line joining the two ends is hori- 
zontal. The tube is generally graduated on 
its upper surlace. The graduations are gene 1'- 
aIIy sin
de or double millimetres, -ruths or 
:toths in:, or in older instn1ll1ents Paris lines 
(2,26 mm.), and may be continuous or have 
the centre marks omitted. The line joining 
the ends of the bubble, when these ends are 
equidistant from the centre of the tube as 
shown by the graduations, Illay be called the 
axis of the bubble. The glass tube is generally 
fixed in a metal tube, cut away to enable the 
bubble to be seen, and this tube is again 
adjustably fixed to some mount. For rough 
work it is sufficient to fix the buhble tube 
so that the instrument to which it is attached 
is level when the bubble is in the centre of its 
run, and trust to the adjustment remaining 
constant. The bubble is in adjustment when 
its axis is parallel to the base of its mount, or 
to the surlace "hich it is desired to level. 
.A tubular bubble will obnously only indicate 
the horizontal in the direction of its length, 
and if a surface has to be levelled two bubble 
tubes are required at right angles to each other. 
9 (2) CIRCULAR B"CBBLES.-Fo: rough wor.k 
a circular bubble is often convement. In thIS 
case the upper surlace of the vessel con
aining 
the liquid is a portion of a sphere, and dislevel- 
ment in any direction is shown by t
e one 
bubble. Fig. 1 shows two forms of cIrcular 
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bubbles. A has the vessel containing the 
liquid formed of a completely sealed-up glass 
vessel, B has only the top of glass; it is more 
compact than A, but it is difficult to ensure 
that there shall be no slow leakage. 

 (3) T"CBLLAR BrBBLEs.-'Yhere the hori- 
zontal is required "ith an error of less than 
a minute or so of arc, tubular bubbles are 
1 :5ee, for instance, ;'\. D. Chalmers, Trans. Opt. 
Soc., 1915-16, xvi. 16f1. 
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almost always used, and they must be made sO 
that they can be reversed pud for end in order 
to check the adjustment. 
:For len'Bing a plane surface the under 
surface of the level mount is also a plane 
surface. If this now rest on a flat surface, 
which is tilted as necessary till the bubble lies 
in the centre of its run, the surface is level 
in the direction of the length of the bubble 
tube, provided the bubble is in adjustment. 
The adju
tment is checked by reversing the 
bubble tube end for end. If the bubble still 
lies in the centre of its run the adjustment is 
correct. If it has moved it is brought back 
half-way by tilting the surface and the rest 
of the way by the adjusting screws on thp 
bubble mount. The whole is then checked 
by reversal. I t is not necessary for the 
bubble to be in adjustment; if the bubble 
remain in the same position in the tube after 


. 


:FIG. 2. 


reversal, the surface is Ìevel. A consideratiun 
of Fig. 2 will make this clear. 
9 (4-) STRIDI
G LEVEL.-For levelling the 
axis of a cylinder, such as the telescope of a 
cullimatur or the horizontal axis uf a transit, 
the level is mounted as shown at Q in 
Fig. 3. This is known as a striding level. 

 (5) USE OF LEVEL FOR l\IAKING A VERTICAL 
AXI
 VERTICAL. -In urder to make the 
vertical axis of rotation of any instrument 
(e.g. a theodolite) truly vertical, a bubble tube 
is fixed to the rotating purtion uf the instru- 
mcnt at right angles to the axis. If the bubble 
axis is truly at right angles to the vertical 
axis it is only necessary to set the bubble by 
means of the instrument levelling screws, in 
two positions at right angles to each other. 
In practice the instrument is rotated till the 
bubble tube is parallel to two of the levelling 
screws of the instrument, and by their means 
the bubble is set, i.e. brought to the centre 
of its run. The instrument is then rotated 
through 180 0 . If the hubble remain set the 
bubble is in adjustment; if not, the bubble is 
brought back half-way to its original position 
by means of the levelling screws, the instru- 
mpnt is again rotated through H
Oo into its 
original position, when the bubble should 
retain the mean position at which it was last 
set. The instrumrnt is then rotated through 


90 0 and the bubble set to the mean position 
as fuund above by means of the third levelling 
screw. The bubble shuuld now tal...e up the 
same position huwm-er the instrument i
 
rotated, anù if this is so the vertical axis is 
vertical. It is usually necessary to repeat 
the reversals several times before this conditiol1 
is obtained. If the mean position of the 
bubble is not the centre of the tube the 
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FIG. 3. 


bubble can be brought into adjustment by 
mea.no of the bubble - adjusting screws, but 
unless it is hadly out of adjustment this is not 
worth while. 

 (6) THE SENSITIVEKESS OF A BUBBLE, i.e. 
the amount the bubhle will move when the 
tube is tilted through a small angle, varies 
directly as the radius of curvature of the tube, 
and is generally measured by the angle of tilt 
necessary to move the bubble through one 
division of thf' tuhe. 

 (7) 
'HE ACCURACY OF A RUBBLE depends 
on other factors as well as on its spnsitiveness, 
notably on the }pngth of th" huhble itsf'lf, 
anù the method of illumination and vic"\\ing 
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adopted, and also of course on the accuracy 
of the figming of the surface of the tube. 
"
hen the tube is tilted and the en(b, of the 
bubble cease to be at the same level, a force 
due to this difference of level tends to mo\ e the 
liq uid. This force is proportional to the 
specific gravity of the liquid and to the 
difference in level of the ends of the bubble 
The difference of level or ,. head" is l sin a, 
where 1 is the length of the bubble and a thE; 
angle of tilt. This force therefore varies as 
the length of the bubble, and is independent 
of the curvature. This force has to overcome 
the inertia of the liquid and the frictional 
forces. The more sensitive the bubble the 
greater the work that has to be done to move 
the liquid to its new position; hence the 
slower the movement. 
The accuracy required in forming the surface 
of a sensitive bubble tube is very great. The 
following example gives some idea of the 
accuracy necessary. 
uppose the tool used in 
forming the surface vibrates in such a manner 
as to superimpose a sine curve on the theo- 
retical circle, and that the equation of this 
curve is y=k sin (27rx/p), where y is the linear 
departure from the true cun
e at any point 
whose distance along the curve is x, 1; is the 
maximum value of y, and p the period of the 
sine curve. For a displacement dx of the 
bubble the change of level of one end of the 
bubble is (ldx/;!R) +(YI -Y2) cos e =h, where 1 is 
the length of the bubble, R the radius of 
curvature, and f) the angle between the radius 
at the end of the bubble and the vertical. 
Thus e =lt2R, and cos e may be considered as 
unity. If hand h' are the changes in level at 
the two ends the corresponding angular tilt is 
(h + It')/l = a, whence 
4k . trl . 7rdx . 7r(2,r+l+d.r) dx 
a= - SIn -- ::)1n - SIn +-. 
l p p p R 


The first term represents the error in sensi- 
tiveness at the point considered. This shO\\ s 
that in general the error is reduced "ith in- 
crease in 1, but the term sin 7rl/p "ill vary 
from 1 to 0 as l varies. Appl)ing this to a 
bubble "ith a mean sensitiveness of 10'3" per 
miHimetre (R = 20 metres) and an irregularity 
represented by l'=,OOO.) mm., p=lO mm., 
length of bubble 33 mm., it is seen that the 
tilt necessary to move the bubble 1 mm. 
varies from 6.8" to 13.8 Þ '. If the length of the 
bubble be increased to 40 mm. the error 
vanishes. If R = 100 metres (sensitiveness 
about 2" per mm.) and the length of the 
bubble 6.3 mm., the tilt to move the hubble 
1 mm. varies from 0.9" to 3.9", it will be 
difficult to set the bubble, and no accuracy 
can be ohtained in readin a small anales 
f 
l'"' 
 
dislevelment. The abO\-e sho\\s that the tuhe 
mu:)t be very accurately shaped, especially if 


angles of dislevelment are to be read; it also 
shows that it is useless to attempt to calibrate 
a bubble tube. as the errors depend on the 
length of the bubble itself, and this is con- 
tinually varying with changes in temperature. 

 (8) EFFECT OF TK\IPERATCRE CHAXGES.- 
If the temperature of the tube rises the liquid 
will expand and the bubble itself" ill contract. 
If the bubble become unduly short the level 
becomes unsatbfactorv. To obviate this, sen- 
sitive bubble tubes 
re often made "ith a 
chamber as shown in Fig. 4, so that the length 
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FIG. 4. 


of the bubble can be adjusted by allowing 
more or les::; of the air to be caught in the 
chamber. If the tube be unevenly heated it 
will become dio:itorted, and the same \\ ill 
happen if the tube be mounted in a metal 
mount so that it is strained by unequal ex- 
pansion of the glass and metal. If the liquid 
be unevenly heated the warmer portion will 
have its density reduced and "ill take up 
more room and so cause the bubble to move 
irrespective of tilt. A still more important 
effect of unequal temperature is probably that 
due to the alteration of the surface tension of 
the liquid with change of temperature. In 
general the surface tension is reduced by 
increase of temperature, consequently the 
stronger surface tension at the cooler end of 
the bubble "ill cause the air bubble to move 
towards the warm end. It is therefore im- 
portant that sensitive bubbles should be care- 
fully shielded from becoming unevenly heated, 
and it is advisable to enclose the bubble tube 
and its mount in an outer gla
s tube. 

 (9) )IoCXTIXG THE BGBBLE TUBE.-The 
bubb]e tube is usually fixed in its metal mount 
by means of plaster of Paris, but this is not 
suitable for sensitive bubbles. Another method 
is for the tube to rest on two Y -shaped supports, 
and be held in place by spring::;; the Y's and 
springs may be lined with cork. Another 
method is to fix a metal cap on each end of 
the tube "ith wax. The caps are split and one 
portion turned up slightly to form a spring. 
The caps are then secured in the metal mount 
by means of three screws each. one of which 
presses against the sprung portion of the cap. 
The metal tube must also be mounted so that 
it can be adjusted \\ithout it being strained. 
One end must be capable of a small turning 
movement, while the other is fixed by two or 
four antagonising screws, or by a screw working 
against a spring. 

 (10) METHOD OF VIEWIXG THE BCBBLE.- 
The accuracy of setting or reading the bubble 
depends nut only 011 the scnsitiveness and 
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accuracy of the tube itself, but also on the 
method of yiewing and illuminating the bubble. 
In the usual method of mounting the bubble 
is both lit and viewed frum the top. In this 
case the appearance of the bubble ends varies 
with the direction from which the light falls, 
and there is also a parallax effect depending 
on the thickness of the glass - this being 
specially noticeable with a long bubble. The 
best method of illuminating the bubble appears 
to be by transmitted lignt, the mounting tube 
being cut away below as well as above, and 
a suitable reflector provided beneath it. If 
the bubble be mounted in this way the edges 
and ends of the bubble are better defined if 
the sides of the bubble tube are blackened. 
In many instruments, e.g. engineers' levels and 
theodolites, the bubble is so mounted that it 
cannot be viewed by the observer from his 
position at the end of the telescope; he has to 
move round the instrument to see the bubble, 
and by this movement he may tilt the whole 
instrument unless it stand on an exceptionally 
firm base. This effect can be largely over- 
come by viewing the bubble in a mirror, but, 
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FIG. 5. 


unless the mirror is at the correct inclination 
-and this varies according to the position of 
the eye,-parallax is not avoided, and the 
divisions of the scale at the two ends of the 
bubble being at different distances from the 
eye, they appear of different sizes. Both these 
effects are liable to introduce errors. A com- 
bination of reflecting prisms such as that shmvn 
in Fig. 5 avoids these errors, and also enables 
the ends of a long bubble to be viewed close 
together. The method of vie\\ing the bubble 
shown in Fig. 6 (introduced by .1\1essrs. Zeiss) 
entirely eliminates parallax, and enables the 
bubble to be set with very great accuracy. 
If the line ab of the prism is vertically over 
the ccntre line of the bubble, one half only 
of each end of the bubble is seen; and if 
the ends of the bubble are equidistant from c, 
the appearance is as shown in Fig. 6 (a). As 
the bubble moves to the right the two ends 
appear to move in opposite directions, and the 
appearance is as in Fig. ß (b). The bubblo is 
set by bringing the two ends into 
oincidence 
as shown in Fig. 6 (a). This arrangement more 
than doublcs the accuracy of setting, as the 


separation of the two ends as seen in the 
prism is double the actual movement of the 
bubble, and it is much easier to hring the two 
ends into coincidence than to judge when the 
bubble is lying e\Tenly betwC'en the marks on 
the tube. Another advantage of this arrange- 
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FIG. 6. 


ment is that the bubble can be very easily 
adjusted, the final adjustment being made by 
shifting the prism box along the tu bc instead 
of tilting the tu he itself; this is a far coarser. 
and easier mechanical adjustment for a given 
angular adjustment. l This arrangement is 
probably the best so far devised for setting the 
bubble, but is not so suitable for use where it 
is required to read small angles of dislevelmcnt. 
An attemiJt has been made to get the same 
facility of adjustment by marking the gradua- 
tions on an outer glass tube instead of on the 
bubble tube itself; this method, however, in- 
creases parallax errors. 

 (11) TESTING BUBBLE TLBES. - The 
" bubble tryer" shown in Fig. 7 is used for 
testing the sensitiveness and accuracy of 
bubble tubes. The bubble tube to be tested is 
placed on the Y's, the instrument is levelled 
laterally by the supporting screws on the 
right. The bar supporting the Y's can be 
tilted by means of the micrometer shown at 
the left. The dimensions of the instrument are 
calculated so that one revolution of the screW 
tilts the bubble by a definite number of seconds. 
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FIG. 7. 


For sensitive bubbles a double lever arrange- 
ment can be used. By thIs means the angle 
necessary to move the bubble through any of 
the divisions of the scale can he found, henC'e 
1 Fig. 16 of articlc .. SurYf';\'ÏlIg and f'urwy 
Instrumcnts" shows an instrument with this 
arrangement. 
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the mean angular value of a didsion and the 
constancy of this value. It will be seen from 
what has been s'lid abO\
e that it is not possible 
to calibrate a bubble tube, as \,ith an in- 
accurate tube the sensiti\Teness "ill vary \,ith 
the length of the bubble itself. 
nEFERE
CE.-Trans. Optical Soc. yol. xx. p. !5. 
E. o. H. 


SPR -\ YISG as an alternati\Te method to immer- 
sion for the application of sil \Tering solutions; 
an economical process, used for search-light 
mirrors. See" Silvered 
Iirrors and SihTer- 
ing," 
 (2) (iii.). 
STADIA SURVEYISG ,,- ORK, special instru- 
ments for. See" Surveying and Surveying 
Instruments," 
 (21) (v.). 
ST-\DU SURVEYS. subtense methods. See 
,. SUf\Teying and Surveying Instruments," 

 (22). 
STADIA SURVEYS, T.\.CHEO:\IETRIC OR, general 
method,;. See" Surveying and Surveying 
Instruments," 

 (9) (v.), (20). 
STASDARD \VAVE - LESGTHS, definition of a 
system of standard wave - lengths. See 
'" "-ave -lengths, The )Ieasurement of," 

 (4). 
Discuc:.;;ion as to their values. See ibid. 

 (4). 
STASD.-\RDS, OPTICAL, limit,; of error permis- 
sible in the manufacture of spectacle lenses. 
See" Lenses, The Testing of Simple," 
 (4). 
STASDARDS OF LIGHT. See" Photometry and 
Illumination," S (4) et sqq. 
STARK EFFECT: an effect, discovered by Stark 
in 1913, in which certain speC'tral lines 
when emitted in strong electric fields 
are resolved into components which are 
polarised in different planes. The resolution 
is not the same for lines of the same 
series, hut the polarisation and number 
of the components depend on the direction, 
with respect to the field. in whiC'h the 
observations are made. See "Spectro- 
scopy, :\Iodern," 
 (9). 
STARLIXG - THQ
IPSO
 PHOTO
IETER. See 
" Photometry and Illumination," 
 (27). 
STATIO
 PorsTER, its use for fixing position 
of ships. See" Xavigation and Xavigational 
Instruments," 

 (14) (i.), (17) (i.). 
STEFAX-BoLTZ)1AXX L_\.w. See "Radiation 
Theory," 
 (5). 
STEREOSCOPIC GRATIC{,"LES: a rlevice employed 
in some stereoscopic ran,!!e-finders to gÌ\Te a 
di
tance scale in the field of yiew. See 
" Range-finder, Short.ba<;:e." 
 (13). 
STEREOSCOPIC RAXGE-FI
DER. See" Range- 
finder, Short-base," 

 (2) and (7). 
VOL. IV 


STDIt!LíS: a term used in connection "ith 
sensory phenomena to denote the external 
physical cause as distinct from the senf'ation 
perceiyed. 
" STOXES," a defect in glass. See" Glass," 

 (16) (i.). 
STOP
, .:\IEASrREl\IE
T OF EFFECTIVE APER- 
T"('RE OF. See" Camera Lense::;, Testing of," 

 (8). 
STRAIX 
 TRAXSPAREXT )L-\TERL-\J
S, detec- 
tion of, by polarised light. See" Polarised 
I..ight and it::; Application:;:," 
 (IV). See 
also" Glass;' 
 (19) (iv.). 
Production of, in gla
s. See ibid. 
 (19) (i.). 
,. STRIAE," A DEFECT IX GLASS: yeins of glaEs 
of a different refractive index from that of 
the rest of the gIas
; kno\\ n also as " cords." 
See ., Glass," 
 (10) (ii.). 
STRIXG, CALcrLATIOX OF FREQ"LEXCIES OF 
VIBR-\TIOX OF. See" Sound," 
 (52) (i.); 
also" Strings, Vibrations of." 


STRIXGS, VIERA TIOXS OF 


To investigate the transverse vibrations of 
a tense string or wire we take tbe axis of x 
along the undisturbed position and denote hy 
!J the transverse displacement at time t of 
that point whose equilibrium co-ordinate is 
x. If Tl he the stretching force the transverse 
forces on the ends of an element ox are 


- T 1 sill 'J'-', and T 1 sin'" + õ(T 1 sin of), (1) 
where'" is the inclination of the curve to the 
axi
 of x. Hpnce if p be the line density, \\ e 
have 


-2 
pÕx
{r =õ(T l sin If). 


(2) 


This equation is accurate, but if ý; is e\ ery- 
where small we may neglect the changes of 
tension, and further write sin ý; = tan ý; = cy /êx 
"ith sufficient approximatiun. Thus 
ê 2 y Qê 2 y 
cf
 =c- 2X2 ' 


(3) 


where 


c= ,I (:1 ). 


(4) 


The simplest, and naturally the mo
t 
imnortant case is whf're the string is uniform, 
and c ac
ordingly a constant. The general 
solution of (3) i8 then 


y=f(ct-x) +F(ct+x). 


(5) 


It is easily verified, in fad, that this satisfies 
(3), and the arbitrar
T functions f and F en
blp 
us to s:Üisfy prescrihed initial and termmal 
conditions. For instance, in the case of an 
3F 
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unlimited string started from rf';:;t in the form 
Y=Ø(x) the solution is evidently 
y=i{Ø(x-ct)+Ø(x+ct)},. (6) 


sÍnce this makes 


y=Ø(x), 


?J! -0 
ét - , 


when t =0. 
If t be increased by any arbitrary amount 
T, and x hy CT, the v.alue of the first term 
in (5) is unaltered. Hence thi
 term, taken 
alone, would represent a wavf'-form travelling 
unchanged in the direction of x-positivf' with 
the constant velocity c. Similarly, the second 
term in (5) represents a wave travelling with 
velocity c in the nf'gative direction. From 
the generality of the solution (5) we infer 
that any initial disturbance of the string 
resolvf's itself into two waves travelling in 
opposite directions. In the particular case 
where the string is started from rest, the 
formula (6) shows that the two waves are 
identical in form, and have at COrff'sponding 
points half th(' original amplitudf'. 
The kinetic energy of any portion of the 
string is given by 
T=
-f ( 
f ) 2 pdx , . (8) 
the integral being taken over the portion in 
question. Since the length of an element is 
altered from ?x to sec ý;öx, the work done 
in stretching it i
 
. Tl (sec ý;-I)dx=!Tl (

) 2ÖX, 


(7) 


end, whilst the second rpprf'sents the refle<'ted 
wave. This is anti-symmetrical to the original 
wave, i.e. it is identical in form f'XCf'pt that it 
is reversed in sign, and also f'nd for f'nd. 
In Acoustics we are concerned with strings 
of finite length, fixed at both f'nds. Suppor.;ing 
these to be the points x=O, x=l, tllf' formula 
(12) will apply, provided 


E(ct + 1) = F(ct-I) 


(13) 


for all values of ct. The function F is therefore 
unaltered whenever the variable is incrf'ased 
by 21, and the values of y and dyjdt will 
thf'refore recur exactly whenever t increases 
by 21/c. Hence, whatpver the initial circum- 
stances, the motion of the string is strictly 
periodic, the period 21/c being the time a waye 
would take to tra vel OYf'r twice the length 
of t.he string. In this respect strings occupy 
an almost unique position among vibrating 
systems of multiple freedom. The only other 
acoustical instance is that of longitudinal 
vibrations of uniform rods or columns of air. 
To treat the qUf'stion by the more general 
procedure of the Theory of Vibrat.ions we 
inquire what modes of vibration are possible 
in which the motion of each particle is simple 
harmonic with uniform period and phase. 
Assuming 


y=u cos (wt+f), 


(14) 


where u is a function of x only, we find that 
(3) is satisfied, provided 


d 2 u w 2 
dx 2 + c 2 U =0, 


(15) 


to the second order. The potf'nti?.J energy is 
therefore whence 



 ( c ) 2 
V = ! T 1 J 
 dx, 
the integral being taken over the disturbecl 
portion. In a "progressive" wave, i.e. a 
wave travelling in one direction only, say 


y = f(ct - x), 


we have 


êy ?y 
ét = -r ðx ' 


and therefore T = V, in virtue of (4). The 
energy is therefore half kinetic and ha.lf 
poten tial. 
\Vhen the string is limited in one or in both 
directions refleption will take place. For 
instance, if the origin be fixcd we must have, 
in (5), f = - E for all values of the variablf', 
and therefore 
y=F(ct+x)-F(rt-x).. (12) 
If we snppose the string to lie to the right 
of the origin, the first term represents a wave 
of arbitrary form travelling towards the fixed 


wx . wX 
u=A cos- +B Sill-. 
c c 


(16) 


(n) 


Since u is to vanish for x=O and x=l, we 
must have A =0 and sin (wlJc) =0, or 


87rC 
w=-(, 


(17) 


(10) where 8 is integraL. \Ve infer that there is 
an endless series of normal modt's (as they 
( 11) are called) of the type 


. 87rX ( 87rct ) 
y=Bs sm T COS T +fs , . 


(18) 


where the constants Bs and fs are arbitrary. 
The mode corresponding to 8 = 1 is called 
" fundamental"; in it the form of the string 
at any instant is that of a semi-undulation 
of a 
('urve of sines. In the next member 
(8=2) of the series the string forms a complete 
undulation, with a point of reHt, or "node," 
at the middle point. In the mode correspond- 
ing to any other valup of 8 there are 8 + 1 
nodes (counting the ends), and 8 intervening 
"loops," or points of maximum amplitude. 
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The frequencies (wj''::lr) of the successive modes 
form a harmonic series- 
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This relation of frequencies has important 
consequences in Acoustics. l As is suggpsted 
by a remark already made, it is pec
diar to 
strings and to one or two other ideall
' simple 
systems. Even in the case of a string the 
harmonic relation is at once violated if the 
density is not uniform. or if the flexural stiff- 
ness of the ,Üre has to be takcn into account. 
The frequency of the fundamental mode, 
which determines the "pitch" of the note 
produced, is 


c T! 
_ 1 
2l- 2lp! ' 
It is lowered hy increase of length or of 
line-density, and raised by increase of tension. 
These points have familiar illustrations in the 
Htructure and tuning of the pianoforte. 
So far, the string has been supposed free 
from external force. To illustrate the case 
of " forced" vibrations we mav imagine that a 
prescribed vibration 
 
 


y = ß cos wt 


is imposed at the point X=ll. The two parts 
of the string are to be treated separately, since 
the equation (3) is violated at the point in 
question. The solution is 
sin (wxje) 
Yl = -;- - ( - / ) ß cos wt, (21) 
SIn wa e 
for O<x<a, and 


sin {w(l- x)je} 
Y2 -. J (l )j } ß cos wt. (22) 
sm tW -a c 


Each of these expressions is seen to come 
under the form (5), whilst for x=a the values 
of Yl and Y2 agree "ith (20). The amplitude of 
Yl or Y2 becomes very gre:ìt whenever waje 
or w(l- a)/c is a multiple of 1r, i.e. when the 
imposed period approximates to a natural 
period of either of the two segments of the 
string. 'Ye have here an illustration of the 
principle of Resonance (see" Simple Harmonic 
:\fotion," Vol. I.), but it is to be remembered 
that when the amplitude fxceeds certain limits 
dissipation forceR bpcome important. 
It is to be remarkf,d th3t the direC't action 
1 
ec " 
ouUlI," 
 (52). 


of a string in starting air waves is quite 
in
ignific3.nt. In the pianoforte, for example, 
the pCliodie pressures on the bridge8 near the 
ends of the string set the whole area of the 
sounding - board into vibration, and this is 
really the origÜl of the audible 
ound. There 
is, of coursf', a certain reaction on the string 
it
elf, hut, this is ne,g1i
ible except in so far 
as the loss of pnergy gradually brings the vibra- 
tions to an end. H. L. 
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SUBMARINE RANGE-FINDER (Zeiss). See 
" Range-finder, Short-base," 
 (7). See also 
" Periscopes. " 
SUB-STAXDARDS OF LIGHT: electric lamps 
used in practical photometry instead of 
primè\ry standards. Spe" Photometry and 
Illumination," 
 (13). 
SUBSTITTITION :METHOD: application to 
measurement of prism angles. See" Gonio- 
metry," 
 (2). 
SUBTE5SE :\IETHODS. See "Surveying and 
Surveying Instruments," 
 (22). 
SUGAR, ROTATION CONSTANTS OF. See" Sac
 
charimetry," 
 (5). 
SUGAR STA5DARD, SrBSIDIARY, FORl\IEASURING 
THERoTATIONCONSTAKTSOFSUGAR: aquartz 
plate '" hich, when measured with a sacchari- 
meter, gives the same reading as that of a 
normal solution "ith the same instrument. 
See" Saccharimetry," 
 (5). 
SUMNER L:rnE. See" Navigation and Xaviga- 
tional Instruments," 
 (4). 
SVRFACE TENSION OF GLASS. See" Glass," 

 (32). 


(20) 


SURVEYING AND SURVEYIKG 
IXSTR U
IEKTS 


1. SURVEYING IN GENERAL 

 (1) INTRODUCTlox.-Surveying consists In 
the appücation of physical measurement to 
the earth's surface, and furnishes a basis for 
its discussion. Land 8uryeying may be divided 
roughly into three classes, cada
tral, topo- 
graphical, and geodetic, but there is no clear- 
cut diyision between them. Strictly speaking, 
a cadastral survey is concerned only with 
property boundarie8, the topographical with 
natural features and physical objects, and 
geodetic with the shape of the earth. In any 
highly developed country a cadastral survey 
must be on a large scale, and any large scale 
survey is frequently callE-d a cadastral survey. 
l;'or example. the large scale Ordnance Survey 
maps of the United Kingdom are sometimeB 
called cadastral maps, although they do not 
show property boundaries as such; they show 
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the physical divisions of the land such as 
hedges, walls, or ditches, which mayor may 
not be the actual property boundaries. Thcy 
are therefore, strictly speaking, topographical 
maps on an unusually large scale. On the 
other hand, a cadastral map is of little use if 
it does not include SOllle topographical features. 
Generally speaking, a topugraphicalmap should 
show all the accidents of the surface which 
distinguish it from a featureless plane and 
which are of sufficient size to be shown legibly 
on the map. To satisfy these requirements on 
a scale larger than six inches to the mile (or 
about 1/10,000) would be very expensive and 
of little general use, and such large scale maps 
are only made of small areas for special en- 
gineering purposes. The smallest scale which 
can be considered a topographical map is 
about 1/500,000, maps on scales smaller than 
this become compilations or atlas maps. The 
scales most used for topographical purposes 
vary from 1/2.3,000 to 1/2.30,000. A geodetic 
survey does not in itself result in a map, but 
it is impossible to pr0duce a good topographical 
or cadastral map of any considerable area 
without measurements which approach the 
accuracy required for geodetic purposes, and 
if the maps are to be on any but the smaller 
scales geodetic accuracy is necessary. 
Land surveying is a very ancient art, and 
was carried out in Egypt as early as 3000 B.C., 
being required for laying out property bound- 
aries on the land covered by the Sile floods, 
and for measuring the areas of holdings for 
revenu
 and land registration purposes. l 

 (2) ACCURACY REQUIRED.-In deciding on 
the methods to be adopted in any given case 
it is necessary to consider on the one hand 
the precision of measurement and the elimina- 
tion of errors of observation, and on the other 
the nature of the region to be surveyed and 
the purpuse for which the results are required. 
Superfluous accuracy may lead to as un- 
. profitable expenditure as an attempt to survey 
a large area without suitable means of COIl- 
trolling and eliminating the errors which must 
occur. For economical work there must be a 
proper adaptation of the means available to 
the end in view. The attainment of this 
requires a knowledge of the principles on which 
all survey work is based, and of the causes, 
and laws of accumulation, of the errors in the 
various processes. 
The ideal accuracy is such that no error in 
fixing the position of any point is greater than 
the smallest amount that can be plotted on 
the largest scale map which is to be produced. 
\Vhile this limiting error should never be ex- 
ceeded, it must be remembered that the final 
error in the position of a ])oint depends not 
only on the immediate measurements made to 
1 See Jl, G, Lyons, Cadastral SUTl'ey of Egypt, 
Cairo, 1908. 


it, but includes the errors of the points from 
\\ hich it is fixed. It is necessary therefore to 
proyiùc a framework of points fixed with 
great accuracy, and \\ ith any errors that may 
appear, distributed in the bcst manner pos- 
sible. These points are then uscd to control 
the detail of the survey, and preyent the 
accumulation of errors. By this means the 
bulk of the work can be done by rougher 
methods, and the most accurate, and therefure 
most expensive, work reduced to a minimum. 
\Yhen commencing any new survey it i
 
always economical in the long run to provide 
a framework, over the whole area to be sur- 
veyed, of the highest accuraey that is liI"ely 
to be required in the future, and so to arrange 
it that it can be extended if and when the 
area is to be extended. If the framework is 
only just sufficiently accurate for a small scale 
topographical map, it ,:rill be useless for a 
larger scale, or more extensive, survey in the 
future. Limitations of time, or funds, avail- 
able may necessitate a lower dcgree of accu- 
racy, but it is genprally false economy to hurry 
unduly or to starve the prúvision of this 
primary framework. If such an accurate 
framework is provided the points composing 
it must be marked in a permanent manner, 
so that they can be accurately identified at a 
future time; it is obvious that any failure in 
this respect makes the work useless for anv- 
thing but the survey immediately in hand. '" 

 (3) CO-ORDINATES.-In all cases the general 
principles of fixing and defining the points are 
the same. The position of a point is defined 
either numerically or graphically by some 
system of co-ordinates, one co-ordinate being 
always measured vertically, i.e. in the direction 
of the force of gravity through the point. A 
surface which is eycrywhere at right angles to 
the vertical is a horizontal, or level, surface. 
The simplest example of such a surface is that 
of a lake or sea at rest, and the other two co- 
ordinates are generally measured on the surface 
represented by the mean level of the sea, 
supposed to be continued through the land. 
This surlace constitutes the "Gcoid," being 
the mathematical" figure of the earth" (see 
the article on "Gravity Survey." Vol. Ill). 
The shape of the geoid approximates to an 
oblate spheroid having a semi-major axis of 
about 6,378,000 metres and an eccentricity of 
about 1/299. In surveys of large areas, such as 
countries or continents, it is necessary to take 
account of the spheroidal shape, and measure- 
ments are reduced to some selected" spheroid 
of reference." Ii'or smaller areas it is sufficient 
to consider the reference surfacp as a sphere 
whose centre lies in the earth's polar axis, and 
for still smaller areas the surlace may be 
considered as a plane. The assumption that 
the smface is a sphere rather than a spheroid 
leads to the ::)implification that the vcrtical 
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plane through a point A \\ hich also includes 
a point B is identical with the vertical plane 
through B which includes A, and that the 
level surfaces are all concentric spheres. 
In commcncing the survey of any area the 
reference surface is first selected, a point on 
this surface is then chosen as " Origin," and 
if the survev is to be connected to any other 
survey, the
 position of this point n
ust be 
determined, either by connecting it to an 
existing survey, or by astronomical deter
ina- 
tion of its latitude and longitude. An aZImuth 
must be similarly determined in order that 
the survey may be properly oriented. If the 
direction and distance from the origin of any 
other point is determined its position is 
fixed. Further points can be fixed in å similar 
manner, or by determining their directions 
from two points already fixed, or by deter- 
mining their horizontal distances from two 
fixed points. In the latter case the height of 
the point must be determined separately, in 
the former case it is usual to measure horizontal 
angles only, and if this is done the height 
must also be determined separately. The 
system of horizontal co-ordinates to be adopted 
depends on circumstances. "'hen an appreci- 
able fraction of the earth's surface is to be 
considered the co-ordinates used are ]atitude 
and longitude. 

 (4) LATITrDE.- The latitude of a point is 
defined as the angle made by the vertical 
through the point with the plane of the equator. 
It is measured north or south from the equator. 
Strictly there are three different definitions of 
latitude-a8trOlwmicallatitude as defined above 
and depending on the true vertical at the point; 
geocentric latitude, which is the angle the line 
from the earth's centre to the point makes 
with the plane of the equator; and geograplâcal 
latitude, which is based on the suppo
ition that 
the earth is a spheroid of known compression, 
and is the angle that the normal to this spheroid 
makes "jth'-- the plane of the equator. It 
differs from the astronomical latitude only in 
being corrected for the local deviation of the 
plumb-line. It is this latitude which is used 
in mapping. The astronomical latitude of any 
point can be found direct by observation on 
the sun or stars, and can be found without much 
difficulty "ith an error of less than 0.3" (cor- 
responding to about 30 feet on the ground) 
using a 6-inch theodolite, and with greater 
accuracy by using special instruments. The 
astronomical latitude is not absolutely constant 
for any point, but varies through a range of 
about 0.3" owing to the fact that the geometric 
axis of the earth does not coincide absolutely 
with the axis of rotation. 
The angle between the true vertical at any 
point and the normal to the spheroid of 
reference is l\:no\\ n as the deviation of the 
plumb-line, and in placcs where this (or rather 


its component in the mcridian) varies the 
length of a degree of latitude as measured on 
the earth's surface ".ill also vary irregularly; 
consequently astronomical latitudes are not 
suitable as co-ordinates for mapping purposes 
for large scale work. The deviation of the 
plumb-line may amount to over half a minute 
in exceptional cases,l and in the absence of a 
geodetic survey there is always an uncertainty 
of a few seconds. Geographical latitudes are 
corrected for this deviation, and therefore the 
length of a degree of geographical latitude does 
not vary irregularly. 'Vhen the latitude of 
the origin, and the spheroid of reference to be 
used, have once been settled for any survey, 
the geographical latitudes can be calculated 
from the measurements and used for mapping 
purposes, but the resulting values will depend 
on the spheroid adopted and on the (nccessarily 
unknown) deviation of the plumb-line at the 
origin. Consequently two suryeys started in- 
dependently cannot in general be expected to 
give the same values for the latitudes of any 
points common to both. 

 (3) LOXGITCDE.-The longitude of a point 
is the angle between the meridian plane through 
the point and some standard meridian plane, 
and is measured east or west from the standard. 
The meridian plane now almost universally 
adopted as standard is that of the transit 
instrument at Greenwich Observatory. The 
plane of the meridian may be defined in two 
ways, either ab the plane through the earth's 
axis which contains the point, or as the plane 
parallel to the earth's axis which contains the 
vertical at the point. The first definition giyes 
the geographical longitude and the second the 
a8trorwmical longitude, the difference beÌ\\een 
them being the deviation of the plumb-line in 
the prime vertical (the plane passing through 
the vertical ann perpendicùlar to the meridian). 
Geographical longitude is calculated in the 
same way as geographical latitude, but the 
determination of astronomical longitude is less 
simple. The difference in longitude bet\\ een 
two points is a measure of the difference in the 
local times of the two points, one hour of 
mean time corresponding to 13 0 of longitude. 
Local time can óe found by astronomical 
observations with an error of less than T\- 
second without much difficulty, but to deduce 
the longitude Greenwich mean time must also 
be known. This is the most difficult part of 
the problem. Recent adyances in wireless 
telegraphy ha\Te simplified this, and wireless 
signals can be recorded on a chronograph with 
a time lag of less than Tåìf second, and there 
now appears no reason why astronomicallongi- 
tudes should not be obtained in the field \\ith 
the same accuracy as latitudes, and "ith nearly 
1 :'ee elf' Graaf Hunter, The Earth's Axis and 
Triangulation, SUyJ'ey of India, Prof, Paper, 16, Dehra 
Dun, 1918. 
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the same facility. In the pa
t the only accu- 
rate method has been by exchange of tele- 
graphic signals. This is only possible when 
arrangements can be made for the use of a 
telegraph wire between the field station and 
some station whose longitude is known. 
Transport of chronometers is not very satis- 
factory, as the rates of the chronometers are 
liable to change while they are being trans- 
ported, but this has up to now been the best 
method available where triangulation or tele- 
graphic determinations have not been possible. 
Recent improvements in chronometers, com- 
bined with the possibilities of rapid transport 
by aeroplane, have increased the accuracy 
possible by this method. A recent determina- 
tion I of the difference in longitude between 
Paris and Greenwich clhows the possibilities. 
In this Paul Ditisheim used 13 chronometers, 
and took in all five trips between Paris and 
Greenwich, giving sixty-one separate deter- 
minations. The mean for the sixty-one was 
9 minutes 20.9-17 seconds -t '027, the probable 
error of one determination being 0.214 second. 
The mean of the French and Bliti
h deter- 
minations by telegraphic methods in 1902 was 
9 minutes 20.9.')3 seconds. 
Greenwich time can also be obtained by 
observations of the occultation of stars by the 
moon, or by observing or photographing the 
position of the moon among the stars, but 
such observations are neither simple nor accu- 
rate. 

 (6) ".FIGURE OF THE EARTH."-This is 
found by determining as accurately as possible 
the astronomical latitudes and longitudes of 
points connected by a geodetic survey, and the 
figure so found is that which makes the result- 
ing deviations of the plumb-line a minimum for 
the stations considered. Xaturally as geodetic 
surveys are extended more data become 
available, and fresh figures can be found 
which approximate more closely to the true 
geoid. :For' this reason surveys started at 
different times and in different countries have 
adopted different figures for their calculations, 
but these variations have little effect on the 
mapping of the various í'ountries, and the 
labour of fresh calculations which would be 
necessitated by a change in the figure has not 
been considered to be justified by any gain in 
accuracy that would rf'sult. Inconvenience 
arises, however, when two such survf'Ys connect 
up with each other,2 and as the existing gaps 
in geodetic triangulation become filled up, the 


1 l\lonthly Notk('s, Royal A.<;trorlomical Soc. lxxx. 
80!). 
2 A striking examplp of the inconv('nif>nce causf>d 
by slirveys which had not bpen rednc'('1! to a con- 
si"tf'nt whole, hnt which connected or oyerlappcrl, is 
gÏ"wn by the theatre of opf'rations of tlw British 
Armies in }
ranee and Flanders in the latp war. 
There were no less than fiye good} but conflicting, 
sy"tems of triangulation in this area. See Geographical 
Journal, liii. 253. 


question of l'eealculation. so as to make a 
consistent whole, will have to be seriously 
considered. 

 (7) RE(,TA
GrLAR Co - ORDI
ATES. - In- 
stead of using geographical co-ordinates 
(latitude and longitude), it is frequently 
preferable to use rectangular co-ordinates, 
and these are invariably used in large-scale 
work. The position of any point on the 
earth's surface can be defined with reference 
to any other point chosen as origin by the 
intercept ùf the great circle at right angl{'s 
to the meridian through the origin and passing 
through the point (x co-orrlinatf'), and the 
distance along the meridian from the origin 
to the intf'rsection of the great circle (y co- 
ordinate). Rectangular co-ordinates as thus 
defined are strictly accurate means of defining 
the position of points. Geographical and 
rectangular co-ordinates can be converted 
the one into the other. 3 
The rectangular co-ordinates of traverse 
points or trigonomctricaJ points, "\\ hose latitude 
and longitude are not required, are generally 
calculated as follows. 
A (Fig. 1) is the origin, AY the meridian, 
AX the great circle perpendicular to the 
meridian. Then the co-ordinates (X1YI) of B 
are given by Xl = AB sin a and YI = AB cos a, 
where a is the azimuth, or true bearing of 
the first side AB. Similarly, if ß = ABC - a, 
X 2 = Be sin ß, and Y2 = BC cos ß, the co-ordinates 
of C are (Xl + X 2 )(YI - Y2)' Similarly the co- 
ordinates of D and further points can be found. 
It will be noticed that 
in the case of a tri - Y 
angulation such as is 
shown in Fig. 1 the 
co-ordinates of C can 
be found either from 
B or A, and those of D 
from B or C. It is 
generally advisable to 
compute both ways RO 
as to provide a check on the arithmetic. It 
must also be noticed that once the initial 
meridian has been left the angles ß, )', etc., 
are nu longer the true bearings of the sidps, 
and must never be used as such. They 
k " fl b . " 
are commonly -no\vn as a se earmgs, 
and differ from the true bearings by an 
amount known as the convergence of the 
meridians. This method' of calculation as- 
sumes that the perpendiculars dropped from 
the points B, C, etc., to the axes are parallel 
straight lines. In reality the perpendiculars 
to the Y axis are portions of great circles, 
and therefore not parallel to each other nor 
to the axis of X, hence as the points get 
further from the Y axis the y co-ordinates as 
calculated become larger than their true 
3 
e(' Â. R. (,larkf"" or otlWf book on (if'o(k
r ; or 
C. F. ('lose, Text-book on Topographical SUr1'eytllg. 
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value. This error increases as the square 
of the distance from the meridian, and amounts 
to about 1 ft. per mile at a distance of 75 
miles from the meridian. The errors of the 
x co-ordinates, and those of the y co-ordinates, 
due to increasing distance from the X 9 xis, 
are much less serious. This method of 
computing, though extremely useful, must 
not be continued too far from the initial 
meridian. 

 (8) )!AP PROJECTloNs.-In order to form 
a map the points must be plotted on a plane 
surface, and some orderly system of construct- 
ing the meridians and parallels must be 
selected for this purpose. Such an arrange- 
ment is called a map projection, although it is 
not, as a rule, a projection in the geoilletrical 
sense of the term. As the surface of the 
earth is curved it is impossible to represent 
it without distortion on a plane surface. 
For small areas, where the departure of the 
earth's surface from a plane is small, it does 
not matter much what projection is selected, 
and points are generally plotted by treating 
their (spherical) rectangular co - ordinates as 
plane co - ordinates. In a map covering a 
large area of ground the main points must 
be plotted either from their geographical 
co-ordinates, or from these reduced to plane 
rectangular ('0 - ordinates, according to the 
projection adopted. In the case of large- 
scale work minor points are plotted by 
rectangular co-ordinates. and the consequent 
errors are prevented from accumulating to 
any appreciable extent by shifting the origin 
used from one principal point to another as 
the work proceeds. The various map pro- 
jections in use are dealt \\ith in a special 
article. 

 (9) )IETHoDS OF )IEASURE:\lENT. - The 
actual measurements req uired in the field 
are of two kinds: 
(a) Length measurements, either direct by 
means of measuring rods, chains, tapes, etc., 
or indirect by the use of angular measure- 
ments. (b) Angle measurements. Generally 
horizontal and "\ertical angles are measured 
separately. The instruments most used are 
theodolite, compass, or plane table, for 
horizontal angles; theodolite or clinometer 
("ith either a spirit-level or plumb-bob) for 
vertical angles; and the sextant for direct 
angles. 
These fundamental measurements can be 
combined in various "ays. For obtaining 
horizontal co-ordinates the following methods 
can be adopted: 
(i.) Triah(]ulation.-This consists of forming 
a network of triangles, built up one on the 
other, the distance between two points being 
first accurately measured by a base measuring 
apparatus. The angles of the triangles being 
then measured "ith a theodolite, the lengths 


of all the remaining sides can be calculated. 
This method is the best Íor providing the main 
framework of any extensive survey, and is the 
only one used for geodetic work. It should 
always be used where circumstances permit 
(see 
 (10)). 
(ii.) Traærsing.-Traversing consists in pro- 
ceeding from point to point in straight lines. 
The distance between points i" measured 
directly, and changes of direction are measured 
at each point by means of theodolite or 
compass. Traverses are used in close country, 
such as towns or forests, where triangulation 
is impossible or unduly expensive, or for 
railway or road location surveys where the 
survey of only a narrow strip of land is 
req uired. They are generally used in conjunc- 
tion with a triangulation (see 
 (11)). 
(iii.) Detail Surrey.-Detail survey consists 
in the filling in of minor points of detail 
between the trigonometrical or traverse points 
alreacly fixed. It is generally carried out by 
simple length and angular measurements 
(chain survey, etc.), or in some cases by large- 
scale plane-table work (see 
 (15)). 
(iv.) Plane - tabling. - The plane - table con- 
sists simply of a dra"ing - board mounted 
horizontally on a portable stand. The detail 
is drawn straight on the board in the field. 
An alidade, or sight - vane, consisting of a 
ruler fitted with sights, enables rays to be 
dra wn on the board in the direction of the 
various points. Points are fixed by interpola- 
tion or resection from known points, or by 
a system of graphic triangulation, or by 
means of directions determined graphically 
and distances by tacheometric means (see 

 (16)). 
(v.) Tache01netric or Stadia Survey.-In this 
case distances are measured indirectly by the 
angle subtended at the instrument by a 
known length at the distant point. If the 
bearing of the point is known the c
-ordinates 
of the point can be calculated, or its position 
plotted by protractor and scale (see 
 (20)). 
(vi.) AstrO"twmical Observations. - Astro- 
nomicallatitudes, local time, and the direction 
of the true north can be obtained from 
observations on the sun or stars. As already 
explained, such 0 bselTa tions are req uired 
for determining the position of the origin 
and the orientation of new surveys, and for 
geodetic purposes. They are also useful as a 
check on route traverses and rough tri- 
angulation. The determination of II.n azimuth 
is often required in many classes of survey 
(see 
 (23)). 
(vü.) Photographic Surveying.-Photographs 
can be used for measuring angles if the focal 
length of the lens used is known. Such 
methods are sometimes of use in mountainous 
country, and the recent developments in 
aviation have opened up possibilities of 
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surveying by means of photographs taken 
from aircraft. 
The general utility of photographic methods 
is, hO\H'\Ter, much debated, and for a completf' 
topographic survey plane-table methods are 
generally preferable, but photographic methods 
may be useful in very rough country, or for 
location surveys in mountainous country. 1 
Elaborate apparatus for plotting from photo- 
graphs has been made, notably by Zeiss. 
A full description of the different apparatus 
available, together "ith a bibliography, is 
given by )Iax 'Y eiss. 2 
Survey from aerial photographs suffers at 
present from two great disadvantages: (I) 
The apparent direction of gravity in an aero- 
plane depends on the acceleration of the 
aeroplane, consequently the direction of the 
true vertical is not known. This difficulty 
can be overcome if sufficient points
 whose 
position and height are known, can be accur- 
ately identified in each photograph, but the 
result is that a stronger and more expensive 
trigonometrical control is needed than would 
be required for ordinary methods. (2) The 
difficulty in obtaining an adequate know- 
ledge of the relief of the ground. In any 
case it is only the tops of walls, houses, etc., 
that can be fixed accurately, .whereas the 
ground plan is usually required by surveyors. 
The overhang of trees and buildings creates 
further difficulty. These disadvantages make 
the method of little use in closely inhabited 
country. On the other hand, aerial photo- 
graphy proved of great use during the war 
to fill in fresh detail in inaccessible country, 
and is also of use in the survey of flat country 
that cannot easily be walked over, and for 
the rapid survey of high-water mark on the 
coasts or in flooded areas. 3 
The vertical co-ordinates are found in the 
following ways: 
(a) Levelling.-Readings are taken on a 
vertical scale by means of a horizontal line 
of sight. The difference of two such readings 
from the same position of the instrument 
gives the difference of height of the two points 
on which the scales are supported. By a 
succession of such readings the heights of 
successive points are () btained. This is the 
most accurate method (see 
 (29)). 
(b) Trigonometrical Determination of Ileights. 
-If the distance of a point is known and the 
vertical angle to it measured, the height of 


1 See F. :\Ianek, n.'iter1'ei.chi.<;cher 111(Jenieur- und 
Arrhitekten- rnein, Z(Jit.'irhrift, lxxii. 73. 
2 Dip (Jl'schi.chtlirhe En(1l'ickbl'ì1(l der PJ(oto(J1'am- 
metrie und die RI'(l1'ÜndulIg ih1'er r
e1'u:el1dba1'keit für 
Mess unci J{onstntktion.'izu'erke (Stuttgart), 1913. See 
also R. Hdhling, .Ç,'rhll'eizerisrhl' Rauzl'itun(J, lxxvii. 6 
ancl 13, and 'V. Sander, Zeit. Inst1'umentl'nk. xli. 1,33, 
and 65. 
3 S('c Gpographiml .Journal, h-i. 201 and 481; al
o 
C. G. Lewis and II. G. Salmond, SUrl'cy of India, P1'vj. 
Paper, 19. 


the point above', or below, the instrument 
can be calculated. For distant points allow- 
ance must be made for the curvature of the 
e'arth and for atmospheric rdraction. The 
method suffer!:) from the uncertainty of the 
allowance for refraction, and the errors from 
this cause increase rapidly with the distance.4. 
(c) Barometric lllethod8. - :\Ieasurement of 
the atmospheric pressure by means of an 
aneroid, or otherwise, is the quickest method 
of determining heights, but as the pressure 
varies according to the " weather" as well a!:) 
the height, this method gives only rough 
results in most cases. 
The various methods set out above and the 
instruments used will now be considered in 
more detail. 


II. TRIANGULATION 

 (10) TRIANGULATION.-If the length of one 
side, and the three angles, of a triangle are 
known, the lengths of the other sides can be 
calculated, from whence it follows that if the 
angles in any figure built up of triangles are 
measured, together with the length of any 
one side, the lengths of all the other sides can 
be calculated and the apices of the triangles 
fixed. The measu red side is called the base, 
and its method of measurement is described 
later. The figure may consist of a chain of 
triangles, of quadrilaterals, of polygons, or 
of a network, as shown at (a), (b), (c), and (d) 


FIG. 2. 


of Fig. 2. Although it is sufficient to measure 
two of the thref' angles of each triangle it 
is better to measure all three, as this gives 
a measure of the accuracy and prevents 
mistakes. The International Geodetic Associa- 
tion classes triangulation as follows: First 
order has a triangular eITor not exceeding I", 
second order not exceeding 5", third order 
, Sre article on .. Trigon01netrkal Hf'i!!hts anù 
Terrestrial Atmospheric Refraction," Vol. III. 
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not exceeding 1.3", fourth order exceeding 
1.3'. In R first-cla:::.::; pxtensive survey there 
arf' generally three classes of triangulation. 
The .. primary" should, if possible, be of 
the first order of accuracy, or should closely 
approach it. The sides of the triangles would 
average 30 to -to miles (up to 100 miles have 
been observed). All angles are measllred, 
and a 10- or 12-in. micrometer theodolite 
is used. This forms a backbone, or main 
framework for the 
urvey. The ,. secondary" 
triangulation is carried out with fl. or S-in. 
instruments, with fewer observations, and the 
lengths of the sides are shorter. Errors are 
prevented from accumulating by adjusting 
the results to those of the primary work. 
Finally the whole country is covered by a 
,. tertiary" network, based on the secondary 
work. The length of the sides depends on 
the scale of the map required, and for large- 
scale work would average about Ii miles. 
\Vhen time and funds permit, it is always 
advisable to provide a framework of first 
ord
r triangulation. This will then serve 
for any survey that may be required in the 
future; and if accurate large - scale surveys 
are started in various parts of the country 
this framework ensures that they will join up 
correctly when they meet. If it is impossible 
to carry out such work, the main framework 
should be of at least sufficient accuracy to 
ensure that no error is introduced which "ill 
be plottable on the scale of the map which it 
is to control. 
\Vith an}? extended system of triangulation 
it is always ad,isable to measure one or more 
chec k bases, at consid('ra ble distances from 
the original. Bases can now be mea::mred so 
easily that modern practice tends to multiply 
the number measured. 
The errors in primary work are always 
adjusted by the method of least squares. 
The accuracy depends not omy on the accuracy 
of measurement, but also on the " strength" 
of the figure. In a simple chain of triangles 
((a), Fig. 2) the triangles are all independent, 
and the only adjustment made is by distribut- 
ing the triangular error between the three 
angles. In other words, there are three 
unknown errors, and only one conditional 
equation that must be fulfilled by the correct 
angles. In the case of a chain of quadrilaterals 
((b), Fig. 2), while each quadrilateral is in- 
dependent, eight angles are measured, but 
there are four conditional equations connecting 
them, hence the errors can be distributed 
better and the figure is "stronger. " The 
strength also depends on the figure being well 
conditioned; e.g. an equilateral triangle is 
stronger than one containing an acutf' angle. 

Iore complicated figureR are still stronger, 
but as their strength increases so does the 
labour in adjusting them. Check bases 


provide a further correction, which must be 
applied throughout th(' chain connecting each 
pair of ba<;es, it being usually considered that 
the measured lengths of the bases are errorless 
compared with those calculated through the 
triangulation. Similarly a chain closing on 
itself, or on a previously adjusted chain, so 
as to form a closed circuit, provides a further 
condition. )Iodern practice tends to adopt 
chains of quadrilaterals, forming a grid or 
network, with occasional more complicated 
figures as may be necessitated by base 
extensions or topographical conditions. 
In first order work the !Signals obseryed 
to are generally lamps or heliostats, work on 
lamps at night giving the best results. If 
opaque signals are used, care must be taken to 
avoid a construction that presents yariations 
in phase according to the direction from which 
the light falls upon it. _.\.ll stations must 
be carefully marked and described so that 
they can be found again in later years. It is 
desirable to have concrete or brick pillars to 
support the instrument and the lamps. In 
flat or wooded country it may be necessi1ry 
to erect towers to support the instrument 
so as to get a Eufficiently clear sight 


III. TRAVERSES 
9 (11) GEXERAL.-A traverse consists of a 
series of straight lines on the earth's surface, 
the lengths and bearings of which are measured. 
Each straight section is called a leg. The 
bearings of each leg ma)? be obtained in- 
dependently by compass, or the bearing of the 
first may be measured or assumed and the 
bearing of each successh
e leg determined by 
measuring the angle made with the preceding 
leg. Traverses may be made in many ways, 
and with all degrees of accuracy. The 
ilistances may be measured by pacing, by 
time, by counting the re,-olutions of a wheel 
run along the ground, by chain, by steel or 
invar tape, or by tacheometric methods, and 
the angles by prismatic compass, by theodolite, 
or by direct plotting on a plane - table. 
Accurate traverses may be used for the 
secondary framework of an extensive survey 
where the conditions are such as to make 
triangulation difficult or impossible; such 
conditions obtain in dense forest or flat grass 
country where high tower:::. of some sort 
would have to be built for the stations of a 
triangulation, cau.;;ing great expense. )Iodern 
developments in the use of steel or inyar 
tapes for rapid and accurate measurement of 
length have greatly increased the accuracy, 
and hence the application of this type of 
traverse (see also 
 (41)). 
Tra verses are most "idely used for roughly 
mapping travellers' routes, and for detail work 
in tOW11S and close country. 
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Tra verses are also used w here a large- 
scale map of a narrow strip of country 
is required, such as a railway survey, and 
also for mining work where triangulation is 
im possi ble. 

 (12) USE OF TAPEs.-For to"n traverse 
work the tapes are generally stretched along 
tile ground, the tension being applied by a 
spring balance, anù the slope measured by 
the theodolite at the same time as the hori- 
zontal angles. In rough or jungle country 
it is convenient to use long tapes, up to 
5 or 10 chains in length. In such cases it is 
generally best to let the tape hang free clear 
of the ground, support-ed at intervals of every 
chain, or some other convenient distance. 
For traverse purposes these intermediate. 
supports can be wire nails driven into the 
sides of rods, the rods being held vertically 
by assistants; the supports must be aligned 
vertically and horizontally. 
In using a spring balance for applying the 
tension it must be remembered that the tension 
indicateù by the dial is that applied to the 
hook when the balance is in a vertical position 
with the hook do,vnwards, i.e. it is the tension 
of the spring minus the weight of the drawbar 
and hook; the tension indicated is therefore 
too low, when the balance is held in any other 
position, by an amount w(1 - cos a), where w 
is the weight of the drawbar and hook attached 
to the spring, and a the angle made by the 
balance with the vertical, reckoned as 0 when 
the hook is downwards and 180 0 when the 
hook i
 upwards. 
In order to provide a check on the 
measurements it is useful to have the tape 
graduated on the back and front in two 
different units, e.g. feet and links, or feet 
and meters. 

 (13) :MEASUREMENT OF ANGLES. - The 
method of measuring the angles with a theo- 
dolite is similar to that employed in triangula- 
tion, but the following special considerations 
apply. As the bearing of any leg is burdened 
with the accumulated error of all the angles 
measured up to the point considered, the 
accuracy becomes of special importance irre- 
spective of the length of the leg sighted. It 
is therefore of great importance, especially 
when using short legs, that the traverse 
points should be very finely marked, that 
both theodolite and signal should be care- 
fully centred, and that the signal should 
he such that it can be accurately bisected. 
The longer the legs the less important this 
becomes. 

 (14) COMPUTING AND PLOTTING.-Traverses 
can obviously be plotted direct with a pro- 
tractor and scale, but it is almost always 
better to calculate the co-ordinates of the 
points. Such co-ordinates, or their differ- 
ences, are frequently known as "latitudes 


and departures" 01 "N orthings, Eastings," 
etc. 
Traverses should always be run between 
points already fixed, or be closed on the starting- 
point; this enables the total error to be deter- 
mined. The errors accumulated Jepend on 
the accuracy of both the length and angular 
measurements, and the problem of distribut- 
ing the errors found in the best manner does 
not lend itself to any simple solution. There 
are two main cases, (I) where the bearings 
are measured by compass, in which casc the 
error in bearing is not ac('umulative, and (2) 
where the angles between successive legs are 
measured, in which case the error in bearing 
increases as the square root of the number of 
angles (assuming that all angles are read with 
eq ual accuracy). In distributing the errors it 
is usual to correct the angles or bearings 
independently of the lengths. In any closed 
tra verse the correct sum of the angles can be 
calculated and the error divided equally among 
the measured angles. The same applies when 
tra versing between trigonqmetrical points. 
These corrected angles are used in the calcula- 
tions, and the remaining errors are distributed 
by corrections applied to the co-ordinates. 
The simplest method is to divide the total 
error in latitude equally among the stations, 
and similarly with departures. A better way 
(on the assumption, generally correct with 
careful theodolite traverses, that the length 
errors are large compared with the angular 
errors) is to use the following rule: "As the 
arithmetical sum of all the latitudes is to any 
one latitude, so is the whole error in latitude 
to the correction to the corresponding latitude, 
and so with the departures." 1 
The angular error can often be checked at 
intervals by observing angles to points already 
fixed, or by astronomical azimuths. Length 
errors can only be checked by closing on fixed 
points, or, in the case of rough exploration 
surveys over long distances, by astronomical 
observations of latitude and longitude. 


IV. DETAIL SURVEYING 

 (15) GENERAL 
IETHODs.-The detail on 
large-scale surveys may be inserted by stadia 
methods (q.v.), by plane-table work (q.v.), or 
by chain survey. In small- scale work the 
plane-table is generally used. The surveyor's 
chain consists of links or iron or stcel wire 
connected by rings, and with a brass handle 
at each end. In countries using English 
measures the chain is generally ()6 ft. long, 
divided into 100 links, every tenth link being 
marked by a brass tab. As ten square chains 
are one acre, this forms a convenient decimal 
system for the measurement of areas; 100 ft. 
1 ::-:ec ,T. R .Tohnson, Theory and Practice of Surrey- 
ing. 17th eù, p. 235. 
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and 20 metre chains are also u
ed. The arca 
to be surveyed can be split up into triangles 
(generally starting from a triangle of the 
tertiary triangulation) the sides of which are 
measured. The position of detail points are 
fixed by the distance along the line chained and 
the di
tance from the nearest point on the line 
measured (at right angles) by means of a gradu- 
ated rod or tape. Such distances are called 
,. offsets." Offsets should be kept short, or the 
efror in estimating the right angle "ill become 
too great. Cross stayes or optical squares can 
be used to give the right angle if long offsets 
are necessary. The simplest form of optical 
square consists of a pentagonal prism \\ith 
reflection at two faces including an angle of 
43 0 . It is more accurate, and no,", more .usual, 
to use a graduated steel tape instead of a 
chain. Allowance for slope is maùe by 
estimation, or by measuring the slope by 
clinometer and calcula ting the correction. 
The field work is booked in a field book, all 
distances being booked as total lengths from 
the start of each chained line. .Although the 
chaining of the three sides of a triangle, or the 
four sides and one diagonal of a quadrilateral is 
sufficient to determine it, it is advisable to 
chain also a tie line, i.e. a line from the apex 
of the triangle to a known point on the base, 
or the second diagonal of a quadrilateral. 
This gives a check, and tests the accuracy of 
the work when plotted. 


V. PLAXE-TABLI:XG AND PLA:SE-TABLES 

 (16) PLANE-TABLI:SG. - The plane-table 
consists essentially of a dra,ving-board mounted 
horizontally on a portable tripod, and capable 
of being adjusted in azimuth. Accessories used 
"ith it are a ruler provided \\ith sights (either 
open or telescopic), a compass, and a clino- 
meter. The sighted ruler is called the" alidade." 
The plane-table is used for topographic survey, 
the detail being drawn in direct on the paper, 
and as a rule on the scale required for the 
finished map. Such scale may be anything 
from about 1/230,000 upwards. It is not 
aù,-isable to work to a larueI' scale than that 
of the final map as this ent
'ns a larger number 
of field sheets, limits unnecessarily the number 
of trigonometrical points that can be plotted 
Òn the sheet, and leads to an unnecessary 
amount of detail being plotted, and hence to 
a waste of time. The only advantage is that 
a lower standard of draughtsmanship can be 
used, If a larger scale map is likely to be 
required in the near future it should, how- 
ever, be considered whether the larger .scale 
should not be adopted at once for the field 
work. 
The general principle of the work is as 
follows. A certain number of points are fixed 
first by triangulation, and carefully plotted to 


Beale on the field sheet. The ùi
tance between 
such points depenùs on the scale, a convenient 
rule being that they should be about 4 in. 
apart on the field sheet. If thE' plane-table 
be now set up and levelled at any fixed point 
A on the ground, the sight rule laid along the 
line AB (where B i::; another fixed point 
visible from A), and the table turned till the 
distant station B is intersected by the sights, 
the table is said to be oriented, and if the 
sight rule be laid along the line joining A to 
any other fixed point, that point should be 
intersected by the bights. Similarly the 1ine 
giving the direction of any other point from 
A can be drawn in; two such lines to any 
point from two different settings up of the 
table fix its pm:ition, and any subsequent [nes 
serve as a check. Sta tions so fixed and 
checked are termed intersected points, and 
can be used in fixing further points. If the 
distance of any point be known, or estimated, 
this distance can be laid off along the line 
and the point fixed. Detail in the neighbour- 
hood of any fixed and occupied point can thus 
be drawn in. The accuracy of measurement 
or estimation required depends on the scale, 
as nothing is gained hy an accuracy of measure- 
ment greater than the accuracy of plotting. 
It is always desirable, when the table is first 
oriented, to mark tbe magnetic north by 
means of the compass, as the plane-table can 
then always be oriented approximately by 
compass, 
If the table be set up at any unknown point 
from which three fixed points A, B, and C can 
be seen, the position can be determined by 
" interpolation" or " resection." 1 There are 
various ways of doing this, but the simplest 
is as follows. The table is approximately 
oriented by compass, and rays are drawn from 
the three points; if the orientation is correct 
these rays wiJl meet in a point, which is the 
required position. If (as is probable) they do 
not meet they will fonn a small triangle, 
known as the triang1e of error, and the true 
position can be determined by the folIo" ing 
rules: (1) If the triangle of error lies "ithin 
the triangle formed by the three points, the 
position is "ithin the triangle of error; (2) If 
the triangle of error falls outside the triangle 
formed by the three points, the position is 
either to the left of all the rays when facing 
the fixed points, or to the right 'of all; (3) The 
distance of the point from any ray is pro- 
portional to the length of the ray. From 
these rules the position of the point is estimated 
and marked, the sight rule is placed along the 
line joining this position to that of the most 
distant of the fixed points, and directed on 
1 In AnU'rica the term re
f'cti()n is also applied 
where one ray ha
 bef'n drawn to the point from a 
previously occupied point. and the fixing is eomplf'tf'd 
hy rays drawn at thf' unknown point from fixeù 
points. 
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the point hy revolving the table, and the 
orientation is then checked on the other points, 
or on any further points visible. If there is 
still an error the process must be repf'ated. 
This method fails if the position of the station 
lies on a circle pas::;ing through the points A. 
B, and C, and is inaccurate if it lie near such 
a pO:5ition. 
In small-scale work the stations at which 
the table is set up are fixed by intersection or 
resection, and the detail sketched in round 
them. Fixings should always be made from 
trigonometrical points if possible, and if not, 
from points that have been carefully inter- 
sected or resected and checked, By this means 
errors are prevented from accumulating. 
(i.) A Plane-table Traverse.-The plane-table 
is not suitable for use in forest country, where 
sights to distant objects can seldom be ob- 
tained for fixing the positions, but it may be 
necessary, even in generally open country, to 
follow a stream or path where ordinary fixings 
cannot be made; in such a case it may be 
necessary to carry out a plane-table traverse. 
The plane-table is set up and oriented at the 
start of the traverse, and a ray dra\vn in the 
direction of the first leg (all legs should be as 
long as possible); the di::;tance to the first 
station is measured and its position marked. 
The table is then set up at this station and 
oriented by the back ray, and the direction of 
the second leg drawn, and so on. As soon as 
a position is reached which can be fixed by 
ordinary methods the traverse should be ad- 
justed as follows: if 1, 2, 3, . . . 6 are the 
statiåns of the traverse and the true position 
of 6 be found to be f, draw lines 2b, 3c, . . . 
through 2, 3, . . . parallel to 6f so that their 
lengths bear the same proportion to 6f as the 
lengths 1-2, 1-3, . . . bear to 1-6, then b, c, d, 
. . . are the adjusted positions of the traverse 
points. If the legs are necessarily very short 
and the traverse long, errôrs in direction may 
accumulate rapidly, and it may be better to 
make a compass traverse and plot it afterwards 
(see " Traverses," ante 
 (II)). 
(ii.) Graphic Triangulation.-A graphic tri- 
angulation can be carried out if necessary, but 
this should be avoided if possible except for 
such special purposes as a prf'liminary recon- 
naissance for theodolite triangulation, etc. 
For such purposes a telescopic alidaJe should 
be used. Special care should he taken to get 
wen conditioned triangles, and if possible 
the graphic triangulation should he tied in 
to a theodolite triangulation and adjusted 
t 0 it. 
The above method of using the plane-table 
is the usual British 1 practice. 


1 C. F. Close, 7'e:rt-honk of Topographical and Gpo- 
graphical SUrl'eyinq (2nd ed., ] 913): Rl'}Jort on the 
Topof/raphiral Sllrl'ell of till' Orange Free State, 1905- 
1911. published by the War Office, HJ13. 


(iii.) American and Continental Practire.- 
This has been to use the plane-table for larger 
scale work, and to provide it "ith more 
elaborate adj ustments for levelling and orient- 
ing. Telescopic a1idades are used, and deta
l 
fixed by means of stadia readings, taken either 
from a separate instrument or by means of 
stadia hairs in the alidade telescope. This 
method 2 gives the position and height of all 
points at which the stadia rod is held up to 
a distance of about i mile from each station 
occupied by the plane-table. 

 (17) PLANE-TABLES AND ACCESSORIES.- 
The British Army pattern of plane-table is 
the simplest form and consists of a drawing- 
board 18 x 24 in. attachable to a simple 
tripod by a screw. The levelling is done 
entirely by suitably placing the legs. 'Yhen 
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FIG, 3. 


the screw bolding the top is slacked off, the 
top can be turned horizontally. Fig. 3 
shows three simple patterns of plane-tables; 
the centre one has a "J ohnsol1" ball-and- 
socket levelling head. In this case the upper 
clamping screw clamps the top so that it 
cannot tilt but can rotate in azimuth until the 
lower screw is tightened. Smaller patterns 
and stands with folding legs are also used, 
but folding legs, though more portable, are 
apt to he less rigid. It is convenient on steep 
ground to have one leg whose length can he 
adjusted. The paper is usually mounted on 
linen, and then damped and stretched over 
the board, the edge:s turned over and glued 
to the back. "Then dry this forms a good 
smooth working surface whieh does not cockle, 
but suffers from the disadvantage that the 


2 J. B. .Johnson, Theory awl Prnctir(' of Sztr1'e,llillf/ 
(17t 11 ell., 1!)} -t); Con,çt and Geodetic SUrI'ey Report, 
1905, Appendix 7. 
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paper distorts considerably on being removed, 
and it is impossible to remount the paper when 
once it has been taken from the board. As a 
result the trigonometrical points can only be 
plotted after the paper is mounted, and if 
the field sheet has to be sent for further points 
to be plotted, or for revision or amplification, 
the whole plane-table top must be sent, and 
no such work can usefully be done when the 
paper has once been dismounted. Even if 
the paper is kept mounted a certain amount of 
distortion occurs, as the table top itself expands 
and contracts with varying moisture, and does 
so unevenly, expanding more across than 
along the grain of the .wood. A method 
tried "ith some success in India consists in 
pasting the field sheet (preferably of Bristol 
board) firmly along one long edge of the 
plane - table by means of a strip of cloth. 
The other three sides are cut so as to leave 
a !-in. margin of plane-table top. Strips of 
cloth are then pasted along the upper surface 
of the field sheet and the under surface of the 
plane-table. The cloth is pulled tight but 
the paper is not wetted. If the wood now 
shrinks the cloth will get slack but the sheet 
will not cockle. 
In any case of paper, Bristol board, or paper 
mounted on wood, more or less expansion, etc., 
"ill take place; and although uniform expan- 
sion or contraction can be remedied by 
photography for final reproduction. it compli- 
cates the comparison of eùges of adjacent 
sheets and the plotting of trigonometrical 
points, and if the expansion is not uniform 
it necessitates re-drawing for the final map. A 
method 1 which appears to overcome all these 
difficulties is to mount the paper on linen, 
and then paste or glue this do" n to an 
aluminium sheet. The aluminium is grained 
to take the glue and is the same size as the 
top of the table; the linen extends about 3 in. 
oyer the sides and ends of the aluminium 
sheet; these extensions provide overhanging 
flaps which are stiffened by aluminium strips. 
The fla.ps are turned under the table top, and 
spring hooks engage in holes in the strips and 
keep the whole firmly attached to the board 
(see Fig. 4). The plane-table top itself need 
only be a framework, and the whole arrange- 
ment is lighter than the ordinary pattern. 
The field sheets form a permanent record 
which can be attached to or detached from 
the plane-table as often as may be required. 
American surveyors usually clip the paper 
to the board, or clamp it down by countersunk 
screws; the use of celluloid sheets with such 
clamping sere" s is satisfactory, but even this 
is liable to cockle, 
For large-scale work, particularly when a 
telescopic alidade is used, it is desirable 
1 H. St. J. L. Winterbotham, Royal Engineers' 
Journal, 1919, xxx. 233. 


to have arrangements for more accurate 
levelling, and both ball and socket heads and 
levelling screws are used for this purpose. 
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FIG. 4. 


A slow-motion tra\ersing screw is also desir- 
a ble. These attachments add considerably 
to the weight of the outfit, Fig. 5 illustrates 
such an outfit. 


,.... 


FIG. 5. 



 (18) AUDADE.-The alidade or sight-rule 
should be about as long as the short side of 
the table. The simplest form consists of a 
wood rule with folding sights, the back sight 
having a vertical slit and the fore sight carry- 
ing a stretched vertical thread. The precise 
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parallelism of the sight line and the edge of 
the rule is of no importance provided the 
same edge of -the rule is always used. It is 
a great convenience, and with telescopic 
alidades almost essential, to have the actual 
edge used for ruling on an arm mov
ng parallel 
to the rule; this makes it unnecessary to pivot 
the alidade on the point, the arm being moved 
up as required after the alignment has been 
made. For ordinary small-scale topographic 
work based on an adequate triangulation a 
simple sight-rule is the best. 
The telescope, when used, should be similar 
to that on small theodolites, anù be provided 
with stadia hairs, and "ith a vertical arc 
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FIG. 6. 


and spirit-level for reading angles of elevation 
and depression. No iron or steel should enter 
into any part of the alidade or plane-table. 
Fig. 6 shows a telescopic alirlade with parallel 
motion and "Beaman Arc" (see also 
 (21), 
(v. )). 

 (19) ACCESSORIEs.-The most suitable 
type of compass is a simple trough compass, 
4 to 6 in. long, preferably fitted with a lid to 
protect the glass, and with a catch which lifts 
the needle from its pivot when the lid is closed 
(see Fig. 6). 
For small-scale work no plumb-bob or special 
centring device is needed; a foot or two in the 
position of setting up will make no difference, 
but in large.scale work the table should be set 
up so that the plot of the point iR vertically 
over the station mark A plumhing bar is 
useful .fQr this purpose. The illustration 
(Fig. 5) is self-explanatory. 


'TJ. TACHEOl\lETRIC OR STADIA SURVEYS 

 (20) GENERAL :METHODS. - Tacheometry 
means literally "quick surveying," and th
 
general principle is illustrated in Fig. 7. 
o is the observer, AB a rod of known ]ength, 
C being the mid-point of AB, and OC per- 
pendicular to AB. Then if a is the angle 
AOB, 


AB a 
0[1= 2 cot 2' 
If the rod be not perpendicular to OC, but 
takes a position A'B', making an angle ß with 
AB, then the formula becomes 
AB a 
OC=2- cot 
 cos ß. 
If OC is inclined to the horizontal by an 
angle 'Y, then the horizontal distance of C 
from 0 is OC cos 'Y, and the height of C 
above 0 is OC sin 'Y' If the direction of OC 
is known, then the position of C with respect 
to 0 can be determined at once from measure- 
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FIG. 7. 


ments taken at O. This method is in many 
cases more rapid than chaining and levelling, 
and especially useful where it is difficult to 
measure the distance OC directly. 
The practical methods of applying this fall 
into two cases: (1) where a is a fixed angle 
and All is a graduated rod, the intercppt 
AB being observed from 0; this is generally 
called stadia surveying; (2) where AB is a 
known length and the angle a is mea
mred; 
this is generally called the sub tense method, 
though this term is used differently hy different 
writers. In subtense work the angle a may 
either be measured by the arc of a theodolite, 
or by a micrometer eyepiece in the telescope. 

 (21) STADIA \YoRK.-The angle a is 
determined by two cross hairs in the focus of 
the telescope, and the portion of the graduated 
staff (stadia rod) intercepted by these two 
cross hairs is read off. The stadia rod is 
either an ordinary levelling rod, or a similar 
rod \vith rather larger divisions for use at 
long ranges. Stadia methods are chiefly of 
use in filling in the detail in large-scale topo- 
graphic work. 
(L) General 
lIethoas.-In Fig. 8 0 is the 
object-glass of an ordinary telescope of focal 
length f, S is the rod, the image of All (length 
1) being formed at ab where a and b are the 
stadia hairs of the telE'scope at a fixed distance 
p a part. V is the vertical axis of the telescope, 
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c is the distance YO, e the distance FS, where 
F is the first focal point of the object-glass. 
A ray of light from A which passes through 
F will meet the object - glass in a' and be 
refracted parallel to the optical axis to the 
cross hair a, similarly "ith a ray from B. 
The figure shows at once that ell = lip, and 
R =e + I +c=(llp)f + I +c, irrespective of the 
distance the cross hairs ab have been racked 
out in order to focus the staff. Here p, I, 
and c are all constants, so we can write simply 
R=kl+11l., where k and In are constants. The 
A 
-+ 
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:FIG. 8. 


cross hairs are usually placed so that k = lUO, 
but sometimes k=û6 (in which case 1 in feet 
gives e in chains), or k = 200 (for long-distance 
work). The value of m =1 + c can be obtained 
with sufficient accuracy by measuring the 
distance (f) from the centre of the object-glass 
to the diaphragm when the telescope is focussed 
on a distant object, and from the centre of the 
object-glass to the vertical axis (c). 
It is usual in stadia work to hold the 
rod vertical, as being more convenient than 
holding it horizontal and perpendicular to 
the line of sight, or perpendicular to the line 
of sight in a vertical plane. This results in a 
rather more complicated formula. In Fig. 9 


FIG. 9. 


T is the instrument, S the foot of the rod. 
C the mid-point between A and B (the points 
read on the staff), P the projection of S on the 
horizontal plane through T: then the distance 
TC is kl cos a + pz, the horizontal distance 
TP is kl cos 2 a + m cos a, and the difference in 
height PC is kl cos a sin a + m sin a. If the 
difference in hpif!ht of the ground at Sand 
T i.;; required. the height of the instrument 
must be added to PC 'and the distance CS 
BU btracted. 


lrhen the stadia method is used for plotting 
detail and fixing points which "ill not be 
used for fixing further points by calculation, 
there is no object in measuring the distance 
to a greater degree of accuracy than it is 
possible to plot. A point cannot be plotted 
"ith a greater accuracy than about T
lJ in., 
consequently on a scale of 

tlJÕ an error up 
to 2 feet in the length is of no importance, 
and with smaller scales still larger errors 
have no effect. For such purposes, therefore, 
the constant m can be neglected. In the same 
"ay the reduction to the horizontal can al" ays 
be neglected when the slope is less than 2 0 
and generally up to 6 0 . If stadia traverses 
are being run, and the co-ordinates of the 
stations calculated, then greater accuracy is 
required, and m should be allowed for. Tables 
of cos 2 a and cos a sin a are given in most 
text-books dealing with stadia surveJing. 
It is always desirable to check the interval 
between the "stadia hairs, and to check whether 
they are equidistant from the centre crObS 
hair, and for accurate work this should 
always be done. However accurately the 
maker
 have spaced the cross hairs, the value 
of k "ill vary 0\\ ing to atmospheric refraction. 
The rays of light from the staff to the telescope 
are not straight lines, but are almost invariably 
concave down"ards; and the amount of this 
bending not only varies with the state of the 
atmosphere, but also depends on the height of 
the ray above the ground, consequently both 
readings of the staff" ill be too low, and the 
lower reading "ill have a greater error than 
the upper. The result is that the value of k 
depends on the atmospheric conditions, so it is 
desirable to determine k for the average condi- 
tions actually met with. The determination 
can be made by setting up the rod at known 
distances from the instrument, "hen each 
reading will give a value of k if the value of rn 
has already been determined by measurement. 
The conditions ::;hould be as nearly as possible 
those that will be met with in the work in 
hand, and specially favourable conditions 
should not be chosen; the mean value of k 
found should be adopted in calculating the 
work. An incorrect value of k "ill affect 
the scale of the resulting map, so if traverses 
are being run between trigonometrical points, 
a comparison of the distance bet" een two such 
points as determined bv the tra'\erse "ith that 
determined by the triangulation "ill give a 
value for k which is a good average value for 
the conditions of the work in question. If 
the value of k to be used is not a round number 
it is best to construct a table connecting the 
stadia readings "ith distance, and if this be 
done the cor;ection m can he allowed for in 
the table. Some makers provide instruments 
"ith adjustable stadia hairs, but these are 
not to be recommended as they are more 
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liable to accidental change in the value of k, 
and the saving in labour in reducing the 
results is very small. 
(ii.) Anallatic Telescope.-\Yith a view to 
obviating the necessity for the constant 1ft 
Porro proposed in 1823 the use of a second 
lens (termed the anallatic lens) arranged as 
in Fig. 10, where C i:s the second (convex) 
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.lfIG. 10. 


lens, whose first focal point is at .F'. A ray 
of light from A, striking 0 at a" and then 
passing through F', will be refracted at a' to 
a, aa' being parallel to the axis. The distance 
d is fixed, and focussing is carried out by 
moving the cross hairs ab. This being the 
case a"b" = p' is constant, and if the lines Aa", 
Bb" produced meet in X it is seen from the 
figure that RIl=xlp' = constant, and that 
R = lk. Also p' = (d - f'1f')p, and as X is the 
virtual image of 1f', 


I I 1 
d -f' -x-f' 


f(d - f') 
or x= J+ f' -(J,' 


hence 


fed - 1') 1 ff' 1 
R=f+!'--=ã. p'=f
-J'
' p' 


If the values of f, f', and d be so chosen that 
X falls on the vertical axis of the instrument, 
the constant m of the original formula is 
eliminated. The formula also shows that if 
the cross hairs are not quite correctly spaced, 
a small adjustment in the distance apart of the 
two lenses will enable the constant to be 
corrected; while this adjustment will displace 
the point X from the vertical axis, the error 
introduced will be so small as to be negligible.] 
This construction involves not only an extra 
lens, but either a more hulky telescope or a 
falling off in its optical qualities, and it is 
generally considered that these disadvantages 
are not compensated for by the fact that no 
additive constant is required. It has already 
been pointed out that for accurate work it is 
desirable to use tables connecting the distance 
with the stadia readings, and if this be done 


1 .J. 1)orro, La Tarhémnétrie, Pari
, 18;)8; SPC also 
Zl'it.<;. IJu;frumentenk., 1882, pp. 117 and L')Î, and 
1
8;), p. -!J3; and A. E. Young, Inst. Civ. Eng. Proc. 
cxxxix. Pt. 1. 
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the constant tntails no inconvenience, while 
for rough work it can be ignored. 
(iii.) Stadia Jr ork 'Lcith 1 nternal F ocussi ng 
Telescope. - A telescope with a negati,>e 
internal focussing lens has many advantages 
(see 
 (:30), (i. )), and it must be consiùered how 
far thi8 is suitable for stadia work. Such a 
telescope is illustrated diagrammaticaUy in 
Fig. II. 0 and 
 are the object-glass and 
- ve lens, ,,,ith their fir8t focal points at F and 
F', and focal lengths f and f'. In the absence 
of the lens N, an image aú of the staff ,,,"ould 
be formed at I, distant 12 from 0, wlH're 
III. + IIJ2 = I If, and the size of the image 
p would be such that L=(fJp)l+f. If 
the lens N be now insprted, the ray which 
previously passed along AFa'" a will be 
refracted by S at a" towards a', and F'a"a' 
will be a straight line; also a ray from A 
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FIG. 11. 


passing through the centre of N "ill not be 
refracted by N but will pass through a and 
a', and an image will be formed a'Cb'. 
Then, from the figure, 
11' _ 
l'b
 _ _
II:. _ f' + A - D 
P - alfb"-KF'- f' , 


where A is the distance of the cr038 hairs 
from the obje
t-glass, hence 


L= f(f' ;!,-,- D) .l+ f. 
p 
H ere A is a constant, and D increases as L 
decreases. Call Doo the value of D when L 
is very large, so that D = Doo + d, then 


L _ JU' + A_ - DUl 2 z _ lld f 
- f''fI' f'p' + . 


As D::() is constant put 
f(f' + A - D(f.) ) - k 
j'p' , 


whence 


ki/ 
L =kl- f ;- Å -=-D .1+ f. 
+ rL 


This shows that L varies with d as well as 
with Z, and that no simple accurate formula 
of the form R = kl + 1n holds. It is simplest 
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to consider k as a constant and ascertain 
how 111, Yarics. 


".e have 


A-D p' 
f2- D -1 J 


f'+A-D 
f' 


henez 


-D:!+DA +f'A 
f2=--r+ A- D-' 


Put D:t:) =nA, (n < 1), then 


/_A'!.n(l- n)+j'A f' 
- J'+A(l-n) , 


A(I-n)(f-nA) 
A-I 
A 2 l1-n)2 
f' + A - D:t:) = -A - f -, 
-d 2 (A- f)+Ad(l- 
n)(A- f) +A 2 f(l- nf 
f2= - - A'2(I -n fo -i(A- fJ ' 


- d 2 (A - f) +_\d(l- 2n)(A- f) +A2(1- nf"f 
L=f. --=-d'!.(A-=- f)
d {A2(1-= 2;;) +f(:!nA 
ff} 


(L- f)A:!(I- n)2 
kl- - - 
- A!(I-n}2-d(A- f) 


f2A2(1- nr
 
= - d'!.(A- f) +d {A2(l- '!.n} +f('!.nA- f)}' 


The error in assuming that L = k1 is E} "here 
E = L - kl, hence 
f{A(I-
n)-d
. 
E= - -- -. 
A(I-2n}+j-d 


If we put n=l as indicated in British Patent 
25Li22 of 1910, then E reduces to - dff(j- d}, ,\llich 
i::; zero when the telescope is at stcllar focus. The 
apex of the tacheometric angle (point X of Fig. 10), 
from which the distance given by L=J.:l is measured, 
i'3 therefore in the object-glass for long distances, and 
move3 ",lowly backwards as the range diminishes. 
TakinO' a telescope \\ith A=l ft., n=l, f=0'9 ft., 
then r =2 ft., and E does not reach 0.1 ft. until L 
is reduced to about 25 ft., hence \\ith such a telescope 
tÌle error caused by taking R=kl (R is meaEured 
from -(he ,.ertical axis) will be a.bout 6 in. at long 
range::> and reducing to about 5 in. at 2.5 ft. For 
detail work thi'3 is quite negligibl.",; eyen for accurate 
tra'-erse work it is generally negligible, as the errors 
due to reading the staff, and refraction errors, will 
be greater than this correction unless the lengths 
of tha sights a,erage less than, say, 100 ft. In such 
a ca.<:e the correction to be applied is best obtained 
bv direct trial. 
. If n be increasE'd the apex of the tacheometric 
angle i" thrown back, and the error in as...uming that 
thp telescope is anallatic is still further reduced, but 
for this a rather short-focus negati,e lens is necessary, 
and the optical qualities of the telescope suffer. (
e(' 
the Tran.saction.s of tIle 0 plical Sociel!l, xxii. '!.O.) 


(iv.) Accur!lcy of Stadia Trork.-"Tith suit- 
able instruments and rods an accuracy of from 
I 
()() to 1!500 is ohtained in indhidual sights. 
This error is not s,"stematic, and, therefore, a 
traverse of, say, 16 legs should have an error 
of from l/ROO 
to 1/2000. _-\bout 1 mile is the 
YOLo IV 


limiting length of sight for ordinary "ork, but 
up to l mile can be used. An ordinary tele- 
scope, such as is used on a 3-in. theodolite, \\ ill 
read ordinary levelling rods up to about 4.00 ft. ; 
for longer distances the 
u-ft. di,-isions only 
can be read, and for o'-er 1000 ft. the rods 
should be graduated in yards or metres and 
tenths, or in links. The error due to refraction 
increases as the square of the distance, con- 
sequently long sights should not be u::;ed "hen 
the line of sight is close to the ground: such 
conditions are favourable for rapid and accu- 
rate \\ ork with the chain or graduated tape, 
but unfavourable for stadia work. On the 
other hand, uneven, bteep, or broken ground is 
more favourable to stadia work, which, under 
such conditions, "ill give quicker and more 
accurate results than chaining. 
If the stadia rod be held horizontally the 
refraction errors are eliminated, so far as they 
affect the horizontal distances, but it is neces- 
sary to provide a stand to support the rod, 
and to fit it \\ ith a sight to ensure it::; being 
held perpendicular to the line of sight. This 
is generally not considered worth while. 
(v.) Special Instruments for Stadia 1rork.- 
Yarious special instruments haxe been made 
for stadia" ork, but they have little advantage 
over an ordinary theodolite, provided the latter 
has a suitable telescope. Greater magnifica- 
tion and resolution are required tu read a 
graduated staff then to bisect a suitable target 
"ith equal accuracy. 
An adjunct t.o enable thE' reduction to the hori70ntal 
etc., to be made rapidly, designed by )11'. "T. 1\1. 
Beaman. r .S. Geological Survey, is u
eful \\ hen a tele- 
scopic alidade is u!'ed for stadia" orking \\ ith a plane- 
table (see 
 (J8)). In Fig. 9, if the angle of ele'\ation 
a is such that C'P=nl, and ignoring the additive 
constant 11l, we have 1l1=H CDS a sin a=!J..l sin 
a, 
or if k= 100, sin 2a = .0272. The value.;;; of a ('orrt:- 

ponding to n = 1, 
, 3 . . . are marked on a sup- 
plementary scale (known as the V scale) on th(' 
vertical arc. In use the telescope is set so that thc 
index corresponds "ith a mark (n) on the V scalf', 
and a full stadia interval can be read on the rod. 
If the centre cross hair then read c( =C8), and the 
difference between the stadia readings be l, "e ha ,e 
the height of S abo, e the in
trument is P
, and 
P::' = PC' - BC' = n1- c. A second (or H) scale is 
graduated on the vertical arc so that any reading 
m on this scale indicates that the horizontal distance 
i'3 In per cent less than the distance g'h-en by kl. 
From Fig. 9, TP=kl cos 2 a=kl(l- m/100), hence 
sin:! a=m/J.:. In practice the Y scale is set e
actl) 
to a mark, in which case the II scale" ill generally not 
be on a mark, but by interpolation the percentage to 
be deducted on account of the 
lope can be ef'timated 
with sufficient accurac,.. The alidade SllO\\ n in 
Fig. 6 i" fitted \\ ith a " Èeaman " arc. 

 (

) SrBTE
sE )h
THODS.-A .. Subtense " 
bar, 10 or 20 ft. long, has been used \\ith good 
results" ith an ordinary theodolite. The 20-ft. 
bar has discs 12 in. in diameter at its end
. 
3 G 
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and is supported horizontally on a stand. A 
sight attached to the bar enables it to be set 
perpendicular to the line uf sight. The angle 
is observed by the repetition method on the 
horizontal arc of thp. theodulite, some ten 
repetitions being taken. A 20-ft. bar can be 
used up to three miles with reasonable accu- 
racy. The angle can also be measured very 
conveniently by an eyepiece micrometer, a 
number of readings can be taken very rapidly, 
and the mean uf, say, 10 should give a good 
result. A table should be prepared giving the 
distance in terms of the micrometer reading, 
and this table should be prepared from the 
results of actual trial. If D is the distance 
from the vertical axis of the instrument to the 
bar, L the length of the bar, 
I the micrometer 
reading, and f the focal length of the object- 
glass, and c the distance of the object-glass in 
front of the vertical axis, we have D =A/),1 + B, 
where A and B are constants, as in stadia 
working. B = f + c and A depends on the 
graduation of the micrometer and on the focal 
length of the object-glass. This method is 
neither so convenient nor so rapid as stadia 
working, but as a suitable target can be bisected 
with greater accuracy than a graduated staff 
can be read, it may be more accurate, and it 
can be used for longer distances. 
Another method, sometimes used, is to hold 
the rod vertical and read the angles of eleva- 
tion or depression to the two target
. In this 
case (see Fig. 12), if the angles AOP, BOP are 
o and <þ respectively, OP=AB/(tan e -tan cþ) 


and BP = OP tan <þ. If a suitably graduated 
horizontal scale be fitted on the theodolite at 
a fixed distance below the horizontal axis, the 
values of tan e and tan if> can be read directly 
by means of a microscope attached to the 
telescope and perpendicular to it, the divisions 
of the scale are uniform, and the fractions of a 
division can be read on a micrometer which 
moves the scale longitudinally. An alterna- 
tive arrangement is to elevate the telescope 
by a screw acting directly on an arm aUaehed 
to the telescope so that the travel of the screw 
is proportional to the tangent of the angle of 
elevation. Various other arrangements have 
been made for giving more or leRs direct read- 
ings of the distance and height of the rod, but 


they are little used; their advantages for the 
special work are small, and they reduce the 
convenience of the instrument for use as an 
ordinary theodolite. 
A variation of the su btense method is some- 
times useful for executing traverses where 
triangulation or tape traverses are impossible. 
In this case signals are put up by an advanced 
party, and the angle subtended by these is 
measured as in the case of ordinary su btense 
work. The signals must be carefully plumbed, 
or else arranged so that their intersection 
with thp ground can be observed. The 
distance between the signals should sub- 
tend some eight to twelve minutes, and they 
should be placed in a line perpendicular to the 
line of sight. A third signal for the actual 
traverse station is sometimes desirable in 
addition. 'Yhen the observer reaches the 
position he must measure the distance between 
the signals with a tape. 


\TIl. ASTRONOMICAL DETERMINATION 

 (23) GENERAL. I-Astronomical determina- 
tions are used in survey work for determining 
latitude, local time (hence, if Green,vich time 
be known, lungitude), and azimuth, or true 
north. For survey work on land the instru- 
ment usually employed is the transit theodolite. 
\Vhere possible observations are made on stars, 
but the sun can be used. It must be remem- 
bered that latitudes, etc., thus obtained are 
astronomical latitudes and differ from the 
geographical values by an amount depending 
on the deviation of the plumb-line. Astro- 
nomical observations of position give, there- 
fore, no check on traverse work, etc., unless 
the error of the traverse is likely to be greater 
than that due to the deviation of the plumb- 
line, as well as those due to the astronomical 
observations themselves. 

 (24) LATITUDE.-The usual method of de- 
termining latitude for survey purposes is by 
" circum-meridian altitudes." The altitude of 
a star when crossing the meridian, together with 
the known declination of the star, gives the 
latitude. Single observations with a theodolite 
suffer from errors of collimation, etc. (s('e art.icle 
on "Theodolite "), and are of little value; hence 
pairs should always be taken. The usual field 
practice is to st.art observing eight to ten 
minutes before the star reaches the meridian, 
and to take as many observations as possible 
before transit, and an equal number after- 
wards. The observed altitudp and tin1f' of 
each observation are booked, and the" face" 
of the telescope is changed after the first, third, 
fifth, etc., ohs('rvation. The interval in time 
between each ohservation" and the moment 
uf transit, being known, a correction can be 
1 .For 3.Htronomkal (It'tt'rminationq for gf'odf'tic 
pnrposes Bf'{, article' on " Hravity 
urv{'y," Vol. III. 



SrRVEYIXG AXD SURVEYIXG IXSTRlT)IEI\TR 


819 


applied to the observed aJtitude to " reduce" 
it to the true meridian altitude. A correction 
must also be made for atmospheric refraction. 1 
This correction is always rather uncertain, but 
can be largely eliminated by observing one 
star that transits to the north, and another 
that transits to an approximately equal 
altitude to the south; the mean of the pair 
will be largely free from refraction errors. As 
refraction is more variable for low than high 
altitudes, it is inadvisable to observe stars 
at a less altitude than 40 0 . Lsing a 6-in. 
micrometer theodolite, and taking the mean of 
several pairs of north and south stars, there 
should be no difficulty in obtaining a probable 
error of ! to -! second in the latitude. 

 (2.3) OBSERVATIO:XS FOR TnIE.-Local time 
is obtained directly from the moment any 
astronomical body, ,vhose right ascension is 
known, crosses the meridian, and this is the 
method employed in fixed observatOlies and 
for geodetic purposes in the field; it is not, 
however, generally possible for survey pur- 
poses. If the latitude be known, and the 
altitude of a star be observed \vhen it is 
some distance from the meridian, the local 
time of the observation can be calculated. 
The star is moving most rapidly in altitude 
when on the prime vertical (i.e. due east or 
west of the observer), and this is the most 
favourable position for observation. The 
latitude need not be known \\ith any great 
accuracy provided the star be observed near 
the prime vertic
1. Observations should be 
paired, as in the case of latitude observations, 
both for change of face of the theodolite and 
for east and west stars. \Yith a 6-in. theo- 
dolite there should be no difficulty in getting 
a probable error of ! to ! second in the 
result. 
Other methods for determining latitude and 
time are: 

 (26) EQUAL ALTITUDE l\IETHOD.-This has 
come into favour recently. The simplest form 
of the method is to observe the moment a star 
reaches a giyen altitude before crossing the 
meridian, and the moment it reaches the same 
altitude after crossing. Half - way between 
these two times the star must be on the 
meridian, hence the time of transit is known 
and hence local time. This method is '
ery 
simple and is independent of any kno\\ leòge 
of latitude and of such instrumental errors as 
graduation or collimation errors, and is largely 
free from refraction errors. The disadvantage 
is that the pair of observations must be taken 
at a considerable interval of time. If the sun 
is used a correction must be made for the 
change in declination in the interval. If a 
succession of ohservations i;:-, made on differ- 
ent stars, noting the time each reaches the 
1 
ee article on "Fie]<l Astronomy and A tmo- 
sphf'ric Refraction," VoL III. 


fixed altitude, each observation gives an 
equation connecting time (h
nce chronometer 
error) \\ ith altitude, latitude, and declination. 
The declination is known in each case, and 
the altitude and latitude are the same in every 
case, so three such observations give values 
for time, latitude, and the e),.act altitude 
observed. :Further observations give a check. 
Gauss' original solution entailed working out 
by least squares those corrections to the 
assumed chronometer error and latitude that 
make the observations best fit the condition 
that all the altitudes are equal. MßI. Claude 
and Driencourt have found an extremely simple 
and accurate graphical solution, "hich enables 
the results to be obtained \\ith great speed. 
The preparation of a programme from the 
data given in the Xautical Almanac entails 
considerable work, as a suitable number of 
stars reaching the desired altitude sufficiently 
close together must be found and their azi- 
muths calculated. This work can, however, 
be done once for all for any range of latitude, 
and Messrs. Ball and Knox Shaw have tabu- 
lated sidereal times and azimuths of some 
17,000 star passages for an elevation of GOo, 
including only X aut.ical Ahnanac stars of fourth 
magnitude and upwards and latitudes from 
5.3 0 S. to 55 0 K., based on the star places given 
in the N Q-utical Almanac for 1918. The tables 
will in time go out of date o\\ing to change in 
declination, but they should serve for topo- 
graphical survey work for some fifteen years. 
The advantage of the method lies in the fact 
that an exact knowledge of the altitude is not 
necessary, hence changes of face are not re- 
quired \\ith the theodolite, nor determinations 
of the index error with a sextant. The method 
can be used "ith an ordinary theodolite or sex- 
tant, but is simplest\\ith the prismatic astrolabe 
(see article on " Gravity Survey," Yo1. III.). 

 (27) TALCOTT'S 3IETHOD (see article on 
'"Gravity Survey," Y 01. III. ).-Talcott'smethod 
is another excellent method for determining 
latitude, and can be used \\ith a theodolite 
provided it be fitted \\ith stops to enable it 
to be turned exactly 180 0 in azimuth, and 
with a micrometer eyepiece. 2 ,\Yith such an 
instrument the probable error of a single pair 
of observations should be about 0.7 second. 

 (28) DETEK\IINATION OF AZIM"LTH.-The 
azimuth of a heavenly body is the angle 
between the meridian plane of the observer 
and the vertical l)lane passing through the 
body' thus in astronomical work the azimuth 
is 
h
.ays measured the 
hortest way from 
the elevated pole. In triangulation" ork 3 the 
azimuth of a terrestrial object is always 
\I See .. D<,scription, Adju
tn1('nts. and :\lethods 
of Use of the 6-inch :\licronlf'tf'r TheodoJite, HH 2 
Patterti, etC' .," Bulletin 34 (If the Canadian Topo- 
graphic Sltrl'ey. 
3 :-\ee C. F. (']ose, Tn'i-book of T()pographiml find 
Gen(l1aphical Sun'eying. 
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reckoned from the south by the \vest. If the 
latitude be knmvn, and also the declination uf 
a heavenly body and its elevation at any 
moment, its azimuth at that moment can be 
calculated. To determine the azimuth of a 
terrestrial object, i.e. to determine the direc- 
tion of the meridian, some reference object 
(R.O.) is required; this must be a lamp by 
night, and in any case must be at such a 
distance that it can be observed to with the 
telescope at stellar focus. In observing on a 
star the R.O. is first intersected, and the hori- 
zontal circle read, the bottom plate being kept 
clamped, the telescope is swung on the star, 
and the horizontal hair set slightly in advance 
of the star, while the vertical hair is kept on 
the star by the slow-motion screw. At the 
moment the star passes the intersection of the 
cross hairs the slow motion screw is stopped 
and both vertical and horizontal circles read. 
It is desirable also to read both the micrometer 
arm, and the striding, levels. Face is then 
changed and the star and R.O. again inter- 
sected. This completes one set of observations 
on one star. Û bservations should always be 
paired as in other astronomical work. It is 
also desirable that the star should not be 
moving rapidly in azimuth, or a small error 
in the observed altitude will produce a large 
error in the result. The best time for observing 
is when the body is in the prime vertical or 
when a circum-polar star is at elongation. 
If local time be known, the azimuth of the 
star can be calculated if the instant of observa- 
tion bß observed instead of the altitude. The 
observation in this case is somewhat easier. 
In all cases of astronomical observations for 
azimuth the levelling of the instrument is of 
great importance, and it is very desirable 
that the striding level should be used and any 
dislevelment of the horizontal axis allowed for. 


VIII. LEVELLING AND LEVELLING 
INSTRU::\IE
TS 

 (29) LEVELLING.-Levelling is the art of 
determining the heights of points on the 
earth's surface, and the term is generally 
restricted to the method by which the 
difference in height between neighbouring 
points is directly determined by reading 
with a horizontal line of sight on graduated 
staves held vertically at the points. If a 
graduated staff be held vertically at a point 
A, and read by means of a horizontal line of 
sight from a point P, the reading gives the 
difference of height between })oints A and P. 
If the staff he now held on any other point ß, 
and again read by a horizontal sight from P, 
the height of B over A is given by a - b, where 
a and b are the readings on the staves at A 
and B respectively. The reading a iR g('nerally 
called the "back sight," and the reading b 


the "fore sight." It is obvious that the 
points A and B must be comparatively close 
together, and that the difference in height 
obtained is with rderence to the horizontal 
plane through P. As the surface of the earth 
approximates to a sphere rather than to a 
plane, the reading a is subject to a smaH 
correction due to the earth's curvature, and 
Rimilarly "ith b. If the distances from P to 
A and Bare equal these corrections will also 
be equal in magnitude and sign, and conse- 
quently the difference a - b will also give the 
correct difference in height when referred to 
a spherical level surface. The error introduced 
by the assumption that the earth is a sphere 
is quite negligible in levelling operations. 
If the points whose difference in height is 
required are so situated that the staves held 
on them cannot both be read from one position, 
a series of intermediate points is used, and 
their heights determined successively. 

 (30) LEVELLING INSTRFl\IENT.-The le\'E'I- 
ling instrument consists essentially of some 
form of sighting apparatus, the line of sight 
of which can be set in a horizontal plane. 
The simplest form consists of a water-level. 
This is illustrated in Fig. 13, and consists of 


B 


FIG. 13. 


two verticai glass tubes A and B connected 
by horizontal tubes, and mounted on a stand. 
The tubes are partially filled with coloured 
water so that the surface of the water is 
visible in the glass tubes. A lin{> of sight 
taken across the water surfaces is necessarily 
level. The instrument is very simple and 
cannot get out of adjustment. On the other 
hand, it is impossible to take long or accurate 
sights. 
(i.) The Ordinary Lerelling I nstrumenf.- 
This consists of a sighting telescope with a 
spirit -level attached so that the collimation 
Hne ean be set horizontal. The important 
points are that the line of sight of the t{>lescope 
shall be horizontal when the bubble is in 
some known position in its tube, and that 
the telescCìpe can be tUfi1ed in any direction 
without altering its height. 
The telescope is generally of the astro- 
nomical type giving an inverted image, and 
using an cYl'piece of the H.amsden type. 
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Cross hairs are prmided at the focus of the 
object-glass to define a definite line of sight 
or collimation line. In order that the line 
thus determined may not vary as the distance 
between the object-glass and the cross hairs 
is altered in the process of focus
ing, it is 
necessary that the cross hairs should be 
accurately on the optical axis of the object 
glass, and that the mechanical guiding of the 
moving portion should be true. 
Telescopes "ith an internal focussing lens 
have been introduced lately. These have the 
cross hairs rigidly fixed \11 the tube carrying I 
the object,glass, while the focussing is carried I 
out by means of a negative lens moving 
between the two. In Fig. 14, A is the object 
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FIG. 14. 


glass, C the negative lens, and S the diaphragm 
carrying the cross hairs. The focal length of 
C is f, and its axis is supposed parallel to that 
of A but distant e from it. A ray passing 
along the axis of A will then be deflected by 
C and meet the diaphragm at a distance x 
above the axis. It is seen at once from the 
figure that x=ye/f, where y is the distance 
between 0 and S; as in practice f is three or 
four times y, a given eccentricity in C produces 
only one-third to one-fourth the change in 
collimation that would be produced by an equal 
movement in A or S. Sot only is the effect 
of variable eccentricity reduced by this means, 
but it is easier m
chanically to provide true 
guides for an internal lens than for the object- 
glass or diaphragm and eyepiece. A further 
advantage of this arrangement is that when a 
glass diaphragm is used, the telescope can be 
made air - tight, and consequently dust - and 
d:1mp-proof. An internal positive lens could 
be used in the same manner, but at the 
expense of compactness. l 
Although it is possible to reduce the change 
in collimation. of an instrument to a very 
small amount by suitable design and good 
workmanship, it is impossible to eliminate 
it entirely. For the most accurate work it is 
possible and necessary so to arrange the 
observations that errors due to this cause ,vill 
cancel out. 
(ii.) The Dumpy level is the type most 
generally used, and is the simplest type. It 
consists of a telesc()pe with a spirit. level 
1 Sf'e Zeúfl. lnstrumentenk., 1909, p. 329. 


attached on the top or side, the support of 
the spirit - level being sometimes cast in 011e 
piece with the telescope tub<.>. The whole is 
mO"Gnted on a vertical axis and provided with 
the usual levelling screws. A clamp and slow 
motion in azimuth is generally provided for 
convenience in directing the telescope on the 
staff. 'Yhen the instrument is in adjustment 
the axis of the bubhle tube is parallel to that 
of the telescope and perpendicular to the 
vertical axis. In use the instrument is set 
up and focussed and the vertical axis set 
vertical by means of the levelling screws 
and bubble in the usual way. If the instru- 
ment is in adjustment the collimation line is 
then horizontal in whatever direction the 
telescope is turned. The adjustments can be 
checked and corrected as follows: 
(a) Coincidence of Collimation Line and 
Axis óf Telescope.-Drive in three pegs A, B, 
and C (Fig. 13) so that AB=BO=about 
200 feet. Set up the instrument half-way 
between A and B and ascertain the difference 
in level between A and B. If the instrument 
is equidistant from A and B any errors :in 
adjustment will affect the two readings 
equally, so that the true difference in level 
will be found. Similarly. find the true differ- 
ence in level between Band O. Then set up 
at c as close to A as it is possible to focus the 
staff, read the staff on pegs A, B, and C. 



1 
cAB C 
FIG. 15. 


From the known correct differences of lerel 
compute the correct readings on Band 0 
corresponding to the new reading on A. If 
the cross hairs are on the telcscope axis the 
error at 0 will be twice that at B, or more 
correctly in the ratio cOlcB. If the cross 
hairs are adjustable any error found can be 
corrected. If the instrument has been well 
made and adj usted by the maker no correc- 
tion should be necessary. As the screws for 
adjusting the cross hairs (if provided at an) 
are necessarily small, the less they 
re w;;ed 
the better, as if they become loose or worn the 
instrument cannot hold its adjustment. 
(b) Parallelism of Bubble AXlB and Collima- 
tion Line.-\Yith the instrument at point c 
(as in above), set the cross hairs at the correct 
reading on staff at B and then bring the 
bubble to the centre of its run by means of its 
adj usting screws. Check the reading on the 
staff at A, and if this has not altered the 
adjustment is correct. If a considerable 
alteration has been made to the bubble screws 
the reading on A will have been altered, and 
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the operation must be repeated until the 
adjustment is correct. 
(c) Bubble Axis Perpend-icular to the r ertical 
Axis.-Place the telescope parallel to two of 
the levelling screws of the instrument, and 
bring the bubble to the centre of its run, 
then turn the telescope through 180 0 so as to 
reverse it end for end. If the bubble is still 
in the centre of its run the adjustment is 
correct; if not, correc.t half the error by the 
foot screws and half by the screws under the 
telescope supports, if such be provided. If 
no arrangement is made for this adjustment 
the bu h ble axis must be made pcrpendicular 
to the vertical axis, and the collimation line 
made parallel to the bubble axis by means of 
test (b) and moving the cross hairs. If 
this introduces any serious error in test (a), 
whi0h is unlikely, the necessary adjustment 
can only be made by an instrument-maker. 
\Vith modern methods of manufacture, and 
with a machined telescope tube, there is no 
difficulty in making the axis of the telescope 
perpendicular to the vertical axis with suffi- 
cient accuracy for ordinary purposes and 
without any special adjustment for the pur- 
pose. The cross hairs can then be fixed in their 
correct positions, and the only adjustment 
that should ever be required to be made by 
the user is to make the bubble axis pm.pen- 
dicular to the vertical axis. 
It should be noted that for ordinary levelling 
an error of a few seconds of arc in the adjust- 
ment is of no importance. For precise 
levelling it is necessary for a variety of reasons 
to make the fore and back sights of equal 
length; and if this be done any adjustment 
errors cancel out, provided that there is 
no change of adjustment between the two 
readings; as in this case it is not necessary 
to refocus between the readings, the exact 
collimation is also not necessary. It is seen, 
therefore, that for precise work also an ex- 
tremely good adjustment of the instrument is 
not required. 
(üi.) " Y" Levels. - In this type of level 
the telescope is provided with tViO cylindrical 
collars; the two collars should form parts of 
the same cylinder, with the same axis as the 
telescope. The collars rest in Y's, and the 
bubble tube is attached to the telescope. 
The tclescope can be rotated in the Y's and 
also reversed end for end after opening the 
clips which hold it in position. The adjust- 
ments are carried out without the use of a 
staff as follows: (1) The telescope is directed 
on to some distant object, which is bisected by 
the horizontal cross hair. The telescope is then 
rotated in the Y's through 180 0 . If the object 
is still bisected, the collimation line is co- 
incident with the axis of rotation of the 
telescope; if not, half the apparent error is 
corrected by the diaphragm screws. This 


brings the collimation lint:' eoineident \\ ith the 
axi1::ì of rotation. (j) The bubble is then 
brought to the centre of its run by means of 
the foot screws. It is then lifted out of the 
Y's and reversed end for cnd. If the bubble 
remains in the centre of its run it is in adjust- 
ment; if not, half the error is corrected by the 
bubble adjusting screws, and half by the foot 
scre,\ s. This brings the bubble axis parallel 
to the axis of rotation of the telescope in the 
Y's. (3) The vertical axis is then made vertical 
in the usual way (see article on "Spirit-levels," 

 (5)), and if the bubble is not then in the centre 
of its run it is brought there by means of the 
screw provided for raising or lowering one of 
the pillars supporting the Y's. 
The above adjustments assume that the axis 
of the collars coincides with the optical axis 
of the object-glass. This can be tested by 
repeating test (1) above on a near object. 
If the adjustment is correct for a distant 
object, but not for a near one, the object-glass 
itself must be moveù, and it is not as a rule 
possible to do this in the field. The adjust- 
ment (2) assumes that the collars are of equal 
diameter. This can be tested by means of a 
striding level. The striding level is placed on 
the collars, and the bubble brought to the 
centre of its run by means of the foot screws, 
The telescope is thf'n reversed end for end, but 
the striding level is replaced in its original 
position. If the bubblð is no longer at the 
centre of its run the collars are of unequal 
diameters. 
The Y level suffers from the disadvantage of 
a large number of adjusting screws, anyone of 
which is liable to work loose. If the collars 
become worn or damaged in any way, or if 
dust or dirt get3 between the collars and the Y's, 
they cannot be used with safety for adjusting 
purposes, and the instrument is no better than 
a Dumpy level as regards ease of adjustment, 
and is more liable to get out of adjustment. 
(iv.) Cooke's Reversible Level.-This is on the 
same principle as the Y level; but instead of the 
telescope collars being supported on Y's they 
are supported in closely fitting rings from which 
the telescope can be withdrawn longitudinally. 
The bubble tube is fixed to the rings and not 
to the telescope direct. 

 (31) PRECISE LEVELS. - Levelling im,tru- 
ments for precise work are designed on much 
the same lines. They are provided with more 
sensitive bubbles and more powerful tcle- 
scopps, but the chief difference is that they arc 
provided with a screw for tilting the telescope 
with the bubble attached, independently of the 
levelling screws of the instrument, and no 
attern pt is made to set up the vertical axis 
truly vertical. The huhble is brought to the 
centre of its run after the telescope has been 
directed on the staff. A mirror or prism 
arrangement is provided so that the observer 
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can see that the bubble is set currectly at 
the moment the observation is taken. This 
arrangement is very convenient to use, and is 
to be recommended for all l{"vplling work, 
except possibly where a large number of staff 
readings are made from each position of the 
inðtrument, as when running cro8S-sections or 
when contouring. 
(i.) French Pattern. I-This pattern is of the 
Y type, and the bubble i'3 fitted as a- striding 
level. T,,,"o readings are taken on each staff- 
(1) ,Üth the telescope. and bubble in their 
nurmal position, and (2) with the telescope 
rotated through 180 0 in the Y's and with the 
bubble reversed end for end. 
(ii.) Coast and Geodetic Survey (U.S.A.) 
Pattern. - This pattern consists of a large 
Dumpy level "ith the addition of a tilting 
screw. The telescope tube is of invar, and the 
bubble tube is sunk into the telescope tube so 
as to be as near the telescope axis and as well 
protected from temperature changes as pos- 
sible. The bubble is viewed by a system of 
mirrors and prisms. The telescope is of high 
power and the bubble very sensitive: in conse- 
quence the instrument is heavy. There are 
only two adjustments, viz. a scre,,," for adjusting 
the bubble tube parallel to the collimation line, 
and an adjustment for the cross hairs. It is 
very suit:1ble for use on level ground where 
long sights can be taken. 2 
(ill.) Zeiss Pattern.-This was designed by 
Dr. "ïld, and has a telescope of special con- 
struction. There is no draw tube, and an 
object-glass is fixed at each end of a rigid tube. 
The 0 bject- glasses are of equal focal length, and 
each has a set of cross hairs en
ra ved on it. 
The eyepiece can be attached at either end. 
The focussing is carried out by an internal lens. 
The bubble is attached to the telescope tube at 
the side, and is viewed by the special prism 3 
arrangement. The telescope is capable of rota- 
tion round its a
is through an angle of 180". and 
carries the bubble "ith it. The bubble being 
ground to a barrel shape can be used in either 
position. The adjustment is carried out in a 
'3pecial manner. A staff is set up at a con- 
venient distance, and four readings are taken 
as follows : 
(1) Xormal working position, bubble to left, 
prism box up. 
(2) Bubble to right, prism box down. 
The eyepiece is then placed at the other end 
of the telescope, which is rotated 180 0 in 
azimuth. 
3) Bubble to left, prism box down. 
(4) Bubble to right, prism box up. 


1 
ee Ch. Lallemam1. "Kin-llement (Ie haute 
prél'i"ion," being the' third part of .. Lever ùes 
plans et nivellement" of the Encyclvpédie des 
T"((/'(lu.
 Publics. 
2 For full ùescription see C. and G. S. Report, 1900, 
p. 521; H103, p. 200. 
3 
ee " Spirit-levels," 
 (10). 


The buLblc is brought to thc centre of its 
run by means of the tilting sert'w, before each 
reading is taken. The mean of the four 
readings is correct, and if the mean is the same 
as reading (1) the instrument is in adjustment; 
if not, the telescope is tilted until it reads 
correct in position (1) and the bubble tube 
adjusted as necessary. It will be observed 
that in these four readings two collimation 
lines are used, the first in positions (1) and (2) 
and the second in positions (3) and (4). The 
mean readings (1) and (2), and also the mean of 
(3) and (4), are free from collimation error. 
There are also in effect two bubble tubes, the 
first used in positions (1) and (4) and the 
second in (2) and (3). The mean of readings 
(1) and (4) and the mcan of (2) and (3) are each 
free from any error due to the bubble tube not 
being parallel to the collimation line, hence the 
mean of all four readings is free from collima- 
tion and bubble errors. The method is simple 
in use, and the instrument holds its adjust- 
ment remarkably well owing to the absence of 
any delicate adjusting screws. It is doubtful, 
however, whether the complication of the 
second object - glass is really justified. A 
simple Dumpy level with a tilting screw, and 
the bubble mounted and \iewed as in this 
pattern, would appear to be all that is required. 
The instrument requires adjusting so seldom 
that the slightly increased labour involved in 
adjusting by the ordinary method will hardly 
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be noticed. Fig. 16 illustrates such an instru- 
ment. 
(iv.) Plate JIicrometer.-It is more accurate 
to bisect a division on the staff than to estimate 
the reading of the cross hair when it falls 
between two divisions. This can be done most 
readily by mounting a thick plate of glass with 
parallel sides in front of the object-glass. If 
the plate be perpendicular to the a
is of the 
telescope it has no effect on the reading, but 
if it be tilted about a horizontal axis the ra)Ts 
of light are displaced vertically by an amount 
depending on the thickness and refractive 
index of the glass and the angle of tilt, hence 
by tilting the plate the staff can be apparently 
raised or lowered till the cross hair intersects a 
mark on the staff. The displacement can be 
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:read off on a suitably graduated drum con- 
nected with the plate. The displacement is 
read direct, and no calculation invoh-ing the 
distance of the staff is required as is the case 
when a mark is bisected by tilting the tele- 
scope. 'Vith a 30-po",",er 
telescope, and a suitable 
arrange men t of cross 
hairs, the third place of 
decimals of a foot can be 
read accurately up to a 
range of 100 yards and 
the fourth place estimated. 
FIG. 17. The form of cross hair 
shown in Fig. 17 is con- 
venient for this purpose, the> bcing placed 
over the line on the staff. 
* (32) LEVELLI
G STAVEs.-The usual level- 
ling staff is made of wood, with the graduations 
painted on. The divisions are either feet and 
hundredths (sometimes fiftieths), or metres and 
centimetres or half centimetres. The gradua- 
tions are usually of the same thickness as the 
intervals between them, giving a checker 
pattern. Many different patterns have been 
devised with a view to ease of reailing and 
avoiding mistakes. The most suitable staff 
for precise work is probably one with simple 
line diyisions, the divisions just thick enough 
to be read at the longest range required. This 
applies especially when a plate micrometer is 
used, in which case divisions of r!ìJ foot or 
! centimetre are most convenient. As the 
telescopcs generally used are inverting, it is 
convenient to have the figuring on the staff 
also iilverted. For ordinary work folding or 
telescopic staves 14 or 15 feet long are con- 
vcnient, but for precise work they should be 
in one rigid piece, and 10 feet is long enough. 
" Target rods" are sometimes used, having a 
movable target on the face. This is adjusted 
by the staff holder by signal from the observer 
at the instrument, so that it is bisected by 
the cross hair, and the reading is taken by 
means of a fine scale and vernier on the 
staff. This method has proved to be neither 
so convenient nor so accurate as a staff 
read di
ect from the instrument, but may 
he useful where an occasional extr3. long 
sight is required. 
'Vooden staves are liable to change their 
length with varying humidity; a variation of 
3 to ;) parts in 10,000 may be expected from 
this cause. This is serious in precise work in 
hilly country. If such staves be used their 
length must be checked at regular intervals 
either by a standard bar or otherwise. A 
method due to Colonel Goulier, of the Commis- 
sion du nivellement général de la France, is as 
follows: Two bars of iron and brass respec- 
tively are run up the centre of the staff. being 
secured at the foot of the staff and free to slide 
elsewhere. They carry at their upper enùs 


marks ,,,-hich are read against a scale fastened 
to the wood of the Rtaff. The combination of 
the two rods forms a metallic thermometer, so 
that from the readings their true lengths and 
also that of the staff can be found. Since the 
introduction of invar one bar of this material 
has been substituted for the two of iron and 
brass. Staves graduated direct em invar 
ha ve been used by the 
Ordnance Survey; there 
,vas considerable diffi- 
culty in obtaining these, 
bu t th e Cam bri dge 
Scientific Instrument Co. 
finally provided some of 
such accuracy that the 
staff readings could be 
used direct without cor- 
rection for temperature 
or graduation errors. 
If the staff be not 
held vertical when the 
reading is taken the 
reading will always be 
too high. A common 
method of dealing with 
this is to swing the staff 
and estimate the lowest 
reading of the cruslS hair: 
this, however, dccreases 
the precision of the read- 
ing. It is equally quick 
and much more accurate 
to hold the staff vertical 
with the assistance of a .FIG. 18. 
small circular spirit-level. 
In this case some means of holding the staff 
bteady must be employed; that illustrated III 
Fig. 18 is convenient. 

 (33) STAFF SUPPoRTS.-The stability of 
the support on which the staff rests is of great 
importance; it is obvious that if this change'S 
its height between the forward reading to the 
staff from one position of the instrument and 
the back reading from the next po::.ition, an 
error will be introduced. For ordinary work 
it is convenicnt to use a small metal tripod 
pressed into the ground; for precise work a peg 
(either wood or metal) driven in is generally 
used, but th{" actual support used must 
depend on the nature of the ground. The 
error caused hy the instability of the staff 
supports is one of the most important in long 
lines of precise levelling. 
9 (34) BENCH l\lARKS.-The ordinary bench 
mark of the Ordnance Survey consists of a 
horizontal line cut in some vertical face, with 
the Government" broad arrow" cut below it. 
thus /[\. r n the new precise levclling the 
marks are of two kinds. The" fundamcntal ., 
marks. which average :
o milcs apart, are 
illustrated in Fif}. 19; thcy are confill{'d to 
sites whcre the reference points can be eithcr 
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fixed in the living rock or in concrete founded 
on the rock. TI
ere are three actual reference 
points-one a gun-metal bolt for general use, 
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and the other two buried for the future use 
of the survey. The secondary marks, generally 
about a mile apart, are gun-metal plates as 
shown in Fig. 20, cemented into a vertical 
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face; a detachable bracket serves to SUppûrt 
the staff. 

 (35) ERRORS I
 LEYELLIXG.-Some of the 
causes of errors have already been touched on. 
Errors due to lack of adju
tment of the 
instrument are eliminated if the instrument is 
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eyuidistant from the two staves, provided the 
adjustment does not alter bet" een the Ì\\ 0 
readings. Such change may be due to tem- 
perature effects or change of focus. The 
former acts sl(m ly, provided the instrument is 
shielded from the direct rays of the sun; the 
latter does not come in if the in:;trument is 
equidistant from the staves. If there is any 
tendency for the staff supports to move always 
in the same direction a systematic error" ill be 
introduced, which in long lines may easily 
become the predominant error. The only way 
to eliminate this is to relevel the line in the 
rm-erse direction, keeping all other conditions 
as unaltered as pos
i ble; this is in varia bly 
done in all precise work, and a systematic 
difference between the two levellings has 
almost always been found. Another cause 
of error is due to atmospheric refraction; 
the st_1 tement in many text-Looks that this 
error cancels out when the instrument is 
equidistant from the two staves is only true 
011 the a::;sumption (generally incorrect) that 
the atmospheric conditions along the paths of 
the two rays are the same. See article on 
,. Trigonometrical Heights and Atmospheric 
Refraction," Y 01. III. 

 (36) DEFIXITIOX OF HEIGHT.-The ob\Tious 
definition of the height of a point is the distance 
of the point above the reference surface 
measured along the vertical through the point. 
This is called the .. orthometric" height. As 
the surface of the earth a pproxima tes to a 
spheroid rather than to a sphere, this definition 
leads to the result that two points at the same 
height are not, necessarily at" the same gra\i- 
tational potential, and water might flow from 
one point to the other, or even from a lower 
point to a higher. An altenlative definition is 
based on the assumption that all points which 
are at the same ,. height" are on the same 
equipotential surface, and measuring the actual 
height of each such surface at some fixed point. 
For this purpose the earth is generally assumed 
to be a spheroid, and the fixed point is taken 
in latitude 45 0 . This is called the" dynamic" 
height. In practice the distinction only 
becomes of importance when large areas are 
covered with a network of precise levelling, and 
especially when the area covers a tract of hilly 
country extending north and south. The 
difference of height as determined by spirit- 
levelling does not conform to either of the abon
 
definitions. The height is first measured on a 
vertical staff (orthometric) and then carried 
horizontally to a second staff (dynamic), and so 
on. The result is that a circuit of levelling 
carried out without any error, and closing on 
the starting - point, \\ ill, in general, show a 
difference in height between the starting-point 
and the (same) finishing - point. The magni- 
tude of this apparent error can be calculated 
& on the assumption that the vertical as indicated 
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hy the level at each setting up of the ill
tru- 1 
mènt is a normal to the spheroid of reference. 
In practice it is the normal to the geoid, and 
the true correction to be applied to the levelled 
heights to give either orthometric 'or dynamic 
heights cannot be calculated unless the devia- 
tion of the plumb-line, or the true rariation in 
the force of gravity, be known for each station 
occupied. F. R. Helmert 1 has calculated the 
theoretical closing error of a circuit in the Tirol 
(a) assuming the usual formula, (b) based on 
the actual values of gravity measured by 
R. V. Stein.eck; the results were 7 mm. and 
24 mm. respectively. 2 


IX. CO
TOURING 

 (37) CONTOURI
G.-.A contour is a line of 
equal height above sea - level, and contours 
drawn on a map at equal vertical intervals 
form the best method of showing the vertical 
relief of the ground. The vertical interval 
depends on the scale of the m),p and the steep- 
ness of the ground. On small-scale maps the 
contours are necessarily generalised and 
become "form lines." Accurate contouring 
must be controlled by spirit -levelling. In 
large-scale work the contours are established 
on the ground by means of a spirit- or water- 
level, and surveyed. The survey may be done 
either simultaneously with the marking of the 
contour, or later, and may be done by chain 
survey, stadia traverse, or plane-tabling, or by 
a combination of the above. 
In contouring with a plane-table on small 
scales the Indian pattern clinometer is a 
useful instrument. It is 9 in. long, and has 
two vanes which are upright when in use. 
The rear vane has a sight - hule, and the 
front vane a vertical slit with a scale of 
degrees on one side of the slit and of natural 
tangents on the other. The sight - hole is 
brought level with the zero uf the scales by 
means of a screw, a level on the horizontal arm 
indicating the position. The adjustment must 
be checked by comparison with the readings of 
a theodolite or by means of reciprocal observa- 
tions. It is used standing on the plane-table, 
and by its means the height of the table can be 
found by measuring the vertical angle to any 
point whose height is known. The slope of 
the ground and hence the spacing of the con- 
tours on the map can also be found. Sights 
can be taken up to a distance of about 3 miles. 
By fixing the height of ruling points, and the 
slope down spurs and valleys, etc., the contours 
can be drawn in with sufficient accuracy for 
small-scale work. 


1 Di.e SchU'erkraft in llochgebirge, p. 19. 
2 Ch. Lallcma.ml., Nil'Pllement de 'wutr préci.r;ion; 
Const and Oeodetic Sun'e.l/ Reports, 1900, _-\pp. 6, 1903, 
App. 3; Account of the Operations of the G. T. SUrl'e!I 
of l.
dia, xix.; E. O. Henrici, Proc. Inst. Ciril En- 
gineers, ccix. Pt. 1. 
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 (38) GE
ERAL.-llefore a triangulation can 
be computed, it is necessary to know the 
length of one of the sides of one of the triangles, 
and thi
 must be measureu directly. This 
measured side is called the base, and thus 
forms the starting - point of any system of 
triangulation required to determine the hori- 
zontal co-ordinates of its points. These co- 
ordinates are m<.>asured on the spheroid of 
reference, consequentl) the length of the base 
(as rey' uired for purposes of calculation) is the 
distance, measured along the spheroid, between 
the points on the spheroid vertically below the 
ends of the actual base. Thus if A, B (Fig. 21) 
are the terminal points of 
the base, AN B being the 
ground surface, the dis- 
tance required is A'B' 
(measured along the 
curve) where A'B' lie on 
the spheroid of reference FIG. 
I. 
and AA', BB' are the 
verticals through A and B. The actual line 
followed by the base may be either in the 
plane through AA'B or that through ABE', 
or it may be such that ü P be any point in 
the base and PP' the vertical through it, 
ABPP' all lie in one plane. These cases re- 
present respectively the result of the line 
being laid out by a theodolite at A, or at B, 
or by a transit theodolite at each consecutive 
point P. The three lines are not strictly the 
same when the spheroidal shape of the earth 
is taken into account, but the differences are 
negligible for base-line measurements, which 
only extend for a few miles, hence any of 
these three methods may be used for laying 
down the base on the ground. The base is 
necessarily measured in small sections such as 
PQ, representing the length of a single bar or 
tape. As these are short compared with the 
radius of curvature of the spheroid, the straight 
line distance PQ can be taken as equal to the 
are, provided the length of PQ is horizontal. 
If PQ be not horizontal it must he multiplied 
by cos i, where i is the inclination of PQ to the 
h
rizontal. Cnless the base is being measureu 
at sea-level, a further reduction must be made. 
If R is the radius of curvature of the spheroid 
at P' and h the height of P above P', we get 
P'Q' = l{' 
 Ii . PQ cos i, 
whence L, the length of the base
 is given by 
L = 
(P'Q') =
(PQ cos i) - 
 (PQ. i
), 


or if i is small, as it is when rods are used, 


L=
(PQ) - i
(PQ. i 2 ) - 
 (PQ.
). 



SURVEYIXG AXD SURVEYIXG IXSTRU:\IEXTS 


827 


These t\\ 0 corrections are h.no\\ n as the re- 
duction to horizontal and reduction to sea- 
level respectively. It is not necessary in 
practice to correct each length PQ separately 
for reduction to sea - level, and the whole 
correction can be put in the form L{Hm/Ro) 
where Hm is the meèln height of the base 
above sea-level, and Ro the mean radius of 
curvature of the spheroid from A' to B'. 

 (39) HISTORICAL.-The earlier bases "ere 
frequently measured by means of deal rod
 
shod with metal at their ends. Such rods do 
not vary greatly in length with chang.e of 
temperature, but alter their length consider- 
ably with varying moisture. TllÍs variation 
can be largely reduced by boiling the rods in 
paraffin wax. 'Y ooden rods were used in the 
classic measurements undertaken by the 
French in Lapland and Peru in 1735-43. They 
have been used succes
fully in Germany,l and 
more recently in Egypt,2 where a probable 
error of about five parts in a million was 
obtained by this method. 
The earliest base in this country (Hounslow 
Heath, 3 1784) was measured "ith deal rods 
with bell-metal ends, and with glass rods. In 
the case of the deal rods it was noticed during 
the work that their length was much affected 
by changes in the humidity of the atmosphere. 
Xo attempt appears to have been made to 
avoid this by varnishing or othen\ise treating 
the rods. The temperature of the glass rods 
was found by two thermometers in contact 
"ith each rod, and the expansion due to 
temperature was allowed for. The discrepancy 
between the two measurements was 1.8 ft. in 
27,400 ft., or 66,u (p. in this section represents 
one-millionth of the total length). Tn 1791 this 
base was remeasured "ith a steel chain, made 
by Ramsden, of 100 ft. length (40 links of 
2.5 ft. each); the discrepancy of the result 
compared" ith the glass-rod measurement was 
0.23 ft., or 8p.. The Ramsden chain was used 
for four other bases in England, and is now 
deposited in the Science Jluseum at South 
Kensington. 
During the nineteenth century accurate bases 
were almost invariably measured with metal 
bars, a probable error of 1 to 2p. being obtained. 
In 1885 E. Jäderin 4 suggested the use of metal 
tapes or wires suspended free in catenary for 
base measurements, and the introduction of 
" Invar," due to the researches of Ch, Ed. 
Guillaume, of the International Bureau of 
\Yeights and JIeasures, has enabled Jäderin's 
apparatus to be so improved that it now forms 
1 Reinhertz, Zeit. rerme,'1s., 1896. Pt. 7. 
2 Lyons. Car/astral Surrey of Egypt, Cairo, 1908. 
3 Roy. Soc. Phil. Tram]., 1 'i8:>; also Account of the 
Principal Triangulation of the Ordnance SUTl'ey, 
1858, p. 206. 
fo Jäderin, Geodiitisrhe Liingi'nmeRswlg mit Stahl- 
hdnrlern l(1l(! .Metaldriihten, stockholm, 188."). An 
En!!lish transl:1.tìon appears in the C. and G. ð. 
Report for 1893, Pt. II. App. 5. 


a method of base-line measurement which i
 
not only fully as accurate but much quicheI' 
and cheaper than the older methods. 
The measurement of the Salisbury Plain 
base (length 6,9 miles) in 1849 "ith Colby's 
apparatus took a large party nearly six months 
in the field, while the L08::'Ìemouth base of 4.5 
miles was measureù in 1909, using invar tapes, 
by a much smaller party in about a month, 
and with a higher degree of accuracy. 

 (40) B<\sE 1\IEASLRE)IE
T is THE XISE- 
TEESTH CEST"CRY.-The great trouble in all 
base line measurements has been the change 
in length of the apparatus due to humidity 
(in the case of "ood bars) or temperature. A 
metal rod needs time to take up the tempera- 
ture of its surroundings, and in the field the 
conditions are such that the true mean tern. 
perature of the rods cannot be obtained satis- 
factorily by the use of thermometers in contact 
,,;-ith them. To overcome this difficulty Borda 5 
introduced the principle of the bimetallic 
thermometer. His apparatus consisted of t" 0 
strips of metal in contact. The low
r strip of 
platinum (either 2 toises or 4 metres long) 
rested on a stout beam of wood; lying im- 
mediately on it, and fastened to it at one end, 
was a strip of copper about 6 inches shorter. 
A scale on the free end of the copper, read by 
a vernier on the platinum, indicated the 
relative expansions of the two bars, whence 
the temperature, and therefore the true length 
of the platinum strip, could be inferred. 
Another apparatus designed to the same end 
was Colby's 6 compensated bar apparatus, 
which consi::;ted of h\ 0 10-ft. bars, one of iron 
and one of brass, firmly connected at their 
centres. At either end was a metal tongue 
about 6 inches long pivoted to both bars so 
that, while free from shake, they did not 
impede the free expansion of the bars. At the 
outer end of each tongue was a small dot, and 
the distance between the dots determines the 
length. If aa' and bb' (Fig. 22) are the bars, 



 c
 



 . 
: :: 


I I 


FIG. 22. 


having a temperature coefficient of a and ß 
respectively, and if abc, a'b' c' are th.e tongues, 
the lengths ab, be, etc., are so chosen that 
ac/bc=a/ß; if, therefore, owing to a change of 
temperature, a moves a distance ad, b ,\ ill 
move ßd, and c will not move. If the ex- 
pansion can be considered as proportional to 
the change of temperature, and if both bars 
are at the same nlean temperature, the distance 


Ii Delambre, Base du syslime métrique, etc., Paris, 
] 80G-lO, ii. 1 and ili. 311. 
5 11. Yolland, Jleasuremellt of the Lougll Foyle Base, 
etc., London, 1847. 
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ee' will remain cunstant. This apparatus was 
used for the two chief bases of the Ordnance 
Survey of the United Kingdom, for ten bases 
in India, and alf'o in South Africa. It has 
not heen used since 1870, as it was found that 
the temperatures of the two Lars did not 
remain equal, and it was found necessary in 
India to use thermometers, and not to rely 
entirely on the automatic compensation. l The 
probable error of measurement with this 
apparatus was about 1....>.:1.. 
In most of the earlier bases the rods were 
used as end measures, and were laid touching 
end to end. Borda introduced a graduated 
slider moving in a groove at 
the free and uncovered end of 
the platinum strip, for the pur- 
pose of measuring the small gap 
left between successive bars. 
This was improved later by 
the addition of a spring and 
contact screw. Struve,2 for 
the Russian bases, used a 
wrought-iron bar (whose temperature was 
determined by two thermometers) fitted with 
a contact lever (Fig. 23) for measuring the 
small interval between the bars, the lever 
being held in contact by a spring. Bessel 3 
used bimetallic bars of iron and zinc. The 
upper (zinc) terminated in horizontal knife- 
edges, while at the free end a small piece with 
two vertical knife-edges was attached to the 
iron bar (Pig. 24). The distance between the 
knife-edges was measured by a glass wedge, 
and gave the temperature correction, and the 
clisÚ.tnce between successive bars was measured 


equal absorbing surfaces, their masses are 
inversely })roportional to their specific heats, 
allowance being made for their difference of 
conducting power. Lever C is a compensatiun 
lever so arranged (as in rolLy's apparatus) 
that lhe position of the upper knife - edge 
remains constant irrespective of the expan
ion 
of the bars. A collar on a sliding rod d is 
pressed hack against the knife - edgf' by a 
spring, and the sliding rod tC'rJninates in an 
agate plate for contact with the next bar. A 
scale and vernier attached to the free ends of 
a and b enahle the relathye expansion of the 
bars to be measured if desired. At the other 
end, where the bars are fixed 
together, is another sliding 
rod e terminating in a blunt 
knife-edge for making contact 
with d; the inner end uf e 
abuts on a contact lever f 
pivoted below, which in its 
turn come::! in contact with 
the short tail of the lever f}, 
mounted on trunnions, but not balanced, and 
carrying a spirit-level. .For a certain position 
of the rod e the bubble becomes central, and 
this position determines the standard length 
of the bar. This arrangement is very delicate, 
and ensures that the pressure of contact is 
always the same. 
All the bars so far considered (except Colhy's) 
are end measures. Colby set the Lars so that 
the dots of two successive bars were exactly 
6 inches apart, by means of two microscopes. 
The two microscopes were connected by two 


FIG. 23. 
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in the same way. The bases measured with 
this apparatus had an error of about 2M. 
Bache in 1845 designed an apparatus which 
was used by the Coast Survey of the United 
States, and which combines several of the 
above-mentioned arrangements. aa', bb' of 
Fif}. 25 are iron and brass rods respectively, 
forming a Borda bimetallic thermometer. 
They are separated by rollers so that they 
can expand freely. 
rhe cross-sections uf the 
bars are so arranged that, while they have 
1 G. T. Suuell of India, Dehra nun, 1870, i. 
II }1'. H. ,V. 
truve, Arc tlu Mérutien de 25 0 20' 
entre le Ðanube pt la 'mer l/lffcÙ([e 1n(>.';uré dcpuis 18 lfj 
jusqu'en 18;).), S01lS la direction de Tenner, Selander, 
Hansteen, et F. G. W. Strw.e, st. Petersburg, 
1857-60. 
3 F. \V. lkssel and J. J. llaeyer, GradllteS8Ullg in 
Ostpreussen, etc., Berlin, 1838. 


bars of brass and iron respectively in such a 
manner that the focal points of the microscopes 
were exactly 6 inches apart, the temperature 
compensation being on the same principle as 
that of the bars. A third microscupe passed 
through the centre of the bars, and was cun- 
structed to focus a point at ground-lmTei. 
The microscopes were provided with levelling 
screws, and screws for giving motion in longi. 
tudinal and transverse directions. The whole 
compensated microscope set rested on a bracket 
attached to one end of the case enclosing the 
bars. The measurement of the 6-inch intervals 
was effected by bringing one of the outer 
microscopes to intersect the dot on the har 
last placed, and then moving the next bar up 
by its slow-motion screws so that its dot was 
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bisected by the other microscope. The end 
of each section of six bar lengths was trans- 
ferred to the ground by the centre microscope, 
a suitable reference point being adjustably 
mounted on a heavy cast-iron plate resting on 
the ground. The Salisbury Plain base, which 
was measured in 1794 "ith the Ramsden 
chain, "as remeasured in 1
-!9 with the Colby 
apparatus, and a discrepancy of 1.03 ft., or 

8,u., was found between the two measurements. 
Some of the original Colby apparatus is now 
in the Science :Museum at South Kensington. 
Boscovitch in Italy in 1731 used bars "ith 
the length defined by line marks on the bars, 
measuring the distances between successive 
bars bv dividers and scale, and other early 
"ork "
ag done with marks on the sides of the 
bars. 
All the above - described methods used a 
succession of bars, either actually or nearly 
touching. J. Porro and others used a single 
bar to measure the distance between successive 
microscopes mounted on tripods, and carefully 
aligned and levelled. Porro used a bimetallic 
bar for temperature correction. His apparatus 
was improved by Iba1Ìez 1 and used in Spain 
and Switzerland. 
In 1871 R. S. \Y oodward, 2 of the Coast and 
Geodetic Survey, o,ercame the temperature 
difficulty by using a single iron bar carried in 
a V -shaped trough filled with melting ice. 
An error of 0'23p. is claimed for this apparatus, 
and it is probably the most accurate method 
that has been adopted. It is slow and ex- 
pensi,-e to use, and its greatest utility is 
perha ps for laying down a field standard for 
standardising wires or tapes. 
Any method, such as those described abo,e, 
which invoh-es the use of metal measuring 
bars in the field entails the provision of heavy 
trestles for their support. These trestles 
must be carefully aligned and le,elled, and 
in order to do this the ground must be fairly 
le,Tel and smooth, and in many cases much 
clearing and preparation of the ground are 
req uired. Such methods are therefore neces- 
sarily slow and expensive. 
For further particulars of the older methods see 
A. \',-e::.tphal, Zl'it.ç. In.<;trumelltpnk., 1885, Y. 23;, 333, 
3,:3, 4:!O. and l
ðð, "\ Hi. 18!), :!:!3. and 33,. For 
fuller detaih; reference mu
t be made to thf' oridnal 
account5 mpntioned, or to the official reports of the 
sun-eys concerned. 



 (41) )!ODERX BASE )!EASLRE:\IEXTS. (i.) 
In _lmerica.-The American "Duplex" bar 
apparatus has been used" ith success in modern 
work. It consists 3 of two measuring tubes 


1 C. IbaÌÍez et :-;aavedra. E:rpériP1lce.<; faites m.ec 
Z'appareil à. me.<;urer les ba.<;es app{(rtellallt it la com- 
mis.
ion de la carte d'E8pagne (Traduction par A. 
Lau.;;'eclat. P.lri:o;. 18IiO). 
2 R. S. 'Yoodwanl," On the )leasurf'Jll<,nt of tl1l"' 
Holton Heath Base, dr ," Rppnyt (If the Cow,t Ilnd 
Gl'udetic Survey for 1......!U. Pt. 
, App. S. I 
;: Coast and Geodetic SUTl"CY Rlpo-rl, 1897. App. 2. 


3 metres long, each containing two hollow 
cylindrical bars, one of steel and one of brass. 
The outer tube is mounted on two wooden 
tripods, with fine adju
tments for le'Telling 
and aligning. The measuring bars project 
at both ends from the outer tube, and are 
brought into end contact, steel to steel and 
brass to brass, by means of screws which 
move them bodily in the ûuter tube. The 
contacts are agate klúfe-edges. The process 
results in two 
imultaneous, but independent, 
measurements, one" ith the steel bar and one 
with the brass bar. If, owing to temperature, 
one bar gain too much on the other, it can be 
set back a known amount by means of a ,ernier 
on the steel bar read against a scale on the 
brass. Thermometer readings give the tem- 
peratures of the bars. The difference between 
the total lengths of the base as obtained from 
the bra!':s and steel, uncorrected for tempera- 
ture, gh
es the mean temperature of the bars, 
and thus the temperature correction to be 
applied. The thermometers give the correc- 
tions to be applied to each indi,-idual bar 
length, which proTIdes a check. The bars are 
actually tubes of comparatively thin metal, 
the thicknesses being calculated to compensate 
for relative specific heats and conductivities; 
they are both nickel
plated, and enclosed in a 
double tubular covering; the result is that 
they maintain very closely the same tempera- 
ture. 
(ii.) Tapes.-If "ires or tapes be used for 
the actual field measurements, they can be 
much longer than the bars, consequently 
there are fe" er points requiring accurate 
alignment, and fewer measurements or settings 
at the end of each unit length; this tends to 
both speed and accuracy. _'\.t the measure- 
ment of the Holton Heath base 4 a comparison 
of various methods" as made and the practical 
use of tapes tested in the field. Steel tapes 
graduated every 20 metres o,er a length of 100 
m. were employed, the total length being about 
101 m. 
 the cross-section was û.34 by 0.47 mm., 
and the weight 22.3 grams per metre. The tape 
was strained to a constant tension of :?3 lbs. 90z. 
by means of a spring balance. The tensioning 
apparatus consi:::;ted of a le,er of steel tubing, 
with a wooden extension as handle, hinged 
by a múversal joint to a platform on which the 
operator stood. The tube" as threaded, and 
I a "heel nut carried a gimbal-jointed support, 
to which was attached the spring balance. 
The balance was used at one end only. The 
tape was supported every 20 m. on "ire nails 
driven into posts. At the end of every 100 m. 
length a properly l'anged l'..arking - post was 
cut off, or driven do" n, to the proper height, 
and capped by a plate of zinc. The supporting 


4 R. :'. 'Yoodwanl." On th(' )[('a:,urf'Jllf'nt of the 
Holton Ht'ath Ha
f', etr.," Rl'POrl of thl Co.-:.<;t mul 
Geodetic Surl'ey for 1.'i!1!. Pt. 
, App. 8. 
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nails were carefully adjusted as to heigh
j by 
a telæeope, so that they lay in a line joining 
the t\\ 0 marking - posts. The tape being 
placed in position, the rear mark was brought 
to coincide .with a marl... on the zinc top of 
the marking-post, and the strain taken at the 
front end by the spring balance; the tape was 
then lifted clear of the nails, and dropped on 
to them so as to avoid friction and any lack 
of alignment in the tape itself. \Vhen all 
was correct, a scratch corresponding with the 
forward end of the tape was made on the zinc 
of the forward marking-post with a fine 
bradawl, the thermometers were read, and 
the ta})e moved forward to the next section. 
If temperature effects, or inaccurate spacing 
of the marking-posts, caused the tape ends to 
get too near the edges of the zinc plates, the 
tape was set forward or back an even number 
of centimetres by means of a scale. The tapes 
were standardised in the field on a special 
100 m. comparator by means of the 5 m. iced 
bar. A special section of the base I km. long 
was measured by the iced bar, by 5 m. contact 
rods, and by the 100 m. tape. The tape 
measurements were taken both by day and 
by night. Two or more measurements went 
to a set; the sets taken at night varied i: 3 mm. 
from the mean, those by day up to 10 mm. 
The mean of the night sets (21 measurements) 
differed from the iced bar measurement by 
only 0.2 lim. The greater accuracy at night 
is due to the better temperature conditions. 
The rate of working with the iced bar was 
100 m. an hour, and the probable error of one 
such measurement of 100 ill. was about :t 
0.034 mm. The probable error of the 1 km. 
section (mean of 4 measurements with the 
iced bar) was :t 0.2G mm. The rate of working 
with the tapffi; at night was about 2 km. per 
hour. The probable errors given are those 
of measurement only, and do not include the 
error of the iced bar itself. The final results 
for the kilometer section were: 


:Mean of G measurements with 
steel rods . 1000 m. - 4'9 n 1 m. 
Mean of 21 measurements with 
steel ta.pes 1000 m. - 3.6 mm. 
.Mean of 4 measurements with 
iced bar 1000 m. - 3'4 mm. 
These results showed the possibility of using 
steel tapes for work of first-class accuracy. 
In 1900 the Coast and Geodetic Survey 1 
considered that, in view of the speed with 
which base measurements could be made with 
tapes, it would be advantageous to measure 
frequent check bases. An accuracy of 2 I-'- was 
laid down, and no time was to be spent in 
trying for more accurate results than this. 
Fifty and 100 m. tapes were used, supported 
every 25 m.-2 x 4 in. stakps for intermediate 
1 Coast and Geodetic Rt'port, l!JU 1, ApI). 3, p. 

fI. 


supports, and 4 x 4 in. stakes for the marking- 
posts, topped with copper instead of zinc. 
A kiîometer of each base was measured with 
the duplex bar apparatus, and tapes and bars 
were standardised against the iced bar at the 
beginning and end of the season. The methods 
for using the tapes were generally the same as 
those employed at the Holton Heath base. 
In the result, 9 bases with a total length of 
G9 km. were measured by one field party 
between July 16 and January 18; including 
the standardisation work, the worst probable 
error obtained ,vas 1.-1 I-'- and the average 0.8 1-'-. 
Later on invar tapes were used,2 which enabled 
work to be done in the daytime with less 
danger of temperature errors and greater 
ease and accuracy, as compared with steel 
tapes by night. In 1907 a party of from seven 
to thirteen men prepared and measured 3 bases, 
and measured 3 more (prepared by another 
party), in all û bases with a total length of 
100 km., in four mQnths. The worst probable 
error was 0.46 I-'- and the average 0.36 fJ... 
Both steel and iuvar tapes were used, the 
latter proving 7 per cent faster and 70 per cent 
more accurate. 
(iii.) Tapes or TV ires in Cafenary.- 'Vhen 
tapes are used as above described, with the 
tapes suppurted at short intervals, and always 
supported in the same way both when being 
standardised and when in use, and when only 
small inclinations are used, no allowance need 
be made for sag, etc. The method, however, 
while much quicker than the use of bars, and 
not necessitating quite such a smooth stretch 
of ground, still requires a fairly smooth and 
level site for the base. The latest base a p- 
paratus, a development of .Täderin's,3 uses the 
tapes hanging free in catenary throughout 
their length. .By this method fewer suprorts 
are necessary, and bases can be accurately 
measured over more uneven ground and on 
steeper slopes. 
The method and apparatus used have been 
described in detail by Benoit and Guillaume. 4 
The tapes are not graduated throughout their 
length, but carry smaH scales at either end, 
reading + or - from the zero graduation. 
The scales are a few inches long and are gradu- 
ated in millimetres, or some similar divisions 
such as iö in. The nominal length of the 
tape is the straight line distance between the 
zero graduations when they are at the same 
level, with the tape hanging free at Rtandard 
tension. There is some difference of opinion 


2 Corist anif Geodeti.r Sur 1 .ey Report, 1f107, App. 4, 
p.107. 
3 .Tiiderin. Geodr7tis{'he Län(JPnmesS'll'i1(l mit St(1hl- 
hiillc/prn wnI Jletaldriihtf"n, Rto('kholm, 188;). 
4 R('Iloit and nnillaume, f-rt me.<;urc 'Trtpiife tit's 
bfl.<;es (/éodR.c;ìque.r; (lst eel., Pari:,:, If10:;; :;th ell., If1l7). 

{'{. also Ordnrt1lce SB"'t'I/ Prnjt'.<i.c;io1lfll Paper,,!, l' PW 
S('ri('s, Ko. 1, HH2. amI .l!('((Sllrt'mpnt of rw Arc 
oj Jlpridirln in ["'(Janda (Colonial Survey Committ('{' 
Report), 1f1l2. 
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as to the relati \.e merits of tapes or "ires. 
If tapes are u::;ed, the scal
 can be marked 
direct on the tapes themselves, and it is easy 
to ensure that there is no twist in the tape. 
\Yith wires the scale has to be attached to the 
wi.re, and a twist is not so easilv detected. On 
the other hand, wires are prob
bly less affected 
by wind. The tension is applied to the tape 
by means of a cord or mre, pas:::.ing over a 
pulley, with a weight attached. The measure- 
ment is carried out as follows: Anum ber of 
trestles are aligned along the base and spaced 
at intervals of one tape-length. The trestles 
have heads somewhat as shown in Fig. 26, 
the heads being movable hori- 
zontally on the trestles for 
accurate alignment. The tape 
is then placed alongside the 
trestles, just not touching the 
tops, and strained by means 
of the straining trestles to the 
standard tension. Simultaneous 
readings are taken by observers 
at the two ends, the scale on the 
tape being read against the mark 
on the trestle. Eight or ten such 
readings are taken, the tape 
being moved slightly in a longitudinal direction 
between each reading. The tape is then moved 
to the next span and the process repeated. 
After every six spans or so the observers 
change ends, in order to eliminate personal 
errors. Each section of a convenient number 
of spans is measured two or more times, the 
direction of measurement being changed 
between each. It is preferable to use more 
than one tape. At the end of each day's 
work the point on the ground directly under 
the terminal trestle head is marked on the 
ground, and checked before recommencing 
work to ensure that the trestle has not shifted. 
The difference in height between the trestle 
heads must be ascertained by levelling, or by 
observing the slope between them. This is 
req uired both for the ordinary reduction to 
the horizontal and to allow for the change 
in shape of the catenary when the ends of 
the tape are no longer at the same level. 
The temperature of the tapes must also be 
noted; but as the coefficient of expansion of 
invar is so small (about 5 x 10- 7 per 1 0 C., 
or less), no great accuracy is necessary. 
The temperature can be observed either by 
means of a smng thermometer or by thermo- 
meters attached to the tape beyond the 
terminal marks; the former is probably the 
preferable method, at any rate in temperate 
clima tes. 
The apparatus as originally designed had 
weights and pullc.'.s at both ends for applying 
the tension; but if the tape is on anyappreci- 
able slope the tension for equilibrium is not 
tùe same at the two ends, and the tape will 


m 
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FIG. 
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run downhill, or, if it does not, the excess 
tension at the lower end must be absorbed by 
friction, and in such a case an uncertainty as 
to the true tension at once arises. A prefer'able 
method is to attach one end direct to the 
straining trestle by means of a screw, and to 
mo\?e the tape by its means between the 
readings, half the readings being taken after 
a screwing-up motion and half after a screwing. 
out motion; if a fine" ire or steel tape be u
ed 
for connecting the weight; there is practically 
nothing lost by friction (which is not neces- 
sarily the case when a cord is used), and the 
mean tension applied at the weighted end is 
the standard tension as determined by the 
weight. 
Xo elaboratf' apparatus is required. The 
straining trestles for the tapes consist of one 
long leg carrying the pulley, which is placed 
in the alignment of the base, and two shorter 
legs supporting it, one on each side. If the 
long leg be continued beyond the point of 
attachment of the supporting legs, so as to 
form a handle, it can be placed in its correct 
position without much difficulty. In the 
simplest form the pulley is mounted in a slot 
in the le
, but some users prefer having it 
mounted in a frame, thp frame being pivoted 
so that the pulley automatically places itself 
in the plane of the tape, being capable of 
movement up or down, and sideways, relative 
to the trestle, by means of screws. In any 
case it is essential that the pulley should 
be true on its axis, and as frictionless as 
possi ble. 
The trestles for marking the ends of the tape 
lengths are easily aligned by a theodolit.e. 
The difference of height between successive 
trestles is best determined by an ordinary 
telescopic level, using a special short levelling 
staff resting on the trestle heads. It is 
sufficient in the field to read the scales on the 
tapes with the aid of a reading-glass.; micro- 
scopes are not nf'eessary. 
Great care must be taken in handling the 
tapes or wires. It must be remembered that 
the whole accuracy depends on the constancy 
of their lengths; they must therefore on no 
account be strained beyond their elastic limit, 
or bent or kinked. To ensure this, great care 
is necessary in winding and un" inding t.he 
tapes on the drums used for storage or trans- 
port, and they should never be dragged along 
the ground. The following points must be 
kept in mind in the design and use of the 
drums: (1) The diameter of the drum must 
be such that no sharp bend is given to the 
tape or wire; a diameter of about ! metre 
is suitable. (2) In the case of a "ire, which 
has a stiff scale attached" the end must be 
attached to a projecting hook on the drum of 
such length that the scale forms a tangent to 
the dnlm, touching the drum well beyond the 
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scale, so that the wire is not bent at the poínt 
of its attachment to the scale. (3) \Yires 
should be wound helically on the drum with- 
out overriding. (4) Tapes should be wound 
on a narrow (hum with cheeks, the distance 
between the cheeks being only slightly greater 
than the width of the tape to avoid any pos- 
sibility of the tape catching in itself when 
being unwound. (3) The tape or wire must 
not be wound so tightly that any expansion 
of the drum with. temperature can possibly 
strain the wire beyond its elastic limit. There 
is no difficulty in the case of a tape, but if a 
wire is not rolled tightly the turns may over- 
ride, and it is safer to insert a spring between 
one end of the wire and its hook on the 
drum, and thus ensure a sufficient but not 
excessive tension. Provision must be made 
for mounting the drum, either on the strain- 
ing trestle or in its carrying box, so that 
it can be easily turned for winding and 
unwinding. 
It is desirable to keep one or more tapes as 
standards, and to use one or more working 
tapes for the actual Lase measurement. A 
pair of marks similar to those on the trestles 
should be set up one tape-length apart on 
firm-fixed pedestals somewhere near' the base, 
for use as a comparator for comparing the 
working tapes with the field standards, and 
such comparison should always be made before 
and after the base measurement, even if inter- 
mediate comparisons are not made. By this 
means any variation in the length of the work- 
ing tapes can be detected. These latter can- 
not be so effectively guarded against accidental 
damage as the standards. 

 (42) THEORY OF TAPES N CATE:NARY. - If a 
heavy. uniform, and inextensible string is stretched 
between two points the equations of the curve 
assumed are 


x=cu, 
( U2 u 4 
y=c ('osh u=c 1+ 2 ! + 4!-+ 


...), 


( u3 u 5 ) 
8=C sinh u=c u+ 3! +51 + . .. , 


where 8 is the length measured along the curve from 
the lowest point, c is the length of st.ring whose weight 
i.., equal to the tension at the lowe!':t point, and u 
1."1 an independent variable; also the tension at any 
point on the curve is equal to the weight of a piece 
of string equal in length to tJw Y of that point. 
Hence if w is the' \\ eight per unit length, To the tension 
at the lowe
t point, '1\ and 1'2 the tem;ions at points 
(x 1 Yl)' (x 2 Y2) respectively, then c = To/U', !h = T I/W, 
Y2=T 2 /w. 
If 1 is the kngth of the string (=8 2 - 8 1 ), 
X the horizontnl diRtance (=.1"2 - Xl)' 
h tJl{' difference in height between the enùs 
(=Y2- Yl)' 


the problem is to find X in terms of Xo (the valul. 
of X when l
=O) and 11. 
X=.r 2 - xl =C(lt 2 - 1(1)' 
1=8 2 - 8 1 =c (sinh u 2 - sinh 11 1 ) 
= 2c cosh 
 + u 1 sinh 
2 - '1\ 

 2 


Similarly 
J . u 2 +u 1 112-?l 1 
rt=2c smh - sinh - - . 
2 
 


and 


l " h .) X 
-- - . I "U 2 -u l . .,-< 

 = SIn 1- -- = slnh- 
4c- 2 2d 


can 


Z2- h 2 
----..-- = z. 
-lc' 


Then 
X=2c sinh- 1 ,Iz, 


-')c ../
- (l - 1- Z+ _:!_ z 2- -
 Z 3 + ) 
- - .
 
 .; 4 ù 1 I:f . . . 


' l -;;-- h " ( 1 1 n 2 5 3 ) 
=, -- - -(jZ+i'iJZ -1.1"":!z +... . 


Also y2_ 82=C 2 (cosh 2 u- sinh 2 u)=c 2 , 


hence Y2 2 - YI 2 =8 2 2 - 8 1 2 , 


and [(82+81)=822- 8 1 2 =Y2 2 - y1r.=h(!J..2+Yl)' 
l(8 2 - 8 1 )=[2, 
hence 218 1 =h(Y2+Yl)-l2, 
218 2 = hey l + Yl) + F-, 


and 2[2(8 2 2 +812) =h 2 (Y2 + Yl)2 +l
; 
but 2c 2 =(Y2 2 +YI 2 )- (822+812), 


hence 4l2C 2 =2l2(Y22 + Y/")- h?.(Y2+Yl)2_1-l 
=l2(Y2+Yl)2 +l2h 2 _ h'!.(Y'!.+Yl)2_l-l 


=(l2_ h 2 ) {(Y2+YJ.)2_l2: ' 


therefore 


l2_ h 2 [2 
z=- -=- -- 
4c 2 (Y2 +Yâ! _l2' 


If, therefore, the mean tension at the two ends of 
the tape is kept constant, i.e. if (Y2 + Yl) is constnnt, 
then z is constant, and 
X o =l(l- Az+lú Z2 - . . . ), 


whence 


X / -- h ') 
I
,-- -" 0 
 .- 
X = , l- - h - . -l = Xo \ 1- F . 


To find l, put l=X o +^, where \. is what is some- 
times called the" sag," then 


( '1t 3 U5 u 7 
^=l- X O =2(8-X)=2c 3 + +-+ 
! 5! 7! 


. . .) 


( x2 x4 x 6 ) 
=2x 3 12 +r,:1 4+ 7 ,-6+ . .. ; 
.c D.C ,C 


but 


" 2" 4T2 l " 
4c-=(y,,-t-Y l ) -l-= ,,--, 
w '1V
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where T is the standard tension applied to the ends, 
hence if T is 11, timcs the weight of the tape, 
T=n1w, 


and 


T2 ( 1 ) 
c 2 = w2 1- 4n 2 ' 


and 
{ w2 ( 1 ) -1 
^-"X 1X 2 - 1- 
 
-... "6 T
 4n 2 
w 4 ( 1 ) -2 
+T
oX4T" 1- 4n 2 + 



. 
. . . f 


it is desirable that 11, shouLd be large, never less 
than 10 and generally about 20. If 11,= 10, the second 
term of the equation for ^ is 
X 0 6 1 ( 4n2 ) 2 
Th. 25 - . n 4 Z 1 4n 2 =l . 


This is less than Xu/IS. 10- 6 , similarly it is less than 
À o /306.10- 6 , when n=20. In such circumstances 
thi8 can be neglected and we have 


Xo 3 w 2 ( 1 ) -1 
^=24 . 1'2 1- 4n 2 
Xo 3 w 2 ( 1 I 
= 24 . T2 1
 4n 2 + 16n4 + 


. . .). 


The second term of tllÍs is less than Xo/24n 2 . 1/4n 2 , 
t.e. less than Xo/9ün-1, and can frequently be neglected. 
The formula X = Xo ...,/ 1- h 2 J [2 is not in a con- 
. venient form for calculation, as the actual value of l 
\\ ill yary for each span measured. Call L the actual 
length of the tape between its zero marks at standard 
temperature and tension, 8 the nominal length of 
the tape, and V the actual length at temperature t 
above the standard temperature, thcn X o =8+a o ' 
where a o is the error of the tape found when it is 
standardised. If a is the coefficient of expansion 
of the tape, we haye 
L' =L(1 +at)=(X o +^)(1 +at)=(8+^+ao)(1 +at). 
In the field we actuallv measure the difference al 
between land L', hence 
1=(8 +^ +a o +a l )(1 +at). 
Here a o depends on the accuracy with which the 
tape is marked, a 1 on the accuracy \\ith which the 
trestles are Epaced, and at on the temperature. 
With care there should be no difficulty in keeping 
(a o +a 1 ) less than 10 mm., and with n = 10, ^ \\ ill 
be about Xo/2400, at will never be more than 10- 4 , 
consequently (À+aO+a 1 ) should never be more than 
Xu/12OO, and (
+ao +a l )( at) \\ ill never be more than 
X o .IO- 7 and usually much less. H can therefore 
be neglected. \V (' may therefore put l = S + A + ^> 
where A=a o -+ a 1 +Sat, and also Xo=8+A. 
The formula for X now becomes 


_ f h 2 } i. 
X-(8+A) \. 1- (8+A+À)2 ' 
expanding we get 


{ h2 ( A +^ ) -2 
X=(8+A) 1-I S2 1+8 
_1 
 ( l + A+^ ) 
1>S4 S 


4 ) 
-"'J. 


VOL. IV 


As shown above, A + ^ can without trouble be made 
less than 1O- 3 S, hence if we neglect terms involving 
(A +
)2/S2 v.e are neglecting a quantity less than 
hSIO-6 even v. hen hiS = 1/3, and generally very 
much less. :For practical purposes, therefore, 


? (h 2 ( A+
 ) h4 ( A+
 ) 
X=(S+A)\I-I S2 1- 2 S- -1 S 4 1-4--S 


1 h 6 ( .A+}' ) } 
- Y
 S6 1- oS- -... 


( h2 he. 11,6 h 8 ) 
=8 1- -_ -_ 1 __ 6 __ 
182 18 4 "IU" S6 T2""B" S8 ... 


A+^ ( h2 h4 h 6 11,8 ) 
+8 8 - 82+ I .g4+i s ö +/ tJ SS+' . . 


( h2 h 4 h G h
 ) 
+ A 1- t 8 2 - i 8 4 - ]1-U- S6 - rl"B" sa - . . . 


A+^ ( h2 h-1 lt 6 11,8 ) 
+A-y 82 +-! 8" +i S6 +lli 88 + . .. . 


As A(A+^)/8 is less than !SIO- 6 , it is negligib]e 
even on slopes of 1 L.'1 2, so, neglecting this, 


( h2 h 4 lt 6 h 8 ) 
X=S- 8 ! 82+t S! +llf 86+ f
-g- 88+. . . 


( h 2 h 4 1 6 1 8 ) 
-L 1 _ 3 _ _6 
 _35 
 ... 
+ A ,A 
 S2 + 8- 84 + It'J 8 6 + 1 2"B" S8 + 


( h2 hi h 6 h 8 ) 
+:\ g2+t S4 +-i SG + ltr S8 +'.. · 


and we can write simply 


X=8+A-P+Q+R, 


where 
( h2 h 4 h 6 1t8 ) 
P=8 ! 8i+l s'" +1:\ Síi+Th 88+' .. , 


which can be tabulated once for all in terms of h 
for any standard tape length; 


( 11,2 11,4 6 h 6 3 _ k 8 ) 
Q =A 
- S2 +i 8,1 +Ylf S6 +T::f-S- ss + . .. , 


which can be tabulated for any standard tape length 
in terms of h and A; 


( 11,2 11,4 h 6 11,8 ) 
R=^ iS2+-!8..+ i S 6 + I -u-ss+'.' ; 


this is always small and can be tabulated in terms 
of h f(lr any given tape. 
Strictly speaking, ^ dt.'pends on Xo, but as Xo will 
differ very slightly from S, R can bc calculated on the 
assumption that Xo=8, and no appreciable error 
will be introduced. 


3n 



834: 


SURVEYIXG AXD STTRYEYIXG IXSTRUl\IEXTS 


Table
 I., II., and III. for P, Q, and R will give an 
idea of the value of the corrections. They are 
calculated for 8=:24: m., T=IO kgm., w=O.OI73:2 
kgm., whence X=I'7:28 mm. P is the usual correc- 
tion for slope; it is always to be subtracted 
from the measured length of the base, and is 
always important. Q will vary in sign with A. 
and only becomes of importance on gteep slopes 
and when the trestles are badly spaced. R is 
the correction for the cnange in shape of the 
catenary on a slope; it is only of importance on 


steep slopes, or when a 10\\ tension is being n:->ed; 
it is always to be added to the measurcd length of 
the bas{>. 
So far it has been assumed that tll(' tape i'3 in- 
extensible, but provided that the mean tension is 
kept constant, and the tape is not stretched beyond 
its elastic limit, this assumption "ill produce no 
error. The formula dcveloped above as
umes that 
the mean tmsion at the ends is kept constant; if 
this bc 80, it can be shown that the truc mean tension 
is sufficiently constant to make no appreciable error. 


TABLE I 


VALUES OF "P" IN MILLIMETRES FOR S =24 METRES, h IN :METRES 


h. ,00. .Ol. .02. .03. '04. ,05. .06. ,07. ,08. .OD. 
0,0 0,000 0'002 0.008 0.019 0,033 0.052 0.075 0.102 0.133 0.169 
.1 0-208 0.252 0.300 0.3.52 0.408 0.468 0.533 0.602 0.675 0.75:2 
.2 0.833 0.919 1-008 1.102 1.200 0.302 1.408 1.519 1.634 1.732 
.3 1.875 2.002 2-134: 2.2G9 2.409 2.552 2.700 2'853 3.009 3.lG9 
.4 3.334 3.50:2 3.G75 3'853 4.034 4.219 4,409 4.603 4'801 5.00:1 
0.5 5.209 5.419 5.634: 5.852 6.075 6.303 6.534: 6.770 7.009 7.253 
.6 7.501 7.752 8.009 8-:270 8.535 8.803 9,076 9.353 9.635 9.921 
.7 10.210 10.504: 10.802 1l.1O.3 1l.411 1l.7:21 1:2.036 12.355 12.678 13.005 
.8 13 337 13'672 14.012 14.356 14.704: 15.056 15.413 15.774 16.138 16 .507 
,9 16.881 17.258 17.640 18.02.3 18.415 18.809 19.208 19.úlO 20.017 20.428 
1.0 20.842 21.261 21.685 22.112 22.544: 22,980 23.420 23-864: 24.313 24.7G5 
.1 25.222 25.G82 26.147 2G.617 27.090 27.5G7 28.04:9 28.53.3 29.025 29.520 
.2 30.019 30-521 31.028 31.539 32.053 32'574 33,098 33.62G 34.158 34.G94 
,3 35.234 35.779 3G.328 36.881 37.438 37.999 38'565 39.134: 39.708 40, 286 
.4 40,868 41.455 4:2 .045 42.640 43.239 43.842 14.449 45.061 45.(in 4().297 
1.5 46,021 47.549 48.181 48,818 40.459 50.104 50.753 51.407 52.065 52.727 
,6 f>3.393 54.0H3 54.737 55-416 56.099 56.786 57.477 58.173 58.872 59.576 
.7 60-284 60.09G 6l.71:J 62'433 63.158 63,887 ß4.620 6f> .3.")8 fiG .099 6ß.84;, 
.8 67.503 68.340 60,108 69.870 70.G37 71.408 72.183 72.963 73.747 74.534 
.9 75.32G 76.123 76.923 77.728 78.537 79'350 80.W7 80.988 81-814 82 -644 
2.0 83.478 84-317 85.1GO 86.007 86.858 87 -713 88.572 89.436 90.304 91.176 
.1 9:2 -052 92.932 93'817 94.70G 95.599 06.49ü 97.308 08.303 90.213 100.128 
.2 101.046 101.969 102.895 103.826 104.7G2 105.701 106.645 107.593 108.545 109.501 
,3 1l0.4ü3 111.428 112.307 113,370 lI4.348 lI5.329 1l().31;J 117.30.3 lI8.300 119.299 
.4 1:20.302 121.308 1:22.319 123-335 124.355 125.379 I:W.407 127.440 128.477 129.518 
2,5 130.5G3 131.613 132.G67 133,724 134.787 135.853 136.924 137.908 130.078 l40.HiI 
.6 141.249 142.3.H 143.437 144.537 145,641 14G.750 147.863 148.91;ù If>0.102 151.228 
.7 15:2.359 133 493 154-G31 155.771 15G .921 }f>8.072 If>9.228 If)o.388 Wl.[)[)2 W:2.720 I 
.8 163.893 165.070 166.251 167.436 lû8.62G lü9.820 171.018 17:2.220 173.42H 174,6:n 
.9 175.832 177 .072 178-296 179.524 180.576 181.992 183.233 184.478 183.727 18G.980 
3.0 188.238 189.500 190.767 102.037 193.311 194.590 105.874 I97.Wl 198 -4J3 190.749 
.1 201.050 202,354 203.()G3 204.977 206.294 207.61G 208.94:2 210-272 21I.(i08 212.947 
.2 214:.290 215.638 2lü,989 218.346 219.706 221.070! 222.430 223.813 :225.190 22G.[)j2 
.3 227.9J8 220.348 230,743 232.14] 233 '544 234.952 236.3fi4 237.780 239.190 240.625 
.4 242.054 243.487 244.924. 246-366 247.812 249.263 250.717 252.176 253.640 235.107 
3.5 256 ,579 258.055 2f>9.536 2fil.021 2ß2.510 2fi4.003 265.501 267.003 :W8.51O 270.021 
.6 271.,rj3G 273.055 274.579 276.107 277.639 279.17G 280.717 282.2G2 28:
-812 285.3ü(i 
.7 286,923 288.48ü 290.0:'3 291.624 29:
.199 294.770 29()' 3fi:
 297.9[)2 29f1.544 301.142 
.8 :J02, 7 4:
 304.349 305.959 307.573 309.192 310.815 312.442 :U4.()74 315,710 317.3;)t1 
,9 318.!)!).) 320.(j44 322.297 32:J .955 32[).617 327:
84132
.
j5 :
3(Hi30 3:
2'309 3:J3.903 
4-0 335.681 . . . . . . . . . . . . . . 

 



SURVEYIXG AXD SPRVEYIXG IXSTRU:\lEXTS 


835 


TABLE II 


Y \LUES OF "Q" 
 1IILLllIETRES FOR S = 24 .METRES, h I
 METRES A
D A I
 
IILLnIETREs 


A. 1. 2. 3. 4_ 5. 6_ 7_ 8. 
I
 20. 
11. 
0-1 0.000 0.000 0.000 0.000 0.000 0.000 0.000 0.000 0,000 0.000 0.000 
-2 .000 .000 .000 .000 .000 .000 .000 .000 .000 .000 .001 
-3 .000 .000 .000 .000 .000 .000 .001 .001 -001 .001 .002 
.4 .000 .000 .000 .()()l .001 .001 -001 .001 .001 -001 .003 
0.5 0.000 0.000 0.001 0.001 0.001 0.001 0'002 0.002 0.002 0.002 0.004 
.6 .000 .001 .001 .001 -002 .002 -002 .002 .003 .003 .OOG 
.7 -000 -001 .001 -002 -002 .003 -003 .003 .004 .004 .009 
.8 .001 .001 .002 .002 -003 .003 .004 ,004 .005 .00G -Oll 
-9 -001 .001 .002 .003 -004 .004 ,005 .006 -000 .007 .014 
1.0 0.001 0.002 0.003 0.003 0.004 0.005 0.006 0.007 0.008 0.009 0.017 
.1 .001 -002 .003 .004 .005 .006 -007 .008 .009 -OIl .021 
-2 .001 .003 .004 '005 .006 .008 -009 .010 -Oll .013 '025 
-3 .001 .003 -004 .006 .007 .009 .010 .012 .013 -015 .029 
.4 .002 .003 .005 .007 .009 .010 .012 .014 .015 .017 .034 
1.5 0.002 0.004 0.006 0.008 0.010 0.012 0-014 0.016 0.018 0.020 0.039 
.6 .002 .004 .007 .009 .Oll .013 .015 .018 -020 .022 -045 
.7 .003 -005 .008 .010 .013 .015 .018 -020 .023 .025 .050 
.8 -003 -006 -008 .Oll .014 .on .020 .023 .025 .028 -05G 
.9 .003 -006 .009 .013 .016 .019 .022 .025 .028 -031 .003 
2.0 0.003 0.007 0.010 0.014 0.017 0.021 0.024 0.027 0.031 0-035 0.070 
.1 .004 -008 .012 .015 .019 ,023 .027 .031 .035 -039 ,077 
.2 .004 -008 .013 .017 .021 .025 .030 .034 .038 .042 .085 
-3 -005 .009 .014 .018 -023 .028 .032 -037 .042 .046 .092 
.4 .005 .010 .015 .020 .025 .030 .035 .040 -045 .050 .101 
2.5 0,005 0.011 O'OW 0,022 0-027 0.033 0.038 0,044 0.049 0.054 0.109 
.G -OOG .012 .018 .024 .030 '03G .041 .047 -053 .059 .Il8 
.7 .()()6 -013 -019 .026 .032 .038 .045 .051 '057 -064 '128 
.8 .007 -014 .021 .027 .034 .041 .048 -055 -062 .069 .138 
,9 -007 -015 .022 .030 .037 .044 .052 .059 .06G .074 .148 
3.0 0.008 0-016 0.024 0.032 0-039 0.047 0.055 0.063 0.071 0.079 0.158 
.1 -008 '017 .025 .034 .042 .051 .059 -OG8 .076 -084 .IG9 
2 -009 .018 .027 .03G .045 .054 -OG3 .072 .081 -090 .180 
.3 '010 .019 .029 -038 .048 -058 -067 .077 .086 .09G .192 
.4 .010 .020 .031 .041 -051 ,061 -071 .081 .092 -102 .204 
3.5 O.Oll 0.022 0'033 0.043 0.054 0.065 0.076 0,086 0.097 0,108 0.216 
-6 .Oll .023 .034 .046 ,057 'OG9 .080 .092 .103 -II4 -229 
.7 .012 -02! .036 .048 .060 .073 .085 -0
7 .109 .121 .242 
.8 .013 .026 .038 .051 .064 ,077 -089 -102 .Il5 .128 -236 
-9 -013 .027 ,040 .054 .067 -081 .094 -108 ,121 .135 -2G9 
4.0 O.OU 0'028 0.043 -0.057 0,071 0,085 0.099 0.1l3 0.128 0.142 0.284 


TABLE III 
VALUES OF "R" 
 )IILLIMETRES FOR S = 24 1!ETRES, ^ = 1'728 1D.f-, h IN METRES 


h. -0. .!. .2. -3. -4. '5_ ,6. ,7. ,8. ,9_ 
0 0,000 0'000 0.000 0.000 0.000 0.001 0.001 0.001 0.002 0.002 
1 .003 .OO! .004 -005 -006 -007 .008 -OO
) -010 .0Il 
2 .012 .013 .014 -OW .017 -019 -020 ,022 .024 -0:?3 
3 .027 .029 .031 -033 -033 -037 .039 .042 .044 -04G 
4 .049 . . . . . . . . . . . . . . , - . . 
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Iii rmtctice the standard tension is applied at one end 
of the tapc, and it makes a difIerence whether this 
i8 the higher or lowcr end of the tape. The error 
caused is made up of two parts, (I) the da;;:tie exten- 
sion of the tape, and (2) the change in the shape of 
the catenary. Thc change is small in any case, 
but not negligible on steep slopes. If each span 
is measured once with the standard tension applied 
at the upper end and once with the tension applied 
at the lower end, error (I) will obviously cancel out 
in the mean, and it can be shown that error (2) will 
also cancel out almost entirely so that the rebidual 
error is quite negligible. These errors can thus be 
ea::;i1y avoided. 
It remains to consider the aecuracy attainable 
with this method of base measuremcnt. The errors 
can be divided as follows: 
(i.) Errors in Standardising the Tapes. - This is 
most important, as a proportional error in the 
standardisation of the tape gives the same propm'- 
tional error in the final rcsult. A probable error of 
about 0'5,u should be attainable. 
(ii.) Errors in the Readings.-In taking readings 
on the millimetre scales an error greater than 0-2 mm. 
should be very rare. This \vill give a probable 
error of about 0,06 mm. for one reading of one scale. 
If twenty readings are taken in all, the probable 
error for one tape length will be about 0.02 mm. 
As this error is in no way systematic, the error for 
the whole base will only increase as the square root 
of the number of. tape lengths, so the error for a 
5 km. base measured with 24-m. tapes would only 
be about 0.07 fJ-. 
(iii.) Errors due to Temperature. - In reasonable 
conditions the temperature of the tape should be 
known to within 1 0 C., which would give a maximum 
error of 0.5,u for anyone span. The error in the mean 
shou
d be much less than this, probably not more 
than a tenth. 
(iv.) Errors due to Change in the Tension.-If the 
ten'3ion is applied during the measurement by an 
apparatus different from that uscd when the tape 
is standardised, a constant error may be introduced, 
which may be serious. An increase in tension acts 
in two ways-(a) by flattening the catenary, (b) by 
stretching the tape, the error caused by a change in 
tension 01' being 


2^ 0: + vloT, 
wl1ere I/v is the cross-section multiplied by Young's 
modulus. If bT/T=O'OI the error due to (a) "ill 
be about 1.5/-t, and that due to (b) about 3'O,u, v bcing 
about 0,0007. The standard tension should there- 
fore be kept constant to within T--oth per cent to 
ensure an error not greater than 0.5,u. 
(v.) Errors due to Change in IV eight due to Dirt, etc. 
-A change in w will produce a change in the shape of 
the catenary, and will alter ^ by an amount 2^owIW, 
and with the standard wire when ^ = 1.72 mm., 
w = Ii .32 gm., a change of I per cent in w ,,,ill cause 
an error of 0,035 mm., or I.5,u. 
(vi.) Errors dne to Assuming Incorrect Values for 
l' and w.-Such incorrect assumptions will lead to 
an incorrcct value for ^. If the' tape has heen 
standardisçd on the flat, and then used in catenary, 
it is necessary to know ^ \\ ith thc same accuracy as 
A, and any errors in the values assumed for T and 
w will produce the errors given above (iv. and v.) 


for a change in l' and 'W. If the tape has beeu 
standardised in catenary the correction R is the only 
one affected, and the error introduced \\ ill alwa \'8 
be less than O\., and generally very much less. With 
h!S=0'5, oR is about 0-30
. 
oT ow 
o^- 2X T +2^-;-, 
hence oR is less than 
oT oW 
O'6 T +0.6-;-, 


hence an unc('rtainty of I per cent in T or w "ill only 
produce an error of about 0.2fJ-, even on very stcep 

lopes, when using the ordinary 24-m. wire. 
(vii.) Errors due to Inaccurate lUeasurement of h.- 
An error in h affects all three corrections P, Q, and R, 
but P is the most important. 
h h 3 
oP=sòh+!Sä oh + . . . , 


which increases rapidly as h increases. A probable 
error of 1'5 mm. in h is easily obtained, in this 
ca::;e oP=0.COC06h, if h=2 m. for every span the 
probable error of P per span is 0'12 mm., or 5,u. 
This error, however, "iJ1 largely cam'cl out, and for 
a base of 200 spans the probablc error will only 
be 51 ,/ 
OO , or 0.35/-t; e,"en with h=4 it "ill still be 
under 0.7/-t. "ïth care the probable error of h 
can be reduced to 0.5 mm., in which case slopes of 

 can be measured, still kpcping the final probable 
error below II-t. 
(viii.) Ejfect of Change of Gravity.--If t.he tape is 
standardised in one place, and used at anothf'r, the 

ffect of change of 9 must hf' considered. An increase 
in the value of g will increase l' and w, both in the 
proportion ég Ig. The increase in T will increase l 
by an amount lilToglg, and tlus can, if necessary, be 
allowed for. As wiT remains constant ^ will not be 
appreciably affected. If the tf'nsion be applied by 
a spring and not by a weight, l' will remain constant, 
but w will alter. In this case' l will remain constant 
but ^ will be slightly ine'reased, and this can also be 
allowed for. 
REFEREXCES FOR 
 (42) 
For fuller details of the a boye theory ReC Professional 
Papers of the Ordnance SUTl'f'Y, New Series, No.1, 1H02. 
.. '-Jse of Invar Wires," .Denoit and Guillaume 
(loc. cit.). 
(The tables for correction due to change in shape 
of the' catenary on a Rlope are incorrect, bring about 
douhle the correct amount.) 
Report oj U.S. Coast and Geodeti(] SUTl'ey, 1802, 
App.8. 
A. E. Young. Phil. Mag. xxix. 06 (considers the 
effect of the rigidity of the tape). 
A paper by G. H. KnibJ:>s (Journal of the RO!l((
 
Society of N('UJ South Wales, xix. 20) on" A Systcm ot 
Accurate Measurement by Means of Long StC'el 
Ribands," gives formulas which apply more cspC'dalIy 
to the mC'thod by which the sag correction is 
eliminated by a)tC'ring tli{' tension. 
C. 'V. Adams, in a paper on .. The :\remmrement of 
Distances with Long Steel TapeR," read hcfore the 
Victorian Institute> of 
urYcyors in 1888, gives tables 
for the sag e'orredions for a number of cases. 
The 1'tst three papers apply more to accurate 
traverse work than to base measurement. 
E. O. H. 
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A. R. Clarke, Opodes!I (J,ol1(lon). 
G. L. Hosmer, Geodesil (New York). 
C. }'. Closp. Te:rt-book of TopogTapltical mul Geo- 
graphical Surveying (Lonùon, 2nù eù., 1913). 
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J. Whitelaw, Jun., Sun'eying as Practised by Cil'il 
Engineers and Surzoeyors (London). 
.r. B. Johnson. Theon! and Practice of Sztrzoeying 
(Xew York. 17th ed., 19B). 
Encllldopädie der matnematischen :rrissencha!ten 
(Leipzig). (\'01. vi. deals with Surveymg and gIves 
many referf'nces.) 
J. H. Gore, A Ribl1'o(Jraphll of Geodesy, 2nd ed., 
ig
med with the Report of the SuperÌ'Jltendent of the 
U.S. CO((fjt and Geodetic Sztrl'e.ll for ]901-2, p. 4:!9 
(Washington, 1903). 
The Accounts of the Ordnance SUrl'ey, The Surrey 
of India. The U.S. Coast and Geodet'k SUrl'ey, and 
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T ACHO'UETRIC OR ST ADI \. SURVEYS,. general 
methods. See" Surveying and Surveying 
Instruments," 
 (20). 
TALBOT'S LAW, concerns the apparent bright- 
ness of intermittent lights. See "Eye," 

 (18). 
TANK FURNACES FOR ::\IELTIXG GLASS. See 
" Glass," 
 (15) (ü.). 
TAPES IK CATENARY, THEORY OF. See" Sur- 
veying and Surveying Instruments," 
 (42). 
TAPES OR \YIRES IN CATENARY FOR BASE 
l\IEASUREMENTS. See" Surveying and 
Surveying Instruments," 
 (41) (ü.) and 
(iii. ). 
In traverses. See 'ibid. 
 (12). 


TARTARIC ACID. 
OPTICAL ROTATORY PO\YER OF 

 (1) HrsToRIcAL.-The optical rotatory power 
of tartaric acid was discovered in 1832 by 
Biot, l who devoted one of his longest memoirs 2 
to a detailed account of its properties when 
mixed with water, with alcohol, and "it.h 
wood.spirit. Biot found that tartaric acid, 
when "dissolved in different fluid media, 
exercises on the planes of polarisation of 
light a special power, which distinguishes it 
from all other substances studied hitherto." 
These had agreed with quartz in obeying, at 
least approximately, Biot's law of inverse, 
squares. according to which the rotation is 
proportional to the reciprocal of the square 
of the wave-length of the light. 3 This agree- 
ment had been verified in the case of turpentine, 
alone and mixed "ith ether, and of cane- 
sugar dissolved in watpr, (i.) by comparing 
the tints .wit.h those produced by equivalent 
plates of quartz, and (ü.) by eliminating the 
effects of rotatory polarisation with the help 
of a quartz plate of opposite sign acting as a 
compensator. \Yhen, however. tartaric acid 
was compared "ith quartz, no such parallelion 
1 Jlcm. A cad. Sci.. 1835, xiii., Table G, p. 168; 
paper read Kov. 5, 1832. 
:I Ibid., 1838, xv. 93-279; paper read January 11, 
1836. 
3 See" Quartz, Rotatory Power of," 
 (3) (i.). 
t ...l1em. Acad. Sci., 1838, xv. 236. 


similar publications should be referred to for details 
of actual large survey:;. 
General rèports and summaric:; of pro
res
 appc
r 
in the rcrlwl/dlung der allgemeine fÜmference dCT 
europiiiyclten Gradmesszl1l(J, after 18Kû der Inter- 
nationaleu. El'dl1'tessun(J (Berlin, 1865-1912). 


SYl\Il\IETRY, ELEl\IEXTS OF, BELOXGING TO A 
CRYSTAL: axis of symmetry. See 
" CrystalIography," 
 (6) (ii.). 
Plane of symmetry. See ibid. 
 (6) (i.). 

Y
DIETRY OF CRYSTAL
, CLASSES OF. See 
" Crystallography," 
 (8). 


was observed, the rotations of the common 
dextro.rotatory acid for the chief colours being 
as follows : 4 


Quartz. Tartaric Acid. 
- 
Red 18.99::> 38 0 ,..1 
, 
Orange 21.40 40 29 
Yello\\" . 23.99 4::! 51 
Green 27.86 46 II 
Blue 32.31 44 40 
Indigo , I 36,13 42 9 
Yiolet I 40.88 39 38 


Similar phenomena were observed when 
tartaric acid "as dissolved in alcohol, 5 but 
Biot found that" when it combines "ith basic 
substances in the same media, it loses its 
special action and imprints on the products 
the properties common to all bodies endowed 
with rotatory power." 6 

 (2) I
FL"(TE:KCE OF \f ATER.-Biot dis- 
covered that" in aqueous solutions of tartaric 
acid at a given temperature, the rotatory po" er 
of the acid calculated for each simple ray is 
always of the form A +Be, where e rC'presents 
the proportion by weight. of water in the 
solution." '; This law was illustrated Ly 
plotting a against e for a series of "ave- 
lengths
 in a diagram (F1'g. 1) which resembles 
the "Characteristic diagram" of Armstrong 
and \Valker. 8 Biot's linear law is onlv an 
approximation, but it enabled him to p;edict 
that the rotatory power A of the anhydrous 
acid, for the red light transmitted by glass 
coloured with cuprous oxide, would change 
sign at 23 0 C., being positiye above this 
temperature and negative below it. 9 This 
prediction was verified, after an interval of 
over ten years. when Laurent 10 in 1849 dis- 
covered a 
method by which moistened tartaric 
acid could be fuse-d and cooled to a trans- 
parent glar;;s in thicknesses up to 76 mm.; 
a column 70 mm. in thickness at 3..)0 C. then 
5 JIhn. A.cad. Sri.. 1838. xv. 245. 
II Ihid., 1838, X\i. 
2n; paper r{'ad Xov. 27,1837. 
7 Ibid. xv. 216: Comptes Reuilll.<;, 1835. i. 45g. 
8 Proc. ROJl. Soc., HH3. A, 88, 3RR-403. 
II Jlém. Arad. Sci.. 18:18. xvi. :!G!). 
10 Ann. Cltim, Pliys., 1850, xxviii. 353. 
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gave [a lrt'd = - 2,787 0 , where Biot's calculations I tures ranging from 15 0 to 1t'i5 0 C., and for 
gave the value - 2.752 0 . Quite recently these colours ranging from w.l. 4:30,u,u to ü81,u,u; 
experiments have been extended by Bruhat,1 these rotations are therefore available as 


...-j. 
S 

 


who has measured the r?tatory powers I limiting value
 to check t
e 
orm
lae l1
erl 
of the fused or glassy aCId at tempera- to express the 111flucnce of dIlutIOn wIth water 
1 Trans. Faraday Soc., 1914, x. 89. on the rotatory power of the acid. Thus 
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'Vinther 1 made use of a parabolic formula 
to c
press his measurements, which were not 
covereù by the linear law: but this parabolic 
formula gives larger errors for the anhydrous 
acid than does the linear formula. The most 
recent investigations have shown that an 
equation with five arbitrary constants would 
probably be required to expl'ess accurately 
the relationship between rotatory power and 
concentration: apart from this, a linear law 
is probably the best approximation, e.g. the 
following formulae are correct at e =0..").) and 
0,85, and do not differ very "idely from the 
observed values even at e =0. 


TABLE I 
SPECIFIC ROTATIOXS OF T.ARTARIC ACID IN AQUEOUS 
SOLUTIOXS AT 
On 


Wan-length. Rotation. 
Cd 64:J8 [a]= 0.7733 + 1
 .08Û7 e 
K a .3893 [a]= 0.IIoo+14.7433e 
Hg 5780 [a] =- O. Ì-H6 + 15.4183e 
Hg 5461 [a] = - 1.0350 + 17 .600ûe 
Cd 50813 [a] =- 2'()736 20'6220e 
Cd 4800 [a] = - 4'9.3
8 +.23.8
33e 
Cd L!67S [a]= - 6'3
17 +25-50G7e 
Hg 43.'58 [a] = - 11.1982 +30.2167e 



 (3) ROTATORY DISPERSIO:Y IS TARTARIC 
ACID AKD ITS ESTERS.-Although the rotatory 
dispersion of tartaric acid and many of its 
derivatives is highly anomalous, it has been 
found that the rotatory powers of methyl and 
ethyl tartrate (Fig. 2), both as homogeneous 
liquids and in a wide range of solutions, can 
be expressed by formulae of the type 2 
_ ],.1 l.2 
a- 
V
 _ X 1 2 - ^2 - "Xl ' 
In this formula the positive and the negative 
term are each of the type that serves to exprpss 
the rotatory power of the large array of 
suhstances which e
hibit "simple" rotatory 
dispersion, as expressed in the formula 
k 
a = 
2 _ ^ 2. 3 
o 
This result is in accordance "ith the view of 
Biot. subsequently elaborated by Arndtsen,'" 
that anomalous rotatory dispersion can be 
produced by, and is commonly due to, the 
incomplete compensation of the rotations of 
two compounds, opposite in sign but of un- 
equal dispersive power, so that complete com- 
pensation is only possible for one wave-length 
at a time. 
The dispersion curves for tartaric acid 
resem ble those for the esters very closely, 
1 Zeit.çchr. physik"l. ('hem., 1902, 'Xli. 186. 
2 I.owry and Dickson, Trans. Chern. Soc., 1915, 
cviL 11 ï3; Lowry and Abram, ibid. p. l1
ì. 
3 I.owry and Dickson. ibid., HH3, cHi. 1067. 
4 Ann. Chim. Phys., 1838, liv. 4:H. 


e.g. Bruhat.'s curve for the specific rotatory 
power of glassy tartaric acid at 4-!.6 0 is 
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FIG. 2. 


identical with, and can be superposed on, 
'Yinther's curve for lllethyl tartrate at 80 0 ; 
there can, therefore, be no doubt that the 
glassy acid behaves as a lower homolop:ue 
of the esters. The dispersion-cur\es for 
aqueous solutions of the acid, which are shown 
graphically in Fig. 3, can also be represented 
by the same formula as in the case of the esters, 
the values for the constants in a few typical 
cases being as follows : 
TABLE II 
ROTATORY DIRPERSIO
 I
 AQUEOUS 
OLUTIOXS OF 
TARTARIC ACID AT 20 3 


1.: 1 k 2 
a= À22_ÀI2 - À 2 -À 2 2 ' 
À12. ^22. k l . 1.: 2 , 
0.45 0-030 0.07 -t I ï -127 I '2 .(1!):
 
0.50 " " 17.485 J
.043 
0.55 " ,. n .686 11,877 
0-1)0 ., " 18.0.33 11.86.3 
0-t)5 " " 18-307 11.812 
0.70 " " 18.709 II.7!)9 
0.7.3 " " 18.!)3ô II.7l-t 
0.f',0 " .. 19-160 11'l)2! 
0-8.) " " 19.483 11.()O,
 
O-gO " " 19.657 II.47;') 
O.!),> " " 19.:m
 1l.108 
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 (4:) OTHER DERIVATIVES OF TARTARIC 
ACID.-In the case of the tartrates of the 
alkali metals, the principal anomalies noted 
in the acid disappear, as Biot recorded in 


+25 


+20 


+5 


66'4Sï. 


smaller, so that the rotations are positive 
throughout the visible and part of the ultra- 
violet spectrum. 'l'he most interesting of 
the derivatives of tartaric acid are boro- 
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6500 
. 
-5 , 
, -5 
. 
, 
Molecular Rotations in Aqueous Solutions , 
-10 , 
of Tartaric Acid at 20 0 C. , , -10 
, , 

 , 
-15 , . 
FIG. 3. -15 


1837; thus the solutions are consistently 
dextrorotatory and the rotations increase 
progressively with diminishing wave-length 
(Fig. 4), in some cases in close approximation 
to the law of inverse squares. A careful study 


180 


160 


140 


Molecular Rotation of Tartrates 
in Aqueous Solutions at 20 0 C. 


120 


tartaric acid and tartar emetic, since these 
alone amongst the substances hitherto in- 
vestigated give dextrorotations obeying the 
"simple" dispersion law. In the case of tartar 
emetic the rotations become negative when 


0700 ð500 5300 :5100 4900 4700 4500 4300 4100 3000 


of these rotations 1 has shown, however, that 
they cannot be expressed by the one-term 
equation which applies to cases of "simple" 
rotatory dispersion, but require a formula 
with two terms, just as in the case of the acid; 
the negative term is, however, very much 
1 Lowry and Austin, Bakerian Lecture, 1921. 


FIG. 4. 
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the salt is dissolved in concentrated potassium 
hydroxide, but these solutions, like those 
of the original salt, exhibit simple rotatory 
dispersion. 

 (5) ORIGIN OF AYOMALOUS ROTATORY 
ÐISPERSION.-The vast majority of opticalJy- 
aC'tive compounds, including the secondary 
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alcohols, and the sugars, exhibit simple rotatory 
dispersion, although they may contain a 
considerable number of asymmetric carbon 
atoms, often in close association with the 
unsaturated linkages to which so many 
optiC'al anomalies are due. The structural 
formula HO . CO . CHOll . CHOH . CO . Oll 
commonly assigned to tartaric acid gives no 
hint as to why this acid and its esters should 
give anomalo
s rotatory dispersion, when the 
closely related su
ars do not. It is there- 
fore probable that this formula is not a 
complete representation of the molecular 
structure of the acid as it exists in the fURed 
state or in solution, although it may perhaps 
provide a correct picture of the structure 
of the solid crystalline acid. In the case 
of nitrocamphOl 
l it has been proved that the 
solutions contain a labile isomeride of opposite 
rotatory power, which is reconverted into the 
original compound "hen the solutions are 
allowed to crystallise. This labile isomeride 
has not been isolated, although several of its 
derivatives are known; these possess a high 
dextrorotation, whereas the parent substance 
is laevorotatory in most solvents. A satis- 
factory explanation of all the observations is 
given by assuming that in solution a re\Tersible 
isomeric change takes place, as represented 
by the scheme 
Cll.K0 2 C:KO.OH 
C s H 14 < I 
 C 8 H 14 < I 
CO "CO 
Kitrocamphor. Pseudonitrocamphor. 
This phenomenon is usually described as 
" dvnamic isomerism." 
I
 the case of tartaric acid the evidence 
for the existence of a labile isomeride in solu- 
tion is less complete, since it is not possible 
to follow the progress of the isomeric change 
by means of the changing rotatory power or 
" mutarotation" of the freshly dissolved 
material; but the solutions have all the 
optical properties of a mixture of isomerides 
of opposite rotatory power and unequal 
dispersion, and there are no observations 
which contradict the view that the hypothesis 
of Riot and )..nldtsen as to the origin of the 
anomalous dispersion can be applied. 
The structure to be assigned to the labile 
form of tartaric acid has not vet been deter- 
mined, although derivatives "of beth forms 
rrre now known (see 
 (4) above) wh
'2h exhibit 
simple rotatory disper::;ions of opposite sign 
and unequal magnitude. 

 (6) DEXTRO- A
D LAEVO-TARTARIC ACID. 
-In virtue of thp two asymmetric carbon 
atoms which it contains, tartaric acid can 
exist in fOUl modification
, of which two are 
optically active and two inactive. These may 
1 Lowr
., Trans. Chem. Soc., 1899, lxxv. 211. 
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be represented conventionally thus: 


HO . CH . COOH 
I 
HOOe . CH . OH 
d- Tartaric acid. 


HOOC' CH . OR 
I 
HO . CH . COOH 
l-Tartaric acid. 


-y------' 
Racemic acid (inactive). 


HO . CH . COOH 
I 
HO . CH . COOH 
meso- Tartaric acid (inactive). 


Racemic acid was discovered bv Kestner 
in 1822, and regarded as an " isom
r" of the 
common tartaric acid, which Scheele had 
described in 1769; but it was not until 
1848-53 that Pasteur, by carefully sorting 
out the crystals of sodium ammonium racemate, 
proved that racemic acid is a miÀture of the 
common dextrorotatory tartaric acid "ith an 


j
 


=


\.., 


, 10 


Dextro-tartaric Acid L'levo-tartaric Acid. 
FIG. 5. 


equal amount of an enantiomorphous laevo. 
rotatory acid. The properties of this acid 
are an exact replica of those of the dextro- 
acid except as regards rotatory power, 
crystalline form, etc., where a reversal of 
sign is possible. All the phenomena of 
anomalous rotatory dispersion, which have 
been described in the previous paragraphs 
for dextro- tartaric acid, 
are therefore repeated in 
laevo-tartaric acid, but 
with the sign of the 
rotations re-versed. 
The relationship be- 
tween rotatory power 
and crystalline for:m 
which exists in the case 
of quartz (q.v.) is found 
again in tartaric acid and 
the tartrates. Thus the 
crvstalline forms of d- 
a
d l- tartaric acid, as 
shown in Fig. :5, are 
cnantiomorphous just like dextro- and laevo. 
quartz. On mi
ing these two acids, how- 
ever, they unite to form a racemic acid 
(Fig. 6) which crystallises in a form in which 
enantiomorphism does not occur. All the 
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FIG. 6. 
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metallic tartrates unito in a similar manner 
with their isomorides, gi\Ting rise to inactive 
double-salts or "l'acematcs" in which no 
enantiolllorphism exists. In one solitary 
instance, however, namely, in the case of 
sodium ammonium tartrate, the racemate 
breaks up, at temperatures below 26 0 , into 
the two component tartrates, which therefore 
separate from cold solutions in enantio- 
morphous crystals of equal and opposite 
rotatory power; it was by the study of this 
uniq ue case that Pasteur was led to the 
discovery of the relationship between optical 
activity and crystalline structure and to the 
experiments which culminated in the isolation 
of laevo-tartaric acid. T. 1\1. L. 
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IS, details of triple astro- 
nomical objective by. See "Telescope," 

 (5). 


TEETH-CUTTING. FOR DIVIDED CIRCLES. See 
" Diviùed Circles," 
 (8). 
TELE
IETER, STEREOSCOPIC. See "Range- 
finùer, Short-base," 
 (2). 
TELEPHONE AS SOUND REPRODUCER. See 
" Sound," 
 (58). 


TELEPHOTO::\IETER: an instrument for measur- 
ing the brightness of a distant surface. See 
" Photometry and Illumination," 
 (118). 


TELESCOPE, THE 
THE aim of this article is to describe the 
telescope as a physical instrument, defined 
by the limitations which are imposed upon it 
by the purposes to which it is directed. by 
the construction of its optical parts, and by 
the geometrical features of its support or 
mounting. This will exclude the description 
of SOllie forms, the interest in the construc- 
tion of which is purely astronomical or which 
are otherwise restricted to special technical 
application. It will limit the theory to those 
geometrical cases that subserve the purpose 
of rendering visible inaccessible and distant 
objects. In essence, the method of making 
a distant object accessible is to replace it by 
the image of it which a converging Jens or 
mirror forms near its principal focns. This 
image may then be impressed upon a photo- 
graphic plate, or examined visually with a 
second Jens. In the latter case the second 
lens or eyepiece is treated as part of the 
telescope. This difference separates the two 
cases so widely, as prublems uf uptics, that they 
will require in large measure separate theoreti- 
cal treatment, different features rising into 
importance or dropping out of it, in the one 
case or the other. 



 (1) GE011ETRICAL THEüRY. - ""'e shall 
begin by rehearsing the results of geometrical 
optics as far as they apply to the visual 
telescope consisting of an objective anù 
eyepiece. The standard case-to which any 
other actual ones are approximate-for an 
object given "at infinity," places the image 
also "at infinity," since the normal eye at 
rest brings a parallel beam to a focus on the 
retina. Hence, regarded as a general optical 
instrument, the telescope is a degenerate 
case, with all the cardinal points at infinity 
and the focal length infinite al
o. Only 
one case need be considered, namely, that in 
which objective and eyepiece both act like 
converging lenses. The Galilean COln bination, 
in which the eyepiece is a negative lells, is 
now obsolete even as a field glass, though 
it has found application elsewhere in the tele- 
photo lenses of cameras. In regard to eye- 
pieces it is customary to distinguish one of 
the two standard forms, the Ramsden, as 
positive, and the other, the Huyghens, as 
negative. But in theory both are of the same 
type, acting like a single converging lens, in 
which the anterior principal focus precedes 
the anterior unit point, t,he essential differ- 
ence being that for the Huyghens eyepiece 
this principal focus lies between the two 
lenses and is therefore inaccessible for spider 
threads or the apparatus of measurement. 
In fact the Huyghens eyepiece, turned round, 
is used as a magnifying lens under the 
name of 'Vollaston's doublet. See below, 

 (6). 

loreover, as far as simple point-to-point 
correspondence goes, any combination of 
lenses used as object.ive or as eYf'piece differs 
from the ideal "thin lens" only in separat- 
ing the two unit points. Suppressing this 
difference, we may summarise all the cases 
under a single model. 
Let A, a (Fig. 1) be the positions of the 
objective and eye lenses respectively, or of 


p A I---:'
 a 

 J'Q 
F P ; 
q 
FIG. 1. 


the (united) unit points of the objectivc- 
and eye-combinations, the lenses being treated 
as thin; F, F', f, f' the anterior and 
posterior principal foci of these. In the pre- 
sent case Ii" and f coincide. Let (Þ = FA = A }<", 
ø=fa=af'. Now any ray entering parallel 
to the axis will emerge paralle! to the axis, 
its distance from the axis being reduced 
by the factor nflAF' = - øl(Þ = - 11m, say. It 
follows that if Qq is the image of any object 
Pp, the linear magnification is - 11m, the 
same for all distances. To find the relative 
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pOf::itions of P, Q, call R the intermediate 
focus. Then 1 


cþ2 cþ2 
FP =RF =Rf= f'Q' 
or FP= m,2 .f'Q. 
If P is to the left of F, Q i
 to the left of /'. 
Equally, if PI' P 2 be any two objects and 
Ql' Q2 their images, 
P I P 2 = 1111 2 . QlQ2' 
It is to be noted that F, l' are themselves a 
pair of conjugate points. So also are points 
at infinity. 
If :\1 be the object which gives an image 
at a, and .x the image of an object at A, 
we have 


)IA= m. Afl=m2. aX, 
and the object space and image space are 
divided up into corresponding regions as 
follows (Fig. 2) : 


Object Space 


, . 

, ' I 
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,
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- 
(1)' (2) . (3) ! 
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(1) :(2)/' N (4) 
MFA a. ; , 
, I I, 
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FIG. 2. 


For rays not parallel to the axis, the con- 
struction is obvious. If y, y' are the relative 
breadths of object and image, and ;3, ß' the 
angles between original rays 1, 2 and the 
corresponding emergent rays 1', 2', we have 
(Fig. 3) 


P, ß 1 


 
P P 
! 2 


2' 
Q,Q 2/ 
y' ILi{ 
q l' 
1 


FIG. 3. 


but 


y = ß . PIP 2' y' = ß' . Ql Q2 ; 
P I P 2 = In 2 . QIQ2 


and 


y = - "" . y', 
ß'= -m.ß, 


so that 


ann. the magnification of angle between any 
tt\ 0 rays is the same for all positions. as. 
of course, follows from the general theorem 
that the angular magnification is the reciprocal 
of the linear magnification. The apparent 
distance for any object is simply 11m times the 
actual distance. 


1 ::;ee " Lenses, Theory of Simple," 
 (3). 


The field of view is governed by the aper- 
tures "2b, 2B of the eye glass and objective. 
The object gla:;s gives as image (Fig. 4) a 
ring of radius XX'=Blm, ,""hich is the" exit. 
pupil," through which all rays meeting the 
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FIG. 4. 


object glass pass on emergence. Similarly, the 
eye gla
;:, is the image of a rmg )1' = bm, and 
this ring is the "' entrance-pupil," through 
which, again, all incident rays must pass. 
It follows that the field of new "hich re- 
ceives full illumination is of angular radius 
(bm-B)l
IA=(b-Blm)/Aa, while the radius 
of partial illumination extends to (b+ Blm)/Aa. 
It will be remarked as evident that, apart 
from considerations of full and partial illu- 
mination by the object glass, the field com- 
manded by the eyepiece is simply bfAa, and if 
biB =?n =CÞICÞ, no beams except those parallel 
to the axis "ill pass completely through the 
instrument. 
By an increase of the aperture the fully 
illuminated field is diminished, while the 
partially illuminated field is increased. 
Any beam of light filling the object glass of 
radius B, and emerging through the exit- 
pupil of radius, say, Po, is thereby intensified 
in the ratio {BlPo)2, or m 2 . But if the beam 
issues from an object of finite area, it will be 
spread on emergence over an image increased 
in angular area in the same ratio, and the 
" brightness of the image" ill be equal to the 
brightness of the object," except for loss by 
a bsorption and reflection of light in the tele- 
scope. To see the significance of this state- 
ment clearly, the part played by the eye must 
be considered. 
In Fig. 5 Pp is an object; two rays PA, pA 
meeting the object glass at A emerge as QX, qX. 
If the eye be placed so that N is its ante-nodal 
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point, these rays proceed in parallel directions 
through X' the post-nodal point, and the area 
of the retina covered by the ima
e is seen to 
be m 2 X that which "ould have been covered 
had the telescope been rf'moved and the eye 
placed at A. Two qualifications, however, fall 
to be noticed. The retina is not continuous, 
and fails to recognise stimuli as distinct which 
fall, it is supposed, on the same element of its 
structure. These elements subtend angles of 
about 1 minute of arc at X'. Hence, if Qq 
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subtends less than this angle at N, the in- 
tensification of the beam "hich the object 
glass effects will not be dissipated in its effect 
on the retina, and the brightness of a " point- 
source" will be increased by a telescope in 
the ratio m 2 . Or, rather, in comparing the 
light gathered by the telescope with what the 
eye unaided would acquire, we have the ratio 
B2/p2, where p is the radius of the pupil of 
the eye, and not m 2 , which is equal to B2/P02. 
Hence, for a telescope applied to a point- 
source, the intensification of light is constant 
and not dependent on the magnification em- 
ployed, apart from changes in the pupil of 
the eye; but if applied to a finite area the 
intensity is never increased, and when the 
magnification is sufficiently high it is dimin- 
ished in the ratio (pO/p)2. Thus, for example, 
taking the diameter of the pupil of the eye as 
one-fifth of an inch, with a five-inch telescope 
the intensification of the light of a star would 
be about 23 2 times, equal to 7 magnitudes, 
while the background of the sky would be 
progressively darkened, if the eyepiece em- 
ployed gave a magnification above 25 times; 
a power of 100 would darken it 16-fold. 1 

 (2) DEFECTS OF THE SIMPLE THEORY.- 
This is the primitive theory of the telescope. 
\Ve must now indicate how it is modified by 
actual circumstances, namely, (1) aberrations, 
or faults in the theory of strict linear corre- 
spondence 2 in the object and image space; 
(2) diffraction phenomena; and (3) chromatic 
qualities of the glass em ployed, and other 
considerations. 
In dealing with these points we may now 
pass also from the visual telescope to the 
photographic instrument and direct attention 
to the faults of the field produced by the 
a bjective at its principal focal plane, treating 
the eyepiece briefly afterwards from the point 
of view of its capacity to correct some of the 
faults. 
The telescope is distinguished from other 
image-forming systems as an instrument in 
which the ratio of semi-aperture to focal length 
is small, seldom reaching the value 1/10. The 
angular radius of the field considered is of the 
same order. These are the elements upon 
which the geometrical aberrations depend, with 
numerical factors arising from the curvatures 
of the refracting or reflecting surfaces, their 
separations, refractive indices, etc. In such a 
case the aberrations can be expressed in a 
series proceeding by ascending odd powers of 
the aperture ratio and the angular radius of 
the field. 
Th us, if the exact expression for size and 
position were worked out, for the image corre- 


1 On the use of night glasses. for terrestrial objects, 
rf. Rayleigh, Cal/fcted TV ork!
, ii., -\.rt. 82, 06. 
2 For further details see "Optical Calculations," 

 (2). 


sponding to any given ohjec\" if we retain 
only terms of the first order of the angular 
radius, we have the exact linear correspondence 
of object and imagp field sketghed above; but 
if we retain the third order of hoth the vari- 
ables j0intly, we have a treatment of aberra- 
tions sufficient for the tplescope. 

 (3) V ON SEIDEL'S FIVE ABERRATIONS.- 
Under the above limitation the independent 
aberrations are five in number only, for all 
pairs of conjugate foci, as was s'hown by 
Seidel. 3 Supposing only one is present at a 
time, they permit of simple description. Using 
B, <Þ as above, so that 2B/cþ is the aperture ratio, 
let ß be the angular distance of the object point 
from the axis of the telescope. Let (\G, etc., 
represent the aberrational coefficients expressed 
in terms of the curvatures and refractive 
indices of the lenses. 4 Then we can describe 
the matter as follows: 
(i.) Spherical Aberrations.-Rays which are 
originally parallel to the axis, from different 
zones of the a biect glass, st.rike t.he axis at 
different points (Fig. 6). It follows that the 
whole beam is collected within a "least circle 


FIG. 6. 


of aberration" at a certain distance from the 
principal focus. The angular radius of this 
circle can be shO\vn to be lB3/q,. ô 1 G, and 
it comes after the principal focus by a dis- 
tance jB2q,. ô 1 G. The extreme aberration is 
!B 2 tþ. ô 1 G. 
(ii.) Coma.-For an oblique ray, for the same 
zone, different points do not bring to co- 
incidence parallel rays impinging on them. 
Rays from diametrically opposite points of 
the zone intersect, but the intersections are 
distributed round a circle (Fig. 7), the centre of 
which is displaced, by an amount equal to its 
diametpr, from the focus corresponding to the 
middle of the object glass; in consequence 
the light from a point is distributed in a 
flare or fan. of 60 0 opening, with its tip at 
the linear focus. The "comatic radius" is 
!ß. B2/<þ . ô 2 G. The condition ô 2 G =0, implying 
equality of magnification for different zonps, 
is sometimes known as the Fraunhofer condi- 
tion, and sometimes as Abbe's sine condition, 
from the form it takes for wide angle systems, 


8 Ast. N ach., 1853, xxxvii. 
" l\[<,thods of calculating thrse coefIìcients will be 
found in " Optical Calculations." 
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for" hich naturally it is of supreme importance. 
It is of hardly less importance for astronomical 
photography, and in the Xe" tonian reflector 
"ith the hi
h aperture-ratios employed, the 
presence of coma spoils the images and scatters 
the light most seriously when the field is wide. 
(iii.) and (iv.) Astigmatism and C'llrrature of 
tTte Field.-These are faults depending upon 
the square of angular radius of the field. Rays 
from different points of the objective are not 


03H =0, where e measures the departure of the figure 
from a spherical shape, e= 1 corresponding to a 
parabolic section. The distortion is 7ero. The 
comatic displacement ig :!,3. B2 R2. directed out- 
wards; for example, "\\ith an aperture <Þ,5, this 
reaches 10'" at a distance of 34' from the centre of the 
field; for the same figure the radiUß of the least 
circle of aberration b (1- e) > 6".4. 
For a system of two thin. lenses in contact, 
the values of the coefficients may be written 


a 
A A 'Q 
0 8. 
- 
 ---------> 
o 0 Axis F' F' 
D D 


brought to anyone focus. They do, however, 
all meet two "focal lines," a secondary focal 
line in the plane of the axis, and a prima
.y per- 
pendicular to it (Fig. 8), while midway between 
the two lines they all pass "Within a certain 
"focal circle," which gives the best approach 
to stigmatic representation. The curvature of 
the field may be considered to be that of the 
surface uporÎ which the focal circles lie. The 
!"['.,dius of the focal circle is 1(32. Bf<Þ . c 2 H, and 


F' Axis 


FIG. 8. 


the curvature of the field 1/<Þ. (03G+ 02H),- 
two independent quantities. The condition 
which is somewhat erroneously known as 
Petzval's "condition for flatness of field" 
ihlplies 03G = 02H, and only gives a flat field 
if 02H =0 or if the system is otherwise made 
stigmatic. 
(v.) Di.stortion.-This is a representation of 
the object field on the image field stigmatically, 
but on a scale that varies with the angular 
radius,3. The angular measure of distortional 
displacement is denoted by ß3fF . 03H.1 
As a simple example we may write down the values 
of these coefficient-
 for the concaye mirror of 
radiu...; n, and therefore focal length R I:!. 'Ye haye 
olt=-(1-e)jR2, 02G=-1 R, 0 3 0=0, 02H=-I. 


1 For further particulars on these coefficient
 of 
aberration see Sampson, Phil. Trans., 1912, ccxii. 149 ; 
1913, cCÁiii. 27. 


FIG. 7. 


down in terms of curvatures and refractive 
indices, and furnish a good guide to the 
actual case of an ordinary objective, since the 
aberrations are not greatly altered by small 
separations between. the surfaces. Denote by 
C 1 , C 2 the curvatures of the antprior and 
posterior faces of the first lens, reckoned 
positive when convex to the ray, lfn its re- 
fractive index, and write k=(I-l/n)(C l - C 2 ), 
p=l.n, q=(l + l/n)(C I +C z ), so that I: is the 
reciprocal of the focal length. p is Petzval'fI 
expression, and q measures the distribution of 
curvature between the faces for given focal 
length, and distinguish the like quantities for 
the second lens by an accent; then, ùmitting 
olG, the expression for which is too complicated 
to be of much service, we have 
k+k'=K=-
, 
K0 2 G= -!(nkq+n'k't) 
- !nk2 - n'kk' - !n'k'2 - (k+k )2 
= -!(nkq+n'k'q') 
- !(n - n')k2 - (1 +!n')(k +k')2, 
03G=_(I+
) '-V=1'+1" 
02H= -1, 
03 H =0. 
Hence for a pair of thin lenses in contact 
the distortioa is zero, the radius of the focal 
circle depends only on the aperture ratio B/F, 
and not at all upon the curvatures of the 
faces; the same is approximately true of the 
curvature of the field. The comatic displace.. 
ment, 2,3. B2fF. 02G=2,3B2Kô2G, gives an out- 
ward directed fan when positive, and inward 
when negative. Examining the e)..pression we 
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see -that it cannot be zero unless one at least 
of the quantities kq, k'q' is negative, correspond- 
ing to C I 2<C:!2, C 1 '2<C 2 '2. or the anterior 
faces flatter. Rounùly speaking, a lens bulged 
outward towards the incident light gives coma 
directed towards the axis, and conversely. 
Since littIp or nothing can be done with 
astigmatism and curvature of the field, these 
are usually passed over, and the faults of the 
objective considered 1 under the heads: (1) the 
difference of points of concurrence of rays 
originally parallel to the axis, according as 
they strike the object gla.ss centrally or at the 
rim, i.e. a measure of the extreme spherical 
aberration; and (2) the difference of focal 
lengths for rays falling in these manners; this 
is equivalent to a determination of the comatic 
displacement as a difference of magnification, 
zone by zone. There are further considerations 
of the chromatic changes in these aberrations, 
namely, in the position of the principal focus 
for paraxial rays, in the principal focal length, 
and the chromatic difference of spherical aber- 
ration. The correction of this last fault is 
known as Gauss's Condition. The questions of 
chromatic correction are considered below. 

 (4) PRACTICAL TREATMENT OF THE ABERRA- 
TIOKs.-For visual work and for photographic 
work confined to the centre of the field, the 
presence of a moderate degree of coma would 
matter little, did it not make the definition 
sensitive to small faults in " squaring-on" the 
objective. For small cemented objectives a 
more common and often a gross fault is error 
of centring. Each lens surface possesses a 
definite axis and "centre," being the line 
joining the centres of the anterior and posterior 
spherical surfaces and the point::; \vhere this 
line meets the surfaces respectively. For the 
two constituents of a doublet the centres of 
contiguous faces must be set in coincidence. 
The further condition that the directions of 
the axes must also coincide will then provide 
for itself if the inner surfaces are of equal 
radius and in contact. If such a fault is pre- 
sent the definition is deteriorated generally, 
the best being located off the axis, and if the 
objective is rotated in its cell, the image 
usually describes a circle in the field. For 
larger glasses, in which proper care haH been 
exercised in the manufacture, this fault is not 
so much to be feared. 
It m list be recognised that refined optical 
theory has not played a large part in the de- 
velopment of the great astronomical object 
glasses. The doublet, with small ratio of 
aperture to focal length, is the simplest optical 
com bination. :Mathematical optics makes its 
performance and possibilities intelligible, but 
their most appropriate field of application lies 


1 Steinheil and Voit, Hmullmch d. ange
Nlndt('n 
Opfik, i., Le;psic, 1801. (Translation by J. W. 
French. lliackie & Son, 1018.) 


in the complicated, "ide-angle systems re- 
quired in the camera and the microscope. The 
most celebrated makers of lenses have been 
men not much versed in theory, or have openly 
said it was of little use to them. Fraunhofer 
may be admitted as an exception. His suc- 
cessor l\ferz was the greatest maker of object 
glasses in the middle of last century. In par- 
ticular he made a I5-inch lens for Harvard 
College Observatory. 'Yilliam Simms was 
engaged to examine this lens for purchase, and 
has left an interesting report 2 upon it, in 
which he says: ":Mr. .:\Ierz
s means of proving 
his object glasses are not such as appear to 
me best qualifieù to lead to a correct result. 
. . . It is merely the examination of a printed 
paper, not by directing them to the heavens, 
which in all cases, where it is practicable, is 
certainly the most desirable." Neither Alvan 
Clark nor Thomas Cooke was a man of theo- 
retical training; they were rather consummate 
artists and craftsmen. G. Calver is of the 
same type. An account by Grubb 3 of the 
making and testing of objectives must be r{'ad 
in relation to its date, but it expresses the 
view referred to with great emphasis: 
Object glasses cannot be made on paper. "lien 
I tell you that a sensible difference in correction for 
spherical aberration can be made by half an hour's 
polishing, . . . you will see that it is practically not 
necessary to enter upon any calculation for spherical 
aberration. 'Ye know about what form gives an 
approximate correction; we adhere nearly to that, 
and the rest is done by figuring of the surface. To 
illustrate what I mean. I would be quite willing to 
undertake to alter the crown or flint lens of any of 
my objectives by a very large quantity, increasing 
one and decrea:-:ing the otber so as to stiU satisfy 
the conditions of achromatism, but introducing 
theoretically a large amount of positive or negative 
spherical aberration, and yet to make out of the 
altered lens an object glass perfectly corrected for 
spherical aberration. 
It would be idle to disregard these examples, 
though it may be thought that they are bad 
models to follow, and that theory must finally 
justify itself. In fact it has already done so, in 
the case of the two objectives of H. D. Taylor 
referred to in 
 (5) (iv.). The much simpler 
case of making a mirror, with its proper para- 
bolic figure, used to be in the same position; 
in conseq uence the older mirrors are system- 
30tically deeply over-corrected; but the de- 
velopment of the knife-edge method of measur- 
ing the figure in different zones 4 has made the 
realisation of geometrical correctness of form 
a certainty. 
The great difficulty in testing a lens arises 
from its con vex surfaces. The spherometer is 


2 Harl'aril Annal.,;, 18-t-6, i. p. cx. 
3 Royal In...titntion, 188G. 
4 f'f. C. D. P. Davies, l1101L Not. lxix. 355, anll 
below, 
 (11). See also U Objectives, Testing of Com- 
pound," 
 (3) (ii.). 
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in the first place not delicate enough for optical 
work, and in the second, occupying a great 
deal of time, only compares with one another 
a number of separate points of the surface. 
The lens is therefure put together and ex- 
amined as a whole, an artificial star near the 
eye end sending its light through the lens to 
a plane mirror which reflects it back again 
through the lens, forming an image that is 
examined close to the principal focus. The 
error in performance of any spot of the object- 
ive is here doubled, and may be examined with 
some facility, and though it is not possible to 
say which of the convex surfaces contributes 
the fault, it is immaterial, s
nce the fault can 
be removed by figuring the anterior surface as 
the most convenient. If local variations of 
refractive index of the glasses occur, they 
might equally be dealt with by local figuring. 
Given sufficient skill, with the aid of these 
tests, lenses can be made to perform up to the 
theoretical limit of resolution imposed by the 
wave structure of light (see 
 (7) below). 

 (5) DETAILS OF LESSES. (i.) 
llL'an Clar!..'. 
-Perhaps owing to the tentative character of 
the work of the great artists, there are not 
many numerical particulars available of the 
most celebrated lenses. Alvan Clark's two 
greatest lenses, the Lick telescope (3G inches) 
and the Yerkes telescope (40 inches), are 
similar in character. The curves of the former 
are given in the Lick Obsercatory Publications, 
i. Gl, as follows (adjusting the signs to the 
usual convention, + for a surface convex to 
the incident ray) : 
Ro= + 2.39';) inches= - R 2 . 
R.t = - 239.6 inches, R6 = + 40,000 inches. 
The surfaces R,t, R6 are separated by 6.5 
inches. The refracth-e indices are not stated. 
The glass was by Feil of Paris. These curves 
are in general agreement with those given 
by Steinheil and Y oit 1 as representative of 
the great American objectives, except that 
these authors make Rl somewhat gl:eater than 
R 2 , and the concavity of the fourth surface 
more pronounced; the calculated aberrations 
they gÌ\Te show a fine performance, a minute 
residual coma and minute difference of fucal 
length for colour being the only faults that 
remain. The separation of the lenses helps 
to satisfy the Gauss condition. 
(ii.) Thomas Cool-e.-Thomas Cooke worked 
froUl cun es in which, approximately, for re- 
fractÌ\Te indices for the Dray 1.518 and 1.620 
respecti vel y, 
Ro= 2'000, R 2 = - 3.000, double convex. 
R4 = - 2.813, R6 large, double concave. 
The second and third surface are contigu- 
ous. These leave a certain amount of residual 
1 Ållgeu;ulldte Opfik, p. 179. Case öa*. 


inward dirf'cted coma, but are found so sound 
and convenient in practice that the firm he 
founded still adheres to them. The correction 
for spherical aberration is made by the 
anterior surface of the flint lens almost wholly, 
lea ving the fourth surface to be modified at 
will to meet faults of achromatism. 
(üi.) Fraunlwfer.- The correction for coma 
req uires the crown lens to be some" hat flatter 
in its anterior surface, and the flint lens to be 
a meniscus. The associated condition, known 
usually as the Sine Condition, Seidel called by 
Fraunhofer's name, because it is nearly satisfied 
in a celebrated Königsberg objective of 6.2 
inches, by Fraunhofer. The radü for this lens 
are, to an arbitrary unit, 
Ro=+.838, R
=- '33-1, JLI=I.;)29. 
R-t = - '341, R 6 = - 1'173, ,u3= 1.639. 
These leave a residuum of outward directed 
coma. To satisfy completely the conditions 
for freedom from spherical aberration and 
coma, Steinheil 2 showed they should run 


Ro= + '696, 
R 4 = - '372, 


Rz = - -363. 
R 6 = -1,650. 


Comparison bet"\\een the numbers indicates 
clearly enough hmv correct was Fraunhofcr's 
appreciation of what "\\ as required. 
(iv.) Taylor's Triple Objectiæ.-The diffi- 
culties of constructing a large objective are so 
great that simplicity of design is the domi- 
nating consideration. But there are two triple 
combinations, both due to H. D. Taylor, that 
have established themselves in astronomical 
work in spite of this. The first (Fig. 9) is the 
photo-visual object glass. By using three lenses 
and choosing suitable 
glasses the com bina- 
tion Ï.'i rendered per- 
fectly achromatic, and 
is referred to further 
below, on the question 
of achromatism. But 
the extra surfaces 
permit more choice 
in the cun
es, while 
securing absence of spherical aberration and 
coma. Thus the third, fourth, and last 
surfaces are concave and may be tested by 
reflection; the second radius is exactly equal 
to the third, and the fifth to the fourth, 
permitting their truth to be tested also one 
by one. Only the first surface remains to bE" 
tested in the combined system. The utmost 
skill and pre3aution are of course required in 
centring such a systf'm. It has been found 
practicable to make them "ith an aperture 
FIlS, without introducing undesirably large 
angles of incidence on the inner surfaces. The 
other triple system is the well-known Taylor 
2 Sîtzuu(Jsber. k, ßalter. Akad" 1&89, xix. 413. 
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FIG. 9. 
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photographic lens (Fig. 10). A description is I is that particles of dust upon the field lens are 
given of one of 10 inches aperture and 4.3 inches visible with the eye lens, as blurs and smudges 
focal length, constructed for :Mr. Franklin badly out of focus. A much better form, 
Adams, in .....llontltly X otices, lxiv. 1 ' though it sacrifices breadth of the 
613, but one has been constructed , field of view somewhat, is a single 
recently for :ì\Iount 'YiIson Observa- triple cemented achromatic lens, as 
tory to work up to an aperture Fj2. recommended by Steinheil (Fia. 13), 
The objective consists of three which besides gives a flatter field 
separated lenses, the first and third and ample clearance from the micro- 
of dense barium cro\vn glass and meter wires. Owing to the fact 
the middle one of flint glass. The that in visual work the object is 
crown lenses are double convex, invariably examined in the middle 
their outer surfaces being the more of the field, lateral aberrational or 
curved; the first lens is of lower chromatic faults are of minor im- 
power than the third, and the dis- portance. But it is possible in 
tance from the first lens to the some measure to compensate the 
second is about half as great again FIG. 10. inevitable curvature of field and 
as from the second to the third. astigmatism of th(' objective with 
Separation of the lenses permits astigmatism those of the eyepiece, especially with the StC'in- 
and curvature of the field to be corrected, coma heil form, which leaves some liberty in con- 
is also corrected, and for a sufficient range of struction. The same is true of colour, but as 
colour
 spherical aberration is corrected for the the eye itself is not strictly achromatic, the 
neighbourhood of the ordinary photographic discussion is rather academic than useful, 
region of the spectrum, so that the images because eyepiec
 and eye together should be 
of stars are truly regarded as a 
stigmatic up to sf ( t f. united combina- 
a radius of 7!o:: : tion for convey- 
from the axis. EJ ing to the retina 
9 (6) THE EYE- the image formed 
PIECE. (i.) Buy- - -- - -- --- - - in the focal plane 
gltens.-In con- of the objective, 
junction with the 
----2f----
 :""---.E..f ____
 and in practice 
optical perform- I I : 3 I the eye is used 
ance of the : : :
--tf---
 in Buch a way 
objeçtive should AI 3 : F : A' 3 : H F: A: :H :A' as to minimise 
be considered, ;--2f--
--
 2f-
 i-- -
-*f----
: faults that are 
I: I 
for visual use, I I : 
 - -
 f - - - 
 present. 
the e y e ] JÍece. A : : H' 3 À ' : F' "A!.. IF' 
 ( 7) DIFFRAC- 
The traditional r-- f --;<'--2"f ---: A H:------%f --, TI
N.-Afurther 
Huyghenian is FIG. 11. FIG. 12. consideration, 
still made, ,vith - limiting the use 
out much variation, and proves quite satis- of geometrical optical theory, is the bearing of 
factory for cases where micrometer wires or diffraction 1 upon the conclusions. A parallel 
other focal scale is not required (see Fig. 11). beam of light emerging from a star to which the 
The principal focus corresponding to an axis of a telescope is directed, is not brought to 
emergent parallel beam lies within the com- a .point focus upon the axis, even if spherical 
bination, three-fourths of the way from the aberration is corrected for all colours. It is dis- 
field lens to the eye lens, and tributed in a certain ring pattern 
the power is twice that of the 38 over the whole focal plane, the 
field lens and two-thirds that central fact being that the din,- 
of the eye lens. The term meters of the rings depend upon 
" negative" applied to this eye- - F n -- - - - - ' -- - - -- - - - the ratio of the wave-length of 
piece is a misnomer, as re- the light to the aperture of the 
marked already, the order of FIG. 13. telescupe. Thus Fand B, denot- 
the cardinal points being the ing as before the focal length and 
same as for a converging lens. In fact, re- semi-aperture of the telescope, ^ tho wave- 
vC'l'sed, the combination is known as a lC'ngth, and r distance from the axis, so that rjF 
magnifying lens, under the name of the is the circular measure of the angular radius of 
'V ullaston Doublet, an object at <P' being in- the ring in question, it is found that if we put 
spected by an eye placed beyond A. 
(ii.) Ramsden.-\Vith less reason the tradi- ;= (2
) . w, 
tional Ramsden eyepiC'cf> is also preserved for 
micrometerwork(Fig.12). ltsIJrominentdefeC't 1 
ec" Dltlraction GratiIlg
, Theory," 
 (4). 
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where w is a numerical factor, "e have zeroes 
of illumination for the values 
w=I.220, 2,233, 3.238, 4.2.H, 5,243, . . . 
and within these rings respectively is comprised 
a fraction of t.he total illumination amounting to 
'839, '071, .028, .uI3, .OU9, . . . 
while the maximum brightness occurs for the 
values 


w = .000, 1,635, 2.679, 3.699, 4,710, 5,717, . . . 
and at these points the relative intensities are 
1.0000, '0173, '0042, .0016, .0008, '0004, . . . 
The only telescopic feature permittiuO' 
control of this phenomenon is the aperture
 
If this is increased the angular diameters of 
the rings are all diminished in proportion. It 
is of interest to note that if the objective is 
r
duced to an annulus by a central stop, the 
rmgs are somewhat diminished in diameter, 
but at the e-xpense of much les
 favourable 
distribution of the proportions of the light 
between them, the shares of the outer rings 
being increased. Xumerically, considering, 
s
y, a 10-inch object glass and the D-ray, the 
dIameter of the spurious disc of a star h-inO' 
"ithin the first dark ring would be 0;; .98
 
Hence the images of the mem bel's of a close 
p
ir "ould be more or less superposed if their 
distance was less than 1"; but much "ithin 
this a good eye would detect the elonuation 
of the united image, as indeed was fo;nd in 
practice by S. ,Yo Burnham, who discovered 
when using a 6-inch objective by Alvan Clark 
many double stars the separation of which 
lay b
yond this theoretical " resoh
ing power." 
OWIng to the shorter wave-length of actinic 
rays it. might seem that photography was 
better .cITcumstanc
d than the eye for receiving 
small Images, but It is well known that this is 
not the case. From a variety of reasons, the 
photographic image spreads; and indeed the 
diameters can be used as measures of the star's 
magnitude. If the smallest recorded imaO'es 
are of less diameter than 2 Þ ' or 3", the resclts 
would as a rule be considered very favourable. 

 (8) OPTICAL GLASS. - So far we have 
spoken of the geometrical modification of the 
beam of light; we shall now consider briefly 
the characteristics of the glasses lout of which 
t.he. lel
ses are constructed. Apart from the 
hmitatIuns which technical difficulties of glass 
manufacture impose, geometrical discussions 
are merely mathematical exercit:es. The 
earliest telescopes were made with a sinO'le 
lens a
 ohjective, and in consequence suffe
d 
s
verely from dispersion, the images for 
dIfferent colours being ranged along the axis. 
The focal length was made as great as possible. 


1 ðee also article" Glas:i." 
VUL. IV 


and, for example, D. G. Cassini discovered two 
of. the satellites of f'aturn, Tethys and Dione, 
wIth te!escopes of 1?0 ft. and 136 ft. in length 
respectIvely. But smce the separation as well 



c 


FIG. 14. 


as the size of the .images corresponding to, say, 
t
e rays C, .F (FlY. 14) would increase propor- 
tIOnately "Ith the focal length, it is an error 
to suppose that increase of focal length was 
any cure for chromatic faults, except in so 
far as the narr?w.beam does not a
ow spreading 
of any descrIptIon. AchromatIsm was dis- 
covered and the principles published by John 
Dollond about 1760/ though achromatic 
lenses had been made before him by Chester 

:?
r Hall,. a private gentleman, as early as 
1/33. l\Iakmg the converging lens of crown 
glass, the principle was to annul wholly the dis- 
persion while only partly ann ulling the deviation 
byasbociating "ith the crown lens a divergent 
len
 of greater proportionate dispersive power. 
ThLS was found in "flint" glass or " English 
crystal," a dense and brilliant glass, which 
contained as base a silicate of lead. To 
obtain large homogeneous pieces of flint glass, 
free from striae, for negative lenses, proved 
a very difficult technical problem. It was 
solved by P. L. Guinaud of Keuchatel, about 
1800, whose secret was to stir the pot of 
melted glass with a fireclay rod to the last 
possible moment, and, allowing it to cool 
by itself, to take its natural fractures as 
marking off lumps of homoO'eneous constitu- 
'. 0 
hOD. "hen a large one was found this was 
softened again and moulded into the form of 
a disc. This secret he taught to FraWlhofer's 
firm in Bavaria and to Fraunhofer's successors 

Ierz and )Iahler, by whom it "as jealousl; 
guarded, so that in the middle of the nineteenth 
century they "ere the only people who could 
produce an objective of even so moderate a 
size as 8 inches diameter. Guinand, however, 
returned to Xeuchatel, and his method passed 
to his son H. Guinand, and in succession to 
FeiI, 
Iantois, and Parra in Paris, and through 
one of H. Guinand's collaborators, G. Bon- 
temps, who took refuge in this country in 
the political disturbances of 1848, to .:\Iessrs. 
Chance in Birmingham. All the greatest lenses 
in 
he world, so far produced, excepting the 
32-mch at Potsdam, 3 came from one or other 
of thE"se firms. Their productions were, 
however, conservative, and a separate revulu- 
tion in glass-making came frum the researches 
I Phil. Trails., 17:>8, p. 733. 
a Evcn the",e glas
('s, by Schott <.\: Co., arc of the 
old typcs. 
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of Abbe, Zeiss and Schott in colIaboration 
at Jena, about 18S0, investigating the effects 
of different constituents in glasses, with a 
view to finding stricter proportionality of 
dispersion over the whole spef'trum, and 
generally to providing the greatest possible 
range and variety of refractive index and 
dispersion. In consequence of this the old 
terms flint and crown, though still employed, 
no longer imply the composition of the glass, 
nor its density, nor mean refractive index. The 
former term is reserved for glasses of high disper- 
sion and the latter for glasses of low dispersion. 
In spite of great technical improvements 
thus recently effected, defects in homogeneity 
of optical glass intrude themselves on the 
optician's calculations. Turrière states 1 that 
local anomalies of two or three units in the 
third decimal place are often found to affect 
refractive indices, whereas the calculations 
have been made assuming the constancy of the 
indices up to the fifth place. ::\Ioreover, it has 
not been found possible to avoid leaving some 
trace of mechanical strain from the process of 
annealing. This fault, which may be detected 
with the polariscope, will impair the definition 
with some traces of double refraction, which 
presumably would alter with the temperature. 
\Ve may take as representative of the glasses, 
out of which the great majority, at any rate, of 
the existing large refractors are constructed, 
Hard Crown (No. 60.3 of Chance's list) and 
Dense Flint (No. 361); the specifications of 
these glasses are the following, given as adhered 
to with considerable accuracy from one melting 
to ariother : 


I 
Hard Crown. Dense Flint. 
Rcfr. index nc 1.5150 1.6165 
n D 1.5175 1.6214 
nF 1.5235 l'ü337 
n G 1.5284 1.6442 
DIspersive power 
(nD - l)/(nc- ny) 60.5 36.1 
(n(' - nD)/(n C - n.) .294 .285 
(n D - nF)/(n C - n..) .706 .715 
(n..-nd/(nC-n F ) .554 '(iOH 


Glasses have been disC'overed in which the 
proportionality of dispersion is cJoscr than for 
this pair, indeed practically complete, but they 
have proved liable to tarnish with exposure 
and age. 

 (9) ACHRO
ATISJI. (i.) For Visual Use.- 
In lnaking the colour correC'tions there i:5 onf' 
clement in the construction which is disposable, 
the distribution of power bC'twpen thp crown 
and flint lenses, or two, if we add a Rmall pcr- 
missiblp separation of thp lenses. The actual 


1 Optique industrielle, 1020, p. 25, a most useful 
work. 


results att.ained are investigated by a method 
dcvispd by Y ogel, who set a direct vision 
spectroscope of small dispersion to rpcei,-e the 
cone of rays from a bright star, say \T ega or 
Arcturus. If the rays were brought to a focus 
the spectrum spen would be no hroader than 
the star disc, and in fact for any setting of the 
spectroscope along the axis constrictions are 
seen which correspond to the wave-lengths in 
focus at that setting. The n'sults-which 
agree precisely with what could be forecasted 
theoretically, as shown by H. D. Taylor 2- are 
exhibited in the following tahle from measures 
of the Yienna 27 -in. (Grubb, glass by Chance), 
the Pulkowa 30-in. (Alvan Clark, glass hy Fpil), 
and the Lick 36-in. (Alvan Chrk, glass by :F'cil). 
The Vienna and LiC'k tclpscopes may he sairl 
to be identical, while the Pulkowa instrUll1f'nt 
can claim somp superiority, but evcn for this 
it is to be notpd that the image formed by the 
F-ray will be spread over a spurious disc 5" 
in diameter, when the D light is brought to a 
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point focus. Finf' detail of varying colour, 
for example planetary surfaces, cannot be 
brought to a singlp satisfactory focus, and 
would suffer in definition accor{lingly. 
In the table on following page, elf measure
 
the setting requirod to bring into focus the 
line referred to, and hlf is the angular dia- 
meter of the circle in whiC'h thf' con(' of rays 
for that wave-length would ID('et the foeal 
plane for the D-ray. See also Fig. 15. 
The comment cannot be avoirled that any- 
thing approaching true' achromatÜ;an is im- 
possible of attainment with the traditional 
objective of two lenses-failing the production 
of types of glasR that are quite unknown at 
present. The greater tlw tplescope, with it
 
increased light-grasp and widpr separation of 
the foci, the more prominent the fault hecon1f's. 
The optician has not enough scarp aUowpd to 
produce his effeC'ts. As already re'mal'kC'd, 
H. D. Taylor has shown that a perfectly achro- 
matic ohject glass can be made with thl'pe 
le'nses, and has made such ohjectivC's up to 
any size' for which the' discs of glass We're 
available. See Fig. 9. 
II Jlun. Not. Iiv. 67. 
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COLOlJR ClJRVES OF GRE-\T OBJECTI\-ES * 


Yienna. Pulkowa. Lick. 
Aperture ::!6.6 in. (6ï.5 em.) 30.0 in. (76.2 em.) 3ö.0 in. (91.4 em.) 
Focal length 408 in. (103ö em.) 539 in. (13G8 em.) 6ï4 in. (lïl2 em.) 
.- I 
Line. df. h'f. df. hf. df. hf. 
mm. mm. mm. 
C 6563 d. V. 2.7 . ססoo 170 3.0 .0000115 5.3 .OOOOlû2 
D 5893 A.V. 0.0 . ס0ooooo 0.0 . ס0ooooo 0.0 . ס0ooooo 
F 4bt.,2 A. U. G,O . ססoo 3 ï8 6.4 . ססoo 245 1l.4 . ססoo 349 
Hy 4341 A.r. . 23.5 .0001478 , 32.9 .0001258 48.3 'OOOJ471 


· Cf. Keeler, Ast. Soc. Pacific, ii. 
J8. 


The lenses are made of three of :l\Iessrs. 
Schott's glasses, L 1 of Baryta Light Flint 
(0. .3-13, nD = 1,.364), L3 of Light Silicate Crown 
(0. 374, nD = 1'.311), and L;! of a Boro-Silicate 
Flint. (0. 658, nD = }'5-1ï). \Yith this arrange- 
ment, very simple compared to photographic 
com binations for camera lenses, faults of colour 
can be 1 and are completely corrected, and at 
the same time a field given which is free from 
coma and spherical a berration. The separa- 
tion of the second and third lenses assists 
the correction of the chromatic difference of 
spherical aberration (Gauss's condition). 
(ü.) Photographic Lenses. - The correction 
of a lens for photographic purposes is a simpler 
problem than one designed for visual use, since 
for ordinary plates the effective rays are con- 
fined to a much narrower region of the spec- 
trum. The pro blem is ot herwise similar. Of 
more complicated constructions the only one 
that has been made with the large apertures 
pecuJiar to astronomical work is the Taylor 
lens referred to above, p. 84 j', made of three 
separated units 2 (see Fig. 10, p. 8-18). The 
original of this lens has the following descrip- 
tion : 3 


.-\perture, 6.5 inches; focal length, 43 inche8. 
f Ro= +10.64 
Ll 
 t 1 =0.83 
l R 2 = -72'45 
t 3 =4.39 
J R. i = - 14.54 
L 2 t 5 =0.33 
t. R6 = + 1O.3.=) 
t 7 =6.85 
(R8= +67.35 
L3 l t9 =0.4:9 
R 10 = -13.00 
The refractive indices are those of a silicate 
crown for the first and third lens, and a light 
flint for the middle lens. But the design 
possesses great flexibility. It has been made 
up to apertures of 10 inches. and to focal 
1 For the calculation see H. D. Taylor, Jlon. Sot. 
liv. 328 
! H. D. Taylor, ]fon. Sot Ixiv. ûH. 
I H. D. Taylor, Applied Optics, 1906, p. 18
. 


n D =I.5180 


n D = 1.6035 


n D = 1.5180 


lengths as small as twice the aperture; further, 
it has given rise to an extensÌ\-e series of 
derived forms. The lens is intended for photo- 
graphy, and visual distinctness is not demanded 
from the design. 

 (10) REFLECTIXG TELEscoPEs.-The re- 
flecting telescope claims three great advantages 
over the refractor: it deviates alike rays of 
every wave-length; its performance depends 
upon its surface only and not upon the interior 
constitution of its glass, nor on the chromatic 
balance of two separate glasses, nor diminishes 
in effectiveness as the scale increases 0\\ ing to 
absorption; and the objective consists of only 
one surface, the correctness of which is assured 
by an easy and very sensitive laboratory test. 
Accordingly, as might be expected, in respect 
to dimensions and aperture ratio, reflectors 
have completely outrun refractors. \Yhile the 
greatest refractor is of -10 inches aperture with 
a ratio of aperture to focal length of 1: 19, and 
is not likely at present to be superseded, there 
are in use reflectors of 60 inches plount \Yilson), 
73 inches (Victoria), and 100 inches (::\Iount 
\Yilson), in each case with an aperture ratio of 
1 : 5, and with accessory appliances which 
permit the same mirror to be used when 
required at enormous effective focal lengths of 
100 feet, 134 feet, and even higher. If greater 
ones are desired there is no reason to suppose 
we have reached the limit in gain of power, 
or in possibility of construction, though the 
difficulties of temperature control become very 
formidable in these large sizeR. The question 
then presents itself, "hy the refractor holds its 
own so well as it does. A few sentences will 
be devoted to this question later on. 
Speculum metal (" Turner's Metal " copper, 
4: atoms=68.2 per cent, to tin, 1 atom=31.8 
per cent, as used by the Earl of Rosse, Row- 
land, and Brashear) has virtually gone out of 
use except for small pieces, beca usp once it is 
tarni:qhed the mirror must be remade. It is 
besides a worse reflector than silver. .And it 
is heavy, and difficult to make and work. 
On the other hand, it is remarkably durable. 
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Some old mirrors, dat.ing certainly from 
Herschel's day, are still in pcrfC'ct order. But 
silver df'posited on 1!lass is the standard con- 
struction. The pro blem of figuring the glass 
correctly is simplified by the fact that there 
are no elements of construction to dispose of 
at will. In order to correct spherical aberra- 
tion at the l)rip.cipal focus, the figure must be 
a paraboloid; distortion is absent, but coma 
('annot be removed, and astigmatism and 
curvature of the field are present as in the 
refractor. 
In reuard to the two aberrational features that are 
necessa;ily present both in the mirror and in usual 
objective doublet, we see from the particulars given 
ahove, 
 (3), that for the same aperture and focal 
length the radius of the focal circle, or the separation 
of the focal lines. is the same for both, while the 
radius of curvature of the field is equal to F for the 
mirror, while it i::; about three-eighths of this amount 
for the lens. As regards the coefficient of coma, it 
is no more than occurs in the Fraunhofer lens re- 
ferred to in 
 (5) (iii.) (ó 2 G= - O'500,F, compared to 
ó 2 G = - O'4fi7 IF). An impression of a limited field 
of good definition attaches usually to reflectors, but 
this is derived solely from the large apert.urc ratio 
which is allowed to them. 
The reflector is used in three forms: first, 
for direct photography without any second 
mirror, the plate holder being placed at the 
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FIG. 16. 


principal focus (Fig. 16); second, for visual 
and general work in the Newtonian form with 
a flat mirror placed at 45 0 to the beam, throw- 
ing the principal focll:s out to one side at the 
upper end of the tube (Fig. 17); and third, 
when very large saale and long focus are 
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FIG. 17. 


required, as a Casaegrain, with a convex mirror 
placed on the axis with its principal focus 
beyond the principal focus of the great mirror, 
so as to reuuce the convergence of the beam. 
Tllf
 great mirror is usually pierced with a 
central hole and the beam received on a plate 
holder or spectroscope behind it (Fig. 18). 
If F}, F 2 are the foci of the two mirrors AI' 
A2' and F the emergent focus, the focal length 
of the combination is increased by the factor 


A2F/A2Fp An ordinary value of this magni. 
fication might be fourfold. 'Vit.h this value 
the coma of the combination would he no more 
than belongs to a simple mirror of the same 
focal length. The curvature of the fidd would 
be increased, being about four times as great 
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FIG. 18. 


as for the original mirror; to correct for 
spherical a berra tion, if the mirror Al is para- 
bolic, the section of Ai! requires to be an hyper- 
bola, its measure e being about 3 .where e=O 
gives the circle and e = I the parabola.! 

 (11) TESTI"NG A l\lIRRoR.-The possibility 
of producing truly paraboloidal or other figures 
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in mirrors of large size depends upon having 
a sensitive and easy means of measurmg a 
fault. This is found in Foucault's knife edge 
method (Pig. 19). 
If C is the centre of curvature for A, L a 
point source or "artificial star " close to C, 
l the point of the beam reflected from any 
spot of the mirror, received by the eye at E 
beyond l, then if the beam is cut off gradually 
by a knife edge moving across from left to 
fight at K} within the focus l, the Rpot of 
light on the mirror will seem to the e
Te to be 
obscured from right to left, but if it moves at 
K 2 the movement of shadow will be from left 
to right. Hence the position of the actual 
focus for any spot of the mirror can be deter- 
mined precisely. A very good idea of the 
figure and fauUs of the whole mirror can be 
gained at a single glance, and if a series of 
diaphragms are prepared expmdng the surface 
in successive zones, with 'Very little preparation 
and with surprising cf'rtainty the centres of 
curvatures of the different zones can be la.id 
down. 2 If the mirror is parabolic, these "ill 
not give the same point C, hut will move 
towards the surface from C by an amount 
IB2/R, supposing the source L is kept fixed 
during the () bserva tions. 
1 For a discussion of the C'orrcC'tion of thC' ('ass('- 
grain H('C Sampson, Pllil. Trail.':. ('('xiii. '27. 
2 For an cxc('llPnt. account of the {ldail of this 
method see C. D. .P. Da\'ie::;, Mon. .Sot. lxix. 333. 
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A convincing test of the delicacy of the I 
method is furnished if an assi!'hmt plae('s his 
hand in the way of the beam near the mirrür, 
when the unduiations caused by the ascending 
currents of air its warmth produces will be 
seen immediately. 
:\Iorem. er, the method is not restricted to ,isual 
application. Photographic records of the appear- 
ances have been obtained by J. Hartmann for the 
Potsdam 32-inch refractor,l and by P. Fox for the 
40-inch Yerkes telescope, 1 which sho\\ upon eÁamina- 
tion much minute detail that would e::;:capc the eye; 
as, for example, cpicycloidal traces of the motion 
of the polishing tool. These "focograms" ha ve 
besides the invaluable quality that they can be 
compared \\ ith similar records of other instruments 
taken at other times. 
A convex mirror, or a flat, or one of very small 
concavity, cannot be tested directly by this method. 
But it is usually por-:sible to devise a combination 
v.-ith some converging system, the character of which 
is "already proved, so as to test their performance. 
Or a fiat may be tested with another known fiat, 
by examining the formation of Xe\\ ton's rings 
between them. 

 (12) Loss OF LICHT IX A TELEscoPE.-'Ye 
must now consider the whule loss of light, and 
the modification of its character in passing 
through a telescope. 
(i.) Refracting Telescopes.- In transmitting 
light through glass surlaces, there is a loss at 
each surface by reflection. For direct inci- 
dence, theory indicates that the proportion so 
lost is {fJ- - 1 )2J{fJ- + 1 )2, where fJ- is the refractive 
index for the ray concerned; and for fresWy 
polished glass this accords closely with experi- 
ment. 2 It may be takpn, therefore, as between 
.0-1 and .0.3 per surface. In the case of object- 
ives with separated lenses there "ill be four 
such occasions for loss; for small objectives the 
inner cemented surfaces do not giye rise to any 
sensible loss, and therefore transmit some 10 
per cent more of the light. The losses by 
absorption have been investigated by H. C. 
Vogel 3 for a number of glasses, including 
ordinary Silicate Crown and ordinary Light 
Flint (Ò. 203 and 0 340 of Schott's list), which 
are suitable for larse telescopes. For the visual 
sppctrum these glasses are 'Tery transparent, 
but O. 340 "ith a thickness of 10 cm. to 15 cm. 
transmits no light at all of wave-length less 
than 3760 A. U., and shows a sharply defined 
absorption band at -1186 A.D., and a wpaker and 
diffuse one about 4370 A.V. The crown glass 
O. 203 also shows the former band. Other- 
wise the progression of absorption was regular 
and not strikingly different for the two glasses 
Vogel gives a table from which the folio" ing is 
an extract, showing the amount of light trans- 
mitted by objectives of different thicknesses 
In calculating for reflection, four surlaces 
1 A,<;froph.ll!
il'fll Jo-llTl/al. xxxii. 238 and 24
. 
2 Cf. Rayleigh, CollectN[ Works, ii. 5
2. 
3 Astrophys. Journ., 1897, v. 7;). 


of separatiun are allo\\ ed for. The aperture 
would, as a rule, be about si
 times the total 
thickness. 


Intensity of Transmitted in terms of Illcident Light 


Thick- 
ness of 
Objecth e 
in cm. 


With alIowance for 'Vith allowance for 
A b8orption only. Absorption and Reflection. 


VislL"l.l Actinic Visual Actillic 
Rays. Rays. Rays. Rays. 
4 0.93 0.84 0.77 0.69 
6 .90 .77 .7.'5 .t)3 
8 .87 .71 .72 .38 
10 .84 . G.} .70 .;:)3 
12 .82 .GO .G7 .49 
14 .79 .55 .G3 .45 
IG .76 .50 .{;3 .41 
18 .74 .4G .61 .38 
20 .71 .43 .59 .3:5 


It will be noticed that the balance that may 
exist between visual and actinic rays in different 
sources of light will be transfo;med, and in 
different manners, bv different objectives, so as 
to gIve, for example, inconsistent results in 
such research as that ,of the effective wave 
lengths of stellar images. 
(ii.) Reflector8.-
Ieasurements of the relative 
intensity of light of different wave-lengths are 
acquiring great and growing importance, and 
it should be noted that reflectors of all types 
also exercisp selective treatment of different 
rays. The following table (Hagen and Rubens) 
shows the percentage of light reflected from 
siker and a few other metallic surfaces. It 
will be noticed that silver dpposited on the 
front of a glass plate is distinctly more effective 
than when deposited on the back, apart from 
absorption by the glass. 


PERCENTAGE OF LIGHT REFLECTED FROM 
IETALS 
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I I 
A.t;. 
:!.3 10 34.1 3:J.8 3D 30 . . . . 

880 21.2 38,8 34 38 . . . . 
3050 9'1 39.8 32 4
 . . . . 
3lüO 4'2 . . . . . . . . . . 
32GO 14.6 41.4 
8 . . . . . . 
3:J80 55.5 . . . . . . . . . . 
3570 74.5 43.4 
8 51 . . . . 
38.')0 81.4 45.4 27 53 . . . . 
4200 8G'G 51.8 29 5(j . . . . 
4;:)00 90.5 54.7 33 GO 8:! 7:J 
I 5000 91.3 58.4 47 ü3 84 71 
5500 9
.7 G1.1 74 (j.j, 85 71 
GOtH) 92.G G4.
 84 ü4 85 70 
G.300 93.5 GG.3 89 tili 8li 71 
l 7000 94.(j G9 92 67 87 7:J 

OOO 96.3 70.3 93 71 . . . . 
1000 9G.G 75,5 97 7-1 . . . . 
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A silver surface, therefore, cannot he ap- 
proached by any other, so long as it remains in 
good urder, both for the vi,:mal and the actinic 
region of the spectrum. But in the ultra- 
violet, about À3160, for a short range, it 
becomès almost tran'3parent, the percentage of 
light reflected bf.ing hardly more than from 
clear glass. This limits its application, for 
example, .in some photo-electric researches. 
But in the same region an ordinary large object 
glass is completely opaque. 

 (13) GENERAL CC
SIDERATIONS.-It will be 
realised that some of the defects of a telescope 
considered in the foregoing pages are irremov- 
able with the means aUowed, and some of the 
requirements are mutually incompatible. But 
usually in each observation one or another 
consideration will be predominant. 
So long as coma is not aggressive, a wide 
fipld may be dispensed with in a large number 
of observations: for example, in transit work, 
where a good field of 15' radius gives ample 
time to take the observation, or in double star 
measures and micrometer work generally; 
and in all other classes of direct visual work 
where the object is brought to the centre of the 
field for examination; and in work with a slit- 
spectroscope, whether visual or photographic. 
Equally in these cases curvature of the field 
and astigmatism play no part.. 
In some classes of photometric work no 
good image at all is wanted; the star is de- 
liberately thrown out of focus, preparatory to 
estimating its total light. 
Aga
in, photographic work, where a correct 
delineation of a field of stars is required, may 
be divided into different classes according to 
the scale or focal length. \Yith a focal length 
of _ 20 feet, a field 1 0 acruss covers a circle 5 
inches in diameter. It would be easy to secure 
a correct field of so small a diameter, and more 
would not be asked of such an instrument, if 
only because the plates would be inconveniently 
large. If we want large fields we go to the 
other extreme and employ, as, for example, 
for the Franklin-Adams chart, a Cooke lens of 
aperture 10 inches and focal length 45 inches, 
which gives sensibly correct pictures of 15 0 
diameter, with a flat field. There would be some 
distortion in such a picture, and the scale would 
be comparatively small. But the plate is not 
used for measurement but for enumeration; 
or it is used for photography of nebulae or 
comets, where increase of scale without increase 
of aperture loses the detail by diffusing it. 
:l\Iidway between these extremes we have 
the telescopes of the Astrographic Catalogue; 
these are each, as near as may be, of 3438 mm. 
focal length, so that on the image I mm. 
represents 1 minute of arc; a field 2 0 square 
is photographed, which allowing for margin 
gives a plate about 6 in. x 6 in. On this scale 
over ten thousand plates are required to cover 


the sky-the mere difficulties of numbers will 
speak for themselves. The object glasses. 3-t0 
mm. = 13.5 in. diameter, were specifipd to be 
free from coma, but astigmatism and curva- 
ture of the extreme images are easily marked, 
the former by the images taking the furm of 
two short crossed lines, and the latter by the 
lower density of stars recorded, owing to 
fainter stars failing to impress themselves when 
their light is a little diffused. Such a plate 
can be measured right up to its limits for the 
relative co-ordinates of the stars, but is quite 
unsuited for work of the highest accuracy, for 
instance for stellar parallax. 
The reflector is well suited for all classes of 
visual observation, except transit work; and 
particularly suited for the spectroscope, owing 
to its light-gathering power. It is unapproach- 
able for photographs of nebulae, but has heen 
but little used fur fields of stars designed for 
measurement, owing to the irremova hIe coma 
which vitiates its field, and which becomes 
prominent in the large aperture ratios with 
which the reflector is usually made. In some- 
what the same way methods and instruments 
must be selected s
 as to avoid the intrusion 
of residual chromatic faults. A grpat refractor 
is usually applied to faint objects; if applied 
to bright ones, there is a blue glare in the field 
of disturbing intensity. This may be removed 
by using for such observations it colour screen 
which shuts out the blue rays. In the same 
way, by excluding rays that are not wanted, 
very perfect photographs have been obtained 
with the Yerkes 40-ill. refractor, which is 
corrected visually, by interposing a yellow 
colour screen and using yellow sensitive plate's. 
The loss of speed is of C01.1rse very gre3. t. 
Again, a telescope corrected visually can be 
applied to photography, or conversely, by 
interposing a lens in the beam which collects 
to a focus tb.e rejected rays. All the field 
except the centre is thereby sacrificed, but this 
does not matter if the purpose is to employ a 
slit-spectroscope. 
As remarked above, a region of investigation 
which promises to occupy growing importance 
is the distribution of light in different parts of 
the spectrum. This is a matter that has 
hardly been considered, in view of its import- 
ance. All telescopes in use modify the dis- 
tribution they record, each in a different way, 
and reflectors in a way that changes with the 
condition of the silvered surface. 

 (14) l\IOUNTING OF TELESCOPES: THE 
TRANSIT INSTRUMENT.-\Ye shall now describe 
briefly the principles of mounting telescopes, 
but, as eXplained in the beginning of this 
artide, we shall a void as far as possible 
astronomical detail, and direct attention to 
the geometrical and mechanical pro hlem. 
The Transit Instrument is dpsigned for 
measuring relative position of points on the 
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sky, or, gi\ren these, the orientation of thp 
observer in latitude and hour an
le with 
resppct tu them. The two problems are 
logically interlocked, but by a process of sift- 
ing, familiar in astronomy, they are gradually 
and effectively separated from one another. 
The necessity for the measuring instrument is 
the greatest fixity, subject to commanding the 
whole sky. The ordinary standard form aims 
at sweeping the meridian with the optic axis. 
This requires (1) two pillars built up from the 
ground, carrying" y "s at the same level and 
standing E. and \Y. with respect to one another; 
(2) a massÏ\re axis, "ith its ends resting on 
the" y "s as bearings: 
(3) a telescope fastened 
at right angles to this 
axis; this telescope is 
made in two sym- 
metrical pieces, the 
object glass and eye 
end being interchange- 
a ble if desired, and 
bolted to the" cube" 
which forms the 
middle of the axis, 
and which is per- 
forated to allow the 
beam of light to travel 
through. General 
sta bility and ('oustancy 
is sought by making 
all the supports mas
- 
ive, and relieving by 
counterpoises on ad- 
justable springs the 
greatest part of the 
pressure on the " y "s. 
There are, however, 
temperature or other 
seasonal changes to 
allow for. The former 
are dealt ,\ ith as far 
as possible by con- 
sidering symmetry as a rigorous requirement of 
the design. In the Cape Transit Circle as well. 
to guard against local differences, the telescope 
proper is completely enclosed in a copper 
sheath, and the instrument house moves bodily 
away from it in two halves. But finally it is 
assumed in the resulting observation that the 
telescope shows traces of complete maladjust- 
ment, i.e. three degrees of freedom, the coeffi- 
cients of which can only be derived by special 
check observations. Particulars of the pro- 
cesses would carry us too far into astronomical 
details. The print (Fig. :20), derived from 
Messrs. Troughton & Simms's Catalogue, 
shows the Cape Transit Circle (6-in. objective), 
and examination of it "ill show how the 
principles are put into practice. 

 (1.3) EQUATORIAL.-For the examination 
of an individual object, or for photographing 
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or mea
mring a particular field, a certain time 
up to an hour or several hours is required, 
and the telescope must be endowed with motion 
which cancels the earth's rotation. That is 
to say, it must rotate east to west about an 
axis parallel to the earth's pole
, at a rate 
which would give one Ievolution per day. The 
con
truction, then, is that of a massi,re axis 
pivoted so as to lie parallel to the earth's axis 
and geared by a clamp when desired to cluck- 
work which gives it the necessary motion. 
This polar axis carries perpendicular to itself 
the declination axis, a bout which the telescope 
itself is capable of rotating. If the telescope 
is turned about the 
declination axis. and 
the polar axis turned 
until a desired object 
is in the field of view, 
and then clamped, the 
clockwork will keep it 
pointed on the object. 
There is a \Tariety of 
ways in which these 
purposes may be 
carried out. 
(1) The polar axis 
may be prolonged be- 
yond its bearings and 
terminate in a pair of 
journals in which the 
declination axis 
swings; (2) the polar 
axis may be pivoted at 
its extremities and be 
built up in the form 
of a frame or cage in 
the midst of which 
the telescope s" iugs 
upon its declination 
a}..is; (3) the declina- 
tion axis may be 
attached in two 
separate pieces to 
opposite sides of the telescope and, broken 
itself, support the telescope symmetricall)-; 
(4) the declination axis may be prolonged on 
both sides uf the polar axis, carrying the tele- 
scope attached by bands to a cradle upon one 
side, with a counterpoise upon the other. All 
these forms are made and are illustrated in 
Fig.
. 21, 22, and 23 on p. 856. 
The
e illustrations show the constructions of 
the three 
reat reflectors made in recent years. 
The weights of the moving parts of these 
instruments are very great. For the Canadian 
telescope (73") at Yictoria. Yancouver Island, 
the polar axis weighs 10 tons, the declination 
axis 5, the mirror, cell, and tube together 12 
tons, and the whole instrument ,).3 tons. To 
hring pieces of such size within the range and 
accuracy of " fine" mechanical work is a great 
feat of exact engineering. In the case of the 
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two .:\Iount 'Yilson tcJescopC's th(' weight is 
carried ehif'fly by large discs plunged in baths 
of mercury: the Victoria telescope rdies upon 
ball be-aring
, and the counterpoising is so per- 
fect and the movement so frictionless that a 
pressure of 3 lbs. weight applied at the end of 


1:<'1G. 21.-Fork, 60". 


the declination axis suffices to turn it. In these 
great telescopes, designed for grasping very 
faint objects, it is essential that the clockwork 
driying should be as perfect as the optical 
work, otherwise the image on the photo- 
graphic plate is diffused and the advantage of 
size is lost. Driving differs from the optical 


FIG. 22.-Cage,100". 


work in this, that it is subject to control. A 
star is kept under visual observation, bisected 
by a pair of cross-wires; when a bright star is 
available it is a good plan to form a disc by 
throwing it out of focus and bringing this disc to 
bisection by two heavy wires which are visible 
without illuminating the field. This visual 
supervision is usually made with an accessory 
" guiding" telescope fixed to the same frame, 


but the mOBt pe-rfe-ct way is to have- t.Jl(' plate 
holder constructed with an eyepiece- attached 
to it so that the actual set of the plate may 
be observed directly. "
hen the clock dri,:e 
requires tu be accelerated or retarded, it is 
essential that this should be done with no jar 
whatever. Differential gear thrown in and 
out of action accomplishes it. If the clock 
carries an arbor making one revolution per 
second, the standard clock may be made to 
exercise automatic control in applying the 


FIG. 23.-Counterpoise, 73". 


gear, though this docs not dispense with per- 
sonal watching. For automatic control, a 
simple gear, ",'hich is said to work well, is 
a sector of soft iron, attached on the une- 
second arbor, and revolving so as to pass near 
the poles of an electromagnet which a signal 
from the clock makes live once eVf'ry second. 
But most of the methods of automatic control 
are prejudicial to smooth running. 
The mounting of a refractor is nearly always 
made by prolonging the declination axis 
beyond its journals and attaching the declina- 
tion axis as a cross-head, carrying the telf'scope 
at one end and a counterpoise at the other. 
For this form there arc two, reversed, settings 
fur any object, like the" changes of facc " uf 
a theodolite, and, generally speaking, one or 
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the other 
('ttin
 may be ina('('es
ible. The 
cru
s-head 
hould not be too short, otlu>r"ise in 
some positions the eye end "ill fuul the sup- 
porting pillar and cut 'Short an obsen-ation by 
neces::;itating change of face iJl the middle of it.. 
Fig. 24 shows a good example of modern 
construction, an IS-inch visual telescope for 
the observatory of Rio de Janeiro, by T. 
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will account for a certain amount of ju
t prefer- 
ence for the refractor. 
\. third conRideration i
 
less reasunable hut is probahly present. Diffi- 
cult as the optical problem of ma1.ing the 
object gla::;s of a telc8cope i", in comparison "ith 
the mechanical problem of mounting it, the 
most expensire part of a telescope arises in 
building its dome, mount, and clockwork. A 
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FIG. 2-1.-Rio, 18.... 


Cooke & Sons. Beside the great telescope 
are two camerab, each of 70 inches focal length 
and furnished with IO-inch Cooke lenses. :For 
the use of these cameras a 10- inch follower is 
provided, or the great telescoI)e itself could 
serve as a visual guider. 
Consideration of these designs "ill show that 
the refractor permits a more symmetrical, com. 
pact, and f':tronger mounting than the reflector, 
the tube being closed at both ends. Its optical 
condition is also not liable to variation. Both 
these are very important considerations, and 


mirror is very much easier and cheaper to make 
than an object glas::; of the same power, and 
\\ hen so much is spent upon accessories there 
is perhaps sôme inclination to complete them 
with the more costly optical provision. Gener- 
all
-, one 'Would say that a reflector deserves to 
have an even greater proportion of use in large 
optical 'Work than it gets at present. 

 (16) THE COELosTAT.-In place of follow. 
ing the daily rotation "ith the telescope, 
there is an alternative of keeping thp telescope 
fixed and reflecting the rays into it. This is 
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sometimes followed in the caðe of the sun, 
where there is am pIe light, because the use of 
long focus lenses and spectr()
copes presC'nts 
fewer difficultiC's if they are kept in a hori- 
zontal (or a vertical) plane. It is accomplished 
by one of two methods. The simplest device 
is the coelostat (Fig. 25). 
If S is any point upon 
the sky, and .N gives 
the direction of the 
normal to a plane mirror, 
then if SXS' is a great 
circle and SN =NS', S' 
gives the diæction of the 
reflected ray which 
arrives from S. Hence 
:1<'10. 
jo it is plain that if 
 is 
made to move along the 
equator with half the speed of the daily 
rotation, the ray S may be reflected to any 
fÌxed point S' lying on the small circle of 
south pular distance equal to the north polar 
distance of S; in particular it may bp sent 
horizontally to one or other of the two points 
So' in which this cirdC' cuts the horizon. And 
the image of the field round S will remain 
stationary and not rotate as S moves across 
the sky. On the other hand, the horizontal 
direction in which the ray is sent is not open 
to choice. To send it in a prescribed direction 
a second, fixed, plane mirror would be required. 
9 (17) THE HELIosTAT.-Foucault's Helio- 
stat, on the other hand, will send the beam con- 
::;tantly in any chosen direction (Fig. 26). AB is 
directed to the pole, TN 
/ A1 is the normal to the 
mirror; then if TB = BN, 
a ray arriving in the 
- - - - -
 direction BN is reflected 
from the mirror in the 
direction BT. Hence if 
there is a universal joint 
:FIG. 
ú. at T, and the rod TN 
slides through a well- 
fitting sleeve at X, and BN is clamped to AB 
so as to point at the polar distance of the 
sun, then giving the united piece AB + BN a 
movement equal to the apparent daily rota- 
tion, the mirror will send the beam out in the 
direction BT, which may be any desired direc- 
tion. The universal joint at T is made by 
furnishing the cell of the mirror with a pair of 
horizontal pivots which rest on the two arms 
of a large solid fork, which itself is capahle of 
free rotation about a vertical axis. ..A dis- 
advantage attending the Heliostat is that the 
image of the sun which is formed rotates, the 
north polar point of the sun passing from one 
side of the vertical to the other. R. A. S. 
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 (1) GENERAL PROPERTIEs.-Telescopes are 
optical instruments designed to enahle com- 
paratively distant objects to be observed on 
a uniform magnified scale. The image formed 
on the retina is thus increased in a ratio 
independent of the distance of the objC'ct, 
and the value of this ratio is called the magnify- 
ing power of the instrument. Paradoxical as 
it may seem, this rC'sult is achiC'ved by present- 
ing for inspection to the eye a dÍ111inished 
virtual image of the object, the ratio of the 
size of this image to that of the object heing 
the reciprocal of the magnif;\Ting power. The 
explanation of this paradox whereby the 
image on the retina varies inversely as the 
size of the immediate object viewed directly 
by the eye is vital to a proper understanding 
uf the telescope, 
It follows from the ordinary theory of re- 
fraction through a lens 1 that if x is the 
separation parallel to the axis of two object 
planes which have images magnified in the 
ratios G 1 and G 2 respectively, and if x' is the 
corresponding separation between the images, 


x' = x . G 1 . G 2' 


provided the refractive indices of the object 
and ima
e spaces are equal. If, now, the case 
of a telescope of magnifying power r is con- 
siùered, the image of every transverse object 
is diminished r times, so that G 1 =G 2 = 1/ 1 \ 
and if y is the length of a transverse objcct 
the image is of length y' where y' =yll'. 
_\mong the objects in the object space is the 
first lens of the telescope, and in nearly all 
cases the eye is placed as nearly as possible 
at the image of this lens. The distance of 
any particular object from this lens may be 
identified with x in the above formula, and 
x' is then the distance of the image from the 
eye. The relation between them is 


, x 
x =1'2' 


that is to say, the apparent diRtance of the 
object from the eye has been diminished as 
the square uf the reduction in the linear 
dimensions of the object. Thus, although the 
image is less than the object., it is so much 
nearer the eye that the final result is that 
the telescopic image appears to have been 
enlarged in the ratio in which, in fact, it has 
been diminished. Put in another ,yay this 
is a particular illustration of the well-known 
law that the angular magnification varies 
in yersely as the linear magnification. 
The relation between x and x' shows that 
the range of ocular accommodation required 


1 RN' " V'n'3(,
, Theory of Simple," 
 (7) ; also" Op- 
tical Calculations," 
 (7). 
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in viewing a peIiect image in a tclescope is 
cliual to that ci:\lled into play when the same 
objects are viewed by the <'ye from a nearer 
point, such that the retinal images are equal 
to those seen from thc further view point 
through the telescope. The only difference, 
in fact, apart from any due to imperfections 
in the in')trument, is the incorrect perspecti,re 
in the telescopic view for an image of the 
apparent size obtained by the use of the 
telescope. O\\ing to instrumental defects a 
much greater range of accommodation is, in 
fact, required, and special provision is made 
for this purpose in the telescope focussing 
adjustment. 
It will be gathered from what has ?lready 
been said that the telescope is peculiar among 
optic
J instruments in forming images of all 
real objects at a finite distance from the 
instrument. Thus it is only when celestial 
bodies are under examination that the emer- 
gent beams of light are parallel with an 
instrument in normal adjustment. Notwith- 
standing this, it is permissible, in dealing \\ ith 
the con'3truction of the telescope, to consider 
only the light emanating from infinitcly 
distant objects. The image of an infinitely 
distant object being itself at infinity, the con- 
dition characteristic of telescopes in the 
notation used in "Optical Calculations" is 
evidently 


K=O, 


and equations (31) of that article then show 
that the magnification is independent of the 
distance of the objcct, and since the magnify- 
ing power is the reciprocal of the linear mag- 
nification
 t.he desirable conditions for all rays 
in terms of the magnifying pmver rare 


f KI.n - r 
oKl - , 


êK1,n _ I 
é!t -;- - r' 


From equations (33) it is seen that the 
relations bet\\ een the incident and emergent 
direction cosines of the ray are 
::\f' N' 

Ï = N =r, 


and not the tangent law \vhich is usually 
assumed to hold, viz. 
::\1' N' L' 
")1 = N = L r. 


A further quantity of importance is the mag- 
nitude of c 2 Kl,n/èK l êKn, or D; this is of the 
dimensions of a length, and may be interpreted 
in terms of the distance of the centre of rota- 
tion of the eye from the last surface of the tele- 
scope when the eye is in its most favourable 
po
ition. The value of this eve distance is 
D/r, and similarly the image of the last surface 
of the telescope in the rest of the system lies 


in the object space at a distance Dr from the 
first lens. D may be given any finite value 
that is desired by changing the scale of the 
whole instrument, so it is necessary in con- 
sidering its value to consider the length of 
the complete instrument, or alternati,-ely the 
focal length of a selected component lens. 
The value of D in comparison with the 
apertures of the lenses determines the field of 
,iew of the telescope. 
* (2) GALILEAN TELEscoPE,-The simplest 
telescope consists of t" 0 lensps, the essential 
relations being in terms of paraxial quantities 


r-l 
Kl=tr' 


so that 


l-r 
K 2 =--, 
. t 
D = - t, 
I I 
- + - = t. 
Kl Kz 


If r is positive, so that the telescope presents 
erect images to the eye, one lens is positive and 
one negative, the image of either lens formed 
by the other being virtual. This is the con- 
struction used in the Galilean telescope (Fig. I). 
The chief merits of the instrument, a part from 


" 


FIG, I.-Galilean Telescope. 


its cheapness, are the brightness of the field 
due to the small absorption of light. The 
chief defects are the small field of view result- 
ing from the negative value of D. The chief 
use of this telescope is for low magnifications 
-say 2 to 5-and for night observation at 
sea. In an average instrument the" apparent 
field," measured by the angles corresponding 
to the extreme values of )1' when N' = 0, 
is about 16", the value in practice being 
nearly independent of the magnification. In 
theory it should be possible to obtain apparent 
fields which increase as the magnification falls. 
The real field, which corresponds to the extreme 
values of )1 "ith :x =0, is evidently obtainable 
"ith sufficient accuracy by the relation 
Apparent field =Real field x :\lagnifying power. 

 (3) ASTRO
O:M:ICAL TELEscoPE.-If the 
imaO'e presented to the eye is inverted. curre- 
S I )o
dinO' to a neaative" value of r, both 
o I:;, 
lenses are positive, and the desira ble posit.ion 
for t he eve is external to the instrument. 
Considerable advantages, hm, ever, result in 
this case by utilising three separate lenses, as 
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described below. An orùinary form i-; shown 
in Pig. 2. [t \\ ill be observed from the pre- 
ceding formulae that 
K;/.=-Klr, 


and this result may be extended to telescopes 
generally, however complicated their structure. 




 
. FIG. 2. 


In fact, the equations already referred to give 
at once for all values of À 
r _ K"+l,n _ 2K",n j aK l ,,, 
- - - 1(1,,, - aK" oK'\' 
'Vhen there are three lenses the two separa- 
tions, t 1 and t 2 , and D may be given arbitrary 
values. The powers of the lenses are then 
given by 


I 1 t 2 
Kl ="4 + 1>1' + Dtt' 
I D 1 
K2 = 
 + t;t 2 + t/ 


1 r t 1 
K3 =
 +:15 + Dt;:' 
For comfortable nse D should not. be numeri- 
cally less than 25r mm., its sign agreeing with 
that of r. If the apertures of the lenses are 
denoted by ai, a 2 , a 3 respectively, the maxi- 
mum .useful aperture under normal conditions 
is determinpd by 
a l = el r I, 
where e is the largest diameter of the pupil of 
the observer's eye when using the instrument. 
Under ordinary conditions a value for e of 
about 6 mm. may be adopted. This deter- 
mines the aperture of the objective, and a 
knowledge of the performance of objectives 
of various relative apertures enables an upper 
limit to be assigned to the vêtlue of Kl' In 
good instruments values of alK l as high as 
0.3 or O.:.J.> may be found. The remaining 
quantities follow readily on consider.ing the 
Hcld of view. The useful rays are effectually 
limited hy two stops in the object space, the 
images in the front part of the instrument of 
the second and third lens apertures. The 
image of the third lens, as has been seen, is of 
diameter U 3 I r I, and is a distance Dr in front 
of the first lens. The image of the second lens 
is of diameter 


I aoDr I 
t l +t 2 r ' 
and is situated a distance 
tlDr 
t l + t 2 r 


in fWIlt of the 1irst lens. As t 1 + t.!l' tenùs tu 
be small it is simpler to cOIlsidC'r the latter 
limit as a cone thruugh the first Jens aperture 
of semi-angle tan- l (a 2 /2t 1 ). The effect of the 
two apertures is to enable the whole aperture 
of the objective to transmit useful light for 
an angular field determined hy the smaller ùf 
the two ratios a 2 /t l and I a 3 /D I -I al/r I, "ith an 
outer zone of the field corresponding to the 
space between this limit and the smaller of 
the two ratios adtl and I a 3 /D I + I aJl' I. In 
this zone the brightness of the image con- 
tinuously diminishes from the inner to the 
outer limit because only a diminishing portion 
of the area of the objective receiyes light 
which is eventually transmitted to the image 
space. It is customary to include about one- 
half of this outer zone in the field of view, and 
a metal diaphragm is placed where t.he real 
image of distant objects at the limiting angle 
is formed to give a sharp edge to the field. 
The case of practical importance is when both 
D and r are negative and thE' powers of all 
the lenses are positive. A telescope of this 
kind is the foundation of the well - known 
prismatic telescopes usually combined in pairs 
for binocular vision. A positive value is 
always secured for t l + t 2 l', and this has a 
direct influence on the correction of the com- 
ponent lenses for colour. The system will be 
automatically maint.ained in telescopic adjust- 
ment for another colour if t J and t 2 remain 
unchanged in the expressions for K17 K2, K3 
while D and r are changed. Suppose that D 
and r become D(I +d) and 1'(1 +1') where 
d and l' are small. If the new value of each K 
is obtained by introducing a factor (1 + I/v), 
evidently the first approximations are 
Kl d +1' t.!d 
VI - -Dr - htt' 


K2 _ Dd 

 - tlt/ 


Ka 


r(d-1') tld 
- - D - - Üt 2 ' 


Va 


Now small variations in D with the colour am 
not of serious importance, so that the second 
leng need not be corrected for colour. If this 
lens is of a crown glass the variation of D ovpr 
the visible spectrum may be of the order of 
4 mm. If the value of d in terms of V 2 is sub- 
stituted in the other equations, it is found that 


Kl AI 
VI = - Dr - 


(t 1 +t 2 r)K2 t 2 
D 2 l'v 2 ' 


K3 r1' ( II + t 2 r)K 2 t l 
V3 D D2 V2 


Obviously the image will be visibly imperfect 
unless l' is very small. and the proper principle 
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for the correction of the e"'{ternal lenses is 
shown by making it zero. Since r is negative 
and all the other terms positive, VI should be 
positive and Va negative, that is, the objective 
should be undpr-corrected for colour and the 
eye lens over-corrected. If the sign of t l + t 2 r 
were reversed, 80 that the eyepiece were of 
the Huygenian rather than the Ramsden type, 
the requirements as regards these two lenses 
would be reversed also. The determination 
of the precise data for the construction of 
these lenses can follow the lines described 
under ,. Optical Calculations." \Yhen prisms 
are inserted for the erection of the image 
between the lenses the effect of the t
icknes'5 
of the glass-equivalent to a variation in t l - 
must be taken in to account. It is' worth 
noting that when the second and third lenses 
which form the eyepiece are regarded a
 a 
separate instrument, the conditions for the 
chromatic correction which follow from the 
above equations when both these lenses are 
of the same glass are inconsistent with that 
usually given, DZ. 
1 1 
2t,=- +-. 
- Kz Ka 


The correct condition in this case is 


2l;
 = ! ( 1 + 
 ) +.!.., 
Kz t l Ka 


and this approximates to the usual form when 
tt is small compared with t l . The desirable 
separation on this theory is al" ays greater 
than that given by the ordinary rule, and 
reaches a value twice as great when the first 
principal focus of the field lens is situated at 
the objective. 

 (-1) TERRESTRIAL TELESCOPE.-Telescopes 
having four or more separated lenses may he 
discussed in a similar way. The principal aim 
in introducing additional lenses is usually to 
present an erect instead of an inverted image 
to the eye, so that a form with positive values 
for D and r is desired. It "ill suffice, by' 
way of example, to consider a system of five 
separa ted lenses. 
Let irir-I"r - i r - t r - I = k r , 


and regard k
 and lo-l as independent variables. 
Then the powers of the odd lenses are deter- 
mined from 
1 1 t 2 k-l 
KI =
 + Dr + t J..], + Dk z ' 
k tlta t 2 t-l Dt 2 t a 

a=-+- + -, 
k 2 l... k 2 k.. 
1 r t a l... 
K5 =
 + î5 + t..1.--I + bi'-I ' 
In practice there are limitations to the extent 
to " hich 1.: 2 and l... may be varied independently 
')f one another, ànd a restriction it appears 


na tural to adopt is that 1.:3 will be small, so 
that the e'
en lense.
, which are likely. to be 
field lenses, "ill be appro
imately in con- 
jugate planes "jth respect to the third lens. 
As D i5 to be positive this implies that k 2 and 
k-l "ill differ in sign, A further limitation the 
designer ,\-ill wish to bear in mind is the value 
of the sum of the powers of all the lenses. 
If this is too large the curvature and astigmat- 
ism will tend to be inconveniently great. The 
'Talue of this sum is 


( D - k.. -I.: ) J ( 1 - r)1 f t,K t t t K t 
.....K-- 
...L_+
+
 
- - DI.:;!.1.-.. I Dr k 2 lo..' 


two terms being positive and two negative. 
In special cases these expressions are unsuit- 
able, for k 2 or k4 may be zero. Ambiguity in 
these instances may be avoided by treating 
k3 as an independent vadable, and the formulae 
become 


1 1 loa!.:.. - t"lt-l 
K 1 ="4 + Dr + Dti 
--' 
1 r k2ka - t 1 t a 
K:;=-+ - +- -- 
t
 D Dt;!.t-l' 


..... (1 + r)1 
...K- Dr 
1 
+î >tlt
tat-l {k a (l.1. t l t a +k..t 2 t 1 ) - (t 1 t 3 +t 2 t..)I} 
kt ka k.. 2 2 2 2 
+-+-+-+-+-+-+- 

4 

 

 4 
 
 
. 
If k 2 =0, 


k _ _ Dt 2 
-1- t 1 ' 
and similarly. if k-l =0, 
k 2 = _ Dt a 
t, . 
To determine the character of the chromatic 
correction necessary in the component::;, it \\ill 
be obsenTed that if latitude is allowed in D 
control of the two external lenses alone Í.::> 
necessary to ensure that the system remains 
a telescope of magnifying power r as the 
colour changes. It may, in the first place, be 
assumed that the even lenses are of a single 
glass of the same melting. In the particular 
case 


k 2 =k a =O, V2=V,=V, 



K = ll_- r)! + 2(t 1 + t 2 )(t 2 + t a ) _ (Dt l - tlt a + t!t-l}1 
Dr' tlt
ta Dt 1 t;!.t a t..' 


Dt
t3( 1 - vd) = (t l + t 2 )t 2 /-I + (f'3 + t..)t 1 t3> 


indicating a negative value for vd. Also 


( !
d )( !+
 _ ti-l ) =rl__'L_ ' lt2 :i"t!) 
VI ' t! Dr Dt1t a t l Dr t 1 !t 3 V.' 


and 


( 1 +d ) ( 1 

 _
 ) _
 + r.1 
V 6 t 1 'D Dt
t1 - t 1 D' 
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Thus if r =t1f3/l2l.t, the fifth lens requires to be 
achromatic, and cither the first and third 
must be separately achromatised or one must 
be under- and the other over-corrected, the 
relation between the amounts being 
(t 2 + t 3 )V 1 + rt.t1'3 = o. 
It is preferable to depart somewhat from thio;; 
condition, so a voiding having lenses in sharp 
focus with the image. If the real images 
precede the second and fourth lenses, the fifth 
lens must be over-corrected for colour but the 
first and third lenses mnst 
form an under-corrected 
com bination. If the images 
follow the second and fourth 
lenses the fifth will be under-corrected, and 
the first and third together will be ovcr- 
corrected. The modifi;ations involved when 
k3 is not zero are easily traced, and on 
the principles already illustrated lead readily 
to the justification of the form adopted for 
the terrestrial eyepiece when the last four 
lenses are of a single glass. 'Yhen large fields 
of view are desired the third lens should be 
built from 'more than one glass to enable the 
spherical aberrations to be properly controlled. 
Telescopes consisting of five separated lenses 
are largely used as gun-sights. In this case 
one of the real images lies in a plane in which 
cross lines are placed, either fine metal ,,,ires 
or lines etched on a flat glass surface. Pro- 
vision is made for the illumination of the lines 
for night use, the light falling oJ? the wires 
from the eyepiece side. or in the case of etched 
lines,' entering the glass plate through a polished 
edge. 

 (5) PRISMATIC TELESCOPES AND BIN- 
OCULARs.-The three-lens inverting telescope 
is usually converted into an erecting telescope 
by thp insertion of erecting prisms. :l\Iany 
different forms have been employed, in some 
of which the prisms lie between the lenses, 
while in others they precede them. In a 
few military instruments the prisms are also 
utilised to change the ùirection of sight, as 
in gun-sights to be used against aircraft. In 
the most usual form (Fig. 3) two isosceles right- 
angled prisms are used, with their principal 
plaJnes at right angles, the light entering and 
leaving each prism by the hypotenusp and 
being reflected at each of the equal faces. The 
effect of each prism is to reverse the direction 
in which the light travels and to invert the 
image in the principal plane of the prism, but 
not in the perpendicular planp. The two 
prisms together thus produce the inversion 
required while the light emerges travelling in 
its original direction, though the emergent 
axis is of course displaced relatively to the 
incident axis. Ad vantage is taken of this 
displacement in binocular telescopes to secure 
as large a separation as possible between the 


centres of the objectives while obtaining the 
eyepiece separation necessary for comfortable 
use with both eyes. The effect is to increase 
greatly the stereoscopic power of the im;tru- 
ment, that is, the extent to which the varying 
distances uf objects from the observer is made 
evident by the slight eye adjustments necessary 
to bring their images on corresponding rptinal 
areas. It is easily seen that, referred to the 
unaided eye as a standard in which this po"" PI' 
is represented by unity the stereoscopic powpr 
is equal to 


l\Iagnifying powel ' of telescope x Separation of objective centres 
Separation of eyepiece cent.res 


The action of the prism is very ea.sily deter- 
mined geometrically in simple cases, a.nd in 
com plex exam pIes a polar diagram enables 
the effects of any number of reflections to be 


To 
Eyepieces 


]'IG. 3. 


traced without difficulty. 'Vhen there are 
two plane reflecting surfaces inclined to one 
another at an angle a, as in F?'g. 4, the figure 
illustrates that any ray incident in a principal 
plane is deviated through an angle 2a. 'Vhen 
the ray does not lie in a principal plane of 
the figure its projec- 
tion on t.he principal 
plane follows the 
above law, and its 
component paraHel 
to the reflecting 
planes is una ffeeted. 
If, then, a is a right 
angle and the paths 
considered are por- 
tions of a ray inside 
a prism, thc angles 
made with the third 
face by the ray be- 
fore and after the 
dou blc reflection are 
equal, and the inci- 
dent and emergent 
angles in air arC' 
also equal. The essential condition is there- 
fore that the large angle of the prism 
should be a right angle, the equality of the 
other angles heing unimportant. The fact 
that in considering changes of (trcction only 
the projection in a principal plane necd be 
considered enables a simple geometrical con- 


FIG. 4. 



TELESCOPES. S3IALL 


863 


struction to be used, in which the path of a 
ray is represented by a straight line. IÁ't 
ARC (Fig. .3) represent a principal section of 
a prigm, and PQ a portion of the path of a 
ray "ithin the prism which meets the sides 
III the order AC, _-\.B, BC, _\.C. Let ABC' be 
a tnangle on AB, such that AB di,
ides AC'BCA 


FIG. 5. 


into two symmetrical triangles with AC' =AC, 
BC' = BC. Similarly on BC' let A'BC' be 
constructed symmetrically "ith AB(1'. It is 
then easy to see that the actual ray path 
PQR'S' cOlresponds to the extended straight 
line PQRS. The prism "ill produce no dis- 
persion if C'
-\.' is parallel to AC, that is, if 
2A + 2C ='1r, or if B is a right angle, and the 
prism is exactly equivalent to a plane parallel 
block of glass whose thickness is equal to the 
hypotenuBe AC of the prism. 
The prism is mounted in such a way that 
incident rays can only enter the face Ad in the 
half nearer to A, and only rays which emerge 
in the half nearer C can proceed further throuah 
. 0 
the Instrument. Evidently, in addition to 
such a ray as PQRS, it is possible for a ray 
like JKL
IX, which meets the sides in the 
order AC, AB, _\C, BC, _\C, to emerge, and 
the final direction may be parallel to that of 
R'S', though the incident rays made angles of 
opposite signs "ith the normal to AC. Such 
ra

s evidently cause a laterally inverted 
image 1 to he superposed upon that previously 
considered, and steps must be taken to pre- 
vent this. If the angle made by the ray with 
the normal to AC is not small, the ray "ill 
meet AB and B'C' at small inclination
, and 
the light which erentually reaches A"C' "ill be 
too faint to be troublesome. The rays which 
make a small angle "ith the norma( may be 
stopped by cutti.{g a slit symmetrically a
ross 
AC parallel to the line of intersection of 
\B 
and BC. From the images of this slit in the 
diagram it is evident th
t this simple dence 
i:3 adequ
te to prevent this "ghost" image, 
and that its only direct effect is to necessitate 
a somewhat larger prism to transmit the useful 
light than would otherwise be the case. 
I It may he noted that the f'haracter of the i
acr(' 
in .thi:-; respect (h'pemb upon the number of reftectio
:-; 
bemg even or odd. 


Thp size of the prism is evidently important. 
The larger the prism the longer the ray path 
in the prism, so that variation in the size 
involyes variation in the image position, and 
for a manufactured instrument the variation 
in size must be confined within narrow limits. 
The shaping of the base to fit in its seating 
is quite a distinct. question. There '"' ill, in 
practice, be a limit to the permissible difference 
in the base angles, as a large inequality would 
involve a loss of light m\ ing to the vertex of 
the prism, which is truncated, intruding into 
the region in which rays travel. These con- 
siderations, together" ith the fact that varia- 
tions from a right angle in the vertical angle 
are only important on account of the pris- 
matic effect of an error, lead to the conclusion 
that very great accuracy in the angles is not 
essential. Errors of the order of a minute 
of angle "ill be permissible: 2 this value may 
be contrasted "ith an accuracv of about a 
second necessary in a right an.;le when light 
may be iñcident first on either of the planes 
forming the angle. 
If one of the prisms of a pair, 
ituated in the 
way necessary to convert an inverting into 
an erecting telescope, is rotated so that its 
principal plane is brought into parallelism 
with that of the other prism, there is in one 
direction no inversion at all, and that in the 
other direction is a reinversion of the first 
inversion; in ot.her words, no inversion has 
been effected. It may be inferred that the 
image rotatps through twice the angle described 
by the prism. If, then, the principal planes of 
the two prisms are not at right angles to one 
another, the image of a vertical object "ill be 
inclined to the vertical. It is therefore neces- 
sary for the ridge of each prism to be very 
closely perpendicular to the longer axis of the 
base. The same principle shows that pyra- 
midal error in one prism produces the same 
effect as an error in the right angle of the 
other prism. Advantage is sometimes taken 
of this effect to combine together a pair of 
prisms which tend to compensate one another's 
defects when these are too great to allow of 
the use of one of them "ith a normal prism. 
It has already been seen that the prisms 
must be mounted in a way which prevents an 
alteration in the direction of their principal 
plane!'l. 'Yhen the prisms are placed between 
the objectiye and eyepiece it is equally im- 
portant to prevent a translation of a prism 
in the direction of its length. The fi(Ture 
(F1'Y. 6) shows that the effect of such a 
movement is to displace the emergent rays 
through t"ice the diç;tance throU!lh which the 
prism is moved. As a consequence of such a 
2 ToIerance
 of thrpe minutes for the right an!!lp, 
fixe minutp
 for thp -tj I angles, and three minute
 for 
thp pymrnirlal prror ha\"e he en propo
etl for servif'e 
in"trument,,-. 
pe Rf'lJOrl of the Committee on the 
Stlllldardisation of OpticallllstTllmellts, H 'I.
.O. 
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displacement, rays from a point on the axis of 
the objcctive, which should emerge parallel 
to the axis, will form an image off the axis of 
the eyepiece, and the emergent rays will be 


FIG. 6. 


deviated. Thus rays through the two tele- 
scopes of a binocular, which should emerge in 
parallel directions, will he inC'lined to one 
another, and unless this incJination is smaH 
the instrument cannot be used, par.ticularly 
for continuous observation, without causing 
discomfort to the observer. One of the most 
im portant details in a prismatic binocular is 
thus the means taken to ensure that the 
prism"S are held immovable in their seatings. 
The method must not involve local strain in 
the prism, as this is liable to cause fracture, 
in addition to deterioration in the image. 
To secure correct. adjustment within suitable 
limits the objective is usually mounted in a 
cell carried by two eccentric rings, which can 
be locked in any required azimuths. This 
device is illustrated in 
Pig. 7, where the small 
circJe represents the 
area to any point of 
which the centre of 
the objective can be 
brought, as is desired. 
The error resulting 
from inaccurate ad- 
justment of the instru- 
FIG. 7. ment is of the same 
kind as would be 
produced by the use of a direct vision 
binocular in which th
 axes of the two 
telescopes were inclined to onc another. It 
has thus bcen common to descrihe the error 
as "incJination of the axes," though this 
explanation is not strictly correct. The toler- 
able hmits of error naturally refer to the 
indinations of the two emergent beams, and 
are indepcndent of the magnifying power. 
As would he pxpected, a much greater error 
can be allowed when the beams diverge on 
leaving the instrument, so that the eyes are 
required to converge, than when the beams 
converge, or have a relative inclination in 
the vertical plane. If the permissihle errors of 
the enlPrging bpam are translatC'd into inclina- 
tion of the axes, the amount of error allowable 
deppnds upon the power, but below a power 
of 
 it is cU'
tomary to have fixpd limits of 
error for the axes, as the attainmcnt of the 


more stringent standard for low powers offers 
no difficulty. These axis errors may reach 
thrpe minutes in the vertical plane and six 
minutes in the horizontal without causing 
discomfort to the 0 h::;erver. 
Prismatic binoculars are generally mounted 
so that the two telesC'opes may rotate about 
an intermediate hinge, thus perm
tting the 
separation of the eyepiece'3 to be varied from 
about 5.3 to 70 mm. If the optical axes of 
the telescopC's are not parallel t.o the axis of 
the hingp, the incJination of the telescope axes 
wiJI vary with the interocular distance. In 
testing binoculars it is aecordingly customary 
to measure the errors of want of parallelism 
for three distinct interocular values. 
A further adjuRt.ment of importance in any 
instrument in which the two eyes are used 
simultaneously is a means of focussing each 
telescope independently. The nlOst satis- 
factory method is the direct one of mounting 
each eyepiece in a cell which may be 
moved in or out by a screw of very coarse 
pitch. 
This very brief description of the principal 
adjustments which are necessar;v in a }>ris- 
matic binocular suffices to indicate the com- 
plexity of the instrument in assembling its 


A 


R 


B 


FIG. 8. 


parts. In many designs attempts are made 
to a void this by the use of external !)risms. 
Other forms arc i11ul"trated in the artiele 
on German telescopes. 1 Another design is 
shown in the accompanying figure (Fz.g. 8), 
taken from a paper by H. Dennis Taylor. 2 
The lowpr portion of the prism is of t.he 
" roof" type. The chief advantages of t.his 
prism are it.s compact.ness and the need for a 
single prism only. From the figures of its 
development (Fig. 9) it is readily seen that the 
roof anglp B must he very closely a right 
angle, since parallel rays of the same beam must 
continue parallel whethcr their final pORitiolls 
are determincd by (kveloping the prism about 
RB and S'B or about SB and R'll. The 
devclopmcnt in the pcrpendicular plane shows 
that the bisector of t.he angle A must be per- 
pel
dicular to the roof ridge. 


1 Sf'C " Telescopes of (1f'rman Desi
n." 
II Transactions of the Optical Society, xxii. û3. 



TELESCOPE
, S)IALL 


863 


If, as in the illustration (Fig. 8), the prism is 
so enlarged to give increased stereoscopic power 
that the projections of the entrance and exit 
pupils do not overlap, the roof prism is used 
as an ordinary ri,!:!'ht-angled prism, and the 
accuracy necessary is n01 greater than in the 


FIG. 9. 


right angles of the prisms of the ordinary type 
of binocular. 
g (6) AXASTIG:\L\TIC TELESCOPEs.-In the 
paper just mentioned, Taylor describes a tele- 
scope in which the curvature and astigmatism 
of the image are corrected simultaneously. 
This implie
 the satisfaction of the Petzv'al 
condition, and therefore the presence of 
neg:ative lenses in the instrument other than 
th
se used to remove chromatic aberration. 
The accompan}ing figure (Fig. 10) shows a 
section of the instrument taken from the 
paper. The objective is of approximately 
normal type. In front of the real image is 
placed a very powerftù system of negative 
lenses X of fluor crown glass, achromatised 
\\ith an extra dense flint. 
This lens is essential for the 
attainment of" the desired cor- 
rection, and forms an image 
of distant objects appro
i- 
mately in the plane of the fi
ld 
stop dd. The use of the nega- 
tive lens in this position causes 
a large real image to be 
formed, corresponding to a 
focal length appreciably greater than the 
distance of the 0 bjecti \Te 0 from dd. The 
field lens F is necessarily a poweriul lens 
to de\Tiate to the eve lenses E. and E. the 
diverging beams which form the real iI;lage. 
F is made of dense barium crown ,glass to 
secure a high refractive index with a low dis- 
persion. E. and E! are placed close together, 
separate lenses being neces
ary to attain the 
desired aperture ratio. The positive com- 
ponents are of light baryta flint glass and the 
negatives of extra dense flint. The corrections 
obtained resem ble those of the most perfect 
photographic lenses, and the apparent field 
reaches 56 degrees. The telescope illustrated 
is of magnif)ing power 10, but systems of 
lower powers ha \Te been constructed. Two 


o 
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such telescopes may be mounted as a bin- 
ocular by the addition of t\\ 0 of the prisms 
illustrated in Fig. 8, in front of the two 
objectives. 
The chief difficulty in the construction of 
telescopes having their fields corrected in 
this way lies in the limited range of glasses, 
which necessitates the. use of decidedly lar
e 
curvatures in the component lenses, ul11e88 
the number of lenses is much larger than is 
usual in normal designs. In theory there is 
no difficulty, as may be shown by considering 
a particular type of construction. As is well 
knmyn, achromatic lenses can be made to yield 
images corrected for spherical aberration and 
coma for an object occupying a definite posi- 
tion. If in a train of lenses corrected in this 
manner the image formed by each lens occupies 
for the next succeeding glass the position of 
the object for which the latter is corrected, 
it is evident that the image produced by the 
entire instrument "ill be free from spherical 
aberration and coma. Lnder these condi- 
tions the curvature of the primary and 
econd- 
ary images produced by each individual lens 
"ill be less than that of the corresponding 
objects by the amounts K(3 + w) and ,,(1 + (iJ) 
respectively, where K is the paraxial pm' er of 
the component and w is its Petzval coefficient. 
It follows that the conditions for the simul- 
taneous removal of curvature and astigmatism 
are 



K=O and 
Kw=O, 


the sums being extended to include every 
component lens. I
 practice these conditions 


N df 
IE 
.1 
dl 


E 1 E 2 


FIG. 10. 


"ill need slight modification o\\ing to the 
presence of higher order aberrations \, hich 
must be partially compensated b:v those of 
lower order. The important feature of this 
particular solution is that the position in 
which the negative lenses occur in the system 
is immaterial, so it is at once evident that a 
solution is possiblp in which they are placed 
near the real image, thp one position in "hich 
the divergence they tend to produce " ill 
not be an insuperable obstacle in the way 
of controlling the positions of the raJ.s on 
emergence. 

 (7) Kr::\IERlcAL REsrLTs.-The following 
table gives the lpading dimensions and pro- 
perties of some of the best-known pattenls of 
telescopes and binoculars. 
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Diameter Diameter of Angular Apparent 
Type. :Uagnifying of Angular I.engt h 
Power. Objective Emergent :Field 
Pencil in mm. Degrees. Field in em. 
in mm. Degrees. 
Galilean binocular -1 50 ]2 4 If) 10 
Prismatic binocular 6 30 5 8 50 10 
Prismatic binocular 8 25 3 6 50 10 
Terrestrial telescope 45 75 1.7 0.8 35 llO 
Terrestrial telescope 1.3 30 2 2.3 35 60 
Gun-sighting telescope 8 50 6 5 40 60 
Variable power gun- 
sighting telescope 5 to 21 50 10 to 2.5 8 to 2 40 75 


T. S. 


TELESCOPES OF GER:\IA
 DESIGN 
THE general features of the optical systems 
em ployed in German telescopes are very 
similar to those which are to be found in 
British instruments. l The German designer, 
however, seems to make more use of specially 
designed prism systems to replace separated 
lenses for erecting the field of view. This 
characteristic, which leads to greater compact- 
ness, may be illustrated by a brief description 
of two German telescopic systems which the 
writer h
d occasion to dissect during the war. 2 
The two instruments in question are naval 
gun-sighting telescopes, manufactured by Carl 
Zeiss, J ena. 

 (1) PERISCOPIC SIGHT.-A vertical section 
of the optical system is shown in Fig. 1. 
The special feature of the system is the prism 
D, which is also shown in perspective in 


light from one half of the field i
 next reflected 
from the face d to the face e. that from the 
other half of the field being reflected from e 
to d. The light then passes out of the prism 
at the face c. The 
path of the central 
ray is indicated in 
Fig. IA by means of 
arrow-heads. In order 
to prevent overlap- 
ping or separation of 
the two halves of the 
field the angle be- 
tween the faces d and 
e, which form the 
" roof" portion of the 
prism, must not differ 
from 90 0 by more FIG. lA. 
than a few seconds. 
The angles between the other faces of the 
prism are approximately as follow: 


Window 


Colour 
A tf Objectiue Fi
er 
8 1 2 
. . ., d . _ _

 


Angle between a and b, 60 0 
band c, 120 0 
c and d, 52 0 45' 
d and e, 52 0 45' 


Faces a and c are parallel. This type of prism 
is also employed in many Briti::;h 
æ instruments, particularly in dial 
E 
Ð H 2 K sights, but the Germans seem to 
_ 
 FbG :
2 d a 
 a.b use it much more frequently. 

 
 (2) RIGHT A
GLE SIGHT.-A 
vertical section of the O p tical 
Graticu1e 
Eye- system is given in Fig. 2. The 
Piece instrument is designed to deflect 
the light through a right angle, and is 
evidently intended for use in a position 
where the optical axis of the eyepiece makes 
an angle of 45 0 with the vertical, the eyepiece 
being directed upwards. The prism D ' in this 
instrument is of rather an unusual type. 
It is shO"\""11 in perspective in Fig. 2A. The 
light enters at the face a', is reflected internally 
1 See article on .. Telescopes." at b', and then at c ' , and passes out of the 
2 For a complete rlescription of the instruments' h f d 
see .T. S. Anderson and A. B. Dale, Opt. Soc. Trans., prIsm at t e ace I. The path of the central 
1919, xx. 315. ray is indic
ted by means of arrowhcads. 


FIG. I. 


Fig. IA. It is of the "roof" prism type, 
and is designed to displace the optical axis of 
the instrument parallel to itself through a dis- 
tance of 5,5 cm. and to reverse the field. The 
light enters at the face a (Fig. IA), and is tot.ally 
reflected internally at b and then at c. The 
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The angles between the faces of the prism are 
approximately as follow: 


Angle between a' anù b', 4.'):> 
b' and e', í5 0 
a' and e', 90 0 
e' and d', 6ï o 30' 
a' and d', 90 0 


,. 


These instruments also serve to illustrate 
a rather novel method of illuminating the 
cross-lines for night work. The cross-lines 
are engraved on the flat surface a of the 
graticule lens (F in Fig. 1 and F' in Fig. 2), 
the edge of which is polished. On the outside 
of this lens there is mounted a cell, in a 
groove of which are two small glass tubes of 
circular cross-section and bent round in the 


1. K' 

H: 

H: Eye-Piece 

 ' 
I c 
: 
t::==:

 -- Graticule 
c::=:
 F; 
E 


Pri 8m 


D' Obje
tiue 
Colour Filter B 1!f B' 
, II 1 
-f---- - d ,. - 


form of rings. These tubes are filled" ith a 
fine powder which consists of a luminous 
compound having approximately the same 
luminosity as that given by the British .2 mg. 
radium bromide per gr. compound. The 
light from this compound serves to illuminate 
the cross-lines when the instruments are being 
used in the dark. If the light should prm
e 
to have a disturbing effect in finding an object 
at night the illumination can be screened off by 
moving the cell, which contains the tubes, 
a short distance along the axis. This is 
accomplished by means of a worm - gear 
arrangement. 
For more detailed descriptions of German 
telescopic systems reference may be made to 
The Theory of Jlodern Optical Instruments, 
by Dr. Alexander Gleichen, translated by 
H. H. Emsley, B.Sc., and ,Yo Swaine, B.Sc. 
J. 8. Å. 


TDIPERA1IEXT: a term used in music to 
rlenote a system of musical notes in "hich 


certain intervals are purposely modified in 
order to meet the requirements of practical 
convenience and allow of free modulation 
"ith fe\\er notes. See" Sound," 

 (4), (5). 
TE
IPERAMEXT, EQUAL: the musical tempera- 
ment most commonly used, in which the 
semitones, whether diatonic or chromlltic, 
are exactly half the tones. See" Sound," 

 (6) (h--.). 
Attained on wind-instruments with special 
vah?es. See 1.bid. 
 (40). 
TE1IPERA
IE
TS, CHIEF :MUSICAL, AXD JeST 
IXTO:XATIO
. tabulated. See" Sound," 
 (6) 
(v.). Table I. 
TEST OF "MIRROR OF R EFLECTI"'\O TELESCOPE. 
See " Telescope," 
 (II). 
TEST-CASE OF TRIAL LEXSES: a series of the 
lenses forming the variou
 possible com bina- 
tions of spectacle lenses, used in testing a 


c' 


a,l 


Window 
l:l 
-D 


FIG.2A. 


FIG. 2. 


patient's vision. See ,. Ophthalmic Optical 
Apparatus," S (9). 
TEST PLATE: an appliance of the practical 
optician having a very perfect optical 
surface, either fiat or curyed. See" Op- 
tical Parts, The 'V orking of," 
 (4); also 
"Interferometers, Technical Applications 
of. " 


TETRA - IODO FLUORESCEIX: a reagent for 
testing optical glass. See" Glass, Chemical 
Decomposition of," 
 (3) (i.). 


THEODOLITE, THE 

 (I) THE theodolite is not only the most 
important of sUf\?eying instruments, but one 
of the oldest. Leonard Digge8 in 1571 1 
describes a "Theodelitus" consi
ting of a 
graduated horizontal circle, with an " Alidade " 
I or sight pivoted on a vertical axis through the 
I 1 Lponard Dig
e8J A GeometrÍJ:ul PructÜ'ul Treati$e, 
etc.. !:>ï1. ' 
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centre of the circle. The theodolite \\ as 
therefore primarily an instrument for measur- 
ing horizontal angles, i.e. the angles between 
planes containing the '
erti('al axis of the 
instrument and the various objects observed 
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to. Digges also shows how a "quadrant" 
can be added so as to observe angles of eleva- 
tion or depression at the same time as the 
horizontal angles. The theodolite as now 
made is generally provided with a vertical 
are, and most modern instruments are made 
so that the sighting telescope will "transit" 
on its horizontal axis, 'i.e. so that it can be 
reversed end for end without removing it 
from its bearings; in this case the vertical 
arc (if provided) is generally a complete circle. 
Such instruments are known as "transit 
theodolites," or shortly (especially in the 
U.S.A.) as "transits." The instrument was 
first developed as an accurate portable instru- 
ment by English makers in the latter part 
of the eighteenth century. The 3 ft. theodolite 
by Ramsden made in 1787 for the Royal Society 
was the first which was sufficiently accurate 


to detect the spherical excess of terrestrial 
triangles. For the history of the theodolite, 
see Laussedat. 1 
Instruments are now made with circles 
ranging from 3 in. in diameter (for explorers) 
to 12 in. (for geodetic work). 

 (2) DESCRIPTION. - Fig. 1 iHustrates a 
6-in. micrometer transit theodolite by Trough- 
ton & Simms, and Fig. 2 a 5-in. example 
by E. R. 'Yatts & Sons. In both cases the 
cire1e
 are read by micrometer microscopes to 
10 seconds, and to single seconds by estimation. 
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FIG. 2. 


The telescope A is an ordinary astronomical 
telescope provided with cross hairs, and 
mounted on a horizontal axis B. '''hen the 
instrument is in perfect adjustment, the 
collimation line of the telescope intersects 
the horizontal axis at right angles. The 
diaphragm can be adjusted by the screws 


1 A. Laussedat, !:pclierche,r; sur les insfrumcuts, les 
méthodcs. ef Ie dessin to]Jographiljuc,<;, lRfJH. 
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sho\\ n in Fig. 1 (in Fig. 2 they are concealed 
by a screw-on cap). The axis B is carried by 
arms attached to the upper plate of the in- 
strument. The upper plate is shaped to 
protect the didded circle, and carries the 
microscopes for reading the circle. The whole 
instrument is supported on a trybrach D, 
with three levelling screws E. The upper 
plate and the 10"Ter plate (carrying the divided 
circle) are capable of rotation independently 
on concentric vertical axes. A clamping 
screw It clamps the lower plate to the try- 
brach in such a manner that a small relative 
motion can be given by the slow motion tan- 
gent screw H. Similarly clamping screw J 
and tangent screw K. connect the l1pper and 
lower plates. The vertical axes should inter- 
sect the horizontal axis at right angles, and 
at the same point in which the collimation 
line intersects it. An adjustment is provided 
for raising or lowering one end of axis B so 
as to make it perpendicular to the vertical 
axis. The vertical circle is rigidly attached 
to the telescope. In Fig. 1 the microscopes 
for the vertical circle are attached to an arm 
which also carries the sensitive spirit level L, 
and which is mounted rotatably on the hori- 
zontal axis, and prevented from turning with 
the telescope by the clip screws 
I. In this 
instrument the vertical circle with its micro- 
scopes and level is lifted out of its bearings for 
packing in its transport case; the vertical 
circle is unprotected. In the instrument 
shown in Fig. 2, the axis B revolves in seg- 
mental bearings, and is not intended to be 
removed from them, the microscopes and 
bubble L are fixed to the arms supporting 
the axis B, the bubble is viewed by means of 
a mirror, and the vertical circle is 
completely 
enclosed. "Then the vertical circle is read 
by verniers, these are always carried on an 
arm, as are the microscopes in Fig. 1. A 
clamping screw (not visible in either photo- 
graph, but visible in Fig. 3) clamps the tele- 
scope axis to the arm 
, while a tangent screw 
. 0 pro\ides a slow motion. "
hen in proper 
adjustment, the microscopes should read 
zero when the bubble L is levelled and the 
telescope is horizontal. One or two levels P 
on the upper plate provide for levelling the 
vertical axis. A striding level Q rests on the 
ends of axis B to ensure its being horizontal: 
this lifts off for packing, or when not required. 
A diagonal eyepiece is provided for taking 
sights at high angles of elevation. Some 
instruments have a circular compass on the 
Upper plate, while others have a trough com- 
pass that can be attached to one of the arms 
(R, Fig. 1). In some cases the main spirit 
level is attached to the telescope instead of 
to the microscope arm: this is more convenient 
if the instrument is to be used as a le\.el, but 
less so for reading accurate vertical angles. 



 (3) DETAILS OF CüXSTRrCTIo:!\.-These 
vary considerably in different instruments. 
Fig. 3 show::; details of an instrument similar 
to Fig. 1. The upper plate is fixed to a coned 
spindle S, which revolves in the hollO\v spindle 
T carrying the circle, which again revolves in 
a bearing fixed in D. A nut fixed to the bottom 
of S prevents the withdrawal of the spindles. 
In small instruments the weight is sometimes 
taken by the coned bearings, but in larger 
instruments only sufficient weight should be 
so taken to prevent shake. Fig. 4, sho\\ s one 
method of arranging this. In order to pre\Tent 
shake and take up wear in the levelling screws 
E, the ends of the trybrach arms are often split 
vertically and the sides pulled together against 
the screw E by the screw U (Fig. 3). In older 
instruments the thread of screws E was 
generally left exposed, and the wear due to 
dust was often considerable; in Figs. 1 and 
3 they are shown covered in. Fig. 5 shows 
another method of arranging this; a nut V is 
screwed and fixed into D, and the footscrew 
works inside Y. The upper portion of \? is 
split, and its outer surface is coned; a dust 
cap \Y is coned inside, so that when screwed 
down it grips the top of V and presses it on 
to E. 
Fig. 6 shows the construction of the lower 
part of Fig. 2. In this case, S is a hollow 
cylinder of hardened steel, which revolves in 
a
 fixed bearing Y, while the circle is carried 
by a hollow bearing T, which revolves round 
S. The whole weight is taken by two ball- 
bearings. This makes a very easy movement, 
and wear of the main axes is practically elimin- 
ated; a further advantage of this construction 
is that there is no difficulty in making the t\\ 0 
vertical axes coincident. The hollow spindle 
enables the telescope to be used for centring 
the instrument o\?er the station mark. A nut 
X prevents the spindle from being withdrawn. 
The whole support Y of the upper portion of 
the instrument has a small horizontal mo'\e- 
ment with respect to D for fine adjustment of 
the centring, bein!! clamped by the screw Z ; 
Fig. 3 sho\\ s a similar movement below the 
levelling screws. 
In large instruments the double-coned 
bearing is not used; the lower plate is fixed 
direct to the base of the instrument, and, 
though capable of rotation, it is not prm.ided 
with any slow motion. 
The c
nstruction is simplified and cheapened 
if verniers are substituted for microscopes, 
but at the expense of the accuracy of reading 
the angles. and verniers may often be used 
with advantage on the \
ertical circles. Great 
accuracy of reading vertical angles is seldom 
req uired, except for certain astronomical 
observations, and if the theodolite is fitted 
with arrangements for using Talcott's method, 
all necessary astronomical observations for 
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survey work can be carried out without any 
accurate readings on the vertical circle. See 
"Surveying," 
 (27). 

 (4-) .:\IETHOD OF TAKIXG OBSERVATIO
S.- 
The inBtrument must be set up and carefully 
centred over the station mark by means of 2. 


Nut 


FIG. 4. 


plumb-bob, or by a nadiral telescope, and the 
vertical axis brought truly vertical; for 
accurate work the most sensitive bubble avail- 
able should be used for the finalle'
elling. The 
eyepiece is focussed on the cros:;; hairs and then 
the telescope focussed on the distant object. 
It should be noted that the eyepiece focussing 
depends on the sight of the observer and the 
telescope focussing on the distance of the 
object; theimagefurmed 
by the object glass must 
W be in the plane of thE> 
cross hairs, or the cross 
hairs "ill appear to 
move relative tù the 
distant object if the 
o bser\er' s eye moves. 
(i.) Observing Hori- 
zontal Angles.-The 
usual method is known 
as the direction method. 
The lower plate is 
clam ped, and the tele- 
FIG. ;). scope is turned on the 
first object, the object 
being intersected by the vertical cross hair by 
means of the slow motion screw. The hori- 
zontal circle is then read. The upper plate is 
then undamped and the telescope swung to the 
right till the ne
t object appears in the field 
of new, the plate is clamped and the final 
intersection carried out by the slow motion 
screw, and the circle again reacl. All stations 
are intersected in the same manner, swinging 
to the right, and closing on the original mark 
as a check. The telescope is then transited 
and a similar round taken swinging left. 
Observations taken with the vertical circle 
on the left and right of the telescope are I 


known as "face left" and "face right" 
respectively. In all accurate work an equal 
number of rounds should be taken ,. swing 
right" and ,. swing left" and an equal 
number "face right" and "face left." By 
taking sets of rounds on different zeros, i.e. 
with different readings on the circle for the 
pointing on the first mark, the errors of 
graduation are averaged. In geodetic 
.ork 
at least 6 zeros are used, with two "faces" 
on each zero and two " swings" on each face. 
In tertiary work 2 zeros, 2 faces, and 1 swing 
on each face may suffice. The number of 
rounds taken depends on the accuracy 
required, and the accuracy attained should 
be judged by the closing errors of the 
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FIG. 6. 


triangles rather than by the agreement of the 
individual measurements of the angles. 
A method sometimes used is the "repeti- 
tion" method, when each angle is measured 
separately. The one object is intersected as 
before and the circle read, the upper plate 
is then unclamped, the telescope turned on 
the second object, which is then intersected; 
leaving the upper plate clamped the 100\er is 
unclamped and the telescope turned on the 
first object, which is then intersected with 
the lower tangent scrm\"; the whole process is 
repeated se,-eral times; the final angle read, 
di,-ided by the number of repetitions, gives the 
actual angle. A similar set should then be 
taken on the other face. This method reduces 
the error due to reading the circle, and is 
sometimes of use, but with modern instru- 
ments the errors due to the circle readings are 
likely to be less than the errors due to move- 
ment of the clamps, and the method is seldom 
used. It is never used for geodetic work, and 
large theodolites are seldom provided \\ ith 
the necessary slow motion on the 10'\\ er 
plate. 
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Some large instruments are provided with a 
" watch" telescope attached to the lower plate. 
A reference object is intersected by this and 
observed at intervals, with the result that any 
movement of the lower plate, or twist of the 
stand, can be observed and allowed for. 
Horizontal angles are best observed with 
the horizontal axis unclamped. 
(ii.) Observing Vertical Angles.-Vertical 
angles are best observed with the upper plate 
undamped. The instrument must be very 
carefully levelled. The position of the bubble 
on the microscope arm should be noted at the 
time of observation, and a correction made if 
it is not in the centre of its run. A second 
reading should be made on the opposite face; 
this is even more important in the case of 
vertical angles than in the case of horizontal 
angles, and a reading on a single face is of 
little value o\\ing to collimation errors. 

 (5) ERRORS AND ADJUSTMENTS. (i.) Er- 
centricity of Circle.-It is easily shown that if 
there are two or more verniers ( or micro- 
scopes) evenly spaced round the circle the error 
due to any eccentricity of the circle with 
respect to its axis cancels out if the mean 
reading of the verniers is taken, and that the 
same applies for all practical purposes if the 
verniers are not quite exactly spaced. A 
small adjustment can be made if necessary 
in the spacing of microscopes by moving the 
drum and the comb, but the spacing of the 
verniers and the eccentricity of the circle are 
matters for the makers. 
(ii.) Horizontal C.ircle not in Plane Perpen- 
dicular to the Axis.-The maximum error 
introduced is about !a 2 , where a is the (small) 
angle of tilt; this error is negligible, as if a 
were large enough to proùuce any appreciable 
error the verniers or microscopes would be 
noticeably untrue on the circle. 
(iii.) r ertical ...lxis r ertical, but Horizontal 
Axis not Horizontal.-If the horizontal axis 
make an angle " with the horizontal the 
error introduced is " tan h, where h is the angle 
of elevation of the angle observed. This error 
i:s especially important when horizontal angles 
are measured to points at a considerable 
elevation, as in astronomical observations for 
azimuth. Tho error will cancel out in the 
mean if observations are made on both faces, 
or the striding level can be used and a correc- 
tion made for any dislevelment found at the 
moment of observation. 
(iv.) Vertical Axis not Vertical, but Horizontal 
A. xis Perpendir ular to Vertical Axis.- The 
error depends on the angle a between the 
direction observed and the plane in which the 
axis is tilted, the angle of tilt ß, and the 
elevation of the object observed h, and 
amoun ts to ß sin a tan h. As ß sin a will 
represent the actual tilt of the horizontal 
axis its amount can be ascertained by the 


striding level and a correction made if 
necessary. 
It will be noticed that this error due to 
dislevelment cannot be eliminated by any 
method of observation, but that they only 
become of importance when points are 
being observed to at a considerable angle of 
elevation. 
(v.) Coll-imation Line not Perpendicular to 
the Horizontal Axis.-In this case the line of 
sight traces out a small circle }larallel to the 
great circle through the zenith. If u is the 
angle the collimation line makæ with the 
perpendicular to the horizontal axis, and h 
the angle of elevation, then the- error is 
u sec h. If a second observation be taken 
after changing face the error will remain the 
same in magnitude but will be of opposite 
sign, hence the mean of the two observations 
will be free from this error. The collimation 
error can be ascertained in several ways; the 
two commonest are: (a) InterseC't a distant 
object, nearly at the same level as the instru- 
ment, leave the horizontal circle clamped, 
lift the telescope out of its pivots and replace 
after turning through 180 0 about its length; 
if the object be still intersected the instrument 
is correctly collimated in azimuth, but if not 
the actual error is half the apparent error, 
and can be corrected by moving the cross 
hairs. This method is only possible when the 
telescope can be lifted out and reversed. 
(b) Intersect an object as before, transit the 
telescope, and revolve the upper plate till the 
object is again intersected. If the difference 
of the two readings on the horizontal circle 
is exactly lðO o the instrument is in collimation, 
if not half the difference is the collimation 
error. 
(vi.) Collimation Line Perpendicular to the 
Horizontal Axis, but Distant d from tlte r ertical 
Axis.-In thiR case the error is 
, where 
sin 
 =djl, 1 being the distance of the object 
from the instrument. This error also cancels 
out in the mean of two observations on differ- 
ent faces, and in any case can only be appreci- 
able on short sights. 
(vii.) Fertical Cross Hair not rertical.-This 
is tested by intersecting an object, and moving 
the telescope in altitude, when the object 
should remain intersected over the whole 
length of the hair. If it does not, the 
diaphragm must be rotated till it does. Any 
residual error can be avoided by always 
intersecting on the same portion of the cross 
hair. 
The above refcr to horizontal angles, hut 
errors (i.), (ii.), (vi.), and (vii.) apply 11'1'utatis 
mutandis to vertical angles, and are eliminated 
in the same way. 
(viii.) Vertical Colli mation. - All vertical 
angles are read with reference to a spirit-level, 
and when the instrument is in adjustment 
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and "ith the vernier (or micrometer) arm 
bubble in the centre of its run, and the verniers 
reading zero, the collimation line should be 
horizontal. This is tested by reading the 
elevation of any distant object on both faces, 
making any necessary correction for any move- 
ment of the bubble between the two observa- 
tions. The elevations read should be the 
same; if not, the true elevation is the mean 
of the two readings, and the error is half 
the difference. The error can be removed 
by adjusting the bubble, by adjusting the 
verniers (or microscopes), or by altering the 
cross hairs. The last method is not good, as 
the cross hairs should be on the axis of the 
object glass; the choice between t_he other 
two methods depends on the" construction of 
the instrument. In instruments such as 
those illustrated in Figs. 1 and 3, where the 
bubble is attached to the arm carrying the 
verniers, the true elevation of a point is found 
by readings on two faces. The verniers are then 
set to the correct reading by means of the 
clip screws; and, lastly, the bubble is brought 
back to the centre of its run by means of its 
adjusting screws. In instruments such as 
that illustrated in Fig. 2, where the bubble is 
attached to the upper plate, it must be set 
with reference to the vertical axis, and in 
this case the micrometers must be made to 
read correct by altering the drum, and (if 
necessary) the comb, or even by moving the 
whole microscope. 
All the errors considered above, except 
the levelling errors, can be eliminated by 
suitable means of observation, but it is still 
desirable that the errors themselves should 
be small. It is sometimes only possible to 
observe on one face, and it is sometimes desired 
to pick up an indistinct object, or faint star, 
by setting the known angles on the circles. 
There remain four important errors: 
(ix.) Errors of Intersection.-These depend on 
the skill of the observer, the power and optical 
qualities of the telescope, the character and 
illumination of the object intersected, the 
suitability of the graticule, and the steadiness 
and clearness of the atmosphere. In any given 
circumstances the error can only be reduced by 
taking the mean of a number of observations. 
It is sometimes advantageous to use a micro- 
meter eyepiece, and obtain extra intersections 
bv its means. 
"(x.) Errors of Graduation. -These depend 
on the maker of the instrument, and the best 
modern instruments should have no error 
greater than a few seconds, and in the larger 
instruments the ma
imum error should not 
exceed two or three seconds. The resulting 
errors can be reduced by taking a number of 
readings on different portions of the circle, 

'.e. by taking rounds of angles on different 
zeros. 


(xi.) Errors of Reading the Circles. - This 
depends on the method of reading adopted 
(see article "Dh
ided Circles "), the micro- 
meter microscope being the most accurate. 
In the case of micrometer microscopes the 
error depends very largely on the illumination 
of the circle. The error can be reduced by 
taking a number of readings. 
(xii.) Atmospheric Refraction. - Horizontal 
refraction 1 is seldom appreciable, unless the 
conditions are obviously unsuited for observa. 
tions. or unless the line of sight grazes a build- 
ing or the side of a hill; a rather noticeable 
case is given in the Professional Papers of 
the Ordnance SUrl'ey, Ko. 2, p. 11. Vertical 
refraction is always important. E. o. H. 


THERMAL ESDURAKCE OF GLASS. See 
" Glass," 
 (31). 
THERMOELECTRIC ::\IETHOD OF SPECTRO- 
PHOTOMETRY: the method depending on 
the use of a thermopiJe and galvanometer. 
See" Spectrophotometry," 
 (16). 
THERMOPILE AS A PHYSICAL PHOTOMETER. See 
" Photometry and Illumination," 
 (35). 
THO:r.lPSON - STARLIXG PHOTOl\IETER. See 
" Photometry and Illumination," 
 (27). 
THORIUM ACTIVE DEPOSIT, DECAY OF. See 
" RadioacthTity," 
 (20) (i.). 
THORIUM X: the first product of the radio- 
active disintegration of thorium. See 
" Radioactivity," 
 (3). 
THRESHOLD: door, entrance, the place or point 
of entering; used in connection with the 
senses to indicate phenomena associated with 
very feeble stimuli just sufficient to produce 
a sensory response. See" Eye," 
9 (4) and 
(14). 
TIl\IE, OBSERV ATIOX FOR, for survey purposes. 
See "SunTeying and SunTeying Instru- 
ments," 
 (2,3). 
TUIE EFFECTS, VISUAL. See" Eye," 
 (17). 
TRA
SFORl\IATIO
S OF RADIOACTIVE SUB- 
STA5CES, THEORY OF S{;"CCESSIVE. See 
" Radioactivity," 
 (20). 
TRANSFORMER: an appliance for converting 
alternating current at low voltage to 
current at high voltage, or rice 'l'er.<m. :-:;ee 
" Radiology," 
 (16). 
TRAXSIT 1\IOUNTIXG FOR TELESCOPES. See 
" Telescope," 
 (14). 
TRANS:\IISSION, SPECTRAL. See" Spectra 
photometry," 
 (14). 


1 
ee article" TrÌ!wnon1etricaJ Heights and Terres- 
trial Atmospheric Refraction, " Vol. III. 
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TRA
Sl\n
:sIO
 LOSSES with carLon arc as 
source cannot be less than 10 per cent. See 
" Projection Apparatus," 
 (8). 


TRA
SPARENT SFBSTAXCES, TESTS 
:FOH, HO
IOGEXEITY OF 


IN making use of transparent substances, such 
as glass, quartz, fluorite, etc., for optical 
purposes it is essential to know the degree of 
homogeneity of the pieces of material em- 
ployed. The main defects met with take the 
form of bubbles and striae or veins due to the 
presence of layers having different refractive 
indices. Bubbles can usually be detected by 
the naked eye or with the help of a microscope. 
\Vant of homogeneity may be revealed by 
using either of the two following methods. 

 (1) SHADOW 
IETHOD.-This can con- 
veniently be carried out on an ordinary 
spectroscope. The telescope is moved into 
the position in which its axis is collinear with 
that of the collimator. The eyepiece is 
removed and a fine wire is mounted so as to 
coincide exactly with the image of the sJit. 
If the slit is illuminated and one's eye is 
placed behind the "ire, the field of view will 
appear dark. If a parallel- sided block of 
gl.1sS is inserted between the collimator and 
telescope objectives the presence of striae will 
be revealed by light streaks. If the specimen 
is in the form of a prism the telescope must 
be moved round until the refracted image of 
the slit coincides '" ith the wire; in this case 
mono
hromatic light should be used. If the 
specimen has an irregular sha pe or has no 
polished surfaces it may be immersed in a 
liq uid of the same refractive index (for a 
given wave-length) and examined as in the 
case of a parallel-sided block. A lens may be 
tested without using a spectroscope: an 
illuminated pin-hole is set up at some distance 
from the lens, and if one's eye is placed at 
the conjugate point, any striae that may be 
present will appear as more or less dark streaks 
on a bright background. The visibility of 
the striae is usually improved by obscuring 
the image of the pin-hole either partially or 
almost entirely with a diaphragm; in the 
latter case the striae "ill appear bright on a 
dark backgro'und. 

 (2) INTERFERO:\IETER METHOD.-A com- 
plete discussion of this method is given in the 
article on " Interferometers: Technical Appli- 
cations," 
 (5). 

 (3) TEST FOR STRAIN IN OPTICAL GLASS.- 
The presence of strain in optical g
ass is 
usually due to imperfect annealing, and it may 
be detected by means of the double refraction 
which is caused by the strained condition. 
If a specimen is placed between crossed Nicol 
prisms the presence of internal strains will be 
revealed by the appearance of more or less 


bright patches in the field. 
\. convenient 
arrangement for obtaining a large field of vie\y 
is to allow a beam of light, di\-erging from an 
illuminated pin-hole, to pass through the 
polarising Xicol and fall on a piece of ground 
glass. The specimen is then examined against 
the ground glass background 1 by means of the 
analysing :Nicol. In order to increase the 
sensitivity of the test a wave-plate may be 
inserted in front of the analyseI' and orientated 
so as to give the sensitive first order violet 
colour between crossed Nicols, when no speci. 
men is present. The presence of double 
refraction in a specimen \vill then be revealed 
by a change of the violet colour to a tint of 
a lower or higher order. 2 J. s. A. 


TRAVERSES: Computing and Plotting of. See 
" Surveying and Surveying Instruments," 

 (14). 
General. See ibid. 
 (11). 
Use of tapes in. See ibid. 
 (12). 
TRAVERSING. See" Surveying and Surveying 
Instruments," 
 (9) (ii.). 
TRIAL-FRAME: a frame used to mount lenses 
when testing a patient's vision. See 
" Ophthalmic Optical Apparatus," 
 (8) (iv.). 
TRIANGULATION, :l\IETHOD OF. See" Survey- 
ing and Surveying Instruments," 
* (9) (i.), 
(0). 
TRICHROMATIC THEORY: a theory of colour 
vision. See" Eye," 
 (9). 
TRIGONOMETRICAL l\lETHoDS applied to the 
tracing uf rays through a series of coaxial 
spherical refracting surfaces. See" Optical 
Calculations," 
 (1). 
TROMBONE: a brass wind-instrument, in 
which no restriction is I)lacf'd on the intona- 
tion possible, the mechanism for the scale 
consisting of a U-slide, which may be drawn 
out so as to flatten the pitch continuously 
by any desired amount to six Remitones. 
See" Sound," 
 (43). 
TROTTER ILLUMINATION PHOTOMETER. See 
" Photometry and Illumination," 
 (.')6). 
TROTTER PHOTOMETER. See "Photometry 
and Illumination," 
 (28). 
TRUMPET, BACH: a brass wind-instrument 
with a tone of great nobility and brilliance. 
See " Sound," 
 (41). 
TRuMrETs IN R.." F, ETC. Sep ,. Sound," 
 (42). 
TUBING: manufacture of Glass Tubing. Sf'e 
" Glass," 
 (18) (ii.). 


1 A ('('rtain amount of (lepolarisation takes I))aee 
at the 
round surface, but for qualitative examination 
this is not. appreciable. 
:01 Cf. Opt. Soc. Trans., 1917, xviii. 88. 
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THIS lamp, "hich \\ as developed by Giming- 
ham and 
Iullard, 1 forms a very convenient 
source of radiation for many Imrposes. It 
consists essentially of an arc between 
tungsten electrodes, enclosed in a neutral 
atmosphere of nitrogen or argon, together 
"ith an auxiliary gear for striking the 
arc. Its simplest form is illustrated in 
Fig. 1. The ends of a tungsten filament BB 


I rt
:
 


B 


FIG. 1. 


<Lrc connected through the push switch S 
and the resistance Rl to a voltage supply. 
A bead of tungsten E, supported on a tungsten 
stalk, is also connected through the additional 
resistance R 2 to the positive pole of the supply. 
On pressing the switch S the filament BB is 
raised to incandescence and ionisps the gas. 
\Yhen the switch is released, this enables the 
arc to strike between E and B. The arc is 
usuaHy rUll ,\ith E at a temperature of the 
order of 
.wOOo to 3000'J abs., but it may be 
run up to the melting point of tungsten or, 
by reducing the pressure of the surrounding 
gas and increasing the size of the anode, at 
a dull red heat. In the latest form of lamp, 
the ioniser BB consists of tungsten wire 
partly straight and partly wound into a short 
spiral. On the straight portion is threaded a 
tube composed of a mixture of tungsten and 
certain refractory oxides, such as zirconia. 
yttria, or thoria. The arc first strikes on 
the uncovered spiral of tungsten "ire and. 
\\ hen the electrodes warm up, passes on to 
the tubular portion which presents a shorter 
path (see Fig. 1). As the t\1 be of refractory 
1 Jaum. lust. Elect. Ella., 1915, liv. 1:>. 


material is less liable to disintegration under 
the action of the arc than the tungsten wire, 
this device increases considerably the life of 
the lamp. Lamps of this type are made for 
candle-po\\ ers from 30 to 300 and for voltages 
of 100 and upwards. 
For higher ('andle
powers a modified form of 
lamp has been evolved with an additional 
electrode of tungsten which is in the form 
of a square plate. The lamp has an ioniser 
and a bead of tungsten "hich are Rrranged 
exactly as in BB and E of Fig. 1. The addi- 
tional plate of tungsten is fixed close to the 
bead and is connected to a double change- 
ove-r switch, one position of which connects 
the rolt supply to the ioniser and beRd and 
the ()ther position to the bead and plate. In 
the first position the polarity of the bead is 
positive and in the second negati\e. The 
arc is first struck between the ioniser and the 
bead by means of a press switch as described 
above, the changf'-over s\\ itch being in the 
first position. 'Yhen the bead has become 
incandescent; the s\\ itch is thrO\\ n to the 
s('cond position which enables the arc to strike 
between the bead and the plate. By the use 
of substantial electrodes, candle-powers up to 
10,000 have been obtained, the size of anode 
for this value being 1 inch square. 
The characteristics of the tungsten arc 
lamp are illustrated in Fig. 2. The normal 
working efficiency is taken as 0.5 watt per 
candle- power, and the percentage of normal 
voltage and candle-power as well as the watts 
per candle-power are shown for the lamp 
when run at efficiencies higher and lower than 
the normal. Curre A is similar to that of 


0.9 
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FIG. 
. 


the ordinary carbon arc, but exhibits less 
instability. The volt drop across the arc 
steadily decreases with increase of current 
until the sputtering point is reached, \\ hen the 
pressure suddenly falls. The efficiency steadily 
rises with increasing current, reaching 0.3 
watt per candle-power at the sputtering 
point. It should be mentioned that the 
figures for efficiency refer only to the energy 
wssipated in the lamp itself and take no 
I account of that dissipated in the necessary 
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ballast resistance. The intrinsic brilliancy at 
the normal working curr('nt is stated to be 
generally about 12,000 candle-power per 
sq uare inch. 
The distribution of the energy radiated 
from the tungsten arc in the visible spectrum 
does not differ appreciably from that of the 


-u 


ULBRICHT GLOBE: a form of integrating 
photometer. See "Photometry and Illu- 
mination," 
 (47). 


ULTRA:\IlCROSCOPE, THE, AND ITS 
APPLICATIONS 

 (1) THEULTRAMICROSCOPE.-The term" ultra- 
microscope" is apt to be rather misleading, 
as it may convey the idea that it is the name 
of an instrument with which one is able to 
see greater detail in an object than with an 
ordinary microscope. This, however, is not 
the case; the term should really be looked 
upon as applying to an instrument which 
reveals the presence of very minute particles 
of matter. The limit of resolution of a micro- 
scope-that is, the smallest distance between 
two points which can just be seen to be 
separated-has been theoretically deduced by 
Helmholtz, Abbe, and others, 1 who have 
shown that it depends on diffraction pheno- 
mena. The value of this smallest distance f 
is given by 



 
f = 2a' 


where'" is the wave-length of the light em- 
ployed and a is the numerical aperture of 
the microscope. Now there are practical 
limits to the value of the numerical aperture, 
the maximum value obtainable with present- 
day objectives being about 1.53; it is not 
likely that this will be increased appreciably 
in the future. The other factor which deter- 
mines the limit of resolution is the wa ve- 
length of the light used. By employing ultra- 
violet radiations one can reduce the value 
of f; this has been done with success in 
processes of microphotography. One can see, 
however, that there are practical limits to 
the minuteness of detail that can be revealed 
by the microscope. On the other hand, there 
is theoretically no limit to the smallness of 
objects the presence of which can be revealed. 
If a sufficiently high intensity of illumination 
could be obtained, it should be possible to 
see a molecule, or rather to see the light 
scattered by a molecule, although it is quite 
1 Cf. E. Abbe, Roy. Jlie. Soc. Journ., 1881. p. 388 ; 
J,ord Rayleigh, Phil. Jla(J., 1896 (5), xlii. 167; 
Roy. JJlic. Soc. Journ., 1903, p. 447. 


tungsten filament lamp at the same tempera- 
ture. 1 
The tungsten arc finds a number of 
useful applications where a source of light 
is required of small size and high intrinsic 
brilliancy. F. H. S. 
1 See" Incandescence Lamps," 
 (8), YoL II. 


impossible to differentiate molecules unless 
their separation is at least as great as the 
limiting value of f. Faraday 2 was the tÎrst 
to luok for an effect exerted on light by very 
fine metal particles sm;pended in liquid or 
solid media. Shortly afterwards Tyndall 3 
showed how such particles could be seen by 
causing a beam of light to pass through the 
solution, the particles scattering the light in 
all directions. No ad vance was made in the 
systematic investigation of very minute par- 
ticles until Zsigmondy turned his attention to 
the problem at the beginning of the present 
century. Together with Sicdentopf, he im- 
proved the methods of observing such par- 
ticles; they invented what they termed an 
"ultramicroscope," with which it is possible 
to render individual particles visible'.4 All 
that Faraday had been able to do was to 
reveal the presence of groups of particles. 
The important subject of colloidal chemistry, 
which deals with the study of colloidal })ar- 
ticles-that is, very minute material partides 
in liquid or solid solution-has been developed 
largely as the result of Zsigmondy's pioneer 
work. 
Since the invention of the ultramicroscope 
by Zsigmondy and Siedentopf a number of 
other forms of the instrument have been 
devised. The underlying principle of all 
types of ultramicroscope is the utilisation of 
dark - ground illumination. This method of 
illumina tion has long been em ployed in ordinary 
microscopy in connection with the study of 
such objects as diatoms. It consists essen- 
tially in illuminating an object in such a way 
that only the light which is scattered or 
diffused by the object enters the microscope, 
no direct light from the beam being allowed to 
enter the observer's eye. The different type's 
of dark-ground illumination which are used in 
ultramicroscopy may be classed as follows: 
(i.) Orthogonal Illumination. - This is the 
system utilised in the Zsigmondy and Sicden- 


2 ::\[. Faraday, Roy. Inst. Pro('., 18;;4-58, ii. 310, 
44-4; Phil. JJlag., 1857 (4), xiv. 401, 512; Roy. SOl'. 
Phil. Trans., 18=>7, p. 145. 
3 J. Tyndall, PMl. 111a[/., 1860 (4), xxxvii. 38-1:. 
I R. Zsigmondy, Zur Erkenntnis der Rolloide, 
Jena, 1005: Colloids and the Fltramicroscope, trans. 
by J. Alexander, New York, InO!); H. Skdf'ntopf, 
l'hl/s. Zeits.. IOO!), vi. 855; In07, viii. 
;); Zeits. j. 
t'iss. 
J.1Iikroskopie, ID07, xxiv. 13. 
ec also" )1icroscopr, 
Optics of the." 
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topf ultramicroscope, which is sometimes 
known as the '- slit ultramicroscope." The 
optical system of the instrument. is shown 
diagrammatically in Fig. 1. A. beam of light 
from the sun or an arc lamp is focussed bJ 
means of an objecti\e 0 1 (focal length about 
10 nUll.) on a fine adjustable horizontal slit 
S. _\ reduced image of the slit is formed at 
F 1 by a second objecti\e O 2 (focallengtb about 
80 mm.). A. narrow conical beam of light Íß 
formed at F 2 by a microscope objecti\e :M 1 
acting as a conden ser. If now 


solution of colloidal gold particles, or a 
piece of ruby glass, which contains colloidal 
gold in suspension, be placed at F 2' the light 
scattered by the particles can be obser\ed 
with a microscope 
r2' whose optical axis ÍE 
at right angles to the axis of the illuminating 
beam. \Yhat one obser\es is not, of course, 
the indiyidual particles, but the diffraction 
discs formed by the light scattered from them, 
the general background being dark. In order 
to screen off any light that. may be reflected 
from the edges of the slits an iris diaphragm I 
is placed between Sand O 2 , If desired, a 
polariser lllay be inserted be- 
t'" een S and I. \\"'hen an im- 
mersion objecti\e is used in the 
observing microscope 
[2' it is 
necessaloy to place a chisel- 
shaped diaphragm at D so as to 
cut off one-half of the illuminat- 
ing beam and thus preyellt 
o bjectiona ble reflection from the 
mount of the front lens, due to 
the closene
:i of the objecti\e. 
In the slit ultramicroscope 
manufactured by Zeiss the optical parts of the 
illuminating system, together with the slit and 
diaphragms, are mounted on stands fitted to 
an optical bench. 
An improved form of this type of ultra- 
microscope was introduced some years ago bv 
Zsigmondy,1 "ho suggested as its designation 
the" immersion ultramicroscope." The salient 
feature of the new instrument is the employ- 
ment of an immersion objectivc at )1 1 in the 
illuminating s) stem as well as in the observing 
system. In order to make this possible, por- 
tions of the front and meniscus lenses and of 
the mounts of the t.wo immersion objectives are 
ground away at an angle of 45 0 , so that the 
1 R. Zsigmond
', Phys. Zeits., 1913, xiv. 9;5. 


objecth.es can be brought close enough together. 
The objecti,es ha\e a focal length of 6 mm. 
and numerical aperture 1.03, the front lenses 
being constructed of fused quartz. The chief 
ad,antage of the new design is the greater 
obtainable intensity of the diffraction images, 
for the intensity under similar circumstances is 
proportional to the product of the numerical 
apertures of the illuminating and obsernng: 
objecti,ea. For the examination of colloidal 
solutions the instrument has the further 
advantage of requiring thc use of only a 
single drop of the liquid. 


s 
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FIG. 1. 


(ii.) Oblique Illuminatioll- (a) Son - axial 
Beaut lcithollt Central Stop.-This method of 
illumination has been employed in different 
forms by microscopists for increasing the 
resohTing power of an objectiye. It was first 
ada pted for ultramicroscopic work by Cotton 
and :\louton ; 2 the arrangement they used is 
illustrated diagrammatically in Fig. 2. A 
drop of the solution under examination is 
placed under a cover-glass on a microscope 
slide S, which is laid on a special block of glass 
G, optical contact between Sand G being 
obtained by inserting a thin layer of cedar 
oil. An oblique beam of light 
is reflected internally from the 
base of G and then totally re- 
flected at the co,er-glass, so that 
no direct light enters the object- 
ive of the observing microscope 

L The beam of light is brought 
to a focus in the drop of the 
solution bv means of a condens- 
ing lens i, so that any small 
particles in the solution which 
come into the pat.h of the beam 
I are strongly illuminated and in consequence 
scatter light in all directions. Thus the 
particles appear as bright specks on a 
dark background, as in the pre,ious case. 
A Fresnel rhomb mav be used instead of the 
block G illustrated in 
 the diagram. 
(b) Axial Beam lcith Central Stop in Sltb- 
stage Condenser. - This is another form of 
oblique illumination which has the adyantage 
oyer the method (ii.) (a) of being more compact, 
the illuminating system forming a component 
pa.rt of the obseITing microscope. The 
principle of the method is illustrated in Fig. 3. 


, 
, 


FIG. 2. 


I A. Cotton and H. )Iouton, Les rltramirroscopl'S d 
l'ob}ets llllramicroscopiqlles.. Comptes Rendlls, 1903, 
CXXXYi. 1657; Bull. Soc. Fr. Phys., 1903, p. 54. 
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which represent.s three types of sub-stage 
condenser specially adapted for dark-ground 
illumination. Fig. 3 (a) shows a vertical 
section of the 'Yenham paraboloid condenser 
as applied by Siedentopf. 1 It consists essen- 
tially of a t.runcat.ed paraboloid of glass 0, 
with the t.op of which a microscope slide S 
makes opt.ical cont.act, a drop of the solution 
to be examined being placed under a cover- 
glass C. A central stop A below the condenser 
serves to cut out the central portion of the 
illuminating beam which is reflected upwards 
from a plane microscope mirror. The rays 
which enter the paraboloid are int.ernally 
reflected at its surface and brought. to a focus in 
the drop of solut.ion, where they are t.otally 
reflected at almost grazing incidence. Only 
the light which is scattered by the particles in 
the solut.ion can then enter the objective of 
the observing microscope. The paths of two 
rays X, Y of the illuminat.ing beam are 


The Ignat.owski condcnser,3 which resembles 
t.hf' cardioid system, is shown in Fig. 3 (c). It 
also consists of two glass portions G 1 , G 2 
cement.ed together. In all these forms of 
condenser the numerical aperture of the 
illuminating rays is of the order of }-o to 1.4. 
(c) Axial Illumination 'with Central Slop 
behind Qbjecfi1'e.-In this mcthod t.he direct 
rays of the illuminating beam are st.opped 
by a central diaphragm at the back of t.he 
microscope objective or by a st.op formed hv 
grinding flat and blackening a small ccntr<
l 
portion of the curved surface of t.he front lens 
of the objective. The method has t.he advan- 
tage of being free from centering troubles, but 
it suffers from t.he fact t.hat. t.he central st.op 
alters the brightness distribution in the 
diffraction fringes. 

 (2) PHYSICAL ApPLICATIO:KS OF TIlE LLTRA- 
MICROSCOPE.-Although the chief applications 
of ultramicroscopy have been in the realms of 
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illustrat.ed in the diagram, the directions being 
shown by means of arrow-heads. 
A similar type of illuminating system is 
obtained with the cardioid condenser which 
Siedentcpf 2 applied t.o t.he so-called" cardioid 
ultramicroscope." It depends on t.he principle 
that the image format.ion obtained by com- 
bining a spherical reflecting surface with a 
cardioid surface is aplanatic-that. is, spherical 
aberrat.ion is eliminat.ed, as is the case with the 
paraboloid condenser, and in addition t.he sine 
condition is fulfilled. Approximate aplanat.ism 
is at.tained if the cardioid surface be replaced 
by a spherical surface. The cardioid con- 
denser is illustrated diagrammatically in F'ig. 
3 (b); it consists essent.ially of t.wo glass por- 
tions G 1 , G 2 cemented together, the surface 
of separation a being spherical. The rays of 
the illuminating beam are reflected outwards 
at t.he spherical surface b, and then inwards at 
the spherical surface c, coming to a focus at 
the object as in the previous case. An annular 
diaphragm is provided at B in addition to the 
one at A. 


1 H 
icdentopf, Zeits. f. wiss. Jfikroskopie, 1Ð07, 
xxiv. 1fI4. 
I H. Siedentopf, Ber. d. D. Phys. Ges., 1910, xii. 6. 


FIG. 3. 


colloidal chemist.ry, there are a number of 
important physical problems which have been 
developed as the result of uUramicroscopical 
research. For example, the study of the so- 
called Brownian movement has confirmed the 
fundamental hypotheses of t.he kinetic theory 
of liquids and gases, and contributed evidence 
of the existence of t.he molecule. The t.erm 
"Brownian movement." derives its name 
from the work of t.he hotanist Brown, who 
observed that small particles of solid matter, 
when fmspended in liquid solution, exhihit 
rapid t.o - and - fro motiops.4 The complete 
invest.igation and explanation of this move- 
ment has been almost. entirely due to the work 
t.hat has been made possible by the invention 
of the ultramicroscope. 'Vhen a colloidal 
solut.ion, of gold for example, is examined by 
means of an ultramicroscope, the particles are 
seen t.o move about in all directions, the 
motion of the bright specks of light exhibiting 
a beautiful scintillating effect. It is impossible 
in the scope of this article to discuss all the 
details and consequences of the theories that 


s ,Yo v. Ignatowski, Zeits. f. wiss. Mil.:roskopie, 
1008, xxiv. 26, 64:; 1000, 387. 
4 R. Brown, Pltil. J.,fa(}., 1828, iv. 161. 
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haye been put forward to explain the Bro"W11ian 
moyement, but it may be stated that it has 
practically been proyed, both theoretically 
and by obseryation, that it is mainly, if not 
entirely, due to the collisions" ith the mole- 
cules of the medium in which the particles 
are suspended. 
Smoluchowski,l basing his calculations on the 
kinetic theory, and making use of Stokes' law, 
worked out theoretically that the mean distance Dx, 
traversed in time t b;y a small sphere of radius a, 
moving in a liquid whose coefficient of viscosity is 
7], is given by 
D 2_32 c2mt _32 
 T.t 
x - 
'; . 37r1]a -"2"
 . X . 37r1}a' 
where r = mean velocity of the molecules of the 
medium, 
m = mass of each molecule of the medium, 
R = gas constant, 
T=absoluw temperature, 
X = number of molecules in one gram- 
molecular weight of any substance. 
Einstein, 2 by applying the laws of osmotic pressure 
to the motion of small particles in a liquirl medium, 
developed the formula 
2 R T. t 
Dx =x . 37r1}a ' 
which differs from Smoluchowski's formula in not 
having the factor 32,2ï. 
Langevin,3 from a consideration of the equation 
of motion of a particle moving under the action of 
a force due to molecular shocks, obtained the same 
result as Einstein. 
The results of the ultramicroscopic measurement 
of Dx by different observers, for a large variety of 
particles of different sizes, have been shown to agree 
very closely with the values obtained from the 
formulae thus developed. Furthermore, observa- 
tions by Perrin 4 on the time of rotation of compara- 
tively large grains of mastic have been found to fit 
in "ith the formula, developed by Einstein, for the 
mean square of the angle of rotation d, in time t, 
namely, 


d 2 = R.T 
 
X . 47r1}u 3 ' 
Perrin 5 also made observations on the relative 
distribution of colloidal particles of gamboge and 
mastic at different heights in vertical columns of 
thei!' solutions, the results again agreeing \\ ith the 
theoretical values obtained from the kinetic theory. 
The remarkable agreement that has been found be- 
tween observation and theory may be looked upon 
as a proof of the reality of the molecular and kinetic 
hypotheses. 
A number of intere
ting experiments haye 
been made in connection "ith the motion of 


1 )1. Smoluchowski, Bull. Intern. Acad. d. Sci. 
C1llcorie, 1906, vii. 577; Ann. d. Physik, 1906 (4), xxi. 
756. 
2 A. Einstein, Ann. d. Physik, 1905, xyii. 549; 
1906. xix. 371. 
3 P. Langeyin, Comptes Rendus, 1908, ex" i. 530. 
a J. Perrin, Cmnptes Rendlls, 1909, exlix. 5-19. 
;; Ibid., 1908, exlyii. 530, 594; Zeits. j. Elektro- 
chemie, 1909, xv. 269. 


ultramicroscopic particles (smoke, sih-er, gold, 
mercury, etc.) in gases. 6 Such particles ha ve 
been found to be electrically charged, and by 
measuring the rates with which they fall in 
the field of gravity and in an electrical field 
of known intensity it has been possible to 
determine the charges carried by the particles. 
I t has been found that the charge on each 
particle is the elementary electrical charge 
(that is, the charge of an electron) or a multiple 
of this quantity, the values obtained agreeing 
very closely ,,
ith those derived from radio- 
active and electronic measurements. 
Anot.her important. application of the ultra- 
microscope to physical problems is the study 
of the optical effects exhibited by colloidal 
solutions. The Jate Lord Rayleigh 7 has sho"W11 
theoretically that the intensity I of the light 
scattered by particles, whose size is small in 
comparison with the wa ye-length of the light 
employed, is given by 
(Dl - D)2 m7rT2 
J ccIo
 -(1 + cos 2 ß) X ol - 
\vhere 10 =intensity of incident light, 
D' = optical density of particles (pro- 
portional to square of refracth-e 
index), 
D =optical density of medium, 
m = number of particles per unit volume, 
T =yolume of a particle, 

 =wave-length of scattered light, 
fJ = angle between li'1e of sight and 
direction of incident light. 
It follows that. for a giyen distribution of 
small particles the percentage of 'Violet light 
scattered is ,ery much greater than that of 
red light. 
The ultramicroscopic examination of the 
light scattered by the particles in colloidal 
solutions has confirmed the validity of Ray- 
leigh's Jaw. The scattered light is, in general, 
partially polarised, and often completely 
polarised in a certain plane. The whole 
problem is a ,ery complex one and has engaged 
t.he attention of a large number of workers, 
One of the most important contributions t.o the 
subject is that oi Garnett,S who inyestigated, 
both theoretically and experimentally, the 
absorption of various colloidal solutions, metal 
glasses, and metallic films, his mathematical 
treatment being based on the electromagnetic 
theory. His experimental results were found 
to be in good agreement with theory. The 
I Cf. )1. de "Broglie, Comptes Rendlls, 1908, cxlyi. 
624, 1010; 1909, cxlyiii. 1163, 1315: F. ElIrenhaft, 
Jrien. Sitzber. Satur-Tf'issen., 1907, CXyi. 1139; 
Ph,/IS. Zeit.<:., 19] 4, xv. 9::>2; 1915, Xyi. 227; R. A. 
Uillikan, Phil. JIag., HnO (6), xix. 209; Phys. Rev.. 
1911, xxxii. 350: HH3, ii. 2nd Ser. 109; Phys. 
Zeits., 1913. xiv. 79ô. 
1 Lord Rayleigh, Phil. JIag., 1871 (4), xli. 107, 
447; I8!}!) (5), xlvii. 3ï5. 
8 J. C. JL Garnett, Roy. Soc. PMI. Trans. (A), 190-1, 
eciii. 385; 190ô, cc\". 237. 
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problem of t.he scattering of light by small 
particles is very import.ant in connection with 
the theory of t.he colour of the sky. 
From the above brief sketch of some of the 
problems involved in the examination of 
ultramicroscopical solutions it may be seen 
that the invent.ion of the ultramicroscope has 
opened up a wide field of physical research 
which has already yielded important results 
in connection with molecular phenomena. 
J. s. A. 


U
IAXIAL CRYSTAL: a crystal having one 
optic axis. See" Polarised Light and its 
Applications," 

 (5), (6), and (18). 
UKIT POI
TS AND PLANES OF A LE)[S. See 
" 0 bjpctives, Testing of Compound," 
 (1) ; 
also " Lens Systems, Aberrations òf." 
URANIUM X: the first product of the radio- 
active disintegrat.ion of uranium, discovery 
and properties of. See "Radioact.ivit.y," 

 (2). 


-\T- 


VALVES OF BRASS 'VIND - INSTRUMENTS, 
:F'AULTY INTONATION OF ORDIXARY. See 
" Sound," 
 (39). 
VALVES ON CORNET, tabulated. See" Sound," 

 (39), Table IX. 
V ARIABLE POWER EYEPIECES. See "Eye- 
pieces," 
 (9). 
VECTOR :\IETHOD O:F DEDUCING PROPERTIES 
OF DIFFRACTION SPECTRA. See" Diffrac- 
tion Gratings, Theory," 
 (5). 
VERNIER. See" Divided Circles," 
 (11). 
VERNON -HARCOURT PE
TAXE LAMP: a flame 
standard of light of 10 candle-power. See 
" Photometry and Illumination," 
 (ß). 


VIBRATIONS OF AIR I
 A TUBE 


IN Acoustics and some other problems it is 
necessary to investigate t.he small vibrations 
of a compressible fluid such as air in a cylin- 
drical tube. \Ve assume t.hat the mot.ion of 
each particle is parallpl t.o the axis of t.he 
tube, so that particles which were originally 
in a plane at right angles t.o the axis remain 
always in such a plane. 
Let 
 be t.he displacement at time t of the 
particles originally in a plane at a distance x 
from the origin. Let PU' Po be the undisturbed 
pressure and density of the air, p, P the values 
of these quantities at time t. The matter 
which was originally between two planes at. 
distances x and dx from the origin lies at 
time t between planes at distances x + 
 and 
x+
+(I+d
fdx)dx. Its densit.y was Po' it is 
now p; hence if A be the area of the cross- 
section of the tube, 
( d
 ) 
Apodx = Ap 1 + dx dx, 


. _ Po 
.. P - {I + (d
fdx)} . 


The force acting on this matter on the face 
near the origin is Ap, '" hile on the opposit,e 


face it is -A fp+(dpfdx)dx}. Thus the equa- 
tion of motion is 
d2
 dp 
APodx dt2 = - Adxdx 


or 


.. 
d2
 dp 
POdt i = - (lx' 


(2) 


To complete the solution we need to know the 
relation between p and p. 
If the temperature is constant, we have 


p 
p = 
 . p. 
Po 


(3) 


If, as is the case with sound waves, the com- 
pressions and rarefactions of the air take place 
so rapidly that there is no loss or gain of heat, 
we have 1 


p = kpY = Po(t) Y. . 
Com bining (1) and (4) then we get 
p 
p = {I + (d;fdx)} y . 


(4) 


(5) 


rJy _ _ 'YPo d2
 
dx - {1 + (dVdx)} y+l dx 2 " 
Thus the equat.ion of motion is 


and 


d2
 _ 'YPo d 2 
 
PO dt2 - {I +(dUd:
)} )1+1 dx 2 ' 
and remembering that we are dealing only 
with small motions we may neglect d
fdx 
in the denominator and obtain 


(6) 


d2
 _ 'YPo d
 
dt 2 - -p;; dx 2 ' 


(7) 


(1) 


Had we assumed isothermal conditions we 
should clearly have found 
d2
 _Po d2
 
dt 2 -- Po dx 2 ' 
These can be put into a slightly different 
form thus: The elasticity E of a gas is 


(8) 


1 
ee article " Thermodynamic
," 
 (15), Vol. I. 
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measured by t.he ratio of the small change 
of pressurE" required to produce a changE" of 
volume to the change per unit volume; thus 
if - di' is t.he decrement of a volume v produced 
by an increment of pressure dp, 
E = - t'

. (D) 


Lf't 
I be t.he mass, P the density of the 
volume v, 1'0 and Po Deing initial values. 


Then 


vp =
I = voPo 


or 


v - t'oPo . 
- P , 


t' P 
dv= -
dp 
p2 
E= _ 'i.'oPo 
1! _p dp 
p dv - dp 
=pk')'()y-l 
=k')'. Py =')'p, 
since p = kpY. 
Or, denoting by Eo the elasticity in the un- 
disturbed state. we have 


hence 


and 


Eo =')'Po; 
hence d2
 = ( Eo ) d2E 
dt 2 Po dx'/.' 
If we put c 2 = Eo/Po, this takes the form 


d2
 _ 2d2
 
dt2 -c dx ' 


and is the same equation as is discussed in 
the article ., Strings, Vibration of." The 
general solution is 

 = f(ct - x) + F(ct + x), . (12) 


as can readily be verified, and represents, as 
there shown, waves travelling in the positive 
and negati,-e directions with the velocity c or 
,/ (En/Po) ' i.e. the s.quare root of the ratio of 
the elasticity to the density. 
The statement in this form can be extended 
to Gther cases of sound motion, the term 
elasticity being defined "ith regard to the 
circumstances of each case. l 


VIBRATIOXS OF A ROD 


bU.GIXE a straight rod of uniform section A 
in a state of motion in which every part is 
moving parallel t.o the axis so that all points 
in any plane at. right angles to the axis always 
remain in such a plane. Let 
 be the displace- 
ment at time t of a plane inithlly at a distance 


1 bee articles" Vibrations of a Rod" and .. 
ound " 

 (12). 


VOL. IV 


x from one end of the rod, and consider the 
motion of the particles in the section between 
this plane and one initially at a distance 
x + dx; they "ill at time t lie between the 
planes x+
 and x+
+(I+(d
/dx))dx. 
The extension or "stretch" úf the short 
lengt.h dx is d
{dx, and if q represents Young's 
modulus for the rod (see article "Elasticity," 

 (-1), Vol. I.), the force on the face of the section 
nearest the origin is - qA(d
/dx), that on the 
opposite face is qA(d
/dx) + (d/dx)(qA(d
/dx))dx. 
Thus the resultant force on the section is 


dõ)
 
qA d:
 dx. 


Hence, if p be the density, the equation of 
motion of the section is 
d 2t d 2t 
pA dt
 dx = qA dx"'ß x 


d2
 _q d2
 
dt 2 - P dx 2 ' 
If we put q/p=c 2 , this, it can be shown, is 
satisfied by 


or 


(I) 



=f(ct - x) + F(et +x), 


(2) 


(10) 


and represents 2 wave motion trayelling "ith 
velocity c. The value of c is , 'q{ p , or, as 
in other cases, the speed of the waves is 
determined by the square root of the ratio of 
the elasticity to the density, the elasticity in 
this case being mea:::;ured by Young's modulus. 3 


(II) 


VIERORDT SPECTROPHOTO::\IETER. See" Spec- 
trophotometry," 
 (12). 
VIOUS F Al\IILY OF STRISGED IXSTRU)[ESTS. 
See" Sound," 
 (30). 


YIOLLE STA5DARD: an incandE"scence stan- 
dard of light. See "Photometry and 
Illumination," 
 (9). 
VISCOSITY OF GLASS. See" Glass," 
 (33). 
YISI.BILITY. See" Eye," * (6). 
VISUAL ::\IETHODS OF o BSERVATIOX, used in 
microscopy with ultra-yiolet light, uf 
animal tissues and other substances which 
fluoresce. See" .Microscopy with Ultra- 
violet Light," 
 (7). 
'-ITREOrS Hrl\lOuR: one of the fluids con- 
tained in the eyeball. See" Eye," 
 (2). 
VOICE, HmIA
. See" Sound," 
 (45). 
Compared with other musical instruments. 
See ibid. 
 (46). 


I See arti('}e .. String'
, Yibrationg of:' 
3 ðee articles .. :::iound" 
 (l
), and .. VilJrations 
of Air in a Tube." 


3 4 
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,V ATCH- POCKET SPHERO:\IETER-lV A VE-LEXGTHS 


__ "T _ 


,V ATCH-POCKET SPHEROMETER. See" Sphero- 
metry," 
 (6). 
'VATER, ACTION OX GLASS. See" Glass, 
ChemicaJ Decomposition of," 
 (1). 
'V AVE FORM OF POTENTIAL EXCITI
G X-RAYS. 
See" Radiology," 
 (26). 
,y AVE-LE:S-GTII, V ARIATIOXS OF, due to-(I) 
the pressure of gas in the luminous source; 
(2) the pole effect; (3) the presence of 
isotopes; (4) the presence of a strong electric 
field. See" Spectroscopy, :l\1odern," 
 (8). 
'V AVE-LENGTH AND REFRACTIVE I5DEx. See 
" Optical Glass," 
 (3). 


'V AVE-LENGTHS, THE :\IEASURE- 
l\IENT OF 

 (1) I
TRODUCTIO
. - The phenomena of 
coloured rings, commonly known as" Newton's 
Rings," were described in his Opticks, pu blished 
in 1704, but were not explained on the basis of 
the undulatory theory of light unti11802, when 
Thomas Young (I) put forth the theory of 
interference of light wavE'
, and was thereby led 
to make the first det.erminatbns of ",vave. 
lengths of light corresponding to the different 
colours. .MeasurE'ments of wave-lengths corre- 
sponding to narrow spectral linE's were not made 
until somewhat later, after the discovery of 
the dark Jines in thE' solar spectrum. Newton 
showed by means of a 
lass prism that sun- 
light was made up of various colours, and to 
all observers the solar spE'ctrum appeared to 
be a continuous graduation of colours until 
'Vollaston (2) in 1802 observed distinct dark 
lines, which he rE'gardpd as boundaries to 
intervals of colour. 'V ollaston's discovE'ry waA 
forgotten until 1814, when Fraunhofer (3) re- 
peated it and recognised that the dark lines 
represented definite wave-lengths in the solar 
spectrum. In his investigations, Fraunhofer 
mapped about 700 of these lines, a
signin
 
letters of the alphabet tu the most prominent 
ones, heginning with A ill the red and pnding 
with H in the violet. These lines, still called 
the FraunhoÎer lines, a.re familiar to every onE' 
who has any knowledge whatpver of SPE'ctl'O- 
scopy. Investigation into the possibilitips of 
me
suring thp actual lengths of light wavps 
Jed Fraunhofer to deveJop the theory of inter- 
ference of light and invE'nt the first. diffraction 
gratings, .with which he made wave-length 
measurements of considerable accuracy. His 
method (4) for measuring the wave-Jen!IthH of 
light by mE"ans of a grating is indE'ed the same 
as that. of the present day. It iR hased upon 
the interfprence of rays which are diffracted 


upon passing through a set of equal and equi- 
distant apertures or slits constitutinO' the 
. 0 
gratmg. 
It waf: not until 18';9 that the physical 
significance of the Fraunhofer linE's became 
knmvn. Kirchhoff find Bunsen then explained 
that "the dark linE's of the 
()Jar spectrum, 
which are not cam
('d by the terrestrial atmo- 
sphere, ari
e from the pre
en ee in the glowing 
solar atmosphere of those sn bstances which 
in a flame produce bright linE's in the same 
position." Inasmuch as these two Rci('ntists 
proved the existence of many terrestrial 
cJemE'nts in the sun, it was a natural conse- 
quence that the solLr spectrum itself should 
become the standard of reference for wa Ye- 
length'3 of light. 
'Vith the aid of gratings ruJpcl on gJass, 
...\ngström made, as accurately as posRihJp, a 
map of the N ormaJ Solar Spectrum, which he 
published in I86Ro The ,vave-Iength measure- 
ments covered the vi
ible spE'ctrum between 
the Fraunhofer lines A and H, and were 
expressed in ten-millionths of a millimetre to 
2 decimal places. This unit of length, ] x 10- 10 
metre, sometimE's c
lled the "tenth metre," 
but more commonly known a'3 the" Ângström 
1Tllit" (symbolised simply by A), is now 
almo
t universally USE'd in measuremf'nts of 
wave-lengths of light. 
Angström's map was Ruperseded by Row- 
land's Normal ::\lap of the Solar Spectrum, 
pu blished in ] 888. and based upon lÛs invention 
of the concave grating. This photographic 
map was about 20 metres Jong, the maximum 
error in any part of the scaJe of wavE'-lengths 
being e
timated as le:,s than 0.01 A. Row- 
land's Preliminary Table of SoJaI' Spectrnm 
'Vave-lengths, rE'presenting over 20,000 linE's, 
was ba8ed upon determinations of the absolute 
\Va ve-longt h of one ef the D lines of sodium. 
ThE' wr.vE'-IE'ngths were given to 
 decimaJ
 in 
A" Rowland beliE'ving that the absolute valuE's 
were correct. to I part in 100,000, and that 
the errors in reJativE' value ,vpre not greater 
than a millionth. For a period of hvpnty 
years practicaJIy all spE'ctroscopic meRsure- 
mpntR ,vere bn.Red on these values, and e,Ten 
at, t.he prE'sent time thcy are widely used. 

 (2) THEORY AND USE OF DIFFRACTION 
GRATINGS IN 'VAVE-LE
GTH :!\JEASDREME"XTS. 
-The simple theory 1 of the platw diffra.ction 
grating giVE'R the wave-Iengt.h of Ji
ht as a 
function of th(> grating spal
e and of tJ}(' anglf's 
of incidpnce anò diffraction (or reflect.io:l) of 
the light ray
. Fig.] rppresents the erOSR- 
section of an element of a tran
mic:;sion grating 


1 :=::re "Diffraction Gratings, Th('ory of"; also 
"])Hfraetion Gratings, 
Ianufaeturc ancl Testing of." 
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in .which A B' is to he r('garded as the grating 
space b. If light. from an illuminated slit S 
falls as a paraHel beam on the grating at an 
angle of incidence 'i with the normal
 a larg(' 
portion passes direct ly through the grating 
apertures, but a part of it is diffracted in the 
direction AC, making the angle 0 with the 
normal. By .drawing the perpendiculars BB' 
and CB', it is seen that the difference in path 
tr3.velled by corresponding rays from adjacent 
aperturp3, or the retardation as it is called. IS 
given by the sum of the l
ngths BA and AC. 
and therefore when this path difference is 
equal to some integral number of whole wave- 
lengths nÀ bright images of S in colour 


FIG.!. 


corresponding to À are produced when the 
diffracted rays are brought to a focus. This 
condition is easily seen to be given hy 
BA+ AC =nÀ =b(sin i+ sin On), in which n re- 
presents th
 order number of the spectrum. 
Reflection gratings have b
en more success- 
fully made than transmission gratings, and 
have, therefore, be<.>n more extensively used 
for wave-length measurf'ments, but the law 
of the gratin

 ruled on polished plane metal 
surfaces is quite 3Ímilar to that of gratings 
rul('d on glass. .\ beam of light falls on the 
grating G, Fig. 2, making an angle of incidence 
i with thf' normal, and part of the light is 
diffract('d at an angle O. The perpendiculars 
BB' and ec' are drawn to show that B'C and 
BC' are the retardations. In this case the 
total retardation is seen to be determined 
by B;C - BC' =b(sin i-sin 0), \Yherever this 
equals one or more whole wave..lengths, nÀ, a 
bright image is seen in colour corresponding 
to À, and we have the h w of the grating 
nX = b(sin i-sin en). 
Ii the diffracted rays are nn the samp side of 
the normal as thp i
cident rays, then the two 
retardations are added, so that. the gf'neraJ 
equation for all the spectra must be written 


n \ = b(sin i 1- sin 8 n ), 
the positive or negative f::ign being u-:ed when 
th
 incident and diffract.ed ravs are on 
the same 0" opposite sides of t.he normal 
re
pectiYf'ly. 
Depf'n<-1ing on the position of lhe grating in 
relation to the collimating and observing 


telescope, there are five different methods of 
making waYe-Ien
th nlf'asurements with plane 
gratings. To sketch these the wR\-e-Jength 
equation or grating law may be written - 
nX = b {sin i + sin (0 - i)} , 
in which 0 is the angle of de dation or 
õ =i + e. (1) 'The plane of the grating is 
placed perpendicular to the collimator, so that 
i =0 and nÀ =b sin õ. This method \vas used 
by Fraunhofer with the first diffraction 
gratings for the first absolute measurements 
on wave-lengths of light. (2) The grating is 
normal to the telescope, so that e =0 and 
llÀ =b sin 0 as beforp. (3) Both i and 0 are 
given values, so that nÀ =b(sin i+ sin e). 
This was the method adopted by Ángström. 
(4) The deviation 0 is a minimum. 'Yriting 
the above equation in the form 
. ( i + 0) (i - 0 ) 
nÀ=2b sm
 cos -2-' 
it is seen that cos (i - 0)/2 is a maximum 
when i =e, which is the condition for minimum 


c 


B 


FIG. 2. 


dmiation ó. Then the wave-length is found 
from 


_ 'J b . 0 
n\-.... sm 2' 


(5) The tekscope and collimator are damped 
at an angle a, and the grating rotated through 
the measured '.mgle ß, whence it can be shown 
that 


nX=2b sin ß cos
. 


In this case ob:;('rvations are made hy adjusting 
thp required spectral line upon the cross-wire 
in the eyepiece, and then rotating the grating 
until the reflected image is brought upon the 
croRs-wire. 
_\11 of these mf'thods require thf' mf'asure- 
ment. of the grating space b; (1), (2), and (4) 
r
qnire the measurement of one angle; while 
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(3) and (5) require the 'measurement of two 
angles. 
Bell (.3), whose determinations of the wave- 
length corresponding to Dl received greatp-st 
weight in establishing R.uwland.s standards, 
used the second method with two glass trans- 
mission gratings and the fifth with two reflec- 
tion gratings ruled on speculum metal. 
All plane gratings require the use of lenses 
to focus the diffracted wavps. Thesp- introduce 
chromatic difficulties in focussing, and further 
limitati()lls due to absorption, so Row1and, 
in 1881, invented gratings ruled on spherical 
mirrors, so that the concave grating should 
focus spectra without. the use of a lens. The 
most important characteristic of thp concave 
grating is the simplicity with which it can be 
focussed. If the slit of the speetroscope and 
the f!rating be placed on the circumference of 
a circle 1 whose diameter equals the radius uf 
curvature of the grating, the spectra are all 
in focus on this circle, illustrated by Fig. 3, 


8 


c 


FIG. 3. 


DE being the diameter of the circle and equal 
to the radius of curvature of the concave 
grating. If the slit be placed on the CIrcum- 
ference of this circle, e.g. at A, the spectra afð 
all in focus on the circumference, as at E. 
With both plane and concave gratings there 
is great advantage obtained by forming the 
spectra on the normal to the reflecting surface, 
for this gives the so-callei normal spectrum, 
that i8, distances measured eithpr way from 
the grating normal are proportional to the 
change in wave-length observed. Rowland 
deviseù. a mounting for his C'oncavp grating 
which automatically kppt the observing 
apparatus (eyepiece or camera) on the normal 
to the grating surface. The grating and 
camera, Fig. :3, are mounted on carriages 
rigidly s{'parated by the b{'am DE, whose 
ends are cOllf.;trained to move along the rails 
AB and AU. These nlÌl
 are adjm
ted at right 
angles to each other, and have the slit at their 
intersection A. Everv circle havina the 
shifting heam DE as 
 diameter mm
t pass 
through A, and if the grating is fixed normal 
to DE, its centre of nurvature coincides exactly 
1 See "Diffraction Gratings, Theory of," 
 (11), 
Vol. IV. 


with E, giving a normal spectrum at that 
}Joint.. 
Rowland's methorl of determining relative 
waNe-lengths is hased on a simple feature of 
this gIating mounting in that the \rave-Iengt}} 
E'quat.ion i
 reduced to '1Û, =b sin i, when 01>- 

ervations are madp npar the perpendicular 
to the grating. Then for a giyen angle i and 
differcnt spectral orders, 1. 2, 3, etc., 

l = b sin i in the spE'ctrum of the fin;t order, 
2\2 = b sin i in t,he sped rum of tlw second order, 
3\3 = b sin i in tbe spectrum of the third order, 
etc. , 
wherp ^l' ^2' ^3' etc., are the wave-lengths in 
the 1 st, 2nd, 3rd, etc., or,krs. It foHows 
that ^t =2^2 = 3^3' etc., which means that 
various orders of spectra are superposed, and 
the wave-lengths of each are inversely propor- 
tional to the order number of the spectrum. 
For example, a wave-length of ()OOO A in the 
first order spectrum will have sup{'rpospù on 
it 3000 A in the spcond order and 2000 A in 
thE' third order. By measuring the IÍ1ll's in 
various orders nearly superposed on the sodium 
line (D 1 =5S9G.15() A), Rowland first compared 
1-1: solar wave-lengths with t.his standard as 
accurately as possible, and in a similar way 
obtained from these the wa,,-e-Iengths of prin- 
cipallines throughout the solar spectrum (U). 
Another type of concave gr3>ting mounting 
which has been adopted by many laboratories 
is due to R.unge and Paschen (7). This uses 
a lens or C'oncave mirror to illuminate the 
grating with parallel light from the slit, and 
reduces the dispersion or scale of spectrum 
to about half that in the Rowlan(l mounting, 
with the result that the intensity of the 
spectrum is theoretically quadruplpd. Thg 
astigmatism in spectra given by the Rowland 
mounting is practically eliminated by mounting 
the grating in parallel light.. Thesf' stigmatic 
slit images permit (1) the use of diaphragms 
in front of thf' slit to photograph different 
spectra in juxtaposition; (2) the projection ci 
different parts of sources, of interferometer 
fringes, etc., on the slit for spedral analysis. 
ThE' complete theory of diffraction gratinp:s, 
both plane and concave, together wit.h de- 
tailed directions on mounting, adjustinf!, and 
using gratings for ,vave-Iength measur{'ments, 
may be found in vol. i. Handbucll der Spectro- 
scopie, by H. Kayser, or in Spertrosropy, hy 
E. C. C. Raly. Limitations of space will not 
permit more on t.his suhject here, except 
to call attention t.o a recent. controvprsy on 
the validity of t.hE' funùamental 1aw of the 
grating, and queo;;tioning the u
{' of gratings 
for accurate mea:;;urC'ment;;; of wave-lengtJu.;. 
\Yhen in 1!)01 Rowland's standard:;; WE'rE' 
found to contain relative erl'Ors of nC'arly 
1 part in 100,000, these errors wpre attrihuted 
to the erratic hehaviour ûf diffraction gratings. 
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Kayser (8), in 1904, made some e
periments 
which led him to the conclusion that the 
coincidencf' between ordf'rs of spectra is not 
to be depenued upon. It has since been 
shown (9), howe,er, that the fundamental la" 
of diffraction gratings is true, so that the 
errors in Rowland's values as well as the 
experien('e of Kayser require other explana- 
tions. According to ,Jewell (10), the relati,e 
errol'
 in Rowland's Tablf' are due to disturbed 
apparatus and failure to recogllise that 
corrections were necessary for the Doppler- 
Fizeau effect or for air-pressures and tem- 
peratures, while Goos (11) has shown that the 
discrepancies observed by Kayser may be 
explained by slight defects in the adjustment 
of the grating and perhi\ps to iwtttpntion to 
constant conditions in operating the sources of 
light. If accurate mea:-;urements of wa,e- 
lengths are to be made" ith gratings, stability 
of mounting and correctness in adjustment 
must be insured and temperature fluctuations 
guarded against. The change in the refrac- 
tive index and dispersion of air (12) .will cause 
overlapping spectrum orders obseryed as co- 
incidencf's at one temperature to be shifted 
at other temperatures. 
Another matter which deserves attention 
in connection with the use of gratings for 
wa\e-length observations is the presence of 
spurious lines or .. ghosts," due to periodic 
E'rrors in the ruling. These false lines are 
present in all grating spectra, and cannot be 
distinguished from real lines except by testing 
their relationship to parent lines by means of 
numerical ratios. Two general types of such 
spurious lines are known: (1) Ghosts located 
near the spectral line, and symmetrically 
placed on both sides of it; and (2) spurious 
lines, '" hose positions in the spectrum are far 
removed from the parent line. 
False lines of the first type, generally known 
as the Rowland ghosts, arise from errors of 
ruling repeated "ith 8uccessi,e revolutions 
of the screw. For example, Ro.wland gratings 
nded 20,000 lines per inch "ith a screw of 
1/20 inch pitch ha\e an intf'rval of ] 000 
lines in which errors recur. The position of 
these ghosts ,rith respect to parent lines is 
that of additional spectra from a grating 
ha\ing 1000 t.imes the grating space: their 
apparent wave-lengths differ from that of the 
parent line by n,lOOO times the wave-length 
of the corresponding line if 11 represpnts the 
order of the false sppctrum. Anderson ruled 
gratings with 7.30 lines per re\olution of a 
screw ha,-ing 1/20 inch pitch, thus making 
Vi,OOO lines per inch. while the use of every 
other or every third tooth of the wheel 
produced gratings of 7.jOO and .3000 lines per 
inch. These gratings gi\e ghosts at clistances 
n \/7 .j0, n"\/375, and n"\,2.30 respectively, from 
the parent line of wa ,-e-Iength \. 


Except in complicated spectra, the Rowland 
ghosts are uJ::ìualJy easy to detect. on account 
of their symmetry and proximity to the real 
Hnes, but it is much more difficult to eliminate 
spurious lines of the second type. Lyman (13) 
found spurious doublets occurring at positions 
corresponding roughly to }"/3 and 2\/3 in 
spectra produced by Ro" land gratings haring 
14,438 lines per inch. An Anderson grating 
,\ ith 7.300 lines per inch has been found at the 
Bureau of Standards to give false reproductions 
of a given line of wave-length}" in positions 
near 2}"/5, 3\.'5, 4\/.3, ß\P5, 7}"/5, 8}..j5, and 
9\/5. Similar false spectra have been detected 
in the 5000 lines per inch gratings ruled by 
using every third tooth in the wheel. Although 
these secondary lines are usually of relati,ely 
low intensity, they may, nevertheless, be vel') 
troublesome and embarrassing when recorded 
by the long exposures necessary to photograph 
the infra-red and extreme ultra-violet spectra. 

 (3) STAXDARD \Y A VE-LF"XGTHS BY I"XTER- 
FERO)IETER :\IETHODs. - An extraordinary 
degree of accuracy in wave-length measure- 
ments was made possible with the invention 
of the interferometer apparatu
, in which a 
beam of light coming from a single source is 
first separated into two portions "hich are 
retarded relative to each other by passing 
over unequal optical paths, and then rpunited, 
producing interference fringes. The in ter- 
ferometer method of wave-length measurement 
has several ad,-antages over the grating 
method: the distance between t\\ 0 parallel 
interferometer plates is easily and accuratel
 
determined; it eliminates the precise measure- 
ment of angles; it permits the production 
of various lengths which are exact multiples 
of some unit; and less labour is required to 
make accurate comparisons of \\ ave-lengths. 
The first absolute measurement 1 of a light 
wave by the interferometer method was made 
in 1893 by :Michelson (14), who determined 
the number of waves of three radiations from 
cadmium vapour which were equal in length 


M 2 


FIG. -1. 


to the standard metre. Xinc intermediate 
standards. the lengths of which were repre- 
sented by the distances bet\\een the planes 
of two mirrors :\1 1 and ::\1 2 , Fig. J, were 
constructed. The If'ngths of these inter- 
mediate standards Wf're 10 em., 10 x 2- 1 em., 
IOx2- 2 cm. . . . thf' smallf'st bping lOx2- 8 


1 
ee also .. Line 
t<Ulùanls," 9 (7), Yol. II. 
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em., or about 0.39 millimetre. The optical 
system and two of the 8tandards A and B 
are shown in the diagram, Fig. 3, in which C 
:is the mirror of reference. An observer at 0 
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FIG. 5. 


sees by reflection at the half-silvered surface E, 
the image of C, superposed on the four 
mirrors on A and B, two of which lie side by 
side below, and another pair ahove. Band C 
are moünted on carriages which can be moved 
back or forth by mf'ans of parallel scre" s. 
The length of the shortest standard was first 
determined in terms of the wave-length of 
cadmium red light. The front surface of B 
was adjusted to the same optical distance as 
C, and the reference plane C was then slowly 
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 -- 


100 c.m. 
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moved back to coincidence with the second 
surface of B, during which shift the number 
of circular fringes wa:::; counted as thpy flowed 
out from the centre of the interference figure. 
The next operation was to compare twice 
the length of this standard B "i th the next 
longer one A. These were first adjusted so 
that their front lower mirrors were the same 
optical distance from E as C. Using white 


light as a source and turning the mirrors 
::'lightly about a vertical axis ga,-e vertical 
fringes, and the dark central fringe which marks 
zero difference of path appeared on adjaccnt 
edges of the front mirror of A and B. Then 
C was moved back until the dark fringes were 
seen in the upper mirror of B. Xow when C 
was moved back through its own length the 
dark fringes again appeared in the lower 
mirror of B, and moving C back a distance 
equal to the length of n brought the fringes 
once more into view on the uppf'r mirror of B. 
If A was exactly twicc the length of B, fringes 
were also seen in the upper mirror on A. 
If A was not exactly twice B the central fringe 
was displaced, and the difference, in wave- 
lengths, between A and 2B was easily obtained 
from a slight tilt of the compen
ator D. In 
this way the lengths of successively larger 
intermediate standards were obtained in terms 
of wave-lengths of light. .Finally tllf' 10 cm. 
standard was compared with the metre by 
moving It through its own length 10 times. 
::\lichelson found at 15 0 C. and 760 mm. 
pressure 
1 m. =1553163.5 red waves from which '\=û438.4722 A. 
" = 1900249.7 green " " " = 5085.8240 A. 
" =2083372.1 blue " " ,,=4;99.9107 A. 


An absolute accuracy of 1 part in 2,000,000 
was claimed, while the relative accuracy Jllight 
he 1 in 20,000,000. 
An independent measurement of the wave- 
length of cadmium red radiation, in terms of 
the metre, was made in 1907 by l\IesRrs. 
Benoit, Fabry, and Perot (15). Compared with 
Michelson's, their apparatus was simplified 
and arranged so as to reduce the dangers from 
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FIG. 6. 


temperature changes in the standards by 
shortening the time necessary to perform the 
experiment. Five standards were made by 
separating half-silvered glass plates at distances 
of 6.25, 12.;";, 2:>, 50, and 100 em., and thcse 
were so placed that the comparisons could hf' 
made without moving any of thf'm. The 
arrangement is shown diagrammat.iC'ally in 
Fig. 6. As in l\Iichelson's method, the 
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difference in length between one standard and 
the double length of the pre,'ious one had 
to be measured accurately. To compare A 
with B, for example, white light coming from 
S was reflected by mirrors 1 and 2, passed 
through A and B, mirror 5 being moved out of 
the way. This light was reflected by mirror 3 
through a compensating wedge of air between 
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I 
. 
. 
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two silvered glass plates F and into a micro- 
scope L. If A was very nearly 2B, a ray of 
light traversing A and twice refleC'ted in B 
eovered a path nearly equal to that of another 
ray crossing A twice and passing through B. 
Interference bands resulted, and from the 
position of the central fringe on the wedge 
compensator the diffcrence between A and 
2B was accurately determined in wave-lengths. 
Similarly, the other standards were com pared, 
and finally the 6.23 em. standard was measured 
in wave-lengths of the 
cadmium red radia- 
tion. The num bel' 
of these waves in 1 
metre was found to 
be 1,333,16-1.13, or 
^ = 643b.469ü A in dry 
air at 13 0 C. and 7ûO 
mm. pressure. The 
probable error" as one 
part in 10,000.000; 
this absolute deter- 
mina tion of wa ve- 
length having the same 
accuracy as it is pos- 
sible to obtain in the 
comparison of two 
metre bars. Their 
value differs from 
Michelson's by 1 part 
in 2,500,000, because it refers to dry air. I 
An approximate reduction of ::\Iichelson's 
value to dry air gives ^ = 6438.4700 A, 
which {'hecks the later value to 1 part in 
16,000,000. The original memoirs should be 
referred to for further details concerning 
these heautiful experiments, ,\ hich establish 
with extreme precision a wave-length of light 
as a unit of length probably more invariable, re- 
l)roducible, and important than any other unit. 
In 1907 the International "Gnion for Co- 
operation in Solar Research made certain 


l' 


recommendations for the final establishment 
of a system of satisfactory light wa,-e stan- 
dards. The absolute ,-alue of the refl radiation 
of cadmium as redetermined by Benoit, Fabry, 
and Perot was chosen as a primary or funda- 
mental spectroscopic standard. It "'as further 
recommended that secondary standards be 
determined at intervals of abo
t 50 A through- 


FIG. 7. 


out the spectrum of the iron arc by comparison 
"ith the primary standard, using the inter- 
ferometer method as devised by Fabry and 
Perot (16). This method is as follows: The red 
light from a cadmium lamp and the light from 
an iron arc are se';lt simultaneously through 
a Fabry and Perot interferometer, I, and the 
circular fringes thus formed are focussed "ith 
their centre on the slit S of a spectroscope, 
Fig. 7. The prism (or grating) separates the 
numerous spectral lines and permits, at P, 
an independent deter- 
mination of the dia- 
meters of the circular 
fringe system produced 
by each line or radia- 
tion. The order of 
interference at the 
cen tr-e of a system of 
rings is determined for 
the two radiations 
who
e wave -lengths 
are to be compared. 
Let ^ be the wave- 
length of the cadmium 
red ray, and let P be 
the order of interfer- 
ence producing the first 
ring from the centre. 
The order at the centre 
is then p = P + p'. where 
p' is the fractional order, lying between zero 
and 1, to be determined from the diameter of 
the ring P. The whole number P is readily 
found from the distance between the plates. 
This results from trying various values of this 
distance with three or four wave-lengths until 
the computed fractional order of each agrees 
with its measured value (17). The order of 
interference at the centre (i = 0) is p = 2el"^, 
"here e is the distance bet" een the plates. 
Fig. 8. In a direction making an angle i 
\\ith the normal it is 2e COB i/,,^ = p cos i. 


FIG. 8. 
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Now if x is the angular diameter of the 
ring P, 


. .r dP x 

=2 an =p cos 2' 


But 


x X x 2 
cos 2=1-2=I- B 


approximately, so that 


p = P ( 1 - 
), or P = P ( I + 
2 ) 


and 


, x 2 
P =p-p=p-_. 
8 


Similarly with a radiation of wave-length Xl 
we have 


, _ X I 2 
PI - PI 8-' 


The thickness of the air layer between the 
plates is assumed to be the same for all radia- 
tions, ,,,,hence 


or 


^(P +p') = ;\I(P I +P'I) 
^1 = ^- (P + P-' L, ( = ;\1!.. ) . 
(PI +P'I) PI 


Substituting the above values of p' and P'I' 


P ( X2 X 1 2 ) 
^I = ^p I 1 + 8 - -8 . 


If d represents the linear diameter of the ring 
and R the focal length of the lens which 
focusses the rings on the slit of the spectro- 
scope, x=djR and 


;\P ( d2 d 2 ) 
^I= p; 1+ 8R 2-8R2 . 


Slight corrections are necessary for the 
dispersion of the atmosphere and refractive 
index of air (18) at temperatures other than 
15 0 C. and 760 mm., and for the reflection 
phase-change (19), which is a function of the 
wave-length. This method of wave-length 
comparisons can be applied only to waves 
whose lengths are already known accurately 
enough to allmv P, the order of interference 
producing the first ring, to be determined 
without ambiguity. For this purpose an 
accuracy of onp part in 20,000 or 30,000 is 
sufficient if the preliminary measurements 
are made with an air-plate thickness not 
exceeding 5 rom. The final accuracy of the 
comparison can be made to reach 1 part in 
5,000,000. 

 (4) STANDARDS OF 'Y AVE-LE:NGTH.-That a 
train of wavf'S emitted by a source of homo- 
geneous light furnishes for length measure- 
ments a scale of extraordinary precision and 
constancy is now more or less familiar to 


everyone, and the importance of such 
fundamental standards to spectroscopy, 
metrology, and precision optics generally-is 
fully appreciated. .For practical use 'Tery 
narrow (homogeneous) spectral lines must 
be u
eJ, and their wave-lengths Rhould be 
carefully defined with respect to the conditions 
producing or influencing them. Several suc- 
cessive attempts have been made to define 
such a system of Standard \rave-Iengths, each 
aiming at higher precision by making use of 
more refined methods of measurement or of 
more satisfactory Jight sources. The Solar 
Spectrum Standards first d('termined by 
Ángström in 1868, improved and extended 
by Rowland in 1888, have already be('n 
mentioned. The absolute measurements made 
by :l\Iichelson in 1893 on cadmium lines in 
terms of the standard metre at Paris sho" ed 
that Rowland's wave-lengths were too large 
by 1/30,000, but spectroscopists paid Jittle 
attention to this fact since there was still 
no reason to dount t.he correctness in relative 
valup of Rowland's numbers. In 1901, Fabrv 
and Perot measured about 30 lines in th
 
solar spectrum between 4ß43 and ß4-71 A by 
means of their interferometer, and their work 
revealed the fact that systematic errors 
existed in Rowland's Table, making the errors 
in relative magnitudes nearly 1 part in 
100,000. The probable sources of thf'se 
errors are discussed under the theory and 
use of diffraction gratings for wave -length 
measurements. 
The question of standard wave-lengths was 
discussed at t.he first meeting of the Inter- 
national Union for Co-operation in Solar 
Research (21), and the necessity for esta1Jlishillg 
a new system of standard wave-lengths from 
artificial suurcös was agreed upon. At the 
seeond meeting of this e nion in 1 
J05, the 
following decibiolls (22) were reaC'hed: (1) The 
wave-length of a properly chosen radiation 
shall be taken as a primary standard of wave- 
lengths. The number which represents this 
wave-length shall be fixed one time for aH ; 
it shall define the unit of wave-length, which 
mu
t differ as little as possihle from 10- 10 
metre, a.nd shall be caUed Angström. (2) There 
is reason to choose secondary standards 
sE'parated by not more than 50 Ángströms. 
These secondary standards shall he referred 
to tho primary standard by a method of 
int.erference. Tne luminous source shall be 
an electric arC' of 6 to lOam peres. 
In I!)07 a report of the measurement by 
Benoit, Fabry, and Perot. (22) of t.he wave- 
length of the red radiation from cadmium was 
presentpd at the third mE'eting of the Inter- 
national Union, and the IoJIowing resolution 
was adopted (loc. cit. p. 20): "The wave- 
length of the red ray of light from eadmium, 
produced by a tube with electroùes, is 
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6438..u19H 
.\ngström in dry air at 15 Q C. on 
the hydrogen thermometer, at a pressnre of 
7ßO mIll. of mercury, the value of g heing 
980.67 (4B'). This number will be the defini- 
tion of the unit of wave-length." 
The first determinations of secondary 
standards were reported in 1907 by Fabry 
and Buisson (loc. fit. p. l
b), who mea
ured 
the wave-lengths of 11.'5 lines in the iron arc 
from 2:37:3 to
 6-194: A by their interferometer 
method. Similar measurements were made by 
Eversheim (2-!) and by Pfund (25), and the mean 
values of the three independent determinations 
were adopted as 
econdary standards by thc 
International "Cnion in HnO, compri
ing 34 
lines between 4282 and 649-! A. . 
The agreement between interferometer 
measurem
nts of tht;'se wave-lengths is re- 
markably good (-002 or .003 
\), and there is 
reason to believe that the accepted secondary 
standard
 haye a precision of 0.001 A, i.e. 
they are C'orrect and reproducible to part I in 
several millions. This is the extreme limit 
which it is possible to obtain, since the most 
homogeneous lines of iron have a width of 
about 0.060 A, and a precision of 0.001 A 
corresponds therefore to 1 / 60 of the width of 
the line. Some of the differences beÌ\\ een 
values of different observers can probably be 
accounted for by different arc conditions 
employed in different labpratories, and special 
investigations on the effect of arc conditions 
show that the wave-lengths of certain iron 
lines which are 
ensitive to pres
mre are also 
affected by current strength, length of arc. 
and portion of arc used. Recognition of these 
influences led, in 1913, to the adoption of more 
precise specifications of the iron arc in air as 
a source of international standaras (2ß) as fol- 
lows :-(1) Length of arc 6 mm. (2) Current of 
6 amperes for wave. lengths greater than 4000A, 
and -1 amperes or less for wave-lengths less 
than 4000 A. (3) Usp direct current "ith 
positive pole above the negative and a potential 
of 2::!O volts; iron rods of 7 mm. diameter. 
(4) 
\s a source of light use an axial part of 
ahout 2 rom. in the middle of the arc_ (5) 
Use only iron lines of groups a, b, c, d pit. 
\Vilson Classification). 
It was also proposed, in 1910, that "the 
measurement of stúndards of the second order 
shall be extended to shorter and longer wa ye- 
lengths, and the arithmetical mean of three 
independent determinations shall be adopted 
as secondary standards." In the past. ten 
years very little progress has been made in 
extending this system of secondary standards. 
The most extensive measurements were made 
by Burns, who compared directly "ith the 
cadmium primary standard the. wave- 
lengths of 12.> ircn lines (27) from 5-134 to 
8824 A anù 100 lines (28) from 
8.)1 to 
3701 A. 


The wavp-Ipngths which have been acloptHl 
as International 8econdary Standards are 
collected in the following table: 


I:XTER
ATlOSAL SECO:XDARY STAXDARDS. 


:
370'789 4375,934 5405.780 
:;399.337 44
7 .314 5434' 5
7 
34.15.154 44G6.556 5453.G14 
3485.345 4494.572 5497.522 
3513.821 4531. )55 5506.784 
3556.8Hl 4547 .
53 55mH;33 
3606.682 4592.658 5586.772 
3640.392 4602.947 5615.661 
3676.313 4û4 7 .4
9 5t358 836 
3677.629 4691.417 5709-39û 
3724.380 4707.288 5763-013 
3753.615 4736.786 5857.759 Ki 
3805.346 478
1.657 5892,882 Xi 
3843.2ßl 4859.758 6027.059 
3850.820 4878-2
5 6065.492 
3865.527 4903.325 ß137.701 
3906.482 4919-007 6191-568 
3907.93; 4966 -104 6230.734 
3935.818 5001.8
1 6
65'145 
3977 .746 5012.073 6318.028 
4021.872 5049 827 fi335.341 
4076.642 5083 .344 (;393.612 
4118'55
 5110.415 6430,859 
4134.685 5167.492 6494,993 
4147.676 5192.363 6546.250 
419) .443 5232,957 6592.928 
4
33.615 5266.569 6ô78.004 
4282.408 5302.315 6750, J63 
4315-089 53
4.196 
4352.741 5371.495 


In addition to the above determinations of 
secondary stand
rds, many other measure- 
ments of wavp-Iengths in the iron arc spectrum 
have be{'n made, some with interferometers 
and others "ith diffraction gratings, partly to 
set up a system of tertiary standards and 
partly to investigate furthf'l' the effect of the 
operating condition
 of the arc upon its wavp- 
lengths. Among f:uch investigations the most 
important in some re
pects app{'ars to be that 
of the so-called "pole effect" on arc lines. 
This has been studied in some detail at the 
.:\It. 'Yilson Ohservatory (29), where it is found 
that certain iron lines which are also sensitive 
to pressure give wave-lengths in the centre 
of the arc slightly different from those near 
the ne,gath-e pole (one or two millionths), and 
also that this effect is somewhat reduced 
w hen, instead of using two iron electrodes, 
a carbon electrode and an iron one are 
used (30). 
CorreC'tions to wave-lengths measured in air 
also deserve uwntion in connection \\Ìth the 
exact measurement
. The Rowland system 
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of 
tandards was definf'd in air at 20 0 C. and 
760 mm. of mercury, and correction tables 
to reduce such ,,,ave-IelU!ths or oscillation 
frequencies to vacuum vãlues are given in 
Kayscr'f' Ilandbllch, ii. 514. Sincf' the new 
International System specifying wave-lengths 
at 15 0 C. has come into general use, there has 
been nù uniformitv in such corrections. The re- 
sulting confusion has been pointed out by Birge 
(31), who recommends that the recent work 
of the Bureau of Standards (18) on the index of 
refraction of air for wave-lengths from 2218 
to 9000 A be referred to for these corrections 
in all future work. International adoption 
and use of the new tables will exclude all 
further possibility of ambiguity or question 
about the conversion of wave-lengths to stan- 
dard air conditions or to vacuum when Ruch 
wa ve-lengths are not actually observed under 
thf'se conditions. 
International Cf) - operation cpased during 
the war, but a new International Astronomical 
rnion, representing several of the allied 
countries, was organised in Brussels in July 
UH9. A new committee on Standard \"ave- 
lengths and So1ar Spectrum Tables wa!ii 
appointed, and this committee will, no doubt, 
consider the possibilities of still further im- 
proving the precision of standards and methods 
of measuring wave-lengths. 
9 (5) \YAVE-LBNGTH l\IE4.SL"REl\fENTS WITH 
PRIS:\I SPECTROGRAPHS.--.Diffraction gratings 
and interferometers are very wasteful of light, 
so that the prism spectrugraph must be 
employed for spectral analysis of faint sources 
such ås the stars, planets, low voltage arcs, 
etc. \Vave-Iength measurements with priRm 
spectrographs are generally obtained by 
methods of interpolation after the positions 
of the unknown lines are measured relative 
to the positions of certain well-known lines 
whose wave . lengths have already been 
accurately determined. Either graphiC'al 
intprpolation or an interpolation formula may 
be used. The graphical method requires 
dra wing the dispersion curve of the spectro- 
scope, 'i.e. the curve showing the relation 
between "va ve - length and corresponding 
deviation. This curve is obtained by measur- 
ing the deviations of well-known lines in 
different parts of the Rpectrum and then 
plotting these numbers against the wave- 
lengths on cross - ruled paper. A smooth 
curve traced through these points is the 
calibration curve of the inRtrument. To 
determine the wave -length of an unknown 
line it is only necessary to measure its devia- 
tion, after which the wave-length can be read 
directly from t.he curve. 
Hart.mann:s interpolation formula is in 
common use, and very satisfactory for the 
purpose of determining wave-lengths of lines 
in prismatic spectra. It states the relation 


between wave-length X and rdraeti\-e index 
fJ.. as foHows : 


c 
X=>'o+- -, 
(f..L - Po) 1 fu 


where XO' c, f..Lo, and a are constants. For 
relatively short ran!'!es of wave-length, a, which 
has a value of about 1.2, may be placed equal 
to unit.y, and fJ.. may he replaced by the linear 
distance n between lines alonD' the focal curve. 
Then ð 
c 
X=Xo+-' 
n -no 


Hartmann pointed out that Xo is a constant 
for any particular spf'ctroscopc and may be 
determined once for all, while no represents 
some definite point on the linear scale. The 
known wave-lengths Xl' X 2 , and X 3 and corre- 
sponding scale readings n l , n 2 , and n 3 for three 
lines are sufficient to calculate the three 
constants XO' c and no, as foìJows : 


" _" Xl'(11] - n 2 ) 
"0 - "3 + (..1 ( ( - , 
I.,) n 3 - n 2 ) + III - n 2 ) 


c= (
o.- X3)(nO - 'n 3 ), 


where 


_ (
o - 
3)(n3 - n 2 ) + 
2'n2 
no- 
 ' · 
2 


"'" " ", "" d 
 - _ 
]' - ^2 
. 
"I =" J. - "3' "2 = "2 - /'3' an .... 
^2. 


The accuracy obtainable in wave - length 
measuremen ts from prism spectrograms de- 
pends principally on the dispersion, and 
under the best conditions the limit is about 
0-01 A. Spectroscopic work "ith prisms is, 
of course, limited to the range of wave-lengths 
for which transparent prism materials are 
available. The lower limit is set by fluorite, 
which transmits to 1200 A, and sylvine marks 
the upper limit at about 23 f..L or 230000 A. 

 (6) "rAVE-LENGTH l\IEASURE:\iENTS I
 THE 
SCHUMAKN REGION.--The most precise deter- 
minations of light waves exist for the range 
from about 2000 to 9000 A, tha.t is, in the 
region of thE' spectrum which is most easily 
photographed. It is very difficult to work 
with shorter waves because of the strong 
absorption of their energy by the air and by 
the gelatine of the photographic emulsions. 
Schumann (32) first overcame these difficulties 
with a vaC'uum spect.rograph, fluorite prism, 
and special photographic 1)lates. Conse- 
quently, t.hese short waves are commonly 
called Schumann ,va ves. 
Thc first successful attempt at accuracy in 
length measurements of Schumann waves was 
made by Lyman (33). The wave-lengths of the 
hydrogen lines in this Schumann region were 
measured to serve as standards. The method 
used is briefly as follows: 



,V A VE- LEXGTHS, THE :\IEASURE:\IEXT OF 


891 


T" () illuminated slits F\ and S', placed on R 
circle whose diameter is the grating's radiu
 
of curvature, will gÏ\ye im2.gf's at I and 1', 
and spectra corresponding to each (Fif}. 9}. 
The two first.-order 
peetra .will be shiftpd with 
respect to each other by an amount depending 
on the distance bet\vef>n thp slits. At a given 
point on a photographic plate boh, een I and 
I' the light brought to a foeus from S will be 
of shorter wa'Te-Ipngth than that from f:oi'. 
The amount of this shift was determined hv 
comparing known lines of the aluminium and 
iron spectra, at one end of the plate. Then 
the longer wave portion of the iron spf'etrum 
(3100 to 2-100 A) ,vas superposed on the Rhorter 
wave portion (1900 to 1200 A) of the hydrogen 
spectrum and the wave-lengths in th(' former 
reduced by the t;hift. The accuracy in thi
 
region does not surpass 0.2 or 0,3 A. 
The shortest \\ aves obselTed by Schumann 
himself were about 1200 A. Lyrnan extendpd 
the spectrum down to about 
UOO .A, and has collected 
the important tables of 
"ave - lengths and other 
optical data relating to the 
Schumann region in a mono- 
graph entitled Spectr08coPY 
of the Extreme Ultra-'l-'l:olet. 
Very recently :Millikan has 
pushed the wa,-e - length 
limit an octave lower, so 
that a gap of lpss than five 
octaves remains between 
the shortest ultra - violet 
waves and the longest X 
"aves thus far observed. 

 (7ì 'VA VE-LEXGTH l\IEASUREl\IENTS lli THE 
INFRA-RED.-Beyond the photographic limit, 
investigation of the infra-red spectrum by 
means of thp heating effect of the rays has 
been carried on with the aid, chiefly, of ther. 
mopile, radiometer. radio - micrometer, and 
bolometer. The thermopile consists of a 
number of junctions of dissimilar metals, 
e.g. bismuth and antimony. iron and con- 
stantin. If radiation falls on alternate 
junctions a galvanometer in the circuit will 
give a deflection proportional to the heating 
effeC't. 
The radiometer is a modification of the 
instrument devised by ('rookes in ,,-hich mica 
vanes, accuratply mountE-d on a central spindle 
in raC1l0, rotate when placed in the path of 
radiant energy. The radio - micrometer 1 in- 
vented by Boys and d'Arsonval simultaneously 
is a type of galvanometer. A single thermo. 
couple is su
pended by a (luartz fiLre with the 
plane of the couple in the line joining the 
poles of a magnet. \Yhen radiation falls on 
a junction the current generated causes the 


1 Sep "Radio-micrometer and other Instruments," 
'.01. III. 
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couple to turn in the majrnetic fipld. In 18tH 
Langley (3-1-) announced his actinic balance or 
bolometer, 2 "hi(.h measures the temperature 
of a very fine strip of metal in terms of tho 
change of elpctrical resistance. Two similar 
strips are placed in two of the arms of a 
\Yheatstone bridge. \Yhen radiation falls on 
one of them th(' resistance changes and causes 
a deflection of the galvanometer. 
In connection with this method of spectrum 
investigation the name of Langley (35) became 
famou
. His bolometer was an exceedingly 
great advance upon any of the apparatus 
which had previously been constructed. \Yith 
a bolometer strip 0,;) mm. broad and .002 mm. 
thick he reached a sensiti,eness of ] 0- 60 C. 
\Yith such instruments he investigated the heat 
spectrum of the sun and the absorption of 
the earth's atmosphere. In his final work on 
the solar spectrum Langley used a fixed-arm 
type of spectrometer, with lenses and prisms 
of rocksalt, and the spec- 
trum was made to pass 
over the bolometer strip by 
rotating the prism. The 
galvanometer readings were 
recorded on phütographic- 
ally sensitive paper whose 
motion was co - ordinated 
with that of the prism. 
From the known di
persiol1 
of the prism the wa ve- 
length of any spectrum 
line shown upon the record 
could be found, and also, 
from the length of the 
galvanometer throw, its 
intensity estimated. . Langley thus mapped 
the solar spectrum as far as .3,5 fJ., and 
observed ïOO lines between A (.7604 fJ.) and 
this limit. 
For more than a decade Langley was prac- 
tically the only worker in this field. In 1892 
Ruben::; (36) began to measure the dispersion of 
various substances for long "ave. lengths. 
'Yith a bolometer he measured the dispersion 
of crown and flint glasses, water, and various 
liq uid hydroC'arbons to 3 fJ., and of quartz, 
rocksalt, and fluorite to 3.5 fJ.. Later he 
extend
d the" ork on fluorite to 6.48 fJ.. 
In 189-1 Pasc}lPn (37) \\ent out to 9.3 fJ. by 
using a fluorite prism, and Rubens (38) and 
Trowbridge in 1897 pressed forward to 23 fJ. 
by using prisms of rocksalt and sylvine. The 
continuous spectrum was thus extended to 
thirty-nine times the wave-length of sodium 
yellow, or five octaves into the infra-red. A 
further extension in this manner seemed impos- 
sible, because no substances were kno" n which 
were more transparent than syldne to the 
long waves. The extreme limit of prism 
2 :-'ee" Radiant Heat, Instruments for the Measure. 
ment of," 
 (18). 


FIG. 9. 
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transmission is fixed by RyhTille at 23 fJ.. ,rith 
rocksalt and fluorite the limits are alrpady 
reached at 13 f..L and 9 fJ. respectively. It is 
an interesting fact that the absorption which 
makes it impracticable to use these substances 
further as prism material furnished the key 
to still greater penetration into the infra-red 
region. 
The presence of these absorption bands is 
attributed to a re'sonance phenomenon which 


FIG. 10. 


causes a large part of the incident radiation 
to be re-emitted, so that the particular sub- 
stance shows metaJIic (i.e. high) reflection at 
these points. This fact is the basis of the 
method of isolating long waves which was 
worked out by Rubens (39) and Nichols in I89f). 
If the radiation of a source falls upon a plate 
of rocksalt, for example, all wave-lengths are 
transmitted except in absorption rp
Üons; 
the wave-lengths corresponding to the maxi- 
mum absorption are almost wholly reflected. 
The diagram (Fig. 10) of Rubens' apparatus 
shows light from an incan- 
descent \Velsbach burner 
A passing through a wire 
grating G and under- 
going several successive 
reflections before being 
focussed on thermopile 
T. The final radiations 
thus obtained by suc- 
cessi ve reflections from 
a substance were called 
H Reststrahlen " or residual rays, and possess 
the greatest energy for almost the same wave- 
lengths as the maxima of the absorption bands 
for the substance. :For example, the absorption 
bands computed by means of the Ketteler- 
Helmholtz ùisperf:ion formula are at 3f, fJ. for 
fluorite, 56 f..L for rocksalt, and 67 fJ. for sylvine. 
Rubens and Nichols found eÀperimentally 
for fluorite 24 f..L and 34 fJ., for rocksalt 52 f..L, 
and for sylvine 63.4 f..L; very good agreement 
if one considers that the dispersion formula 
requires the reflection maximum at somewhat 
shorter wave-length than the absorption. It 
was suspected that for other substances, 
especially those with larger molecular ",eight, 


still longer waves could be found. This was 
('on firmed by Rubens, and is shown in the 
following table: 


ðuhstanc{'. 


I 
Iean ^ of I'TolE.'cular 
Reststrahlen. W ('Ïght. 


Ma 


Rocksalt (XaCl) . 
Sylvine (KC'l) 
Silver chloride (AgCI) 
Potassium bromide (KBr) 
Thallium chloridE.' (TICl) 
Potassinm iodide (KI) . 
Silver bromide (AgBr) . 
ThallIUm bromide (TIBr) 
Thallium iodide (TlI) 


58.5 
74.6 
143.4 
119.0 

3U.5 
166.0 
]88.0 

84.0 
331.0 


52.0 P. 
6:
'4 
81.5 
82'6 
91.6 
94.1 
112.7 
117.0 
151.8 


The infra-red spectrum was thus pushed to 
I nearly 8 octaves above the visible. Because 
of the limited energy of sources, further 
exten
ion to longer waves by the Reststrahlen 
method is difficult in spite of the refinement 
of modern apparatus. 
A still further improvement in the method 
of isolating very long waves was made by 
Rubens (40) and 'Yuod in 19] 1. The method is 
based on the sf'lective refraction and selective 
absorption of quartz. Quartz has an absorp- 
tion band beginning at 4.5 p. which reaches 
far out into the infra-red, but for wave-lengths 
longer than 70 }J- it becomes transparent. 
At. the same time. in consequence of its 
anomalous dispersion, quartz has a very large 
index of refraction for 70 f..L; at 63 p., n = 2.19 
and approaches 2.14 \",ith longer wavp-Iengths. 
For visible and short heat waves its index of 
refraction ranges from 1.43 to 1.55. A quartz 
lens, therefore, has a much shorter focal 


FIG. 11. 


length for extremely long waves than for the 
shorter ones. This principle was used by 
Rubens and 'Voad in their apparatus, Fig. lJ, 
in which the lung waves are selected from the 
source S by means of the quartz lenseR Ll and 
L 2 and opaque screens D which stop t he short 
waves. The long waves pass through an 
interferometer I and are focussed on a thermo- 
pile T. The great advantage of this method 
of focal isolation is that large angular aperturps 
can be used and the radiation is weakened only 
hy reflection and absorption by the two quartz 
lenses. Its only disadvantage is that all the 
radiations for which n approximates 2.1-1 pass 
through. The wave -lengths are detcrmin('d 
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TABLE OF "TAYE-LE
GTH
 


Wayes. 


O("ta ye Freq uency ,,- a ye- 
So. x IOu. length ^ ,.,.. 
-18 1,000,000 0.000003 
-17 491,520 0.000006 
-16 24.3,760 0.000012 
-15 122,880 0.000024 
-14 6,14:40 0.000048 
-13 30, i 20 0.000098 
-12 15,360 0.000193 
-11 7,680 0.00039 
-10 3,840 0.00078 
--- 
- 9 1,9
0 0.00156 
- 8 960,0 0-0031 
- 
- 7 480.0 0.OU6 
- 6 2-10.0 0.012 
- 5 J20'0 0.025 
- 
- 4 60.0 0.0.3 
- 3 30.0 0.1 
- 2 15.0 0.2 
- 1 7.50 0.4 
0 3.75 0.8 
+ 1 1.873 1.6 
+ 2 0.940 3.2 
+ 3 I 0.470 I 6.4 


( 
Unknown .J 
I 
I 
\ 
( 
I 
I 
I 

I 
and-, 
I 
XI 
I 
I 
I 
\ 
( 
I 
I 
I 
U llknown .
: 
I 
I 
, 


( 
I 
I 
SChUmalJJl. - 
I 
1 
\ 
( 
mtra-Yiolet
 
I 
\ 
YiBible. ..( 
\. 
J nfra-red .I 
t 


Remarkd. 


- . 0ססoo 7 fJ.. Rutherford, 1914. 
 from radium B 


- . ססoo 292 X ß from X eodymium 
- . ססoo 560 p.. Xa from silver. :\loscley, 1914 


- .0001365 fJ.. 'Y from radium B. Rutherford, 1914 


- .OOO83ü4 fJ.. Xa from aluminium. 
Ioscley, UH4 
- .0012346 fL. Xa from zinc. Friman, 1916 


- .036 p.. Millikan, 1920 


- .06 ,u. Lyman, 1914 


- .12 fJ.. Lower limit of fluorite transparency. 
Schumann, 1893 
- .18 fJ.. Lo" cr limit of air transparency, and of 
quartz, rock-salt. and photographic gelatine 


- .35 p.. Lower limit of glass transparency 
.4 p.. Yisible limit in violet 


- .64384696 p. Fundamental standard wan .length 
.8 p.. Yisible limit in red 


-1 p.. Cpper limit of photography 


- 3 p.. Upper limit of glass transparency 


- 5.3 p.. Langley, 188(; 
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TABLE OF 'YAVE-LENGTHS (continued) 


'Ya Yes. 


Octa ve Fr('q u('n('y 'Yave- 

o. X 1014. lengt.h ^ fL. 
I 
12.8 
+ 4 0.235 
+ 5 0.118 2;").ü I 
--- 
+ 6 0.059 51.2 
+ 7 o .O:!H 102.4 
+ 8 0.014 204.8 
-- 
+ 9 0.007 40D .6 
+10 0'()035 8H)-2 
+11 0,0018 1638-4 
--- 
+ ]2 0.0009 3276.8 
+13 0-00045 6553.ü 
+]4 0-00022 I:H07.2 
+15 0.00011 262]4.4 
+]() 0.0000.'5 52428.8 
+17 u.()0003 10-1857.6 
-
 ]8 0.000015 209,715 
+19 0,000007 419,430 
+20 0,000003 838,8(jO 
- 
+2] O,ooOOO]G ],(i77,720 
+22 0-0000008 3,355,440 
+23 0.0000004 6,710,880 
+24 0.0000002 13,421,76D 
- 
+25 0.0000001 26,843,520 
+26 0.00000005 f)3,mn ,040 
+27 I 0.000000025 J07,374,080 


( 
I 
I 
I 
I 
I 
Infra-red ..
 
(continued) I 
I 
I 
I 
I 
I 
I 
"- 
( 
Unknown ._' 
\ 
I 
\ 
( 
I 
I 
I 
I 
I 
I 
I 
I 
I 


Ele('tric 


ì 
I 
I 
I 
I 
I 
I 
I 
I 
I 
\ 


Remarks. 


- i) jJ.. Cpper limit of fluorite transparency 


- 15 jJ.. Upper limit of rocl\:-salt transparency 
- 23 p,. Upper limit of sylville transp
rency 


=
; 
 


l . J ' 
- 82 p, KEr . Reststrahlen. Rubens and co. 
- 113 p, AgBr workers, 1897-HH4 
- 152 p, TI J 


_ 218 p, r Quart
-I
llS focal isolation of Hg arc 
_ 342 - l emISSIOn bands. Rubens anù von 
p, Baeyer, 1911 


- 2000 p,. O. yon Baeyer, 1911 


- 4000 p,. Lan:!pa, l
Vì 
- 6000 p,. Lebeùew, 1895 


- 100000 p,. Righi, 1893 


- 660,OCO p,. Hertz, 1888 


- Range of wave-lengths used in rarlio com- 
muni('ation in 1920, 50 m. to 50,0 0 0 m. 


LongestclectricwavcCJgencraterI ahout 1.000,000 km. 
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from" visibility" curves obtained by plotting 
increasing separation of the interferometer 
plates as abscissae and corresponding e-nergy 
readings as ordinates. In this way it ,yas 
found that the radiation from a "
elsbach 
incandescent mantle contains waves over 
l,jO fJ. long, the ma
imum radiation being 
about 100 f..L. Rubens (41) and von Baeyer in 
1911 investigated by this method the long 
waves from a quartz mercury lamp and found 
an emission region between 200 and 400 f..L 
with maxima at 218 fJ. and 3-12 fJ.. Here is a 
light \\ ave 1/3 mm. in length, or oye-r 300 
times the length of the yellow sodium ray. 
This is the longest wave isolated to date, 
and is only 2! octaves from the shortest 
electric "waves (À = 2 mm.) obtained by O. von 
Baeyer. The rapid progress in the knowledge 
of the region between the visible spectrum 
and electric ,-raves in the last 30 years justifies 
the hope that the remaining gap will soon be 
filled up. An effort in this direction was made 
in 1914 by Rubens (42), and Schwarzschild, who 
tried to find solar radiation between 400 and 
600 p. by the quartz lens method. Calcu1ation 
predicted that radiation could be measured if 
the sun" ere assumed a black body at 6000 0 C. 
and if the atmosphere "ere transparent. 
However. not a trace of deflection could be 
observed. The explanation is probably that 
the water-vapour in the earth's atmosphere, 
whose absorption spectrum is complex and 
Iull of bands below 400 fJ., also posse8ses strong 
absorption for sti1llonger waves. 
Standards of wave-length in the infra-red 
part of the spectrum have been df>tf>rmined 
"ith considerable accuracy by Paschen (43) and 
by Randall (-1-1), using thermopiles with whiC'h 
to explore the normal spe-ctrum of concave 
gratings. Their invf'stigations cover the arc 
spectra of a large number of the che-mical 
elements. The measurements e
tend to wave- 
lengths of 30 to 40 f..L, and are probably not 
more than a few tenths of an Angström in 


error. 



 (8) T.4.BLE OF "
AVE - LE
GTHs.-The 
charts on pages 893-894 show the entire range 
of wave - lengths of electromagnetic WR\es 
which are within the domain of scientific 
investigation at the present time. 
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'YAVE-LE
GTHS OF LIGHT, first determinations 
of, corresponding to the different colours, 
made by Thomas Young. See" 'Yave- 
lengths, The )Jeasurement of," 
 (1). 
Table of. See- ibid. 
 (8). 
"AVE SURFACE, FRESXEL'S: the surface over 
which the energy emitted at a given instant 
from a point source in a biaxial crystal is 
distributed after any given interval of 
time; it is the envelope of the series of 
planes obtained by drawing, at any time, 
the wave-fronts. See" Light, Double 
Refra.ction of": also "Polarised Light 
and its Applications," 

 (6) and (22). 
'VEBER ILLUl\n
ATIO
 PHOTO:\IETER. See 
. ,. Bhotometry and Inumination," 
 (38). 
\YHIT:\IAX PHOTO
IETER: a form of flkker 
photometer. See" Photometry and Illu- 
mination," 
 (96). 
'YIEX'S DISPLACE:\IEXT L-\. w. See-" Radia- 
tion Theory," 
 (5). 
'Y ILD PnoTo:\IETER. See" Photometry and 
Illumination," 
 (99); also (spectrophoto- 
meter) " Spectrophotometry," 
 (12). 
'YILD'S POLARDIETER. See" Polarimetry," 

 (8). 
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\YIYDOW EFFICIENCY, synonymous with 
daylight factor. See H Photometry and 
Illumination," 

 (7-1) and (75). 
'Y OLLASTON'S PRISM FOR PRODUCTIO
 OF 
DOUBLE bIAGES. See H Polarised Light 
and its Applicatiuns," 
 (12). 


\V OOLHOUSE'S CYCLE OF NINETEEN: a 
part.icular musical temperament in "hich 
the octave is dlVidpd into 19 steps, 
3 being allotted to each tone and 2 to 
each diatonic semitone. See H Sound," 

 (6) (iii,). 
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X-RAY BULB, efficiency of. See" Radiology," 

 (23). 
.l\Iade of metal. See ibid. 
 (15). 
X-RAY CRYSTAL A
ALYSIS A
D ATOMIC 
STRUCTURE. See H Crystallography," 
 (19). 
X-RAY CRYSTALLOGRAPHY. By" reflecting" 
monochromatic X-rays from the several 
faces of a crystal the arrangement of the 
atoms in the crystal can be fuund. See 
,. Radiology," 
 (32). 
X-RAY PHOTOGRAPHY OF l\fETALS, AND OF 
\YELDS. See" Radiology," 
 (33). 
X-RAY PROTECTION: a representative com- 
mittee has dra
-n up a report containing 
recommendations for the protection of those 
working ,,,ith X-rays and radium. See 
H Radiology," 
 (31). 
X-RAY SPECTROMETER, developed by Sir 'V. 
and ,,? L. Bragg, for the investigation of the 
structure of crystals and the absolute lengths 
of the edges of the space - cells. See 
" Crystallography," 
 (15). 


X-RAY SPECTRUM, produced on splitting up a 
heterogeneous heam of X-rays by means of 
" reflection " at a crystal face. See H Radio- 
logy," 
 (17). 
X-RAY TUBES at National Physical Laboratory. 
See H Radiology," 
 (28). 
X-RAYS, the detection of. See H Radiology," 

 (7). 
The discovery of. 8ee ibid. 
 (6). 
The nature of. See ibid. 
 (1). 
X-RAYS A:SD AIRCRAFT. See "Radiology," 

 (33). 


X-RAYS AND 
IATERIALS. See" l{,adiology," 

 (30). 
X-RA YS AND :\IEDICI
E. See H Radiology," 

 (29). 
X-RAYS AND OLD :\IASTERS. See" Radiology," 

 (34). 
X-RAYS AND THE \V AR. See" Radiology," 

 (33). 
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Y OURG'S EXPERIMENT: the first experimental 
arrangement in which true interference of 
light was observed, described by Young in 
lectures published in 1807. See "Light, 
Interference of," S (3). 


ZEEMAN EFFECT: a phenomenon, observed by 
Zeeman in 1896, occurring when a source 
of light is placed in a powerful magnetic 
field. The spectral lines are then resolved 
into components, which are polarised in 
certain directions, the sim plest cases being 
theoretically accounted for by Lorentz 
theory. See" Spectroscopy, Modern," 
 (7). 
ZEISS RANGE-FINDER. See" Range-finder, 
Short-base/' 
 (7). 
ZI
C. Presence in glass renders it resistant 
to water attack. See "Glass, Chemical 
Decomposition of," 
 (1) (ii.). 
ZI
C SULPHIDE, mpthods of preparation of, 
with radium salt, to form a luminous com- 
pound. See" Luminous Compounds," 
 (3). 


YOUNG'S MODULUS FOR GLASS. See" Glass," 

 (26) (i.). 
YOUNG'S THEORY OF COLOUR VISIO
: the 
earlier form of the t.richromatic t.heory. 
See" Eye," 
 (11). 
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ZONAL CA
DLE-POWER: the average candle. 
power of a light source within a Rpecified 
zone. See H Photometry and Illumina- 
tion," 
 (49). 
ZONAL SPHERICAL ABERRATION: an aberrat.ion 
of an optical system such that the focal 
length is alternately long and short for 
successive zoncs of the aperture. See 
" 
'licroscope, Optics of the," 
 (6); "Tele- 
scope," g (3). 
ZSCHIMMER'S test for dlects of moist air 
on optical glass. See "Glass, Chemical 
Decomposition of." 
 (3) (i.). 
ZSIGMí)NDY AND SIEDENTOPF'S ULTR.\MfCR0- 
SCOPE, See "Ultramicrosccpe and its 
Applications," 
 (1). 



IKDEX 


(Numbers refer to pages) 


Abady: (:"\immance and) flicker photometer, " Photo- 
metry and Illumination," 4j5 
Abbe, E.: aplanatic refraction, .. Aplanatic Refrac- 
tion," 2, .. Photographic Lenses," 4U8 n.; auto- 
eollimating eyepiece. .. Gonionwtry," 114 ; opti- 
cal sine condition, ")licroscope, Optics of the," 
223, .. Telescope, The," 84-t-; methoil of deter- 
mining total magnification, ")lÏcroseope, Optics 
of the," 204:; resohillg power of nlÌcroscope, 
limit of resolution, ibid. 20.:), .0 
Iicroscopy with 
rltra-violet Light," :!;
ï, 238, :!39, .. Gltra- 
llUl'rOSCope, The," 876; the 
umerical Aperture 
and the Apertometer, .. )licroscope, Optics of 
the," 205; improvement in objecti\-es, ibid. 206 ; 
apochromat objective systems, ibid. 228, .. .:\licro- 
f'copy with (;ltra.violet Light," 2:38; correction 
of chromatic difference of magnification, .. 
Iicro- 
scope, Optics of the," 2:W; values of optical tube 
length and close combination:-> for compensating 
eyepieces, ibid. 233; the illumination of Illicro- 
scopic objects, ibid. :!;
;), 231>; test plate, .. Object- 
ives, the Testing of Compound,":!ï 4 n. 4:, .. ðilvered 
Mirrors and Silvering," 6ï7; focometer method 
of measuring aberrations, .. Objectives, The 
Testing of Compounù," 277, .. Optical Parts, The 
Working of," 329; polarising prism, .. Polarised 
Light and its Applications," 498; adjusting 
apparatus for range-finders, .. RangC'-finder, 
Short-hase," (i48, H49, 0;)3: auto-collimation 
spectroscope, .. Spectro-,copes and Refracto- 
meters, 772; refractometers, ibid. 774:, 77;)' 
spectromcter, .. ðpectroscopy, .:\Iodern," 779; 
spherometer, .. Spherometry," ï8ï, 788 
(Gauss and) first approximation theory, .. .Micro- 
scope, Optics of the," :202 
(Schott and) new glH.sses manufacture(l by, .. Optical 
Glass," 315, 316, .. Photographic Lenses," -10-1 
(Zeiss, 
chott, and) researches in glass-making, 
.. Telescope, The," 8:>0 
Abbot: atmosphrrìc transmission of sunlight, 
" :-\f'atterinl! of Light by Gases," 666 
(Langlf'Y and) curve for refr..wtive indices of 
fluorite, .. Radiation," ;')60 
Abderhalden: arrangement of multiple polarimeter 
obsf'n-ation tubes, .. Polarimetry," 489 
Abne:., :Sir \,
.: colour vision determinations, .. Eye, 
The," 62, 63, 69; sector dhw for regulating 
<kgree of illumination, .. Photometry and 
Illumination," -12]; rotating dise arran
ement 
for measuring shutter spred-;, .. 
hl1tters, testing 
of Photo
raphic:' 6ïO, 6ïl; method of spectro- 
photometry. .. Spectrophotonlf'try." i -t-5; ex- 
tension of sen<;ihility of photographk plates for 
spectroscopic purposes, .. 
 pectroscopy, 
Iodern," 
i,9 
Adair: (Thre1fall and) ðpf'riments on speeds of 
sound-waves from explosions umler water, 
.. Sound," fi88, mil 
Aùams: (Lewh; and) theoretical computation of 
coefficient of total radiation, .. Radiation" 
;)53: thf'ory of ultimate rational unitg ibid. 5(14 
Adams. ('. \Y.: paper on .. The .:\Icasurement of 
Di
tanc('s with Lon
 
tef'l Tapf's," .. 
nn-cring 
and f-;urveying IllstrUnlf'nts," 836 
Adams, Franklin: Taylor photographic lens con- 
structed for, .. Telescope, Thf'," 8-1H 


YOLo IY 


Aclie: telemeter, .. Range-finder,Short-base," 634:, 653 
Ahrens: cutting of 
icol prisms, .. Polarised Light 
and its Applications" 4tH; triple prism, ibid. 4U8 
Airy, :Sir G. B.: ere('ting eyepiece, .. byepieces," 78 ; 
intensity distribution produced by a perfect lens 
system, " :.\Iicroscope, Optics of the," 213 ; theory 
of the spurious disc, .. 
1icroscope, Opties of the," 
234, 235; counteraction of ship's permanent 
magnetism, .. Xa
igation and Xavigational 
Instruments," 250; mathematical theory of 
double refraction of quartz, .. Polarised Light 
and its Applications," 511 
Aldis, )Ies
rs.: unit telescopic sight, .. Graticules," 
123; composite graticules, ibid. 12;); lens, 
.. Photographic l.enses," 406, 40ï; spherometer, 
.. !:;pherometry," iti8 
Allen: (Zies and) gas from glass, " Glass," 88 
Allen, H. S.: carbon arc 8tandard, .. Photometry and 
Illumination," 41;); sensitivity of alkali eell, 
ibirl. 427 
Alhnaar, De 31eester van: radiograph of painting by, 
.. Radiology," 623 
Alteneek, H. von: Hefner lamp, " Photometry and 
lllulllination." 4] 2, 413, 414 
Amagat: compres:-;ibiJity of water, " 
ound," 686 
Amhronn: conductivity of glass, .. Wass," \)8 
Amici: triplet objectiw, .. .Mieroscope, Optics of the," 
206; immersion lenses introducf'd by, .. 
Iicro- 
scopy with rltra-, iolet Light," 23i 
A ndef:'on, Dr. J. A.: aCCUfaC) of serews, .. Diffrac- 
tion Gratings, The Manufacture and Testing of," 
3
; ('orrection of Rowland machine ibÙf. 32; 
I!rinding nut. ibid. 33 'II. 1; gratings ruled by, 
.. \Yaw-lengths, The 
Ieasurement of," 885 
A nderson, Dr. J. S.: wave-length method of refracto- 
metry, .. Immersion Refraetometry," 133 ; 
shadow nwthod of testing objectiws. .. Ohject- 
ives. The Testing of Compound," 2ï9; method 
of measuring etticiencies of sector shuttrrs, 
.. 
huttf'rs. Testing of Photographic," Hi -1 ; 
na,-al gun-sighting telescopes dissected b), 
" Telrscopes of (;erman Design," 806 
Andrade: (Hichafflson and) nature of y rays, 
" Radioactivity" 58-1 
Andrews.: method' 
f photometry of luminous com- 
pound in bulk, .. I)hotometr) and Illumination," 
-163 
Ángstriim: map of K ormal :solar spectrum, " Áng- 
ström," 2, .. ".ave-lengths, The )Ieasurement 
of," 88
, 883, 888: unit of wave-length measure- 
ment, .. Ângström," 2, .. \Yave-len!!ths, The 
)[easurement of." 882, I:-i"g; electric compensa- 
tion pyrhf'liometer modified by, .0 Radiation," 
5-15. 546, 5-18 
AnschÜtz: gyro <,ompassf'S, .. Kayigation and 
Xavigatiollal Instruments." 2;'5, 257, 239 
Antheamme: Illrthod of polishing !.!lass, .0 Optical 
Parts, The Working of." 334. 3-W . 
\ral!o. F.: optiral rotatory power of quartz ohsen-ed 
by, .. Polarimetry," 47-1, " Optical Rotation and 
the l'olarimcter," 348, "l
uartz, Optkal not
ltory 
Power of." :>Ji ; theory of polarisation 
"Polarimctry," 490 
(Fresnel anù) la,ws of polarisation, .. Light, IntC'r- 
ferenrp. of." 190, .. Polari:-,cli Light and its 
Applications," 4UO, 491 


897 


3 
[ 



898 


IXDEX 


Armstrong.: (" alker and) charactf'ristk diagram of. 
.. Tartaric Add, Optkal Rotatory PO\\'er of," 
R37 
Arndtsen: anomalous rotatory di..,persion of tartaric 
add and its esters, .. Tartaric \dd, OptÏl'al 
Rotatory !>ower of," 830, 841 
Aston, F. 'Y.: isotopism of neon, .. Radioacth'ity," 
5Ð
 
(Thomson and) work on positive rays, .. Radio- 
lo(n.. " ;)!}i; 
Aubert:' (Forster and) perimrter, .. Ophthalmic 
Optical _\ pparatus," 282 
Auerbach: harllness experiments, .. Glass," Ð7 
Austin: (I.owry and) dextrorotations of tartaric 
derh"atiYCs, .. Tartaric Add, Optil'al Rotatory 
Power of," 84-0 
Babinet: comlwnsator, .. Polariscd Light and its 
ApI)lications," ;)02. ;)03 
Bache: base measurement apparatus, .. burveying 
and ::;urveying Instruments," 82
 
Backer: action for horizontal piano, "Pianoforte, 
The," 460 
Badal: optometer, .. Ophthalmic Optical Apparatus," 
287 
Baeyer, von: shortest electric Wa\es obtained by, 
.. 'Yave -lengths, The Measurement of," 8Ð-1, 
8Ð5 
(Hahn, l\Ieitner. and) ß rays in magnetic field. 
.. Radioal'tivity ," ;)8
 
(Ruhehs and) measurement of long Wa'"f'8 from 
quartz mercury lamp, .. Wave -lengths, The 
)[easurement of," 8n-t, I"U;) 
Ball, J. : (Knox-;5haw and) tables of siderral times and 
azimuths, "::;urveying anll Surveying Instru- 
ments," 819 
Balmain: improved calcium sulphide, "Luminous 
Compounds," 103 
Balmf'r: fornlula for ff(>quencÏes of fwries of Ih\pS 
in hydrogen spectrum, .. Balmer 
eries," 3, 
H Quantum Theory," ;)3;), 536, .. Spectro,.;copy, 
l\Iodern," 784- 
Bal
', E. C. C : 8prctroscoPlI, " Diffraction nratings, 
Theory," 5], ;)2, .. Wave-lengths, The 1\leasure- 
ment of," 88-t 
Bardsley: perinwter "Ophthalmic Opt.ical Appar- 
at.us," 282 
Barkla: wave-lengths and absorption coefficients in 
aluminium, " Uadiology," (i0;) 
Barlow, Professor: method of countf'racting (,{fect of 
snip's iron on compa
s, .. Xavigation and 
1\ a vigational Instruments," 2;)0 
l
arlow, \Y.: point systems, .. ('r
"stallography," 18 
(Pope and) valency volume theory, "Crystallo- 
gra.phy," 24- 
Barr &, ::;troud, )II-'s
rs.: suhnmrine perisC'opes and 
range-finders, .. Periscopes," 368, 360-
74 ; 
range-finder
, "Range-tinder, Short-hase," 635, 
639, 6-tO, 6H, 612, 6H, 6;')3, 6;)-t: lwight-fimlrr, 
ibid. 64-3, 6J-t; eyepiece prism s
'stpm, ibid. 6-17 ; 
afljusting instrument for range-finders, -ibid. 
64n, fi;)O; list of patents, ibid, (j;J3, ü;)-l 
Barrett, \Y. I".: sensitive Hames, " ::-ïound," 7
6 
llartolinus, J":.: early discovery of polarisation 
phenomena, .. Polarised Light and its Applica- 
tions," 4-90 
Barton, .K H.: Sound, "Soun(l," 684; methods of 
recording motions of parts of musical instru- 
nwnts, ibid. 730 
RanIs, C.: The Interferometry Qf Rl'1"cr.,;pr] and Non- 
rerer.<;ed Spectra, "Immersion Rf'fractonwtry," 
135 n. 
Bates: sacC'harimf'tf'r, "Bates's Saccharimctrr," 
3, .. :-;a('charimetry," 6!)8, 650; spectro-polari- 
meter with Brace polariser, .. Polarimctry," 
4

; modified ::-;and's mer('ury vapour lamp, 
ibid, 188 
Bates-Frit": saccharimeter, "SaccharÏ1netry," 661, 
6(j2, 6(j3 
(JaC'kson and) drtermination of rotation constants 
of f'u'mr, "Baccharinwtry," (j(jO, 6ü1 ; eUeet of 
illuminant on rotation values, ihid. 663 
llauf'r: qualimeter, .. Radiology," GOR 
C\louJin an(l) thermomf'trie detf'fmin'1tion of 
radiant constant CT, "Uadiation," 5,j0, 551; 
result, ibid. !)5-t 
lktus('h: (I
omh aml) coineÏdenc(' rangp-finder, 
.. Range-finder, Short-ùase:' 652; saccharimeter, 
" :-iac('harimetry," (j;)7 


Beaman, W 1\1.: \'C'rtical arc adjunct for te1es('opÏ<' 
ali<lade, .. Surveying and ::;uf\'eying Instru- 
ments," 817 
Bf'chstC'in: flicker ])hotometer, "Photometry and 
Illumination," 454, 4;)5 
Beck, -;'\h>ssrs. U. & .J.: tests on thr kns brnch, 
.. Camera J
cnses, The Testing of," 5, 6, 7, 
" Objectives, The Testing of Compound," 2ï;) 
Becke, F.: relative measurement of sj)ace-Iattke 
cells, " Crystallography," In 
Becquerel, H.: lumineseenee exeitrd by radium rays. 
.. Luminous Compounds," HH; phos]lhoro- 
scope, .. )lkroscopy with (-ltm-violet Ught," 
244; property of radioacth"ity discowred by, 
" Radioaetivity," 572, "Radium," 624; separa- 
tion of actiw barium, " Radioa('th'ity," 5n 
13eiIby, :Sir G. T.: theory of polishing, .. Optical 
Parts, The Working of," 332 
Hell, A. (1.: tf'lephone patf'nted by, " 
ound," 720 
(C'. Bf'll, TaintC'r, and) early phonograph, " Phono- 
graph awl firamophonr, The," 37;) 
Bell, C.: (Graham Bdl, Tainter, :1I1d): early phono- 
graph, .. Phonograph and GramOIJhone, The." 
375 
IkH, Loui
: wave-length detf'rmillations, .. "-a\c- 
lengths, Thp l\Ieasurement of:' 884- 
Bellingham ó: 
talllpr, .Mcssrs.: Rimple polarimeter, 
.. Polarimrtn'," 4-83, -1
4-: high-ae('uracy polari- 
mrtC'r, ibid, J8;); sp
etro-polarimeter. 'ibid. 487 ; 
observation tube, ibid. 488; saccharimeter, 
.. 
aceharimetry," 657, 661; Aùbe refraeto- 
meter, .. 
peetroseopes and RC'iractometers," 
774 
Benard: ()Iascart and) normal ,wight of sucrose 
solution. .. Haccharimrtry," 650 
Benford, V. A.: hemispherical intrgrator, "Photo- 
metry awl IJlumination," 461 
Bennet.t, G. F.: (Pleydell and) RC'nnrtt- Pkyddl 
prim'iple, "Height-finder, The }>aterson- "-al:,;h 
Electrical." 127 
Benoist (L.): penetrometer," Radiology," ß07, üO
 ; 
vibrating Hame method of measuring shutter 
speeds, "Shutters, Testing of ])hotographie," 
671 
Benoit., R.: (Fabry, Perot, aUll) interferollleter 
mf'asurf'Inent of light-waveii, .. "'ave-lengths, 
The l\1easurement of," 886, 887; standard fixed 
hy, ibid. 888, 88Ð 
(Guillaume aIlll) hase measurement hy tapes or 
wircs in eatenary ":Survcying and Surveying 
Inst.rument
," 8:.>0, 831, 832, 8:Hi 
Berlioz: quality of tone of mandolin, .. Hound," 698 ; 
sponge-hradC'11 11rumstieks, iMtl. 7] 7 
Berndt., G.: (Weillert and) table of melting tempera- 
tures, " Optieal Glass," 325 
Berrr, G. H.: papers on piano ,'ibrations, .. ::;ound," 
700 n. 
Bertrand: polarisina prism, "Polarised Light and 
its Applications," 4Ð7 
Hess(>l, F. \V,: formulae for ray-tracing in microscope 
objeetivf'S, "
Iicrosco]Je, Ovtics of the," 206; 
base measurement al'paratus, "
urn>ying and 
Hurveying Instrumpnts," 828 
Besson & Co., )Iessrs.: cornet with enharmonic 
valves, .. Sound," 710 
Bidwell, S.: papers hy, " Eye, The," 70 
Billet, F.: split If'ns, .. IJght, Interferrnce of," 184 
lJiot: optical rotation obserwd amI examined by, 
"Opt.Í<'al Rotation and the Polarimeter," 
348, "Polarimetry." 474, 475, "Polarised I
ight 
and its ApplIcations," 508, .. Quart?;, Optical 
Rotatory Power of," ;;37, "Tartark Aei(l, 
Optkal Rotatory Power of," 8:37; polarimf'ter 
of, .. Polarimetry," 474-; 
pedfic rotation vary- 
ing with wave-lf'ngth, law of invrffw squarrs, 
ibid. -180, "Polarh;C'd Light and its Applications," 
508, 500, .. Quartz, Optical Uotatory Power of," 
53R, 530, .. Tartaric Add, ()]JtiC'al Rotatory 
Powf'rof," 837; optical activity of gase!';, .. Polar- 
isell Light and its Application:;;," 508; hiqnartz 
platp, ibid. :;00, ;)10; rotatory dispcrsion data 
for qnartz, " Quartz, Optkal Hotatory I>ower of," 
:;3R; for t.artariC' acid, ibid. !):
8, .. TartariC' Add, 
Optical Rotatory Powf'r of," 8:
7, 8;
8, 8:m, R-tO, 
841 ; of f/ uartz and of sugar solution, .. Bacdmri- 
ll1f'try," (i!)(i; df'termination of sperd of sOUIllI 
in iron, .. 
ound," 688, 601; linear law, .. Tar- 
t.arie AC'Íll, OI)tiC'al l{otatory ]>owpr of," R37 
llifll, J.: mural eircle, .. Divided Cireles," 54 



IXDEX 


899 


Birge: calr-ulations of constant h, .. Radiation." 56-1 ; 
correction
 for wllvc-Iena:ths measured in air, 
.. \Yave- Lengths, The 'Ieasurement of," 
00 
Rishop: (Down awl) pneumatic })la
 er, .. Piano- 
player, The," -1ïO 
Bjerrum: SlTeen, .. Ophthalmic Optical .Apparatus," 
28
, 28:3; theory ot 
1>ecific heat of gases, 
.. Quantum Theory," 5:33 
BlaiklC'y, lJ. .r.: speed of sound throu9:h air in smooth 
bra:,,, tubes, .. 
OUJl{l." ô8\}, 690; temperature 
awl pitch of wind in'itruments, ihid. ï2
 
Blake: (Duane and) value of constant of action h, 
.. Radiation," 364 
OIerrill, Cooper, and) electric lamp life test and 
continuous or alternating current, .. Photo- 
metrv and Illumination," -153 
Bli:"h, I.ièut.: prism method of horizon dip measure- 
ment, .0 Xavigation and Xavi!!ational Instru- 
lllf'nt
," 2ô9 
Bloch: method of calculating average iJIumination, 
" Photometr
' aJl(1 Illumination," -1-1:; 
BloI\:: apparatu
 for photometry of luminous com- 
pound in bulk, .. Photometry and Illumination," 
4()3 
Blondel: determination of a' erage canrlle-power, 
.. Photometry awl JlIumination," 4:H, 4;
ï; 
contour maps ot equ
\l iJIumination, ibid. 44-1 
Bohle: Elertrira[ Photometry (wd Illumination, 
.. Photometn and Illumination," 4-13 
Bohr: spectrmu' theor
', .. Quantum Theory," 530, 
;):3;), 5:
ï ; .. Radiation," 3()-l; prindplp of corre
 
spondence, .. Quantum Theory," :;36, :;:37 
-I;:,ommerfehl theory of atomic struC'ture, '0 Crystal- 
lography," 25, .. Quantum Theory," ,')3.), 5:36 
Boltwood: half-value period of transformation of 
radium, .. Radium," 633 
(Rutherford and) ratio of raf1Ïum to uranium in 
mineral-;, .. Radium." f>
8 ; production of 
helium h
' radium, ibid. ()3
 
Boltzmann: formula for '-ariation of optical rotation 
"ith wave-length, .. Polarised Light and its 
Applications," 509, "Quartz, Optkal Rotatory 
Power of," 5:39 
Stefan-Boltzmann law of radiation, .. Radiation," 
5-l1. 3ô3, .. Radiation Theory." '>68, 569 
(Toepler and) experimpnt on minimum amplitude 
audible, .. t\ound," i
!) 
Bontemps, G.: secret of making homogeneous flint 
gla<:g transmitted by, .. Tele:;;C'ope, The," 849 
Boosey & Co., )Ies
rs.: cornet" ith comppnsating 
pi "tons, .. Sound," 710; tubing of B? cornet, 
ibid. 721 
Borda: hase measurement apparatus, .. Surveying 
and :-\uryeying Instrument:;;," 82ï, 828 
Bordier: mea<;Ufpment of inten!-'.ity of X-rays, 
.0 Radiology." 609. RIO 
(Galimard àrid) measurement of intensity of X- 
ray.., .. R1.diology," 609, 610 
Born: (Karman and) method of obtaining values for 
"pecific h('at of solids, .. Quantum Theory," :;:H 
Börnstein: Landolt-RÖrnst('in tables of refractive 
indices, .. Optical mass," 323, 325; table of 
ela:"tic constants. ihid. 
26 
Rosanquet; ('yele of Fifty-three, .. ::;ound," 681, 682, 
683, (l8.! 
Boscoyitch: base measurement apparatus, .. Survey- 
ing anf1 Sun-eying Instrumpnts," 829 
Bouguer: law of absorption of light, .. IJght FiJters," 
1 ï6 n. 2: transmis"ion of 
unlight to the atmo- 
sphere, .. Scattering of Light by Gasps," 666 
Bow: stop arrangements, .. Photo!!Taphic Lenses," 
309 
Boyle, R.: law of pressure and temperature, .. Sound," 
686 
Boys, C. V.: fuspd qu:utz mÏrroscope objectiws, 
.. )Iicrosropy with rltra-violC't Ught." 
39 : speed 
of sound increased by intensity, .. 
ound," 687, 
688; radio-micrometpr, "\Ya,'e-lengths, The 

If'asurement of," 8m 
Brace: polariser, .. Polarimetry," 482; spectro- 
photometer, .. Spectrophotometry," 7 H, 731 n. 1 
Bragg, Sir W. H.: spectrometric analysis, .. Crystal- 
lography," 20, 21, 2
: powder nwthod, ihid. '2
, 
23: structure of carhon anf) its compounds, 
ibid. 23: passage of a particIl's through matter, 
.. RadioactiYity," 580 
(W. 1.. Rraa:g and) atomic stnlf'tnrc. .. Crystal- 
lography," 
-l, 2;); mea!;urement of w;H'e-length 
of X-ray spectra, "Radiology," fiO:!, 603 ; wa\"e- 


lengTh:,; and absorption coefficients in 3luminium, 
ibid. 605: X-ra
- crystaUography, 
'hid. 616 
(Klepman and) range of a rays, .. RarlioaC'tivity," 
57i: stopping power of 
n atom, ibid. 578 
Bragg, ".. L: law of atomic dianlf'ters, .. Atomic 
J>iameters," 2, .. Crystallography," 24; X-ray 
spf'ctrometer work, .. ('r
-stallography," 20, 21, 
2
; latti('e-con
tant of rock salt, .. Radiology," 
602 
(:-.ir W. H. Rragg and) atomic structure, " Crystal- 
lograph
'," 2-l, 2.:>; measurement of wa'.e- 
length of X-ray spectra, .. Radiology," 602. 603 ; 
wave-lengths and absorption coefficients in 
aluminium, ibid. GO'>; X-ray cry::;talIography, 
iUd.616 
l
ramler: superposition range-finder, .. Range-find
r, 
Short-base," 634 
Brashear: sugar proc{'ss of silvering glass, .. Silvered 
:Mirrors and Silvering," 6ï5, 676; speculum metal 
used by, to Telescope, The," 851 
Bravais: (Frankenheim and) space-lattices, .. Crystal- 
lography:' 18, .. ::;pace-Iattices," 737 
Brewster, Sir D.: law of polarisation, .. Brew:;;tpr's 
Law," 4, " Polarised Light and it:,; Applications'" 
491; interference in multiple thick plates, 
.. Light, Intprferpnce of," 18!); on polished 
surfaces, .. OIJtical Parb. The Working of:' 331 ; 
tlH'ory of polarisation, .. Polarh;pd Light and its 

-\pp!ieations:' 490; birefringence by stresses 
in botropic materials, ibid. 50ï 
Broch: specific rotation of quartz, .. ::;accharimetry," 
659 
Brodhun: (Lummer and) photometf'r, .. Photometry 
and IJIumination:' 41 ï, 418, 454-, 456; spectro- 
photometer, .. ::;pectrophotometry," 743, 753 
(
chönrock and) method of determinating axis ('rror 
of parallel })Iate of quartz, .. 
accharimetry," fi62 
Brown. R.: .. Brownian movement" obsen-ed by, 
.. rltramicroscope, The," 8i8 
Brown, f\. (T.: (Perry and) gyro compass, .. X:\\-iga- 
tion and Xavigational Instruments," 256, 259 
Browne: curves of errors of S3ccharimeters," Sac- 
charimetry," 6ß:!; personal equation in results 
ohtained by different obserwr
, ibiil. 663; 
temperature coefficients of sugars, ibid. 664; 
Hmldbook of Sugar Analysis, ibid. 664 
BrÜcke: experiments in the scattering of light, 
.. Scattering of Light by (
ases." G66 
Bruhat, G..: measurenlf'nt of rotatory powers of 
tartaric acid, .. Tartaric Acid, Optical Rotat-ory 
Power of:' 838, 839 
(Hanot and) accuracy of Lippich's fringe instru- 
ment .. Polarimetrv " 480 n 4 
Bruns: 
se of Hamiltò
's nlC'tl
od of investigating 
problem,.; in reflection and refraction, .. Optical 
Calculations." 309. 310 
Buckley: whitened cube mcthod of measuring 
average candle-power, .. Photometry and Illumi- 
nation," 4-37 
Ducky: grid, .. Radiology:' 617 
Buisson: test for optical purity of quartz, " Sacchari- 
metn-" 661 
(Fabry' 
nd) secondary standards determined by, 
.. Wave-lengths, The 
[easurement of," 889 
Bull: optometer, .. Ophthalmic Optical Apparatus," 
287 
Bunsen: photometer, .. Photometry and Illumina- 
tion," 416, -1
-l: spectroscopic research of, .. ;Spec- 
troscopy, )lodern," 7i8 
(Kirchhoff and) explanation of Fraunhofer lines 
by, .. Wa,-e-Iengths, The )Ieasurement of," 88
 
Burger: (van Cittert and) echelon corrpctions, 
.. Diffraction Grating
, Theory," 5:! 
Burgess: (Waidner and) bhck body standard, 
.. Photometry and Illumination," -t 15; uniform 
heating of radiator by platinum strip8, .. nadia- 
tion," 54
 . 
Rurnham, ;-;. W.: double stars detected br, .. Tele- 
scope, The," 849 
Burns: secondary standard system extend('d b)', 
.. Wave-lengths, The )[easurement of:' 889 
ButC'l1f'r : (Houghton and) enlarging apparatus, 
'0 Photographic Apparatus," 39
; hand canwfa., 
ibid. 394 
nutier-Harri
on: colour yi
ion tcst, "Ophthalmic 
Optical -\ pparatus:' 
83 
Butterfield: (Haldane, Trotter, and) constants for 
candk-power of Pentane lamp, .. Photonwtry 
and Illumination," 413 



900 


I
DEX 


Cabannes: scattering of light hy dust-free air, 
.. SC'attering of Ught by Gases," 667 
Cabot, S.: llwasuring instruments, .. Kavigation amI 
Navigational Instrumrnts," 
62 
Cady: ...-alue of n in forced life tests of plectric lamps, 
.. Photometry and IlJumination," 452 
Cal1e,I,ular,.
. I::: !mproved surface bolometers, 
RadIatwn, 54;) 
Calvrr, G: .. Telescope, The," 846 
Cambridge Scientific Instrument Co.: invar levelling 
staves, .. 
urveying and Surveying Instruments," 
824 
Campbpll, A.: (
mith and) tuning-fork method of 
testing shutter speeds, .. :Shutters, Testing of 
Photographic," ()il, 6i2, 6i3 
Campbell-Swinton: X-ray tube, .. Radiology," 595 
Canton: phosphorus, .. Luminous Compounds," 192 
Capstick, J. W.: SOllnrl, .. Sound," 684, fi8.') 
Carcel: lamp," Photometry and Illumination," 414 ; 
table of relative v'llues, ibid. 416 
Carr, F. H.: (Reynolds and) rotatory power of 
alkaloids, .. Optical Rot..'l.tion and the Polari- 
meter," 349 
Carvallo: refractive inllÏces of quartz, .. Infra-red 
Transmi:;sion and Refraction Data," 139, 
.. Radiation," 559 
Ca
segrain: refleetor, .. Te1escope, Thp," 832 
Cassini, D. G.: focal Ipngth of telescopes used by, 
" Telescope, The." 8..19 
Cauchy: refraC'tive index and wave-length formula, 
" Optical Wass," 318 
ChadwiC'k: (Rutherfonl and) method of measuring 
radium content, " Radium:' 629, 630 
Chalmers, S. D.: threshold phenomena, " Eye, The," 
62; Fechner fraction, ibid. 62; measurement 
of refractive iIH1ices of lens, "Immersion 
Refractometry," 1:31 
Chance, :Mcsï>rs.: objective glasses, ")[icroscopr, 
Optics of the," 227, 230, 2:31; special glass for 
transmitting ultra - violet light, "
ncros('opy 
with CUra-violet Light," 244; secf{,t of making 
homogeneous flint glass transmitted to, "Tele- 
scope, The," 849 
Chandler: (Ricketts and) met.hod of determining 
amount of glucose present, "SaC'charimetry," 
665 
Chant, C. A.: paper on rpftecting power of mirrors, 
" Silvered :\Iirrors and Silvering," 678 
Charpentier: bands, " Kinem:ttograph," 1;)0 
Chéron, Dr.: X-ravs used in f'xamination of Old 
)I:l.sters, " RadíoIO!
r," G22, 623 
Cheruhin, Father: manufacturing proce
spg, ,. Opt!- 
cal Parts. The Working of," S27: mf'thorl of 
determining abrrrations. ibid. 330; method of 
polishing glass, ibid. 340 
Cheshire, R. 'V.: mpasurement of refractive indkes 
of lens, " Immer:;ion RpfraC'tometry," 131 
Chevalipr, C.: improvement of microscope objective, 
" Microscope, Optics of the," 
05 
Chibret: colour vision testing instrument, " Ophthal- 
mic Optical Apparatus." 283 
Christen: half-value penetrometer, .. Radiology," 
608 
Christiansen, C.: measurement of refractive index of 
glass, .. Immersion Uefractometry," 130, 131; 
experiments in black body radiation, .. Radia- 
tion," 542, 544 
Christie: range-finder patents, .. Rang('-finder, 
Short-base," 653 
Christofori: hammf'r substituted for quill by, 
" Pianoforte, The," 464 
Cimeg: .. RocheUe Salt Process of SiIvpring Mirrors," 
6.');), .. Silvered Mirrors and Silvering," 675 
Cittert, van: (Burger and) echelon corrections, 
" Diffraction Grat.ings, Theory," 52 
Clark, A. P. van: as a craftsman, "TelesC'ope, Thf'," 
84'6; his Ur'k and Yerkes lensps, ibid. RH, 850; 
If'ns 11SNI hy Burnham, ibid. 849; Pulkowa lpns, 
ibid. 850 
Clark, General: single tel('s('ope range-findf-:", .. Ran
e- 
finder, Short-hase," 634 
Clauclf': (DrienC'ourt and) graphica.l solution for 
determining latitude and time, .. Surveying and 
f"urveyinsr I nstrumrnt
," 819 
Clausius: theory of cause of blueness of the sky, 
" Hcattering of Jjght by ({ases," 6(i5. fì()() 
Clerget: normal weight of sncrose solution, .. Sac- 
charimetry," 659; invprsion methoù of deter- 
mining sucrose, ibid. 664, 665 


Clinton: apparatus for photon\f'try of luminous 
compound in bulk, .. Photometry anù Illumina- 
tion," 4n3 
Coblentz,"
."
. : spectroradiometf'f, " Infra-red Trans- 
mission and Refraetion Data," 136; sI>ectro-' 
meter, ibid. ]37; eJimination of absorption, 
ibid. 137; optical constant... ihid. 1:
8, 139: black 
body used by, "Hadiation," ;)42; method of 
prevt'nting 8agging, ibid. 542; shutter arrange- 
ment used by, ibid. 54;
, 544; rptiecting ])ower Gf 
platinum black. ibid. 544; surface bolomf'tcr, 
arrangement of, ibid. 545; arrangement of 
receiver in modified Ångström ]JyrheJiometer, 
ibid. 546, 547; determination of constant of 
total radiation, ibid. 546, 547: result, 1'bid. 
5,)4, 564; computation of constant of spectral 
radiation, ibid. 556, 557, 5;)8: bolo metric 
I.lU:as

em

ts <!f CO!l
\ant of speetral radiation, 
1bld. .>,,9, "liÜ, ,,61, .,6:. 
Cùcdus: optometer, .. Ophthalmic Optical Appar- 
atus," 287 
Coddington: on polished surfaces, "Optical Parts, 
The WorlÜng of," 231 
Colby: base measurement apparatus, .. :-ïurveying 
and Surveying Instruments," 8:!i, 828, 82U 
(olladon: (Sturm and) experiments on s]Jeed of 
sound in water, .. 
ound," 68
, û!H 
Columbus: measuring instrument..., " .Kavigation and 
K a vigational Instruments," 
62 
Common, Dr.: silvcred telescope mirrors, "Silvered 
:Mirrors and ::;ilvering," 676 
Conn, G. C., :Messrs.: symphony trumpd in C, 
" 
ouml " 712 
Conrady: ray-tracing formula, .. )licroscope, Optics 
of the," 207; proof of optical sine condition, 
1'bÙl. 223: interpolation formula, ibid. 2:!3; 
f'xtended Pptzval theorem, ibid. 22!): t.heory of 
oblique pendl!';, ibid. 230; Abhe's illumination 
theory, ibid. 23;); refra(,tive index ami wave- 
length formula, h Optieal GIa
s," 318 
Conroy: wedgp photometer, "Photometry and 
Illumination," 424 
Cooke, T.: as a craftsman, " Telescopp, Thp." 84G; 
curves foUowed by, 1'bid. B.f.7; lens tor ]1'ranklin 
Aclams chart, ibid. 854 
Cooke, T., & Rons, ::\Tessrs. : Cooke Jens, "Photo!!I'aphic 
Lenses," 40i, 410; range-finder, "ltan(!e- 
finder, :-;hort-base," 640, 641; reversible level, 
" Surveying and Sun-eying In..truments," 822: 
Rio de .Janeiro telescopp, "Telescope, The," 
857 
Coolidge, Dr. ,,
. D.: X-ray tube, "Radiology," 
596, fi97, 598, 5D9, 600, ûOl, 6()6; metal bulb, 
ibid. 600; pffeet of wa,-e-form of potential, 
ibirl. 610, 611; in industrial ra(Ho
raphy, ibid. 
617; voltage aHmwd by, ibid. ():?;
 
Cooper: clinoscope, "Ophthalmic Optical Appar
 
atus," 282 
Cooper, 'V. R.: ()Ierrill. Blake, and) elpC'tric lamp life 
test and continuous or 8lternating current, 
" Photonwtry and Illumination," 453 
Cornu: -Jellct.t prism, " Polarimet.ry," 476, 
" Polarisrd Ught and its Application
," 510 
Cortez, )1.: mention of magnetiC' ....ariation by, 
"Navigation and 
avigational Instruments," 
250 
Cotton, A.: (Mouton and) oblique illumination 
arrangement, " Ultramicroscope, The," 8i7 
Crabtree, H.: theory of gyro compass, " Xavigat.ion 
and Kavigational Instruments," :?;)7 
Crittenden: (Rkhtmyer and) C'olllparison of methods 
of colour photometry, .. Photometry and Illu- 
mination," 458 
(Rosa and) eonstant-; for candlp-powpr of Pentane 
lamp, " Photometry and Illumination," 413 
Crookps, Sir 'Y.: eye-preserving glass, "Class," 
100, .. Glasses, Coloured," 110: racliomf'tpr, 
" Radiometer," 624, .. Wavp-If'ngth
. The 
Measurement of," 891; separation of {'mnium 
X, " RadioaC'tivity," 573; el('ctron eXTwrinwut!" 
in disC'harge tubes, "Radiolog
.," 594; dark 
spaces, ibid. 594; study of cathocle rays, ibid. 
504; Rpark spPC'trum of radium. " R:ulium," 627; 
quartz jaws for collimator, "SpectrosC'opes and 
Refractometers:' 7() 1 
('rova: wavp-lf'ngth method of c'omparing diff('ff'nt 
coloured JightH, .. Photonwt.ry and Illumination," 
456, 4!)7; polarh:ation speetrophotometer, 
.. Spectrophotometry," 745 



IXDEX 


n01 


Crowther: experimrnt:; on scattering of ß rays, 
.. RadioactÌvih"" 583 
Culbert-;on: priso!)tometer, .. Ophthalmic Optical 
Apparatus." 
t'6 
Curie, P.: ()Ime. Curie and) discovery of radium, 
"Radium." 6
-1 
Curie, )lme.: radioacth-it
. of thorium, .. Radio- 
acth'it
-," 5.
: of uranium, ibid. 5.3. .. Ra.dium," 
6:!-1; preparation oi pure radium salts, ., Radio- 
activity," 590; ð.traction of radium from pitch- 
blende, .. Radium," lì
;}. 6:!ß: atomic weight 
of radium, ibid. 6
7: International Radium 
standard, ibid. ():!S: ')I-ray method of measurinO' 
radium content, ibid. 630 
(P. Curie andJ discovery of radium, .. R'1dium," 624 
(Debierne and) metallic radium i50latell by, 
.. Radium," 6:!ï 
Curtis: value of universal constK'lnt for all spectrum 
series and all elements, .. 
pectroscopy, :Uodern," 
.8-1 - 
Curwen: pitch of .. Tonic 
ol-fa," ., 
ound," 68;) 
Czudnochowski, von: contrast pattern method of 
comparing different colours, .. Photometry amI 
Illumination." 4;)8 
D'Albe, F.: re!'listance of selenium cell, .. Photo- 
metrv and Illumination." -1
ß 
Dale: (Ùlad5tone and) refractive index law of, 
.. Spectroscopes and Reiractometers," ji6 
Dallme
 er, J. H.: objective, .. Kinematograph," 
158; portrait lens, .. Photographic Lenses." -106 
Dampier: differences in magnetic variation observed 
by, .. XaYigation and Xavigational Instruments," 
250 
Dana: perimeter," Ophthalmic Optical Apparatus," 
28
 
D' Afl'Y: persistence of ,ision, "Kinematograph," 150 
Darmois, )1. E. : rotatory dispersion used in analysi,;, 
.. Optical Rotation and the Polarimeter," 3-19 
D' Arsom-al: radio-micrometer, .. Wave-lengths. The 
)Ieasurement of:' 891 
Dam-illier: diagrams derh-ed from, .. Radiology," 
596, 610, 611 
DaYid, L.: Proldikum, .. 
hutte
, Testing of Photo- 
graphic," 6.0 
Day, A. L.: (Holbom and) researches on gas thermo- 
nwter, .. Radiation." 5j9 
(Sosman and) melting-point of palladium, " Radia- 
tion," 561. 56:! 
Debierne: Oime. Curie and) mebllic radium 
isolated by, .. Radium," 627 
Debye, P.: theory of 
pedfic heats of 8olid
, .. Quan- 
tum Theory," 530. 533, j3-1 
(Scherrer and) powder method of .x -ray analysis, 
.. Crystallography," 22, 2:3, .. Radiology," 616 
Dellinger: spectral radiation formula, " Radiation," 
55. 
Demarçay: spectrum of radium, " Radium," 62; 
Denis: differences in magnetic varhtion observed b
', 
"XavÏ!mtion and Xtni1!ational Instruments," 
jO 
Deslandres, H.: formula for wave-numbers of series of 
band spectra. .. Spectroscopy, )[odern," 786 
Didymus: comma. of, .. :":ound," 68-1 
Digges, L.: "Theodelitus" described by, "Theo- 
dolite, The." E'ß7, 868 
Dippel: handbook of microscopy, ")Iicroscope, 
Optics of the," 233 
Ditisheim, P.: determination of difference of longi- 
tude between Paris and Greenwich, .. Surveying 
and Surveying Instruments," 806 
Dobbie: (Gray and) annealing and conducthity, 
" Glass," 98 
Dollond, J.: erecting eyepiece. "E
-epieces," 7>;;,: 
corrected telescope object-glasses, .. )[icroscope, 
Optics of the," 205; aehromati!':m and its 
principles disconred by, .. Telei'cope, The," 8-19 
Donders: optometer, "Ophthalmic Optical Appar- 
atus," 
87 
Doppler: principle of effect of motion of !"ource or 
ob
erYer on wa'-e-Ien
h, " Dopplpr's Principle," 
59, .. :O;pf'ctroscopy, )Iodern," 782 
Dorsey, X. E. : method of photometry of luminous com- 
pound in bulk, .. Photometry ami Illumination," 
463 
Do'-e: polarising prism, "Polari<:ed Light and its 
Applications," -197 
Dow, J. S.: speed and sensithity of flkkf'r photo- 
metpr, .. PhotonlPtry and Illumination." 4;}5, 
456; factDfS affecting flicker sensitivity, ibid. 458 


(naster and) Jlodem Ill!lminunts ([nl Illuminating 
Engineering, .. Photometry and Illumination," 
-1-13, .uû, H 7 
()Iackinne
 and) Lumeter, "PhotDlnetry and 
Illumination," 441, -142 
Down: (Bishop and) pneumatic player, "Piano- 
player, The," 470 
Downie: iron in ships and magnetic variation, 
.. Xa,igation and Xa,-i!:!ational InstruIUent.
," 
250 
Drake: measuring instruIUent
, .. Xavigation and 
XavÏ!rational Instruments." 262 
Draper, Dr.: experiments in black body radiation, 
.. Radia.tion." 542: silvered telescope mirrors, 
.. 
ih-ered )lirrors and 
ilvering," 676 
DraytDn: chemical Illpthod of producing 
ilver 
depo,;it, ,. 
ilyered )lirrors and Silwring," 675 
Drecq: (Féry and) thermometric determination of 
radiant constant u, .. ltadiation," 550, 551; 
result, ibid. ;)54 
Driencourt: (Claude and) graphical 
olution for 
determ!ning latitude and time, .. Sur'-eying and 
Surveymg Instruments," 819 
Druault: acuity, .. Eye, The," ;3 
Drude, P.: formula for relation between refraction and 
magnetic rotation, .. )!agnetic Rotatory Power," 
201: production of elliptically polarised licht, 
" Polarised Light and its Applications," 502; 
Lehrb1.lch.der Optik, ibid. 510.511 ; theory of opti- 
cal rotatIon and wave-length, .. Qua.rtz, Optical 
Rotatory Power of." 539; formula for rot.atory 
power of quartz, ibid. 539, 5-10 
Duane, "-.: (Blake and) value of constant of action 
h, " Radiation," 56-1 
(Hu and), '-alues of waye-Iengths of X-ra,- spectra, 
.. Radiology," 603 . 
Dubrunfaut: normal weight of sucrose solution, 
.. Saccharimetry." 659 
Duddell, ".: speaking are, .. 
ound," .30 
Dudding. B. P.: (Paterson and) perception of light, 
.. Eye, The," 62; effect of humidity and baro- 
metric pres:.mre on candle-power of Pentanp 
lamp, .. Photometry and Illumination." !13: 
colour identity method of determining filament 
temperature, ibid. -159 
Dufet: rotatory power of cane-sugar, etc., "Polar- 
ised Light and its Application"," j08 
Dulong: experiments on speed of sound through 
organ pipes, .. 
ound," ü89 
(Petit and) law of specific heat and atomic weight 
of solid:,,:. .. Quantum Theory," 533 
Dyk, ,,""an: radiograph of painting by, .. Radiology," 
623 
Dyke: )fatthews-Dyke photOlr..eter .. Photometry 
and Illumination;' -134, 43;), -137 


Eagle: concave (!Tating mounting, "Diffraction 
Gratings. Theory," 50 
Eastman: projection printer, .. Photographk Appar- 
atus," 392 
EdliingtDn: thp sun as a source of X-rays, " Radio- 
logy," 594 
Edison, T. Â.: continuous photographic film, .. Kine- 
matograph," l-!!); first mechanical reproduction 
of sound, ,. Phonogr:Jph and Gramophone, The," 

7 -1, 375; carbon transmitter, " Sound," 729 
r:dridQ'f'-Green: colour ,ision tests, "Ophthalmic 
Optical .\pparatus," 
83 
Edwards: value of n in forced life tests of elf'C'tric 
lamps, " Photometry and Illumination," 4;}
 
Ehrenff'gt: method of finding specific heat of gases, 
.. Quantum Theory." 334 
Ein.;::tein. A.: Theory of photoelectric effect, " Quan- 
tum Theory" 530: specific heats of solids, 
ibid. ;'):30, 53:3: photoelectric equation, .. Radia- 
tion." 36-1: formul:l for Brownian nlovement by, 
.. Tltramicroscope, Tht'," 879 
Einthoven, ".: :"ilvered fibre in string I!alvanometer, 
.. Sih-ered Mirrors and Silvering," 677 
Elliott, R. H.: imprm-ed Bjerrum screen method, 
.. Ophthalmic Optir'al _.\ pparatus," 282 
Elli..: cent interyal. .. Sound." 6.'0\-1; pitch of organ 
of St. George's Chapel, Wind,;or, ibid. 68:; 
Elster,.T.: (Geitel and) re
earches on photoelectridt
-, 
.. Photometry and Illumination," 426; sen:,;i- 
tive alkali cells, ibid. 4:!7 
Emsley, H. H.: (
waine and) The Theory of JIodem 
Optical 1IIstnonl'nt,<; (G )pichen) translated by, 
.. Telescopes oi German Design," 867 



902 


IX DE X 


EngeJbrechtsen, c.: result of radiograph of paint.ing 
hy "n .t(liolol
v " ü')3 
En
1isl;: à'urne
' 'ami) coefficient of expanSi(lll, 
.. Glass," Hi 
Eppenstcin: deflectinL" f;ystem, .. Range-finder, Short- 
base," ü45, ü4ü, G53 
Erard, :;.: action for J!faud pianos, .. Pianoforte, 
The," 4ü9, 470: concert pitdl, .. Sound," ü8;) 
Esclara:on: spped of sounu in ury air free from ('0 2 , 
.. ::-\ound," ü91 
Evans, l'aptain F. J.: (ßmith and) Admiralty 
)Ianual of the Deviations of the Compass, 
" Xavigation and Xavigational Instrument
," 250 
Everett, Professor and .Miss A.: Jeua Glass translated 
by, .. Optical Glass," 325 
Eversheim: secondary standards determined by, 
.. ".ave-lengths, The )Ieasurement of," 889 
Ewell; cylinder of gelatine arranged to imitate 
quartz, "Polarised Jjght and its .Applications," 
510 
Ewen: method of determining Rtardws, .. Optical 
Rotation and the Polarinlf'ter," 349 
Exner: primary sensation curves, "Polarimetry," 
475 
(Haschek and) spark speC'trum of radium, 
" Radium," 627 
Eyck, H. van: first oil painting pxecl1ted by, " Radio- 
logy," 622 


Fabry, C.: measurement of refractive indices of lens, 
.. Imnwrsion Refractometry," 132 
(Bpnoit, Perot, and) intprferomctcr measurement 
of light-waves, standard fixed by, .. "
ave- 
lengths, The l\Ieasurement of," 88ü, 887, 888, 
889 
(Buisson and) secondary standards df'tprmined 
by, .. "Tave-lengths, The ::\Ieasurement of," 889 
(Perot and) intprferometer, "Light. Interference 
of," 188, 189; interferometer used in measuring 
width of spectrum lines, .. f\pectrmwopy, )Iodl'rn," 
78:3 : secondary f;tandards dptermined by, 
.. "
ave -lengths, The Measurement of," 887, 
888 
Fajano: position of radio-element in periodic system, 
.. Radioactivity," 590 
Faraday, )1.: magnetic rotation of the planr of 
polarisation of light, .. l\Iagnf'tic Rotatory 
Power," 199, 200, "Optical Rotation ami the 
Polarimf'ter," 349; dark sp
ce, "Radiology," 
59-1-.: effeC't of mf'tal particles on light, " "Lltra- 
mieroscope, The," 876 
Fechner: law of intensity of liaht., .. Eye, The," 62, 
"Fedmer's Law," 80, .. Light J'ilters," 17ü; 
frar'tion of, .. Eye, The," 02 
Fedorov, E. S.: point system, "Crystallography," 
18 
Feil: glass for Lirk telf'scopf', "Telescope, Tlw," 
8-17, 8;)0: Pulko\\'
l telescope, ibid. 830 
(::\Iantois, Parra, and) secret of making homo- 
gf'neous flint glass transmitted to, ibM. 8-1n 
Ferm
t: theorpm of the minimum optical path, 
" :\licrosC'ope, Optics of the," 225, 227, .. Optical 
Calculations," 306, 309 " 
Ferry, E. 
.: duration period, .. Eye, Thp," Of) 
Féry, C.: heat of radiat.ors used hy, .. Radiation," 5-t-2; 
thprmometric det('rminatiom; of radiant constant 
cr, ibid. 550; result, ibid, 554 
(Drecq and) thermonwt.rk drterminations of 
m(liant constant cr, .. Radiation," 550, 551; 
result, ibid. 554 
J'euss: quartz spectrograph, .. Spectrophotomf'try," 
753 
]'eu;;lsner: polariRing prism, "Polarised Light and 
its .-\pp)ications," 1!17 
Fischer, E.: polarimetrr resf'arches on constitution 
()f sugars, "Optical Rotation and the Polari- 
meter," 348 
li'izeau: wavf'-length int.Prff'romf'ter, .. Cn.stallo- 
graphv," 29 ; interfcrence fringrs, .. J,ight, 
Interference of," 183 
(Foucault and) method of determining optical 
rotation fof yarious wave-lengths, .. Polari- 
metry," 485, 486 
Flatow: rf'fradiw indices, .. Infra-red Transmission 
ami RefraC'tion Data," 13
 
Flekher: indicatrix, .. Crystallography," 20, .. Polar- 
i"f'd J.ight and its A ppliC'ations," 494 
Yleuriai!'t, Admiral: gyro sextant, .. Navigation and 
Navigational Instruments," 2ü7 


Flinders, Captain: compass error, .. Xayio'ation 
and Xayigational Instruments," 
;)O; <=' uar, 
ibM. 230, 25
, 233, 234 
Florance: scatterp(l'Y radiation, "Radioaeth it).," !>R4 
Foerstf'r: action of adds on glass, .. G las
, Cht'mieal 
DeC'omposition of," 105 
()[ylius and) iodeosin tpst:-;, .. ({lass, Chemical 
Decomposition of," lOG, 107 
Forbes, G. : stereoscopic range-finder, .. Range-findcr, 
:;hort-base," ü-1
, ü;)3 
Forrest: carbon arc standard, "Photometry and 
Illumination," 415 
Forster: (Auuert and) perimeter, "Aubert and 
Forster," 2, "Ophthalmic Optical Apparatus," 
282 
Forsythe: (Hyde and) determination of spectral 
radiation constant, .. Radiation," ;)ü3 
Foucault, L. : shadow method of dctermining position 
of focus, .. Immer:-;ion Refraetometry," 131, 
., Objectives, The Tpsting of Compound," 274, 
279; gyro compass, .. Na\'igation and Nayiga- 
tional Instruments," 2;)3: shadow method. of 
measuring aberrations, .. Objectives, The Testing 
of Compound," 270; knife-edge nu.thod of 
investigating sphf'rica 1 ahprration error:-;, " Opti- 
cal Parts, The \V orking of." 32!), .. Tplescope, 
The," 85
: polarh.;ing prism, .. Polarised Light 
and its Applicatiolls," 497; Fih'f'red tl'kseopc 
mirrors, .. :--ilvcred )Jirrors and Silvering," ü75 ; 
heliostat, ,. Telescopf', Tllf'," 858; 
hadow 
method of measuring concave curvature, 
.. Spherometry," 79n, 797 
(Fizeau and) method of determining optical 
rotation for variou<\ "ave-Iength
, .. Polari- 
metry "485 48ü 
Fourneaux: ea;ly patent taken out by, "Piano- 
player, The," 470 
Fowlpr: Reries in Rpark sppdra, .. Spectroscopy, 
)[odern," 785; hand series associated with 
hf'lium spectrum, ibid. 78ü 
Fox, P.: photographic records of mirror tests, 
.. Telescope, The," 853 
J,'mnkpnheim: (Bravais and) space-lattices, "Cr
's- 
ta)]ography," 18, " Rpac('-lattiee;;:," 737 
Franklin: hifocallens," Ophthalmic Optical Appn- 
atus," 284 
Fraunhofer: thrpe classes of spectra, "DiffraC'tion 
Gratings, Tllf'ory," 42, 43, 45, .. \Yave-lengths, 
The l\Icasuren1f'nt of," 882, 8R3; spectrum linC's 
mapped by, .. Fraunhofer Lines," 81, .. \Yaye- 
lengths, The Measurement of," 882; sine con- 
dition of, .. Tell'scope, The," 8-1-1; as lcns- 
maker, ibid. 846: KÖnigsberg objective by, 
ibid. 847, 8;)2; secret of homogeneous flint glass 
transmitted to, ibid. 8-1n 
French, J. \V : pupil accommodation, .. Eye, The," 
70; prpCÌRion of settings, ifJid. 73, 74; Rl1fface 
prodncl'd hy h)Tdroftuoric add, .. Optical Parts, 
Thp Working of," 332 'n. 5 
Fresnrl, A.: biprism, .. Biprism, Fresnel's," 4, 
"Diffraction f-iratings, Theory," 43, .. IJght, 
Intprff'rence of," 183, 184: vibration-velocity 
ellipsoid, .. Crystallography," 25, .. Ellipsoid of 
Elastidty," 5;:}, .. I
ight, Double Refraction of," 
174, 175; intl'gral
, .. Light, Diffraction of," 
172 ; theory of double refmetion, .. Light, 
Double Refraction of." 174, 175, .. Polarised 
Light and its Applications," 494, 495: waye 
snrfaC'e, .. Light, Double Refraction of," 174, 
.. \Yave RllrfaC'e, J.'rf'snel's," 895; two-mirror 
Rystf'm, .. Ught., Intcrferf'nce of," 183; thrl'e- 
mirror Rystem, ibid. 18;): transvf'rse wave 
motion tlwory of light, ,. Light, Propagation of," 
] no, .. )Iicros('o}lf', Optks of t.he," 213, .. Polarised 
Light and its .ApplicationR," 4nO; theory of 
propf'rtips of quartz, .. Optical Rotation and the 
PolaI'imeter," 348; theory of polari
ation, 
.. Polari:;;pd Jjght. and its Applications," 4!)(), 
491; rf'lation betwcf'n plane of polarisation aIHl 
direction of vibration, ifJid. -1n
; glass rhomh for 
produetion of circular polarisation, ibid. ;'0 1 ; 
vibrations transmittpd by rotatory crystal, ibid. 
510: compound prism, ibid. 510 
Young-FrpsnP] law, .. Kincmatograph:' 138 
(AraL"o and) laws of polarisation, .. Ught, Inter- 
fprpn('e of," InO, .. Polarised Light aIHI its 
Applications," 4nl 
Freun(l: measurement of intensity of X-rays, 
.. Radiology," ü09 



IXDEX 


903 


Fri{\: sacehar!meter. .. 
acC'harinwtry,"' ()3i, 661; 
Bates-Fri
 saccharimetf'r," ibid. ()6). (jlì
 
Friedrkh: (Laue, Knipping, and) radio
aphic 
analy:.;Ï'j of ('r
 5tal strueture, .. CrystalJography," 
.10 ')1 
Frim;l{ :- yalues of w
n-e-I{,I1!!ths of X-ray sp('ctra, 
.. Radiolo!,:!y." ô03. 60-1 
(:-;iegbahn and) yalues of wave-length" of X-ray 
spectra, .. R'l(1iol()gy," 604- 
FÜrstenau: inten;;imeter," Ra(Iiology," 609 
GaIileo: combination of objectiye and eyepiec'c, 
.. Telesco}>e, Th<,," 84-
, .. Telescopes, :::;mall," 
8;)9 
Galimard: (BonHer a.nd) measurement of intensity 
of X-rays, .. Radiology," 609, ôl0 
GaII
": pneumatic player, .. Piano-pla
-er, The," 4-iO 
Garnett, J. C. )1.: study oÌ the scattering of light. by 
small pa.rticles, .. rltramÏeroscope, The," 8i9 
Gaster: (Do\\' and) JludPTtt llbuninalltsaJld lllllmillat- 
Ì1l(J BU(Jiueerill(J, .. Photometry and Illumination," 
443, H6 
Gauss: theory of len
(':" .. Lense
, Theory.of :-;imple," 
16;; lens theory applied to microscope, .. )Iicro- 
scope, Optics of the," :!o:!: principal points of 
l('nses, .. Objectives, The Testing of ('ompound," 
:!i:3; solution for determinin!! latitude anù time, 
"
urveying amI :'\urYe) ing Instruments:' 819 ; 
condition for correction oi chromatic difference 
of spherical aberration, .. Tclescop
, The," 846, 
847, 851 
(Abbe and) first approximation theory, .. )1icro- 
scope, OptÌl':, of tlw." 
02 
Ge!1rcke, E.: (Lummer and) interferometer, .. Li
ht, 
Intprference oi," 189; plate used in measuring 
width of spectrum lines, .. :Spectroscopy, :\Iodern," 
783 
Geiger, H.: velocity and range of a partiC'le, .. Radio- 
adhity," 7>i7 
(Xutt'llI and) method of determining rangf' of a 
particles. " Radioacthity." 3ï7 
(Rutherford and) electrical method of counting a 
partiele:;, " Ha1lioaethity," ;)i9; charge carried 
by a particle, ibid. :>"'U; half-value period of 
transiormation of radium, .. Radium," 632. 633 
Geitel, H. : (El.,ter and) researches on photo-electricity, 
.. Photometry and TIlumination," 4
(); sensitiye 
alkali cells, ibid. 4
7 
Gene\"a Optical Co.: optomymomeìer," Ophthalmic 
Optical Apparatu,;," :!8:! 
Gerlach: atmospherie absorption of black body 
radiation, .. Radiation," 54-:>, 549, 55:3; method 
of determining l'onst:mt of total radiation, ibid. 
545, 346, 5-!t, 548: resulte:; ibid. 5;)-1 
Gernez: rotatory power of vapour, .. Polarised Light 
and its Applications," 508 
Giesel: on ß particles, .. Radioacth-ity," 57(j; 
fractionation method of separating barium and 
radium, .. Radium," 62ô 
Ginùngham: ()Iullard and) .. Tungsten Arc Lamp," 
8ï;) 
Gioia. F.: magnetiC' ('ompa

, .. Xavigation and 
X a vÌt!a tional Instruments," 230 
Girad: (de l...uynes and) normal weight of su('ro
e 
solution, .. Saccharimetry," 65n 
Gladstone: (Dale and) refra('tive index law of, 
.. "'pectroscopes and Refractometers," ii6 
GIan: polarising prism, .. Polari.;;C'd Light and its 
Applications," 497 
Glazebrool\:, :Sir R, T.: hi-prism measurement. 
.. Light, Interference of," 184: }>olari:;.ing 
prism. .. Polarised Light and it
 Applications," 
-Hli: spectrophotometer," Spectrophotometry," 
; 45: refraction of an appro'l..imately equilateral 
prism, .. :'\pectr()
wopes awl Refractonlf'ters," i64 
Gleditseh; )me.: half-,-alue p('riod of tran,formation 
of radium, .. Ra(lium," 633 
Gleiehen, A.: The TheoT,llof Jlorl(,71l 01)t1('(([ 1m:trll- 
menis, .. PhotographiC' Lenses," 405, .. Tele- 
seope.;; of (;erman Design," 8Hi 
(Sl'hulz and) curve oi mean error with half-shado" 
angle, " Polarimetry," 4i9 
Glew, F. H.: preparation of zinc sulphiùe luminous 
compound, .. Luminous ('ompounds." HH n. 3 
Goerz. )Ie
srs.: pf'ri.wope lens system, .. Periscope
." 
36i, 368 ; H
 pergon lens, .. Photo!!raphic 
J.('n
es," 3f1f1, 40;, 408: l'elor lens, ibid. 4- JO ; 
high accuracy polarimeter, .. Polarimetry." 485 : 
separating prisms and other patents, .. Rang(;. 


fimler. Short-ha",e," 6:>3, Gj4-; 8a.c('harimeter, 
.. :"\accharimetry," ô:>ï, üll! 
lioillstein: positi\e ra
s. obscrvcd b
', .. Radiology," 
:>u:> 
(Hittorf amI) study of cathode rays, .. Radiology," 
59-1 
(toos: on Kar
er's obscn-ations, .. '''aye -lengths, 
The )Ieasurelllent of." SSj 
Gorton: spectrometer, .. Infra-red TransIllission and 
Refraction Data," 13; 
GouIier, Colonel: pentn.gonal pri'lll range-finder, 
.. Range-finder, :--hort-ba'ie," 633: method of 
checking levelling staves. .. :;urveying anti 
Surveying J nstruIllents," 8:!4- 
Graefe, De: optometer, .. Ophthalmic Optical Ap- 
paratus," 
8i 
n.raham, (
.: mural circle, .. Dh'ided Circles," '>3, 
;)4- 
Grandjean: reflecting backsight. .. Xavigation amI 
Xa,igationalln.;;truments." :W:! 
Gmy: (Dobbie and) annealing and conductivity, 
.. Glass," 98 
lireene, Frie-;e: introduction of continuous photo- 
graphic filtn, .. Kinematograph," 149; coloured 
picture production, ibid. 139 
tireenhiIl, 
ir (
.: theory of gyro compass. .. XaviO'a- 
tion and X a, igational Instruments." :!37 <:> 
Griffith: procIuction of flaw:;, .. G!a.Ss.," 95; surface 
tension, ibid. 98 
Groth, yon: elements of s
'mllletry, .. Crystallo- 
graphy," 1; 
Grou::>ilIiers, H. A. de: imprm"ed stereoscopic tele- 
meter, .. Range-finder, ::'hort-base," 636, 63;, 6-12 
653 ' 
Grubb, :;ir H.: periscope lens system, .. Periscopes." 
367 : account of making and testing of objectives, 
.. Telescope, The," 846; Yienna objecth'e by 
ibid. 8;:;0 
Guild, J.: spectrometer, .. Spectroscopes and Refracto- 
meters," ï();3. 7G4; spherometer, .. :'ph('ro- 
Illetr
'," 788, i80 
Guillaume, C. E. : discoyery of .. Invar," .. :;urveying 
and Suryeying Instruments," 827 
(Benoit and) bas(' measurement by tapcs or "\\;res 
in eatenary, .. Sun-eying and Surveying Instru- 
ments." 830, 831. 8:3
, 8:3ô 
Guinand, H.: 
ecret of making homogeneou!' flint 
glass transmitted t(), .. Telescope, The,"' 849 
fiuinand, P. L.: homogeneous pieces of flint glass 
obtained by. .. Tt:'lescope, The," 849 - 
fiullstrand: tables of CUf\"es for aspherical lenses, 
.. Ophthalmic Optical Apparatus," 285; aspheri- 
cal surface of re'"olution, ibid. 285 
GumIkh,E.: data for optical rotation and wave-length, 
.. Quartz. Optical Rotatory Power of," 539: 
method of determining axis error of quartz 
plates, .. ";accharin1f'try," ß6:! 


HacIl('
': sexhmt, .. Xavigation and Ka"dgational 
Instruments." 26
, 2lì4 
Haensch &: ""chmidt, )[e
sr::..: polarimeter .. Polari. 
metry," 4t:':3; high accurac
 polarimeter, ibid. 
.t8j: spectro-polarimeter, ibid. 4-8;; micro. 
polarimeter, iMd. 48i; obseryation tube, ibid. 
488, 489: saccharinwter, .. Saccharimetry," 
6:>i, 661, 663; control tuhe, ibid. 662 
Hagen: (Uubens and) refleeting power of 
ih-ered 
mirror:" .. :-;ilvered )Iirrors and Silyering," 6i;, 
ô.8; table of percentage of light reflected from 
rneb\l
, .. Telescope, Th('," 853 
Hahn: (,'on Baeyer, )I('itner, and) ß rays in magnetic 
field, .. Uadioactivity," ;')8:! 
Haiti!!n('r: (Ludin!:!. llrieh, and) extraf'tion of 
rallium from pitl'hhiende, .. Radium," 626 
HaId:lne: (Trotter, Butterfield, and) ('nn
tant
 for 
candle-power of Pi"ntane lamp, .. Photometry 
and Illumination," 4-13 
Hale: solar elC'ctrical disturbances, " Radiology." 5f14 
Hall, C. )1. : achromatic lenses made by, .. Telescope, 
The," 84-9 
HaIlwa('h
, W. : ultra-violet light and nf'aative charge 
of electricity, .. Photometry and IlIunùnation," 
4-
6 
Hamilton, Sir "". R.: chu:1cteristic function for 
prohl('m:; in reflection and r('fraction, .. Lens 

rst{'m
, .-\berratiors of," 160, 161, 16
, .. Opti- 
cal ('akulation
," 309, 
:nO, 311; methorl of 
finding aherration wefficie'lts, .. Optical Calcula- 
tions," 313, 314; intcr.lal conical refraction 



904 


IXDEX 


prf'clicted by, ,. l)olarised Light and its Apll1iea- 
tions," 4Ð3 
Hanù"l: piteh of tuning fork, .. :"ound," fi8;) 
JIanot, :\1.: (Bruhat and) aceuraey of Lippieh's 
fringe instrument, .. Polarimetry," 480 n. -1 
Hardy: optometer, .. Ophthalmic Optical Appar- 
atus," 287 
Harman, Bi::;hop: diaphragm test, .. Ophthalmic 
Optkal App:uatus," 281 
Harris, T. and R.: piteh of 'Worceí'\ter cathedral 
organ, .. 
ouIllI," 683 
Harrison, Commander G. n.: (Rawlings aIllI) mocli- 
fieation of :-\Iwrry eompass, .. Xavigation and 
Xavigational In
truments," 23
. 25U 
Harrison, H. T.: photometer, .. Photometry amI 
Illumination," 440; portable photometer, ibid. 
-1-12 
Hartmann, J.: mC'thod of finding position of focus, 
.. Objectives, The Testing of Compound," 27-1, 
270: mf'thod of memmrina aberration:;, ibid. 
270, .. Optieal l)arts, The Working of," 330; 
photographic records of mirror tests, .. Tele- 
scope, TIU'," 8.')3 ; interpolation formula, .. Wave- 
Jengths, The )[easurement of," 8UO 
Hartnack: polarising prism, .. Polarised Light and 
its Applications," 4H7 
Has('hek: (Exner and) Hpark spectrum of radium, 
.. Hadium," ()27 
Haüy, Abbé: erysta.l structure, .. Crystallography," 
18, 1Ð 
Hawkins: measuring instruments, .. Ka,'igation and 
Kavigational Instruments," 262 
Hebh, T. C.: telephone method of determining speed 
of sound in air, .. Sound," 690, 601 
Heele: modified Laurent polariser, .. Polarimetry," 
477 
Heilbron, Dr.: X-rays uSf'd in examination of Old 
Masters, .. RadioloQ'Y," 622, 623 
Helmert, I.... R. : theorf'tical closing error of a levelling 
circuit, .. Surveying and Surveying T nstruments .. 
826 
Helmholtz, H. von: Hrmdbuch der phy,rdolog. Opti!.-, 
.. Eye, TIlP," 60: the image, ibid. 71; optical 
sine condition, .. )ncro
copf', Optics of the," 
223; t.heory of the spuriou
 dise, ibid. 234: 
optometer, .. Ophthalmic Optical Apparatus," 
2B7; point. of impact of hamnlf'r on piano- 
string. .. Pianofortp, The,". 468; stereoscopic 
reftecting system, .. Range-fin'ler, Short-base," 
63;), 638 ; qualities of tone and partial
, 
.. Hound," 697: action of ....iolin bow on string, 
ibid. 701 11. ; displacements of oval window of 
ear, ibid. 728; vibration microscopf', ibid. 730 ; 
limit of resolution of a microscope, .. "Lltra- 
mi<Toscopf', Thp," 876 
(Y,oun
, a
(1) theory of trichromatic vision, .. Eye, 
The, 6.) 
Henni
: values for constant.s ('2 and cr, .. RaûIation," 
5(H 
Hf'rbf'rt., A., I.td.: Photostat, .. Photographic 
Apparatus," 3Rß 
Herschel, Sir J. F. W. : prism, .. Ophthalmic Optical 
Apparat.us," 281; on polished surfaces, .. Optical 
Parts, The 'Yorkin!! of." 3:31, 3:32: manufactur- 
ing proeesses, ibid. 327; fal'es on quartz and 
direction of optical rotation, .. Optical Rotation 
and thf' Polarimeter," 348; stereoscopic reflect- 
ing system, .
 Range-finder, Short-basc," (j35 
Herschpl, 'V.: faces on quartz anll direction of 
optical rotation, .. Optical Rotation and thf' 
Polarimeter," 348 
Herz: electric wa,'cs mf'asured b
', .. \Yave-lengths, 
The ::\Ipasurenwnt of," 804 
Herzff'ld: (:-ichfinrork and) coß\-er",ion factor deter- 
minptl hy, .. :-ia('charimct.ry," 660, (jß1 
Hicks, \V. :\1. : formula for \Van>-number!'1 of series of 
spectra, .. Spectroscopy, )[oderIl," 78;) 
Higgins: (PatNson, Walsh, and) loss of brilHancy of 
radium compound, .. Luminous Compounds," 
]n7, 108 
Hilgpr, 
\I{'ssrs. A.: photo - ceramic graticules, 
" (
raticules," 1
 1; high accuracy polarimeter, 
.. Po]arimptry," 4R4-, -H("): speetro-pol:trimrter, 
ibid. 486,487; saccharimetf'r," Saccharimetry," 
(j;)7, 6fiI: anilinr clYf' light filter, ibM. (j{i3: 
spdor photollwtpr cell, .. :-,pectrophotomf'try," 
7-if): photographic mptholl with sector photo- 
metrr, ibid, 7;)2, 753: direct vision I'Ipectroscope, 
.. Spectrm;copes and Refractometers," 777; 


constant deviation spe('troscopp, ibid. 777, 778; 
monochromatiC' illuminator. 1'hid. 778 
Hilger - !\utting 
pectrophotolH('tpr, .. Sa('chari- 
metn'." 6(t3 
Hire, de 'la: optometcr, .. Ul'hthallllÏl' Optical Ap- 
paratu
," 287 
Hittorf: (Goldstf'in and) study of cathode ran 
.. Radiolog
'," 5Ð4 . , 
Hoff, ,. an 't: tlwory of optil'al robtion of or'!anÏC 
compounds, .. Optieal Rotation HIHI thp Polari- 
meter," 348 
(Le Bel ami) optical acti....ity and a'3ymnletrr in the 
molecule, .. Polarimetry" 489, .. I)olari
cd Light 
and its Applications," 510 
TIoffman: (l\Ipissner and) detf'rmination of spf'rtral 
radiation eonstant, .. Radiation," 56
, ;)63 
llögner: method of calculating average illumination, 
.. Photomrtry and Illumination," 445. 4-!ü 
Holborn, L: (Day and) resrarches on gas thermo- 
meter, .. Radiation," 559 
(Valentiner and) spectrophoton1f'tric nwasurpmf'nts 
of constant ('2' .. Radiation," 5{iJ 
Holm!!ren: colom vision test, .. Ophthalmic Optì('al 
Apparatus," 
83 
Holst: (Oosterhuis and) detrrmination of 8pectnll 
radiation constant. .. Radiation," ;,fi
, ;)(i:.> 
HolzkllPeht: mcasurcment of intcnsity of X-rays, 
.. Radiology," 60B, (ilO 
Honigsdnnid, 0.: atomic wdght of radium, 
.. Radium," 627 
Hooke: the nature of the image, .. Eye, 1'1l('," 71 ; 
reflecting backsight. .. Navigation awl 
aviga- 
tional 1 n:;;truments," 
()2 ; manufacturing 
procCSSf'S, .. Optical Part:;, Thf' Working of." 


7 
Hopwood, F. L.: (Ogg and) retmlts of X-my analysis, 
.. ('ry:;tallogra phy," 
4 
Horne: the pf'rsonal equation in Raccharimctric 
obsen'ation, .. 
accharimetr
'," 663 1,. 6 
Houghton, )[essrs.: cameras, .. Photographic Ap- 
paratu'3," 380, 391 
(Butcher and) enlarging apparatu<;, .. Photographic 
Apparatus," 3B
: hand l'amcra, ibid. 3B4 
How;:ton: spectrophotometer arrangement, .. ::;llf.l'tro- 
photometry," 7-1;) 
Hovestadt: Jena Glass, .. Glass." 0;) n. 4, .. Optical 
mass," 32;); absolut(' amI reIatiw indices for 
optical "g

ss, .. 
pcetroseopes and ]{efraeto- 
lllPters,I 16 
Hu: (Duane and) values of wav('-ìcngths' of X-ray 
speetra, .. Radiology," (i03 
Hudson: method of preparing invertase, .. Sac- 
charimetry," (in;) 
Hiifnf'r: speetrophotometer, .. 
pectrophotometr
-," 
745 
Hull, A. \Y: powder method of X-ray an'1ly:;iQ, 
.. ('rystallogra})hr," 22, 
3, .. Radiology," 616: 
use of kenrtron wIth conòenscrs and inductances, 
.. Radiology," 612: 7irconium 1iltpr, ibid. 6J2. ßl3 
Huntf'r, J. de G.: prol'(,ss {'aIller:t, .. Photographic 
Apparatus," 384; reyoh-ing lli<;c method of 
nw:\sllring shuttf'f sp('('ds, .. ::;hutters, Trsting of 
Photographic," 671 
Hupka: (Warhurg, 
HiIler, and) spectral radiation 
formula, .. Radiation," 5:>6; determinations 
of spectral radiation constant, ibid. 55Ð, 5(i2 
HllXIf'Y, T.: .. Eyf', '1:hf'," 
(I?I.. " ,.._ 
H uyghrns, (',: eyepIece, EY<'PIPCf'!,;, 74,,5, 17, 
78, .. :\lkroscope, Optics of tl1r," 233, 23.1, 
.. T('lpscopps, The," 8-12. 848; graphical nwthod 
of rppr('senting wav('-fronts of light disturham'cs, 
.. Huyghens' ('onstruction," l
ü, .. Light, Douhle 
Refraction of," 17:>, .. ;\Iicroscopf', Optics of tile," 
2] 3, .. Polariscd UlZht and its .App!ica tiuns," 
403, 40-t: \Va\'{' tlwory of light. .. Ught, ] ntcr- 
frrencf' of," 180, .. Light, Propagation of," 190, 
1Ð1; hand manufacturf' and glass polishing, 
.. Optical Part.
, The Working of," 327, 340; 
('arly lli
coveries of polari
ation phenomrna, 
.. Polarised U.ght and its Applications," 400, 4!12 : 
Cycle of Thirty-one, .. 
ound," (jRI, (j
2, H8:3, ßRt- 
Hyde, E. P.: Talbot's law, .. Eyf', Thc," (ifl: trans- 
mission ratio of sC'ctor ùise, .. Photolllf'try and 
Illumination," 421; comparison of methods of 
colour photolllf'try, ibid. 458 
(Forsythe amI) determination of spectral ra(liation 
constant, .. Radiation," 563 
Ibaìíez, ('.: has(' mp;}surcmf'nt appuratus, .. ;,urvey- 
ing and Surveying Instruments," 8
U 



IXDEX 


905 


Ignatuwski, \Y. von: l'umlenser, .. l.traIHÌCrOS('ope, 
The," 8i8 
lk{'uti: (Kinoshita and) action of a rays on photo- 
graphic tilms, .. Ra(Uoaethity," 3ð3, ;íS6 
In's, H. E.: 
ensation eun-e:-:, .. Eye, The," 6:>; 
relath'e IUlllinu
itie5 of sensation primaries, ibid. 
li6, 6ì: visual diffusÌ\-itr, ibid. n9, iO; half-tone 
principle, .. Photul!raphic Appamtlli," 383; 
eomparison oi method
 of colour photometQ, 
.. Photometry awl Illumination." -1;)
, .. Poiari- 
metry," 475; ra.diometry the es.,enee of colori- 
metry, .. :-,pectrophotometrr," i 40; spectro- 
photometer arrangement, ibid. 7-1:>; irradiate 
and irradiation, ibid. ì -10 n. 3 
(Kin
;;lH1ry and) visual ditfush-itr, II Eye, The," 
iO; thermopile, .. Photometry and Illumina- 
tion," 4
8 
(I.uekeish and) absorbing screen, .. Photometry and 
Illumination," 4:!1 
.Tal'kson, "ir H.; nickel o)!..ide colour effect, " Glasses, 
('oloured," lU9; X-ray tube, .. Radiology," 59;) 
(Rates and) deternúnation of rotation constants of 
sugar, .. :-;accharhuetry," 660, 6tH; effect of 
illuminant on rotation values, ibül. 663 
Jacomini, C.: feed screw, .. Diffraction Gratings, The 
)lanufacture and Testing of," 3
 n. 3 
Jäderin, E.: base line measurement with nU'tal 
tapes or wires in catenar:v, .. :-;un-e
ing and 
:Surveying Instruments," 8
7, 830 
.Jaeger, G.: analysis of architectural acoustics, 
" Sound," 6B3 
Jamin; J.: bi-plate. .. Light, Interference of," 18-1; 
refrar'tometer, ibid. 189, 1 no; compem;3,tor, 
ibid. l!ìO; polarising prism. ., Polarised Light 
and its Applications," 49ï; Rabinet compensator I 
used by, ibid. 303 
,Jayal: bar-readin
 test, "Ophthalmic Optieal Ap- 
paratus," 281 
Jeans, J. H.: Report on Radiation rtnd the Qurmtum 
1'lu!or.ll, .. QUú.utum Theory," 537; The Dynami- 
cal Theory of Gases. ibid. 537 
Jellctt: prism, .. Jellctt's Prism," 149, "Polarimetry," 
-1iG, -1,8, .. :-\accharimetry," 657; Cornu-Jellett 
prism, .. Polarimetry," 4iG 
Jewell, L. E.: feed serp\\", .. Diffraction Grating
, The 
:Uanufadure anù Testin
 of," 3
 n. 2, 33 'II. 
 ; 
errors in Rowland':; table, .. WaYe-Ien
ths, The 
:Ueasurcment of," 885 
Johannsen: JIU1wa[ of Petrographic Jfl>thod,ç, .. Polar- 
i5ed Light and its 
\pplication
," -195, 506 n. 
Johnson, Captain: permanent magnetism of 5hip 
detected by, "X<n i!!ation and Ka,-igational 
Instrument;;." 2;;0 
J oly, J. : photometer, .. Photometry and Illumination," 
4
5; radioactive nuclei of pleochroic halos in 
mica, .. Radioacti\ ity," 58,) 
Jones, L. A.: hue and saturation curve, .. Eye, The," 63 I 
Kahanowicz: determination of coeffident of tota'! 
radiation. .. HaIUation," 5-18, 549; result, ibid. 
:>:>-1 
Kamnlf'r: (Yiol and) examination of comparati\-e 
luminp<;eence, .. Luminous Compounds," 19-1 
Karman: (Born and) method of obt.aining values for 
specitÌc heat of solids, .. Quantum Theory," .j3-1 
Kayser, H.: Handbllch der Spcctroscopie, .. Diffrac- 
tion Gratings, Theory," 49. ;)
, .. Spectro- 
photometry," 738, " "-ave - lengths, The 
)Ie:lsurement of," 88-1, 890: discrepancies 
clbscrwd by, ""-ave-lengths, The Measurement 
ot." 88,:) 
(Runae and) formula for relative index of (lamp air, 
.. :-\}lectros('op('
 and Hefractometers," (71); 
formula for rplation of series of spectra. .. Spectro- 
scopy, )Iodern," 78-1 
Keene: determination of radiant constant fT, .. Radia- 
tion," 531, 552; result, ibid. j34 
Keesom: (Tetrotle and) acoustic ,ibrations of a ga:-. 
quanti
cd, .. Quantum Theory," 53;) 
Kellner: eyepiece," Eyepieces," 7i 
Kelvin, Lord: 
yro compa
.;, .. Xayigation an(l 
X a vigatioml Instrurnent
." 2;)5 ; azimuth 
circle, ibitf. 
(}ì, 
6S; convective equilibrium of 
air, .. :;\ound," 69j; temperature gradient in fog, 
ibid. ßfl6 
Ker
haw, A.: revolving disc method of mC'a!':uring 
shutter speeds, .. 
hutter:;, Testing of Photo- 
graphie" 6,1 


Kershaw, )Iessr
.: projcr'tor," Kinematograph," 
1;) 1, 13
 
Kestner: raeemil' add discon'red by, .. Tartaric 
\cid, Optkal Rotatory Power of," 841 
Kettekr, E. : rciractometer, .. Light, Intc>rference of," 
190 
KienbÜek: measurement of intensity of X-rays, 
.. Radiology," 609. 610 
Kimball: .. Ditfraction Gratings, Theory," 41 
Kin
. ..-\. 
.: conca,-e gratin!:!; mounting, .. Diffraction 
(;ratings, Theory," 30 
Kingsbury: (Ives and) 
i:;ual ditTu.;;hity, .. Eye, 
The," 70; thermopile, .. Photometry and Il- 
lumination," 4 
Kinoshita (Ikeuti and) action of a rays on photo- 
graplúc tilms. .. nadioa('tivit
.,'. 583. 586 
Kipping: optical rotation in or
anie compounds, 
.. Optical Rotation and the Polarimeter," 349 
Kirchhoff, G.: law of emis,.;ion and absorption, 
.. Radiation Theon.... 568 
(Bunsen and) spectr'-;scopic research of, .. 
pectro- 
scopy, )Iodern," ,,8; explanation of Fraun- 
hofer lines, .. ',"ave-lengths, The )Iemmrement 
of," t'
:! 
Kjeldahl: 
-east w
cd as inverting agent by, .. 
ac- 
charimetry," 665 
Kleeman: (Brag!:!; and) range of a rays, .. Radio- 
arth-ity," 5,7; stopping power of an atom, ibid. 
5,8 
Klein: (!--ommerfeld and) thpory of gyro compass, 
.. Xavigation and Xavigational Instruments," 
:!57 
KIingelfuss: qualimeter, .. Radiology," 608 
Knibbs. G. H.: formulas for base measurement by 
long steel tapes. .. burw
'ing and. ::'un-cYing 
Instruments," 836 
Knipping : (Friedrieh, I..aue, and) radiographic 
analysis of crystal structure. .. Crystallography," 
:!O, 
l 
Knox-Shaw: (Ball and) t.abll:
 of sidereal time and 
azimuths. .. 
un eying and O:;urveying Instru- 
ments," 819 
:n:och: slwed of sound and atmospheric pres5ure, 
., Sound," 68t> 1/. 3 
Kodak, j,td.: roll tilm cameras, .. Photographic 
Apparatu-;," 394 
KoeIÙg: sensation eun-e<:, .. Eye The" 65 
KohIrau:wh: experiment on judgn{(>nt of pitch, 
.. bound," i
8, 7
9 
König: adjusting apparatus for range-finders, 
.. Range-finder, ::'hort-base." 6-19, 6:>3; qu.lIltita- 
tive treatment of Raylei'"Th disc .. ::;ound " i')ì 
()lartens and) speciropllOtom
ter, .. :Spectro- 
photometry," i -13, ;44, ï 4:>, i 46, 7-17, 7-18, 753 ; 
relatin accuracy of, ibid. 753, i54 
Kopp: molecular ,-olume, .. C'ryst<lllography," 19 
Kovarik: method of counting a partieIes, .. Radio- 
actÌ\-it
 ," 5,Y, 580 
(Wilson and) scattered radiation and 
-elocity 
ß ravs .. Ru1Ïoactivih- " 583 
Kries. vòn': Du'plki'täts tlie
ry, .. Eye, The," 68 
Krigar-3Ienzel, F.: (Raps and) methods of recording 
motions of parts of muskal instruments, .. ::;ound," 
730 
Krüger: theory of specific heat of gases, U Quantum 
Theory," 535 
Krlis:i. H.: a bsorbim! screen, .. Photometry and 
Illumination," 4
1; tlicker photometer discs, 
ibid. 435; lí.olorimetrie lmd quantitatil'e Spektral- 
allfllllse, "
peetrophotometry," 738; spectro- 
meter, ibid. 7 H; intensity curves. .. 
pectro- 
scopes and Refractometers," ;il 
KurlbauIll: bolometric determination of constant of 
total radiation, .. Radiation," 544, 54;); f('sult, 
ibid. 5:>4 
(Lummer and) platinum standarù, .. Photometry 
and Illumination," 415 
(Rubens and) isochromatic measurement
 of spectral 
radiation conshmt, .. Radiation," 353 
Kuster: pneumatic player. .. Piano-player, The," 
470 


J.:uubert: law, .. Light Filters." 176 
Lampa: ml'a
uremf'nt" by, .. "-ave-Iength8. The 
)Ieasurement of," 894 
Landolt: ophthahnodynamonlf'ter, .. Ophthalmic 
Optic'aI Apparatus," 
8
: method of pupilo- 
nlPtr
-, ibid. 
8:!; p('riu1t'ter, ibid. 
8
: polari- 
meter, .. Polarimetry," -17;). -180 j Schmidt and 



906 


IXDEX 


Haensch polarimeter m:ulr for. ihid. 48;): 
formula for molel'ular rotatory })owpr, " Polarised 
Light amI it", A pp1ication"," 50U; 
n-('rage valu(' 
for spel'itic rotation of sugar, " :-;accharimetry," 
UHO 
-BÜrnstein tables of rcfral'th-e illl1Ïces. " Optical 
(Hass," 3
3, 32;); table of elastic constants, 
ibid. 3':U 
(LipVieh aml) "Landolt awl I.ippidl'S Polari- 
meter," 1 GO, " Polarimetry," -180 
Lang, V. von: clements of symmetry, .. l'rystal- 
logmphy," 17 
Langevin, P.: formula for l
rownian movenH'nt by, 
.. lJltramil'roscope, The," 
ï9 
Langley,
. P.: spectrometer determinations, "Infra- 
red Transmb"ion and J{cfmction Data," 13ß, 
139, l-tO, 141, .. Wave-lengths, The )Ieasurement 
of,'" 893: bolometer mcthml of spectrum 
investigation, .. Wave-lengths, The :Measurement 
of," 891 . 
(Abbot and): CUf\'e for refmcth-e indic'es 01' 
tluoritf', "Radiation," 560 
Langmuir, 1.: emission of electrons by hot tungsten, 
" Radiology," :>H8 
Lewis - I,angmuir theory of atomic structure, 
" Crystallography," 25 
l.aue. :\l. von: (Friedrich, Knipping and) radio- 
graphic analysis of crystal structure, "Crystal- 
lography," 20, 21, "Radiology," GIG 
Laurance, L.: Visual Optics and Siaht l'estiJlq, " Eye, 
The," 60 n. 
Laurent: polarimeter, "Polarimetry," -177, 478; 
rotatory power of tartaric add as a gas, " Tartaric 
ACÌll, Optical Rotatory Power of," 837, 838 
Laussedat, A.: Recherches sur le.<; il/struments, etc., 
tupoqraphiljucs, " Theodolite, The," 8U8 
Lavoisier: .. Glass, Chemical Decomposition of," 107 
Lea, Carey: ruby glass, .. Glasses, Colourell," III 
Lebellew: measurements of wave-length by," 'V ave- 
lengths, The )Icasurement of," 
9-1 
Le Bel: (Van t'Hoff and) optkal activity amI asym- 
metry in the molecule, .. Optical Rotation and 
the Polarimeter," 348, "Polarimetry," -189, 
.. Polarised Light and its A.pplications," 510 
Leconte, J.: sensitive flames, .. 
ound," 726 
J.ehmann: spe(.trograph, "In
ra-red Transmission 
and Refraction Data," 137 
Lehnebach: coefficient of emission of a substance, 
" Radiation," 5-14 
Leiss: polarising prism, "Polarised Light and its 
Applications," 497 
Lépinay, ::\1. de: method of heterochromatie photo- 
metry, "Photometry and IllmninatioJl," -158 
l.e Roux: speed of sound in still dry air at oj C., 
" bound," 6B7, 691 
Letourneaux: silvered glass spherical mirrors for 
lighthouses, .. I;ih'ered ::\Iirrors and ::;ilvering," 
675 
Lewinson : value of n in electric lamp life tests, 
.. Photometry ane] mumination," -1;)2, 4:>3 
Lewis: -Langmuir theory of atomic structure," Cr
'stal- 
lography," 
.) 
(A.dams and) theoretkal eomputation of coefficient 
of total radiation, "Ralliation," 5;)3; theory of 
ultimate rational units, ibid. 5U4 
Lewis, W. C. l\IcC.: A Syste.m, of PhysÜ'al Chemistry, 
" Qu :mtum Theory," 537 
Liebenthal: candlf'-power of Hdncr lamp. " Photo- 
metry and Illumination," 414; PraktÚic!te 
Plwtometrie, ibid. 423 
Liebig: method of produdng deposit of llll"'tal1ic 
silver on glass, " I:;ilvered l\Iirrors and Silvering," 
ß73 
Liebreieh: temperature copffident of refraction of 
sylvite, " Infra-red Transmission and Hefraction 
Uata," 1-11 
Lilienfeld: X-ray tubf', "Radiology," 600 
Lindemann, R. : (.K ernst and) formula for spedfie heats 
of solids, " Quantum Theory," 5:
3 
Uppieh: analysis of I.aurpnt polariser, .. Polari- 
metry," 477, 478; two- amI three-fkld polafÌ::.ers, 
ibid. 478, .. :;aecharinlf'try," 6;)6; bla('k band 
in field from intense light sour('e explained anll 
used by, .. Polarimetn.'," 480; method of 
determining optkal rotation for various wave- 
lengths, ibid. 4
(); sodium light 1ilters, "Sac- 
charimetry," 66:J 
(I.andolt and) "Landolt amI J.ippich's I)olari- 
meter," 160, " Polarimetry," 480 


Lippmann: colour l)hotogm})hy proce8o:-;, "Light. 
r Ilterfercn('e of," 1!10: ('hem it' dn Z llckerarlen, 
.. 
al'('harimctry," tiü4 
Lissajous: tigures for testing aceuraey of tuninj!, 
.. Sound," 7
:J, 72-1 
Li
tf'r, .J. .T.: douhlet and tri}Jlet len
es. .. ){ÏI'roscope, 
()ptics of the," 206; low-power obje('tiw, ibid. 
')'30 '>") 
I.ittr
w 
 

e('t.rograph, " /Spectroscopy, :\Iodern," 779 
Llo
.d, H.: mirror, "Light, Interferenee of," 18j; 
internal conical rf'fraction ....erifted !>y, .. Polarisell 
Ught anù its .-\.pplications," 49;) 
Lodge, 
ir 0.: metal X-ray bulb, .. Radiology," 600 
Lom!> : (Bausch and) e0inddence range-finder, 
.. Ranj!e-tindf'r, I')hort-base," 652; saccharimeter, 
" :--aecharil1letry," 637 
Lorentz, H. A.: theory of magnetie resolution of 

pectrum lines, .. 
pel'tros('opy, )l()(lern," 783 
1.0 Surdo: elcl'trk resolution of spe('trum Jines in 
vacuum tube, .. 
peetroscoJ!Y, 1\[odern," 784 
Low: summary of work on measurements of stresses 
in mecharìil'al construdions, .. I)olarised Light 
and its .-\.Plllkations," j07 
Lowry: im'estigation of rotatory dispersion of quartz, 
.. Polarimetry," 48fi; lines useful for spectro- 
polarimetry, ibid. 488; equation for variation 
of optieal rotation with waye-length, " Polarised 
Light and its Apillil.'ations," 5U!) 
(Austin and) dextrorotations of tartaric derÏ\'a- 
tins, "Tartaric Add, Optieal Rotatory Power 
of " 8-10 
Luckclsh: (Iv('s and) ahsorbing screen, "Photo- 
metry allll Illumination," 421 
Luding: (llaitigner, eIrich, and) e:\.traetion of 
rallium from pitehblendr, .. Hadium." 6
ß 
Lunnner, 0.: rrfradol1leter, .. Light, Intcrferen('e 
of," 190; PlwtoqrapllÏc Optir.<;, .. Photographic 
Lensrs," 4U6 : four-field polariser, " Polarimetry," 
478; other polariser:?, ibid. 480, 48 L 
(Brodhun and) photometer, "l)llOtomf'try and 
Illumination," 417, 418, 45-1, 456; s})c('tro- 
photometer, .. 8pectrophotometer," 743, 7;)3 
((
ehrck(' and) interferomet,er, .. Light, Interference 
of," 189; plate used in measuring width of 
spectrum lines, " Speetroscopy, 
lodern," 783 
(Kurlbanm and) platinum standard, " Photometry 
and Illumination," 415 
(Pringshcim and) coellkient of total radiation, 
"Itadiation," 5-1-1; spectral radia

on formula, 
ibid. 556; measurements of speetral radiation 
constant, ibid. 5:->8, 539, ;-)f)2: sp('ctral tUc1{er 
spectrophotometer, .. 
]J('etrophotometry," 745 
(::;orge and) surf
we rf'fractive index amI elliptical 
polarisation, "Polarisrd Light allll its .\Pvlica- 
tions," ;ïO
 
(Wien anù) black body invented by, " Radiation," 
542; correction for radiator opening, ibid. 546 
Lund: ('Vhittf'more anll) ratio of fa(linm to uranium 
in materials, .. Radium," 6
8 
Lnynrs, de: (Girad and) normal wcight of sucrose 
solution, " Saceharimetry," 659 
Lyman: optical eonstants of fluoritp, "Infra-red 
Transmission and R f'fr:H't ion Data," 13!) 
 
spurious linf's in spectra produced by Rowland 
gratings, " 'Va ve-lcn
ths, Tllf' )[pasnrement of," 
885; measurement of 
dnnnann waves, iMd. 
8nO, R91, R93: Spectroscopy of tile Ertrnne Fltm- 
1'ioM, 'ilJid. R!) l 
(Millikan, and) speetroHeopic examination of light 
waves, " Uadiologr," 503 


.McCauley: vacuum Rpeetrop-wter, " Infra-red 
Transmission and Refra('tion Data," 137 
)I'C'ullagh: direction of vibrations anI 1 the planc of 
polarisation, "Polarispd Light and Us Applka- 
tion!-;," 492; index-ellillsoid, ifJid. 494; mathe- 
matieal theory of doublp rf'fraction of quartz, 
" Polarisell Light and its Al)plkMions," 511 
)[cDol1
al1 : persistence of vision, .. Kinemato- 
graph," 1!)0 
Mach, L.: refractometrr, .. Light, Interferf'ncp of," 
If)O 
)Idlanly: pf'rinwter," Ophthalmic (1)tical Appar- 
atus," 283, 283 
)[aekinney: (Dow anll) Ll1llwter, .. Phntomrtry amI 
Illmnination," 441, 442 
:Maddox,: rods or groo\'ps, "::\[ad(lox 
et. of ROIls or 
Groons," ] f)!), "Ophthalmic Optical Appar- 
atus," 280, 281 



IXDEX 


907 



\Iagellan : superposition range-finder, .. Range- 
finder, :-:'hort-ba:;e," ü:H 
11ahler: 01erz and) secret of making homogeneous 
tlint glass transmitted to, .. Tell'scope, The," 8.HI 
)Ialloek: coinei(lenee range-finder, .. Range-finder, 
:;hort-base," 633. ßJ3 
:\Ialus: bw of polarisation, .. Polarimetry:' 4i5, 4í6, 
-1 i9, .. Polarised Li!.!ht and its Applications," 
491; theor
' of polarisation. "Polari5ed Ught 
and it5 Applieation:,:' 4HO, -191; plane of polari- 
sation, ibid. 4!)1, -19
; angle of polarisation, ibid. 
-191 . 
)Iangin: nÙfror for headlights" <<Pro
ection Appar. 
atus:' 5:!!: mirror for signalling lamps, ibid. 
5:!-t, 5:!.-,: mirror for searchlight
, ibid. 5:!;) 
::\lann: _l1anual of Admncl'd Optic8, .. Interferometers: 
Technical Applications," 1-13 
)Iara;!c: acou5tic propertie5 of Parisian building:", 
.. Sound." ü93 
)Iarekwald: separation of bnium and radium, 
.0 Radium," 6:!6 
)laréchal: contour maps of equal illumination, 
.0 Photometry and Illumination." 4-1-1 
)larimUn: coinciùence range-finder, .. Range-finder, 

hort-base," 63-1, ();)3 
)1arion, 11es:;rs.: cameras, "Photograpruc _\ppar- 
atus," 381, 39;) 
)Iarsden: bombardment of zinc sulphide b
- a par- 
ticles, .. I.uminou:; Compounds," 198 
1Iartens: refractiye indÏ<'es of quartz, .. Infra-red 
Transmb:;Ïon and Refraction Data," 139; of I 
rock salt, ibirl. HI ; of s
 hitp, ibit/. 141 ; photo- 
meter:", .. Photometry and Illumination," 42;), 
-141, (< :--pectrophotometry," 745, ;4ï. ï-1b, ï;)3; 
double wedge arrangement in polarimeter, 
.. ;;accharimetry," û;)ï 
(König and) spectrophotometer, U 
pectrophoto- 
metry," 7-13, 7H, ;-15, 746, 7-1i, ;-18, ï;)3; 
relatiw accuracy of, ibid. 75:3, 7;)-1 
Jlarti: speed of sound in sea water, .. :-:'ound," 691 
11artin, L. C.: method of measuring refractiye indices 
of lens, .. Immersion Refractometry," 131 
)Iascart, E.: .. Light, Interference of," 18;); refrad-o- 
meter, ibid. 100 
(Benard and) normal wei!:!ht of sucrose solution, 
.. 
accharimetry," 6;)!) 
 
)Iaskelyne, :-{.: element
 of cD':::talline s)-mmetry, 
.. Crystallography," Ii 
)Iatthew:,,: -Dyke photometf'r, "Photometry and 
Illumination," !3.t, -135. -137 
:\Ia-xwell, J. C., colour -mh:ing apparatus. "Eye, 
The," 6-1; measurement of strain in i50tropic 
materials, "Polari
ed Light and its Applica- 
tion
." 507; electromagnetic laws of, and 
quantum theor
'. .. Quantum Theory," 530; 
law of di"tribution of wlodties, and quantum 
theory, ibid. 5:3;): law of radiation pressure, 
.. Radiation Theory," 569 
)[ees, C. K.: .. photometric" gelatine filt PI'S , 
" Photonlf'try and Illumination," 4;)6 
)1eb
ner, J. W.: (Hoffman and) determination of 
spectral r:Hliation constant, .. Radhtion," 56
. 
563 
)Ieitner: (yon B3eyer, Hahn, and) ß ray.:: in magnetic 
field, .. Radioacth ity:' ;)>3
 
)Iendenhall, C. E.: optièal pyrometer (1('termin'ltion 
of spectral radiation con
t.ant, .. Radiation." 
,")61, 56
 
)Ierrill: (Cooper, Blake, and), electric lamp life tf'st 
and continuous or alternating current, .. Photo- 
metry and Illumination:' 4;):3 
)[erspnne: chamber pitch, .. 
0lmd." 685 
:\Ierz: objeet glas
e
 made by, .. Tele:"cope, The," 8-16 
()Iahler and) secrf't of making homogeneou
 flint 
ghs
 transmitted to, .. Telescopp. The," 
-I!I 
:\Ieslin, G.: split Ipn
, .. Light, Interference of," 18-1-, 
185 
)Ieyer, L.: atomic diameter cun'e, .. C'ryst'lllo- 
graphy," 
-1 
)Iichelson. .-\. .-\.: echf'lon, .. Diffraction GratinQ'S, 
Theory," 50, 51. 3:!; interferometer used in 
e-xamination of pri.:;m
 and len"l's, .. Immersion 
Refractometer," 1:31). .0 Interferometf'r". Te('}u1Ï- 
cal Applications:' 14:3, 1-17, .. Light. Interff'rpnce 
of." 1

, .. Optical Parts, Thf' Workin
 oì," 3
!) : 
mirror arrangement of, .. Light, Interff'rence of," 
1
:3, .. :-:'iln-red )Iirrors and Silwring:' 677: 
interferonwtf'r u"ec} in mea"urement of "idth of 
spectrum lines, .. Spectroscopy, )Iodern:' ï83; 


interferometpr nwthod of measuring li!!ht-waYe
, 
.. "'aye-lengths. The )Iea:::urernent of," 885.886, 
887, 888 
)Iiddlehauff: ()[ulligan, i5kogland, and) ya]ue of n 
in eleetric lamp life tests, .. Photometry and 
Illumination," 45
, 453 
(
kogland and) comparison of methods of colour 
phot-ometry, .. Photometry and Illumination," 
4;)8 
Millar: (
harp and) illumination photometer, 
.. Photometry and Illumination," -ao, 441 
)Iiller, D. C.: phonodeik," :"\ound." 730 
)Iiller, ,,
. H.: .. ('ry
tal Faces, )Jiller's )Iethod of 
Distingui:::hin
," 9, .. Crystallography," 11, 12 
Millikan, R. A.: yalue of quantum determined from 
photoelectric effect, .. Quantum Theory," 531, 
537: X-ray lines in ultra-yiolet region, .. Radio- 
logy," 5!)3; spectroscopic pl:1tes used by, 
.. 
pectrosco))y, )Iodern," ïi9: measurement f)f 
short ultra-\iolet wayes, .. "'aye-lengths, The 
)Ieasurement of:' ti91, 893 
(Lyman and) spectroscopic examination of light 
wa Yes, .. Radiolog
-," 593 
)Iilne : spectral flicker photometer, .. ;5pectro- 
photometry:' ;-1;) 
::\linor: transmission of ultra-\iolet rays I'\" silYl'red 
mirrors, .. :-;ilwred )Jirrors and SiÌyerï'ng,'" 678 
:\Iit5eherlieh: isomorphism," Crystallography," 19, 

O; improved polarimeter. .. Polarimetry," -175 
)Iohr: cuhic centimetre, .. :-:'accharimetry," 659 
Jlolyneu-x : - manufacturing processes in optics, 
.. Optical Parts, The Working of," 3
7 
)[omrini : electric Jamp Hfp te:::t and continuou" or 
ã.lter!
at
n
 current, .. Photometry and Illumina- 
tIOn, 4.)3 
)[orris: ('arbon arc standard, .. Photometry and 
Illumination," .u5 
)Ioseley: law of atomic structure, .. Crystallo- 
graphy," 25, .. )loseley's Law," 
45; measure- 
ment of wave-length of X-ray speetra, .. Radio- 
logy," 60:2, 603: waye-len!rths and absorption 
coefficients in aluminium, ibid. 605: mea:;ure. 
ment" of waxe-length.; from sHyer and aluminium, 
.. Wa,"e-Iengths, The )Ieasurement of," 893 
JIoulin: (Bauer and) thermometric determination 
of radiant con"tant CT, .. Radiation," 550, 5;)1 ; 
result, ibid. 554 
)Iouton, H.: (Cotton and) oblique illumination 
arrangement. .. rltramicroscope, The:' 8iï 
){ullanl: (Gimingham and) .. Tungsten Arc Lamp," 
8ï5 
)Iüller: ring..' Eye, The," 61 ; boiling tube, .. Radio- 
logy." 5
18 
<War burg, HUpk:1. and) spectral radiation formula. 
.. Radhtion,'" 556: detNminations of spectral 
radiation constant, i
id. :);)9, 56:2 
Jltùligan: pHddlekauff. :,kogland, and) experiments 
on eleC'tric lamp life tests, .. Photometry and 
Illumination," 45
. -15:J 
11uthmann: topic axial ratios, .. Crystallography," 
19 
)Iyliu
: (Foerster and) iodeosin tests, .. Glas
, Chemi- 
cal Decomposition of," lOû, 107 
Xage], W.: Hmulbllch der PhysiologiR, .. Eye, The," 
60 11. 
Xakamura: polari
er," Polarimet.ry,'" -181, -t

 
Xasini: (Yillayecchia and) formulae for sugar con- 
stants, .. Saccharimetry," 660 
Xelson, E. J1.: method of determining t.otal magni- 
fication of a micro
cope, .. llicroscope, Optic:; 
of the," :!0:3. 20-1 
Xern:,t, W.: heat theorem. .. Quantum Theory:' 53-1; 
(Lindemann and) formula for specific heats of 
solid
, .. Quantum Theory," ;)33 
(',"ulf and) formula for ..:pectral radiation constant. 
.. Hadiation:' 5;);) 
Xeumann: polarimewr obseryation tube, .. Polari- 
metr
',u -188. 489 
Xeyille: optical rota.tion in organic compounds, 
.. Optieal Rot..'ltion and the Polarimeter," 34n 
Xewton, 
ir I.: corpuscular theory of light, .. Light, 
Interference of," 180, 181, .. Polari
ed Ught 
and its Application"," -190: ring
 described b
, 
.. Light, Intf'rfprenC'e of," 183. 18i. .. Xewton's 
Hing
:" 27:!. .. Optical Part.
. The Working of," 
330. "
pheronwtry," 78
, ;89. 7ntl, .. "-a'-e- 
lengtl,:", The )re:1
ureml'nt of," 8S:!: se-xtant, 
"
ayi!!ation and Sa,.igational In
trument5'" 



908 


IXDEX 



6
: lWlIlUfa('turing processes, "Optical Part
, 
The Working of." 3
7: test plates for examina- 
tion of surfaces, ibid. 3:30: COJl('elltion of polish('(1 

urfaces, ibid. 331: method of polishing, ibid. 
3-10; early di
(,o\'crks of polarisation ph(>no- 
mena, .. Polarised Light awl its Applieations," 
490; dYllamkal tnvs of, and quantum theory, 
.. Quantum Theory," ;)3!): (
nil(l 
phf'rnmetC'r 
based on rings of, ":-;pheronwtry," 788, 7
!); 
measurement of slUall lenses by ring;, of, ibid. 
7HO, 791, 79:?, 79:1 
Xiehols, E. L.: duration of light sens:1tion period, 
.. Eye, The," liU; spectrophotometer arrange- 
ment, .. Spectrophotometry," 74:> 
(Ruùens and) refrat'th e ilJfliees of syh'ite, " Infra- 
red Transllli

ion ami Rpfraction Data," I-t 1 ; 
Reststrahlen met hod of isolating long wa n's. 
.. \Yave-Iengths, The )Ieasurement of," 8n
 
Xicol. \V.: polarisillg prism, .. Polarised Ught and 
its Applications," 496, 4n7 
XonIellson: astigmatism, .. Eye, TtJP," 71 
Xorman: magnetie dip discovered by, .. .Navigation 
and Kayigational Instruments," 

o 
Xutting: fpe('trophotometer arrangement. .. Spectro- 
photomC'try," 74:> 
Hilger - Xutting spectrophotometer, .. Sacchari- 
metry," 663 
Ogg: (Hopwood and) results of X-ray analysis, 
.. l'rystallography," 
3, 2-t 
Oosterhuis: (Holst and) determination of spectral 
radiation constant. .. ]{adiation," 5()
, 56:3 
Ostade. yan: radiograph of painting attriùuted to, 
.. Radiology," 6
3 
Ostwalt: tables of curves for aspherical lenses, 
.. Ophthalmic Optical Apparatu!;," 2
5 
Ottway, )Iessrs.: eyepieces, variable power, .. Eye- 
pieces," 79 
Owens: bottle-making machine, .. Glass," 92 
Parinaud: dark ada.ptation, .. Eye, The," 68; per- 
ception scales, .. Op!lthalmic Optical Apparatus," 

8:3 
Parsons: sound rcproducer, t.he Auxf'Í{)phone. 
" Phonograph and Gramophone, The," 377 
Paschcn : refractive indiees and wave-lengths, 
measurements of, .. Infra-red Transmission and 
Refraption ])Llt.1.," 136, 13f1, 140, HI, 142, 
.. Radiation," 5:>8, 5:>fI, 561, .. Wave-lengths, The 
Measurement of," 891, 895; elimination of 
absórption, " Infra - red Transmission and 
Refraction Data," 137; optical constants, ibid. 
139, 140, HI, 142; computation of spectral 
radhtion ('onstant, .. Radiation," 55H, 5:>7; 
bolo1Uetric determinations, ibid. 5:>7, 558, 562: 
dispersion formula of, iMd. 560; system of 
notation for relatiolls of series of spectra, 
.. Spectroscopy, Modern," 785 
(Rünge and) concaye grating mounting, "\Va\Te- 
lengths, Thc )leasurcment of," 88-t 
Pasteur: optical robtion in org:mie substances, 
"Optical l{otation and the Polarimeter," 348, 
.. P()larimetr
.,,, 4RfI: composition of raeemk 
aeid, .. Tarbric .\eirl, Optical Rot.ltory Power 
of," 841; dis('o\'ery of relationship between 
optieal activity ami cryshlline struct.ure, ibid. 
84
 
Paterson, C. C.: glow-lamp sub-st:mdards, " Photo- 
metry and Illuminatiou," 41:>. -t 1 ß; lamp 
rotator, "Photometry awl Illumination," 4:30: 
experiments on yarbtions in daylight illumina- 
tion. ibid. 448 
(DlHlding and) pereeption of light, "Eye, The," 
6
; effcct of humidit
 and barometric prcssure 
on candle - powcr of Pentane lamp, "}>}1Oto- 
metry and Illumination," n:3: colour identity 
method of determining filament temperature, ibid. 
4:>9 
(Walsh and) .. Height-finder, The Paterson-"Talsh 
.Electrkal:' 128, 129 
(Walsh, Higgins, and) loss of bril1iancy of radium 
compound, .. Luminous Compounds," 197, 198 
Peachey: optkal rotation in organic compounds, 
" Optical Rotation and the I>olarimdpr," 3-t9 
Peek: spark gap in X-ray tulws, .. Radiology," 606 
Pellet: (Sidersky ami) norma} weight of sucrose 
solution, .. :-)accharimetry," {iß1 
Pellin, P.: modified J aun'nt polarisf'r, .. Polari- 
metry," 477; polarimeter as manufactured by, 


ibid. -tH
, 483 ; Y,'on diabetometf'r manufactured 
b
', iUri. 487; saceharimeter, to 
a(,l'harimetry," 
li:>7 
Pef('ival: tahles of ('urn's for aspherical lensf's 
.. Ophthalmic Optical A})J)aratus," 28:> ' 
Perkin, Sir \Y.: molt'cular magnetic rot.ations in- 
vestigated hy, to )Ia
!!lctic Hotatory Power," 201 
" Optical Hotat.ion and the l>olarimctcr." 349 ' 
Perot, .\..: (Benoit, Fabry, and) interfC'ronwtf'r 
measurement of lÌ!rht-wa Yes, "Wave-lengths, 
The Measurement of," 886, 887; standard tÌ'\.ed 
by, ibid. 888, 889 
(Fahry and) interferometer, .. Light, Interference 
of," 188, 18!): interferometer used in measure- 
mpnt of width of sp('('trum lines. .. 
pe('tros("o])y, 
Modern," 783; secondary standards determined 
hy, .. \Yave-Iengths, The 'Ieasuremcnt of," 887, 

8t) 
Perrin, J.: O}ltometer," Ophthalmic Optical Appar- 
atus," 287; observations of Brownian move- 
ment by, " l'"ltramkroscope, The," R79 
Perry. Prof. : (Brown and) gyro compass, .. Kayigation 
and Xavigational Instruments," 
56, 25!) 
Pet:.lvel: on Yiolle platinum standard, to Photo- 
metry and Illumination," 414; on Lummer- 
Kurlbaum standard, ibid. 415 
Peters: !;accharimeter, .. :-;accharimetry," 657 
Petit: (DuloBI.! and) law of speeitic heat amI atomic 
weight of solids, .. Quantum Theory," 533 
Petzval: sum coefficient, .. Eyepieces," 76, .. Optical 
Cakulations," 31i; objectives, .. KÌllt'mato- 
gra!)h," 1;)7, 1.')8: theorem of residual curvature 
of an imagp, .. )[icroscope, OptÌ<'s of the," 229, 
230 : portrait Ipn-;, " Photographi<' I
enses," 406 : 
condition for tlatnes8 of field, .. Telescope, The," 
845 
!)tlüger : spectroradiometer, "Infra - red Trans- 
mission and Refraction Data," 136; optkal 
constants, .ibid. 138, 139 
Pfund: speetroradiometer, "Infra-red Transmission 
and Refraction Data/' 136; resistance of 
selenium cell, .. Photometry and Illumination," 
4
6; stan(lanl iron arc and determination of 
seeondary standards of waye-length, .. :-;pectro- 
scopy, )Iodern," 780, .. Wayc-Iengths, The 

Ieasurelllent of," 88!) 
Planck, 
I.: quant.um relation, .. Quantum Limit," 530, 
.. R,ldiology," 60ti; the quantum. .. Quantum 
Theory," 530, 532, 5:35, .. Ra.diation Theory," 
566; radiation theory, II Quantum Theory," 
530, .. Radiation Theory," 566, 572; second 
quantum hypothesis, .. Quantum Theory," 5:33 ; 
radiation formula, ibid. 533, .. Hadiation," 541, 
5.')5,5:>6,557, 55R, 56:3, 564, .. Radiation Theory," 
570, 57], :>72; universal constant of action II, 
.. Hadiation," 5ß3, 56-t: Die ThporÙ> der JVärme- 
fitrnhlllng, .. Radiation Theory," 57
 
Pleydell, 
I.: (Bennett and) Rpnnett- Plf'ydeJ1 
prinf'iplp, .. Height-finder, The Paterson - Walsh 
Electrical." ]27 
Plotnikoff: (Wood an(1) brominp gas light filter, 
.. Light Fil tf'rs," 176 n. 1 
Pliicker: st.udy of cathode rays, " Radiology," 594- 
Plum: method of separating radioaf'tiw products 
from carnotit.e, " Radium," 6
(j, 627 
Pocldington: rotatory power of cane-sugar, etc., 
. .. Polarise(l I-ight and its Applications." 508 
Poincaré: radiation prohlf'm and older l1leehanÏcs, 
.. Quantum Theory," ;);.3
 
Poisson: multiple relleetion, .. I.ight, Interff'rf'ncf' 
of," ]86; on compass deviations, .. .Kavigation 
and Xavigational Instruments," 250; equations 
for, ibid. 251 
Pope: researches on optically active tin, f'tc.. com- 
pounds, .. Optical Rotation and the Polari- 
mpter," 348, 3-tfl 
(Barlow and) yaleney yolnme thf'ory, .. Crystal- 
lograph
'," 24 
Porro, J. : anallatie telescopp, .. :-;urveying and Sur- 
veying Instnlment"," 816; base measurement 
apparatus, ':bi.d. 8
n 
Porterfiehl: optometer, .. uphthalmic Optical Appar- 
atus," 287 
Pota}lpnko, G. V.: classifieation, "Light Filters," 
177 
PO\\'pr: cameragraph," Kinematograph," ] 56 
Poynting: pnlariser," Polarimetry," 481 
Preeht: (Rüllge and) spark spectrum and flame 
speetrum of radium, .. Radium," 627 



IXDEX 


909 


Preece: photompter, .. Photometry and Illumina- 
tion," 4-39 
Prevost: law of exc.ilanges, .. Radiation Thf'or
-," 
567, 568 
Pringsheim: (Lummer and) coefficient of total radia- 
tion, .. Radiation," 5-H; spectral radiation 
formula, ibid. ,)56. 558; measurements of spectral 
radiation constant, ibid, 558, 55g, 562; spectral 
flit-ker photometer, .. :-;pectrophotometry," 74-5 
Puccianti: bolo metric determination of constant of 
total radiation. .. Radiation," ;)-1g, ;),)0; thermo- 
metric determination, ibid. 551, 5;;3; results, 
ibid. 554- 
Pulfrich, C.: refractometer, II 
pectroscopes and 
Refractometers," i7
, 773, 7ï 4, 775 
Puluj: study of cathode rays, .. Radiology," 594- 
Purkinje: variation of colour sensitiveness with 
inten"ity, .. Eye, The," 68, II Photometry and 
Illumination," 458, 46
, 46:3 
Quincke, G.: II Light, Interference of," 185 
Radcliffe: methol
 of treating carnotite, II Radium," 
626 
Raleigh, Sir \Yalter: measuring instrument!., 
"l\avigation and KaYigational Instruments," 
262 
Raman, C. Y.: paper on piano vibrations, II Sound," 
700 n.: aetion of violin how on string, ibid. ,01 n. : 
methods of reeording motions of parts of musical 
instruments, i/Jid. 730 
Ramsay, ðir W.: (Soddy and) production of helium by 
radium, " Radium," 632 
Ramsden, J.: dividing engine, .. Divided Circles," 
54, 55; eyepiece, II .Eyepieces," i5, 77, i8. 
.. Telescope, The," 8-1
, 8-18: circle, methorl of 
determining total magnification from, .. }licro- 
scope, Uptics of the," :W3; steel measuring 
chain, " ::Surveying and Surveying Instruments," 
827,829; 3 ft. theodolite, II Theodolite, The," 8ß8 
Randall: thermopile determinations of standards in 
the infra-red, "'Vaw-Iengths, The )Ieasurement 
of " 895 
Ranki
e, A. 0.: photographic recording of sound, 
"Phonograph and Gramophone, The," 377, 
., Sound," 730, 732 
R3-ps, A.: (Krigar- }Ienzel and) methods of recording 
motions of parts of musical instruments, 
.. Sound," 730 
Rawlings. A. L.: (Harrison and) modification of 
Spero' compass, .. Xa\igation and Xa\igational 
Instruments," 
58, 259 
Rayleigh, Lord (3nl Baron): limits of permissible 
aberration in optical systems, .. Aberration," 1, 
.. 
Iicroscope, Optics of the," 216, 218, 219, 220, 
2
1, 222, 22-1, 226, 227. .. Rayleigh Linút," 655 ; 
resolving power of optical instruments, II Diffrac- 
tion Gratings, Theory," 4-5: interference re- 
fractometer, " Immersion Refractometry," 136 ; 
on polishing processes, "Optical Parts, The 
'Yorkin
 of," 331, 332; surface refractive index 
and elliptical polarisation, " Polarised Light and 
its Applications," 5(1
; radiation formula, 
II Quantum Theory," 5:33, .. Radiation Theory," 
5i2; thporem for spectral resolution into 
frequencies, "Radiation Theory," 56ü: theory 
e-x:plaining the blue colour of the sky, 
.. Scattering of Light by Gasef1.," 6GG; long- 
range transit of sound, "Sound," 695: sensitive 
flame, ibid. 726; disc} ibid. 727: experiments on 
minimum amplitude audible, ibid. 729; experi- 
ment,,; in perception of sound direction, ibM. 729 : 
half-\\idth of spectrum line and massf'S of 
radiating particles, .. :-\pectroscopy, )!odern," 
782: scatterin
 of light by colloidal solutions, 
" rltramieroscope, The," 879 
Rayleigh, Lord (-1th Baron) (,
ee Strntt, R. J.): scatter- 
ing of light by dust-free air, "Scattering of 
Light by Gases," 667; resonance effects studied 
by, ibid. 669 
ReflnauIt: speNI of sound increa
ed by intensity. 
.. Sonnd," 687; detprmination of speed of sound 
in pipes, if>ii/. (i88, 689, 691 
Rembrandt: X-Rays and old pictures, "Radiology," 
6')0) 
Remy: diploscope," Ophthalmic Optical Apparatu!'," 
2
1 
Reusch: mica plates arr:mg p 1 to imitate quartz, 
.. Polarised Light and its Applications," 510 


R('ynolcls, ,Yo C.: (Carr and) rotatory pO\wr of 
alkaloills, "Optical Rotation and the Polari- 
meter," 349 
Rheinberg, J.. :\Iessr:,.: .. Glass, Platini-;ecI," 10
, 
.. Graticules," 1
1, 122 
Richard, J.: changing bo-x:, .. Photographic Appar- 
atus," 387 
Richardson: The Electron Theo-ry of _lJatter, " Radia- 
tion Theon':' ;;72 
(Rutherford ànd) nature of'Y rays. "Radio3ctÌ\'ity," 
584-; production of cathode ray
, .. Radiology," 
5n8 
Riehtmyer: (Crittenden and) comparison of methods 
of colour l1hotometrr, .. Photometry and Illumi- 
nation," 4-;;8 
Ricketts: (Chandler and) method of cletermining 
amount of gluco:.;e pre

nt, .. 
a.ccharimetry," 
6G5 
Righi. A.: light-beat experiment, .. Li
ht, Inter- 
ference of." 183; measurements by, .. "-a\e- 
lengths, The }[easurement of," 894 
Rink: speed of sound through air in a pipe, .. 
ounll," 
689 
Rislpy: prism, "Uphthalmic Uptical Apparatu
," 
281 
Uitdlie: wpd
p photometer, .. Photometry and 
Illumination," 4-
-1 
Ritz: combination law of, " Quantum Theory," 53;;, 
"Spectroscopy, }Iodern," 78.): formula for 
waye-numbers of series of spectra, .. Ritz," 6;);), 
" 
pectroscopy, }Iodern," i8;) 
Robiquet: biquartz added to polariser by, " Polari- 
metry," -1 ì;) 
Hochon: polarising prism, " J}olarised Light and its 

\.pplications," J99 
Roeser: method of calculating spectral radiation 
constant, "Radiation," 5;;7, ;;6U 
Rogers, T.: proeess of silvering glass, .. 
ilvered 
}Iirrors and 
ilyerin
," 67;) 
Rohr, 
I. yon: quartz-fluorite microscope objectives, 
.. 3Iicroscopy with CUra-violet Light," 239; 
monochromat:;;, ibid. 239: formulae for aspherical 
lenses, .. Ophthalmic Optical 
-\.p}Jaratus," 28;; : 
\\Titings on lense's, " Photographic Lenses," 4U;), 
406 
Róntgen, W. K.: disconry of X-rays, " Radiology," 
5
):
, 59;;: \ acuum tube used by, ibid. ;;
)5; 
industrial radiography, ibid. 617 
Rood: flicker photometer, .. Photometry and 
Illumination," 454- 
Rosa, E. B.: (Crittenden and) constants for candle- 
power of I>entane lamp, .. Photometr:r and 
Illumination," 4-13 
(Taylor and) bibliography of integrating photo- 
meter, .. Photometry and Illumination." 43';" 
Rosenbusch: "Polarisecl I.ight and its _-\.pplications," 
-1n;; 
Ross, A.: dividing machine, " Dh hIed Circles," 5;; 
Ross, }Iessrs.: eyepieces, .. Eyepieces:' 79; peri- 
scope l('ns system, "Periscopes." 3()6: cameras, 
.. Photographic Apparatus," 380, 381: Homo- 
centric lens, ibid. 408 
Rosse. Earl of: smoothing machine, .. Optical Parts, 
The Working of:' 34-6; speculum metal used by, 
.. Telescope, The," 8;) 1 
Rottenburg: (Willan and) height-finder, "Range- 
finder, ðhort-base," 64--1-, 6-15, 6;;4 
Rousseau: average candle-power diagram, " Photo- 
metry and Illumination." 432. 433 
Rowland, H. A.: concave diffraction grating of, "Con- 
caye lJiffraction Grating," n, ., Diffraction Grat- 
ings Theory," -18, 49. 50, .. 'Yave-Iencths, The 

[easurement of," 882, 88-1, st-;;, 888: ruling 
machine, .. Diffraction Hratiugs, The 1Ianu- 
facture and Testing of," 30-36: screws, ibid. 32 : 
Xormal :\Iap of the 
olar Spectrum and Table of 
'Yave-Iengths. .. 
pectroscop
., }loII('rn," i84, 
.. 'Yave-Iengths, The )[easuremf'nt of," 88
, 884, 
888, 889 890; speculum metal used by, .. TC'h'. 
scope, The," 851 ; errors in standarcls of, .. Wa\ p- 
len!.!th!'l, The }[easurement of," 884-, 8
.) ; gho:,ts 
in grating;:. of. ibid. 88:>, 888 
Royds: (Rutherford and) ('
pprimf>nt to prove 
nature of a I)artide. .. HaflioactÌ\ ity," 58.0 
Hubens, H.: refractive indices and wavc-Iengths in 
the infra-reel, .. Infra-red Transmis"ion and Up- 
fraction Data," 138, 139, 1-10, 141. 142, " Waw- 
kngth
, The 
[('asnreUle'nt of." 8!H. 8!):
; 
speeific heat.;; of solids, " Quantum Theory," 533 



910 


I
DEX 


(von llaeypr and) measurement of long wan's from 
quartz mercury lamp, "'Yave-Iengths, The 
)leasurement of," 8D4, 895 
(Hagen and) reflecting power of silvefC'd mirrors, 
.. :'\ilnred )lirrors and Silvering," 67i, Ô7S; 
table of pcrcentage of light reflected from nl<'ta.is, 
.. Tele:;:cope, The," S;)3 
(KurIbaum and) isoc'lfomatic meaSllf('ment of 
spectral radiation con,tant, .. Radiation," 5;;,) 
(Xichols and) refractive imlices, .. Infra-red 
Transmission and Refraction Data," 141; 
Re'ststrahlen method of isolating long waves, 
.. \\-ase-Iengths, The :Measurement of," 8!):
, 8!ll 
(::-Ichwarzsehild and) measurement of solar ra(Ua- 
tion by quartz lens method, .. Wave-lengths, 
The ::\Ieasurement of," 89j 
(Trowbridge and) refracth'e indices, .. Infra-red 
Transmission and Refraction Data," I-H; 
prism measurement for long wave-lengths, 
.. "'ave-lengths, The l\leasurement of," 891 
(W ood and) improved method of isolating very long 
waves, .. "-ave-lengths, The 3IemmrenU'nt of," 
892, 89;) 
Rubens, Peter Paul: work fal
ely attributed to, 
"nadiology," G:!2 
Rumford, Count: photometer, .. Photometry and 
Illumination," 423 
Runge: spark spectrum of radium, " Uadium," G27 ; 
magnetic resolution of spcetrum lines, .. Speetro- 
scopy, )Iodcrn," 783 
(Kayser and) formula for rel:ttive index of da.mp 
air, .. Slwt'troseopes and Refractometers," iïl); 
formula for relation of series of spectra, .. Spectro- 
scopy, .Modern," 784 
(Paschen and) concave grating mounting, " 'V ave. 
lengths, The :ì\Ieasurement of," 88-1 
(Precht and) sparl\: spectrum and flanlf' spectrum of 
radium, .. R.adium," ()27 
Rw;
ell, A,: table of angIe's for calculation of average 
candle-power, .. Photometry and Illumination," 
433; position of radio-element in periodic 
system, .. Radioactivity," 590; formula for 
spark-gap in X-ray tube, .. Radiolog
'," G06, 607 
Rutherford, Sir E.: theory of scintillation effect in 
impure zinc sulphide, " Luminous Compounds," 
198; analysis of radbtions from radioactive 
substances, "Radioactivity," 57{); value of 
elm for a l)article, ibid. 580; pffect on a particle of 
passage through mattpr, ibid. 580, 581 ; sppctrum 
of ß parti('I('s, ibid. 58
; theory of scatt('ring of 
ß rays, ibid. 583; emanation from thorium, 
ibid. j8û; active deposits frolll pmanation, ibid. 
587; Rndio([('til'e 8Ilbst([11(,(,!
 ami th{'ir Rndi(1tion.<
, 
iNdo 590; direct method of measuring radium 
content," Radium," 628, 629; wavp-Iength 
measurements from radium, "'V ave-lengths, The 

[easurement of," 893 
(Andrllde and) nature of 'Y rays, " Radioactivity," 
. 58-1, 585 
(Boltwood and) ratio of radium to uranium in 
mineral
, "Radium," 628; pro(luction of 
h('lium by radium. ibid. 632 
(Chadwick and) method of measuring radium con- 
t('nt, " Radium," 629, 6
0 
(Geiger and) electrical method of counting a 
particles, " RadioactiYity," 579; charge carried 
by a particle. ibid. 580; half-,'alue ppriod of 
transformation of radium, " Radium." 632, 633 
(Richardson and) nature of ì' rays, "Radio- 
actiYity," 584 
(Royds and) experinwnt to prove nature of a 
particle, " RadioactiYity," 5
0 
(Soddy and) disint('gration theory. "Disintegra- 
tion Theory," 53, " Radioactiyity," 574; separa- 
tion of Thorium X, "HadioactiYity," 57
; 
radium a disintegration product, "Radium," 
628 
Rydherg: constant of "Quantum Theory," 53;), 
537, .. f'pectroscopy, 
Jodf'rn," 784; formulae 
for relation of sprics of spectra, .. 
pectros('op
', 
l\lodern," 784, 785 
Sabinp, W. C.: prindpks of architprtural acoustics, 
" Soun(!." (i9:!, 693, 694 
Sabouraud-Xoir
: measurf'ment of intrnsity of ).- 
rays, " Ra(Uology," non, 610 
Sackllr: .. Quantum Theory," 5
;) 
Sackwit,z: modifi('d Sharp foot - candle meter, 
" Photonu:try and Illumination," 442 


Saillard: on :-\idersky-Pellet scale, " Saccharimetry," 
661 
St. Hilaire, 1\1.: method of determining poo.;ition of 
Sumner linr, "Na,igation and Sa\Ì.!!ational 
Instruments," 2-17 
St. Jans, n. yan: radiograph of picturp by, " R:ulio- 
logy," 623 
St. John: experiments in black body radiation 
.. Radiation" 542 ., 
::-land: cadmiun
 vapour h 1 mp, .. Polarinwtry," 488 
::;ayart: }lolari.;;cope, .. Polarised Li
ht and its Ap- 
pHration
," j03 
Schrel: values of relative index ß, .. 
pectroscopes 
an(l Refractometers:' ïi6 

cheele: .. Glass, Chemical Decomposition of," 107 ; 
tartaric add descriùed by, "Tartaric _-\.cid, 
Optkal Rotatory Powf'r of," 8-1-1 
Scheiner: optomet ric experiment, "Ophthalmic 
Optical _\.mmratus," 287 
Scherrer, P.: (])ehye and) powder method of X-ray 
analysis, "Crystallography," 2
, 23, "R.adio- 
logy," tì] 6 
Schlundt., H.: extraction of radium from carnotite, 
" R.adium," ß2ß 
::-khmi<lt: radioacth-ity of thorium, " Uadioacthity," 
572 

chmidt, Haensch &, 1\Ies:-:r
.: polarinwt.cr, .. Polari- 
metry," 483; high aC<'1.uacy }lolarimetpr, ibid. 
-18j; speetro-polarimeter, ibid. 487: micro- 
polarimekr, ibid. 487; observation tube, ibid. 
488, 489; saccharhnetf'r, "Saeeharimetry," 
G57, 6Gl, 663; cont.rol tube, ibid. (i(i
 
Schner beli: coeftkieut of total radia tiOll, .. Radia- 
tion," 5-1--1 
::-)choelltlies, A.: point !;yst.em, .. ('rystallography," 18 
::;chönrm'k: loss of light. ;11 half l,ippieh prbm, 
"Saccharimetry," {ij8; interfcrence band
 in 
quartz plate', ibid. ôô2; light, filters for sacchari- 
metrie observations, ibid. 6G3; tempemturp 
coetfkient. of specific rota tion of quartz, ibid. 66:3 ; 
temperat.ure coeffident. of sucrose, ibid. ô64 
(llrodhun and) det('rmination of axis prror of 
parall!'1 plate of quartz, .. Saccharimetry," ôô2 
(HerzfC'ld and) conversion factor determined by, 
.. Saccharimetry," 6ÔO, 661 
Schott: opti('al glass, ")ncroscopy with Ultra- 
violet Light," 239; for meniscus lensrs, 
.. Ophthalmic Optical Apparatus," 283; for 
triple objectives, "Tcle'scopc, The," 
51 : loss of 
light by a bsorptioll in rcfracting telescope 
glasses. ibid. 
;):
 
(Ahbe and) new glasses manufactured by, " Optical 
Glass," 315, 316. " Photographic Lenses," 40-1 
(Abbe, Zeiss, and) researches in glass-making, 
" Telescope, The," 850 
('Vinkelmann and): physical proprrties of glas;;, 
.. Glass," 95; density. ibid. 96; strf'ngth, ibid. 
96, 97; thermal endurance, ibid. 98 
Rchrott, P.: paper on shutter-te
t.ing, .. Rhuttpfs, 
Testing of Phot.ographic," 670 
Schuler: method of damping gyro eompass, .. Navi- 
gation and Na,-igational Jnstrnmrnts," 25:í, 2:16 
Schulz: errors duf' to dliptir polarisation in Lanrpnt 
polarimetf'r, .. Polarimetry," 478; polarising 
prism, .. Polarised Light and Its Application," 
498 
(Gleirhen and) curve of mf'an ('fror with half- 
shadow angle, " Polarimctry," 4í9 
Schumann: photographic plates, .. 3Iicroscopy with 
rltra-violf-'t Ught." 242; sppct.roscopic examina- 
tion of light wavrs, "Radiology," 593; preJmra- 
tion of sp('ctro::;copic plates, .. Spectroscopy, 
Modprn," 779; detf'rmination of short light. 
waves, .. "-ave-lengths, The )Ieasurrmrllt of," 

90. S!H, 
9:J 
::;chustcr, Sir A. : atmm;pherir transmission of sunlight, 
" Scattering of Ught hy Gases," 6ti6; rplations 
of series of spectra, "Sprctroscopy, l\Ioll('rll." 
7R-I- 

ch\\"arz: measnrpmpnt of intensity of X-rays, 
" Radiology:' {j09, (ill) 
Schwarzschild: rPlation for sect,or oJ){'nings and light 
intensities in spcctrophotomcter, "Sp('ctro- 
photomd.ry," 75:
 
(Ruhens awl) nW:1.snr('n1ent of solar radiation hy 
quart.z lens metho(l, "'Vavc-I('ngths, TIlt' 1Je;tsllr('- 
mcnt oi," 8!};) 
SchwriggN: pcrimekr," Ophthalmic Optical App:lr 
atus," 282 



IXDEX 


911 


Scoresby: c1ispute with Airy on compass corrections 
and ship's permanent ma
netism, .. X
.nigation 
and Sa'Ï!!ational Instruments," 
50 
beebeck: optical acthity of or
anic substances, 
U Optical Rob-tion and the Polarimeter." :3-18 
beic.lel, von : five aberrations, .. Lens :Systems, _\ ber- 
rations of," IGO, .. Lensf':';, Theory of 
imple," 
1 71, U Telescope, The," 8.H:: trigonometrical 
process of tradng skew rays, .. Optical Calcula- 
tions," 
8n; Fraunhoier condition, .. Telescope, 
The," 847 
ðemllinger: fluw temperature of glass manufactured 
by, .. Optical Glass," 3
5 
Shahespeare: method of determining radiant con- 
shmt CT, .. Radiation," 5j:!; result, ibid. 554 
Sharp: foot-candle meter, .. Photometr
- and Illumi- 
nation," H2 
Oliller and) illumination photometer, .. Photo- 
metry and Illumination," -140, HI 
Shaw, P. E.: micrometer test of minimum audible 
amplitude, U :;ound," í
!) 
Sheraton: X-rays and old furniture, .. Radiology," 
li2
 
Sidersky: (Pellet and) normal weight of sucrose 
solution, .. Saccharimetry," ()(H 
:Sidot: hexagonal 7inc blende, .. Luminous Com- 
pounds," 1 ÇI-1 
::;iedentopf, H.: illuminating 
1-stems used by, 
Ulltramicroscope, Thp," 
78 
(Zsigmonc.ly and) ultramicroscope ill' ented by, 
.. Cltramicroscope, The," 8ïG, 8ïï 
Siegbahn: metal X-ray bulbs, .. Radiology," 600; 
lattice-constant of cakitf', ibid. ßO
: values of 
wave-lengths of X-ray sppctra, ibid. 1.>03, 60-1 
(Friman and) values of wa\e-Iengths of X-ray 
spectra .. H:tdiolo(1'Y " 6lH 
(
ten"trG;ll aIl
l) Yal
ìe
 of waYe-lengths of X-ray 
spectra, .. Radiology," 603 
Silberstein, L: Report on the Q'uantllm Theory of 
Spectra, .. Quantum Tht>ory," 537 
Hmmance: (Abady and) flicker photometer, .. Photo- 
metrr and Illumination," 45;; 
Simm:;, W.: diyiding engine, .. Dhided Circles," 55; 
remarks on 3Ierz's method of testing his object 
gla",es, .. Telescope, The," 846 
Simon, H. Th.: t.ablp oi rf'fractive indices, .. Optical 
Glass," 3
4, 3
5 
::;keel: perimeter, .. Ophthalmic Optical ApparatU5," 
..,s.") ')f\o) 
Skhi;I
17l' :- t;,.o cent.s interval, U :,ound," 68-1 

hogh"IllI: ()Iiddlekautf and) comparison of methods 
of colour photometQ", .. Photometry and Il- 
lumination," -158 
()liddlekauff, 
Iulligan, and) experiments on electric 
lamp liie tests, .. Photometrr and Illumination," 
452, 453 
f\mart, 
ir G.: pit<'h of philharmonic fork, .. 
ound," 
G85 
Smiles: optical rotation in organic compounds, 
.. Optical Rotation and the Polarimeter:' 349 
Smith, _\rchiba]d: mathematical examination of com- 
pas,;; de,-iations, .. Sa' iga
ion and Xayigational 
Instruments," 250 
(E,'ans and) Admiralty Jlalllwi of the Dedations of 
the Compas.<:, .. XaYigation and Sayigational 
Instruments:' 
50 . 
Smith, P.: perimeter, .. Ophthalmic Optical Appar- 
ahl' .. '")8'") '")83 
f\mith, il'ob;rt': ;tereoseopic range-finder, mentioned 
in Compleat S!/stem of Optiks by, .. Range-finder, 
1'.)hort-base," 635, 63G 

mith, T.: .. Goniometrr," 117 
(Campbell and) tuning-fork methorl of tpsting 
:,hutter speeds, .. Shutters, Testing of Photo- 
graphic:' 671, 6ï2, G73 
f;moluchowski, 31.: scattering of li{!ht by dust- 
freE:' air, .. icattering of Light by Gasps," Gt17 : 
calculations of Brownian mcwement by, U rltra- 
microscope, The," 8ï9 
f\nellen: ('hart," Eye, The," 73 

oddr, F.: po::;.ition of radio-dement in periodic 
sy
tem, .. Raòioacth ity," ;)00: 'Y-ray met hod of 
f'stimating radium content of low grade prepara- 
tion, .. Radium," 030: electroscope method of 
estimation, ibid. 630, G:31 
(Rn msay and) production of helium hy radium, 
to Radium," G3
 
(R.utherfofll and) di
integration tllPOTY, c. ni5- 
mtegration Theory," j3, .. R.tdioaeth-ity," 5;-1 ; 


sepnration of Thorium X, .. Radioactiyity," 573 ; 
raclium a di:-int-e
ration product, .. Radium," G:!8 

ohncke. L.: point systems, .. ('rr
tallography," 18- 

oldl: biq uartz of, .. Polarimetry," -175, 4;6; maxi- 
mum sensith ity of, ibid. 481; quartz compen- 
sator system of measuring strength of su!!ar 
solutions, .. :"\accharimetry," G56; saccharimeter 
:.;calp, ibid. tj59 

ommerfeld. A.: quantum theory of spectra, 
.. Quantum Theory," 535, 53G; ..!tombau llnd 
SpektmlliniPll, ibid. 537, 5G-1 
Bohr-Sommerfeld theory of atomic structure, 
.. f'rysbllography," 2j 
(Klein and) theory of gyro com})ass, .. Sa, igation 
and XaYigational Instrument:;:' 2'>7 
Sorge: (Lununer and) surface refracth-e index and 
elliptical polarisation, .. Polarised Light and its 
Applications," 50
 
Sosman: (Day and) melting-point of palladium, 
.. Radiation," 5Gl, ;)G
 
Sparrow: .. Diffraction Gratings, Theory," 41; 
imperfect gratings, ibid. 52 

pencer: fluorite microscope ohjectin'"" co :\JicTO- 
scopy with Cltra.-violet Light," 
3!) 
:;pem-: !!yro compasses, .. Sa' igation and SaYiga- 
tional In-;truments," 255; m'\in features 01, 
ibid. 256, 257 ; theory of, ibid. 2;)ï, 2'>8, :2j9, 260 

pitta,: Jl icro.<>coPll, .. Polarised Light and its 
Applications," 50-1 
:'\pottiswoode: X-ra)- induction coils, .. Radiology," 
601 
Stanek: determination of 100 0 point of Herzfeld- 
::;chönrock scale, .. 
accharimetry," 661 n. 1 
Stanley, Bellingham &. )Iessrs.: single polarimeter, 
.. Polarimetry:' 483, -18-1; high aeeuracy polari- 
meter, ibid. 4
;;: spectro-polarimeter, 
'bid. -1ð7 : 
obsPT\-ation, tuhe, ibid. 488; :)3ccharimeter, 
.. :Saccharimetry," 657, 6Gl 
:Stansfield: (Walmsley and) defective gratings, 
.. Diffraction Gratings, Theory," :>2 
::;tark: effect, resolution of spectrum line:" in :.trong 
elf'ctric fields, .. Quantum Theory," 53G, .. :Spec- 
troscopy. 3lodern," 783, ;8-1, .. Stark Etfect," 801 
::;tarling : (Thompson and) wedge photometer, 
.. Photometry and Illumination," .f.
-1 
:stefan: coetlident of total radiation, to Radiation," 
5-1-1, .. Radiation Theory," 572 
-Boltzmann law of r.diation, .. Radiation," 5-11, 
563, .. Radiation Theory," 5G8, 5lW, ;);2 
::;teineck, .R. von: gra\ity values in the Tyro), 
to :;uneying and Surveying In::,truments," 826 
::;teinheil: coincidence range-finder, U Range-finder, 
Short-hase." G3-1; silvered telescope mirror:-o, 
.. :-;ilwrerl )[irrors and 
ilwring," G;5: amount 
of reflection from "ilYer deposit, ibid. Gï7; radii 
for Fraunhofer's Königsberg objective, .. Tele- 
scope, The," 8-17; eyepiece recommended by, 
ibid. 8-1-8 
(Yoit and) Applied Optics, co :\Iicroscope. Optics of 
the," 
06, to Optical Calculations," 
89; repre- 
sentatÍ\e cun-es for Lick and Yerkes objecthes, 
.. Telescope, The," 84; 
::;teinmetz : Radiation, Ligllt and Illumination, 
.. Photometry and Illumination," 443, 444 
:-.tenström (
iegbahn and) values of waye-lengths of 
X-ray 
pectra, .. Radiolog
-." G03 

tephan: formula for variation of optical rotation 
"ith wRw-length, .. Polarised Light and its 
.\pplications," ;)09 
:"\teYens: photometer, .. Ophthalmic Optical Ap. 
paratus:' 281; perimeter, ibid. 2S:?; clinoscope, 
ibid. 2S
 

tokes, Sir n. G.: re
earches on new glasses, .. Optiral 
Glas:"," 315, 316: dynamical theory of <liffrac. 
tion, 
. Polarised Light and it:; Applications:' 40
 
Stolze: polarising prism, .. Polarised Ught and it
 
_\pplicationo;:,," -198 
:--toney, .J.: resoh-ing power of micro
cope. .. )[icro- 
scopy with rltra-\iolet Light:' 238: the name 
to electron ,. giwn to unit of electricity hy, 
.. Ra(lio]o!lY." jÇl-1 
;:;trutt. R. J. (.lth Lord Rayld5!h): radium clock, 
.. RatiioartÏyity:' 
81: scattering of light by 
dust-free air. to 
('ath'ring of I ight by (
a<:;es," 
GG7; resonanef' effects studif'd hy, ibid. Olin 
:'\tru'-e, F. Go "-.: ha=-c mea:o:urf'm('nt apparatus, 
.. Sunoe,-jng and 
lIn'e,'in!! In
trumenb:::' 8
8 

turm: (t 'òna"don and) e'
periments on speed of 
sound in wat.er, .. 
ouml," 688, G91 



912 


[
DEX 


Sumner, Capt.ain: line of l;
sition, "X:n igation and 
Xavigational Instrum...nts," 2-17: sources of 
error in fixmg, ibid. 2H, 2-18; fixing position on, 
ibid. 248, 
4
 
Bumpner, W. P.: whit.cnf'd :;;phere metholl of deter- 
mining average candle-power, .. Photometry and 
Illumination," 435; whitened cuhe method, 
ibid. 437 

utton: stop arran!.!:ements, " Photo!.!:raphic Lenses," 
399; s.f mmetrirallens. ibid. 407 
:;waine, W.: (Emsley and) The Theory of J.Uodcrll 
Optical Instruments (Gleichen) translated by, 
.. Telescopes of German De
i!.!:n," 867 
Szilard: iontoquantimeter, .. Radiology," 609 
Tainter, C.: (H. Bell, C. "Bell, and) early phonograph, 
.. Phonograph and Gramoph01U', The," 375 
Takatsu, K.: (Tanaka and) humidity correction for 
Pentane lamp, " }>llOtometry and Illumination," 
413 
Talbot: law of, .. Eye, The," G9 
Talcott: mC'thod for determining latitude, " :-;uryey- 
ing and 
urveying Instruments," 819 
Tanaka, )1.: (Takat:m and) humidity correction for 
Pentane lamp, " Photometrr and lllumination," 
413 
Tanner, H. L.: gyro compass, "
avigation and 
Xa,-igational Instruments," 
56 
Tavf'rnier: coincidence range-finder, " Range- 
finder, Short-båse," 634 
Taylor, Dennis: cylindrical constriction of light near 
a focus, .. )Iicros('Ope, Opti(.s of the," 


: Cooke 
lens designed by, .. Photographic Lt'nsC's," 4-07 : 
Cooke range-tinder, " Range-tinder, Short-base," 
640,6-11,6-15,653: optical squares, ibid. 645,653; 
patents, ibid. 6;;:3, 654; triple objectives of, 
.. Teleseope, The," 846, 847, 84-8, 8;;0, 8;;1; 
prismatic binocular arrangements, .. Tele:,;copes, 
:;mall," 864; anastigmatic' teleSf'OIIP, ibid. 865 
Taylor, H. 0.: coeffieient
 of absorption of sound, 
" Sound," 69-1 
Taylor: (Rosa and) bihliography of integrating 
photometer, .. Photometry and Illumination;' 
-13ï 
Ta)lor, 'V., Taylor &- Hobson, )Iessrs.: Telephoto 
lens, .. J>hotographic Lenses," 407; Cooke lens, 
ibid. 407 
Tetrazzini, Mme.: phonodC'ik record of voiee, 
.. :O;ound," 730. 732 
Tetrode: attempt to calculate condensation point of a 
gas;" Quantum Theory," 5:35 
(Kee8om and) aeoustic vibrations of a gas quan- 
tised, .. Quantum Theory," 535 
Thiesen: 8peed of sound in dry air free from CO 2 , 
.. Sound," 691 
Thompson, G. P.: translation of Lummer's Photo- 
!lrap}li
 Optics, .. Photographic Lenses," 406 
Thompson, :;. P.: polaTising prisms described by, 
.. Polarisr(l Light and it
 Applications," 4D7 
(Starling and) wedge photometer, .. Photometry 
and Illumination," 424 
Thomson: ametrometer, .. OphthahnÍf' Optical Ap- 
paratus," 286 
Thomson, Sir J. .J. : ð rays aCf'ompanyin
 a particlrs, 
.. Radioacth itr," 580; theory of scattrring oì 
ß rays, ibid. 583: naturt' of cathode rars, .. Radio- 
logy," 594-; po"itiw rars, ibid.. 5%: absorp- 
tion coeffi('ients of constitupnts of complex beam 
of rays, ibid. GO:>; wave-If'ngths and ahsorption 
cOf'ftif'if'nts in aluminium, ibid. 605: polarisation 
of smttcred li!rht, .. :
kattrring of Light by Gases," 
669 
(Aston and) work on posithTe rays, "Raf!iology," 
5H5 
Thorington: prisms, .. Ophthalmk Optical Appar- 
atus," 281 
Thrplfall: (Adair and) exprrimf'nts on speeds of 
sound-waves from {'xplosions nnller water, 
.. :O;ound," 688, 691 
Tillotson: density of glass, .. mass," 96 
Tiranty: changing box, .. Photographic Apparatus," 
387 
To('h, M.: X-rays and old pictures, .. Ua(liology," 622 
Todd: method of d<'ÌC'rminin!.!: eoefficiC'nt of mclia- 
tion u, .. Radiation," fi5
, 5;):3 ; fC'sult., ibid. 554 
Toeplf'r: (Boltzmann and) rxpC'rimf'nt on minimum 
amplit.ude' awlihle, .. Sound," 7
9 
Tollens: fo
mulae for sugar constants, .. 
acchari- 
metry," G60 


Tomlinson: perimeter," Ophthalmic Optieal Ap- 
paratus," 
8
 
Trotter, A. P.: Illumination, it.ç Di-:triùution and 
J/f'((çurement, .. Photometrr allli Illumination," 
42:3, -1 t3; wedge photometers, ibid. -1
-1: perforated 
cUsc photometer, ibid. 424, 42:3: photol1wter 
scrCf'n
, ibid. 43!); modified Pree('e photometer, 
ibid. 4:39: illumination photomrtf-'r. ibid. 4:m, 
4-10 : contonr map of equal illumination, 
ilJid. 4H; "characteri
ti(' cnrye," ibid. ..J...J.;-) 
(BntterfieM, Hahlane, and) consta.nts for cantUe- 
power of Pentane lamp, .. Photometry and 
TIlumination," 413 
(Waldram and) photometf'r daylight vttachment, 
.. Photometry and Ilhnnination," 449 
Troughton, E.: method ior dividin!.!:, .. DiyidC'd 
l'irele
," 5!; divhling machine, ibid. !)5 
rroughton & Simm8, :\Iessrs.: Cape Transit Circle 
manufactured b
T, .. Telescope, The," 8:>;;; 
micromewr transit theo(lolite by, .. Theodolite, 
The." 868 
Trowbridge, A.': vacuum spectrometrr, .. Infra-rC'd 
Transmis-;ion awl Hefra('tion Data," 13ï; 
reìra(,tive iJllIÍ<'es of s
-h-ite, ibid. 141, 142 
(Rubens al1(l) refractive index and \Va ,'e-Iength 
measurements in the infra-red, .. Infra-rf'11 
Tran::;mis
ion and Refraction Dab,," 141, .. W.aye- 
lengths, the )Ieasurement of." 8Ç)1 
(Wood and) groove form, .. Diffraction Gra.ting
, 
Theorv " .17 
Tscherning; Optiql/(, Pltll.c;iologÍf/1(f>, H Eye, The," fiO 
n. ; contrast colours, iùid. 6H; ta blps of curve:,; 
for aSI)herkal lenses, .. Ophthalmic Optical 
Apparatus," 
85 
Tuekf'r, Lieut.: mkrophone," Sound Ra.ngin!!," 736 
Tuomikoski: absorption of ì' rays from radium in 
lead, .. .Badioaetiyity," 584 
Turner: rlensity of glass, .. Glass," 96 
(English amI) coefficient of expansion, .. Glass:' 9ï 
Turrière : defeets in homogeneity and optkal 
calculations, .. Telesl'ope, The," 850 
Tutton, A. E. H.: relative measurement of space- 
lattice cells, .. Crystallography," 19, 24, 2;;; 
law of constancy of crystaJ angles, ibid. 20; 
X-ray analy
is of alkali sulpha.tes, ibid. 23, 2-!; 
spedroscopÏr' monochromatic illumina.t.or, ibid. 
28; cutting and grinding goniometer, ibid. 28; 
interferem'e (lilatometer, i.bid. 29; elasmometer, 
ihid. 29: torsometcr, ibid. 29; interference 
comparator, ibid. 2!'; Crystallograph!l (nul 
Practicrll Cry.<;tal 
Ueasllrement, ibid. 29, .. Pobr- 
isC'd Light awl its Applications," -19j 
Twyman, F.: interference method of testing pri
ms, 
lenses, etc., .. Interferometers: Technical _-\.p- 
plications," 147, 14R; met.hod of compensa.ting 
for rotation of quartz plate, .. 
ac('ha.rimetrr," 
661 
Tyn(lall, J.: f'xl)rriment on direction of vihrations of 
polarisc(} light, .. I>olarised Light and its Ap- 
plications" -l3:!: method of prorluf'ing effC'C'Í of 
blue sky, .. 
',..attering of 1.ight by Ga.ses:' 666 : 
s('attering of light by du:-.t-free air, ibid. 667; 
transit of sound from a clìstant sourf'e, " Sound," 
69;;; partial opacity of atmosphere to sound, 
ibid. 6D5, 696; effect of fog on passage of s011nel. 
ihid. 6D6: vowel ft:Hlle, ibid. 7
6: sf'at.trr- 
ing of light by metal particles, .. "G1t.ramicro- 
scope, The," 876 


Ulbrkht : globe photomrter, .. Photometry and 
Illumination," 428, 420, 435, 436. 437 
Flrkh: (Haitigner, Lmling, and) f'xtraf'tion of 
radium from pitchblen(le, " Radium," 626 
l'"ppenborn: Lchrburh cia Photnrnrtrie, .. Photometry 
and Illumination," 443, 444, 447 
Yalf'nt.inpr: holomet.rk me(1surrmcnts of eOf'ffif'if'nt 
of total radiation, .. Ralliation," 544. 5-15, 550 ; 
result, ibid. 554 
(Holborn 2nd) :,;pectrophotonwtric mea"urements 
of con!';t
lIlt C 2 , .. Radiation," :>61 
Vautif'r, G.: thrf'e-mirror Rystf'Bl, "I,i
ht, Inter- 
ference of," 183 _ 
(Yiollf' and) speed of sound through :lir in pipe's, 
., Sound," 680, mil 
Vf'nt.z.kf': polarimt'tf'f, .. PolarimC't.ry," -I7.!: stan(l- 
anI su!.!:ar solution, .. ""af'('harimptr
.." 6;)\) 
VeniN: light diffraloted by It drf'ular aperture, 
.. Ugl1t. Diffm(.tion of," 173: Leço1U
 d'optique 



IXDEX 


913 


phasique, h J.i
l1t, Diffraction of." 173, .. Polarbed 
J.ight and its _-\.pplkatio'ls," .311 
Vernier. P.: n'rnier, -. Divided (,irde:'lo," ;)8 
Vernon Harcourt, A. G. : re:-;earehes on new glas
cs, 
.. Opticallihss," 31:>, 316 
Yernon Harcourt. "
iJliam: Pentane lamp, .. Photo- 
Bwtry amI Illumination," .H2, -H3; photometer. 
ihid. 4
;
, -1
-1 
VÍC'ronlt: double-.;;lit spectrometer, .. Spectrophoto- 
metry," 744 
Villard: dosemetpr ;;;\'ale, .. Radiology," ßlO 
Yilla,vecchia : (X,1..ini and) formulae for 6ugar 
constclnt:;, " Saccharimctry," ü6U 
\"'101: (Kammer and) cxam!nation of comparative 
lumine
ccn('e, .. Luminou,;; Compound:;," 194 
Yiola: elements of 
ymmetQ', .. Crystallography," 
17 
Yiollp : platinum sklnda.r,l, "Photometry and 
Illumination," 41-1; table of relative '\":\lue.., 
ibid. H6 
(Yautier and) spce(l of sound throu&!h air in pipes, 
.. Sound," tkm. 691 
Vogel, H. C.: Illf-'thod of in\"e
tÍ!!a tiIHr chrOluatÍl' 
aberration;;;, .. Optic,ll Parts, The Working of," 
329, "Telesl'olw, The," 8,j0: loss of light by 
a b'iorption, o. Telescope, The." 8:;3 
V oit: (;Stcinheil and) Applied Opti('!';, ":\Iicroscope, 
Optics of the," 206, .. Optical Calculations:' 

89; represent:1tive curn's for Lick and Yerke
 
objecth"es, .. Telescope, The," 847 
Volke: - investigation of propertie'i of Lummer 
polariser, .. Polarimetry," 481 
\Vaetzmann, E.: refractometer, .. Li
ht, Interference 
of," 1 no 
Waillner, C. \V. : (Burge
s and) bl:.wk body sta,ndard, 
.. Photometry and Illumin ltion," 415: uniform 
heatinf! of ra(liator by phtinum strips, .. Radia- 
tion," 5-!
 
\Yaldram: (Trotter and) photompter daylight 
attachment, .. Photometry and Illumination," 
4-i9 
Wale::.: compas<; variation olHerwd by, .. Xayigation 
and Xa\Ígational Instrument;;," 2:)0 
'Yalker: rotation of normal sUI'rOSt
 solution. .. :0...1('- 
charimetry," Ül)O; determination of axis error 
of quartz platc
, ibitf. 6l)
 
\Yalker, E. E.: (-\.rm-;trong and) charaetcristie dia- 
gram of, .. Tartaric Ad(I, OptÏeal Rotatory Po\vcr 
oC' 837 
Wahnsle)" : (St:m
fiel<l antI) defedivc grating
, 
.. Diffmction Grating:i, Theory," ;)
 
'Vò.tl
h. .J. W. T.: theon' of scintillation effect. oi 
impure zine sUlphide: .. Luminou:o\ ('ompoUlHI:i," 
198. 10!): experiments on daylight illumination, 
.. Photometry and Illumination," H8 
(Paterson anll) .. Height-fin.ler, The Patersoll- 
Walsh Electrical," 1:!8 
(Paterson, Higgins, anti) I.,,;s of hrilli.lncy of 
radium compound, .. Luminous Compounds," 
19ï, 198 
Walter: penetrometer," Ra.Iiology," tlO
 
Warburg: spectral f"Hliation con"-t:tnt. ;0 Infra-rell 
Transmis;;ionand Refr.lction D.lt"\," 139," Radia- 
tion," :3;)\), ;)()
, ;)lH; spectral radiation wrmub, 
.. Radiation," :3:3ü 
\Yat..;on. )[e"sN.: camend, .. Photographic Appar- 
atu'i," 380, :381 
.Watson. F. R.: methods of acoustic improvement in 
faulty bnillJings, .0 
ound:' (H):3, t%H 
\,ath, :\Iè"sr". E. R.: spectrometer, .. 
pectroscopes 
and Rpfr.\ctometpr.;;," 7ß:3, 76-1: micrometer 
tran..,it thpoJolite, " Theodo1itf'. The:' 868 
Watt.;;, n.: dividing engine, .. Di\"iJed l'irdes," 55, 
:Jli, 
 7 
'Vebf'r: tp..,t for stability of glass, .. Glass. Cht'miral 
Decomposition of." lOï; .. roof" photolllpter, 
.. Phutometry and Illumination:' 4
;) : illumina- 
tion photometpr. ibiJI. 4-10: yi-;ual acuity method 
of comparin,g different colour,.;, ihi 1. 4.)
 
Wecker, De: carnpiu1f'ter," Ophthalmic Optical.\p- 
p
r'ttu 
 .. .)
.) ')R3 
Wehn
lt: ..,'int;

{ll;t
r. .. R:uUolo!!y," GO I, 610: 
hardness-number
 of penetrometers, ibid. ÜO
 
\,eichnun: temperature errON in ({uartz control 
lllate.;;, .. ::;J,cchò.uimf'try," 6ü
; Sllflar Analy.<;is, 
ifÞid. üû4 
W f'iJert, F.: (Bt'flHlt amI) tahle of melting tempera- 
ture,.; of glaS:ol, ., Optie:lI Ul;.lS5," :3
5 


VOL. IV 


Wei".., )L: descriptiu;} of apparatus for plotting 
from photo!!raph'i, .. Sun'eying and Surveying 
Instruments," ðU
 
\,ei-;smann, J.: gmde(l filter", .. Light Filters" 
lï8 
\Yenham: paraboloid condf'IJser, .. rltramÏcroscope. 
Thp," 8i8 
Werner: optic:111
' active chromium and cobalt com- 
p01.lIld,,-, .. Optical Rotation and the Polarimeter," 
:3-1 !) 
"estlè1 ke: bulb-m'l king machinf', .. (;.Ia;;:.s," 
2 
Westphal: method of determinin!! ('oefficient of 
falliation u, .. Uarliation," 55
, .35;
; result, ibid. 
5;)! 
\Vhitman: flicker photolUrter, .. Photometry and 
Illumination," 4.3-1 
Whittemore: (Lund awl) ratio of radium to uranium 
in mineral.., .. Radium," G:!8 
Whitwell: t.ables of curws ior a
pherical lenses, 
.. OphthalmÍl' Optieal \pparatus." 285 
Whitworth. :o.ir .J.: nlPthorl of makin2 flat polish- 
ing tools, .. Optical Parts, The \Yorking of," 
3-11 
\,iedemann, G.: laW' of natural and magnctic 
rot.ation.., .. )Ia!!netic Rotatory Power," 201 
Wien, 31.: displacement law, .. Quantum Theory," 532: 
equation for constant of spectral radiation, 
.. Radiation," 5.36, ;);)8. 560: displacement- laW' 
of, ibid. 556, .. Radiation Theory," 5tì8, 569, 
570; radiation formula, .. Radiation Theory," 
5ï1. .')7
; canal rays in discharge tube, .. Radio- 
acth ity," jï6: po
itivf' chargp of ,. Kanal- 
strahlpn," .. Radiology," .39.') 
(Lummrr and) black body inwntell by, "Radia- 
tion," 5-12; correction ior radiator opening, 
ibid. 5-16 
Wild: tIicker photonlPter, "Photometry and Il- 
lumination," 4:35: polarisation spectrophoto- 
metf'r, .. 
pectrophotometry," ï-tj; prf'CÌse 
levelling instrument, .. ';;;urveying and Surwying 
Instruments," 8
3 
',ihle: polarinlf'ter," Polarimetry," 480 
\Yiley : polarimrter observation tube, "Polari- 
nwtry," -189 
"-ilIlehny: polarinwt.cr analy
ig of a solution, 
.. Optieal Rotation ami the Polarimeter," 349, 
.. Polarimet.rv." -t89 
Willan: (Rottenbuf!z and) hei
ht-fillller, .. Range- 
finder, Short-hasp," 6H, U-!.3, (tH 
'YiJJiam:ol: mOHnt for I{uartz ('ontrol plate, .. 
ac- 
t"harimetr
"," 6ü
 
Wilson, C. T. R.: yi..ihle track,; of a particles, 
.. Ra(lioaetiyity:' ,jï
 
Wilson, W. : absorj)tion oi ß ray:o\ by matter, .. Uadio- 
acth'ity," J8
 
(Kovarik and) scatteft:'d radiation and nloeity of 
ß ra
":o\, .. Radioa,cth'ity," ;)t(:
 
Wibon, W. E.: coeftident of total radiation, "RadÏë\- 
tion," '")H 
WInkelmann, A.: spedfie heat of gla:;s, .. Glass," 9ï ; 
bi-prism, " Light, Intrrference of," 18-1 
(:--chott and" phY:'Ioical properties of gla;:s, " Glas
," 
95; density, llJÍd. 96; strength, ibid. 96, 97: 
thermal endurance, ibid. 98 
\Yinter: parabolic formula for optical rotation of 
tartaric add. .. Tartaric Acid. Optical Hotatory 
Power ot" 8:3Ç) 
\Yolfenden: tablf' of tension of piano-strinf!s, .. Piano- 
fort.e, The," -1ü5 
.,w 011<1:'1oton: tables of cun e
 for a!;pherkal 1rn
es, 
" Ophthalmic Optka.1 Apparahls," 28.3: earlip:'lot 
lenses, .. Photographk Lenses." -10(}: polari;;;ing 
prism. .. Pnlarised Light and itg A pp]ieations:' 
-198, 499; 
pnsitivity (If rdr:\f'tiw illllex mea:'loure- 
nlPnt
, .. 
pectro
('opes a III I nf'ff<H'tomett'r
," 
ï:3
, ï;)!), 7UO, 77"2: donhlet nugnifying leng, 
.. Telt':,;eope, The," 8-12, 8-1 
: dark line;;; in solar 
spectrum obsen'eel by, .. "-a.ve-Iengths, The 
\[easurenwnt of," RS:! 
Wood, A.: Physical BIl-',is of J[w
ic, .. Sound," 
68:> 
Wood, R. W.: .. Diffraction Gratin!!'!. Theory:' 
-11 : echelettf', ìhirl. jO: solution for isolatill!! the 
ultra-, iolet spectrum, .. )[ir'roscopy with l'"ltra- 
violet Li!!ht:' 2H: nlPthod of di"tim:mi"hing 
direetions of fa:'lot and slow tmnsmh;"ions of 
circularly p()lari
rd light, "P()lari
('(1 Light anll 
it
 A pplÍl'ation
:' jOn, ;)01; rxplanation of 
optkal rotation, ibid. 310; resonance phenomena 


3N 



914 


in mercury anll sodium vapour, .. :O;l'atterill!! 
of Light by Gasps," ü6U; sih'ercd retlpetors awl 
(Oelcstial l)hotography, .. 
ilvered )lirrors and 
:-;ilwring," lii8 
(PJotnikotf and) bromine gas light filter, .. Light 
Filters." 1 iti n. ] 
(Rubens aud) improved mrth(hl of isobtiug \ï'rv 
long waxes. .. \Yave-Iengths, THe )lcasurelUcn't 
of," 8\)2, 8U;) 
(Trowbridge and) groove form, .. Diffml'tion 
Uratings, Theory," -17 
\Vomlward, R. :-).; base measurPlllent aPI)aratus, 
.. :'\UfH'yillg and Surveying Instruments," 82ù, 
tt3U 
\YoolI1011ge: Cycle of Xiueteen, .. ;;ound," 681, 68
, 
68:3, ü8-1 
\y orn11lll: action for upright phnos, .. Phnoforte, 
The," 468, 4G
I, -170 
Wright, F. E.; application of Xakamura polariser, 
.. Polarimet.ry," 481, 482; Jlethods of n'tro- 
graphic Jlicro,
"opic Respar('h, .. Polarised T..ight 
and its Applications," 504-, 50G n.; loss of 
light in half Lippkh pri
m, .. :-)accharimetry," 
{ij8 
WuIf: (Xernst. and) formula for spectral radiation 
constant, .. Radiation," 555 
Wybauw; .. conu)f'nsation" photometer mpthml of 
comparing different colours, .. Photometry and 
Illumination," 458 


Young. 
\. E. : theory of tanes in C'atenary, .. 
urvey- 
ing and 
l1rveving Tnstrun1Pcts." 836 
Young, T.: theory' of colour vi,ion. .. Eye, The." 65 : 
exneriment of. .. I..ight. Intprference 
f.:' 182, 
] R
, 185: interferenC'e in thin films, 1hl f. 18ß, 
IR8' explanation of Newton's rings, .. Newton's 
RhH!S," 27
: optometer, "Onht.halmif' Optical 

\ nnarat.n
:' 287; lom!it.ndina I yibra tion t.hc>on' 
of light, " Polariserll...i{!ht and it
 Applications." 
490: theory of polari!'\ation. ibid. 4f)0, 491; 
r1etprmination of wave -lengths COffc>spon r 1Ïng 
to thf' different colours, ""
ave-lengt.hs, The 
)fNlsnr('mf'nt of:' 8R2 
Young-Fresnel law, " Kinematograph," 158 


IXDEX 


Young - Helmholtz theory ot triehrom:ttk vi 
.. .Eye, The," 6;) n. 
Yvon: diabetometer, .. Pol:1riruetry," 48i 
Zeeman: effect, magnetic resolution of 8J1('(' 
lines into com])onent
, .. "
uàntum The( 
536, .. :-)pedroseopy, .:\IoJern," 783, .. Z('( 
Elfect," 896 
Zehnder, L. : refractometer .. Li g ht IntcrferpuC' { 
1 gO " 
Zeis::;, C.: microseope eyepipce "Eyepieces" 
total magnitication 8ystem f
llow
<1 b,' .. \f 
scope,. O}ltil'S of th
:.' 2U-J.; methods of incre: 
l',ei:;olnng.. power, 
blfl. 2U;); coind(lence n 
tinders, Range-hudn, 
hort-base" 6-J.l 
6-10, ü;)0; s
e
eoseo])ie, ibid. {i-l2, 652, 6:-1:3: 

U
)}nàrme,. 1
1d. 
-l3; :-;eparating prism sys 
liHII. 616, ü-1 t, 6.)3; gra tieulrs iUri un 
list of patents, ibid. (
;;3, 6j-1; n:lyal gun-si
l 
teleseope:-;, .. Telescopes of Oerman D
sj 
866, 867 
(A
?
, 
chot.t.. an
l) 
('seaf('hes in glass-ma' 
1 elescope, The, F.)O 
Zeis
. )[essrs.: periseope lens B)'stem, "Periseol 
36ß. 367; Protar l('nsps, " Photogfaphk I,en 
-10ß: Tess'tr lens. ibid. -107; Planar lens, 
..J.08: methoJ of viewing spirit-lewl hl1 
"
pirit-Ieyel,;;." 800; apparatus for plo 
from photO!!ral)hs, .. 
nrYe
-ing ancI Surn 
Instruments," 808: precise lcvelling instrun 
ibid. 8

: slit ultmmif'roseope, .. t;"ltramkrosl 
Thp," 8i7 
Zeng, De: optometer, "Ophthalmic Optical 
paratus." 
87 
7;enker: polarising pri!'\m,;;, " l)olariscd J ight an 
Application!'\," ..J.97 
Zies: (Allt'n and) gas from glass, " Glass," 88 
Zschimmer: test for stabilit.y of glass, .. ( 
Chemical Decomposition of," ] 07 
Zsigmomb r , R.: ahsol'ption of light by C'oIo 
glasse::;, "Glasses, Colol1red," 11 U; imTI1e 
ultramicroscope, " Fltramkrosf'ope, Tlw," f 
(8-iedentopî and) l1ltrami(oros(,ol'e invented 
.. Ultramicroscope, The," 876, 877 


E:ND OF VOL. IV 


Printed in Great Britain by R. & R. Cl.ARK, LIMITED, Edinlmrgh. 


- 1"10_..,.... 




G \.,\ 
 ?--Þ-?-- '-< 
",-\G'é.?--\
 

G\\
Y :-.Ñ
 
'0C
 
 'Ñ\\'(\Q
 



u.e. BERKELEY LIBRARIES 
J ' II ;; II [ II 
I r I. I 
"II , 
_ ,l _ .. ,,' " I 
(035689021 


U. C. BERKELEY 
E GINEER'NG L18RAR
 



i t 
I J 
 
, J i 
! 'I í 
l!f j '1' . 
<< ,Jfl;: J 
'
 
I 
 . 
 ,.t) 1 ' I : 
:t ) 
t:t 
 ,t k p- 
I 'I I jel'! I: J j: 
· I r 'L q i I. f 1 ,{ . : 
r I I ; I 1 / :( > 'II;! II" I' 
>, .,. 'J ! I, ".! 
',fll 
 f t' 1 J 1 
, f 
.J 
t ( 
 

 ),. 
 
l · t 


.1 
t' 
{ 
I t 
· t 
I ) 1 
:lH'l 
. , . f 
I' 
\ .d .. I 
 
· .f .It J 

 , , 

 , 


"i 
oft r 1 
. , 


) t : 
ltlfl
 
1 


, . 
) 


I 



J 


t ' 



 
. 
Ii } 
1 'f. f I. 
f ,f j \ J 
J f} 'J 
f 1 
II t. ! 
) 
 l} i 
I .f J ':I ì I I,,' 11 I 
) 


}. 


.. f 



}, 
I 
,t 
I. 


I' 


f 


I J 


i! 


(i " 


I 
 tj 
) .J. 
iI ,) (t 
. 'l }
 


. . 


t'f d 


. 
l) 


, f 
, ) 
J r ( , 
)", 
J 
 i 
 '1l 
'.!f. ) 
. \ 
 t 
1 
t,)) '\ 


) . 


· J; 


, .l)fh 
\ .t 

 , 


, , 


'if 




 


,\-" 
t 


. ' 
. , , 
. 1 f l 


I: , 


\ . 
) , 


t 


h 


Ii 


,. 
. 



